THUC HANH GIAI TOAN LOP 8

Bai 21: PHAN THUC PAI SO
A. TOM TAT LI THUYET
» M{t phin thiic dai s6” (hai noi gon 1a phdn thiic) 1a bi€u thirc co dang %,

trong do A; B la hai da thitc va B khac da thixc 0.

A dwoc goi 1a tir thive (hodc ti) va B dwoc goi la mdu thire (hodc mau).

Nhin xét: Mbi da thitc cling duoc coi 1a mdt phan thikc véi mau bang 1. Déc
biét, s6 0 va s6 1 cling 1a nhitng phan thirc dai s6.

* Hai phdn thitc bang nhau

Hai phan thitc % va % goi 1a bang nhau néu AD = BC.

é=g néu AD = BC.
B D

DA « A 7 . 2 A ’ A \ aA N 2 o A7 A? .7 . » X
* Dieu kién xdc dinh cta phan thttc 5 la diéu kién cta bién dé gia tri cia mau
thttc B khac 0.
B. BAI TAP

Dang 1: Chitng minh hai phén thitc bang nhau
1. Chitng minh hai phan thttc bang nhau.

2
2y 3 _ B by 2ty _3elety)
4 8z 3z 9z2(m—{—y>
q) 20 + 4z 2 d)x+1_a:2—|—4a:—|—3
(x+2)2 T +2 r+3 2" +6z+9
e)x—2_ 8 —1° f 2y 2y -1 w+y—1
-z x(:c2+2:c+4) -y +20+1 z—y+1
2. Visao cac két luan sau dung?
zy® _ 5z'y -2 (v-—2)
a) W _ 5Ty b) _e=2
7 3527y z+2 x —4
2 2 _ 2 _ _
c r(z+3) oz d):z: 8047 o —6r-7

w(z+3° z+3 r—1 T +1
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3. Ba phan thtic sau c6 bang nhau khong?

2x—|—3.B_2x2—13x—24.C_10x2+11x—6
15 152 —20 75z — 30

4. Chitng minh cac dang thic sau:

a)gj—2: 2% — o ) (in)

—Z x(:v2—|—2x+4

3 —3x(x—y
b)x—l}-(y: yQ(—xz ) (xx:i:y)

x_|_y_3a<x—|—y)2
3a _9a2(1:+y)

(a =0,z = —y)

<)

Dang 2. Tim diéu kién xac dinh ctia phan thitc

5. Tim diéu kién ctia = d€ cac phan thirc sau xac dinh

z—2 z+1 5
a b C
) T )x—3 )9—$
1
_ —z+4
d) ;+i0 e)f - f)5 3
et “x+4 6"z
2 2

6. Tim diéu kién ctia = d€ cac phan thirc sau xac dinh

z—4 9 24247
b) = o T EH AT
<x+1)(ax—3) z-—1 - —z
2z +1 e) xr—4 ¢ 2x +1
2 +4r+4 9% — 16 > —5x+6

7. Tim diéu kién ctua z d€ cac phan thirc sau xac dinh.

S5z —4 2018 P —4

a) — b) )
25" —x x(a;—l)(x—Q) —x° +4x -5

d) :12;+y : o 2596—|—4y ) 20218x—|-2019y
(:[:+3) -I-('y—2) z° + 6z + 10 9z — 24z + 16

8. Chitng minh cac phan thitc sau luén c6 nghia véi moi gia tri cta «
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7 6—z 8 — 1’
a)— b) ——— Y
" +5 <x+1) +4 r+2x+9
—2z —11 T+ 2y )
& — ) e)e) ————
-z +4x -5 T =2z +y +2 e

Dang 3. Tim diéu kién ctia bién thoa min dang thikc.

9. Tim gia tri cta z d€ gia tri ctia cac phan thirc sau bang 0

T+ 3 3r—6

a) — [z = 3) b) =
r—3 x+2

9 5z* —125 d) o —4x +4
22 +1 2’ —4r+5

10. Tim cdc gia tri nguyén cua z d€ phan thic sau c6 gia tri nguyén

3 b) 25 C) : 7
2z —1 z-+1 r—z+1

a)

Dang 4: Toan thuyec té

11. Ao Ba Om hay Ao Vudng, la mot thang canh ddc d4o va néi tiéng ctia tinh
Tra Vinh, Viét Nam. Mt nudc 4o trong xanh va phang ling dwoc pht1 béi hoa
sen, hoa sing. Ao dugc bao boc xung quanh béi cac go cat map mo véi cac hang
cdy sao, cay dau cd thu hang trdm ndm tudi cé ré ndi lén khoi mat dat tao nén
nhing hinh thu ki la. Ao ¢6 hinh chi* nhat c6 chiéu rdng la z, chiéu dai la
(« +200)mét, duoc dao ¢ trung tim miéng dat hinh vudng c6 canh 1a(z + 400)

mét.

a) Tinh dién tich cta ao.

b) Tinh dién tich phan dat con lai sau khi da dao ao.

12. C6 mot miéng dat hinh vudng c6 canh 1a (a + b) mét. Nguoi ta chira ra phan
dat hinh chtt nhéat c6 chiéu dai va chiéu rong lan lwot 1a (a +b) va (a —b) d€lat
161 di (a >b> 0) . Viét biéu thirc dai s6 tinh dién tich phan dat con lai dé lam

vuon.
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13. Mot miéng bia gidy hinh vudng cé canh bang 20¢m . Nguoi ta cat bo bon hinh
vuong nho & bon goéc clia miéng bia cé canh bang = dé khi gap lai dwoc mot
hinh hop chit nhat.

a) Viét biéu thirc dai so tinh d¢ dai canh ctia mat day sau do tinh dién tich day
cua hinh hop ch nhat dwgc gap theo =.

b) Viét biéu thirc dai so tinh thé tich cua hinh hop cht nhat theo z.Biét cong
thirc tinh thé tich cta hinh hop ch® nhat vV = S.» (S: dién tich day, & la chiéu
cao).

c) Viét biéu thic dai s6 tinh thé tich ctia hinh hop ch nhat khi ngwoi ta cit bod
4 hinh vudng c4 canh x = 2cm. Biét thé tich ctia hinh hop chit nhat bang tich 3

kich thuwedc, hay bang dién tich ddy = chiéu cao.

14. Mot miéng bia hinh chi* nhat c6 chiéu dai hon chiéu rong 30cm . Nguoi ta
cat 4 hinh vudng nho 6 4 géc clia miéng bia cting ¢6 canh la 6cm. Sau khi gdp
lai dwoc hinh hop chit nhat cé thé tich 3354 ¢m’. Biét thé tich ctia hinh hop chi

nhatla V = S.h voi S la dién tich day, ~ la chiéu cao ctua hinh hop ch nhat
a) Viét biéu thirc dai s6 tinh dién tich day cua hinh hop ch nhat sau khi gap.
b) Tinh cac kich thudc ciia miéng bia luc dau.

15. Nha treeong t8 chirc gidi bong ¢4 mini mitng Xuan cho hoc sinh khéi 8, méi

16p ¢t mot ddi tham duy, mdi do6i an luot gdp doi ctia 16p ban mot lan.

Boi duong ning luc hoc mén Todn 8
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a) Viét biéu thirc dai so tinh tong sd tran ctia khoi 16p 8 néu c6 = doi (x € Z*)
tham du.
b) Néu s6 tran ddu 1a 10 thi khdi 8 c6 bao nhiéu 16p tham du?

Dang 5: Tinh gia tri biéu thirc (dang khd)

16. Tinh gia tri caa biéu thirc

2
—2x— .
a) A=xz—x3,x¢1 tai 3x-1=0
x +2x+1
x_2 . 2
b) B=————,x#2;x#3tai x’ -4=0
x°=5x+6

1 , IS SR .
17. Cho z + — = 3. Tinh gia tri cua cac biéu thttc sau:
T
2 1 3 1
X X

gC=z 11 d) D=s ++ \
T T

18. Cho ba s6 a,b,c khac 0 va théaman: a +b + ¢ = 0.

1 1 1

Tinh A4 = +
a4+ = V4t —adb F+adE=1

Dang 6: Tim da thitc trong dang thic.

19. Tim da thitc 4 thoa man mdi déng thirc sau:

a) Az b) A 22—y
-4 z+2 r+y xT—vy
4+l 1-2° 1-2° 14+2+2°

C) = d) =

x A A x
e) 2 +2y+yt A f) —2zy+yt A
T—y 2t —y r+y zt =y

Boi duéng ning luc hoc mén Todn 8
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Bai 22: TINH CHAT CO BAN CUA PHAN THUC DAI SO

A.TOM TAT LI THUYET
e Néu nhan ca ttt va mau ctia mot phan thiec véi cing mot da thiee khac da
thitc 0 thi dwoc mot phan thite méi bang phan thike da cho.

A_AM 1113 mot da thire khéc da thite 0)

B BM
e Néu t&r va mau ctia mdt phan thirc cd nhan ttr chung thi khi chia ca tir va mau

cho nhan t&t chung d6 ta dwgc mot phan thite bang phan thite da cho.

% _ gi—x (N 1a mot nhan it chung)
* Mudn rit gon mot phan thirc dai s6 ta lam nhw sau:
- Phan tich t& va mau thanh nhan t& (néu can) dé tim nhan t& chung
- Chia ca t& va mau cho nhan t& chung dé.
e Mudn quy dong mau thirc nhiéu phan thitc ta lam nhuw sau:
- Phan tich cAdc mau thitc thanh nhan t& r6i tim mau thic chung;
- Tim nhan t phu ctia mdi mau thitc bang cach chia MTC cho mau thiic d6;
- Nhan ca tt va mau ctia mdi phan thic véi nhan tir phu trrong ting.
B. BAI TAP
Dang 1: Tim da thitc thoa man dang thirc cho truéc

1. Tim da thitc A thoa man mdi dang thikc sau:

3 2 &) 5x+y 2_ 2 7.
a) 4 _2 +4x,v01x¢:l:2; b) ( ):596 5y,v01x¢y
T —2 zt—4 3 A
? 22° 4+ 1 ‘. 1 — — ‘-
C)x+8: x+6x,V01 r=0,1=— d)y r_7 y,VlezQ
2z —1 A 2 2—z A
2. Tim da thitc A thoa man mdi dang thikc sau:
2 —_— —_—
a) 6b 9b:3—bvéib¢i§; b)n TR v6im =2,
4 -9 A 2 2—m A

Dang 2: Bién d6i phan thitc theo yéu cau dé toan

4z + 3

=5

3. a) Cho phan thtc . Bién d6i phan thitec da cho thanh mét phan thic

bang né va cé ti thirc 1a da thitc A = 122* + 9z.
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8z — 8x + 2

b) Bién d6i phan thiec (433 — 2) (15 - x)

thanh mot phan thitc bang né va cé t

thitcla A=1-2z

124> —12a + 3

(60 —3)(5 - a)

thanh mot phan thiic bang né va c6 ti thiec 1a da thtic A =1-2a

4. a) Cho phan thuic (a =20 = 5). Bién do6i phan thiic da cho

=7

b) Bién d6i phan thuc
4z + 3

T = _73@ = 0] thanh mot phan thikc bang né va
c6é mau thtec 1a B = 122% + 9z

5. Bién d6i moi phan thitc sau thanh mot phan thiec bang nd va cé ti thiec 1a da
thitc B sau day

2r—5

1 a va B=21" -3z -5
"+

a)

(x+1)(:1:2 —1—x—6)

gl

vaB=2x-2

6. Tim bo ba da thitc A, B,C théa man chudi d:fmg thirc sau:

A B C
r—3 P—4x+3 P -27

voi ¢z = 1,z = 3.
7. Tim bd ba da thitc 4, B,C thoa man chudi d:fmg thitrc sau:

A(m—l) B

- =— =— vOi = +2
o +4x+4 -4 x4+ 8

8. Duing tich chat co ban ctia phan thitc d€ bién ddi mbi cdp phan thikc sau
thanh mot cdp phan thitc bang né va cd cling t thiec:

L r—1 o
3 @ by £F5 gy 2225

a Y%
)x—}—2 5% 4x 2z + 3

Dang 3: Tinh gia tri ctia phan thtc

9. Tinh gid tri ctia phan thitc:

Boi duong ning luc hoc mén Todn 8
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2r + 2

3z + 3z
2 +2r+1

; vOi z = £1 tai z = -2
- —1

voirz=—-1taiz=1 b)

2
10. Tinh gi4 trj ctia phan thitc: —2 1 v6i 2= Lz = — tai 32 —1=0
20 =3z +1 2

11. Tinh gia tri cua cac bi€u thirc sau:

213

a) A="" y6ia=12;b=—36

a’b’
- & _].
b)BzMVOIx—y:—
= 2xy + o’ 2
o) C= (z = 2)(2z + 2°) v6i g = —
(z +1)(4z — 2°) 2
—zy — ? ‘- -3 1
d) D= 33: ny y+y VOl =—;y =—
Yy =3y +3y—1 4 2

Dang 4: Chttng minh cip phan thitc bing nhau. Tim gia tri cia bién dé phan

thitc bang nhau.

92 — 6 32 —3:x+3
2 va 3
3z —|—3x—<2x—|—2) 2 41

12. Cho cap phan thtc voiz=1vaz= %

Chitng t6 cip phan thiic trén bang nhau.

v +5y+6 . 2" +5y—3
3y +6 6y — 3
phan thitc nay c6 bang nhau hay khong?

13. Cho hai phén thitc Vol y =2 vAy = % Cap

2 —1 Lt —2r—3
va

- —3xr—4 ¥ —r—2

14. Cho cdp phan thtc (.CL‘ = —lx=2x= 4)

a) Hai phan thtec nay c6 luén bang nhau khong?
b) Tim gid tri cu thé ctia  d€ hai phan thitc bang nhau
Dang 5: Rat gon phan thic

15. Rt gon cac phan thitc sau.

a M 251y (x + 1)3

3z (b — st
212°y" 2 b) c)M d 6038@/(336 2)

30ay(z + 1) 12(c —5) 45ay* (2 - 3¢)

Boi duong ning luc hoc mén Todn 8
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16. Rut gon phan thtc

3,4 2 2
A:17xyz p__ Y~y " 25
342y’ 2 4oy — Ty’ 5z — 1°
2 2 2
el e I T T
L 15x(x—3> y y -y
17. Rt gon phan thic
4 4 3 2 2 2_2
. 2a,:v ax2 p_2 —|;a: 6z c— a ab
a +axr+x x” — A4z ac + ad —bc —bd
(x+a)2—4x2 5 y(?x—z2)<y—|—2> F:x2—3m+2
= - 3
a’ + 9z° + 6ax x(2y+y2)(a:—2) 7" -1
18. Don gian cac phan thirc
T2t + Ta 48y —12y° + 3y° 4y’ —1+42z
a) ——(z=x1) b)) LT (yag) o L Y
r —1 Yy~ + 64 -y +1+4+2z
2 32 4 5.2
d x2—|-:vz Ty — Yz o) & ng z+1 f x3 2" +1
T+ xz+ 2y +yz 41 r —3r—2
Dang 6: Tim mau thitc chung ctia cac phan thitc
19. Tim mau thitc chung ctia cac phan thiec sau:
2 z-— - 2 - ~1
_;a: 2y b)_3;5+23$ C)x—l; : sz;:v :
3ry  bx Ty 2y 2¢7y  4x’y" 3xy
—2 2 — 1
4) =2, 3z + e) 3 ;7 T L. 5) ; 332—1-7
5 7(z+1) z+1'3z+3 3z 4z —4 62* — 6z
20. Tim mau thttc chung ctia cic phan thtic sau:
2 1 14
a) ;e 2 b) ; ; —
r+3 22-6" -9 S5r—a° z° —25z 3415
v z+1 T—9 1 1 1
C) 3 ' ’ d) 2 ’ ’
-1 22—z 2 +z+1 o —3z+2 -1 2¢0-4
T—x 7’ 2z
e

x2+3:v+27x2+51:+6,x2+4x+3

@ Boi duéng ning luc hoc mén Todn 8
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Dang 7: Quy dong mau thitc cic phan thirc

21. Quy déng mau cac phan thtic sau:

5 Tz —2 2 24+ 1 5 z+7
a) —; b) ; ) —; ;=
6 3(3;—1) 524+5 3z + 3 27" 102 4+10" 522 + 5z
22. Quy déng mau cac phan thic sau:
1 T 3 1 20 7
a) ’ ’ 2 b) 273 o2
20+4 20 —4 4—¢ T —2z° 4z’ —x 227 +=x
z z+1  xz4+2 d) 1 ) 1 1
P14 -1 372+333+2,(a:+1)2’<3:—|—2)2

Dang 8. Chitng minh dang thitc. Chitng minh biéu thitc khong phu thudc vao
bién.

23. Chting minh dang thtc.

2
NUET ESWES N (¢+a) —42® 44
30° + 3b 3b° o’ +92° +6ax a+ 3z
Q) x2—3x+2_ T —2 d) Xy+x—2y—2 y+1
7’ —1 '+ x+1 4 —4x + x° X —2
2 2
e) 22" 4+ 3zy +vy 1

2% + 2ty — 2ay’ — ' x—y

2 42 3 2
dxy” — 4z y2+:v va Q= 2zy — x 23—1—:{7 véi
43" — 8y dr — 4z
:czO;le;xiQy.Ch&ngminhréng P=qQ.

24. Cho hai phan thttc P =

25. Chirng minh biéu thirc khong phu thudc vao biénz .

(:1:2 +a>(1—|—a)+a2x2 +1
($2 —a)(l—a)+a2z2 +1

(a; —l—j/)(_ayy— ax)

Dang 9. Chitng minh phén thirc tdi gian.
26. Chiing minh rang cac phan sd sau t5i gian véi moi s tu nhién 7 :

3n+1

12n+1 . n®+2n o2n +1
5n 427

; ; d )
30n + 2 n' 4+3n +1 )2n2—1

a) b)

Boi duong ning luc hoc mén Todn 8
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Dang 10. Tim x d€ phén thtcc c6 gia tri 1 s6 nguyén

27. Tim sd nguyén z d€ phan thic sau c6 gia tri la s6 nguyén:

2_
a) > b) ——; g— ", @r=
2 —1 2 +1 2 —r+1 z+8

28. Tim s0 hitu ti z d€ phan thiic co gia tri la sO nguyeén.

2 +1

@ Boi duong ning luc hoc mén Todn 8
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Bai 23: PHEP CONG VA PHEP TRU PHAN THUC DAI SO

A.TOM TAT LI THUYET
* Quy tac cong hai phan thitc cing miu.
Mudn cong hai phan thikc ¢6 cting mau thite, ta cdng cac tix thikc v6i nhau
va gitt nguyén mau thtic
A B_A+B
M M M
Cht y: Ta thuong viét tong dudi dang rat gon.

* Quy tic cong hai phan thitc khong cling mau.
Mudn cong hai phan thitc c6 mau thirc khac nhau, ta quy dong mau  thikc
roi cong cac phan thitc c6 cing mau thite vira tim duoc.
* Quy tac trit hai phan thitc
Mudn trir hai phin thifc ¢6 cing mau thifc ta trir cdc tir thirc va gitr nguyén
mau thtc.
A_B_A-B
M M M
Muobn trir hai phin thitc ¢6 mau thiic khdic nhau, ta quy ddong mau thikc roi

trtr cac phan thitc c6 cung mau thitc vira tim dwoc.

¢ Rut gon biéu thitc c6 ddu ngoac

Néu truede dau ngodc c6 dau “+” thi bo ddu ngodc va gitt nguyén cac s6 hang.

Néu truede dau ngodc c6 dau “— thi bo dau ngodc va ddi dau cac s6 hang
~ v

trong dau ngoac.

B. BAITAP

Dang 1: Cong cac phan thitc dai s6 cing mau
1. Thuc hién phép tinh:

x—4 —-10—8=z Tr—2 2—8xy

a) + b)
14 14 24xy 24zy
0 3as—y+6x—|—4y d) 33:y—4+7—12x+43:—3
x+y  3r+y —25zy —25zy  —25zy

2. Thuec hién phép tinh.

Boi duong ning luc hoc mén Todn 8
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2 — 92 2 2 2
a) 3 +a b)x+2:1:y+3y xy+2y 3xy
5—2a 2a—95 T—y y—z T —y
6b—3  2bx —2azr+ 6a—3 2 —2 T —2

C + d +

)a2—b2 b —a? )m3—2x2—i—x 2w — 1t —

3. Thuiec hién phép tinh:

2 2 2 o 2 o
a) oTY 3z+4xy—|—3z b)2 a +a 2a +7 5a<a¢3)
3xy 3xy a—3 3—a a—3

Dang 2: Cong cac phan thitc dai s6 khac mau.
4. Thure hién phép tinh:

2¢  2ax + 3z

20 — 2 1
a) 2% 4 b)a-l— b a:+
3 —3a ab —ax z—0b
3z —2 2 2 3 -2 =37 —
Q) x y+_+_ d) 2+ =4 x2+xy x
Ty Ty y—1 =z x(y—l)
5. Thuc hién phép tinh:
5 7T—2 2 9 2
a) —— = b) 22
r+2 z°—4 9—4x 2r —3
4 1 2x — 5
C) Qx + 2 . d) 2 + m2
200 —zy 1 —2xy 4z 2x —2
6. Thiec hién phép tinh:
> 42 3 1
a) A=LF2 +——(o=1)
-1 z+z+1 11—z
b)B:1_2x+ 2z n 1 :
2x 20 —1 2z —4x
c) C = 1 + r=2
2r+3 2x—-3 22" —z—3
1 1 1+z

d) D= + + .
) ' +r—-2 2¥—-2-2 (z+17—(2+3)

7. Thyec hién phép tinh.

1 1 1 1 1 1
a) + t——t—tt—+—
l-z 1+z 142z 1+z 1+=z 1+z

Boi duéng ning luc hoc mén Todn 8



¢ 2 + 2 + 2
o4+ 3x+2 2 +12x+35 2z +7x+10

8. Rut gon ro6i tinh gid tri ctia phan thic thu gon:

2
L TR Sipet tai z = 11
r©+rx+1 2z -1
/& . _]_
b) x2+1 +x—i—2 VOl = +1xz =0 tai © = —
r—x 11—z 3
— ‘. 1 . 1
C) 2x+1+1 2 _ 2 vOi z = £= tai v = —
4z —2 4 +2 1-—47° 2 4

d) 3r—y 2z —3y
T —95 2y +5

Véia:¢5,y¢_75 y—2r=>5

9. Rat gon roéi tinh gia tri cua phan thic thu gon:

a) A= 21 - 21 , biét 2y = —1
y' -y 2t —ay

b) B=—2 12273 higi 3y —z—6
y—2 z—06

¢) Cho =,y,z1a cac s khac nhau va z +y + z = 2023.

3 3 3

i z

Tinh C = y
e e =2 = —2 -y

10. Cho ba s6 a;b;c ddi mot khac nhau. Chiing minh rang biéu thitc sau khong

phu thudc vao a;b;c:
bc n ac 4 ab
(a—b)(a—c) (b—a)(b—c) (c—a)(c—b)

11. V6i a,b,¢ 1a 3 56 khac nhau. Chiing minh téng sau bang 0.

1 n 1 n 1
(a—=0b)(b—¢c) (c—a)(a—b) (b—rc)(c—a) '
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Dang 3: Tim cac hé s6 thoa man diéu kién cho trudc
12*. Hay tim gia tri ctia a,b d€ cd cac dang thic sau:

% a b
a) = + :
(z—=2)(x+3) x—2 z+3

b) St +31 @ n b .
(x=5)(z+2) -5 z+2

3r +5 a b
C) = + ~.
(-1 z-1 (z2-1)

1
d) 8:1:+2: a n b _
(z+3)° =+3 (z+3)

e) 1 _ a N b
wz+D(z+2) zz+1) (@+1)(@+2)

13*. Xac dinh cdc s6 hitu ty a,b,c sao cho:

92> —16x+4 a b c
Q) ———— = + .
z* — 327 + 22 z z—1 x-—2

2z — 1
b) Tt —z+ _— a n b n c .
(x+1)(z—2) r+1 -2 (x-2)

Dang 4: Tri cAc phan thirc dai s6 cling mau

14. Lam tinh trir cac phan thtc sau:

2x—1_6x—1 b) 3:10—|—2_2—5:v
4%y 4%y 20 -3 2z—3
z—17 1lz+1 10z —15 22+ 7
C) - d) _
3—2r 2x-—3 3 —2 2—3z
15. Lam tinh trt cdc phan thttc sau:
a) 21:y—5_5xy2—5 b Tr+5  4r+5
8y Sy 3x(z+4) 32" +122
C)x—2_18—x+$+2. d) 5x2+x—|—4_a}2—2x_z2—3x—8.
tr—6 2x—6 2x—6 b —8 z —8 2’ —8

16. Lam tinh trir cac phan thtrc sau:

@ Boi duéng ning luc hoc mén Todn 8
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2 2
a)2x r z+1 =z 2. b) 5 1 " Y
z—1 l—2z =z-1 y—1 1—y y—1
2 2 . _
C)4 x 20 —2" 4z 5. d)2x 9 2—-z 1
T—05 dS—x T—05 r—6 zx—-6 6-—z
Dang 5: Trir cac phan thitc dai s6 khac mau.
17. Rat gon cac biéu thuic:
2
o4 2+l by o1 o4
3r+2  312* 42z z+1
0 I 2z d) 3r—1 3z+1 6z
=1 ' —2"4+2-1 6r+2 2—6x 9z —1
18. Thurc hién cac phép tinh sau.
2 —
a) +a 1 b)3_7 z
2a 2 r—1 2x—-2
7 Tz-31 2"+’
c) —— z d)z2+y2—¥.
5 dx—15 x4y
3z —1 1 2z +9 1
e) ———— f) - — .
-1 z-1 9—4z" 2243
19. Thuc hién cac phép tinh sau.
1 1 2z r+1 z-—1 4
a) — + =7 b) — — =
T—y TH+y x°—y r—1 z+4+1 1-—12
0 z 1 3 . d T+4 T 4
20—-2 2" -1 2242 —Tr+10 2—z
20. Thyrc hién phép tinh:
1 2x 1
a) — T3 2 +—
r+3r+2 442" +4r 2" +5Hxr+6
1 1 -2
b) = +—
2¢+3 2z—-3 22°—x2-—3
1 1 142
¢ 2 + 2 2
r+zr-2 z-z-2 (z+1)°—(z—3)

21. Thiec hién phép tinh
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11 2 4 8 16
r—1 z+1 2241 2'41 2841 2% 41

b) B =

22. Tinh gia tri cua biéu thirc:

_2x+1  1-2x 2

a) A + —
dz —2 Adx+2 1—45°

& 1
vol1 r = —
4

b) B:3a:—y_2x—3y

voiy—2r=>5
x—D5 2y +5

20+ 20—z 4a L.
— + VOl £ =
2—z 24z 22X —4 a-+1

c)C=a+

23. Chttng minh ré“mg: 1

= . Van dung tinh nhanh cac phép tinh
z z4+1 z(z+1)

sau:

1 " 1 n 1 n 1
z(z+1) (z+1D)(x+2) (z+2)(x+3) (z+3)(z+4)

a)

1 1 1 1 1 1
5 +— +— +— +— +
4+ o +3x+2 4+5x+6 +T7z+12 24+924+20 x4+5

b)

24. Chting minh dang thtc:

2) 4r* —(x—3)" 7’ —9 2z —3)° —2*
9z* —1) 2z +3) —2* 42" — (v +3)

b) y—z z2— T—y _ 2 2 2
(@—y)e—2) W—2)y—2) (-2)z-y) z-y y-2 z-z

Dang 6: Tim phén thitc thoa man yéu cau
25. Tim phan thic A biét

2
4+ xz+1 11—z 0 —1
2
b) 2a 6 + A= 6__ 2a2véia¢:|:1,a¢3
a*—3a*—a+3 a—3 1—a
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S ) LA b N, i E S
r—1 zo-2z+1 2z +2x+1

Dang 7: Rat gon biéu thitc c6 ddu ngoic

26. Tinh gia tri cuia biéu thirc:

a) :1:~|—3_ 2t —1 x—3
z+1 z—1 2 —1

1 1
+

b) x<x+y) y<w+y)

0 n 3ab n a—b
b |a* =0 a*+ab+d’

1
z—1

(- a:)l(x —2) (o~ 2)1(33 -3)

27. Thiec hién phép tinh (Tw luyén).

d)

3 2_ 3 2’ —z(1—5z)—1
a)A:$+ - 21’ + 3 (2 ) ’
20 —1 |42° —4zx+1 8z° —12z° + 6z —1
4(.’L’ + 3)2 .’IJ2 — 95 (21‘ —+ 3)2 — .'172
b) B = = +

(32 + 5)2 R L 5)2 (42 + 15)2 e
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Bai 24: PHEP NHAN VA PHEP CHIA PHAN THUC DAI SO

A.TOM TAT Lf THUYET

* Quy tic nhan hai phan thic.

Mudn nhian hai phin thire, ta nhdn cdc tie thikc v6i nhau, cic mau thirc v6i nhau
40 _ac
B D BD

Cha y: Ta thuong viét tich dudi dang rat gon.

e Cac tinh chat

Giaohoén:é.gzg.é
B D D B
Két hop: ACIE_AIC E
B D|/F B|\D F

Phan phoi d6i véi phép cong:

ACIE_AICE
B D|F B|\D F

* Quy tac chia hai phan thic

Muh chia phin thikc % cho phin thite % Khic 0, ta nhin % 06i phin thitc g

B. BAI TAP
Dang 1: Nhén hai phan thirc dai s6
1. Thuc hién cac phép tinh sau

3 2 2 3 2
a ldz 2y b) 5y2. _ 227 c) -8 Qx + 4z d) 32" | — 7z
5y Ty 52420 2* +2z+4 9zy”

2. Thuec hién cdc phép tinh sau

9%° a* -9

1§§3.47%2(x¢0;y¢0) b) Pt (az—B;azO)
an? [ Tm? . 3b+6 2018 .
d) 17m4.[— 12n](m¢0,n¢0) d) o) oea] (b= —2b=09)
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3. Rut gon biéu thirc

th 4P + 8 t 3t°+3
a) A= - — > (tz—l)
200 + 2 12t +1 t* + 4t + 8
-1 3
b)B:y—.y2+y+1+ Y (y::O;y::l)
2y -1
28 +22° +3 3z 4+ z+1
Q) 0= (7= +1)
> —1 z+1 2°4+22°+3
3 2_ _
d)D:“”“ e-2) 1 2 1 (a = —5;—2£1)
3a +15 a—1 a+1 a+2
7 7 ]- s .
4. Tinh hop li: M = ! ! ! ! ! VOi z = +1

l—z 1+z 1+2* 142" 1+2° 142"
5. Thuc hién cac phép tinh sau

a) m3_1[m1 m+1 (m¢—2;m¢1)

2m + 4 —1_m2+m+1

u® 2001 — 2u u® u+16

b ) )
)u—2017 U+ 2 u—2017 u+2

(u = —2u = 2017)

12x—l—5_ 42 + 3 +123:—|—5. 6 — 3z

C
)x—|—9 360z +150 =z +9 360z + 150
d) t+3y 4e—2y x+4+3y z—3y

3r+y x—y 3z+y T—y

6. Tinh gia tri cua cac biéu thirc sau.

2 2 _
a) A=|2EY 4| 228 Voig =15, y = 15
-y 2y
oy T+y 1 ..
b) B =|——*|. - ~+ Véiz=15,y=5
T)\z" +ry+y T—Y

T+Y+=z

C) C:(ﬁ_yz_,z? +2yz)'x+y—z

Véi z=86y=22=14
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7 Cho K — :E—l—l_:v—l x2—4x—1.x+2003
) r—1 z+1 2t —1 T '
a) Rut gon K.

b) Tim s0 nguyén z d€ K nhan gia tri nguyeén.

Dang 2: Chia hai phan thirc dai s6
8. Lam tinh chia cac phan thttc

Txy 142%y
37+1 61 +2

a)

=27
z+3

Q) (o* = 62 +9)

9. Lam tinh chia cac phan thttc

9x2—4. 3z +2

a) :
3r+1 62° 422
3_

C)x 8:(3:2+2x+4)
x —4

10. Lam tinh chia cac phan thitc

2r — 8
9 4+ 6

x—l.x—2.<x_1)($_3)
t—2 -3 G

a) (32" — 48):

<)

11. Lam tinh chia cac phan thttc

92 —6z+1 12z —4
o’ 4 2zy + 49 4g? + 32¢°

32’y 4 3ay’
6 —12x

1174—@/4
47 —4r+1

<)

12. Rut gon cac biéu thirc

r+1 z+2 x+3
42 z+3 z+1

a)

34z%y°  1Tzy
2ay” + 2> 3z +3

=1

20+ 3

d) (#* + 22 +1):

5z —15 x—3
2 —4 42

b)

2 + 4x° _43:2+4x—|—1

d
) 4+ r+1

2
-1
b) (3 -6z +32%): =
T
3
d) 2 +12($2—ZI)+1)I$+1
r—1 r—1
x2—|—3x—|—2. 24z

b)

2 +x—6 .x2—4x+4

* —dzy +4y° 10z — 20y
21° — 22y + 247 52® + by’

b) r+1 (z+2 x+3
1+2 |z+3 z+1
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13. Rut gon cac biéu thirc

—22x4+10 5z + 50 z 3z +15
a) A=|— + = :
T - +5x Sr+25 7
3 2 22> —x —10 5 3 3
b)B: 3 ($2+) + 3$ 2$ 12 + -
2028 + 2 +x+1) 22’ -2 +2-1)| [2°+1 2@+1) 2z-1)

c) C = :
) 29—z 2t —axy—2y° 4y +ay+a 22° 4y + 2

[x—y_x2+y2+y—2].4x4+4x2y—|—y2—4. x+1

Dang 3: Tim phan thttc théa man dang thitc cho trudc.
14. Tim phan thtc A, B,C,D thoa man:

z—4 A 2’ —b5z+4 b B12x2+18x_8x3+36x2+54x—|—27
a) 3 2 AT ) ’ 3 - 2
=3+ —3 (:1:—2)(:1:—3) A £+§+1
4 2
2
9 25—y o 2+ oyt 4ot d (x—l) —6(:17—1)+9D: 216
102 + 10zy 5z° — 10zy + 5y° 3z° — 3z 3z° — 3z

15. Tim phan thic @ biét:

a) a2+b2—2abQ_ a—>b b at —b' ) _a2—b2
a2+b2—ab. a3+b3. a4—|—2a2b2—|—b4. a2—|—b2.
T—y 2 =2zy+y° d T+y 32 + 3y

C) 3 37T 2 2 ) 3 .37 T 2 2
z° +y x Ty +y X Y T+ ay+y
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Bai 24.1: LUYEN TAP RUT GON PHAN THUC PAI SO

¢ =3  Tx410|  x+47
-2 2P4224+4 -8 2+2r+4

1. a) Rat gon biéu thic: 4 = [

2
0,5a +1

_a3—8 2

a4+ 2 2a — a’

b) Rut gon B = [a +

2. Chting minh rang véi « = 0,2 = +1 thi biéu thikc sau c6 gid tri khong phu

thudc vao bién.

a:2+x—|—1_:1:2—x+1

2 2
A T —x

:1:4+:1:3—x2—x
' z+1

A=

x—y _|_:1;2—|—y2+y—2 .4m2+4x2y—l—y2—4
2y—z 2 4y —2° r+yt+ayt+a

3. Ruat gon biéu thirc: A = [

2
z—1 _ 92
4. Cho bist thiic: P — |~ R A
3:5_,_(1,._1) x’ —1 r—1| z° +ux
a) Rat gon biéu thac P.
b) So sanh P véi %
3 3 2(2* — 2z +1
5.Cho P = IL'2 1+x2—l—1:( - )
T T +x T —x

a) Rat gon biéu thic P.

b) Tim z nguyén d€ P nhan gia tri nguyén.

2
6.ChoA:[ v —x_y]:[ y 41

y2+xy :1:2—1—:0@/ xs—xyz T+Yy

. T

y

a) Rut gon 4

b) Tim z,yd€ A>1vay<0

7. Cho x la s6 thuc duong thdéa man diéu kién z* + % =7
T

7 .7 . o« A? 7 1 \
Tinh gia trj biéu thitc A =2’ + — va B =12’ +%
X X
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8. Rut gon biéu thirc:

a
B+’ —a’ 1+ b2—|—02—(b—c>2
a) A=|1+ ¢ —@)\__bte
2be _a a+b+e
b+c
2+2
2 2 2 * N
— 3
D i 111 y1z 1+($+y+Z)
! TR Sy S ==

2
9. Cho A= l—I— 3 : L + 1
3 2’ —3x 27 — 32> z+3

a) Rat gon A

b) Tim x d€ 4 < —1
2
aﬁ+2ﬁ—x—2($+2>_x2 3

10. Cho biéu thttc M = _
=22 — 3z 4z — 4 -z

Rat gon biéu thirc M va tinh gia tri caa x khi M =3

10 — 2°
T+ 2

T—2+

11. Cho biéu thitc: 4 =|——+ +
-4 2—-z x+2

~—

a) Rat gon biéu thic A.
b) Tinh gi4 tri ctia A. Biét |a:| = %

¢) Tim gid tri clax d€ A <0
d) Tim cac gia tri nguyén ctia x dé€ A c6 gia tri nguyén.

12045 x+5  20+3

12. Cho @ = —;
=T +12 x—4 3—z

a) Rut gon biéu thic Q.
b) Tinh gia tri @ tai |x| =3

c¢) Tim gia tri nguyén cua z d€ @ nhan gia tri nguyén.
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13. Cho x, y la hai s0 thay d6i ludn théa man diéu kién: z > 0,y <0 va
r4+y=1.

T Y _ 27y T

Rt gon bidu thiec: 4 =4 2.
a) Rut gon biéu thiec o (x_y)Q (xz—yQ)z V—z

b) Chting minh rang: A = —4

6
[x—l—l —a:6+16]—2
14.Cho M=+ 7
1 , 1
rT+—| +=z +73
X X
a) Rut gon M.

b) Cho = > 0, tim gia tri nho nhat cta M .

1— 23

15. Cho biéu thitic A = 5
1+zx

+x

1—2

1+ 2°
—x
1+z

Chting to rang bidu thitc A duong véi moi z = +1

22 2 (1 1)] 1
16.Cho p - | 2=V _;_+_].
" +2zy+vy y \r y)|Tz—y
. 1 2 3
Va @ = + 7 ny +—
T+y (a: —y)<x+y) z° —2x +2

Vi gid tri nao cua x; y thi P - Q dat gia tri nho nhat.
Bai tap tu luyén

17. Thic hién cac phép tinh sau:

.. 1
a) A= (42" 1) L 1 | viz=al
20 —1 2z+1 2
b) B = 5 ) |3 + L vOi z = 0,1 = +3.
t+3 22 +4+62x4+9) (-9 3—=z

18. Rut gon cac biéu thikc sau:

a) A= vOi a = 0,a = +4b;

4a +b 4a —b | a® —16b
a® — 4ab a2—|—4ab.a2+b2
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2

13y

VOl y = £Ly £2.
R Y Y

b)B:[Lﬂ];
y+2

2
19. Cho bidu thiee p— £ 22  z—6 1086z

2 +12 z 2m<m—|—6)

!

a) Tim diéu kién xac dinh;
b) Rut gon phan thiec;

¢) Tim gia tri ctia x d€ gia tri cua biéu thirc P b?mg g;
d) Tim gia tri cua x d€ gid tri ctia biéu thuc béng —g;

e) Tim gid tri cia x d€ gia tri ctia biéu thitc bang 1.
T+ 2

20. Cho phan thitc 4 = ! Vol z =1
‘I’ —_—
a) Tim x dé 4 > 1;
b) Tim z € Z d€ A€ Z.
2 p—
21. Cho phén thitc B = Lﬂf;? V6i T = 3;
x J—

a) Tim x d€ B < 0;
b) Tim z € Z d€ B ¢ Z.

22.
a) Tim x d€ phan thitc A = ————— dat gid tri 16n nhat;
- —4xr +12
b) Tim x d€ phan thitc B = —— dat gia tri 16n nhat.
x4+ 2x+11
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Bai 25: PHUONG TRiNH BAC NHAT MOT AN

A.TOM TAT Li THUYET
* Phuong trinh mot dn
Mot phwong trinh v6i an = ¢ dang A(a:) = B(x), trong do voi trai A(x) va
v€ phai B (:c) la hai biéu thitc cua cung mot bién z.
SO =z, goi la nghiém ctia phuwong trinh A(x) = B(x) néu gia tri ctia A(x) va
B(x) tai z, bdng nhau.
Giai mot phwong trinh la tim tat ca cac nghiém ctia no.
* Phuong trinh bdc nhit mot an
Phuong trinh ¢6 dang az +b =0 v6i a, b 1a hai s6 da cho va a = 0, duoc goi
la phwong trinh bac nhat mét an z.
Cach giai thwong trinh bac nhat az +b =0 (a = 0)

ax +b=0
ar = —b

b
r=——

a
Phirong trinh bic nhit ax +b =0 (a = 0) [uén cé mot nghiém duy nhit « = b
a

* Phuong trinh dua dugc vé dang az +b =0

Bang cach chuyén v& va nhan ca hai vé& ctia phuong trinh véi mot s& khac 0,
ta c6 thé dwa mot s6 phuong trinh an z vé dang az + b = 0 va do d6 c6 thé giai
dwoc chang.

Tap hop tat ca cac nghiém cua mot phuwong trinh dwgc goi la tap nghiém
ctia phuwong trinh d6 va thuong dwoc ki hiéu la S

B. BAI TAP

Dang 1: Nhin biét phuong trinh mét 4n, phwong trinh bac nhit mot an,
nghiém cua phuwong trinh

1. Cho cac phuong trinh

52° —3y +4 =3z —8y; 2,50 —10 = 0 va 42° — 6z = 5z + 108
Trong cac phuong trinh trén:
a) Phuong trinh nao la phwong trinh mot an?

b) Phuwong trinh nao la phwong trinh bac nhat mot an?
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¢) SO nao trong tap S = {—4;0;4} la nghiém ctia phuong trinh mot an?

2. Cho bon phuong trinh:

22 —6 =0 D
' =22 —3=0 2)
(z —1)(z +5) — 22° = 152 — 47 ()
(5x—15)(x*+1) =0 (4)

a) Chting to rdng = = 3 1a nghiém chung ctia ca bdn phuong trinh.

b) Chting t6 rang z = —1 la nghiém ctia phuong trinh (2) nhung khéng la
nghiém cta phuwong trinh (1) va (3).

3. a) Vi gia tri nao cua m thi phwong trinh %maz =4z +2 nhan z = -5 la
nghiém?

b) Véi gia tri nao caa k thi phwong trinh (295 + 1)(9:c + Qk) -5 (:c + 2) =40 nhan
z =2 langhiém?

4. a) Tim m d€ phuong trinh 2z —m + 2 = 0 khong nhan z = 1 lam nghiém.
b) Tim m d€ phuong trinh z° — (2m + 1)3: —3=0 khong nhan z =2 lam

nghiém.
5. Chiing to cac phuwong trinh sau vo nghiém:
a) 2z -3 =2(z—3); b) 2 +1=0; Q) |z —2|=-1.

6. Chtiing to cac phuwong trinh sau ¢6 vo s6 nghiém:
b)4(x—2)—3x=x—8; b)x2—2x:<x—1)2—1;

C) (ac—l—2)2 =z’ +4r+4.
7. Vi gia tri nao ctia m thi mdi phwong trinh sau 1a phwong trinh bac nhat
mot an?

a) mr+(m—-1)x’+2=0 b)(m* - 12" +x-10=0 ¢)2mz’ +3x+2=0

d) (m—-3)z+25=0 e) br —mx =2m +1 f)
4z +mx = 3m* + 1

Dang 2: Giai phwong trinh
8. Giai cac phuwong trinh sau:

a) 3z—9=0 b) 52 +35=0 )9z —3=0
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d)24—8z=0 ) 62416 =0 f) =72 +15=0
9. Giai cac phrong trinh sau:
a)dz+5=1 b) -5z +2=14 c) 6z —3=8z+9
d) 72 —5=13 -5z e) 2— 3z =5z +10 f) 13— 7z = 42— 20
10. Tim m d€ phuong trinh sau c6 nghiém khac 0
a)4r+9—-m=20 b)2z—-1+m=0 )3z +8—-2m =0
11. Tim gia tri cia m sao cho phuong trinh sau
a) 4z + 3m = 3 — 2z nhan z = —3 lam nghiém
b) 5z —2m = z —2nhan z = —1 lam nghiém
C) 7z 4+ 4 = z —2mnhan z = —6 lam nghiém
12. Cho hai phwong trinh an z:
3r—3=0 ()va 6+kz =8 (2)
Tim gia tri cta k£ sao cho nghiém cta phuwong trinh (1) cling la nghiém cta
phuong trinh trinh (2)
13. Cho ba phuong trinh: 12,6 —3x =0 (1); 3x+2=7x—10(2) va 5 — kx = 8 (3).

Biét mdi phwong trinh nhan mot trong ba gid trila x = —2;x = 3 va x = 4,2

lam nghiém. Tim % .

14. Cho phuong trinh (m”—9).2z + 3 = m trong d6 m la mot s6. Giai phuwong

trinh trén trong mai treong hop sau:

a)m=3; b) m = -3; c)m=>5; d) m=0.
15*. Giai cac phwong trinh:

a) (z+1)+ 2z +3)+ Bz +5)+... + (50z + 99) = 5050.

b) (z—1)+(z—2)+ (z —3)+... + (z — 2015) = 0.

zr—1 -2 -3 x-—4
C) + + + =4
99 98 97 96

16*. Cho phuong trinh (z +1) + (22 + 4) + (32 + 7) + ... + (nz + 61) = 420.
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a) Tinh n; b) Giai phuwong trinh.

17*. Giéi cac phuong trinh:

2 1 2 2 2 2 2
a) 22 tl 2v42 2wds, A8 2wHI gy,
9 8 7 2 1
b):1:—1+a:—2+x—3+m+x—2014+£:4030.
2015 2014 2013 2

Dang 3: Giai phuwong trinh dwa dugc vé dang ax +b =0

18. Giai cac phwong trinh sau:
a) 15—8xr =95z b)—§x+1:zx—10
9 3
Q) 5—(z—6)=4.(3-22) d) 3,6 —0,5.(2z +1) =z — 0,25.(2 — 4z)

19. Giai cac phwong trinh sau:

a) 10x—|—3:1+6—|—8a: b)£—2x+1:£—x
12 9 3 6 6
C)x+4—x+4=§—z_2 d) 22 0250 =122 1 025

20. Tim gia tri cia z sao cho cac biéu thitc Ava B cho sau day cé gia tri bang
nhau:

a) A=(x—3)<x+4)—2(3x—2) VéB:(:U—4>2
b) A:<w+2>(:c—2)+3x2 va B:(2x+1)2—|—2x
C) Az(m—l)(af—l—x—f—l)—lx va B=x<x—1)<x+1)

21. Tim céc gia tri ctia y sao cho biéu thitc A va B sau day c6 gia tri bang
nhau:

4_Y=2 9=y 2-y 3(Gy=9). 5 45-2%y 2-y Sy-9

2 8 6 4 8 3 2

22. Giai cac phuong trinh:

3—x+2x:4az+3_2(1;—1);
3 5)
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J—— 2 J——
6 3 4
r—1 5-3z
T + .
C)S—I—x_ 3 __5 +:c 3;
3 2 2 5
2LE—4_23$+LE—1 _8—333
r—3 3 5 2+ b5z
d) + - 4 3
6 4 3

23. Giai cac phuong trinh:

a) 3z L + L
294 295

7

6 5] 32 —294 3z —295
+ = + -

204 ' 295 6 5
1 1 1 4 122 12

b) o]t L |y5 A D 76 12T+ 12308+ x),
126 125 124 126 125 124 192.123

99z — 50.49 — 51.50  25(z — 52) + 48(z — 175)
50.49 48.25

C) =0;

4z — 350 + 4z —100 n 4z —95  110.55 +145.45 — 400z

d
) 15 25 35 45.55
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Bai 26: GIAI BAI TOAN BANG CACH LAP PHUONG TRINH

A.TOM TAT LI THUYET

o Cdc budc gidi bai todn bang cdch ldp phuong trinh

Budc 1: Lap phuong trinh

- Chon an s6 va dat diéu kién thich hop cho an sg;

- Bi€u dién dai lwong chua biét theo an va cac dai luong da biét

- Lap phuong trinh biéu thi mdi quan hé gitra cac dai lugng.

Buoc 2: Giai phuong trinh

Buwdc 3: Tra 1oi: Kiém tra xem trong cac nghiém ctia phwong trinh, nghiém nao

thoa man diéu kién cta an, nghiém nao khong, roi két luan.

B. BAI TAP

Dang 1: Bai toan quan hé hon kém, so sanh.

1. Hiéu ctia hai s0 1a 12. Néu chia s6 bé cho 7, chia s6 16n cho 5 thi thuong thi
nhat bé hon thuong thit hai 1a 4 don vi. Tim hai s6 do.

2. Thuong ctia hai s6 bang 3. Néu tang s6 bi chia 10 don vi va gidm s6 chia di
mot nira thi s6 thit nhat thu duoc 16n hon s6 thit hai thu duwoc 1a 30. Tim hai s6

ban dau.
3. Hai r0 triing ¢ tat ca 80 qua. Néu chuyén 5 qua ttr rd thit nhat sang r6 thi

hai thi s8 triing trong rd thit nhat bang % sO tring trong rd thi hai. Hoi luc dau

mdi 16 ¢6 bao nhiéu qua?

4. Hai thw vién ¢6 15000 cudn sach. Néu chuyén ttr thw vién thit nhat sang thw
vién thit hai 3000 cudn, thi s6 sach cta hai thw vién bﬁng nhau. Héi ban dau
mdi thw vién cé bao nhiéu cudn sach?

5. Thuing thit nhat dung 40 lit d4u, thuing thit hai dung 85 lit dau. O thung thi
hai 1ay ra moét lwong dau gap 3 lan luong dau 1ay ra ¢ thung thit nhat. Khi d6
luong dau con lai trong thung thit nhat gap doi lwong dau con lai trong thung
thit hai. Hoi da 14y ra & mdi thting bao nhiéu lit dau?

6. Trong khoi 16p 8 cua mot treong hoc, vao dau ndm hoc s6 hoc sinh nam va
nit bang nhau. Nhung trong hoc ki 1, treong nhan thém 15 hoc sinh nit 16p 8
va 5 hoc sinh nam 16p 8 nén sd hoc sinh nit chiém 51% sd hoc sinh ctia khéi 16p
8. Hoi cudi hoc ki 1, khai 16p 8 ctia treong c6 bao nhiéu hoc sinh nam, hoc sinh
ni?

Dang 2: Bai toan c6 n¢i dung hinh hoc.

7. Mot khu vieon hinh chit nhat ¢6 chu vi 82m . Chiéu dai hon chiéu rong 11m.
Tim kich thwdc cua khu vuon.
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8. Chu vi mot khu vweon hinh chir nhat béng 60m , hiéu do dai ctia chiéu dai va

chiéu rong la 20m . Tinh dién tich khu vuon.

9. Mot thira rudng hinh chit nhat c6 chu vi 250m . Tinh dién tich ctia thita rudng
biét rang néu chidu dai giam 3 lan va chiéu rong tang 2 Ian thi chu vi ctia thira
rudng van khong thay d6i.

10. Mot khu dat hinh ch@ nhat c6 chiéu dai hon chiéu rong la 10m. Néu chiéu
dai tang thém 6m, chiéu rong giam di 3 m thi dién tich méi hon dién tich cd la
12m*. Tinh cac kich thuwdc ctia khu dat ban dau.

11. Mot khu vieon hinh chit nhat c6 chidu dai bang 3 [an chiéu rong. Néu tang
mdi canh thém 5m thi dién tich khu veon tang thém 385m*. Tinh d6 dai cac
canh cua khu vuon.

12. Tinh &6 dai ba canh ctia mot tam giac vudng biét rang chung 1a ba s8 tw
nhién lién tiép.

Dang 3: Toan chuyén dong
13. Mot ca nd xudi dong tit A dén B mat 5 gio va nguoc dong tir B dén A mat 6
gio. Tinh khoang cach 4B ? Biét rang van tdc dong nudc la 2 km/h.

14. Hai 6 t6 khoi hanh cing mét lac tir A dén B. Van tdc cua 6 to tht nhat
bang % van tdc cta 6 to thit hai. Néu 6 t6 thi nhat tang van toc 5km/h, con 6

to thit hai giam van toc 5 km/h thi sau 5 gio, quang duong 6 t6 thi nhat di
duoc ngan hon quang dwong 6 to thit hai da dila 25 km. Tinh van t8c mdi 6
to.

15. O t6 tht nhat di tir tinh A dén tinh B véi van toc 40 km/h. Sau d6 1 gio,
to thit hai di tit B dén A v6i van tdc 65 km/h. Hai 0 t6 gap nhau khi 6 t6 th

nhat méi di duoc % quang dwong AB. Tinh quang duong AB.

16. Hai nguoi cung khoi hanh mot luc tir A dén B, duwong dai km. Van toc
nguoi thie nhat la 12km / h, van toc nguoi thi hai la 15 km/h. Hoéi sau lace khoi
hanh bao lau thi ngwoi thit nhat cach B mot quang duong gap doi khoang cach
tr nguoi thi hai dén B.

Dang 4: Toan ning suit

17: Mot d6i tho mo 1ap k€' hoach khai thac than, theo d6 moi ngay phai khai
thac dwoc 50 tin than. Khi thue hién, moi ngay do6i khai thac duoc 57 tan
than. Do d6, d6i da hoan thanh k& hoach trudc 1 ngay va con vuot mic 13 tan
than. Héi theo ké hoach, ddi phai khai thac bao nhiéu tan than?

Boi duong ning luc hoc mén Todn 8
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18. Mot d6i may cay dw dinh mot ngay cay 40 ha. Khi thuee hién, mdi ngay cay
dwoc 52 ha. Vi vay khong nhitng da cay xong truedc 2 ngay ma con cay thém 4
ha ntra. Tinh dién tich ruong doi phai cay theo ké hoach da dinh.

19. Mot t6 san xudt dy dinh phai lam mot s6 dung cu trong 30 ngay. Do mdi
ngay da vuot nang suat so véi du dinh 10 dung cu nén khong nhitng da lam
thém duoc 20 dung cu ma t6 d6 con lam xong trude thoi han 7 ngay. Tinh s6

dung cu ma t6 san xudt d6 phai lam theo k& hoach.

@ Boi duéng ning luc hoc mén Todn 8
@



THUC HANH GIAI TOAN LOP 8

Bai 27: KHAI NIEM HAM SO VA PO THI CUA HAM SO
A.TOM TAT Li THUYET
» Nhin biét khdi niém ham so:
Néu dai lwong y phu thudc vao dai luwong thay doi = sao cho véi moi gia tri
ctia z ta ludn xac dinh dwgc mot va chi mot dai lugng twong tng ctia y thi y
dwoc goi 1a ham s6 cua z va = goi la bién sd.
e Nhin biét toa d6 ciia mot diem trong mat phﬁng toa do
Trong mat ph:fmg toa dd, mdi diém M xac dinh duy nhat mot cap so (xo;yo) va
mdi cip s8 (7,y,) Xéc dinh duy nhat mot diém M .
Cip s8 (z,y,) goi la toa dd ctia diém M va ky hiéula M(z,y,), trong d6 , la
hoanh d¢ va y, la tung d6 cua diém M
* D6 thi ciia ham sé
D6 thi chtaham sd y = f (a:) 1a tap hop tat ca cac diém biéu dién cac cap gid tri
trong tng (:c; y) trén mat phang toa do.
B. BAI TAP
Dang 1: Nhin dang ham sé
1. Pai lvgng y c6 phai 1a ham s6 cta dai luong = khong? Néu bang cac gia tri

teong tng la

a)

N | —

b)

2. C4c gid tri teong tng cua hai dai lwong = va y dwoc cho trong bang sau.

Dai luong y c6 phai la ham s6 cua dai lwgng 2 khong ?

a)

@ Boi duong ning luc hoc mén Todn 8
@




THUC HANH GIAI TOAN LOP 8

x —2 ~1 0 1 2
y 4 2 0 —2 —4
b)
x 2 4 4 6 8
y 1 3 6 9 12
18

3. Ham s6 y = f(z) dwoc cho bdi cong thire f(z) = —.
T

a) Tinh £(9), f(—3), f(a) v&i a = 0.

b) Hay dién cac gid tri twrong ting ctia ham s6 y = f(z) vao bang sau

x —6 -3 —1 1 3 5 8

4. Ham s0 y = f(z) dwoc cho bdi cong thire f(z) = )
T

a) Tinh £(5), f(4), f(a) v6i a=0.

b) Hay dién cac gia tri twrong ting ctia ham s6 y = f(z) vao bang sau

x —6 —4 -3 2 5) 6 12

5.Ham s8 y = f(x) duoc cho boi cong thike f(z) = 32” — 1. Hay tinh f(1), f(-2)
F0), 1)

6. Ham s8 y = f(z) duoc cho b cong thtic y = f(z) =4 — 3z

a) Tinh f(-3), f(-1), £(0), £(4).

b) Tinh cac gid tri cua ztuong tng voi y b&ng 1;,—2;7.
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7. Cho ham s y = %x . Dién s0 thich hop vao 6 trong trong bang sau.

T _076 376 12

8. Cho ham s6 y = %m bién s0 thich hop vao 6 trong trong bang sau.

T -0,5 3 4,4 ]

9. Cho ham s6 y = —3z. Tim cac gia tri cia zsao cho
a) y nhan gia tri duong.
b) y nhan gia tri am.

Dang 2: D6 thi ham s6
10.
a) Viét toa do cac diém M, N,P,Q nhu hinh vé.

b) Em c6 nhan xét gi vé toa do cac cap diém M va N, % va Q .

y
P4 1
P —4-3-2-1 1
A T T T
M P oo I ()
12 b 1-1
Poorl b _9
() 1 2 3 4 N !
b ' - & O e e |
—LL ' (] A
N Q14
Hinh bai 10 Hinh bai 11

11. a) Viét toa d6 cac diém M, N,P,Q nhw hinh vé.
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b) Em c6 nhan xét gi vé toa d0 cac cdp diém M va N, P va Q .

12. Tim toa d6 cac dinh cta hinh chir 4 g
nhat ABCD va cua tam giac PQR ;
trong hinh vé .
n ' 1 2 3 4 .

13. V& mot hé truc toa dd Ozy va danh du céc diém A(-g%), 3(3;%),

C(1,5;0).
14. Vé mot hé truc toa d6 Ozy va ddnh dau cac diém A(l;—%), B(—4;%),
C(0;—25).

15. V& mot hé truc toa d6 Ory va danh dau cac diém A(—2;—1), B(2;—1),
C(2;3), D(—2;3). Ttr gidc ABCD la hinh gi?

16. Ham s6 y dugc cho trong bang sau.

v | 31 0 | 3| 6 | 9

a) Viét tat ca cac gia tri twong uing (a:; y) ctia ham s trén.

b) V& mot hé truc toa dd Ozy va xac dinh cac diém biéu dién cac cap gia tri

twong tng cuia = va y O cau trén.

17. Ham s y dwoc cho trong bang sau

T —2 0

N || =

Y 1 0

a) Viét tat ca cac gia tri twong ting (x,y) cta ham sd trén.

b) Vé mot hé truc toa d¢ Ozy va xac dinh cac diém biéu dién cac cap gia tri

twong trng cuia = va y O cau trén.
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18. V& mot hé truc toa dd va duong phéan giac ctia cac gdc phan tw tha I, 111

a) Danh ddu diém A nam trén dwong phan giac d6 va c6 hoanh d¢ 1a 3. Diém
Acé hoanh d6 bang bao nhiéu?

b) Em c6 du doan gi vé mai lién hé gitra tung d6 va hoanh d¢ cta diém M
nam trén duong phan giac do?

19. Vé mot hé truc toa d¢ va dwong phan giac cua cac goc phan tu tha I, IV.

a) Danh d4du diém 4 nam trén duong phan giac d6 va c6 hoanh d6 1a 3. Piém
Acé hoanh d6 bang bao nhiéu?

b) Em c6 duy doan gi vé mai lién hé gitra tung d0 va hoanh d6 cua diém M
nam trén dwong phan gidc d6?

Dang 3: Toan thyc té

20. M6t ctra hang gao nhap vao kho 480 tdn. Mdi ngay ban di 20 tan. Goi y
(tdn) la sO gao con lai sau x (ngay) ban.

a) Viét cong thirc biéu didu dién y theo x? Cho biét y c6 phai 1a ham s cua x
khong ? Visao ?

b) Tinh sO gao con lai sau khi ban 1 tuan ?

c) Hoi sau bao nhiéu ngay thi ctra hang dé ban hét gao ?

21. Nha may A san xuat 16 4o véi gid von 1a 50000000 ddng va gia ban 1é moi
chiéc 4o 1a 400000 d6ng. Khi d6 goi y (dong) 1a sd tién 1oi (hodc 16) ctia nha
may thu duoc khi ban z cai do.

a) Viét cong thirc biéu dién y theo 2. Hoi y ¢6 phaila ham sd ctia 2 khong ?
Visao ?

b) Hoi nha may A phai ban bao nhiéu cai ao dé€ co so tién 10i trén 20000000
dong?

22. Gid ban 1 kg tao Ninh thuan trong siéu thi la 45000 dong.

a) Goi s0 tién phai tra khi mua tao la y (dong), s6 luwong tao mua la x (kg). Viét
cong thitc bidu dién y theo x. Héi y ¢ phai la ham s& x khong ? Vi sao ?

SO luong tao (kg) 3 5 7

SO tién (dong) 135000 225000 320000
b) Binh da tinh s0 tién mua tao nhw bang sau :

Binh tinh dung hay sai ddi vdi ting treong hop mua 3kg; 5kg; 7kg tao ? Néu

sai hay stra lai cho dung .
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Bai 28: HAM SO BAC NHAT VA PO THI CUA HAM SO BAC NHAT

A.TOM TAT Lf THUYET

* Ham s6 bdc nhat

Ham s6 bac nhat 1a ham s6 cho boi cong thiec y = az + b trong d6 a,b la cac s6
cho truedc, a = 0

 Cdch vé d6 thi ham s6 bdc nhat

& Truong hop 1.

Khi b= 0 thi y = az. D6 thi ham s8 y = az 12 duong thang di qua gdc toa dd
O(O; O) va diém A(l;a)

& Truong hop 1.

Khi b = 0 ta thuwong xac dinh hai diém dac biét trén do thi la giao cua d6 thi
voi hai truc toa d6 nhu sau:

-Cho z =0 thi y = b, ta duoc diém P(0;b) thude truc tung Oy

thuoc truc hoanh Oz

Cho y =0 thi z = —2, ta duoc diém Q[—E;O
a a

- Vé duong thang di qua hai diém P,Q ta dwgc d6 thi ctia ham s6 y = ax+b
B. BAI TAP
Dang 1: Nhan dang ham s bac nhat

1. Trong cac ham s6 sau, ham s nao la ham sd bac nhat?
a)y=1-3z; b) y=22"+1-5;
2
C)y=$2+x(\/§—x)+3; d)yz(\/g—l)m—l—l.
2. Trong cac ham sd sau, ham s6 nao la ham s6 bac nhat?
a) y=3-0,5z; b) y = —1,5z; c) y=5—21%;
d) y =2 -1z +1; e) y = 3(z —2); f)y++2=2-+3.

3. Trong cac ham sd sau, ham s6 nao 1la ham s6 bac nhat?

a) y =10z +8; b)y=§+2,‘ Q) y=4;
172 — 2
d) y=22"+4; e)y= 7x10 5}
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4. Choham s0 y = %x . bién s6 thich hgp vao 6 trong trong bang sau.

X - 014 2,5 10

5.Choham s6 y = f(z) =2z — 3

a) Tinh f(=1),f(3), f(=3);

b) Tinh cac gid tri cua z Gng voi y = 6;y = —4;y = —3.

Dang 2: Tim diéu kién ctia tham s6 thoa man.

6. Tim m dé cdc ham so sau la ham so bac nhat:

a)y=mzr—z+3. b)yz(mQ—l)x—QOM.

7. Cho ham s8 béc nhét y = (m — 1) + 3. Tim m d€ dudng thang (d) di qua
diém A(3;— 1).

8. Cho ham s0 bac nhat y = (a — 1):1: + a.

a) Chiing minh rang do thi ham s8 ludn di qua diém A(—l ; 1) voi moi gia tri cta
a

b) Xac dinh o d€ duong thang di qua gdc toa dd.

9. Tim m d& ham s6 1a ham s8 bac nhét y = (m* — 1) + (m + 1)z — 1.

Dang 3: Diém thudc d6 thi ham sé.

10. Biém nao sau day thudc d6 thi ham s6 (d) cy =22+ 3.

a) 4(0:3). b). B

_3;0]_ o cfi2) d) D(-1:1).

11. Cho ham s6 y = 2z — 1 nhitng diém nao sau day, diém nao thudc do thi

ham s6, diém nao khong thudc d6 thi ham?
a) A[%;O],B(l;l),0(5;6),D(—2;—1)-

b) K(—2;0),M(=3;2),N(2;3), P(—1-3).
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12. Cho ham s6 bac nhat y = (m — 1)z + 2m.
a) Xac dinh gia tri ctia m d& d6 thi ctia ham s6 cat truc tung tai diém c6 tung do
bang 2.
b) Xac dinh gid tri ctia m d&€ d6 thi ctia ham s& cat truc hoanh tai diém c6
hoanh d¢ bang —3.
Dang 4: Vé d6 thi ham s6
13. V& trén cung mot hé truc toa d6 Ozy d6 thi cac ham s sau:
a) y=u; b) y = —=z.
14. Vé d6 thi ham s6 y = f(z) = 3z — 2

15. Vé d0 thi ctia cic ham s6
a)y=2z-5 b) y = -3z +6.

16. Cho cac do thi ham so sau: (dl) Ly = @ (d ) Ly = 2, (d

2 3

):y=—x+3

Vé trén cung hé truc toa dd Oxy do thi trén.
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Bai 29: HAM SO GOC CUA PUONG THANG
A.TOM TAT Li THUYET
* Hé s6'g6c ciia duong thing
Ta goi a 1a hé s6 goc ciia duong thang y = az + b trong &6 a,b 1a cac s6 cho
truedc, a = 0
Nhdn xét:
Khi hé s6 goc o duong, duong thang y = az + b di 1én tir trdi sang phai. Goc
tao boi duong thang nay va truc Oz 1a gde nhon.
Khi hé s6 goc a am, duong thang y = az +b di xudng tir trai sang phai. Goc
tao boi dwong thing nay va truc Oz 1a goc ti.
* Puong thiang song song, duong thing cit nhau
Hai duong thang y = az + b (a = O) vay=a'z+b' (a' = O) song song voi

nhau khi a =a'; b = b' va nguoc lai trung nhau khi ¢ = a'; b = ' va ngroc lai.

Hai duong théng y=ar+b (a = O) va y = a'x+b'(a' = O) cit nhau khi ;

a = a' vanguoc lai.

B. BAI TAP

Dang 1: Xac dinh hé s6 goc ctia dwong thang

1. Cho ham s& bac nhét y = az + 3. X4c dinh hé s8 gdc « biét rang d6 thi ctia
ham s6 di qua diém M (2;6).

2. Cho ham s6 bac nhat y = az +b (a = 0). X4c dinh hé s6 goc a biét rang do
thi cia ham s6 di qua hai diém A(O;l) , B(2;5).

3. Tim hé s6 géc cua dwong thang (d) : (m — 2) z + 3, bi€t d song song voi
duong thang (d’) 22 —y—1=0.

4. Cho ham sd bac nhat y = ax — 3 (1) Hay xac dinh hé s6 « biét d6 thi ham sd
(1) cdt dwong thang y = 2z — 1 tai diém c6 hoanh do bang 2.

5. Tim hé s8 goc ctia duong thang di qua gdc toa dd O va diém M (1 ;2).

6. Tim hé s8 goc ctia duong thang d di qua hai diém A(1;2) va B(3;4).
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7. Cho duong thang y = (1 - 4m)$ +m—2.

a) Tim m d€ d6 thi ham s tao v6i truc Oz mot goc nhon.

b) Tim m d€ d6 thi ham sd tao vdi truc Oz mot goc tu.

Dang 2: Vi tri teong d6i ctia cac duwong thang

8. Hay nhan xét vé vi tri tuong d6i hai dwong thang d va d’ trong cac treong
hop sau

a)d:y=2x—-3vad:y=2r+5

2 1 3 1
b)d:y==z+=-vad:y=—x——
) Y 3 4 Y 2 4

C)d:y=-2r+1va d':y:%x—Q

d)d:3y=—-z+1va d':y:_?lx—}—%

9. Cho duong thang d : y = (m2 - 2)x +m —1 voi m la tham s6. Tim m dé:
a) d songsong vOi d, :y =2z —3

b) d trung véi d, : y = —x —2

c) d cat d, : y = 3z — 2tai diém c6 hoanh d6 = = -1

10. Cho ham s6 y = (m — 1)z + m(d) . Tim m d€ do thi ham s6 song song véi

duong thang c6 phrong trinh z — 2y =1

11. Choham s6 y = (m —2) z + n (d) trong dé m,n la tham s&
a) Tim m,n d€ d song song véi duong thang 3 2 +2 y =1

b) Tim m,n d€ d trung véi duong thang y — 2z +3 =0

12. Cho ham s6 y = mz +1 (1) trong d6 m 1a tham s6

a) Tim m d€ d6 thi ham sd (1) di qua diém A(1; 4) .

b) Tim m d& d6 thi ham s8 (1) song song véi duong thang (d): y = m*x +m +1
13. X4c dinh ham 8 ¢ d thi 1a dudng thing di qua diém c6 toa do (2;-3) va

a) Song song véi duong thang y = 5z + 1;

b) Cat duong thang y = 2z — 1 tai diém c6 tung do bang 5.
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14. X4c dinh ham s& biét d6 thi cta né 1a duong thang song song véi duong
thang y = 2z — 1 cat duong thang y = 3z + 2 tai diém c6 hoanh dd bang 1.

15. Cho hai ham s0 vdi bién z1a y = (m - 1)x - (2m + 1) vay= (2m - 1)x +3m.
Tim gid tri cia m sao cho d6 thi ctia cdc ham s6 do la

a) hai duong thang cat nhau.

b) hai duong thang song song.

c) hai duong thang trung nhau..

16. Tim gia tri ctia tham s§ k d& duong thang (dl) Ly = —z +2 cat duong thang
(dQ) cy =27 + 3 —k tai mot difm nam trén truc hoanh.

17. Viét phuong trinh duong thang (d) song song véi dwong thang y = 3z + 1
cat truc tung tai diém co tung do bang 4.

18. Tim m d€ cac duong thang y =2z +m va y =z —2m + 3 cat nhau tai mot
diém ndm trén truc tung.

19. Cho hai duong thang (d):y = (m—3)x+16 (m = 3) va (d’):y =z +m’. Tim

m dé (d), (d’ ) cit nhau tai mdt diém nam trén truc tung.

MOT SO BAI TAP TU LUYEN KHONG GIAI

Bai 1: Hay chi ra cac cdp duong thang cat nhau va cac cap duong thang song

song.

(dl):y:%:v—i-Q. (dz):y:x—|—2. (d?’):y:%x—ii.
<d4):y=a:—3. <d5):y:§x—1. (dﬁ):y:%x—i—i’).

Bai 2: Hay chi ra cac cip duwong thiang cat nhau va cac cap duong thang song
song.

(d):y=2z+1. (dQ):y:x;?). <d3):y=_73x+4.
<d4):y:%x—9. <d5):y=5+2x. (dﬁ):y=3—2x.

Bai 3: Chi ra cac cip duong thang song song, cat nhau:
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(dl):y:%aﬂ—l (d2):y:x—|—2. <d3>:y:%x—3.

(d):y=2-3. (d)sy=20-1. (d)sy=Fo+3.
Bai 4: Tim o dé hai duong thing:
a) (d):y = az—7 va (d'): y = 242z song song.

b) (d): y—<m+\/_>x+4 va (d'): y = 2 — 3 song song.

o) (d):y=(1-m*)z+2 va (d'): y = —3z —m song song.

d) (d):y = (5m —2)z—1va (d'): y = m(m +2)z + 2 song song.

(d) ( 2)m+m—5 va (d’):y:mx+3m—7 song song.

Bai 5: Tim o d€ hai duong thang:
a)(d) Ty = (m - 1)x +2n va (d’) :y =2z +m —n trung nhau.
b)(d):y =kz +(m—2) va (d'):y =(5—k)z+(4—m) véi k = {0;5} trung nhau.

Bai 6: Tim a d& hai duong thang:
a) (d):y: (a—l)x+2 va (d’):y: (3—a>m+1 song song voi a = {1;3}.
= (mz +m):c+2 va (d’) Ly = (m—I—l)x—m song song voi m = {O;l} .

C) (d):y:k:ch(m—Q) va (d’):y:(S—k)a:+(4—m) song song voi k¢{0;5}.

Bai 7: Cho duong thang (d) cy=2mz+3 va (d) ry = (m + 1>x +2. Tim m dé:
a) (d) va (d’ ) 1a hai dwong thang cat nhau.
b) (d) va (d’ ) 1a hai dueong thang song song.

Bai 8: Cho duong thang (d) cy=2mz+3 va (d) ry = (m + 1):1; +2. Tim m dé:
a) (d) va (d’ ) 1a hai duong thang cat nhau.
b) (d) va (d’ ) 1a hai duong thang song song.

Bai 9: Cho dudng thing (d):y = ma +3 va (d'):y = (2m + 1)z — 5. Tim m dé&:

Boi duong ning luc hoc mén Todn 8
| @




THUC HANH GIAI TOAN LOP 8

a) (d) va (d’ ) 1a hai duong thang cat nhau.

b) (d) va (d’ ) 1a hai duong thang song song.

Bai 10: Cho duong thing (d) ry = (m —2)x— 3 va (d’) ry =2z —(m —1). Tim m
de:

a) (d) va (d’ ) 1a hai dwong thang cat nhau.

b) (d) va (d’ ) la hai duong thang song song.

C) (d) va (d’ ) 1a hai dwong thang trung nhau.

Bai 11: Cho duong thang (d) cy =22+ 3k va (d’) Ly = <2m + 1)90 + 2k —3. Tim m
vak dé:

a) (d) va (d’ ) 1a hai dwong thang cat nhau.

b) (d) va (d’ ) la hai duong thang song song.

C) (d) va (d’ ) 1a hai dwong thang trung nhau.

Bai 12: Cho dudng thing (d):y = kr +m -2 va (d'):y = (5—k)z + 4 —m v6i
ki{O;S}.T‘lmmvék:

(4
(4

(d) va (d’ ) 1a hai dwong thang cat nhau. Tim toa dd giao diém.

a) (d) va (d’ ) 1a hai dueong thang song song.

b) (d) va (d’ ) 1a hai duong thang tring nhau.

<)
Bai 13: Cho duong thing (d) ty = (k + l)x +3 va (d’) ry = (3 —Qk)x +1.Timk
de:

a) (d) va (d’ ) 1a hai dwong thang cat nhau.

b) (d) va (d’ ) 1a hai duong thang song song.

C) (d) va (d’ ) 1a hai dwong thang trung nhau.

Bai 14: Cho duong thang (d) y =2z + 3k va (d’) Ly = <2m+1)x—|—2k—3. Tim m
vak dé

a) (d) va (d’ ) 1a hai dwong thang cat nhau.
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b) (d) va (d’ ) 1a hai duong thang song song.
C) (d) va (d’ ) 1a hai dwong thang trung nhau.

Bai 15: Cho duong thing (d) cy=az+2.Tim a d& duong thang (d)
a) Cat duong thang y = 4z — 5.
b) Song song vé&i duwong thang y = —3z + 1.

Bai 16: Cho duong théng (d) Ty = (m+3)x+m—|—1 va (d’) Ty = (Z—m)z—m.
a) Tim m dé (d) va (d’ ) song song.
b) Chiing minh khi m = —1 thi (d) ct (d').

Bai 17: Cho duong thang (d) ry = (m + 6)95 +2 va (d’) ry = m(3m + 4)x —5.
a) Tim m dé (d) va (d’ ) song song.
b) Chttng minh m = —2 thi (d) song song (d’).

Bai 18: Cho duong théng (d) Dy = mz — (m + 2) va (d’) Ly = (2m - 3)x — (m2 - 1)

vOi m = {0;%}.

a) Tim m dé& (d) cat (d’).

b) Tim m dé (d) song song voi (d’ )

c) Chirng minh (d) va (d’ ) khong trung nhau véi moi m.

Bai 19: Tim a, b &€ (d): y = az + b di qua A(21) va song song vdi
(d'):y=3z-1.

Bai 20: Tim a, b dé (d) cy=oaz+b diqua A<4;—5) va song song voi
(d/):y=3x+1.

Bai 21: Tim a, b dé (d) cy=oaz+b diqua A<—4;5) va song song voi
(d/):y=2x—|—1.
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Bai 22: Tim a, b dé (d) cy=oaz+b diqua A(l;—2) va song song voi
(d’):y =—z—2.

Bai 23: Tim a, b dé (d) ry=az+0b diqua A(l;—S) va song song voi
(d’):y =—-3z+9.

Bai 24: Tim a, b dé (d) ry=az+0b diqua A(S;—l) va song song voi

(d'):y:_??x—l.

Bai 25: Xac dinh ham s y = az + b trong cac treong hop sau:
a) a = 3 va do thi ham s6 di qua diém A(2;2) :
b) D0 thi cia ham s8 di qua diém A(l;\/g + 5) va song song véi duong thang

y =3z .

Bai 26: Cho duong thing (d) .y = —3z va duong thang (d’) ry=ax+2.
a) V& db thi hai ham s8 trén cing mot méit phang toa do.

b) Tim a, b d€ (d”) ty =az+b diqua A(—1;3) va song song voi (d’).

Bai 27: Xac dinh ham s6 y = az + b trong cac TH sau:

a) a= J3 va do thi ham s6 cit truc tung tai diém c6 tung do 3.

b) a = —5 va do thi ham s8 di qua A(-2;3).

c) D6 thi ham s6 di qua hai diém A(1;3) va B(—2;6).

d) D6 thi ham s6 di qua diém A(l; 7+7 ) va song song véi duong thang

y:\/?x.

Bai 28: Cho ham s& (d) ty = (m —2):c +3.
a) Xac dinh m dé (d) di qua A(l; —1). Vé d6 thi ham s0 vdi m vira tim dwoc.
b) Viét phuong trinh dwong thiang di qua B (—2;2) va song song voi duwong

thang ¢ cau a.
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Bai 29: Cho ham 8 (d): y = 2o va (d'): y = 30— 3.

a) V& db thi hai ham s8 trén cing mot méit phang toa do.

b) Tim a, b dé€ (d” ) :y = az + b song song voi (d) va cat truc hoanh tai diém c6
hoanh d6 —6.

Bai 30: Cho ham s8 y = (20— 5)x + a — 2 ¢6 d0 thi 1a dudng thing (d).

a) Tim a d€ duong thang (d) cat truc Oy.

b) Tim a &€ duong thang (d) song song véi duong thang di qua hai diém
A(1;4) va B(25).

Bai 31: Cho hai duong thang (d):y = —3z +2 va (d'):z -2y = 3.

a) Tim toa d¢ gia diém cua (d) va (d’ )

b) Tim m dé (d), (d’) va duong thang (d”) Ly = (—2m + l)x +m +1 dong quy.

\e \ 2 2 1 3 9
Bai 32: Cho ba duong thang sau: (d):y:gx—l-g va (dl)’y:g‘”‘g va

(dQ):y:kx—kg.

Tim % d€ ba dudng thang trén cting di qua mot diém.

Bai 33: Trén mit phang toa dd Oxy, cho duong thang (d) ry = (m - 1):5 —m voi
m la tham so.

a) Vé duong thang (d) khi m = 3.

b) Tim m d€ (d) di qua diém A(-1-3).

¢) Tim m dé (d) dong quy véi hai dwong thang (d’ ) y=1a— % va

(d"):y =—x+1.

Bai 34: Cho ham s8 bacnhét (d):y = (2m — 1)z + 3

a) V& d6 thi ham s6 khi m = g
b) Tim m dé€ duwong théng (d) va hai duwong théng y=2x+3vay=2z+1 dong
quy.

Bai 35: Cho ham s (d) Ly = (3 — 2m)x +3m —5 vdim la tham so.
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a) Tim m dé (d) cat truc tung tai diém c6 tung d6 bang 1.

b) Vé d6 thi ciia ham sd véi m vira tim duoc.

¢) Tim m dé (d) dong quy véi duong thiang (d’) cy=3z+3 va (d”) ty=-x—5.
Bai 36: Cho hai dwong thang (d): y =2 +2 va (d'):y =22 +1.

a) V& do thi hai ham s0 trén cung mot mat phéng toa do.

b) Tim m dé& duong thang (d”) Ly = (m2 + 1>x +m dong quy.

Bai 37: Tim m d¢€ hai dwong thang:

a) (d) cy =2z + (m - 1) va (d’) :y = 3z — 5 citnhau tai 1 diém thudc truc hoanh.
b) (d) Ly =2z + (3 + m) va (d’) cy =3z + (5 - m) cit nhau tai 1 diém trén truc
tung.

Bai 38: Cho ham s& (d) Ly = (m - l)a: +2m — 3 v6i m la tham sé.

Tim m dé€ (d) cat duwong thang y = 2z +1 tai 1 diém nam trén truc tung.
Bai 39: Cho ham s (d) ty = (m—2)w+m voi m = 2.

a) Tim gia tri cia m d€ duong thang (d) di qua A<0;5).

b) Tim m dé€ (d) cat duwong thang y = 2z + 3 tai 1 diém trén truc tung.
Bai 40: Cho ham s (d):yz (3—m)x+m—1.

a) Tim m dé (d) song song voi d6 thi ham s6 y = 2z + 3.

b) Tim m dé (d) cat duong thang y = = + 3m — 2 tai mot diém trén truc tung,
Bai 41: Cho ham s8 (d): y = (m + 1)z +2m va (d'): y = (2m + 1)z + 3m .
a) Tim m d€ d6 thi hai ham sd trén song song véi nhau.

b) Tim m dé (d) cat (d’ ) tai 1 diém trén truc hoanh.

Bai 42: Cho hai dwong thang (d):y =3z —7 va (d'): y = %x +m.

a) Ve (d) va (d’ ) trén cung mot mat phéng toa do khi m = 2.

b) Tim m dé (d) cat (d’ ) tai 1 diém trén truc hoanh.

Bai 43: Cho ham s& (d):y=2a7+4 va (d'):yz (m—2)x+m+2.

a) Khi m =0 vé (d) va (d’ ) trén ciing mot mat phang toa do va tim giao diém

(d) va (d').
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b) Tim m dé (d) song song voi (d’ )
¢) Tim m dé (d) cit (d’ ) tai 1 diém thudc truc hoanh.
Bai 44: Cho ham s6 bac nhat (d) Ly = (m - 1):1: —4 v6im=1.
a) Vé d6 thi ham s6 khi m = 2.
b) Tim m dé (d) song song véi duong thang y = —3z + 2.
¢) Tim m dé (d) cit (d’ ) ty =z — 7 tai mot diém ndm bén trai truc tung.
Bai 45: Cho hai dwong thang (d):y =4z +m va (d'):y = -3z +2—-m.,
a, Vé d6 thi hai duong thang trén cing mot mat phang toa do khi m = —4.
b, Tim toa d¢ giao diém cta (d) va (d’ )
¢, Tim m dé€ (d) cat (d’ ) tai 1 di€m nam bén phai truc tung.
Bai 46: Cho ham 8 (d):y =z -2.
a, V& duong thang (d) trén mat phang toa d6 Oxy.
b, Tim a, b &€ y = az + b d€ dwong thang nay di qua A(l;—5) va song song voi
(4)-
¢, Tim m d¢€ (d’) ry = (m — 3):5 +5 vGi m = 3 cit (d) tai mot diém ndm bén phai
truc tung.
Bai 47: Cho duong thang (d) ry=ar+b.
Tim a, b dé (d) song song véi duong thang y = 2z va cat truc hoanh tai diém
co hoanh d0 1a 3.
Bai 48: Cho duong thing (d) cy=xz+4 va (d’) ry =—2zr—2.
a, Vé d0 thi caa (d) va .(d’ ) trén cung mot mat phéng toa do.
b, Tim a, b d& (d"): y = ax+b song song v&i (d) va (d") cat (d') tai A cé hoanh
dola -3.
Dang tim di€m c6 dinh **

Bai 1: Tim diém c6 dinh ctia ham so (d) cy =mz —2m+1.
Bai 2: Tim diém c§ dinh ctia ham 8 (d): y = (m —2)z + m +2.

Bai 3: Tim diém c6 dinh ctia ham so (d) Ly = (1 — Zm)x +m—1.

Boi duong ning luc hoc mén Todn 8
@




THUC HANH GIAI TOAN LOP 8

Bai 4: Tim diém c6 dinh ctia ham so (d) Ly = (m — 3):1; —2m + 1.
Bai 5: Tim diém c6 dinh ctia ham so (d) Ly = (m2 - l)x +m?—5.

Bai 6: Tim diém c8 dinh ctia ham s8 (d):y = (m —2)z + (m — 1)y =1 v6i m = 1
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Bai 30: KET QUA CO THE VA KET QUA THUAN LOI

A.TOM TAT LI THUYET

* Két qua thudn loi cho mgt bién cé’

Xét mot bién 6 E, ma E co6 thé xay ra hay khong xay ra thuy thudc vao
két qua ctia hanh dong, thuc nghiém 7.

Mot két qua c6 thé cua T d€ bién ¢d E xay ra duoc goi la két qua thuan
loi cho bién ¢d E.

B. BAI TAP

1. Mot hop dung 5 qua cau mau xanh duoc danh so tir 1 téi 5 va 4 qua
cau mau do duoc danh s6 tir 6 t6i 9. LAy ngau nhién mot qua cau trong
hop. Liét ke tat ca cac két qua cd thé ctia hanh dong nay? C6 bao nhiéu
két qua cd the?

2. Doi van nghé khoi 8 caa mot treong THCS ¢6 14 ban, trong do c6 4
ban Nam 16p 84, 5 ban nit 16p 8B, 3 ban nam 16p 8C va 2 ban nix 16p
8D . Chon ngﬁu nhién mot ban trong doi van nghé khoi 8 dé tham gia
mot tiét muc van nghé cta truong.

a) Liét ké tat ca cac két qua cua hanh dong trén. Co tat ca bao nhiéu két
qua co thé?

b) Liét ké cac két qua thuan loi cho cac bién cd sau:

+ A: Chon dugc mot ban 16p 84

+ B: Chon duvgc mot ban ntr.

3. Mot hop ¢ chira 10 qua bong gidng nhau dugc danh so tir 1 dén 10.
Rt ngau nhién mot qua béng tir trong hop.

a) Viét cac két qua co thé cua hanh dong trén.

b) Liét ké cac két qua thuan loi cho cac bién cd sau:

+ A: “ Qua béng 14y ra dwoc ddnh s6 chén”

+ B: “ Qua bong 1dy ra duoc danh so 16n hon 5”

4. Mot hop dung 5 qua bong dwoc danh so 0; 2; 4; 6; 8. Lay ngéu nhién 1 qua
bong trong hop.

a) Viét cac két qua co thé xay ra cho hanh dong trén.

b) Viét cac két qua thuan lgi cho bién co:
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+ A: “ LAy duoc qua bong danh s6 1a s chén ”.

+ B: “ Lay duwgc qua bong danh s6 la sd 1€ ”

+ C: “ Lay duwgc qua bong danh s6 la sd nguyén t6 ”

5. Viét ngau nhién mot s6 tu nhién c6 hai chix s6.

a) C6 bao nhiéu két qua cho hanh dong nay.

b) Liét ké cac két qua thuan lgi cho bién ¢4 M : “ SO viét ra la sO chia hét
cho 10~

6. Gieo ngau nhién mot [an hai con xtic xac.

a) C6 bao nhiéu két qua cho hanh dong trén.

b) Liét ké cac két qua thuan lgi cho bién ¢ 4: “ Tong s6 chdm cua hai

con xuc xac la sO nho hon 6 ”.
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Bai 31: CACH TiNH XAC SUAT CUA BIEN CO BANG Ti SO

A.TOM TAT LI THUYET
e Cdch tinh xdc sudt bang ti s6’
Giai thiét rang cac két qua c6 thé ctia mot hanh dong hay thuc nghiém la
dong kha nang. Khi d6, xac suat ctia bién c6 E , ki hiéu la P(E), br?mg ti sO
gitta két qua thuan loi cho bién ¢ E va tong so két qua co thé

S0 két qua thuan loi cho E

P(E) = - — g
(E) Tong s6 két qua co thé

Nhan xét: Viéc tinh xac sudt cia mot bién 6 E trong truong hop cac két
qua c6 thé ciia mot hanh dong hay thuc nghiém la dong kha nang sé
gom cac budc sau:

Budc 1: D&m cac két qua c6 thé (thuong bang cach liét ké)

Bugc 2. Chi ra cac két qua c6 thé 1la dong kha nang..

Budrc 3. Dém cac két qua thuan 1oi cho bién ¢d E.

Bugc 4. Lap t6 sO gitra két qua thuadn 1¢i cho bién c6 E va tong so két qua
co thé

B. BAI TAP

1. a) Gieo mot con xtc xéc 40 [an lién tiép, co 18 Tan xuéat hién mat 6
cham. Tinh xac sudt thic nghiém cta bién ¢ “Mat xuat hién ctia xtc xac
1a mat 6 cham”

b) Gieo mot con xutc xac 20 lan lién ti€p, c6 8 Tan xuat hién mat 1 cham.
Tinh xéc suat thuc nghiém cta bién cd “Mat xuat hién cuia xtic xac 1a mat
1 chdam” .

2. Mot tam bia cirng hinh tron dwgc chia thanh 12 hinh quat br?mg nhau
va ddnh s6 1,2,3,.....,11,12. Puwoc gén vao truc quay c6 mai tén c¢d dinh 6
tam. Quay tam bia xem mi tén chi vao hinh quat nao khi tdm bia diing
lai. Tinh x&c suat cta cac bién co sau.

a) A:“ Mii tén chi vao hinh quat ghi s6 nguyén to ”.

b) B: “ Mili tén chi vao hinh quat ghi s& chinh phuong ”.

3. Gieo ngéu nhién mot con xtc xic mot [An. Tinh xac suat d&€ mit xuat

hién c6 s0 cham nho hon 5
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4. Mot tii dung 21 vién bi cung khoi lwong va kich thudc, vdi cac mau
do, xanh, vang trong do c6 7 vién bi mau xanh va 4 vién bi mau vang.
L&y ngau nhién mot vién bi tir trong tai. Tinh xac suat ctia bién c8 E: “
Lay dwgc vién bi mau do”.

5. Mot hop 6 10 chiéc thé cling loai, mdi thé dwoc ghi mot trong cac s6&
nguyén dwong khong vueot qua 10, hai thé khac nhau thi ghi hai sd khac
nhau. LAy ngau nhién mot chiéc thé tir trong hop, ghi lai s6 ctia thé 18y ra
va bo lai thé dé vao hop. Sau 20 lan 1ay thé lién ti€p , theé ghi sd 3 duoclay
ra 4 lan.

a) Tinh xac suat thuc nghiém ctia bién ¢d “Thé ldy ra ghi s6'3” trong tro choi
trén.

b) Tinh xac suat ctia bién ¢4 "S6 xuat hién trén thé dwoc rut ra la s6 nguyén
to"

6. Ban An cam mot bd bai gom 52 1a va dua cho Dric rat bat ki mot 1a.

a) Tinh xac suat dé€ Pirc rat dwoc 14 c6 chat co.

b) Tinh xac suat dé Btc rat dwocla hinh (ld J,Q,K )

¢) Tinh xac suat dé birc rat dugc 1a nhd hon 5

7. Mot hop ¢6 1 qua bong vang, 1 qua bong hong va 1 qua bong do; cac qua
béng c6 kich thuée va khéi lwong nhu nhau . Mdi lan 18y ngau nhién 1
qua bong trong hop, ghi lai mau cua qua bong 1ay ra va bé lai qua bong
do vao hop.

Trong 45 lan 1ay bong lién ti€p, qua bong vang xuat hién 7 lan; qua bong
hong xuat hién 10 Ian.

a) Tinh xac sudt thyc nghiém cta bién c6 “Qua bong 1dy ra la qua bong mau
vang” .

b) Tinh xac suat thuc nghiém caa bién ¢ “Qua bong ldy ra la qua bong mau
hong”.

c) Tinh xac suat thuc nghiém cua bién ¢d “Qud bong 1ay ra la qua bong mau
do”.
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8. Trong mot hop cd 15 qua bong, gdbm cac mau xanh, do va vang. Ban

Nam 14y ngau nhién mot qua bong trong hop. Tinh s6 qua bong mau
xanh biét rang xac suat dé 1dy duoc qua béng mau xanh la %

9. Ban Lién ¢ 5 thé ghi riéng tiing loai tir trong Tiéng Anh da hoc : danh
tir (D), dong tiv (D), tinh tie (T), trang tir (Tr), gioi tir (G) va xac dinh xem
thé d6 c6 tir thudc loai nao. Lién 14y ngau nhién 1 thé trong s8 5 thé d6
va thure hién thi nghiém nay 12 1an (trd lai thé sau moi lan ldy) va thu dwoc
két qua nhu sau :

Lan tha | 1 2 3 4 5 6 7 8 9 | 10 | 11 | 12

Th¢e |D | D |G |Tr | T |Tr|Tr | B | G |Tr| G| D
a) Tinh xac suat thyc nghiém cua bién c6 “thé diegc 1dy ra la trang tie”.

b) Tinh xac suat thwc nghiém cua bién c6 “the dwoc ldy ra la danh tir”,
c) Tinh xac suat thwc nghiém cta bién c6 “thé dwoc lay ra la tinh tie”.

10. Thanh phd Manaus gitta ritng Amazon la mot trong nhiing noi cé
luwong mura trung binh hang ndm 16n nhat thé gisi va thuong c6 muwa nhigu
nhat vao thang 3 va thang 4. Tai d6, trong 10 ngay cudi thang 3 ¢ 7 ngay
mua. Tinh xac sudt thiec nghiém cua bién c¢d “S6'ngay khong muea trong 10
ngay cuoi thing 3”.

11. Gieo cting ltic hai vién xtc xac. Hay tinh xac suat cho cac bién cd sau:
a) A: “ Ca hai vién xtic xac déu cé s& cham gidng nhau ”

b) B: “ Tong s6 chdm trén hai vién xtc sac 16n hon 10 ”
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Bai 32: MOI LIEN HE GIUA XAC SUAT THUC NGHIEM
VOI XAC SUAT VA UNG DUNG
A. TOM TAT LI THUYET

* Xdc sudt thyc nghiém ciia mgt bién co.
Gia st trong n lan thye nghiém hodc » lan theo doi ( quan sit) mot hién
twong ta thay bién ¢ E xay ra k lan. Khi d6 xac suat thuc nghiém cta
A A M k ’ \ M ? A e~ A TA A ‘A [ A N AP
bién cO E bang — (tirc la bang ti s6' giiva s6'ldn xudt hién bién cd' E va s0'lan
n

thwc hién thwce nghiém hodc theo doi hién twong do).

* Méi lién hé giita xdc sudt thuc nghiém vdi xdc sudt.

Xac suat cua bién c6 E dwoc wdc lwong bang xac suat thuc nghiém caa £

P (E) ~F Trong do: n la s6 Ian thyce nghiém hay theo doi mot hién twong.
n
k la sOlan bién c6 E xay ra.
B. BAI TAP

1. Khi kiém tra cac hoa qua trong thung hang duoc van chuyén vé nha, chi
Mai thdy trong thuing 10kg thi sé ¢d 0,5kg qua bi dap, 1,5kg qua nho hon
so vdi kich thudc chuan chi can mua. Khi kiém tra thung hang tiép theo
o trong luong 10kg. Xac xuat cho bién ¢d “ Qua cd size nho hon véi kich
thude chuan ” 1a bao nhiéu?

2. Gieo mét con xtic xic 20 [an lién ti€p, thay cd 5 lan xuat hién mat 2 chdm.
Tinh xéc suat thwc nghiém cho bién ¢d “ Xuat hién mét 2 chdm khi gieo xtc
xac”

3. Gieo mot con xtc xac 6 mat 100 Ian dwoc két qua nhw sau:

Su kién 1 chdm 2 3 4 5 6cham
chAm | chdm | chdm | chdm
So Tan 17 18 15 14 16 20

Hay tinh xac suat thuc nghiém cho bién c¢6 mat xuat hién c6 s6 cham la

sO 1é.

Oe.
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4. Hai ban Mai va Viét lan luot thuc hién viéc gieo dong thoi hai con xac
xac va moi lan gieo sé nhan dwoc s6 diém bang tong s& chdm xuat hién
trén hai con xtic xac. Mai gieo duwoc 100 Jan va Viét dwgc gieo 120 Tan.
Mai gieo trudc va ghi lai két qua ciia minh nhu sau:

S6diém |2 |3 |4 |5 |6 |7 |8 [9 |10 |11 |12
SO lan 3 /5 |9 |10 |14 |16 |13 |11 |8 |7 |4

Truwdce khi Viét gieo hay du doan xem 6 bao nhiéu [an s6 diém ctia Viét
nhan duwoc la:

a) A: “Mot so chan:.

b) B: “Mot sO nguyén t6”

c) C: “Mot s6 16n hon 7”

5. Mot trd choi ¢6 luét choi nhw sau: O mdi véan choi, nguoi choi gieo mot
con xtic xac, néu xudt hién mat 6 chdm thi nguoi choi d6 thang cudc. Bon
ngudi choi 4, B,C, D choi trd choi d6. Mdi nguoi choi 25 van. Két qua s&
van thang ctia 4, B,C, D lan luot 1a 4, 5, 4, 3.

a) Hay tinh xac suat thuc nghiém cho bién ¢ “ A thang”, “ B thang ”

b) Gia st mdi nguoi choi 60 van. Hay du doan xem ngudi ¢ va D ¢6 bao

nhiéu van thang.
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Bai 33: HAI TAM GIAC PONG DANG
A. TOM TAT Lf THUYET
* 4A'B'C" goila dong dang v6i 4ABC néu:

AIBI BICI AlCl N — o~
= = va

+ A=A, B'=B,C'=C .
AB  BC  AC

+ Kihiéu 4A4'B'C'» AABC ( viét theo tht tu cap dinh tuwong ting)

A'B' B'C' A'C'
N  BC  AC

TisO k goi la ti s6 dong dang cua 44'B'C' véi
AABC' .

Nhan xét:

4A'B'C'» AABC vditi s6 dong dang k thi 4ABC «» 4A'B'C"' véi ti sé’%
Hai tam gidc bang nhau thi d6ng dang véi nhau theo ti s6 dong dang k =1.
Dac biét moi tam giac dong dang vdi chinh né.

Néu 4A"B"C"» 4A'B'C" v6i ti s6 dong dang k va 4A'B'C'» 4ABC voiti
s0 dong dang m thi 4A"B"C" » 4ABC theo ti s6 dong dang k.m

Dinh li:

B —C B C

Néu mot dwong thing cit hai canh ctia mot tam giac va song song véi canh
con lai thi n6 tao ra mot tam gidc méi dong dang véi tam giac da cho

Cu thé: 4ABC ¢6 MN // BC v6i M € AB,N € AC thi AAMN » AABC

Chui y:

Dinh li trén van dting néu thay bang duwong thang cat phan kéo dai cta hai
canh tam giac.
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B. BAI TAP

Dang 1: Tinh c4c canh ctia tam gidc dong dang

1. Cho tam gidc ABC c6 AB = 8cm,AC = 6¢m, BC = 5¢m . Tam gidc A'B'C"
dong dang vdi tam giac ABC, c6 canh 16n nhédt A'B' = 7em. Tinh cac canh con
lai cia tam giac A'B'C'".

2. Mot tam giac dong dang voi mot tam gidc co cac canh la 15,20,30. Tinh cac

canh ctia mot tam gidc nay néu chu vi ctia né bang 26.
3. Cho tam giac ABC dong dang vdi tam gidac DEF theo ti s6 dong dang
k= % . Chu vi tam gidc ABC la 12¢m . Tinh chu vi tam gidc DEF .

4. Cho AABC# AA'B'C'dong dang voi nhau theo ti s6 k. Ching minh ti s
chu vi AABC va AA'B'C' bang k.

5. Cho AABC# AIMN theo hé s6 ti s6 dong dang & = %

a) AIMN# AABC theo ti s6 dong dang nao?

b) Gid st BC =6 (cm). Tinh MN .

Dang 2: Chitng minh tam gidc dong dang, tinh canh, chitng minh i s6.
6. Cho AABC ¢b M,N lan luot la trung diém cta AB va AC.

a) MN la duong dac biét nao cia AABC.

b) Tim cac tam giac dong dang co trong hinh va cho biét ti s6 dong dang.

7.Cho AABC ¢4 AB = 6cm,AC = 9cm. Cac diém D, E theo thit tu thudc cac
canh AB,AC sao cho BD = 4¢cm,CE = 6cm.

a) Chting minh rang AADE# AABC va x4c dinh ti s8 dong dang.
b)Ké EK//AB(K € BC).Chting minh rang AADE# AEKC .
) Tinh ti s6 chu vi AADEva AEKC.

8. Cho AABC, trén canh BC ldy diém M sao cho BM =2MC . Tu M ké
duong thang song song véi AB cat AC tai N.
a) Chirng minh ACMN# ACBA.

b) Tinh MY
AB
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9.Cho AABC. M,N lan luot la trung diém cua AB va AC . Trén tia d6i cua tia
NM 1ay diém I sao cho NI = NM .

a) Chitng minh AAMN# ACIN .

b) Chitng minh ACIN# AABC'.

¢) Chtng minh CI.AC = ABCN.

10. Cho AABC ¢6 AM la duong trung tuyén. Ha BH va CK Ian luot vuong
goc voi AM .

a) Chitng minh AMBH# AMCK .

b) Tt M ké duong thang vudng géc véi AM cat AC tai I.Chig minh
AILKC = MI.AC.

11. Cho hinh thang ABCD ¢6 AB//CD. O la giao cua hai duong chéo.

a) Chttng minh AOAB# AOCD va tim ti s6 dong dang.

b) Ttr O ké duong thang song song véi AB cat ADtai I.Chting minh

ADOI# ADBA.

¢) Chitng minh rang: AB.DO = DB.IO.

12. Cho tam giac ABC . Trén tia d6i cua tia AB 1ay di€ém D sao cho AD =24B.

Trén tia d0i ctia tia AC 1dy di€ém E sao cho AE =2AC . Chting minh
AADE# AABC

13. Cho hinh binh hanh ABCD ¢6 AB = 6cm AD = 5¢m . Lay F trén canh BC
sao cho CF = 3em. Tia DF cittai AB tai G

a) Chtiing minh: AGBF# ADCF va AGAD# ADCF
b) Tinh d6 dai doan théng AG

¢) Chitng minh AG.CF = AD.AB

14. Cho tam giac ABC, ké Az / /BC . Tt trung diém M cta canh BC, ké mét
duong thang bat ki cit Az & N, cdt AB & P catcat AC & Q. Ching minh:
PN QN

PM  QM°
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Bai 34: BA TRUONG HOP PONG DANG CUA HAI TAM GIAC

A.TOM TAT LI THUYET
* Truong hgp dong dang thit nhit: canh - canh - canh

Néu ba canh ctia tam giac nay ti 1 véi ba canh caa tam giac kia thi hai tam giac d6
dong dang véi nhau.

AIBI _ BlCl _ AlCl

AA'B'C' vaAABC cb thi 4A4'B'C'» AABC ( c-c-c)
AB  BC c

* Treong hgp dong dang thir hai: canh — goc — canh.
Néu hai canh cta tam giac nay ti 1¢ v6i hai canh cta tam giac kia va géc tao béi cac

cip canh d6 bang nhau thi hai tam giac d6 dong dang véi nhau.

AA'B'C' vaAABC c6 B'= B thi 4A'B'C' » 4ABC (c-g-c)

AlBl BICI —
1B = va

* Truong hop dong dang thi ba: goc - goc
Néu hai goc ctia tam giac nay lan lwgt bang hai géc ctia tam giac kia thi hai tam
giac d6 dong dang vdi nhau.

AA'B'C' vaAABC ¢6 A'=A va B'= B thi 4A'B'C" » 4ABC (g-g)

B. BAI TAP

Dang 1: Truong hgp dong dang thit nhat: Canh - canh — canh.

1. Cho AABC c6 AB =3cm, BC =5cm, CA="T7cm va AA'B'C'cd A'B' = 4,5¢cm,
B'C'=7,5¢cm, C'A'=10,5cm. Hoi AABCva AA'B'C' c6 dong dang khong? Tai
sao?

2. Cho hinh vé

a) AABC c6 dong dang véi ADEF hay khong?

b) Tinh ti s6 chu vi ctia hai tam gidc.
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3. Cho tam giac ABC' ¢6 d¢ dai cac canh ti 1€ v6i 4;5;6. Cho biét: ADFE# AACB va
canh nho nhat cia ADEF 1a 0,8 cm. Tinh dd dai cac canh con lai cia ADEF .

4. Cho tam giac ABC dong dang véi tam giac A'B'C"'. Cho biét AB = 6cm,

BC =10cm; CA = 14em va chu vi tam gidc A' B'C' bang 45 cm. Tinh d6 dai cac
canh ctia tam giac A'B'C'".

5. Cho tam giac ABC va mot diém O nam trong tam giac d6. Goi P,Q, R Tan luot 1a

trung diém ctia cdc doan thang OA,0B,0C .
a) Chttng minh: APQR# AABC

b) Cho biét AABC' c6 chu vi bang 543 cm. Tinh chu vi APQR
6. Cho tam giac ABC dong dang voéi tam gidc A'B'C'. Cho biét
BC =24,3cm,CA = 32,4cm  AB =16,2cm. Tinh d0 dai cac canh cua tam giac

A'B'C' néu:

a) AB—A'B'=10cm b) A'B'- AB = 10cm
7. Cho t& giac ABCD c6 AB = 3cm, BC =10cm, CD =12cm, AD = 5em, dudng

chéo BD = 6¢m . Chitng minh rang:
a) AABD# ABCD
b) ABCD la hinh thang.

8. Cho tam giac ABC. biém M thud¢c canh BC sao cho j‘\/f/‘[—gzg Ké

MH | /AC(H € AB);MK | JAB(K € AC)
a) Tinh d¢ dai MB, MC biét BC' = 25(cm)
b) Tinh chu vi tam gidc ABC khi biét chu vi AKMC' bang 30cm

c) Ching minh: HB.MC = BM.KM

Dang 2: Treong hop dong dang thit hai: Canh - goc — canh

1. Cho :LTO\y nhon. Trén Oz 13y hai diém 4 va D sao cho OA =2(cm)OD =5
(cm).Trén Oy 13y hai diém C' va B sao cho OB = 2,5 (cm), OC = 4 (cm)

a) Chttng minh AOAB# AOCD .
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b) Chttng minh OA.CD = OC.AB.
2.Cho AABC # AOMN theo hé sé tilé k. Ké hai duong trung tuyén AE va OD.

a) Chirng minh L k.
OD

b) Chting minh ti s6 chu vi AABC véi chu vi AOMN ciing bang k.
3. Cho tam gidc ABC ¢ AB = 6cm,AC =7,5¢cm, BC = 9cm. Trén tia d6i cua tia

AB lay diém D sao cho AD = AC
a) Chitng minh rang: AABC# ACBD

b) Tinh CD

¢) Chitng minh rang; BAC =2ACB

4. Cho hinh thang ABCD, AB//CD co A=D=90°, AB=4(cm), CD = 9(cm),
BC =13(cm). M la trung diém caa AD . Ké BK 1 CD taiK .

a) T& giac ABKD la hinh gi? Tinh KC,BK,ADvaAM .

b) Chting minh AABM# ADMC .

¢) Tinh BMC .

5.Cho ADEF ¢ DE = 6(cm), DF = 12 (cm). Trén canh DF'1ay diém B sao cho
BD = 3(cm).

a) Chttng minh AEBD# AFDE .

b) Ké phan gidc trong DA cta ADEF . Chitng minh AE.DE = AF.BD.

c) Goi P,Q lan luot 1a trung diém ctia BE vaFE . Goi H la giao diém PQv6iDA.

HP.DF
HQ.DE

Chtrng minh 1.
6. Cho AABC vudng tai A. M la trung diém ctiaAC, Tt M vé duong thang d vudng
g6c v6iAC . Trén d1&y diém N sao cho MN — %AB vA Nva B nim trén hai nira

mat phang b AC .

a) Chttng minh AABC# AMNC'.

b) ABcat CN tai D, Chiing minh ACMN# ACAD.
¢) Ching minh BC = DC'.
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7. Cho hinh vuéng ABCD. Trén canh BC 13y diém E, tia AE cat dwong thing CD
tai M, tia DE cat duong thang AB tai N, Chitng minh rang:

a) ANBC# ABCM b) BM 1 CN

8. Cho hinh thoi ABCD, A =60". Qua C ké duong thing d cit cac tia d6i ctia cac

tia BA, DA theo thtt tu tai E, F. Chting minh rang

a) B _AD b) AEBD# ABDF
AB DF
¢) BID = 120" v6i11a giao diém cia DE va BF
Dang 3: Truong hgp dong dang thit hai: Canh - géc - canh va tong hgp
1. Cho AABC cantai A.Goi M la trung di€ém ctia BC'. Lay K thudc canh AB va I
thudc canh A C sao cho 1?1\71 = ABC'.
a) Chttng minh ABMK# ACIM .

b) Chttng minh ACMI# AMIK .

2. Cho hinh thoi ABCD c6 A = 60°. Duong thang qua C cat tia d8i cta tia BA, DA
o MvaN.

a) Chttng minh ABCM # ADNC r6i viét ti s dong dang.

b) Chitng minh BM.DN = BD.

3.Cho AABC cantai A, H la trung diém cua BC. Goi I la hinh chiéu ctia H trén
AC va O la trung diém cua HI . Chirng minh:

a) IE-IT) = l?CTI

b) Chttng minh AH.IC = HI.HC = HO.BC'.

c) AAHO # ABCI.

d) Chiing minh AO L BI.

4.Cho AABC cantai Aco AB = AC = 5em, BC = 6em . Tia phan gidc B cit AC tai
M , phan giac goc C cit AB tai V.

a) Chttng minh AANC # AAMB.

b) Chttng minh MN//BC va do dai canh AM .

¢) Tinh dién tich AAMN . Biét dién tich AABC 1a 12 cm”
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5. Cho hinh thang vuéng ABCD c6 AB//CD va A = D = 90" . Biét

CD =2AB =2AD.

a) ABCD la tam giac gi? Vi sao?

b) Chiing minh AABD# ABCD .

c) Ké dwong cao BH . Chttng minh AB.BC = BD.HC'.

6. Cho tam gidc ABC c6 ba géc nhon, duong cao AD, BE, CF catnhau tai H.

a) Chitng minh: AABE # AACF

b) Chttng minh: AH.HD = CH.HF

c) Chttng minh: ABDF # AABC

d) Goi K la giao diém ctia DE va CF.Chung minh: HF.CK = HK.CF
e) Chtiing minh BH.BE + CH.CF = BC?

HD HE HF
f) Tinh + + .
) AD BE CF

2
g) Chiing minh AD.HD < BC

h) Goi M, N, P,Q Ian luot la chan cac duwong vudng géc ha tiv £ xudng AB,AD,

CF,BC . Chttng minh bén diém M, N,P,Q cling nam trén mot duwong thang.

7. Cho tam gidc ABC nhon, cdc duong cao BD va CE cat nhau tai H.
Duong vudng goc AB tai B va duong vudng goc véi AC tai C cat nhau
tai K. Goi M la trung di€m cua BC . Ching minh:

a) Ching minh AABD# AACE

b) Chtiing minh: HE.HC = HD.HB;

c) Chitng minh H,M,K thang hang va ACE = AED

d) AH cat BCtai O.Chtng minh: BA.BE + CD.CA = BC”.

HO HD HE
Chtm inh =1
¢) gminh — ot p T CE

f) Chttng minh H la giao diém cic duwong phan giac ctia tam giac ODE .

g) Cho ACB = 45", goi Pla trung diém ctia DC . Ttr D ké duong thang
vudng goc véi BP tai I va cat CK tai N. Tim ti s§ dién tich ctia t¢ giac

CPIN va dién tich tam giac DCN .

h) Tam gidc ABC c6 diéu kién gi thi t& giac BHCK la hinh thoi? Hinh chit

G) Boi duong ning luc hoc mén Todn 8
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nhat?
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Bai 35: DINH LI PYTHAGORE

A. TOM TAT Li THUYET
* Dinh ly Pythagore

Trong mot tam giac vudng, binh phuirong ctia canh huyén bang tdng cac binh phurong
cta hai canh goc vuong.

B C
AABC vudngtai A c6 BC*® = AB* + AC*
* Dinh ly Pythagore dao.

Néu tam gidc c6 binh phuong ctia mdt canh bang téng cac binh phuong ctia hai canh
kia thi tam gidc d¢6 la tam gidc vudng

A

B C

AABC c6 BC? = AB® + AC*thi AABC vudng tai A
* Ung dung cta dinh Iy Pythagore

Néu tam giac vudng ABC' tai A c6 duong cao AH = h, caccanh BC =a, AC =0,
AC =cthl ha =b.c

@ Boi duéng ning luc hoc mén Todn 8
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B. BAI TAP
Dang 1: Ap dung dinh ly Pythagore dé tinh canh ctia tam giac vuong.
1. Cho tam gidc ABC vuongtai A,c6 AB=6cm, AC =8 cm.

a) Tinh 0 dai canh BC'.
b) Ké AH vuodng goc voi BC' tai H.Biét AH = 4,8 cm. Tinh BH,CH .

2. Cho tam giac ABC vudngtai A, c6 AC =9 cm, BC = 15cm. trén tia d6i cia AC
lay diém D sao cho AD = 5cm. Tinh d6 dai cac canh AB,BD.

3. Cho tam gidc nhon ABC, ké AH vuong goc véi BC'. Tinh chu vi tam giac ABC
biét AC =20 cm, AH =12 c¢cm, BH =5 cm.

4. Hai doan thang AC, BD vudng géc véi nhau va cat nhau tai trung diém mdi doan
thang. Tinh d6 dai AB, BC,CD, DA biét AC =12cm, BD = 16 cm.,

5. Cho tam giac ABC vudng tai B.Ké BH vudng goc voi AC . Biét BC' = 20cm,
HA =9cm, HC = 16cm . Hay tinh AB bang hai cach.

Dang 2: Ap dung dinh ly Pythagore dio dé chitng minh tam giac vuong.
6. Kiém tra xem tam gidc nao la tam giac vudng trong cac tam giac c6 d6 dai sau:

a)4 cm; 7cm; 6 cm; b) 6 cm; 10 cm; 8 cm.
¢) 20 cm; 12 cm; 16 cm; d) 6 cm; 11 cm; 9 cm.

7. Cho tam giac ABC', duong cao AH .Biét AH = 6cm, BH = 4,5cm, HC = 8 cm.
Hoi tam gidc ABC la tam giac gi?

8. Cho AABC ¢6 AB=24, AC =32, BC =40.Trén canh AC lay diém M sao
cho AM = 7. Chting minh rang;

~

a) ABC vudng b) AMB = 2C

Mot s6 bai tap tong hop

9. Cho AABC vuong tai A c6 AB = 3cm,AC = 4cm. M 1a trung diém ctia BC'. Tk
M ké hai duong thang song song véi AC va song song v6i AB cat AB va AC Tan luot
tai £ va F.

a) Tinh d¢ dai BC'.

b) Cac t& giac BEFC, AEMF' la hinh gi? Vi sao?

¢) Goi O 1a trung di€ém ctia EF .

Chting minh A va M d6i xting qua O.

10. Cho AABC vudng tai A c6 AB = 8cm; AC = 6cm trung tuyén AM . Ké
MD 1 AB; ME L AC

G} Boi duong ning luc hoc mén Todn 8
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a) Tt gidc ADMFE lahinh gi ? Visao ?

b) Tim diéu kién cua tam giac AABC dé t& gidc ADME 1a hinh vudng.
o) Tinh d6 dai AM .

d) Tinh dién tich AABM .

Toan thuc t&

11. Mot ban hoc sinh tha diéu ngoai dong, cho biét doan day diéu tir tay ban dén
diéu dai 170m va ban dtiing cach noi diéu duoc tha 1én theo phurong thang ding 1a
80m . Tinh d0 cao cua con diéu so véi mat dat, biét tay ban hoc sinh cach mat dat 2m

170m

80m [] 4

2m

12. Tinh chiéu dai duwong truot AC trong hinh vé trén (két qua lam tron hang phin
muoi).

3m Sm

C H B
10m

13. D€ xac dinh chiéc dién thoai la bao nhiéu inch, cdc nha san xuat da dwa vao do
dai duwong chéo ctia man hinh dién thoai, biét 1 inch ~ 2,54cm , dién thoai c6 chiéu
rong 1a 7cm ; chiéu dai la 15,5¢cm . Hoi chiéc dién thoai theo hinh vé 1a bao nhiéu inch

? (Lam tron két qua dén hang don vi ).

=) c
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Bai 36: CAC TRUONG HOP PONG DANG CUA TAM GIAC VUONG

A.TOM TAT Li THUYET

* Dinh 1i 1: N&u mét géc nhon ctia tam giac vudng nay bang mot goc nhon ctia tam
giac vuong kia thi hai tam gidc vuéng d6 dong dang voi nhau.

* Dinh li 2: Néu hai canh goc vudng cta tam giac vuodng nay ti 1¢ voi hai canh goc
vuong cta tam gidc vuong kia thi hai tam gidc vuong d6 dong dang véi nhau.

* Dinh li truong hop dong dang dic biét cta hai tam giac vudng: Néu canh huyén
va mot canh goc vudng cua tam gidc vudng nay ti 1é véi canh huyén va mot canh goc
vudng cua tam giac vuong kia thi hai tam giac vudng d6 déng dang véi nhau.

B. BAI TAP

1. Cho AABH vuong tai H c6 AB =20,BH = 12. Trén tia d6i cua tia HB ldy diém

C saocho AC ngH.

a) Ching minh AABH# ACAH .

b) Chttng minh BAC = 90°.

2. Tinh chu vi ctia tam giac ABC vudng tai A, biét rang duong cao AH chia tam
gidc d6 thanh hai tam gidc AHB va AHC c6 chu vi theo thtt tu bang 18 cm va
24 cm.

3. Cho hinh binh hanh ABCD, cac dwong cao CE,CF .Ké DH,BK vudng goc voi
AC . Chiing minh rang AC* = AD-DF + AB- AE.

4. Cho tam gidc nhon ABC, cac duwong cao BD va CFE catnhau tai H . Chting minh
rang BC* = BH-BD + CH -CE
5. Cho tam giac ABC vudng tai A, duong cao AH .Goi M,N lan luot la trung diém

ctia AH,BH .Goi O 1a giao diém ctia AN véi CM . Chting minh rang:
a) AABH” ACAH b) AABN” ACAM
c) AN L CM d) AH® = 4CM.MO

6. Cho hinh chit nhat ABCD c6 AB = 8cm,BC = 6cm . Vé duong cao AH cta
AABD .

a) Ching minh AAHB” ABCD.

b) Chttng minh AD* = DH.DB.

¢) Tinh d6 dai doan AH

G) Boi duong ning luc hoc mén Todn 8
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7. Cho tam giac ABC can tai A, goi H la trung diém caa BC. Vé HE vuodng goc
véi AC, goi O la trung diém ctia HE . Vé BK vudng goc véi AC, BE cat AO tai T

a) Ching minh: AAHE# ABCK
b) Chting minh: AE.EK = BK.OE
¢) Ching minh: OA | BE

8. Cho hinh chit nhat ABCD, (AB > AD).Ké AH L BD, (H € DB). Cho

HD = 4cm, BD = 16¢cm

a) Ching minh AAHD# ABAD .

b) Tinh AD.

c) Goi M, N lan lwgt 1a trung diém ctia AH, BH . Chttng minh MH.CD = AH.MN .

9. Cho AABC vuodng tai A c6 AB = 6cm,AC = 8cm . Puwong cao AH va phan giac
BD citnhautai I .
a) Chting minh AABC” AHBA tir d6 suy ra: AB* = BH.BC'.

IH AD

b) Chitng minh — = —.
A CD

¢) Tinh dién tich ABCD.
10. Cho AABC vudng tai A, dwong cao AH (H € BC).

a) Chttng minh AHBA” AABC'.
b) Chiing minh AH* = HB.HC'.
¢) Tia phan gidc géc AHC cit AC tai D . Chitng minh: 22 — AD”
HC DC?
11. Cho AABC vudng tai Acd AB = 3cm,AC = 4cm, duong cao AH . Trén canh
B(C'lay diém E sao cho AB = BE.
a) Chttng minh AHBA -~ AABC'.
b) Chiing minh BE* = BH - BC'.
¢) Tinh BC va AH.

— S
d) Tia phan giac ABC cat AC tai D.Tinh ti s6 —%2 .
ABC

12. Cho AABC vudng tai A c6 duong cao AH .Qua C' vé duong thang song song
v6i AB vacit AH tai D.Biét AB=20cm,AC =15cm.

a) Chttng minh AABC -~ AHBA vatinh BC,AH .

G) Boi duong ning luc hoc mén Todn 8
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b) Chirng minh AC*=AB.DC'.

) Goi Iva K Tan luot 1a trung diém caa AB va CD.Chtng minh I, H,K thang
hang.

13. Cho AABC vudngtai A,c6 AB<AC.Vé AH 1 BC,(H € BC).

a) Chttng minh AHBA# AABC'.

b) Tinh d6 dai cac canh BC va AH néu AB=9cm,AC =12cm.

c) Trén HC 13y diém M sao cho HM = HA.Qua M vé dudng thang vudng géc véi
BC cat AC tai I.Qua C vé dudong thang vudng géc véi BC cat tia phan giac gdc
M’ tai K .Chtng minh H,I, K théng hang.

14. Cho AABC vubng & A , duong cao AH .

a) Chttng minh AAHB# ACAB va AHCB = AB.AC.

b) Goi D va E Ian luot la hinh chiéu ctia H trén AB; AC . Tk gidc DHEA 1a hinh gi?
Vi sao?

¢) Cho AB =9c¢m,AC =12¢m . Tinh DE.

d) Chttng minh rang: AH® = DA.DB + EA.EC.

15. Cho AABCcé B = 90° c6 BA < BCva AD 1a duwong phan gidc AABC . Tt C vé
duong thang vudng goc véi tia AD tai E va cat AB tai F.

a) Tinh DB, DE néu biét AB = 42cm , AC = 70cm .

b) Chttng minh rdng ADAC# ADBE.

¢) Chitng minh AFEB# AFAC.
d) Goi M, N Tlanlugt la trung diém caa DF, AC . Chting minh MN L BE.

e) Vé duong cao BH, duong phan giac Bl cia AABC .Chitng minh Bl la tia phan giac

cua HBN .

f) Chttng minh HI + IN = HN .

g) So sanh cac goc cia AABI .

h) Néu cho AD = FC, khi d6 hay tinh s6 do cac goc cua AACF .

16. Cho tam giac ABC nhon va duong cao AD, BE,CF cat nhau tai H.Ké DI | AB
tai ] va DK L AC tai K .

a) Chting minh AD* = AI.AB ;

b) Chttng minh AAIK # AACB ;

G) Boi duong ning luc hoc mén Todn 8
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¢) Chttng minh AAFE# AACB ;
d) Chiing minh EF / /IK ;
e) Chiing minh DH.DA=DB.DC ;

f) Chting minh: H 1a giao diém cac dwong phan giac trong ADEF ;
g) Goi EF cit AH tai P , chtng minh HP.AD = AP.DH ;

17. Cho AABC nhon, duwong cao AD va CE citnhau tai H .
a) Ching minh BE.BA = BD.BC'.
b) Chiing minh rang AHAE [] AHCD .

c) Chttng minh . BED va BCA bang nhau.

d) Goi M, N theo thit tu la trung diém cua BC va AC . Tinh ti s6 dién tich cia tam
gidc ABC' va tam giac NMC?

e) Goi O 1a diém cach déu ba diém A, B, C' . Chting minh rang AOMN [1 AHAB .
f) So sanh chu vi cua tam gidc OMN véi chu vi ctia tam giac HAB .

g) Goi G la trong tdm ctia tam giac ABC'. Chting minh rang: AHAG [] AOMG.

h) Chting minh réng: GH = 2.GO.

i) Chttng minh rang: triec tam, trong tdm va tdm duong tron ngoai tiép tam giac
AABC thang hang.

G) Boi duéng ning luc hoc mén Todn 8
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Bai 37: HINH PONG DANG

A.TOM TAT Li THUYET
Cap hinh phoéng to — thu nhé duoc goi la cac hinh dong dang phdi canh. Diém dong
quy O trong mdi hinh dwoc goi 1a tm phdi canh ctia cdc cip hinh.

OA'

Ta néi hinh H d6ng dang phdi canh véi hinh H' theo ti s6 dong dang k = oL

B’ B
Hinh H' duoc goi la dong dang véi hinh H néu nd bang hinh H hodc bang mot
hinh phong to hay thu nhé cua H .
B. BAI TAP

1. Hinh anh bén dudi 1a btc tranh Pong H6 nhung cé kich thudc khac nhau.
Cho biét hai hinh chit nhiat ABCD, EFGH c6 ddng dang phdi canh khong ? Néu
c6, hiy chi ra tam dong dang phdi canh.

Giai:
Hai hinh chit nhat ABCD, EFGH c6 ddng dang phdi canh. Tam ddng dang phdi
canh la tam O.

2. AMNQ ddng dang phdi canh véi A4BC theo ti s6 k =%.
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Hay cho biét céc ti sO sau:

MN co ON
a) —— b) — C) —
AB co NB
Giai:
) Vip=1io MV _1
AB 2
D Vit=1=99_ L o0-200=c0=00=Loc
2 C 2 2
Khi do €9 — 9
cqQ
c)Vik:l:>O—N21:>OB:2.ON:>0N:NB:lOB
5 0B 2 2
Khido 2Y —4
NB

3. L4y diém O nam ngoai doan thang AB, hiy v& hinh dong dang phdi canh tam
O cua doan thang AB theo ti s6 dong dang 2.
4. Biét rang mdi hinh duéi day dong dang véi mot hinh khéc, hay tim cac cip hinh

dong dang do.
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Bai 38: HINH CHOP TAM GIAC PEU

A. TOM TAT LI THUYET
* Hinh chdp tam gidc déu c6 day 1a mot tam gide déu, cdc mat bén la cac tam
giac can bang nhau chung mot dinh. Dinh chung nay duoc goi 1a dinh cta
hinh chép déu.
Hinh chép déu S.ABC
Doan thang ndi dinh cta hinh chép va
trong tam cua tam giac day goi la duong
cao cuia hinh chép tam giac déu.

Duong cao vé tir dinh cia moi mét bén

goi la trung doan ctia hinh chop tam giac
déu
Nhin xét: Hinh chép tam gidc déu co:
- Day 1a tam giac déu;
- Mit bén 1a cic tam giac can bang nhau cé chung dinh;
- Chan duong cao ké tir dinh t6i mat day la diém cach déu cac dinh ctia tam
giac day.
* Dién tich xung quanh ctia hinh choép
tam gidc déu bang tich ctia ntra chu vi day
vOi trung doan.
S =npd

q
trong do p la ntra chu vi day; d la trung

doan.

Chu vi day cta tam giac déu: C = 3a

(a la do dai canh cta tam giac déu)

A g7 ) \ /4 A% M ]— 4 2 A 4 v /4 7. A
* Thé tich cta hinh chép déu bang 3 tich cua dién tich mat day véi chiéu cao
ctia no.
V= lS.h

3
trong d6 S1a dién tich day va h la chiéu cao cta hinh chop.
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B. BAI TAP
1. Cho hinh chép déu tam giac déu S.4BC c6 duong cao SO.

a) Cho biét cac mdt bén cta hinh chép c¢é dang hinh gi ?
Néu tén dinh cta hinh chop.

b) K€ tén cac canh bén.

c) K& tén mat day va cac mat bén ctia hinh chop.

2. Hinh anh bén la khoi Rubik ¢6 bon mat , cac mat bén, mat day la cac tam giac
déu.

a) Khoi Rubik ¢6 dang nhu hinh bén thuong
dwoc goi la hinh gi ?

b) Cho biét s mat ,s6 canh ,s6 dinh ctia hinh
khoi bén ?

¢) Hinh vé bén la hinh anh mot chiéc Robik — 4
mat , mdi mat déu duwoc ghép bdi nhitng tam giac déu nho bang nhau. Hay
cho biét c6 bao nhiéu tam giac déu c6 trén mot mat ctia chiéc Robic nay ?

3. Mot gi6 hoa gb mini c6 dang hinh chép tam giac déu
(nhw hinh bén) c6 d¢ dai canh ddy la 10 cm va do dai
trung doan bang 20 cm. Tinh dién tich xung quanh gio
hoa g6 mini d6.

4. Cho hinh choép tam giac déu S.ABC voi kich thudce
nhu hinh vé.

a) Tinh chu vi tam giac ABC' .
b) Cho biét d6 dai trung doan hinh chép S.ABC.

¢) Tinh dién tich xung quanh ctia hinh chop tam giac
déu S.ABC.
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5. Cho mot hinh chép tam gidc déu S.ABC c6 d¢ dai canh day AB béng 7 cm
va duong cao cua tam giac can SAB la SM = 11em . Tinh dién tich xung quanh
cta hinh choép tam giac déu S.ABC.

6. Cho hinh chép tam giac déu S.ABC c6 canh day bang 4 cm va chiéu cao tam
gidc ddy 1a 3,5 cm; trung doan bang 5cm. Tinh dién tich xung quanh va dién
tich toan phan (titc la téng dién tich cic mdt ) ctia hinh chép.

7. Mot khoi bé tong duoc lam ¢d dang hinh chdp tam giac déu trong d6 canh

day hinh chop la 2 m, trung doan ctia hinh chop la 3m. Nguwoi ta son ba mat
xung quanh ctia khdi bé tong. Ctt mdi mét vudng son can tra 30000 dong (tién

son va tién cong). Can phai tra bao nhiéu tién khi son ba mat xung quanh ?

8. Chop inox dat trén dinh nai Fansipan (Viét Nam) c6 dang hinh chop tam giac
déu véi dién tich ddy khoang 1560 cm? va chiéu cao khoang 90 cm. Tinh thé
tich cua chdp inox trén dinh nai Fansipan (Viét Nam).

9. a) Mot khoi Rubic ¢ dang hinh chép tam giac déu. Biét chiéu cao khoang
5,88 cm, thé tich ctia khéi Rubicla 44,002 cm® . Tinh dién tich day cua khéi Rubic.
b) M6t hinh chép tam giac déu c6 thé tich 1a 124/3em®, dién tich day 1a 9v3em?.
Tinh chiéu cao cta hinh chép tam giac déu dé6 .

10. Cho hinh chép tam giac déu S.ABC c6 d¢ dai canh day 1a 12 cm, do dai
canh bén la 8 cm. Hay tinh:

a) Thé tich cta hinh choép;
b) Dién tich toan phan ctia hinh chép.
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Bai 39: HINH CHOP TU GIAC DEU
A.TOM TAT Li THUYET
* Hinh chdp t& giac déu
Hinh chop S.ABCD c6 ddy ABCD la hinh vudng, cdc médt bén lan hitng tam
giac can bang nhau, cé chung dinh. Ta goi S.ABCD1a hinh chép ti& giac déu.

Nhin xét: Hinh chép ti gidc déu co:
- Mt day 1a hinh vudng, cac mit bén 1a cac tam gidc can bang nhau c6 chung
dinh
- Chan duong cao ké tir dinh t6i mat day la diém cach déu cac dinh cua mat
day (giao diém cua hai duong chéo)
* Dién tich xung quanh ctia hinh chép t&
giac déu bang tich ctia nita chu vi day véi
trung doan.
S =npd

zq
trong do p la ntra chu vi ddy; d la trung
doan.

Chu vi dy cua t gidc déu: C = 4a

(a la d0 dai canh day t& gidc déu)
 Thé tich ctia hinh chép déu bang % tich ctia dién tich mdt day véi chiéu cao
cta no.

V=S

trong d6 Sla dién tich day va h la chiéu cao caa hinh chop.
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B. BAITAP
1. Cho hinh chép déu t gidc déu S.ABCD co
dwong cao SO.

(Hinh vé bén).

a) Cho biét cac mdt bén ctaa hinh chdp c6 dang
hinh gi ? Néu tén dinh cta hinh chop.

b) K€ tén cac canh bén.

c) K& tén mat day va cac mdt bén ctia hinh chép.

2. Mot tai qua c¢é dang hinh chép ti gide déu (nhw hinh
bén) c6 do dai canh day la 12 cm va do dai trung doan
bang 8 cm. Tinh dién tich xung tai qua dé.

3. Cho hinh chép t& giac déu S.ABCD vdi kich thudce nhw hinh vé.

a) Tinh chu vi day ABCD.

b) Cho biét d6 dai trung doan hinh chép S.ABCD. ) S
SR D

c¢) Tinh dién tich xung quanh cta hinh chép t& gidc déu
S.ABCD.

B 10 cm C

4. Cho mét hinh chép t& giac déu S.ABCD ¢ dién tich ddy la 400 cm®, trung
doan SI =25c¢m. Tinh dién tich xung quanh, dién tich toan phan ( titc la tong
dién tich cic mdt ) caa hinh chép t& giac déu S.ABCD.

5. a) Kim tu thap Ké - Op ( thé’ki 25 trieoc cong nguyén) 1a mot hinh chdp t& giac
déu, canh ddy bang 233m; chiéu cao hinh chép 146,5m . Tinh thé tich kim tu thap
Ké-op?

b) Kim tu thap Louvre (xdy dung vao nam 1988). Nguwoi ta lam mo6 hinh mot kim
ty thap 6 cong vao ctia bao tang Louvre. M6 hinh c6 dang hinh chop tit gidc déu

o6 chiéu cao 21m, d0 dai canh day la 34m . Tinh thé tich cua kim tu thap Louvre
?
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6. BO d6 choi gom c6 chim dai bang va hinh chép dé giit thang bang. Biét hinh
chép dé gitr thang bang 1a hinh chép t& gidc déu cd
canh 40 mm; chiéu cao hinh chép ti gidc déu do la 52
mm. Tinh thé tich ctia hinh chép t& gidc déu dé (lam tron
két qua dén hang phiin mueoi).

7. Cho hinh chép t giac déu S.MNPQ ¢ chiéu cao 15

cm va thé tich 1a 1280 cm?® .

a) Tinh d¢ dai canh ddy cta hinh chop.

b) Tinh dién tich xung quanh cua hinh chép biét, d6 dai trung doan ctia hinh
chop la 17 cm.

8. Cho hinh chép ti& gidc déu S.4ABCD c6 canh ddy bang a+/2 va canh bén bang
a+/10 . Tinh thé tich hinh chép.

9. Cho hinh chép t& giac déu S.ABCD ¢ canh bén dai 5¢m va dién tich xung
quanh bang 48¢m* . Tinh thé tich ctia hinh chép d6.
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Bai 21: PHAN THUC PAI SO
1.

a) 3y.8z = 24zy VA 4.6zy = 242y nén 3y.8z = 4.6zy = dpcm

b) (z+y).92%(z+y) =92 (2 +y)2 va 3z.3z(z + y>2 =92 (2 + y)2

Nén (z +y).92° (z +y) = 3z.3z(z + y)2 = dpcm

Q) (22 + 4z)(w +2) = 22" + 82* + 8z va (z +2) 22 = 2" +82° + 8z ...=>dpem
d) (:z:—|—1)<;1:2—|—6:c+9>:(:1:+1)(1:—|—3>2 va (:L’—I—3)(:z:2+4x+3):<x+3>2<x+1)
...=dpem

e) (z—2)a.(a” + 20 +4) = 2(v - 2)(s” + 20 + 4)

va —z.(8—2') = —z(2-2)(2* + 20+ 4) = 2z~ 2)(2* + 22+ 4) ... = dpcm

f) (m2+y2—|—2xy—1)<:v—y+1)=(x+y—1>(x+y+1>(x—y+1>

\

va (2 =y’ + 2 +1)(z+y—1)=(s+1-y)(z+1+y)(z+y—-1) ... = dpcm

2.
3 4 4
a) Ta co: xy’.352°y = 7.52"y" = 352"y = Wy _dTy
7 352y
r—2 (z—2)

b) Ta cé: (x—Q)(x2—4):(x—2>2(x—l—2):>x+2— g

2
0 Tact: *(x +3)(v +3) =’ (0 + 3] = x((fﬂ++3i)’>2) - i 3
I\T T

=8z +7 2t —6x—7
= =

d) Ta c6: [o* =80 +7)(z +1) = (2" 62 = 7)(z ~1] 1 +1
T — x

3.

Ta 6 (22 +3)(152 — 20) = 5(22 + 3) (2 — 4) = 15(22° — 132 — 24) = A = B(1)

Lai c6 (21’ +3)(75z — 30) =15(2z + 3)(52 — 2) — 15(103;2 11z — 6) = A= 0(2)

é‘ﬂ'v ‘ \
\Ne 2
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Twr (1); (2):>A=B=C

4. Chitng minh cac dang thitc sau:
a) (x—2)a.(2” + 2x +4) = —z.(2" - 2°)
b) 3x.(y° — %) = (z + y).(=32).(z — y)
0) (x+ v).92* (z 4 y) = 3a3a(z +y)

5. Diéu kién xac dinh

a) =0 b)z-3=0&2=3 Q)9—z=0&2=9
1 3
d) -22-10=0& 2= -5 e)§x+4¢0<:>x:—8 f)6—§x¢0<:>x:4

6. Diéu kién xac dinh

z=—1
a)<x+1>(z—3)¢0©{x¢3 b) 2’ -1=0& 1= +1
) z=0 )
)’ —zx=0& d) 2> +4r+4=0& 1= -2
=1
4
e)(3x—4)(3z+4)=0 2= +t— r—2)lr—3|=0&x=2;2=3
) (30— 4)(30 +4) 3 gz —2)(s-3)
7. Diéu kién xac dinh
z=0
a)2x2—x¢0<:>:1;<233—1>¢0<:> 1
T = —

b) z(z—1)(z—2)= 0 & = ¢ {0;1;2}

c) Tacd —2* +4z—-5= —(x —2)2 —1<-1<0 véi moi z nén phan thirc da cho
ludn c6é nghia
d) biéu kién xdc dinh z = —3;y = 2 khong dong thoi xay ra.

e) Ta co x2+6x+10:(:v+3)2+1>0Véimoix

f) 9x2—24x+16:¢0<:>(3x—4)2¢0(:>x¢§

@6 Boi duong ning luc hoc mén Todn 8
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8.
a)Tacd 2* >0,V = 2° +5>5Vz
b)Taco (v+1) >0z = (v +1) +4 >4,z
c) Taco x2+2x+9:<w+1)2+828,wc
d)Tacé —a* +dz—5=—(r—2] ~1<-LVa

2
e) Ta co x4—2x2+y4+2:<x2—1) +y+1>1>0

2

e) ' +z+7= x+l —i—zzﬁwv
2] 4 " 4
9.
a) x+§:0<:)x+3:0(:>33:—3 (thoa man z = 3)
I‘_
b) 220 e sr-6=0c1=2
T +2
P —12
Q2 I s —125=06 2 =145
" +1
2
) Sk S NP P DI
" —4x+5
10.

a) Vi z nguyén nén 2z — 1 nguyeéen

do do

2z —

b) Vi z nguyén nén 2z’ + 1 nguyén

) ) r=0

, . r+1=1 x =
do do nguyén & | S|, Slr=2
22 +1 r+1=5 =4 5
r=—

c) Vi z nguyén nén z* — z + 1 nguyén

5 1 nguyén < 2z — 1€ U (3) = {£L+3} & z € {-1,0;1;2}

,ﬁ
\e 2
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N/
do dé — " a f‘2‘$+1=1<2 +1>0) z(z—1)=
OdoO ——— n en < — =
2 —x+1 g1y xQ—x—i-l:?x v <$—3)(m+2>:

& ze{-2013}

11. a) Dién tich cta ao la: I (x + 200)(m2)

b) Dién tich miéng dat 1a: § = (z + 400)(z + 400)(m?)

Dién tich phan dat con lai sau khi da dao ao la:

§'=8—8 =(z+400)(x +400) — z(z + 200)

— 2 + 800z 4 160000 — 2* — 200

— 600z + 160000 = 200 3z + 800)(m’ )

12.

Dién tich miéng dat hinh vuong 1a: § = (a +b)(a +b) (m’)

Dién tich miéng d&t duoc danh d& 14t 16 di 1a: §' = (a +b)(a —b) (m’)
Dién tich miéng dat con lai sau khi da lat 16i di la:
§'=8-8=(a+b)(a+b)—(a+b)(a=b) =(a+b)(a+b—a+b)=2b(a+b) (m’)
13. a) Sau khi gap, day ctia hinh hop chit nhat la hinh vuéng cé canh la:
20—z —z=20—2z

Mit ddy c6 dang hinh vudéng nén dién tich 1a:$ = (20 — 2z)(20 — 2z)

S =400 — 80z + 42° = 42° — 80z + 400

b) Thé tich ctia hinh hop ch nhat la:

V =Sh= (42° — 80z + 400)z = 42’ — 802” + 400z

¢) Thé z =2 em vao biéu thirc biéu dién thé tich ctia hinh hop chit nhat, ta co:

G Boi duong ning luc hoc mén Todn 8
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V = 42® — 802° + 400z = 4.2° — 80.2* +400.2 = 4.8 — 80.4 + 400.2
= 32 — 320 4 800 = 512(cm’

14. a) Goi a:(cm) la chiéu rong miéng bia luc dau (:1: > 0)

Khi d6 « + 30(cm) la chiéu dai miéng bia ltc dau.

Chiéu rong miéng bia sau khi cat: z — 6 —6 = z — 12 (cm)
Chiéu dai miéng bia sau khi cat: = +30 — 6 —6 = = + 18 (cm)

Dién tich ddy can tim 1a: (z —12)(z + 18)(cm”)

b) Chiéu cao cua hinh hop ch nhat chinh la canh cua hinh vudng bi cit bo
béng 6cm .

Thé tich ddy ctia hinh hop chir nhat la:

3354

V=S8h=S8= _—=559(cm)
6

=<

Theo dé bai, ta c6 phuong trinh:
(# —12) (2 +18) = 559 « a” + 62 — 775 = 0 > (2* + 62 +9) ~ 784 =0

& (v+3) =28 & 2+3=28 hojc v +3=—28

< z =25 (nhan) hay z = —31 (loai)

Vay chiéu rong ban dau ctia miéng bia la 25 (cm)
Chiéu dai ban dau ctia miéng bia 1a 25 + 30 = 55(cm).
15.

a) Moi doi da mot tran duy nhat voi moi doi caa 16p ban thi so tran dau caa
moi doi sé la: z —1 tran.
Vico z ddi, moi doi dd =z — 1 trdn va mot tran dau chi duoc tinh cho mot doi,

NN )
do do tong so tran dau sé la:

@G Boi duong ning luc hoc mén Todn 8
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- A e , x(:v—l)
b) Do tong so tran dau la 10, ta co: 5 =10

Sa(z-1)=2002"—2-20=0
e’ —brt+4r-20=0sz(z—5)+4(z—5)=0 (z-5)(z+4)=0
& z =5 (nhan) hay z = —4 (loai)
Vay khoi 8 ¢ 5 16p tham du giai bong da ctia truong.
*—2r—-3 z-3

16. 4 =2 — —
2 +2x+1 w+1

Thayx:§:>A=—2

b)tacod z° —4 =0 = 1 =2(loai) hodac z = —2(thoa man)

T —2 1
B: 5 — —
r —br+6 z-—3
o -1
VO'I CU:—2:>B:?
17.
2
a)A:x2+i2—{—2.:c.l—2: :/y+l —-2=7
T T T
3
b)Bsz’?’—kl :{x+1][m2—1+%]:36:18
T T T
C)C’:x‘l—l—%:x4—|—i4—1—2.332.i2—2:[ar/’2—|—i2 22 =47
T T T x
5
d)D=x5+[l] = a:+l x4—x3.l+x2.%—$.%+%]
T T T T 0 x
= x+l x4+i4—$2+1—i2]
T T T

:3.(47—7+1):123

Cach 2:

2
T

x2+i][a:3+i]:x5+x+l+i:123

\e 2
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18. Tt a+b+c=0=a=—(b+c)=a+b=—-—c= (a+b) =

a’> + b —c* = —2ab
= 10>+ —a’ =—2bc

A +a*—b = —2ac

1 1 1 —(a+b+c)
> A=—-
—2ab —2bc  —2ac 2abce

Te GT: = A= =0

19. Sir dung tinh chat bang nhau ctia hai phan thirc dé tim da thtrc chua biét.

A
a) x2—4:xi2 :>1}.(£B2—4>:A.<$+2) :>A:a:.<as—2>
b) A ::EQ_yQ :>(x+y)(a:2—y2>:A(x—y) :>A:(x—|—y)2
Tty T—y '

C) 1—2° :1+m+x2 N

1 . (1—:1:3).3::A.(1+x+x2) :>A:m.<1—x>

d) x2—|—2xy—l—y2: A

2 2

T—y -y :(1'2+2$y+y2>'<x2_y2>:A‘(z_y) éAZ(‘%erf

@ Boi duéng ning luc hoc mén Todn 8
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Bai 22: TINH CHAT CO BAN CUA PHAN THUC PAI SO

1. a) f2 = 2i22 = A =22
Sety) Sle-y)ety)
b) 3 = 3(:6—@/) :>A—3<:v—y)

2 2
o) z”+8  2z(z” +8)

:>A:2:13(2x—1)

2—1 A
) e ¢ k) BN R
2 A
2 ) 6622—9b:3b(22b_3): BB-3)
W -9 () -3 (2b-3)(2b+3) 26+3
A ) BT SR
2—m 2—m m—2
3.2) 4x+3:(4x+3)-3x _ 122" + 9z
o5 (x2_5),3x 32° — 152
2
8% — 8z + 2 2(4»’0 —43}—1—1)_ 2(22 1) 201 _1-2z

b) (49;—2)(15—95) 2(95 1)(15—95) 2(2x—1)(15—x) 15—z z-15

12a° —12a + 3 (6a )(2a—1)_1—2a

4. a) <6a_3)<5 a) (6a 3)(5—&) B a—>
b) Ta c6 v o7 _ S -2y phén thiic can tim 1a 3u’ — 21y
4z +3  122° 4+ 9z 122° + 9z

5.a) B=22"—3z—5=(z+1)(22—5) nén

20 -5 (2:17—5)(w+1) _ 2" —3z-5
3x2+4_(3x2+4)<x—|—1) 32° + 32* 4+ 4z + 4

(1:—!—1)(:52-1-93—6): (2 +1)(z +3)(x - 2) -2
(:v2—9)<:v2+3x+2) (x—3>(x+3>($+2>(m+1) ¥ —x—6

A B C

6. = = ,x = Lx=3.
z—3 (z—3)(x—1) <x2 —{—33:—1—9)(3:—3)

é‘ﬂ'v ‘ \
\Ne 2
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A B C

= — = = ,wil,x¢3.
1 (x=1) (ZE2 +3[E+9>

Chon A=1=C=2"+32+9;B=2—-1

A(x—l)_ B B C
7 (2 +2) C(e+2)(e-2)  (v+2)(s* —20+4)
:A(a:—l): B C

(2 +2) (x—2>_<x2—2x—|—4)
chon A=z +2= B=(z-1)(z—2):;C = (z—1)(s* — 22 +4)

3.(z—1> _ 3z-3

8. a) Ta co: x+2=(x+2>(x_1)_x2+x—2

p—1_(1-1)3 303

Ta co: —
5T 5z.3 15z
b)TaCé_a:—l—5_($+5>.(a:—5)_ 2o
S 4z dw(z-5) 42’ —20n
Ta co: 2" —25
" 2243
9.2) Tacoh: A——LT2 _2z+l) o

2+l (2 +1) ozl

2 2

Thay z =1 ( thoa man diéu kién) vao biéu thirc A ta dugc: A = =——=1
z+1 141

32° + 3z 31’(1’ +1) 3z

-1 (z-1)(z+1) a-1

b) Tacd: B =

Thay z = —2 ( thoa méan diéu kién) vao biéu thirc B ta duoc:
3z 3. (—2)

B:x—1:<—2)—1

=2

10. Ta co: 31—1:0@x2§

é‘ﬂ'v ‘ \
\Ne 2
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-1 (x—l)(erl) oz +1

Ta co: C:2x2—3x+1_(:c—1)(2a;—1)_2:c—1

Thay z = % ( thoa man diéu kién) vao biéu thuc ¢ ta duoc:

1

_x—|—1_§+1 4
SRR
3
273 _
11.a)Tac():A:ab :ﬁzﬁ:—3:>A:—3
a’b? a 12
-1
- 2oy—s) —2(0-y) (-2} . _
b)B= 22?/ 2z = ( 2): < 2>: 2 —4 V01$—y:—1
T ] ey :
4
_ 2 20(x — 2)(1+ =z _ _ _ _ .
C)C:(x 2)(2954—292): ( )( ) _ 22: 12 2 A
(e+D)dz—2")  z(2-z)2+2)=+1) z+ -1, 3
2 2
-1
T =—
2

d)D = z—xy—y+y’ _$(1_y)_y(1_y):<y_x>(y_l) y—Tr _ 5 vOi

T P P P
-3 1
x:T;yZE
12. Ta co:
9z — 6 w6 96 _ 3(3-2) 3 0
307 +3u—(2r+2) 32’ +3z-20-2 32 +z2-2 (v+1)(3z-2) o+l
. 3z' —3z+3 3($2—$+1) 3
Ta co: - = = (2)
T +1 <x+1)<x2—$+1) z+1
\ 92 — 6 _3x2—3x—l—3 . 1A , N
Tu (1),(2) :>3x2+3x_ (2x+2)_ T (Hai phan thurc bang nhau)
13.

é‘ﬂ'v ‘ \
\Ne 2
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Ta co: v sy 6 (1+2)(+3) yi3 ()
" 3y+6 3(y +2) 3
2 +5y—3 (y+3)2u—-1) 43
Ta co: = = (2)

6y — 3 3(2y — 1) 3

Tur (1>,<2):>y2+5y—|—6:2y2+5y—3

. (Hai phan thirc bing nh
3516 — (Hai phan thurc bang nhau)

2 2
14. a) Ta co 2x 1 _z 1Véx 20 -3 -3

r—3zx—4 -4 azQ—x—2_x—2

Vay hai phan thtrc khong ludn bang nhau.

‘-1 P2z -3 -1 -2
b) x2i3x—4:g§v?—;—2 @j_zl:5_4@(%—1)(1‘—4)2(17—2)(1‘—4)

<:>a:2—3x—|—2:x2—7x—|—12<:>x:g

15,0 Lir's 2 Bl s ]
2y’ 3y 30zy(z +1) 6
3e(5-2) —3x(r-5) . 60zy (32 —2) 42 3a)
12(z - 5) - 12(z - 5) - 4z —5) 5oy’ (2—3z) 3By
16.
- 17zy’2" y2?

B 34z’ 2 27

B Y :‘?J(x_y): y—u
day — Ty’ y<4x—7y) 4o — Ty

z* —25 :(fv+5)(x—5):x+5

02537—1’2 —x(x—5) —

o+ 1z — Yy — yz _($+Z)<$—y)_x—y

D =
T+ a2+ oy +yz (x—l—z)(x—l—y) T+y

. 5r(3-2) 3

150(z—3) 37

é‘ﬂ'v ‘ \
\Ne 2
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P e Gk ) i) B

2’ — 32y + 3xy’ — 9’ (x_y)g (x_y)Q

B art — a'r B ax(m3—a3) _ax(x—a)((f—i—ax—l—xz)_
17.A—a2+ax+x2_a2+aa:+x2_ a’ +azr + 1’ —ax(m—a)
B_IE3+ZL'2—6£E (37 +a- 6) x(z 2)(3”‘3) T+ 3
IR R I R
o 242 — 2ab 2a(a b) B Qa(a b) 2

ac +ad —be—bd a(c+d)- b(c+d)_(c+d)(a—b)_c+d

(:c—l—a)2—4:v2 _<x+a—|—2x)<x—|—a—2x>_<3x+a)<a—x)_ <a—:1:)
a2+9x2+6ax_ a’ + 6az + 92° B (3x+a>2 —<3x—|—a)

E:y(Qx—x2)(y ) (2 :r)( )_—a:y(x—2>(y+2)
o2y+y)(e-2) a2y)le-2)  ay(y+2)z-2)
#-3c+2  (e—1)(z-2 (z—2)

F= z* —1 (x 1)(I +m+1>_(x +:1:—|—1)

T2t +Tr 75”(5”2 + 1) Tx

' —1 _(:132—1—1)(372—1)_132—1

18.a) Taco:

48y —12y° + 3y 3y(y2 —4dy + 16) 3y

b)Taco: v 6t (y+4)(y —dy+16) T4

2
x2+y2—1+2$y: (1’3+?J> -1 :z—l—y—l

¢) Ta co: —— . ; -

d) Ta co: ¥ tazoay—yr Ty
x2+xz+1:y+yz T+y

P g1 (r=1)—(z-1)  (z-1)

’ +1 _<x+1)(:v2—:1:+1)_(x2—x+1)

e) Ta co:

é‘ﬂ'v ‘ \
\Ne 2
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I PN o SN (2
P —3r—-2 P4t —r—20-2 (gc+1>(g:2—g;—2)
I R I G
B (x+1)(x+1)(x—2) B (a:—2)
19.
a) MTC: 152%y b) MTC: 14zy® c) MTC: 122°%°
d) MTC:35(z +1) e) 3z +3 =3(z+1); MTC:3(z +1)

f) 42— 4 =4(z—1); 62° — 62 = 62 (z —1). MTC: 122z — 1)

20.

a) 20— 6=2(x—3); 2" — 9= (2 +3)(x—3)
MTC:2(z + 3)(z — 3)

b) 5z — 2 = —z(x—5); 2 —25$:x<x2 —25); 37 +15 = 3(z + 5)
MTC: 3z (z - 5)(x +5)

) ' —1=(z-1)(" +2+1);2’ —z = (2 —1)

MTC: z(z—1)(s* + 2 +1)

d) o’ —3z+2=(2-1)(z—2); 20— 4=2(z—2)

MTC: 2(z —1)(z - 2)

e) o’ +3z+2=(z+1)(x+2)

T +52+6=(x+2)(z+3

v +4z+3=(z+1)(z+3)
MTC: (z+1)(z +2)(z + 3)
21.a) MTC: 6(z —1)

5 5(%—1) 5z —5

6 6(z—1) 6(c—1)

\e 2
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T —2 (x—2)-2 2z — 4

3(z—1) B 3(z—1).2 - 6(z—1)
b) 5z +5=>5(z+1);3z+3=3(x+1)
MTC: 15(:c+1)

2 2 2.3 6

Br+5 5(x+1)  5(z+1).3 B 15(z + 1)

2+ 24z (2"‘3?)'5 10 + 5z

3243 3(z +1) - 3(z+1).5 B 15(2 +1)
¢) 10z +10 =10(z +1); 52 + 5z = 5z (z + 1)
MTC: 10x<$+1>

i 5(m+1)

_ _ 5z + 5
2 22.5(z +1) B 10z (z +1)

5 - 5 _ 5.x _ 5.x
10:1:+10_10(x—|—1>_10<x+1).x_10x.($+1)
47 wt7 (e+7)2 opqug

52° + 5z br(z+1) B 52 (z +1).2 B 10z(z +1)

2
-z z-—4

22.9) - S 3 MTC: 2 - 4)

1 x-2 oz  x+2 3 —6
2(x* — 4)

2 +4 22’ —4) 2w—4 22’ —4) 4—2°

b) z — 227 z—x(Qx—l); 4x3—x=x(4x2—1); 2$2+$:x<2x+1>.MTC: x(4x2—1)
1 1 —(2e+1) 20 20
x—23:2_x(23:—1>_a;(4a:2—1);4$3—w—x(4x2—1>

71 T(2e-1) 17
2x2+x_1:(2x+1)—x(41:2—1)_x(4x2—1)

¢) MTC: z(z® +1)

N S S 41
2 +1 2@ +1) 4z zr+l)
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42 az+2)(x+1) 2’4327+ 2

P —z+1 z(z® +1) z(z’ +1)

d) MTC: (z + 1)*(z +2)°

1 4 3r+2 I (x+2)° . 1 (z +1)

P 43r4+2 (z+1)P(x+27 <$+1>2 2+ 1) (z+2)7 (H2>2 (z 4+ 1)*(z + 2)°

23.
8) VT = (b+1) _b+1_ g
b +1) 3
b) VT:(a—a:)(a—I—?):r): a-r _ b
(a + 3z)° a+ 3z
o) VT = (z—-2)=z-1)  x-2 _vp
(:E—l)(:s2+1:+1)  +z+1
dyr- @A) _y+l_p
(2 — ) T —2
&) VT — 20c+y)+yly+a) 1 _vp

P2z +y) -y Q2et+y) Ty

24 P:m(2y—x)2::v—2y.Q:(Qy—a:)(x—l):x—QyjP:Q
' da(x — 2y) 4o’ 4z(1 — z) 4z

5 aa=y_(ety)le-y)  (ahy)e-y) 1

(x+y)(ay—aw) a(x+y)<y—:1:> —a<x+y)(x—y) a

<$2+a)(1+a)+a2$2+1_x2+ax2—i—a—i—a2—|—a2x2—l—l

b
) (1132—(1,)(1—&)—}—(1,21172—}—1 2’ —ar’ —a+d’ +a'2’ +1

P(ltata)+(1+e+a’) (1+ata’)(s +1) 14044

xQ(l—a—FaZ)—F(l—a—FaQ) (1—a+a2><x2+1)_1+a+a2
26.
a) Gia str (3n + 1,5n +2) = d.

Tacé: 3(5n+2)—5(3n+1)id = 1id = d = +1
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1a phan so to1 gian.

Vay phan sb 3n+1
5Y0)

b) Gia sir (12n +1,30n +2) =d.
Ta c6 5(12n+1)—3(30n+2)5d = 1id=d=+1

+1

. 12 C .
Vay phan so n 1a phan so to1 gian.
30n + 2

o) Gia str: <n4 1302 4+ 1,n* + 30 +1) —d
Ta co (n4 + 3n® +1)—n(n3 —|—2n) =n’+1id.
Dodé (n' +3n” +1)—(n* +1] =n’id.Suyra 1id = d = %1

n® +2n

—— —— laphan s6 tdi gian.
n' +3n* +1

Vay phan sb
d) Giasir d € (C)<2n+1,2n2 —1) - n<2n+1)—(2n2 —1) —n+1lid=2n+2d

:>(2n+2)—(2n+1):15d:>d:i1

Vay phan sb 22n2+ ! 13 phan sb téi gian.
n —
27.
a) Dé c6 gid tri 1a s nguyén thi 2z —1 € {~3;~1;1;3}. Do dé z € {~1;0;1;2}.
x_
2 5r —1 y ey, e 1x K N v 2 4
b) bé — c6 gia tri 1a sO nguyén thi z +1€{1;5}.D0 do xe{—2;0;2}.
z +1
¢) Pé — ¢6 gid trj 1a s6 nguyén thi 2” — 2 +1 € {~7;—1;1;7}. Do dé
T —z+1
v e{-20,13}.
. ° —59 s ) : ) : :
d) bé cogiatrilaso nguyénthi 2 —59:2+8 & 2° —64+5:2+8 < 5:x + 8.
T+
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28. bit 10 :kEZ,tacékx2+k:10nénx2zlo_k.
z° +1 k
Ta phai co —~>0nénco 0<k<10.Tacod bang sau:
k 1 2 3 4 5 6 7 8 9 10
PR U 3 I R A A T L - R B O O B B B
ok 3 2 3 7 4 9
T E 0
Q +3 | 2 +1 +1 41

Vay =z = :l:3;:|:2;:|:1;:|:%;:|:%;0.
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Bai 23: PHEP CONG VA PHEP TRU PHAN THUC DPAI SO

2) x—4+—10—8$_x—4—10—8:v_—7x—14_7(—95—2)_—x—2
14 14 14 14 14 2

Tr—2 2—8xy_7x—2+2—8xy_7x—8$y_37(7_82/) 7—8y

24xy 24xy 24xy 24xy 24xy 24y
0) 3x—y+6x—|—4y_ 3x—y+6:c—i—4y_9x—|—3y_3(3:1;4-?1)_
3z+y  3z+vy 3z +y 3z +y 3z +y
d) 3xy—4+7—12x+43:—3_3xy—4+7—12x+4x—3:3xy—8x

—25xy —25ry  —2bzy B —25zy —25xy

1(3y-8) 3y-8 8-3
—25xy —25y 25y

2.
3 20 — 2 3 2—2a_3+2—2a_1

a) + =

+ =
5—2a 2a-—5 5—2a 5—2a 5—2a

b) x2+2xy+3y2—xy+2y2—3xy:$2+2xy+xy—3y2 +2y2—3xy

z—y y—z z—y z—y z—y z—y
2y 4y -3y +2y° =3y 2t — ey
Tty T+y

6b — 3 2bx—2ax+6a—3_3—6b+2bx—2ax+6a—3

C
)a2—b2 b — o’ b — o’ b — a?

3 —6b+ 2bz — 2ax + 6a — 3

6(a—b)—2z(a —b) (a—b)<6—2x>:233_6

bZ_a2 b?_a2 b?_a/Q a+b

3.

a) S5zy’ — 3z N 4o’y + 3z by’ —3z+ 42’y + 3z xy(5y + 455) _ by +dx
3xy 3zy 3xy 3xy 3

2
2 9.2 2 _ e _ 92 r—1
b) 37— z+2 3-—2z :3£L' :U+ T 2+3 2z :< ) 1

z—1 1—=z z—1 z—1 z—1 z—1 z—1

4. a) 2_x+2aa:+3x:2ax—2aa:—3x:—_x
3 —3a 3a a
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a+2b—2z 1

,ﬁ
\e 2

a+2b—-2rx—a 2

b) ab — ax +x—b_ a(b—a:) T
o) 3z —2y 2+2:3x—2y+2y+2x:§
Ty Ty Ty Y
d)
i—i—__2_i__?)aga_i_‘,lgy_‘,s_3352—2:15(y—1)—3:v2—I—:l:y—:v__Qfgy_i_ag_ 12y
T e I e
5.2) 5 72—2x:5(x—22)+7—2x:3g;—3
rT+2 -4 - —4 x —4
b) 2z +9 2 _—2x—9+2<2x+3>_2$_3_ 1
9—4a® 223 42° -9 C4r' -9 22+3
o) x 4y _ x n 4y _ z’ — 49 :—:E—Qy
2" —xy  2° — 2y y(2y—az) x(x—Qy) a:y(?y—x) zy
d) 1l 20-5 1 2t — 5 :2(fv—1)+x(2x—5):2x2—3x—2
4z 22" -2 :1:(:1:+1) 2(x2—1> 2x<:1:2—1) 23:(332—1)
6.a)A:x2+2+ - 3 + !
-1 z24+z+1 1-z
7t +2 3 1 2

(x—l)(x2+x+1)+x2+a:+1_1:—1:x2+x+1

b)B:1—2x+ 2z 1
2z 20 —1  2¢ — 42°
_1-2z 22 n 1  (1—22) — 42 +1
2z 1-2z  2z(1-—21) 2x(1 — 2x)
_ 2 —4zx _l
2¢(1—-2z) =z
1 1 —
c) C= - +— 2
20 +3 22—-3 22 —z-3
1 —1 z—2 1 —1 r—2
= +— = + +—
2¢04+3 2¢0—3 22°—x2z—-3 2243 2x—3 22°+2x—3x—3
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1

-1

Tz —2

:2x+3

+ +
2z — 3

2z(z +1) — 3(z + 1)

-3)@+) Qe+ | (@-2e+3)

2z —-3)2z+3)(z+1) (2z-3)2z+3)(z+1) (2z-3)2z+3)(z+1)

2z -3)(z+1)—2z+3)(xz+1)+ (z —2)(2z + 3)

2z —3)(2z+3)(z +1)

22 —1-3-22"-5x—-3+21"—1—6 21" — T — 12

d) D=

(22 -3)2z+3)(z+1)

1

(22 -3)2z+3)(z+1)

1 1+2z

4 —2

1

2 + 2
r—z—2 (z+4+1)° —(z+3)

1 1+=z

= 5 _|_
- +2r—x—2

1

2 + 2
r—-2xr+x—2 2 +2x+1—z2-3

z(zx+2)—(z+2)

1

1 142
+ 2
(z—2)+(x—2) 2" +22—3—2

1 1+2z

(z—=1)(z+2) *

i 0@-2) G-D@E+2

_ (z4+1)(z —2) . (z—1)(z +2) (I+2)(z+1)(z—-2)
(z—D+Dz-2)(z+2) (-DE+D)(z-2)(z+2) (z-1D+1)(z—2)(z+2)
::1:2—27—2—1—:1:24—3:—2—1—:1:3—3:1:—2: z° +22° —3x—6
(z=1D)(z+1)(x—2)(z+2) (z=1)(z+1)(z—2)(z+2)
(z° — 3)(x+2) 7z’ —3

G- DetDe@-@+2) @ De+he-2)

1 1 2 4 8 16
7. a) -+ -+ -+ -
l—2 14+2z 142z 1+z 1+z 1+z
1 1 2 4 8 16
9 2+ 4+ 8+ 16
l—-2 1+z2z 142 1+2z 1+ =z 1+ =z
2 n 2 n 4 n 8 n 16 4 N 4 N 8 " 16
1—2° 1422 142" 1+2% 14+2% 1—-2" 142" 1425 142
8 8 16 16 n 16 32
1—2% 1+2° 142" 1—2z"% 142" 1— 2%
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A 3 3 4(y—z)+3<z—x)—3(y—x)
b _
P e e s B s (v=2)(z—=)(y—2)
_ Y—z _ 1
-2)z-2)ly—2) (v—=)(=—2)
1 2 3
2 + 2 + 2
T +3x+2 2 +122+35 2 +T7x+10
1 2 3

")t pro)ptr) (p+2)z+s)

1 1 1 1 1 1 1 1 6
+

::1:+1_x+2 a:+5_a:—i—7 x—|—2_:1:+5::L’—I—l_cc+7:<:1:—|—1>(x—|—7)

8 a)A: 1 +x2+2 _ 1 ¥ 2 +2
24+l -1 2 +r+1 (m—l)(ﬁ—kx—l—l)

o r—1 n 2 +2 B 2 +r+1 1

g ta+l (x—1)<x2+x+1) (:c—l)(:v2+:v+1> r—1

Thay z =11 (thoa man DK) vao A ta duogc: 4= L

41 z4+2 41 T +2
b)B—xQ—x 1—x2_x<:c—1) <1—x)(1+x>
B —<x+1>(1:+1) (1:+2):E 1

] e e (e R P
Thay z = _?1 (thod man DK) vao B ta dwoc B = Ll

C)C:2x+1 1—233_ 2
dor —2 4dx+2 11— 427

_ 2041 1-2 2
2(2x—1) 2(2a:+1) <2x—1>(2x—|—1)

_ (22 +1)(22 +1) .\ (1-22)(22 —1) . 4
2020 —1)(2z+1) 2(22-1)(20+1) 2(20—1)(2z+1)
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S+ 4 4(2x—|—1> 2

2(20—1)(2z+1)  2(2z-1)(2z +1) 21
Thay z = i (thoa man DK) vao C ta dwgc ¢ = —4

d) Tt y -2z =5 tacd y=5+2z thay vao biéu thic ta duoc:

3t—y 2r—3y 3x—-5—-2rx 20 —15—-06x

D= —
T—9 2y +5 T—>5 4dr +10+5
:x—5_—4x—15:1+1:2
r—>5 4r +15
9.
RIS S S

y' —wy 2ty @y
b)3y—-r=6=2=3y—6

T +2x—3y:3y—6+2x—x—6:
y—2 z—6 y—2 z—06

) MTC: (z —y)(z — 2)(y — 2)
Trso=a'(y —2) ~y’(z =) + 2@ —) =2’y = 2) — (e —2) + 2’ [(w = 2) + (= ~v)

=@y—2)@" -2")—@-2) - ) =@+y)ly—2)(z—2)(z+y+2)

S A=gty+z=2023

PP (s Ml e

QT i A P s R P T

B bc(b—c)—ac(a—c)—l—ab(a—b) _ bc(b—c)—ac(a—b+b—c)—l—ab(a—b)
o= ==~

e o s W A L
s e P e [

1 c—a+b—c

, 1
11. Ta co: N
acd PERIEE + (c—a)(a—Db) (a—b)(b—c)(c—a)
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_ b—a _ 1
(a=b)b—c)c—a)  (b—c)(c—a)
Nén
1 PR S SR 1 0
(@a—b)(b—c) (c—a)(a—Db) (b—c)(c—a) (b—c)c—a) (b—c)(c—a)
12.
a) Sz __6 b N S _a(z—3)+ bz —2)
(z—=2)(z+3) z—-2 z+4+3 (z—2)(z+3) (x —2)(x + 3)
N 5z _:1:(a+b)—3a—2b:> a+b=5 _ a=-—10
(z—2)(z+3)  (z—2)(z+3) —3a—-20=0 " |b=15
50 4+31 a b 5:+31  a(z+2)+bxz—5)
R P A e i e e R o PR
5z + 31 _x(a—f—b)—|—2a—51):> a+b=>5 N a=38
(z=5)(z+2)  (z—5)(z+2) 2 —5b=31" |b=3
o) 3x—|—52: LI b o 3:6—1—52:a(cc—l);l—b:> Sx—i—i:ax—a—zb
(z—=1)° z-1 (z-1) (z—1) (x—1) (x—1) (x—1)
a=3 a=3
Tleat+b=5"|b=8
d) 8z+1  a b N 8r+1 alz+3)+b

(z + 3)° _x+3+(x+3)2 (z+37  (z+3)

Sz +1 _ax—|—3a+b:> a=38 N a=28

1 o b 1 _alz+2)+ bz
¢) 2z +1)(z+2) as(:v+1)+(x+1)(x+2) - 2z +1)(z+2) z(z+1(z+2)
1

1 z(a +b) +2a atb=0 2775
= = = = .
2z+1)(z+2) z(z+1D)(z+2) 20 =1 b:_—l
2
2_
13*. a) 9z 16x—|—4_g+ b n c

x3—3x2+2x_1’ r—1 x-—2

92° — 16z + 4 _ a(x —1)(x —2) + bz(z — 2) + cx(z — 1)
z(zx —1)(z —2) z(z —1)(z —2)
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N 92 —16z2+4  2°(a+b+c)+(—3a—2b—c)z + 2a

z(zx—1)(z —2) z(z —1)(x —2)
a+b+c=9 a=2
=1-3a—-2b—c=—-16=1b=3.
20124 C:4
2_
b) 22" —x+1 a b c

(x+n@—mz_x+1+x—2+@—m2

2 —x+1

Calz =2 4+b(z+1D)(z—2)+clz+1)
(o + 1)@ —2)

B (z +1)(z — 2)°

2w —x+1

2’(a +b)+ (—4a — b+ c)x + (4a —2b + ¢)
(z +1) (2 —2)

(z+1)(z —2)

4

a=—

a+b2=9 9

14

= —4a—b+c:—1:>«b:?.
da —2b+c=1 7
c=—
3

14.

2:5—1_633—1_ 8x l

41y 4a’y N 4a’y B Ty

b) 3x+2_2—5x_ 8z
2r—3 2x—3 2x-3

C) x—17_11x+1_x—17+11x+1_12m—18_
3—2x 2z-3 3 — 2z 3 — 2z

2743

d) 10x—15_2x+7_10x—15 20+7 122 -8
3r —2 3z —2

3 —2 2—3z 3z —2

15. a) 2zy —5 Sy 5:21’y oY :2 oY

8y’ 8y’ 8zy’ 8y
b) Tt+5  4dx+5  Tx+5  dx+5 3z 1
3r(z+4) 32" +12z 3x(z+4) 3z(z+4) 3z(z+4) z+4
t—2 18—z 2+2 o-2-18+z+z+2 3(z—6)
C) — —|— = = == 3 .
z—6 -6 -6 z—6

z—06

©

N2

q

Boi duéng ning luc hoc mén Todn 8
@



()
‘@M: PDAP AN THUC HANH GIAI TOAN LOP 8

,ﬁ
\e 2

Mﬁ+x+4_ﬁ—2x_ﬁ—3x—8_5ﬁ+x+4—ﬁ+ﬂx—f+ﬁx+8
’ —8 ' —8 ' —8 ' —8
3(a” + 22 +4) 3

(:z:—2)<:v2+2m+4>_33—2.

d)

16.
2 — x+1_x2—2_2f—x_x+1_x”—2

a) =
z—1 11—z z—1 r—1 z—1 r—1
20" —x—x—1—2"+2 (33_1)2
= = :1‘_1
z—1 z—1
5 1 5 1 6
b) +-—Z TR I Rk

y—1 1-y y—1 y—1 y—1 y—1 y—1
4—2* 2x—2° 4dr—-5 4—2° 22—z 4xr—5
c) + - = — -
z—5 5—x r—>5 z—5 z—>5 r—>5

4—2*—2z+2°—4x+5 9—6z

rT—95 z—5

d)2x—9 2—x_ 1 :2x—9+2—x+ 1 :2x—9+2—x+1:x—6:1

r—6 -6 06—z r—6 x—-6 x-—6 z—06 z—06
17.
2) 4 __2x+1 _ 4 __2x+1 _ 2z —1

3t+2 32°+22x 3z+2 zBzx+2) z(3zx+2)
a)x—1+1—y:$—y:1;

r—=y r—Yy

e )
b) r+1 :x+1'
C) 1 B 2x _ z+1—2z _ z—1

r—1 (x-—»l)(x2-+—1) (a:——l)(x2 +—1) 241

2 2

q) -1 37 +1 62 _(3x—1)+(3x+1)—12x_ 182% — 12z + 2
) + - -

2(3z+1) 2(3z-1) 9" —1 2(3z +1)(3z — 1) 2(3z +1)(3z — 1)
B 2(3m——1f _ 3r—1
C2(32+1)(3z 1) 3r+1
18.
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a)2+a_l_2+a—a_l

22 2 2  a
b) 3 _7—x: 3  T-=z :6—7+x: z—1 _ 1

r—1 20-2 2-1 2(z-1) 2(x-1) 2(z-1) 2
C)z_uzz_ﬁc_gl:7(x—3)—7x—|-31: 0 _ 2

5 50-15 5 5(z-3) 5(z —3) 5(z—3) 2-3
R

Tz +y Tz +y Tz +y

e)Sm_l— 1 3r—1 1 _33:—1—(x+1)_ 2<x—1> 2
zt—1 w—l_(x—1>(x—i—1) z—1 (:c—l)(x—i—l)_<:1:—1>(x+1>_17+1
p2etd 1 249 1 2049 (3-2a)

9—42® 20+3 (3-22)(3+20) 20+3 (3-2z)(3+21)
- 2(3 + 21) 2
(3-22)(3+22) 3-2
19.
a)1_1+2x:1_1+ 2z

r—y T+y -y r—y z+y (m—y)(aﬂ—y)
_Tty-—zty+2r 2<Jr+y> _ 2

(z=9)le+y)  (o-y)lety) oy
b)x+1_:t—1_ 4 ::L‘+1_:U—1+ 4

r—1 z+1 1—-2> z2-1 z4+1 (x—l)(x—i—l)
_(m+1)2—(x—1)2—|—4_ 4(:1:—|—1> 4
- (a:—l)(a:—l—l) _(:c—1>(x+1>_x—1
o) r 1 _ 3 T B 1 _ 3

20-2 2°—1 20+2 2(s-1) (v-1)(z+1) 2(z+1)
_x<x+1)—2—3<:v—1)_ (3;—1)2 -1
B (x—l)(x+1) _(:13—1>(z+1>_33+1'

T+ 4 T _ T+ 4 T
d)m2—7x—|—10_2—x_1_(x—5)(x—2>+x—2 !
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20, a) = 2@ +3) = Ak Dt 3) + (b Dix+ 2)
(z +1)(z+27(z+3)

_x2+5x+6—2w2—8:1:—6—|—x2—|—3a:+2
(z +1) (2 +2)*(z + 3)

2
(z +1) (2 +2)*(z + 3)

b) 22" — Tx —12
(z+1)(2x+ 3)(2x—3)

C)_a:Q—a:—2—|—a:2—|—x—2—|—a:3—3a:—2_
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Taco: |z +=||lrt5|=T18ex+—+2r+—=126=x"+ —+3=126
xr T T X s
= B =123
8.
2
(b+6) @ htctad’ 4+ —b +2be—c
a) A=

2bc b+c—a a+b+ec

é‘ﬂ'v \
\Ne 2

Boi duéng ning luc hoc mén Todn 8



“Wl):

PDAP AN THUC HANH GIAI TOAN LOP 8

_(b+c—a)<b+c+a) b+c+a 2bc

= . =a+b+c
2bc b+c—aa+b-+c

2(z+y)
y2—yz~|—z2+  3yz Yz
T Yy+z Y+z|r+y+z
TYZ

b) B = +(x+y+z)2

B (y+z)<y2—yz+22)+x3—3my Zx(x—i—y)
B x(y—{—z) T+Y+z

+(cc+y+z)2

Y+ 2+ 27— 3y 2

2
Lot 2oy

_(x+y+z)(x2+y2+22—xy—yz—zx>.2
. o +y+2)

+(:1:+y+z)2

=20° + 29" +22° — 20y —2yz — 22w + 2" +y° + 2 + 2wy + 2yz + 22
= 32° + 3y° + 32°
9.

2
a)Tacc')A:l+ 23 : ° ~+
3 x°—3z) (27— 3z T4+ 3

(x = 0;i3)

x?)x_(:z: ig) : 3(z —;36(:5 +3)  3(z —2)_(;73 +3)

—r—3
T

¥ =349 | -2 +3z-9
333(33—3) ' 3(3:—3)(33—}—3)

_$_3+1<0<:>_—3<0<:>x>0
T T

b)) A<-1A4+1<0«&

vay © > 0;2 = 3 thi A< -1
10.

x2(x+2>—(x—|—2)
xQ(x—I—l)—Sa:(x%—l)'

z—3

:c(x—l)

Tacod: M =

TXD 2= {0;1;—1}

\e 2
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N~
e )2l oos | _aes
a x(m—3>(az+1> x(:v—l)— z’
9 z = 1(lo")
M=t 3e3’—st26(Be+2)e-1)=0s] _o
x T = ?(théa m-n)
11.
a)Tacé:A:[Qx +2 41 ]: — +10_z2](:c::i2)
=4 2—-z x+2 T+ 2
- x B 2($+2) n r—2 Jz'—4  10-2°
_(x—2>(x—i—2) (a:—2>(a:—|—2> ($—|—2)<a:—2). T+ 2 T+ 2
- T+r—2—2r—4| [2°—4+10—2
Gy || e
. —6 6 1
_(:17—2>(x+2>.1:+2_2—x
1 |z= l(th&ia m-n)
b) o] ==&
2 r = ——(thda m-n)
2
Voi s =< thi A=—L =2
2 L5 3

Vé’ix:—%thiAzz%:z
C)A<0&2-2<0&2>2

Vay voi z>2 thi A<0

d)Acz e 1i(2-3)e {x1} e e {31}
Vay voi z e {31} thi Ae 7z

12.

a) TXD: z=3;z=4

Ge.
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120 —45 z+5 20+3
(:v—S)(x—él) z—4 -3

Taco: Q =

_123:—45—(x+5)(x—3>—<2x+3>($—4)
B (:v—3)<x—4>
_12z—-45—2"+ 3z — 5+ 15— 22" + 8z — 3z + 12

) (P

3?4 15e 18 —3(z—2)(z-3) -3(2—2)

- (x—3>(:1:—4) B (:c—3)(x—4) 24
b)[o| = 3= ii?)
z =3 (loai)
Véi 7= -3 thiQ:‘T15

_—3x+6__ _ 6
C)Q_ <$_4)_ 3 r—4
Qe & €Z=1-4ecU(6)

z—4
Ma U{(6)= {1;2;3;6;—1;—2;—3;—6
r—4 1 2 3 6 -1 ) -3 —6
X 5 6 7 10 3 2 1 -2

Két hop véi tap xéac dinh, ta co:
T € {—2; 1; 2;5;6;7;10} thi Q nhan gia tri nguyén.

13.

2 2

a)Do z+y=1suyra (a:z—yQ) :<:z:—y> va y2—$2=—<$—y>

2

y—r .
Ty

2 21° T
Y _ Y +

suyra: A=
(I B y>2 (x2 B y2>2 y2 — 2

é‘ﬂ'v ‘ \
\Ne 2

Boi duéng ning luc hoc mén Todn 8



" :
;Q: E’: DAP AN THUC HANH GIAI TOAN LOP 8 oV o

Y-z y2—2x2y—x2(x—y) y—x.y2—2x2y 2’ + 2’y
" (o) " (o=
_y_x:yz_xg_xzy:y_x:yz—at2<a7+y)
N ) N )
2 2
_y—z y - :y—w<x_y) :(“’”—y)
Ty (x—y)2 Yy Y—z Ty
. (x+y)2—4xy (ar+y)2 1 . e
b) Tacod: A= = — 4 =——4 < —4 vi theo gia thiét
Y LY 1Y
x>0,y <0
14.
a) Ta co:
S} 1) (., 1 1) (., 1
[x+]—x3+3 x+g —x+x3 :c+; —x—l—;
X
M: = -
3 . 13 ; 1
T+~ T+ T+~ +|T+
T T T T
3
NS JUTEY RS B CIY IO
X X X T T T

b) M:3x—|—§221/3x.§:6
x x

ddu bang xay ra < z = 1. Vay gia tri nho nhit cta M 14 6 khi z =1.
15. Tacod

i (1=2)(1+ 2+

+x —z /
l—z 1+ 1+
2
:(1+:c+x2+x)(1—a:+x2_x);(11;3“;)
(1 o] P = e

-
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Viz’>0doddb A=1+2">0 véimoi z = +1

16.
Taco: P = (x_y)<$jy>+l:($j?;>2. !
p_ :L‘—y_i_i. 2’y 1 _ :v—y+ 2xy _ 1
T+y wy <$+y>2 r—y |z+vy <$+y>2 T—y
-y 1 2zy 1 _ 1 2zy
P_:U+y'x—y+<l.+y)2'a7—y :E+y+<x2—y2)(x+y>
Suyra P-Q = — 3 —3 _

= >
v =20+2  (po1f 41

Vay gié tri nho nhat ciia P —Q 1a -3 khi z =1; y tiy y khac {1,0,-1}

2z +1)— 2z — 1) — (42° — 1)
2z +1)(2z—1)
3 (z+3)(x—-3) _ 9—3a

b)B:<x+3)2' — T +3

= 3 — 417

17.a) A= (4:172 — 1)

18.

2 2 2 1pap2
a) A— 8(a” +b7) .a2 1626 _ 8
a<a2—16b2) a +b a

19.
a) Tim dugc z = —6;2 = 0

b) Goi y: 2° + 42> — 62 + 36 = (z + 6)(z° — 2z + 6)

2
Ta tim CTIIQC P:w
2x
. 3 5 r=3
c)TacoPZE@x—5x+6:0<:>(x—3)(x—2)20(:> 2(TM)
Tr =

d) Tuong tu cau c) tim dugc z = —6(KTM) hodc z = —1(TM)
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e P=1=>2"-42+6=0< (r—2) +2=0 ( vOnghiém)
Vi(z—2)+2>2>0 véimoix. Dovdy r € &

20.

a) Taco A > 1dan dén >0« z>1 (TMPK)

€T —

b) Taco: A=1+ nén A € Z < (z —1) nhén gia tri 1a U(3).

z—1
Tir d6 tim dwocz € {-2;0;2;4}
21.

2

a) Ta co 332—:B+2:[x—%

+£>£>O nén B<0<=>2<3

b)Taco B=x2+2+ nén B € Z < (x — 3) nhan gia tri 1a U(8). T d6 tim dugc

T —
T € {—5;—1;1;2;4;5;7;11}.
22.

, 1 X 2k \
a)Taco 2’ —4r+12=(z -2 +8>8 hay —————— < — dandén M <1. Tu

1
P —4rx+12 8
d6 tim duoc gia tri 16n nhat cia M =1 khi z = 2.
b) Tuong ty ta c6 2 + 2z +11 = (z +1)° +10 > 10 hay
1 1 1

— < —=>N>-=
4+ z+11" 10 2

Gié tri nh6 nhat ciia N = _% Kkhi z = 1
Chu y : Ta dua vao 1ap luan

“Néu M >a>0<=>

A
Q= 2|~

SNéu 0< M <a<=>

SEEES
v

é‘f'“ \
\Ne 2
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Bai 25: PHUONG TRINH BAC NHAT MOT AN

1.
a) Cac phuong trinh 2,52 —10 = 0 va 4z — 6z = 5z + 108 la phwong trinh mot
an.
b) Phuong trinh 2,5z — 10 = 0 la phuwong trinh bac nhat mot an.
c) Lan luot thay cac gia tri « = —4;0;4 vao tirng phuwong trinh mot an ta cé:
*Voix=4thi 254-10=0
nén z = 4 la nghiém ctia phuong trinh 2,52 —10 =0
* V6i = —4 thi 42” — 6z = 4.(—4)” — 6.(—4) = 64 + 24 = 88
Va 5z + 108 = 5.(—4) + 108 = 88
Vay z = —4 la nghiém cuia phwong trinh 4z° — 6z = 5z + 108
2.
a) Voi z =3
- Thay vao phuong trinh (1) tac6 23 -6=6—-6 =0
- Thay vao phuwong trinh (2) taco 3* —23-3=9-6-3=0
- Thay vao phuong trinh (3) ta co:

VEetrai (3—-1)(3+5)—23 =28-29=16—-18 = —2

V€ phai 15.3 — 47 =45 — 47 = -2
- Thay vao phuong trinh (4) ta c6 (5.3 —15)(3* +1) = (15 —15).10 = 0.10 = 0

z = 3 nghiém dung ca bon phwong trinh nén la nghiém chung ctia bon
phuong trinh.

b) Véi o = —1

- Thay vao phuong trinh (1) tacd 2.(-1)—6=-2-6=-8 =0

- Thay vao phuong trinh (2) ta ¢6: (-1 —=2.(-1)—3=1+2-3=10
- Thay vao phuong trinh (3): (z —1)(z + 5) — 2z° = 15z — 47 ta cé:

VEetrai (-1 —1)(—=1+5)—2.(-1) =(-2).4—2=—-10

@G Boi duong ning luc hoc mén Todn 8
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V€& phai 15.(—1) — 47 = —15 — 47 = —62

Vay z = —1 nghiém dung phuong trinh (2) nhung khong nghiém dang
phuong trinh (1) va (3) nén la nghiém cta phuwong trinh (2) nhung khong la
nghiém cta phuwong trinh (1) va (3).

3. a)z = —5 la nghiém cta phwong trinh %mx = 4z + 2 khi

%.m.(—5) —4(-5)+2hay 2m=—18 = m=(-18):(-2) = m=09

b) Phuong trinh (22 +1)(9z + 2k) — 5(2 + 2) = 40 nhén = 2 lam nghiém khi:
(20+1)(9.0+2k) - 5(0+2) = 40 = k = 25.
Vay k=25 thi z =2 la nghiém ctia phurong trinh
(22 +1)(92 + 2k) = 5(2 +2) = 40
4. a) Phwong trinh 2z — m + 2 = 0khong nhan z =1 lam nghiém khi
21-m+2=0=>m=4.
b) Phuong trinh z° — <2m + 1)3: — 3 = 0khong nhan z =2 lam nghiém khi:
2? —(2m—|—1).2—3¢0:>m¢_—1.
4
5.
a) 2r—3=2(z—3) < 20— 3=21—6<« 0z =—3(vO li)
Vay phuong trinh vo nghiém
b) Ta co: 2> > 0= 2> +1>1> 0. Vay phuwong trinh v6 nghiém
c) Ta cé: |a: — 2| >0 ma |x — 2| = —1. Vay phuong trinh v nghiém.
6.
a) 4(x—2)—3x:x—8@x—S:z—8<:>Ox:0.Véyphu0ngtrinhcéV656

nghiém.

b) 2’ —2z:(x—1)2 —1le2’ —2$+1:<x—1)2 @(m—l)Q :<x—1)2.Véyphuong
trinh c6 vo s6 nghiém.

C) (:1: + 2)2 =’ +4r+4& (x + 2)2 = (m + 2)2. Vay phuong trinh ¢ v s6
nghiém.

7.a) mz + (m—1)x’+2 = 0 la phuong trinh bac nhat mét an = khi

m—1=0 m=1
& S m=1
m = 0 m =0

@G Boi duong ning luc hoc mén Todn 8
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b) (m’ —1)2* + x—10 =0 la phuong trinh bac nhat m¢t an z khi
m ' —1=0&(m—-1).(m+1)=0

m—1=0
Tlmt1=07

m=1

m=—1

c) 2mz’ + 3x+2 = 0 la phwong trinh bac nhat mét n z khi m =0
d) (m —3)z +2,5 =0 1a phuong trinh baic nhat mot an = khi m —3 =0< m =3

e) bz —mx =2m + 1 < (5— m)z = 2m + 1 1a phuong trinh bac nhat moét an = khi

5—m=0&m=5H

f) 4z + mx = 3m®> +1 < (4 + m)z = 3m® + 11a phuwong trinh bac nhat mot an = khi
4d+m=0&m=—4

8.

a)3r—9=0&3x=9<2=3

Vay phuong trinh c6 tap nghiém S = {3}
b)5z+35=0&52=-35<2r=-35:5<0=-7

Vay phuong trinh c6 tap nghiém S = {-7}

1
C) 93:—3:0(:)9:17:3(:):5:3:9(:)%:5
d)24-8:=0&8=2d<2r=24:8< =3
e) —637—1—16:0<:>6x:16<:>x:16:6<:>x:§

f) —7x+1520©7x:15@x:%

9.a) dz+5=1dr=1-bedr=—4dr=—4:4s=-1
Vay phuong trinh c6 tap nghiém § = { -1}

—12
b) —5x+2:14(:)5:v:2—14@5x:—12(:>x:T

C)6r—3=814+98r—-6r=-3-9c2r=—-121=-12:22=—6
18 3
d) 7:E—5:13—5x<:>7a:—|—5x:13—|—5<:>12x:18<:>x:E<:>x:§

é‘fm \
\Ne22
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e)2—-3z=52+105rx+3xz=2-108r=-8<1r=-8:8<r=—1
)13—72=42-20&42+72=13+20= 11z =33 2=33:11< =3
10.

m—9

Dé phuong trinh c¢6 nghiém khéc 0 thi =0&em—-9=0&m=9

1—
b) 2x—1+m:0<:)2x:1—m(:)x:Tm

1-m

Dé phuong trinh c6 nghiém khac 0 thi =0 1l-m=0&m=1

2m — 8

C)3z+8-2m=0&<3cx=2m -8 =

Dé phuong trinh ¢6 nghiém khac 0 thi

2m =8 e 9m 8= 0o om =8 e m 4

11.

a) Xét phwong trinh 4z + 3m = 3 — 2z (1)

Vi phuong trinh (1) nhan z = —3 lam nghiém, nén thay = = —3 vao phuwong
trinh (1), ta dwoc: 4.(-3)+3m =3-2.(-3)&3m—-12=93m=21m="T
Nguoc lai, khi ™ = 7 thi phuong trinh (1) trd thanh:
dr+37=3-2z42r4+21=3-224dr+22=3-216r=—-18 &2 =-3
Vay m = 7la gia tri can tim.

b) Xét phwong trinh 5z —2m =z — 2 (2)

Vi phuong trinh (2) nhan z = —1 lam nghiém, nén thay z = —1 vao phuong

trinh (2), ta duwoc:
5(-1)—2m=—-1-2< -5-2m=-3&54+2m=3<2m=3-5<2m=-2&m=—1

Nguwoc lai, khi m = —1thi phuong trinh (2) tr¢ thanh:

Sz —2.(-1)=x-2&br+2=2-2&br—r=—2-2&dr=—41=-1

Boi duong ning luc hoc mén Todn 8
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Vay m = —11a gia tri can tim.

c) Xét phuong trinh 7z +4 = z —2m (3)

Vi phwong trinh (3) nhan z = —6 lam nghiém, nén thay z = —6 vao phuong
trinh (3), ta dwoc: 7.(—6)+4=—-6—-2m & —42+4=—6—2m
& —38=-6-2m<+ 38=6+2m << 2m =32 m =16

Nguoc lai, khi 7 =16 thi phwong trinh (3) tré thanh:
2+4=2-216&"Tr+4=0-32Tr—0v=-4-326z=-362=-6
Vay m =16 13 gia tri can tim.

12. Xét cac phuong trinh: 3z -3=0 (1)va6+kir =8 (2)

Giai phwong trinh (1), tacd: 32 —3=0&3r=3 <=1

Vay phuong trinh (1) c6 nghiém z =1

Vi z =1 la nghiém ctia phueong trinh (2) nén thay z =1 vao phuong trinh (2)
ta duoc:

6+kl=86+k=8ck=8-6ck=2

Nguoc lai, khi £ =2 thi phwong trinh (2) tro thanh:
6+2r=82r=8-6&2r=2&2=1

Vay k=2 lagia tri can tim.

13.Tacd: 12,6 -3z =0 —32 =—12,6 & 2 =—126:(—3) < 7 = 4,2 va
Jx+2=7r-103z-Tr=-10-2& -4z =-12 2 =3

Nhu vay z = 4,2 1a nghiém ctia phuwong trinh (1); z = 3 la nghiém ctia phuong
trinh (2). Vay nghiém phuong trinh (3) la z = —2.

Dodd5—k(-2)=8<2%k=8-5ck=3:2ck=15;
14. a) Voi m = 3ta c6 0x+ 3 = 3 nghiém dung Vx;

b) V&i m = -3 tacod 0x+ 3 =—3 < 0z = —6 vO nghiém;

c) Vi m =5 ta c6 32x+3:5@x:%;

@G Boi duong ning luc hoc mén Todn 8
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d) V6i m =0 taco —18:B+3:0<:>x=i=l.
18 6

15*.

a) V& trdi 1a tdng cua 50 hang t&, mdi hang ttr chira trong d&u () 1a mot tdng 2

s0 hang, mot s6 hang chita x va hé s6 cua x lan lwot la thit tw cua cac hang tw,

sO hang kia Jan luot la cac s 1é tir 1 dén 99. SG cac s6 1é cling la 50 so.

Do dé (z+1)+ 2z + 3) + (3 +5) +... + (502 + 99) = 5050
Sz+2r+3z+...+50c+14+3+5+...4+99 = 5050.
S z1+2+3+...+50)+(1+3+5+...499) = 5050

1 . 1 .
o (1450050 (1+99).50

5 = 5050 < 1275z + 2500 = 5050

& 12752 = 5050 — 2500 & 12752 = 2550 & = = 2.
b) Tacod: (z—1)+ (z—2)+ (z — 3) +... + (z — 2015) = 0
& 2015z — (1+2+ 3+... +2015) = 0

(1+2015).2015
2

& 2015z — =0 < 20152 —1008.2015 =0

< 2015z = 1008.2015 & z = 1008.
:1;—1_1 n :1:—2_1 n :1:—3_1
99 98 97

r—100 z-—100 2x—100 =« —100
& + + + =
99 98 97 96

c) (1)<

n x—4_1 _
96

0

o (@-100)| =4~y L Loy,
99 ' 98 ' 97 ' 96

Do i—{—i—l-i—i—ii 0.Nén z—-100=0 < z =100.

99 98 97 96
16*. Ta biét day s& cdng (tir s8 thit hai, cac s& déu bang s8 lién trudc cdong véi
cung mot s6; s6 dugc cong vao ta goi la khoang cach) c6 cach tinh s6 sd hang
1a: [1s6 cudi-s6 daul:khoang cachl+1

Boi duong ning luc hoc mén Todn 8
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V& trai ctia phuwong trinh s€ ¢6 1+ 4 + 7 + ... + 61 la tong cac s6 hang cta day s6
cong cd khoang cach (hay cong sai) 1a 3. Do d6 s6 s6 hang cta tong sé la
(61—1):3+1=21.

Ta cd: (z+1) + (22 +4) + (32 + 7) + ... + (nz + 61) = 420
S@+2r+3x+...+nr)+(1+4+7+...+61) =420

a) n chinh la s s0 hang cua tong 1+4+7+...+61;n:%_1+1:21.

b) Phwong trinh tro thanh:
(1+243+... 420z +1+4+7+...+61) =420

14+ 21).21 14+61).21
S22, (s

=420 & 231z 4+ 651 = 420

& 231lr =-231 & v =—1.

17*.a) Tacd 9=1+1+...+1 va ghép mdi s6 1 véi mot s6 hang con lai duoc:
9sol

2x+1 2
a:9+ —|—1]~|—[w;— +1+x—i—3_'_1 T :c—|—9+1]20
<:>2:1:—#10_|_2:v+10_}_2:13—#10+m+2x+10:O
9 8 7 1
1 1 1 1
& 2r+10)|=+—-+-+..+=-+1|=0
9 8 7 2
Dol+l+l+...+l+1¢0
9 8 7 2

Nén2z+10=0< 2z =-10 & z = —5.

b) Bién d6i thanh e-ljoz2, ez 2 m 205 g5
2015 2014 2 1
P it S S o |Bm20 2 z2005 )
2015 2 1
r—2016 x—2016 x—2016 z—2016
& + ot + =

2015 2015 o 2 1

x_ —
2014

@(x—QOlG)[L-I—L—I—...—l-l-I—l

2015 2014 2

\Ne 2
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2015 2014

18.

a) 15—8z=9—5z
& —8r+9r=9-15

& -3z =-6
@x:—6:<—3)
S =-2

Q) 5—(x—6)=4.(3-21)
& 5—14+6=12—8z
& —z4+8=12-5—-6

& Tr=1
1
Sr==
7
19.
a) 10x—|—3:1+6+8x
12
(10x—|—3>.3 36 (6+8x).4
e~ 1 24
36 36 36

@(10x+3).3:36+(6+8x>.4
& 30249 =36+ 24 + 322
=300 —320=36+24—9

(:)—Q:U:E)l(:)x:—E
2
C)x+4—$+4:§—x_2
(:)(:1:+4).6+<—a:+4).30:10_1-_(:10—2>.l5
30 30 30

& 62 +24 — 302 +120 = 102 — 152 + 30
< 6z — 30z — 10z + 152 = 30 — 24 — 120

<:>719:r:7114<:>x:11194<:>x:6

PDAP AN THUC HANH GIAI TOAN LOP 8

30
& (z+4).6+(-2+4).30 =10z — (2 —2).15

...—|—5+1¢0.Nén r—2016 =0 & z =2016.

b) —2z41=24-10
9 3

—éx—zx:—10—1@—2x2—11
9 3 9

11

@x:—llz[—g S r=9

d) 3,6-0,5.(20+1) =2~ 0,25.(2 — 4z)
@

&36-2—-05=2—05+z

S -—rx—r—2=-05-36+0,5

& —3z=-36

&z =-36:(-3)

Sr=-12

2c+1 =«
=——=x

6 6
2_x_2:v+1 z Oz

b) £ _
)3

6 6 6 6
(:>2x—(2x+1>::v—6x

& 2r—2x—1=—-bx
& —1= -5z

—1 1
S rT=—S ==
5)

2+zx 1—-2x

d) — 0,257 = +0,25

o250 o5 = 1227 195
(2 +x).4 - 0,252.20 _ (1—2I)~5 0,25.20

20 20 20 20
& (24 2).4-0,252.20 = (1 - 22).5+ 0,25.20

& 84+4r—5r=5—-10x+5
sS4y —5r+100 =5+5—8

=

@93722@3:2%

20.2) A=(z—3)(c+4)-2(3c—2) va B=(c—4)

é‘ﬂ'v \
\Ne 2

Ce.,
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(v—3)(c+4)-2(30—2) = (2 — 4]

St +4r—3r—-12—6x+4=2"—-8r+16<=3r =24 < 1 =38

b) A:($+2>(:c—2>+3x2 VéB:(2w+1)2+2x

(v +2)(x—2)+32° = (22 +1) +22

St —4+432° =42 + 4+ 1+ 22

@—4241‘—#2:5—#1@6:5:—5(:};5:_%

C) Az(ax—l)(m2+x+1>—2x va B:x(x—l)(x—l—l)

(z=1)(z* +2+1) - 22 = 2(z—1)(z +1)

<:>:1:3—1—2x:x.(at2—1><:>x3—1—2x:x3—x<:>—x:1<:>x:1

21.

D€ A = B ta phai co:

y—2_9—5y_2—y+3(5y—9):45—25y+2—y_5y—9
2 8 6 4 8 3 2
92 y—2 y—2 509-55) 9-5y 9-5y 3(9-5
e ¥=2 .y y—2 _ 509 —5y) y , 9-5y  309-5y)
2 6 3 8 2 8 4
1 1 1 5 1 1 3
SY-2|-+-+=|=0-5y)|2+=+—+2
=23+ T3| =0T t5T1
3 1 2 5 4 1 6
S-S +=+2|=0-5y)|2+=+=+~
=25+ T6 " O M5tz s s
20
G y-21=0-5)26y-2=18-10y & 1y =20y ="
22. Dap s6: a) z = 1; b) = —1; C)sz%; d) z——4

23. a) Ta bién d6i phuwong trinh da cho thanh phuong trinh

3r—5

3z —6 3z — 294
= +

3z — 295

295

Ce.

294

6

5

é‘ﬂ'v \
\Ne 2
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< (32 — 300) LJrL—l—l = 0. Tim dwoc z = 100.
295 294 5 6
b) Bién d6i thanh; 22 te Tt+e Tte Wiz
126 125 124 123 122
74+1:+1 75+a:+1 76+x_|_1 7+ 78+x+1:
126 124 123 122
1 1 1 1 .
< (200 + ) + + + + =0.Tim dwoc z = —200.
126 125 124 123 122

~50  x-51 2-52 x—175
+ - + =

¢) Bién d6i phuong trinh thanh: = 0
50 49 48 25

O vé trai ctia phuong trinh, néu ta thém (—1)vao mbi phan thitc trong ba phan
thitc dau va thém (+3) vao phan thikc thit tu roi quy ddng mau ting cép ta
lam xuat hién 4 phan thiec déu cé tir la z —100. Viéc thém vao khong lam thay
doi gia tri cia v€ trdivi —1-1-1+3=0.

Ta 6 x—50_1 " x—51_1 n x—52_1 n $—175+3 _0
50 49 48 25

i+i+i+i = 0. Tim dwoc z = 100.
50 49 48 25

& (z —100)

r—350 4z —100 4z—95 4z —110 4z —145
+ + + + =

d) Bién d6i thanh: 2
25 35 45 55

0

O v& trai ctia phuong trinh, phan thitc th nhat néu ta thém 10, phan te thie
hai thém —4; phan thitc thit ba thém —3; phan thitc tht te thém —2; phan
thirc thtt ndm thém —1 thi gia tri v€ trdi khong d6ivi 10-4—-3-2-1=0; ta
quy dong mau ting cdp lam xuat hién 4 phan thiec déu c6 tir 1a 4z —200. Tt
do, ta co:

+10]+

4z — 350
45 25

40100 ) (4295 ) (40110 ) (do-145 |} .
25 35

(:)(4x—200)[i+i+i+i+L

= 0. Tim dwoc z = 50.
15 25 35 45 55

\Ne22
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Bai 26: GIAI BAI TOAN BANG CACH LAP PHUONG TRINH
1. Goi z las816n (z € R)
Sobéla z—12
Chia s6 16n cho 5 dwoc thirong 1a %

Chia s6 bé cho 7 duwegc thuong la 2= 12

.- , —12
Theo bai ra, ta co: % _z

=4 & 72— 5(x—12) =140 ¢ 2 = 40 (thoa man)

Vay s0 16n 1a 40 va s6 nho la 28.
2.
Goi z la s0 bi chia (a: € R)
S& chia 1a %
Tang so bi chia 10 don vila = + 10
Giam s6 chia di motnirala £.1 =2
32 6
Theo bai ra, ta cé: z 410 —% =30 < 2z =24 (thoda man)

Vay hai s6 ban dau la 24 va 8.

3.

Goi z(qua) la s6 qua tring luc dau cta rd 1 (a: €Nz > 5)

SO qua tring luc dau ctiard21a 80—z

Chuyén 5 qua tring ttt r6 1 sang r0 2 thi s0 tring trong r6 11a = — 5 va s0 tring
trong ro21a 80 —z +5

Theo baira, taco: z —5 = %(80 —z+ 5) & =35 (thoda man)

Vay lac dau so trieng trong r6 1 1a 35 qua va s0 tring trong r6 2 la 80 — 35 = 45
(qua).

4. Goi z(cudn) 1a s6 sach ctia thu vién 1 (z € N;z > 3000).

SO sach cta thw vién 2 la 15000 — «

Chuyeén tir thu vién 1 sang thu vién 2 3000 cudn thi s6 sach ¢ thu vién 1 la
z — 3000 va sO sach ¢ thu vién 2 1a 15000 — z + 3000 .

Theo bai ra, ta co: z — 3000 = 15000 — z + 3000 < z = 10500 (thoa man)

Vay s0 sach ban dau thu vién 1 ¢6 1la 10500 cudn va thw vién 2 cd
15000 — 10500 = 4500 cudn

5.

Goi z(I) la s8 lit dau 1dy ra ¢ thiung 1 (z > 0)

@G Boi duong ning luc hoc mén Todn 8
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SO lit dau 14y ra ¢ thung 2 1a 3z

SO dau con lai trong thung 11a 40 —

SO dau con lai trong thung 2 1a 85 — 3z

Theo bai ra, ta cé: 40 —z = 2(85 — 3.75) < ¢ =26 (thod man)

Vay lay ra o thung 1 26 lit va thung 2 1a 26.3 = 78 lit.

6.

Goi z (HS) 1a s& hoc sinh nam va nir cua khéi 8 dau ki 1 (a: eN *> :
S6 hoc sinh nit trong hocki11a z +15

S6 hoc sinh nam trong hocki11a z +5

Theo bai ra, ta c6: =+ 15 = 15%(95 +15+ 2 + 5) & ¢ =240 (thoa man)
Vay sd hoc sinh ntt cudi ki 1 1a 240 + 15 = 255 (HS) va sd hoc nam la 240 + 5 = 245
(HS).

7. Goi x(m) 1a chiéu dai khu vuon (:z: > 11)

Chiéu rong khu veon la z — 11

Theo bai ra, ta co: 2[:1: + (:z; - 11)} =82 & z = 26 (thod man)

Vay chiéu dai khu vuon la 26 (m) va chiéu rong khu vueon la 26 —11 = 15 (m)
8.

Goi z(m) 1a chiéu dai khu vuon (2 > 20)

Chiéu rong khu vuon la z — 20

Theo bai ra, ta co: 2[35 + (x — 20)} =60 & z =25 (thoa man)

Vay dién tich khu vuon 1a z(z - 20) = 25.(25 — 20) = 125(m”).

9.

Ntta chu vi thtta ruong HCN la: 250 : 2 =125 (m)

Goi x(m) la chiéu dai thtra ruong (q; > O)

Chiéu rong thita rudong la 125 — z

Giam chiéu dai di 3 Ian 1a %

Tang chiéu rong 2 Ian la 2 (125 — x)

Theo bai ra, ta c6 phwong trinh: % +2 (125 - x) =125 < ¢ =75 (thoa man)
Vay dién tich thira ruéng la (125 — z) = 75.(125 - 75) = 3750 (m’}.
10.

Goi z(m) la chiéu dai cua khu dét (z > 0)

Chiéu rong khu détla = — 10

Chiéu dai tang thém 6m la z + 6

Chiéu rong giam di 3m la z —10 -3

@G Boi duong ning luc hoc mén Todn 8
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Dién tich ban dau cua khu dat la: z(z —10)
Theo dé bai ta co:
(z+6)(z—10—3) — z(x —10) =12 < z = 30 (thoa man)
Vay dién tich ban dau cta khu d&t1a z(z —10) = 30.(30 — 10) = 600(m’ ).

11. Goi z(m) la chiéu dai ctia khu vuon (z > 0)
Thi chiéu rong ctia khu vueon sé la %

Chiéu dai tang thém 5m la: = + 5

Chiéu rong tang thém 5m la % +5

Theo dé bai ta co: (x + 5)

%—i— 5] — az% = 385 & 2 =54 (thoa man)

Vdy dién tich ban dau ctia khu vudn 13 : .2 = 54.% — 972 (m?).

12.

Goi 3 canh cua tam giac vuong lan luot 1a (x - 1),95, (:c + 1) voi z > 1.
Theo dinh ly pi-ta-go trong tam gidc vuong, ta co:
(a:—l)2 + 2’ :(x—|—1)2

St -2r+1+2°=2"+22+1

S’ —4r =0

S <£L“ — 4> =0

< =0 (loai) hoac = = 4 (thoa man)

Vay do dai ba canh ctia tam gidc [an luot 1a 3;4;5.
13. Goi van tdc riéng ctia cand la z (km/h) (z > 2)
Van tdc ca nd xudi dong la = + 2 (km/h)

Van t6c ca n6 ngugc dong la = —2 (km/h)

Quang duong ca nd xudi dong la 5 (a: + 2) (km)

Quang duong nguoc dong ciia canod la 6 (a: - 2) (km)

Quang dudng xudi dong va nguoc dong ctia ca no 1a bang nhau, ta cd phuong
trinh

5(z +2)=6(z —2) < 2 =22 (thoa man)

@G Boi duong ning luc hoc mén Todn 8
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Vay khoang cach AB 1a 5.(22 + 2) = 120 (km)

14. Goi vén t6c ctia 6 t6 thi hai la = (z > 5) (km/h)

Van t8c clia 6 t6 thie nhat 1 %@ (km/h)

Van tdc ctuia 6 to thir nhéat sau khi tang van tdc 5km/h la %x +5 (km/h)

Quang duong 6 t6 thi nhat di dwoc sau 5 gio la 5 (km)

éx+5
4

Van tdc ctia 6 t6 to thit hai sau khi giam van toc 5 km/h la z — 5 (km/h)
Quang dudng 6 to thit hai di dugc sau 5 giv 1a 5.(z — 5) (km)
Quang dwong 6 to thit nhat di duoc ngan hon quang duong 6 t6 1T di duoc

sau 5 gio, ta c6 phuong trinh:
5(x—5)—5[§x—5] =25
4

& (x—5)—[??7x—5]:5 @225 & 2 =20 (thoa man)
Vay van tdc cta 6 to thi hai la 20km/h, van toc cua 6 to tht nhat la 15km/h.

15. Goi quang duong ABla z (z > 0) (km)

Quang dudng 6 to thit nhat di duoc la %:1: (km)
Quang dudng 6 t6 thet hai di duoc 1 z — %x _ %:E (km)
Thoi gian 6 t6 tht nhat di duoc 1a %x 40 = = (gid)

Thoi gian 6 t6 tht hai di dwoc 1a gz 65 = % r (gid)

O 6 thit hai di sau 6 td tht nhat 1a 1 gio, ta c6 phrong trinh:

T3 o %4 5 —1300 (tho man)
100 325 1300

Vay quang dwong AB dai 1300 km.

16. Goi zla khoang thoi gian tinh tte Itic ca 2 khoi hanh cho tdi khi nguwoi I cach
B 1 quang duong gdp doi khoang cach tir nguoi I dén B.

Khi d6é ngwoi I da di duoc quang duong la 12z (km), ngwoi II da di dwoc
quang duong la 15z (km)

\Ne 2
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Vi nguoi I cach B mét quang dwong gap doi khoang cach tir nguoi II dén B

nén ta c6 phwong trinh

60 — 122 = 2(60 — 152) = 60 — 122 = 120 — 30z < 187 = 60 & = = ?(thoé man)

Vay z = ? (gid) = 3 gid 20 phut.

Sau ltc khoi hanh 3 gio 20 phat thi nguoi I cach B mot quang dwong gap doi
khoang cach ttr nguoi II dén B.

17.

Goi x la s6 ngay khai thac than, (x> 0)

Theo du kién sd tan than dwgc khai thac 1a 50z (tan)

Trén thuc té€'s6 tan than dwoc khai thac la 57z . (tan)

Vi d6i hoan thanh ké hoach trudc mot ngay va vuot mire 13 tan than so véi ké
hoach nén ta co:

50z =57(z~1)—=13 « 7z =70 © z =10(thod mén)

Vay theo ké hoach d6i phai khai thac 50.10 = 500 tAn than

18.

Goi dién tich ruong doi phai cay theo ké hoach la z (ha) (z > 0)

Thoi gian doi cay xong theo ké hoach 1a Z—O (gi0)

Dién tich rudng doi da cay trén thuc té€1a z + 4 (ha)

T+
52

Thuc t€ doi da cay xong truedce 2 ngay, ta ¢ phuwong trinh:

Thoi gian doi cay xong trén thuec té€'la A (gio)

x+4 Lo T
52 40
& 40(z +4) + 4160 = 527 > 12z = 4320 < = = 360 (thoa man)

Vay dién tich ruong d6i phai cay theo k€ hoach la 360 ha.
19. Goi s0 dung cu ma t6 san xuat dé phai lam theo ké hoach la z (dung cu)
<a: eN *)

Theo du dinh, mbi ngay t6 do san xuat dugc % (dung cu).

Thuc t€, sd san pham t6 d6 san xuat duoc la z + 20 (dung cu).
Thoi gian thuyec t€ t0 hoan thanh cong viéc la 30 — 7 = 23 (ngay).

Mbi ngay t6 vuot nang suat 10 dung cuy, ta ¢ phuwong trinh:

@; Boi duong ning luc hoc mén Todn 8
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T 110 = z + 20
30 23

& 237 + 6900 = 30 (a: + 20)
& 7z = 6300 < z = 900 ((thoa man)

Vay s6 dung cu ma td san xuat d6 phai lam theo ké hoach la 900 dung cu.
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Bai 27: KHAI NIEM HAM SO VA PO THI CUA HAM SO
1.
a) Ta thdy véi mdi gia tri cia z ¢6 twong ting duy nhat mot gid tri ctia dai lugng
y nén dai lwong y la ham s6 cua dai lvong =.
b) Ta thdy vdi z =2 c6 teong tng hai gia tri ctia y la —3 va 1 nén dai luong y
khong phai la ham s ctia dai luong z.
2.
a) Ta thdy v6i mdi gid tri ctia = ¢ twong tng duy nhat mot gia tri ctia y nén dai

luong y la ham sO ctia dai luong z.

b) Ta thay v6i z =4 ¢ tuwong Gng hai gia tri cta y la 3 va 6 nén dai lwong y
khong phai la ham s6 cua dai lugng = .

3.a) Ta 6 f(9):%:2;f(—3):1—§=—6 va fla) =8 véia=0.
— a
b)
z —6 -3 ~1 1 3 5 8
Y -3 —6 ~18 18 6 3,6 | 2,25
4.a) Tacod f(5):_T12:—2,4;f(—4):_—142:3; f(a):_—mvéiai().
— a
b)
z —6 —4 -3 2 5 6 12
y 2 3 4 —6 | 24| —2 | —1
5. f(1)=3-1* —1=2. f(0)=3.0"-1=—1.
f(=2)=3-(-2y —1=11. f(2)=3-2° —1=11.
6.

a)Tacd f(-3)=4—3-(—3)=13; f(4)=3-4+4=16.
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J0)=4-3.0=4; f4)=4-3-4= 8.

b) Véi y=1tadwoc1=4—-3z,suyra z =1.

Véi y=-2tadwgc —2=4—-3z,suyra z =2.

Véiy=7tadugc 7=4—-3z,suyra z = —1.

,ﬁ
é‘ﬂ'v \
\Ne 2

7.
x —-0,6 | —1,2 0 3,6 6 12
Yy —0,5 -1 0 3 5 10
8.
16
- —0,5 _° 3 4,4 2 8
3
3 9 33
y = ) = — 4 6
8 4 10

9.a) Vi -3 <0 va y = —3z nhan gia tri dwong nén z < 0.

b) Vi -3 <0 va y = —3z nhan gid tri am nén z > 0.

10.

P4

M

(1 1

=+ bt
B

N

Hinh bai 10

Hinh bai 11

a) Toa d¢ cac diém trong hinh vé la M (—1;2), N(2;—1), P(0;4), Q(4;0).

b) Céc cap diém M va N, P va Q c6 hoanh d9 cua diém nay la tung d0 cua

diém kia va nguoc lai.

11. a) Toa dd cac diém trong hinh vé 1a M (-2;—3), N(3;—2), P(—4;0),

Q(0;—4).

Boi duéng ning luc hoc mén Todn 8



©

0
‘J’: {’E: DAP AN THUC HANH GIAI TOAN LGP 8

b) Cac cap diéfm M va N, P va Q c6 hoanh d¢ cta diém nay la tung d ctaa
diém kia va nguoc lai.

12.

Toa d0 cac dinh ctia hinh chtt nhat ABCD 1la A(—4;-1), B(—1;-1),

C(—1;—3) vaD(—4;-3).

Toa do cac dinh ctia tam gidc PQR la P(2,5;2), Q(2;0) va R(4;0).

13. 14.
y Y
3 B td
2 i L3
A 1 : 2
ro---- 1 2 3 4 . ! [
4 -3 -2 -10|__.C___1 ; 1 2 3 4
-1 B —4-3-2-10| 1
-2 =1 1
-3 —2 .FA
_al”
15.
X7
D 3 i
—2 2
. -
()
A 1 B

T gidc ABCD la hinh vudng.
16. a) Cac cap gia tri trong tng (:E,y) ctia ham so trén la (—1;— 3) , (0;0) , (1;3)
) (2;6) ) (3;9) .

b)

e

q
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i

|
—

F========
I

(~1;-3)

.

6";
oV
Y
(3:9)
“““““ 1
]
I
i
|
(2:6) |
=TT
1 1
] 1
I I
i i
1 1
(L:3)+
=== 1 1
] I I
] I ]
1 1 1
1 1 1
1 1 1
i i I
i i i
4 i 1 = I
1 2 3
-3

17.a) Cac cdp gia tri twong tng (:E;y) ctia ham so trén la (—2;— 1) , (0;0) , [1;%]

, (2;1) , (4;2).

b)
(4:2)
2mmmmmmmmmm s *
(21) i
1p-------- + i
-2 e .
i 0 1 2 1 !
b -1
(-2;-1)
18. HS tu vé

a) Pifm A4 nam trén duong phan giac y = = clia cac goc phan tu thir I, 11T va

c6é hoanh do 1a 3. Diém A c6 tung d6 bang 3.

b) Tung d6 va hoanh d9 ctia diém M nam trén duong phan giac d6 bang nhau.

19. HS tu vé

a) Diém A nam trén dudng phan gidc y = —z ctia cac gdc phan tu th 11, TV va

c6 hoanh d6 1a 3. Diém A ¢6 tung d6 bang —3.

Boi duéng ning luc hoc mén Todn 8
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b) Tung dd va hoanh d6 ctia difm M nam trén duong phan gidc d6 di nhau.
20.

a) Cong thirc biéu dién y theo x 13 : y = 480 — 20.z
y 1a ham s6 cua x. Vi véi mdi gia trj cia x chi xac dinh dung mot gia trj cta y.
b) Sd gao con lai sau khi ban mot tuan 1a :
480 — 20.7 = 480 — 140 = 340 (tAn).
c)Taco:
340 = 480 - 20.x
20x = 480 — 340 = 140
r =140 : 20 = 7ngay
Vay sau sd ngay thi cira hang d6 ban hét gao 1a :7 ngay ( 1 tuan).
21. a) Cong thuc biéu dién y theo x 1 : y = 50000000 — 400000.z
y la ham s6 ctia z. Vi v6i mdi gia trj ciia x chi xac dinh ding mot gi trj cia y.
b) Tacod:
50000000 — 400000.z = 20000000
400000.2 = 50000000 — 20000000
400000.2z = 30000000
z = 30000000 : 400000 = 75
Viy nha may A phai ban duoc 75 cai 4o dé c6 sb tién 10 trén 20000000 dong
22,

a) Cong thirc biéu dién y theo x 13 : y = 45000.z .

y 1a ham sb cua z. Vi voi mdi gia tri cia z chi xac dinh ding mot gia tri cua y .
b) Binh tinh sai truong hop mua 7kg tao. Sua lai :

S6 tién 1a 315000 dong ( Vi 45000.7 = 315000 dong).

\Ne22
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Bai 28: HAM SO BAC NHAT VA PO THI CUA HAM SO BAC NHAT
2 4 4
1. y=1—3z va y:(\/g—l) 7 +1 12 cac ham s8 bac nhat

2. y=3-0,5z va y = —1,5z; y:(\/g—l)aﬂ—l; y:\/g(x—\/g); y+\/§:x—\/§lé
cac ham so bac nhat

3. y=100+8 vay = +2; y = 272725 15 cac ham s8 bac nhat.
a.
. | =5 | 04| 0 | 25| 125 ]| 10
vy | -2 |-016| 0 1 5 4
5.
a) Taco

f=1)=2-(-1)—3=-5/f(3)=2-3-3=3f(-3)=2-(-3) -3 = —9.

b) Ta c6
‘- 9
V01y:6:>2a:—3:6:>2:1;:9:>:1::5.

/& _1
VOIy:—4:>233—3:—4:>2x:—1:>x:7.

Véiy=-3=21-3=-3=22=0=2=0.

6.a) y:mx—a:—|—3<:>y:(m—1):c—|—3.

DPéham s6 la ham s6 bacnhatthi m —1=0< m = 1.
b) y =(m* —1)z —2014.

Dé ham so la ham sO bacnhatthi m*> —1=0 < m = +1.

7. D6 thi ham s6 bac nhat y = (m — 1)9; + 3 di qua diém A(S;— 1) khi va chi khi

m—1=0 m =1
& =m = 0.
2:@%4ﬁ+3 m =0

8.a)HémS6y:(a—1)x+a@y-l—m—(x-i—l)azo (*)

@é Boi duéng ning luc hoc mén Todn 8
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-0 =1
Phuong trinh (*) ludn dung khi va chi khi {y if 0 {x
€T =

y=1
Vay d6 thi ham s6 luon di qua diém A(—l;l) voi moi gia tri cta a.
b) Puong thang di qua gdc toa do O(O;O) khi va chi khi: 0 = <a — 1).0 +asa=0.

Vay o = 0 thi duong thang di qua goc toa dd.

=m=1.

A « A A? 1\ \ N1 A A 2_1:0 m:il
9. Diéu kién dé la ham s6 bac nhat la {m

m+1=0 < m = —1

Vay m = 1thi ham s6 da cho la ham s bac nhét c6 dang y = 2z — 1.

10. a) Thay toa d¢ diéva(O;B) vao cong thirc ham sd (d) ta co: 3=2.0+3 nén
Ae(d).

3

b) Thay toa do diém B[—%;O vao cong thitc ham s6 (d) ta co: 0= 2.[—5 +3

nén B € (d).

c) Thay toa d6 diém C(1;2) vao cong thirc ham s8 (d) ta c6: 221+ 3 nén
C ¢ (d).

d) Thay toa 40 diém D(-1;1) vo cong thitc ham s8 (d) ta c6: 1 =2.(~1) + 3 nén
D e (d).

11.a) Ta ¢6

Y 1 1 A A A . Y AN ~
Voi z = 3 =y = 25— 1=0. Vay Athudc do thi ham s6 da cho.

Véiz=1=y=21-1=1. Vay Bthudc d6 thi ham sd da cho.
Véiz=5=y=25-1=9=6. Vay C khong thudc d6 thi ham s6 da cho.

Véi v =-2=y=2.(-2)—1=5=—1. Vay Dkhong thudc do6 thi ham s6 da cho.
b) Ta co

Véiz=-2=y=2(-2)—1=-5=0. Vay K khong thudc d6 thi ham s da

cho.

@G Boi duong ning luc hoc mén Todn 8
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Véi z = -3 =y=2.(-3)—1=-7=2. Vay M khong thudc d6 thi ham s6 da
cho.
Véiz=2=y=22-1=3. Vay N thudc do thi ham s6 da cho.
Véiz=-1=y=2.(-1)—1=-3. Vay P thudc d6 thi ham sd da cho.
12. a) D6 thi ham s6 cit truc tung tai diém co6 tung do b??mg 2 thi:

2= <m — 1).0 +2m < m = 1. Puong thang can tim 1a y = 2.
b) D6 thi ham s& cit truc hoanh tai diém c6 hoanh do bé“mg —3thi:

0= (m—1)(~3)+2m « m = 3. Duong thang can tim 1a y = 2z + 6.
13.
Vé hé truc toa d0 Oxy
a) Voi z =1 ta duoc y =1, diém A(1;1) thudc d6 thi ham s6 y = z. Vay duong
thang 0A 1a d6 thi ham s6 y = «.
b) Véi z =1 ta dwgc y =—1, diém B(1;—1) thudc do6 thi ham s6 y = —z. Vay
duong thang OB 1a d6 thi ham s8 y = —z.

Ay

\ 4 /

3
1

A

[

-3

14. Vé d6 thi ham s6 y = f(z) = 3z — 2

Véi 2 =0 ta dugc y = -2, di€m A(0;—2) thudc d6 thi ham s6 y = 3z —2;

Vi y = 0 ta duoc o = % diém B|2;0| thudc do thi ham s§ y = 3¢ — 2. Vay

3

duong thang ABla d6 thi ham s6 y = 3z — 2.

\Ne22
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Ay

o
v

4
15. Vé d6 thi ctia cdc ham so
a)y=2x—5 b) y = -3z +6.
a) Cho z =0, dwoc y=—-5,tacd A0 ; —5) la y
- Y A \ 2 1o 2 /3 X
diém nam trén duong thang y =2z —5. .
-1 E
ChOy:O,du’QC:vzg,tacéB g ;0] 1a diém 2
3
nam trén duong thang y = 2z —5. -
5
Vé duong thang qua hai diém

A0 5 2),B(=2 ; 0) dwgc d6 thi cia ham s& nhw
hinh vé bén.
b) Cho z =0, dwoc y =6, tacod A0 ; 6) la y
diém nam trén duong thang y = —3z 4 6 6
Cho y =0, dwgc z=2,tacod B2 ;0) la
diém nam trén duong thang y = —3z + 6. }

Vé duong thang qua hai diém :

A(0 ; 6),B(2 ; 0) dwoc s6 nhu hinh vé bén.
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16. Cho cac do thi ham so sau:

(dl):y:x; (dQ):y:2a:; (dg):yz—x—i-B

y
dg\\
3
Q@ececee B
1,5 ¢ > A
1 e 2 5
. C
0 11,52 :\ X

( N

\.(Q

q
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Bai 29: HAM SO GOC CUA PUONG THANG
1. D6 thi ctia ham s6 da cho di qua diém M (2;6) nén ta co

6:2.a—|—3<:>2.a:3<:>a:§.

2. Vi d6 thi di qua hai diém A(O;l), 3(2;5) néntacd 1=0a+bvad5=2a+b.
Tedov=1vaa=2

Vay hé s6 goc a = 2.

3. Duong thang (d’) c6 phuong trinh 2z —y —1=0 hay y =2z — 1. Hé s goc
cua d' la k' =2.

m—2=2
Taco d/ld < 5 ) s m=4.
= —

Vay duong thang d c6 hé s gocla k =2.

4. Goi N(:z:N ;yN) la giao diém. Theo dérata cé z, =2 =y, = 3. Vay N(2;3).
D6 thi ham s6 (1) di qua N(2;3) néntacd 3=a2-3 < a=3.

5.Goi y = az + b 1a phrong trinh duong thang d can tim.

Vi duong thang d di qua gbc toa dd O nén b = 0 vay duong thang 1a y = az di
qua va diém M(1;2> nén ta c6 2 = a.l.

Vay hé s8 goc ctia duong thang da cho la o = 2.
6. Goi y = az + b 1a phuong trinh duong thang d can tim.

Vi duong thang d di qua hai diém A(1;2) va B(3;4) nén ta c6 a+b=2va
3a+b=14
Tebv=2—-actacd3a+2—a=4=2a=2=a=1,b=1

Duong thang d:y =z +1 nén cd hé s goc a = 1.

A . N N ya A 7 . 1
7. a) D6 thi ham s6 tao vdi truc Oz mot gocnhonkhi 1—4m > 0= m < ”
b) D6 thi ham s6 tao v6i truc Oz mot goc tu khi 1—4m < 0= m >i
8.a)Tacdd//d' via=a";b=10'
b)Tacd d cit d' via=a'

c)Tacd d cat d' via=a'

@G Boi duong ning luc hoc mén Todn 8
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d)Tacod=d' via=a';b=10'

9.
m’ —2=2
d//d =
2) //1<:>1m—1¢—3<:>m
_92=-1
b)d5d2<:>{m S m=-1
m—1=-2

c) Thay = = —1vao d, ta duoc y = -5

Thay z =—-1; y = —5 vao d ta dugc: m = —2 hodac m = 3 ( thoa man )

10. Puong théng r—2y=1&y :%m—%<dl)
1
P& (@) / /(d) N 3
e =4 , = = - —
b=b 1 7"
m = —

11. a) Duong thang 3z + 2y =1 < y = _731; +% (dZ)

-3
J— m =
2 &

n =

m_
P& d/ /d, &

2= L

2
1 1
n=— =
2 2

Véym:%;n::%’fhid//d2

b) Puong thang y — 22+ 3 =0 < y = 22— 3(d,)

m-—2=2 m =4
=

n=-—3 n=-—3

bé (d) = (d,) & l
Vay m =4 ; n=-3 thi (d)E(d3>

12. a) D6 thi ham s6 (1) di qua diém A(1;4) nén 4 =m+1.Vay m =3
b) d6 thi ham s& (1) song song véi duong thang (d): y = m*z +m +1

TacO m=m*>val=m+1 tim dwgc m =1

@6 Boi duong ning luc hoc mén Todn 8
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13. Gia st duwong thang can tim 1a y = az +b.
Vi duong théng y =az +b di qua diém (2;— 3) néntacod 2a +b= -3 (1)

a) Vi duong thang y = az + b song song véi duong thang y = 52 4+ 1 nén ta co
a =5, thay vao (1) suy ra b = —13.

Vay duong thang can tim 1a y = 5z — 13 thda man yéu cau bai toan.

b) Vi duong thang y = az 4+ b cat duong thang y = 2z —1 tai diém c6 tung do
bang 5 nén hoanh dd giao diém la nghiém cta phwong trinh 5 =2z —1= z =3
. Toa do giao diém la A(3;5). Duong thang y = az +b di qua diém A(3;5) nén
ta c6 phuong trinh

3a+b=5=b="5-3a,thay vao (1) suyraa=8=b="5-38=-19.

Vay duong thang can tim 1a y = 52 — 13 théa man yéu cau bai toan.

14. Vi duong thang can tim song song véi duong thang y = 2z — 1 nén phuong
trinh cé dang y =2z + b (1) .

Mt khac hoanh d6 giao diém ctia n6 véi duong thang y = 3z +2 1a z =1 nén
tung dd giao diém 1a y = 3.1+ 2 = 5, hay duong thang y = 2z +b di qua diém
A(1;5) nén tix (1) ta c6

5=21+b=b=3.

Vay d6 thi ham s8 can tim 1a dwong thang cé phuong trinh y = 2z + 3.

15. a) Hai duong thang da cho cat nhau khi thoa man cac diéu kién sau

m+1=0 m =1
2m—1=0 & mz%.
m+1=2m—1 m = 2

N 1 S ls 3 & g
Vay voi m = —1, m = S vams= 2 thi hai duong thang cat nhau.

b) Hai duong thang song song khi théa man cac diéu kién sau

m = —1
m+1=0 1
2m —1=0 m = —
) ey 2
m+1=2m-—1 m =2
—(2m—|—1)¢3m 1

m= ——

\Ne 2
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Vi gia tri m = 2 déu khac cac gia tri —1, %, —% nén m = 2 1a gia tri can tim.
¢) Hai duong thang tring nhau khi

m4+l=2m—-1 |M=2 -
1 (vo Li).

—(2m+1):3m® m:—g

Vay khong cé gia tri nao ctia m d€ hai duong thang trung nhau. N6i cach khac
hai dwong thang trén khong bao gio tring nhau.

16. Ta thdy hai duong thang <d1) ; (d2) luén cat nhau.

Puong théng (d1> cit truc hoanh tai diém A(2 : 0);

DPuong th;fmg (dQ) cit truc hoanh tai diém B [%;O];

b€ hai duong théng (dl); (d) cdt nhau tai mot diém trén truc hoanh thi

2
k=3 57
2

17. Duong thang (d) song song véi duong thang y = 3z +1 nén (d) co dang
y=2r+0b (b € R)

DPuong thang (d) cat truc tung tai diém c6 tung d6 bang 4 nén (d) di qua diém
A@Aﬁmy

4=30+bsb=4.

Vay phuong trinh duong thang (d) la y=3z+4.

18. D& cac duong thang y =2z +m va y =z —2m + 3 cat nhau tai mot diém
nam trén truc tung thi

y=m
ESm=-2m+3&m=1.
y=-—-2m+43

19. D¢ (d), (d’) cdt nhau tai mét diém nam trén truc tung thi

2

y =16 )
&Sm” =16 m==+4.
y=m

Khi m =4 thi d = d’ (loai).

Vay m = —4.

\Ne22
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Bai 30: KET QUA CO THE VA KET QUA THUAN LOI

1.Kihiéu X, X, X, X, X laquabong mau xanh duoc danh s6 1 dén sb 6, va

D ., D_,D,D, laquabong maudo dugc danh s6 6 dén s6 9.

Cac két qua c6 thé clia hanh dong nay 1a: X, X, X,, X, X,,D ,D..D,,D,

C6 tat ca 9 két qua co thé xay ra.

2. Kihi¢u 4 ban Nam 16p 84 1a: A, A, A A,

5 bannit 16p 8B la: B, B,,B,,B,, B,

3 bannam l6p 8C la: C|,C,,C,

2 ban nr 16p 8D la: D, D,

a) Cac két qua c6 thé xay rala: A, A, A, A, B ,B,,B,,B,,B.,C,C,C ,D,D,D,.

A,
Co tat ca 14 két qua.

b) Céc két qua thuan lgi cho biéncd A 1a: A, A, A, 4,

Cac két qua thuan lgi cho bién ¢ B 1a: B, B,,B,, B,,B.,D,, D,

3.a) Cac két qua co thé cua hanh dong trén la: 1; 2; 3; 4; 5; 6; 7; 8; 9; 10

b) Cac két qua thuan loi cho bién ¢ A 1a: 2; 4; 6; 8; 10

Céc két qua thuan lgi cho bién c¢d B 1a: 6; 7; 8; 9; 10

4. a) Cac két qua co thé xay ra cho hanh dong trén 1a 1y duoc qua bong danh cac sd
0; 2; 4; 6; 8.

b) Cac két qua thuan loi cho bién cd A 1a: Qua bong danh cac $6 0; 2 4; 6: 8
Céc két qua thuan lgi cho bién cé B 1a: khong co. ,

Cac két que} thuan lo1 cho bién 06’0 la: Qué bong danh so 2

5. a) Cac s0 tu nhién c6 hai chir s6 1a 10; 11; 12; ..... :99.

Vay ¢o (99 — 10) :1+1 =90 két qua cho hanh dong trén.

b) Cac két qua thuan loi cho bién ¢b M 1a: 10; 20; 30; 40; 50; 60; 70; 80; 90

6.

a) Vi con xuc xdc ¢6 6 mat ing v4i 6 cham.

Vi mat 1 chdm cta con xtc xic thir nhat co thé di véi 6 mit cuia con xuc xac
thir hai: (1;1),(1;2),(1;3),(1,4),(1;5), (1;6)

Tuong tu voi mat 2; 3; 4; 5; 6 chidm cua con xuc xic thir nhit thi ta co 6.6 = 36
két qua c,ho hanh dong trén.

b) Céc két qua thuén lgi cho hanh dong A 1a:

19, (1), (), (), 2:), (22, (2:3), (31, (32) ()

©
S
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Bai 31: CACH TiNH XAC SUAT CUA BIEN CO BANG Ti SO

1. a) Xac sudt thyc nghiém cta bién ¢ “Mat xuat hién ctia xtic xac la mat
4 \ 18 9

6 cham” la — = —

40 20

b) Xac suat thuc nghiém cta bién ¢ “Mat xuat hién ctia xtic xac la mat 1

chdm” la = =2
20

2. C6 12 két qua co thé cho hanh ddng trén la: 1; 2; 3;.....;12

a) Cac két qua thuan lgi cho bién ¢4 A4 1a 2; 3; 5; 7; 11. Nén xac suat cho

bién c§ A la: P(A) = k2
12
b) Cac két qua thuéan lgi cho bién ¢ B la 1; 4; 9. Nén xac sudt cho bién co
B la: P(B):i:l
12 4
3. Khi gieo 1 con xuc x&c thi c6 6 két qua co thé xay ra la: 1; 2; 3; 4; 5; 6

C6 2 két qua thuan loi cho bién c8 trén 1a 1; 2. Nén xac suat1a P = % _2
4. Co 21 két qua cho hanh dong trén.
Co 21-7 -4 =10 két qua thuan lgi cho bién ¢d E nén xac suat cho bién
6 E la: P(E)ZE.

21
5. S8 thé c6 trong hop 1a 10 va mdi thé duwoc ghi mot s& nguyén duwong tir
1 dén 10 sao cho hai thé khac nhau thi ghi hai s6 khac nhau. Vay ta co tap
hop cac so trén cac thé la tap hop 1,2,3,...,10.

4

a) Xac sudt ctia bién cd “The 14y ra ghi s6°'3” trong tro choi trén la

4 1
P(A)=3=%

b) Céc s6 nguyén t6 nguyén td trong tap hop {1,2,3,...,10} la 2,3,5,7vG5i sO
phan ti la 4.

X4c sudt ctia bién ¢6 "S6 xuat hién trén thé duoc rut ra la s6 nguyén t6" 1a

4 2
P(B)=15=5

\Ne22
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6. Co 52 két qua khi rat moét 1a bai trong bd bai 52 1.
a) C6 13 két qua thuan lgi cho bién ¢d “ rat dwoc la c6 chat co”

A 4 Y o« N ~ \ \ 1 1
Nén xac suat cho bién cd nay la: 5—2 =—

4
b) Co 12 két qua thudn loi cho bién ¢§ “ rat dwoc la hinh”
Nén xac suat cho bién cd nay la: é—z = %
c) Caclanho hon 5 gobm cd 14 1; 2; 3; 4 v6i bon chdt nén c6 16 két qua
thugn loi cho bién c§ nay. Khi d6 xdc suat cho bién cd nay la =~ — —

7. Trong 45 lan ldy bong lién ti€p, qua bong vang xuat hién 7 lan; qua
béng hong xuat hién 10 lan. S6 lan xuat hién béng mau do la
45 —-7—-10 =128

a) Xac sudt thye nghiém cua bién ¢d “Qua bong 1y ra la qud bong mau vang” .

b) Xac suat thye nghiém cua bién ¢d “Qua bong 1dy ra la qua bong mau hong” .

0 2
P(B):EZQ

c) Xac sudt thuc nghiém cua bién cd “Quda bong 1dy ra la qua bong mau do” .

28
P(O):E

8. Goi a la s6 qua bong mau xanh cé trong hop

Khi d6 c6 a két qua thuan lgi khi 1dy duoc qua béng mau xanh.
Ta co % = % = a = 3. Vay trong hop c6 3 qua bong mau xanh.

9.

Lan the | 1 2 |3 4 5 6 7 8 | 9 |10 |11 12
The D/ D|G|Tr | T |Tr|Tr D | G|Tr| G| D
Dua vao bang ta c6 s6 lan 18y duoc thé danh tir la 2, s lan 1dy dwoc thé

trang ttr la 4. SO Jan 1ay dwoc thé tinh tirla 1.

@G Boi duong ning luc hoc mén Todn 8
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a) Xac sudt thuc nghiém caa bién cd “thé duwoc 1dy ra la trang tir” la
4

1
PA)=35=3

b) Xac suat thyc nghiém cua bién cd “thé duwoc lay ra la danh tir” la

M&:lzl
12 6
c) Xéc suat thire nghiém ctia bién ¢ “thé duwgc 14y ra la tinh tir” la P(C) = %

10.

S6 ngay khong mua trong 10 ngay cudi thang 3 la 3 ngay.

Xac sudt thye nghiém caa bién c6 “S6 ngay khong muwa trong 10 ngay cudi
3

thang 3 la P(A) = m

11.

Co 6.6 = 36 két qua khi gieo cting ltic hai vién xtic xac.

a) Cac két qua thuan lgi cho bién c6 4 1a: (1; 1), (2;2), (3; 3),(4;4),(5; 5),(6;6)
Nén xac suat cho bién cd nay la: % = %

b) Cac két qua thuén 1oi cho bién ¢d B la: (5;6), (6; 6),(6; 5), (6; 6)

A Vé N 4 N \ Ay 4 1
Nén xac suat cho bién co nay la: %9

@6 Boi duong ning luc hoc mén Todn 8
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Bai 32: MOI LIEN HE GIUA XAC SUAT THUC NGHIEM

1. X4c xuat cho bién cd “ Qua ¢ size nhd hon vdi kich thwde chuan ” 1a
L5 3

10 20

2. Xac xuédt cho bién ¢§ “ Xuat hién mat 2 cham khi gieo xtic xac”” 1a

20 10
3.
Su kién 1 2 3 4 5 6
chAm | chAm | chAm | chAm | chAm | chdm
So lan 17 18 15 14 16 20

S0 [an xuat hién mat c6 s6 cham 1é 1a 17 + 15 + 16 = 48

Xac sudt thue nghiém cho bién cd mat xuat hién cd sd chdm la s6 1€ la:
a8 _12

100 25

4. Mai gieo 100 Ian va ghi lai két qua ctia minh nhu sau:
S6diém |2 |3 |4 |5 |6 |7 |8 |9 |10 |11 |12
Solan |3 |5 |9 |10 |14 |16 |13 |11 |8 |7 |4

Xac suat thue nghiém ctia cac bién ¢d 4; B;C twong ting cua Mai la
3+9+14+13+8+4 51 3+5+10+16+7 41

=0,51; = 0,41;
100 100 100 100
311484744 43 .
100 100

Khi Viét gieo 120 lan.
P(A) = % = 0,51 = k = 61,2. VAay c¢6 khoang 61 an Viét nhan dugc mot s6

chan

P(B) == = 0.41= h = 19.2. Vay c6 khoang 49 Ian Vi¢t nhan duoc mot s

nguyeén to.

\Ne22
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P(C)= 155 =043 = k=51,6. Vay c6 khoang 52 lan Viét nhan dugc mot s
16n hon 7.

5. a) X4c sudt thuc nghiém cho bién ¢ ngudi A thang la %

X4c suat thire nghiém cho bién ¢6 nguodi B thang la % = %

c) Xac suat thie nghiém cho bién c8 nguodi ¢ thang la P (€)= % = 0,16
Gid mdi ngudi choi 60 van. Goi s8 van thang ngudi ¢ theo du doan 1a &
Khi d6 ta c6 P(C) = % — 0,16 = k = 9,6 van thang,

Du doan ngudi C sé c6 10 van thang.

Xac suat thire nghiém cho bién 8 ngudi D thang la P(D) = % = 0,12

Gid moi nguoi choi 60 van. Goi s8 van thang ctia nguodi ¢ 1a &

Khi dé ta cd P(D) == = 0,12 % h = 7.2 vén thing,

Du doan nguoi D sé c¢6 7 ban thang.

@G Boi duong ning luc hoc mén Todn 8
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L AL B CHAARC o ABI_AC'_B'C' _T_AC'_B'C

AB  AC BC 8 6 5

e %: 5,25(cm) ; B'C' :%5: 4,375(cm).

2. Goi cac canh ctia tam giac can tim 1a a,b, c tie gia thiét ta co:

a b c a+b+e _%
15 20 30 154+20+30 65

:>a:§.15:6; b:§.20:8; C:§.30:12
65 65 65

3. AABC# ADEF véitiso dong dang k = % nén ta co:

AB _AC BC AB+AC+BC 12
DE  DF EF DE+DF+EF C

ADEF

3
5

ADEF

C _ 125 20.
3

4. St dung tinh chat day ti s6 bang nhau d€ chitng minh.

AABCEAAR O AB _ BC _ AC _ AB+BC+AC _

AlBl BlOl_AIOI AIBI+BICI+AICI

5.a) Ta c6 AABC# AIMN theo hé s0 ti s6 dong dang & = %

AB AC BC 3, ., . 1A
= = = = — (cac cap canh twong tng ti 1¢)
IM IN  MN
IM IN MN 4

= = = = — (tinh chat ti 1é thic)
AB AC BC 3

W

= AIMN# AABC theo ti s6 dong dang la &' =

b) Gia st BO:6(cm),taco'AB4—]C\f:§$MN:

Vay MN = 8(cm).
6.

,ﬁ
\Ne22
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Boi duong ning luc hoc mén Todn 8



,ﬁ
é‘fm \
\Ne22

Qﬁf% PDAP AN THUC HANH GIAI TOAN LOP 8

a) Trong AABC co:

MA = MB(do M la trung diém cua AB)

NA = NC (do Nlatrung diém ctia AC)

= MN la duong trung binh cia AABC

b) Vi MN la duong trung binh cia AABC (chttng minh y a)
= MN//BC (tinh chat duong trung binh ctia tam giac)

= AAMN# AABC (dinh 1y)

Hesstile p= AM _14B 1
AB 2AB 2

7.

A

AN,

K

a)TrongAABCtacé:A—D:E:l,A—EzézliA_D:A_E
AB 6 3 A 9 3 AB AC
= DE//BC = AADE# AABC

Ti s6 dong dang cia AADEva AEKCla: k = j—i = %

b) Theo két qua cau a) ta c6 AADE -~ AABC
Mat khac vi EK//BC = AEKC# AABC

= AADE# AEKC' .

c) Theo két qua cau b) ta c6 AADE# AEKC suy ra:

@6 Boi duong ning luc hoc mén Todn 8
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AD DE _AE 1 _AD+DE+EC P,

EK KC EC 2 EK+KC+EC P

AEKC

_1p

ADE 2 AEKC *

Vay P,

8.

B M C

a) Trong AABC c6: MN//BC (gia thiét)= ACMN# ACBA (dinh ly)
b) Ta c6: BM =2MC

= BC = BM + MC

= BC =2MC + MC =3MC

CM 1
=2 ==,
CB 3
Mit khic ACMN# ACBA (¥ a) = % _ g—]‘; (hai canh tuong tng £ 18).

~_  MN 1| CM
Vay = =~ = 2=
AB 3| cB

B C
a) Xét AAMN va ACIN co:
MN = NI (GT);
AN =CN (N la trung diém ctia AC);

ANM = ONI (hai gbc di dinh)

O
\e 2
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= AAMN = ACIN (cgc) = AAMN# ACIN (tinh cha).

b) Trong AABC co:
MA = MB(do M la trung diém cua AB)
NA = NC (do Nla trung diém ctia AC)

= MN la duong trung binh cia AABC
= MN//BC

= AAMN# AABC (dinh ly)
Ma AAMN# ACIN (¥ a)
— ACIN# AABC(# AAMN) .

c) Vi ACIN# AABC (y b) = oL _CN (cac canh tuong tng ti 1)
AB AC
= CI.AC = ABCN.
10.
A

a) Xét AMBH va AMCK co:
MB = MC (AM la trung tuyén cua AABC);

—

MHB = MKC = 90’

BMH = CMK (hai goc d6i dinh)

= AMBH = AMCK (canh huyén — géc nhon)
= AMBH# AMCK (tinh chat).

b) Trong AAKC co:

MI//KC (cung vudng goc voi AM )

= AAMI” AAKC (dinh ly)

,ﬁ
é‘fm \
\Ne22
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= AL = ML (cac canh twong ting til¢) = AI.KC = MI.AC'.
AC KC

11. Cho hinh thang ABCD ¢6 AB//CD. O la giao cua hai duong chéo.
a) Chtrng minh AOAB# AOCD va tim ti s6 dong dang.

b) Tt O ké dudng thang song song véi AB cat ADtai 1. Chting minh
ADOI# ADBA.

c) Chitng minh rang: AB.DO = DB.IO.

Loi giai
A B
TIANZAN
O
D C

a) Xét AOCD c6 AB//CD(gt) = AOAB# AOCD.

Goi k la ti s8 dong dang thi k = g_llj

b) Xét AABD c6 OI//AB(gt)= ADOI# ADBA.

c) Vi ADOI# ADBA (chttng minh cau b) = g—g = % = DO.AB = DB.IO.

12.

Lay M,N lan lwot la trung diém cua AD, AE

@6 Boi duong ning luc hoc mén Todn 8
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= AAMN# AADE;AABC = AAMN = AABC# AADE
13.

D C

a) AGBF# AGAD;AGBF# ADCF = AGAD# ADCF

b)Do AGBr# ADCF = B8 _BL . pa_ 4 ac—10
CD CF
GA AD

c) AGAD# ADCF = = GACF = CD.AD, ma AB=CD =
DC  CF

AG.CF = AD.AB
14.

Ta c6: APBM#APAN — LM _ BM @)

PN AN

Theo dinh 1i Thales ta co: QM _ MC _ BM (2)
ON AN AN

PN QN

T (1)(2) = — P QM

\e 2
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Bai 34: BA TRUONG HOP PONG DANG CUA HAI TAM GIAC

Dang 1: Truong hgp dong dang thir nhat: Canh - canh - canh.

i Ta. 3 _ 5 _ 7T ( 1), AB _ BC _ CA
' 45 75 105 15]  A'B' B'C' C'A
Do do 4A'B'C' «» AABC (c.c.c)
2.
A
D
6 2 /\
4 6
B 12 CE 38 P
a) Ta co: AB _AC_BC 3 _ Aapc ADEF (ccc)
DF DE EF 2

Cue AB+BC+CA 6+9+12 27 3
C DE+EF+FD 4+6+8 18 2

DEF

b)

3.
Vi ADEF” AABC nén ADEF cing c6 d¢ dai caccanh tilé vdi4, 5, 6

Giai st DE < EF < DF = DE = 0,8cm

Viba canh ctia tam gidc ABC c6 d¢ dai ti 1€ vdi 4, 5, 6 nén ta cé:
DE EF FD
4 5)

=0,2= EF =1(cm); FD =1,2(cm)

4.Tacd: AABC” AABC'— AB _ BC _ CA _ AB+BC+CA 2
AB BC' CA AB+BC+C'A 3

= A'B'=9cm,B'C"' = 15cm,A'C"' = 21cm.

5. a) Van dung tinh chat dwong trung binh chi ra AB = BC = ¢4 suy ra
A'B'" B'C' C(C'A

AABC” AA'B'C(c-c-c)

Tace: AB _ BC _ CA _ AB+BC+CA 2
"A'B' B'C' C'A" A'B+B'C+C'A" 3

@ Boi duong ndng luc hoc mon Todn 8
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= A'B'=9cm,B'C"' = 15cm,A'C"' = 21cm.
6.

16,2 24,3 32,4

AABCH# AA'B'C".Ta co: = =
A' B! B'C' C'A'

a) Tinh dwgc: A'B' = 6,2cm = B'C'= 9,3cm; A'C' = 12,4cm

b) Twong tw tinh dwgc: A'B' = 26,2cm = B'C' = 39,3cm; A'C'"' = 52,4cm
7.

a) Ta co: %:%:%;» AABD# ABCD (cce) = ABD = BDC = AB | /CD

b) Tacd AB/ /CD (chtng minh trén) = ¢ ABCD la hinh thang.

., MB 2 MB MC BC
a)TacOo —=—= = = =

5= MC =15(cm), MB = 10(cm)
MC 3 2 3

C
b) AKMC" AABC = ¢ = 305 _ 50

ABC

@ Boi duong ndng luc hoc mon Todn 8
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c¢) AHMB” AKMC(” AABC) = HB _MB (dpcm)
KM CM

Dang 2: Truong hop dong dang thir hai: Canh - goc — canh

a) Xéet AOABva AOCD co:

O:gbc chung
04 _ 0B y2_25) L AOABEAOCD (c-g-c)
oc o4 s
b) Vi AOAB ~ AOCD = 24 _ A8 . hucp —00.4B
0C D
2.
A
0]
2 # 7 # c M = D ’ N

a) AABC c6 trung tuyén AE (gia thiét) nén F 1a trung diém BC = BC =2BE
AOMN c6 trung tuyén OD (gia thiét) nén O la trung diém MN = MN = 2MD
Tacé6 AABC # AOMN theohésdtilé k (gia thiét)

_BC _2BE _BE ., _AB . ABE - OMD.
MN 2MD  MD'" OM

Xét AABE va AOMN

= k

Cé: k= AB _ BE (chttng minh trén)
OM MD

ABE = OMD (chting minh trén)

@ Boi duong ndng luc hoc mon Todn 8
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= AABE # AOMD theohésdtilé k (c-g-c)= g—ﬁ =k

b) Chitng minh ti s6 chu vi AABC véi chu vi AOMN ciing bang k.
Tacéd AABC # AOMN theohésd tilé k (gia thiét)
_AB _AC _BC
OM ON MN
Ap dung tinh chat day ti s§ bang nhau ta duwgc:

_AB _AC _BC _AB+AC+BC _C,,,
OM ON MN OM+ON+MN C,, .

=k

a) Ta cé: BD = 13,5¢m

BA 6 2 BC

BC 9 3 BD!= AABC# ACBD(cgc)
B : chung

AC _ AB

b) Ta co: AABC# ACBD = = CD = 11,25(cm)
¢D (OB

c) AABC# ACBD = 6’\2 = B,E@ —C + D=2D (g6c ngoai tam giac).

4.

@ Boi duong ndng luc hoc mon Todn 8
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D—\ [1 C
K

—

a) Tt giac ABKD c6 A= ADK = BKD = 90°
Neén tt gidc ABKD la hinh chi* nhat

— AD = BK;AB = DK

Ma AB =4 (cm) nén DK = 4(cm)
CODK+KC=DC=KC=DC—-DK=K(C=9—-4= KC =5(cm)
ABKC vudng tai Knén BC® = BK® + KC*
= BK’ = BC® — K(C*

= BK* =169 — 25 = 144

— BK =12 (cm)

Ma AD = BK

= AD =12 (cm)

Cé MD = AM = %AD (vila trung di€ém cta AD)

= AM = 6(cm) , DM = 6(cm)

b)

Cé AM = 6(cm), DC = 9(cm) =AM _ 2
DC 3

Cé AB = 4 (cm), DM = 6(cm), = 22 _ 2
DM 3

AM  AB

DC DM

Xét AABM va ADMC ¢
BAM = MDO( — 90°)

AM  AB
DC DM

= AABM#ADMC(c—g—c).

¢) Tinh BMC .

Cé AABM# ADMC = AMB = DCM

@ Boi duong ndng luc hoc mon Todn 8
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— -

ADCM vuong tai D nén DCM + DMC = 90°

— AMB + DMC = 90°
Cé6 AMB + DMC + BMC = 180°

e

= BMC =90°

5.

D B F
a) C6 DE = 6(cm), DF =12 (cm) = bE_1
DF 2

L DE_ 3D

DF DE
Xét AEBD va AFDE cé:
EDF: goc chung
DE _ BD
DF  DE
AEBD# AFED (c— g —c).
b) C6 AEBD# AFED

BD ED
= =D - 7D (dinh nghia hai tam gidc dong dang)
Xét AEDF c¢6 DA la phan giac

AE _ ED N AE _ BD

AF FD AF ED
= AE.DE = AF.BD.

HP.DF

© HQ.DE

JAE _BD 1 _ BA_1

AF FD 2 EF
Co g—g _1 (vi Qla trung diém caa FE)

LAE 2 AQ_1

“EBQ 3 EQ 3

\e 2

@ Boi duong ndng luc hoc mon Todn 8
@



DAP AN THUC HANH GIAI TOAN LOP 8

= gg 1 (Vi QF = QF)
DB 1 AQ DB
ma — = —.
BF 3 QF "~ BF
Xét AFAD c AQ b5
QF " BF

= BQ//AD (dinh li Thales dao) .

Xét AEBF c¢6 P,Q lan luot la trung diém ctia BE vaFE

= PQ@ la duong trung binh cia AEBF = PQ = lBF (1)

Xét AADF c6 HQ//DF nén e _AQ
DF  AF 4

T gidc DHQB ¢6 HQ//DB, DH//BQ
= T gidc DHQB la hinh binh hanh
— HQ = DB

DB 1 DB 1
e

= =" =
DF 4 BF 3

HQ 1

=¥ —_— = BF=3HQ (2

B =3 ae
Tu(1)vé(z);»PQ:§HQ;»PH:1HQ

2 2

PH 1
= — ==

QH 2
v PF _, _ HPDF _

DE HQ.DE

6.

_ 1,49 1

QF 3)

a) Co M la trung diém ctia AC' nén ;1/[—0: 2

Co MN——AB nenA—B:2
MN

O
\e 2

e
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AB  AC

MN  MC
Xét AABC va AMNC cé:
BAC = CMN( - 90°)

AB  AC
MN  MC
= AABC#AMNC(c—g—c>.

b) Xét ACAD c6 M la trung di€ém ctia AC
MN//AD (vicung L AC)

= N la trung diém cua CD
Xét ACAD c6 M la trung diém caa AC
N la trung diém cta CD
= MN la duong trung binh cia ACAD
= MN = lAD = MN _1

2 AD 2
Ma €M = ~CA

oM 1 CM MN
= — - 5> — = —
cA 2 CA _ AD
Xét ACMN va ACAD co:
CMN:@(:QO")

CM _ MN

CA  AD

= ACMN# ACAD(c—g—c).

¢) BC = DC

Cé AABC# AMNC ; ACMN# ACAD

= AABC# AADC
BC AC BC

= = = =1
DC AC DC

= BC =DC.

7.

,ﬁ
\e 2

e
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BN BE BN BE

a) Xét AEDC', ¢6: BN / /CD = = = =
¢hb EC BC EC

(1)

AB_BE:>BC_BE
CM EC ~CM EC

Xét AECN , cé: AB | JCM = 2)

T (1)2) = 2% = B 5 0 = 90" = ANBCH# ABCM(cqe)
BC (M

b) ANBC# ABCM = C, = M,C, +C, = 90° = C, + M = 90° = CHM = 90’

8.

a)Taco: BC / JAF = % = % (hé qua thales) (1)
CD//AB = EC _ A—D(hq Thales) Ttr (1) va (2) = EB _AD
CF DF AB DF

BB _AD BB _BD ppph_ BDF —120° = AEBD# ABDF
AB DF BD DF

b)

Ne 2
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<)

AEBD = ABDF = D, = F;E, = B;F + B, = D, =60' = B, + D, = 60" = BID = 120’

1 2

Dang 3: Truong hop dong dang thir hai: Canh - goc — canh va tong hop
1.

a) Ching minh ABMK # ACIM .
C6: KMI = ABC (gia thiét) va ABC = ACB (do AABC can tai A)
= KMI = MCI (1)

o —

Cé: BMK + KMI + IMC = 180° (do ba diém B, M, C thang hang)

— BMK — 180°—(m+@) (2)

Trong ACIM cé: MIC + mc + MCI = 180" (dinh li tong ba goc trong tam giac)
;»J\?E*:lso"—(]\?c\uﬁfc)(?))

Tir (1),(2)& (3) = BMK = MIC

Xét ABMK va ACIM co:

BMK = ]\//H\C (chttng minh trén)
KBM = MCI (do AABC can tai A)
= ABMK # ACIM (g-g).

b) Chttng minh ACMI # AMIK .
Ta cd6 ABMK # ACIM (chiing minh trén)

BM MK CM MK
= = = =
CI M CI

Xét ACMI va AMIK co:

(do M la trung diém cta BC')

©
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|

o _ MK (chttng minh trén)
CI M

I?M\I = ]\//[FI (chttng minh trén)
= ACMI # AMIK (c-g-c)
2.

a) Ching minh ABCM # ADNC
-Ta c6 ABCD la hinh thoi (gia thiét)
= CD//AB, BC//AD hay CD//AM, BC//AN

—_ -

= NCD = CMB, CND = MCB (cac cdp goc ¢ vi tri dong vi)

Xét ACMI va AMIK c6:

NCD = CMB (chttng minh trén)
CND = MCB (chttng minh trén)
= ABCM # ADNC (g-g)

-Viét ti s6 dong dang:

BC BM _CM

Co: ABCM # ADNC (chttng minh trén) = = =
DN DC NC

b) Chitng minh BM.DN = BD?”.

Cé: BC _ M (chttng minh trén)
DN  DC

— BM.DN = BC.DC (1)
Do ABCD 1a hinh thoi c6 4 = 60° (gia thiét)
= ABCD déu= BC = DC = BD (2)

T (1) & (2) = BM.DN = BD>
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a) AHO = BCI.

Cé AABC cantai A, H latrung diém cua BC (gia thiét)

= DPuong trung tuyén AH dong thoi la duong cao cia AABC

Hay AH L BC

Co6 I la hinh chiéu caa H trén AC (gia thiét)= HI L AC

— AHI = HCI (cung phu véi I?[E’)hay AHO =

b) Chiing minh AH.IC = HI.HC = HO.BC'.
- Xét AAIH va AHIC co6

AHI = HCI (chttng minh trén)
ATH = HIC = 90°
= AAIH# AHIC (g-8)

AH _TH . yy10 = Hrme (1)

= —
HC IC
Tacé HI.HC = <2HO)[%BC] = HO.BC (2)

Tir (1) & (2) = AH.IC = HI.HC = HO.BC

c) Chitng minh AAHO # ABCI.

Co6 AH.IC = HO.BC (chttng minh trén) = 12—}0]

_Xét AAHO va ABCT
C6: AHI = HCI (chting minh trén)

AL BC (chttng minh trén)
HO IC

BCI.

BC
e

e
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= AAHO # ABCI (c-g-c).
d) Chiing minh AO 1 BI.

Co AAHO " ABCI (chttng minh trén) = I?A\O = C/*B\I

—

Co AH 1 BC (chttng minh trén) = ABH + BAH = 90°

—

. OBI + IBA+ BAH — 90°

—

— HAO + IBA+ BAH = 90° (do HAO = CBI)

— OAB + IBA = 90°
= A0 1 BI
4,

B C

a) Ching minh AANC# AAMB.
AABC can tai A

Co tia phan giac B cit AC tai M, phan gidc goc C cit AB tai N (gia thiét)

nén ABM = ACN .
-Xét AANC va AAMB cé:

ABC' (chttng minh trén)

—

ABM = ACN (chting minh trén)

= AANC # AAMB (g-g).

b) Chttng minh MN//BC va d¢ dai canh AM .
Do AANC # AAMB (chiing minh trén)

AN AC
- ——=—
AM AB
ﬁA—N:A—M(doAB:AC)
AB AC

O
\e 2

e
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= MN//BC (dinh ly Thales dao).

Ap dung tinh chat dwong phan giac ctia tam giac va tinh chat ctia day ti s6 bang

nhau, ta co:
AM_MC_AM+MC_ AC . 5) _i AM_E —2—5<cm)
AB BC AB+BC AB+BC 5+6 11 5 11

¢) Tinh dién tich AAMN . Biét dién tich AABC 1a 12cm’.
Do: MN//BC (chttng minh trén) nén AAMN# AABC ( dinh li)

%
Theo hé s0: A—:—lzi
AC 5 11
2 2

SAAMN _ AM - SAAMN _ E - SAAMN :ﬁé oy = 12.25 :@(cmz)
SAABC AC 12 11 12 121 121 121
5.

A B

7
D H_l c

a) Keé BHLCD(HGOD)

Tt gidc ABHD 6 A= ADH = BHD = 90°

Neén tt gidc ABHD la hinh chi* nhat

Ma AB = AD [:%CD]

Nén tt gidc ABHD la hinh vubng=- BH = HD = AD
Ma AD:%CDéBHzDH:%CD

= HD = HC = H la trung diém ctia CD

ABDC ¢6 BH la duong trung tuyén. Ma BH = %CD = ABCDvuong tai B (1)

—

= BDC + BCD = 90°
Vi ABCDla hinh vudong nén DB la phan giac cua ADH

L —

Ma ADH =90°= BDC = 45°
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Ma BDC + BCD = 90° = BCD = 45°
= BDC = BCD

= ABDC(C cantai B (2)

Tt (1)vé (2) = ABDC(C vudng can tai B.
b) Xét AABD va ABCD co:

BAD = CBD (= 90°)

ABD = BDC (hai goc so le trong do AB//CD)

= AABD# ABDC (g-g)
c) Xét AABD va AHCB co:

BAD = BHC (= 90°)

ABD = BCH (= 45°)

_ AABD# AHCB (g-g)= -2 B . 4ppc — Bp.HC
HC  BC

6.

a) Chtng minh: AABE # AACF
Xét AABE va AACF cé:

AEB= AFC = 90°(Vi AD | BC:CF | AB)

;1 chung
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Suy ra AABE # AACF (g.g)
b) Chttng minh: AH.HD = CH.HF

Xét AAHF va ACHD cé:

AHF = CHD (d6i dinh)

—

AFH= CDH = 90°

Suy ra AAHF # ACHD (g.g) = A _ AP = AH.HD = CH.HF
CH HD

¢) Ching minh: ABDF # AABC

- Chting minh tuong tw cau 1) AABD # ACBF = BD = BE
AB BC

Xét ABDFva AABC co:

BD BF

— =——(cnt)
AB BC

2\3 chung

Suy ra ABDF #ABAC (c.g.c)
d) Goi K la giao diém ctia DE va CF.Chtng minh: HF.CK = HK.CF

AB _AE _ AE _ AF
AC AF ~AB AC

-Theocaul) AABE # AACF=

- Xét AAEF va AABC co:

AE AF

— = —— (cmt)
AB AC

Z chung

Suy ra AAEF #AABC (g-g)

— AEF = ABC (1)

- Ching minh twong tw: ACED # ACBA = CED = OBA (2)
Tir (1) va (2) suy ra = AEF = CED

—_

- Mt khéc: AEF = 90° — FEB; CED = 90° — DEB

é‘f'“ \
\Ne 2
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Suy ra FEB = DEB = EH latia phan giac cua FED
Laico £EC 1 EH = EC la phan gidc ngoai cia tam gidc EKF tai dinh E.
Xét AEKF c6 EH,EC la phan gidc trong va ngoai tai £

HF EF CF _EF _ HF CF

> = = =~ HF.OK = HK.CF.
HK EK'CK EK HK CK

e) Chting minh BH.BE + CH.CF = BC”®

-Xét ABDH va ABEC co:

—

BDH= BEC = 90°

—

EBC(C chung
Suy ra ABDH #ABEC (g-g) = BD _ BH = BH.BE = BC.BD(1)
BE  BC
. . CD CH
Chtng minh tuong tw: ACDH ACFB(g.9) = F - BC = CH.CF = BC.CD (2)

Tt (1) va (2) suy ra BH.BE + CH.CF = BC.BD + BC.CD = BC*

HD+HE+HF
AD BE CF

f) Tinh
Xét AHBC va AABC chung day BC, duong cao tuwong tng la HD,AD ta co:

1
g —HD.BC

HBC _ 2 _ HD
Swe Lappo AP
2
S S
Chiing minh twong tu: —#4< = HE; wp _ HE
ABC BE SABC CF
. S S S
Cong theo v€ ba dang thtic trén ta duoc: HD + HE + HrE = HBC * Onea T Ouap =1.
AD ' BE ' CF S ne
2
o) AD.HD < B¢

o —_ o — —

Ta 6 DBH + BCA = 90° DAC + BCA = 90° = DBH = DAC

Xét ADBH va ADAC co:

\Ne22
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DBH = DAC (cmt)

BDH = ACD = 90°

Suy ra ADBH # ADAC (g-g) = bH _ DB = DH.DA = DC.DB
DC DA

2
DC + DB 2
Laicé: DC.DB < ( M ) = Bf

2
Do d6: AD.HD < 2¢

h) Goi M, N, P,Q lan lwgt 1a chan cac duwong vuong goéc ha tir E xuéng AB, AD,
CF, BC . Chting minh bon diém M, N, P,Q cting nam trén mot duwong thang,

Tw gia thiét suy ra EM / /CF,EN / /BC,EP | /AB,EQ | /AD
Ap dung dinh ly Thales ta c6:

LAM AE AN

= = = MN / /DF(3
AF AC AD / /PFG)

.BF BH BD

BM  BE _BQéMQ//DF(ZL)

,CQ CE CP

cD CA_CF:'pQ//DF(‘S)

T (3);(4) ; (5) suy ra bon diém M, N, P,Q thing hang.

a) Xét AABDva AACE co

\e 2
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—

BAD chung
BDA = CEA = 90"
= AABD# ACE(g — g)

b) Xét ABHE va ACHD 6

—

BHE — CHD (d&i dinh)

BEH = CDH = 90"

— ABHE# ACHD (g—g) = 28 ~HE . yppp - grnHC
HC ~ HD
oo PP EACUI L ph ok hay BH /0K (1
V6 e | yor| = BD//CK bay BH ] [CK (1

Chting minh twong twe c6 CH / /BK (2)

Tt (1) va (2) = BHCK la hinh binh hanh

= BC va HK cit nhau tai trung diém moi duong
Ma M la trung diém cua BC (gt)

= M cling la trung diém cua HK

Hay H,M,K thang hang

*y = AABD# ACE(g — g)(cau a)

A8 _4¢ ma BAC chung
AD AE

= AABC# AADE(c.gc) = ACB = AED

d) Xét AABC cac duwong cao BD va CFE cidt nhau tai H = H 1a trwc tAm cta
AABC

= A0 1L BC
Xét ABAOva ABCE c6

ABC chung

—_— -

BEC = AOB = 90"

é‘f'“ \
\Ne 2
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BA  BO

= ABAO# ABCE(g.9) = —— = 22 = BA.BE = BO.BC(3)
BC BE
. : . CD CB
Chiing minh tuong tu ta c&6 ACDB# ACOA(g.9) = v = CD.CA = CB.CO(4)

T (3) va (4) suy ra BA.BE + CD.CA = BO.BC + BC.CO = BC(BO + CO) = BC”®

1

S, . =—HOBC
e) Ta ca e 2 :>SB#:H_O
1 S AO
S ne ZEAO.BC Apc

Chitng minh tueong tu ta co

SAHC — HD . SAHB . HE
S Bp"S,. CE

ABC

HO | HD , HE _ Sy Sune , Sums
AO " BD  CE 8

SABC
= = 1
S (dpem)

ABC SABC ABC ABC
f) Xét ABEO va ABCAc6
ABC chung
BABE = BO.BC(emt) = 22 = 59
BC BA

— ABEO# ABCA(c.g¢) = BEO = ACB

Ma ACB = AED (cmt)= BEO = AED = DEC = OEC

—

= EH la phan giac cia DEO (5)

—

Chttng minh twong tw DH la phan gidc cia EDO (6)

Tw (5) va (6)= H la giao diém cac duong phan gidc ctia tam gidac ODE .

g) Khi ACB = 45" = ABDC vudng can tai D

= BD = DC ma DP = PC :%DC’ (vi P la trung di€ém cua DC)#%:%

Xét ADIP vaABDP c6

—

DPB chung

DIP = BDP = 90"

é‘fm \
\Ne22
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— ADIP# ABDP(gq) — L PP 1 1P DI ID

D BD 2Y3DP BD DC

P 1 IP* 1 IP? 1 P* 1 ID?
CoO7n =7~ =—=
ID 2 ID* 4  IP? 4+ ID?

N 1
1+4 " DP* 5 DC* 5
Xét ADIPva ADCN c6

PDI chung

——

DIP = DCN = 90"
= ADIP# ADCN(g.9)

:>SDJZ DIQ :l

SDCN DC*? 5
— Zepiv DCN_SDIle_l:é
S 5 5

DCN

h) *) Gia st BHCK la hinh thoi

—_ -

— HBC = HCBma = AABD# ACE(g— g) = ABD = ACE

o —

— ABC = ACB = AABC cantai A
Vay AABC can tai Athi BHCK 14 hinh thoi

*) Gia st BHCK la hinh chir nhat

= BHC = 90" = EHD = 90"

o —

= AEHDla hinh chit nhat = BAC = 90"
= AABC vudng tai A

Vay AABCvudng tai A thi BHCK la hinh ch® nhat.
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Bai 35: DPINH LI PYTHAGORE

| 1
H C

B

a) AABC vuodng tai A nén theo dinh ly Pythagore c6
BC* = AB* 4+ AC”
BC? =6+ 8 =100
= BC =+~100 =10 cm.
b) AABH vuong tai H nén theo dinh ly Pythagore ta c6
AB* = AH® + BH?
= BH* = AB* — AH®
= BH* = 6" — (4,8)° = 12,96 = BH = /12,96 = 3,6 cm.

Ttr &6 tinh dwoc HC = BC = BH =10 — 3,6 = 6,4 cm.

D P C
AABC vuong tai A nén theo dinh ly Pythagore c6
BC* = AB* + AC®
= AB’ =BC®* — AC* = AB’ =15 -9’ =144 = AB =144 =12 em.
AABC vuong tai A nén theo dinh ly Pythagore co

BD* = AB* + AD* =12° + 5’ =169 = BD = /169 = 13 cm.
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B
Trong AABH vudng tai H, ta cé
AB® = AH® + BH® =12° +5* =144 +25 =169 = AB =13.
Trong AACH vudng tai H, ta cd
CH® = AC*? — AH® =20 —12°=400—144 =25 = CH =16
= BC =BH +CH =5+16 =21 cm.
Khi d0, chu vi AABC dwoc tinh béi
CV,ype =AB+BC+AC =13+21+20 = 54 cm.

4.

Goi I la giao diém ctia AC va BD.

Khi d6 Al = CI = 6 cm, BI = DI =8 cm, AIB = BIC = CID = DIA = 90°

Ta c6 AABI = ACBI = ACDI = AADI (c.g.0).

= AB = BC = CD = AD (cac canh tuong tng).

Ap dung dinh ly Pythagore, tacé AB* = AI* + BI’ =6 + 8" =100 = AB = 10cm.
Vay AB = BC =CD = DA =10cm.

5.

\Ne 22

q
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|

16

Cach1: C6 AC = AH + HC =9+16 =25

Ap dung dinh ly Pythagore cho AABC vudng tai B c6:

AC® = AB* + BC®

= 25" = AB* +20° = AB* =25" —20° = 625 — 400 = 225

= AB =15 cm

Cach 2

Ap dung dinh ly Pythagore cho AHBC vuong tai H co:

BC* = HB® + HC® = HB* = BC® — HC® = 20° —16” = 400 — 256 = 144 = HB =12
Ap dung dinh ly Pythagore cho AHAB vuong tai H co:

AB* = HA’ + HB* =12° +9* =144+ 81 =225 = AB =15 cm

6.

a) Taco 4’ + 6> = 52 = 49 = 7°nén tam gidc nay khong phai tam giac vudng.

b) Ta 6 6° + 8 =100 = 10° nén tam giac nay la tam gidc vudng.
c) Ta cd 12* +16° = 400 = 20°nén tam gidc nay la tam gidc vudng.
d) Tacd 6° +9° = 117 = 11°nén tam gidc ndy khdng phai la tam gidc vudng.

7.

B H ~C

Tam gidc ABH vuong tai H nén theo dinh ly Pythagoreta co

AB® = AH’ + BH?
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AB* =6 + (4,5 = 25

= AB = ‘/% = 7,5cm.

Tam gidc ACH vudng tai H nén theo dinh ly Pythagore ta co
AC? = AH? + HC?
AC* =6 +8" =100 = AC =100 = 10 cm.

Tam gidc ABC' c6 AB® + AC® = (7,5)* + 10> = 6?1—5 — (12,5)* = BC?

Do d6 AABC vuong tai A.
8.

a) Co: AB* + AC* =24" +32° =576 + 1024 = 1600 = 40° = BC”.
Vay AABC vudng tai A (Dinh ly Pythagore d4o)

b) Ap dung dinh ly Pythagore cho AABM vudng tai A c6:

BM® = AB* + AM® =24 + 7% = 576 + 49 = 625 = MB = 25

Co AM + MC = AC nén MC = AC — AM =32—-7=25.
AMBC ¢c6 MB = MC =25 nén AMBC can tai M.

= O = MBC (tc tam gidc can) (1)

Lai co: AMB =C + MBC' (Tinh chat goc ngoai tam gidc) (2)

Tte (l)vé <2>suy ra AMB =2C.

\e 2
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a) Xét A ABC vudng tai A cé: BC* = AB® + AC?(Dinh ly Pythagore)
Hay BC* =3 +4°=9+16=25= BC =5(cm)
b)Xét A ABC co:

MB=MC | o ) (Tinh chit dudme trune binh clia tam oi4
ME | /AB = LA = (1) ( Tinh chat duong trung binh ctia tam giac)
MB=MC . oo )¢ Tinh chat dubne trune binh cia tam o4
MF |/ /AB = = (2) ( Tinh chat duong trung binh cua tam giac)

Tt (1) va (2) = EF la duong trung binh cia AABC

= EF / /BC

Xét ti gidc BEFC c6: EF | /BC

= T giac BEFC la hinh thang( Ddu hiéu nhan biét hinh thang)

Xét te gidc AEMF co:

MF |/ JAE(Vi MF | /AB, E € AB)

ME | JAF (Vi ME /| JAC, F € AC)

= Tt giac AEMF la hinh binh hanh ( Dau hiéu nhan biét hinh binh hanh)

Ma EAF = 90°( Vi AABC vuéng tai A)

= hinh binh hanh AEMF 1a hinh ch nhat ( Dau hiéu nhan biét hinh ch nhat)

c) Vit gidc AEMF la hinh chit nhat ( Chitng minh trén)

=2 duong chéo AM va EF cat nhau tai trung diém ctia mdi dwong (Tinh chat hinh
ch@ nhat)

Ma O 1a trung di€ém ctia EF = O la trung diém cua AM

= A va M d6ixting qua O.

10.
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H M

—

a) Xét tir gide ADME cé: A = 90° (gt); AEM = 90" (ME L AC);

ADM =90" (MD L AB)

Do d6 t& gidc ADME 1a hinh ch nhat.

b) Hinh cht nhat ADMFE 1a hinh vudng < AM la duwong phan giac BAC
Ma AM la duong trung tuyén AABC (gt)

Vay AABCcantai A

) Xét AABC, A=90'cé: BC® = AB® + AC” (DL Pythagore)

= BC* =8 +6" =100 = BC =10(cm)

Lai c6 AABC, A =90, trung tuyén AM

= AM = %BC’ = %.10 = 5(cm) (tinh chdt tam gidc vudng).

d)Ké AH L BC .C6 S, = %AH.BC’ A %AH.MB

Ma MB = %BC(AABC, trung tuyén AM )= S, . = lSABC = %.6.8 = 24(cm’).
11.
£
Ap dung dinh 1i Pythagore vaio AABC vudng tai A
170m

BC® = AB* + AC?
= AB = 170° — 80> = 150

. i C 80m FA
+ D3 cao cua con di€u so vo1 mat dat om

150 + 2 = 152(m) E D
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12.

3m Sm

C H B
10m

Ap dung dinh 1y Pythagore trong tam gidc AHB vudng tai H .

AB* = AH® + HB?
= HB’ = AB> — AH* = (5)" — (3’ =25—9 =16
= HB =16 = 4m

=CH=CB—-—HB=10—4=6m
Ap dung dinh 1i Pythagore trong tam gidc AHC vudng tai H .

AC? = AH? + CH? = (3)* + (6)> = 9 + 36 = 45
— AC = /45 ~ 6,Tm

Vay chiéu dai duong trugt AC 13 6,7m.

13. Ap dung dinh li Pythagore vao tam gidc ABC vudngtai A taco:

BC* = AC” + AB* = BC =AC® + AB® = J(15,5)" + (7)* ~ 17(cm)

N A < X A . N ~ 4 1 .
Vi linch ~ 2,54cm nén chiéc dién thoai theo hinh vé ¢6 : ﬁ ~ Tinch

Y
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Bai 36: CAC TRUONG HOP PONG DANG CUA TAM GIAC VUONG

B. BAI TAP
1.

B

,AB 20 5 AC
a) Tacd — =—=2
BH 12 3 AH

Xét AABH va ACAH co:

AHB = CHA = 90°

AB _ BH (chttng minh trén)
AC AH

Do d6 AABH va ACAH dong dang (canh huyeén - canh géc vudng).

b) T&céuasuyra@:ﬁ.

L —

Ta lai co E47{+ﬁ:900 nén E47J+C/’147{:9()".D0dc’) BAC =90°.

2.

Xét AAHB va ACHA, ta co

o —

AHB = CAB = 90°; ABH = CAH (cung phu véi géc HAB)

e
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Do d6 AAHB# ACHA (g : g), suy ra

AH AB _HB AH+AB+HB 18 3 o
CH CA HA CH+CA+HA 24 4

Xét AAHB va ACAB, cé:

AHB = CAB = 90°; B 1a goc chung.

Do d6 AAHB# ACAB (g . g), suy ra

AH AB HB AH+ AB+HB _

,ﬁ
é‘ﬂ'v \
\Ne 2

18

CA CB AB CH+CB+AB CH+CB-+ AB

(2)

T (1), ta dat AB = 3k,CA = 4k . Xét AABC vudngtai A :

OB> = AB® + CA® = (3k)* + (4k)* = (5k)’

nén CB — 5k. Do do A8 _ 3
CB 5

Tte (2) suy ra 3_ %8
5 chuviAABC

Vay chu vi AABC bing 18 g =30 (em).

3.

T AADH va AACF dong dang (g.g) suy ra
duwoc

AD-AF = AC-AH (1)
Tt AACE va AABK dong dang (g-g) suy ra
duoc

AB-AE = AC-AK (2
T (1) va (2) suy ra:
AD-AF + AB-AE = AC-(AH + AK )= AC”

e
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Ké HK 1 BC . Tt cac tam gidc dong A
dang, ta chttng minh dwoc D
BH-BD = BK-BC (1) E
CH-CE=CK-CB (2

Cong (1) va (2) ta dugc dang thirc
BC® = BH-BD +CH -CE

5.

a)Tacé: B = A (phu BAH); H = H, = 90’

AH AC AM

= AABH# ACAH(g9) = = —
BH AB BN

b) Ta cé: 4c = A—M,E = ;l: = AABN# ACAM(cgc)
AB BN

¢) AABN” ACAM = A =C,

Goi O la giao diém cta CM va AN. Xét AAOC, ¢

OAC +ACO = 0AC + A, = 90" = 0 = 90

d) AAMO# ACMH (gg) = AM._ MO

cM MH

2
= AM.MH = MC.MO = AM* = MC.MO = [ATH] =MC.MO

= AH? = 4MC.MO (dpcm)

O
\e 2
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D 8cm C

a) Xet AAHB va ABCD ta c6:

AHB = BCD = 90°; ABH = BDC (AB ] /CD)
= AAHB” ABCD(g.9).
b) Xet AAHD va ABAD taco:

—

AHD = BAD =90"; ADH : chung
= AAHD" ABAD(g.)

AD HD
= —=—
BD  AD
¢) Ta cé: AD = BC = 6em (ABCD A H.C.N)

& AD? = DH.BD (dpcm)

Xét AADBvudng tai A , ta co:
BD? = AD* + AB?( dinh li Pythagore)
= BD* = 6° + 8 =100 = BD =10

Lai c6: AH _ AD (m AAHD” ABAD)
AB  BD
iA—HziéAﬂzﬁzél,S.Véy AH = 4,8cm
8 10 10
7.
A
K
I E
. O
B H

,ﬁ
\e 2
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©

a) Xét AAHE va ABCK, co:

o —_

AEH = BKC = 90"; HAE = CBK = AAHE# ABCK (g9)

AE HE OE
BK CK EK

b) Ta cé: AAHE" ABCK (gg) =

_AE _BE L\ upor ABKE cge)
EO KE

¢) Theo cau b, cé:

— e

AAEO# ABKE(c — g — ¢) = EBK = EAL,KBE + KEB = 90° = KEB + EAI = 90"

8.

a) Xét AAHD va ABAD

AHD = ]_@17) =90%; /ﬁ : chung
= AAHD" ABAD(g.)
b) Tacd AAHD" ABAD(cmt)
N
BD AD

& AD? = HD.BD

& AD? = 4.16 = 64

= AD = 8(cm).
c) Xét AHAB

M latrung diém AH (gt)

N latrung diém HB (gt)

= MN la duong trung binh cia AHAB
= MN / /AB

= AHMN" AHAB
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HM  MN
=>—="—

HN  AB
Ma AB=CD (ABCD 1a H.C.N)

< HM.AB = HAMN

= HM.CD = AH.MN (dpcm)
9.

a) Xét AABC va AHBA
@:@:90"; A/B?{ chung
= AABC” AHBA(gy)

AB BC
:>_—_

= & AB® = BH.BC (dpcm)
HB BA

b) Ta cé BI la dudng phan gidc caa AHBA (A/zi — }/IB\I)

[H BH

== (1)
IA  BA

Lai c6 BD la duong phan gidc cia AABC (gt)
AD BA

L AD _BA (2
CD BC

ma o8 - B4 (AABC” AHBA) (3
BA BC

Tir (1), (2) va (3) = 25 = 22 (d@pem).

c) Xét AABC vudng tai A , ta co:

BC? = AB® + AC?(Dinh li Pythagore)
= BC® =6 + 8 =100

= BC =10

Ta cé: g—g = % (cmt)

_ AD+CD _ BA+BC
cD BC

O
\e 2
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—
Ne 2

LAC_6+10 8 16 o .
cD 10 T CD 10

Tacé: S, = %.AB.CD = %.6.5 =15 (cm’)

Vay S,., = 15¢em?®
10.

a) Xét AHBA va AABC
BHA = BAC = 90’

o —_

ABH chung

= AHBA” AABC(g.9)

b) Xét AAHBva ACHA

AHB = CHA = 90°

BAH = ]?C?l (cung phu I?R’)

= AAHB" ACHA(g.9)

= AH _ HB = AH? = HB.HC (dpcm)
CH HA
DA _ HA N DA? _ HA?
DC HC DC* HC?
DA? _ HB.HC o DA* HB

c) Ta co:

ma HA? = HB.HC (cmt) =
DC? HC? DC* HC

. HB DA
Vay — =
HC DcC?

(dpem)

11.
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a) Xét AHBA va AABC co:
BAC = BHA =90 (gt)

ABC chung

= AHBA# AABC (g-g)

b) Vi AHBA -~ AABC (cmt)

= AB _BH (cdp canh tuong tng)
BC AB

= AB* = BH - BC

Ma AB = BE (gt)

= BE* = BH - BC

c) Xét AABC vuong tai A (gt)

= BC? = AB* + AC* (Dinh ly Pytago)

BC* =3 + 47

BC? =25 ma BC >0

Vay BC = 5em

d) Xét AABD va AEBD:

AB = BE (gt)

ABD = EBD (vi BD la phan giac cia ABC')
BD chung

= AABD = AEBD (c-g-c)

— BAD = BED = 90" (2 goc tuong tng)

= DEC = 90’

Biét BE + CE = BC

CE = 2cm

Xét AEDC va AABC':

EL—UE = 54\0 =90 (gt va cmt)

6’ chung
= AEDC# AABC (g-g)
2
— SCED _ C_E _ 1
S AC

ABC

4

,ﬁ
\e 2

e
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12.

a) Xét AABC va AHBA co:

CAB=AHB(= 90°)

]_?3 chung

= AABC# AHBA = dpcm.

Xét AABC vubdng tai A co:

AB*+AC?=BC® &20° +15* = BC® < BC* =625« BC = 25¢m
Ta c6: AABC# AHBA (chiing minh trén)

AC BC AC.BA 15.20
S22 2 G AR = —
HA  BA BC 25

AB//CD

AB1AC

12em

b) Ta c6: — AC LCD= ACD= 90

Xét AABC va ACAD co:
CAB=ACD (= 90")
E = C/’AT) (cung phu véi }m )-

4C_AB 4o g

= AABC#ACAD=
c) Tacd BI/ /CK#I?B\Iz HCK (so le trong)

Xét AHBA vudng tai H ¢6 HI la duong trung tuyén = HI =Bl = IBH =1HB

Xét ADHC vudng tai H c6 HK la duong trung tuyén

= HK = KC = KHC = KCH

Ma: HBI=KCH =IHB =KHC

— —_

Lai c6: CHK + KHB = 180° = BHI + KHB = 180°

C% Boi duong ndng luc hoc mon Todn 8
@



DAP AN THUC HANH GIAI TOAN LOP 8

= H,I,K thang hang.

O
\e 2

13.
B
H
M
A ]VC
K

a) Xét AHBA va AABC ¢o:
AHB=BAC (=90")

B chung
= AHBA# AABC (g-g)

b) Xét AABC vudng tai A co:

AB?+ AC?= BC”® (dinh ly Pythagore)
& BC*=9"412" < BC =15cm

Ta c6: AHBA# AABC (theo cau a)

HA AB ABAC 9.12
>—=—&AH= =
AC BC BC 15

—

=17,2cm

c) Xét AMCK vuong tai C co: CMK =45 (do KM la tia phan giac caa IMC')

= AMCK vudng can tai C = MC=CK

Xét AHAC co:

MI /) AH (cung vudng goc voi BC')
N %:% (dinh Iy Ta - let). (1)

Macé MC=CK (cmt) va HM =AH

CK (I
= ——=—
AH Al
Xét ATHA va AIKC co:

[HA=IKC (cdp gobc so le trong)

e
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AH Al
——=—— (cmt)
CK (I

= AITHA# AIKC (c.g.c)

= AIH =CIK (Hai gbc tuong tng)

Ma AIH + HIC =180° = CIK + HIC =180° = I, H,K thang hang.
14.

B H C
Vi AH la duong cao cia AABC nén AH 1 BC tai H
— AHB = AHC = 90°

—

Vi AABC vudngtai A nén BAC = 90°
a) XétAAHB va ACABcd AHB = CAB =90°

AHB = OBA (g6c chung)
= AAHB# AABC (g-g)
Al = AB = AH.BC = AB.AC
AC BC
b) Vi D la hinh chiéu ctia H trén AB nén HD 1 AB tai D

—

= ADH = BDH = 90°

Vi E la hinh chiéu ctia H trén AC nén HE 1 AC tai E

— AEH = CEH = 90°

Xét t¢ giac ADHE c6 DAE = AEH = ADH = 90°

= T gidc ADHE 1a hinh chi@ nhat

c) Theo cau b) tit gidc ADHE la hinh cht nhat=- DE = AH
Ap dung dinh li Pythagore vao A4 BC vudng tai A ta c6
BC* = AB’+ AC®=9"+ 12" =225BC =15 (cm)

ABAC 912
BC 15

Theocaua AH.BC = ABAC = AH =

7,2(cm)

Do &6 DE=AH=7,2 (cm)

d) Xét AADHva AHDBc6 ADH = HDB = 90°

o —

DAH = DHB (cung phu véi ABC)

é‘fm \
\Ne22
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= AADH# AHDB(g-¢g)
A—H]I))Z%iDHQ = DA.DB
Vit gidc ADHE la hinh chit nhat DH = AFE
— AE? = DADB (1)
Chirmg minh twong tw ta c6 HE? = EA.EC (2)
Ap dung dinh 1i Pythagore vao AAEH vudng tai E tacé AE® + HE* = AH® (3)
Twe (1), 2), (3) = AH* = DADB + EA.EC

15.

42cm

B

F

a) Xét AABC vudng tai B ta cé:
AC*? = AB® + BC?
BC? = AC® — AB® = 70° — 42° = 4900 — 1764 = 3136 (D/ly Pythagore)
— BC = 56¢cm

o —

Vi AD la tia phan gidc cia BAC nén:

BD AB _BD DC BD+DC  BC 56 1

= = = = — - —
DC  AC  AB AC AB+AC 42470 112 2
_BD L L pp_ g0 91em

AB 2 2

= DC = BC — BD = 56 — 21 = 35cm

b) Xét AABD va ACED c6:
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A/BB = C/'ETD = 90° BD AD
—_ = AABD# ACED(g —g) » —=——
BDA = EDC(dA) ED CD

Xét ABDE va AADC co:

BD AD

— = —(cmt)

ED CD = ABED# AADC(c—g—c¢)
D(chung)

c) Tuwong tu, xét AFEA va AFBC co:

FEA = FBC = 90°
- — AFEA# AFBC(g—g) — L2 _ T4
F(chung) FB FC

Xét AFBE va AFCA co:

FE FA

— = —(cmt)

FB  FC = AFEB# AFAC(c—g—c¢)
F(chung)

d) Vi ABDE, AEDF vuéng, c6 MF =MD (gt)— MF = MD = MB = ME (t/c
duwong trung tuyén ting v6i canh huyén trong tam giac vuong)
Nén M la diém tht nhat nam trén duong trung truc ctia BE (1)
Vi AABC, ACEA vuéng c6 AN = NC (gt) - BN = AN = NC = NE (t/c
duong trung tuyén tng véi canh huyén trong tam gidc vuong)
Nén N 1a diém th hai nam trén duong trung truc ctia BE (2)

Tt (1) va (2) suy ra; MN la duong trung triec cia BE hay MN 1 BE

e) Taco BCH = EBTél (cung phu VéiPTBE)

o — —

Ma: NBC = NCB (vi ABNC can tai N)— NBC = HAB

Lai c6: ABI = CBI — HBI = NBI hay BI la tia phan gidc cia AHBN
f) Nén diém I nam gifta hai diém H va N hay HI + IN = HN (dpcm)
g) Vi AABC vudngtai B, ma AB < BC & AB < BC < AC

—

e —_

@B/Ca<BAC<ABC<:>B/CT4<45°<BAC
Mé:z?B\I:Z;C\’I(cmt)ﬁz—B\I:I/BE’:élV

Suy ra: BAI > ABI (3)
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Lai co: E&E’ = [?Bz’ (cung phu [?C%)

HBC = HBN + NBC
_BIA=IBC + NCB | = HBN < IBC = 45°
a. —

NBC = NCB

— HBC < BIA & BAI < 5}1\4(4)
Tt (3) va (4), suy ra trong tam gidc: /TB\I < E\AI < 15171
h) Gia sit AD = FC, kéo dai FD cit AC tai G

Ma D la trec tam cia AACF — FGA = 90°
Xét AADG vudng va AFCG vudng co:

—

DAG = DFE (cing phuADG = FDE)
AD = FC (gt)

Suy ra: AADG vuong = AFCG vuodng (ch-gn)= AG = FG va DG = GC

< AFGA va ADGC vuong can tai Ghay FAG = GFA = 45° va

DCG = GDC = 45°

5 1

;»GDB=135°<:>EDT4=A/JE=5.135° @51?73:90"—1325 :4; — 99, 5°

—

Suy ra: CFA = 45° +22,5° = 67,5°, twong tw ta c6: ACF = 67,5°

16.

1

B D C

a) Chttng minh AD* = AI.AB

Xét AAIDva AADB cé

O
é‘f'“ \
\Ne 2

Boi duong ndng luc hoc mon Todn 8
@



DAP AN THUC HANH GIAI TOAN LOP 8

,ﬁ
é‘ﬂ'v \
\Ne 2

;1 chung

— = AAID# AADB (gg)
AID = ADB = 90°

j_g - AL (ti 1€ canh twong tng)

= AD’ = AI.AB(1)

b) Chitng minh AAIK # AACB
Chtmg minh twong tw  AAKD# AADC vasuyra AD*> = AK.AC.(2)

Tir (1) va (2) tacd AK.AC = AL AB

AK AB
==
Al  AC

Xét AAIK va AACBco

Zchung
AK AB(= AAIK# AACB (c.g.c)(3)
AT AC

¢) Chitng minh AAFE # AACB
Xét AAEBva AAFC c6

;1 chung

- = AAEB# AAFC (gg)
AEB = AFC = 90°

AB _AB
AF  AC

Xét AAFE va AACBco

Zchung
AE AB{=~ AAFE# AACB (cg.c)(4)
AF ~ AC

d) Chtng minh EF / /IK
T 3) va (4) = AAFE# AAIK (tinh chat bic cau)

AF _AE (Ti 1é canh twong tng)

: _—
Al  AK
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= FEF ] /IK
e) Chiing minh DH.DA=DB.DC
Ta co 154\0 = IED\C ( cung phu vdi A/CY) ) (),

Mat khac BE / /DK (cung vudng goc AC ),

o —_

= EBD = KDC (goc dong vi) (6)

Tt (5) va (6) = DAC = EBD

Xét ABDH va AADC ¢6

—

DAC = EBD

— = ABDH# AADC (gg)
AEB = AFC = 90°

DH  BD

= —=—— = DH.DA=DB.DC
DC AD

f) Chitng minh: # 1a giao diém cac dwong phan giac trong ADEF
Tacdo AAFE -~ AACB

Chttng minh twong tw cap AAFE -~ AACBta cling c6 ACDE -~ AACB

Khi d6 = E, = ABC = E,

—

= E, = E, = EH latia phan giac caa FED .

o —

Chiing minh teong tu ta c6 FH la tia phan giac cta EFD
Vay H la giao diém cua ba duong phan giac trong AEFD .
g) Goi EF cat AH tai P ,chitng minh HP.AD = AP.DH
Trong tam giac EPC' co

EH la phan giac trong cua PFD ;

Ma HE 1 AE

= AF la phan gidc ngoai tai dinh F cua tam giac PED .

Ap dung tinh chat phéan giac ngoai ta co:

\Ne22
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AP PE _PH
AD ED HD

= HP.AD =AP.DH

17.
¥ K
A4
E
N
G
B Dﬂ M C
a) Ching minh BE.BA = BD.BC'.
Xét tam giac ABAD va ABCE taco:
ADB = CEB = 90
B chung
Do dé ABAD [1ABCE (g-g)
Ttr d6 suy ra: bA _BD hay BE.BA= BD.BC'.
BC BE

b) Chting minh réang AHAE [] AHCD .
Xét tam giac AHAE va AHCD ta cé:
HEA = HDC = 90
AHE = CHD (hai gbc d6i dinh)

Vay AHAE [JAHCD (g-g).

¢) Chitng minh: BED va BCA bang nhau.
Xét tam giac ABED va ABCA ta co:

bA = BC (theo cau 1)
BD BE
B chung

Do d6 ABED [1ABCA (c-g—c), suy ra BED = BCA (hai goc teong tng).
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d) Goi M, N theo tht ty la trung diém ctia BC va AC . Tinh ti s6 dién tich cta tam
giac ABC vatam gidc NMC'?
Ta co MN la duong trung binh cta tam giac ABC nén MN // AB va

AB =2.MN.
Xét tam gidc AABC va ANMC' ta co:

C/’A\B = CNM (hai goc dong vi)

C chung
4 7. ? ~ A \ AB
Do d6 AABC [JANMC (g—g) voi ti so dong dang la N 2.
Vay ti s0 dién tich cta tam gidac ABC va tam giac NMC la 4.
e) Goi O la diém cach déu ba diém A, B, C. Chiing minh rang AOMN [J AHAB .
Tacd OB =0C va M latrung di€ém ctia BC' nén OM la duwong trung triec ctia

BC'.
Do dé OM 1L BC . Suy ra OM // AD (vicung vudng goc véi BC).

Goi F la giao diém ctia OM va AB, K la giao diém ctia BH va MN .
Ta c6 OMN = HAB (vi cing bing F). (1)

Chting minh teong tu ta c6 ONM = HBA (2)
T (1) va (2) suy ra AOMN [[] AHAB (g-g).

f) So sanh chu vi ctia tam gidc OMN véi chu vi ctia tam gidc HAB .

Theo cau 5 ta c6 AOMN [ AHAB véi ti s6 dong dang la MY _

1_ oM
AB 2 HA'

Do d6 ti s6 chu vi ctia tam gidc OMN véi chu vi cua tam gidc HAB la %, hay chu

vi ctua tam gidac HAB gap 2 lan chu vi ctia tam gidc OMN .
g) Goi G 1a trong tam ctia tam gidc A BC . Chiing minh rang: AHAG [] AOMG .

Xét tam gidc AHAG va AOMG ta co:

OM _ MG 1

HA AG 2

OMG = HAG (do OM // AH)

Do dé AHAG [1AOMG (c—g-—c).
h) Chitng minh rang: GH = 2.GO.

Vi AHAG [[J AOMG (theo cau 7) nén G = AG =2
oG MG

G Boi duong ndng luc hoc mon Todn 8
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Vay GH = 2.0G .

i) Chttng minh rang: triec tam, trong tdm va tdm duong tron ngoai ti€p tam giac
AABC thang hang.

—

Theo cau7 ta cO AHAG [1 AOMG, suy ra HGA = OGM
Vi HGA + HGM = 180 nén OGM + HGM = 180", do d6 0,G, H thing hang.

Vay triec tAm, trong tam va tim duong tron ngoai ti€p tam giac AABC thang

hang.

Boi duong ndng luc hoc mon Todn 8
@



L

PDAP AN THUC HANH GIAI TOAN LOP 8

O
\Ne22

Bai 38: HINH CHOP TAM GIAC PEU

1. a) Cac mat bén ctia hinh chop c6 dang hinh tam gidc can. Dinh ctia hinh
chop la dinh S

b) Cac canh bén: SA, SB, SC.

d) Mat day: ABC . Matbén: SAB, SBC, SAC.

2. _a) Khoi Rubik c6 dang nhu hinh bén thuong duoc goi la hinh chdp tam giac
déu.

b) S6 matla 4.S06 canh la 6, s6 dinh 1a 1.

c) C6 13 tam giac déu co trén mot mat caa chi€c Robik nay.

3. Dién tich xung quanh gié hoa g6 mini la :

s —Lleoa- 1.(3.10).20 = 300(cm?)
) 2

4. a) Chu vi tam gidc ABCla: C' = 3a = 3.6 = 18 (cm).

b) D6 dai trung doan hinh chop S.ABC la d = SH =9 (cm)

¢) Dién tich xung quanh cta hinh choép tam gidc déu S.ABC la :

S pu—

i lod=Liso—si (em?)
"2 2

5. Dién tich xung quanh cua hinh chép tam giac déu S.ABC la:

s —Ltog- l.(7.3).11 —=115,5 (cm?)
2 2

q

6. Dién tich xung quanh cua hinh chopla: § = %.C.d = %.(3.4).5 = 30(cm?).

Dién tich toan phan ctia hinh chépla: S, =S +5 =30+ %.4.3,5 = 37(cm?)
7. Dién tich xung quanh ctia khdi bé tong la

rq

_ %.C.d _ %.(3.2).3 — 9(cm?)

Can phai tra so tién khi son ba mdt xung quanh la 9.30000 = 270000 (d6ng).

8. Thé tich ctia chop inox trén dinh nui Fansipan (Viét Nam) 1a :

@G Boi duong ning luc hoc mén Todn 8
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V= %.1560.90 = 46800(cm?)

9. a) Dién tich day cua khoi Rubic.

v=>1sn Suyra S = V. _ 344002 22,45(cm?)
3 h 5,88
b) Chiéu cao ctia hinh chép tam giac déu dé 1a :
V= l.S.h Suyra h = 3V _ 31243 = 4(cm)
3 S 9\/5

10.a) Goi M 1a trung diém cia AC va O 1a giao diém ctia ba duong trung tuyén
cua AABC.

Ta cd BM la duong cao cua tam giac déu nén

ABV3

2

BM =

— 63 cm; BOz%BM:zL 3cm

ASBO vudng tai O nén ta co:
2
SO* =SB~ OB =8 - (/3] =16

= SO = 4(cm)

2
Dién tich AABC 12228 V3 _ 13 36\/5 (em?).
4 4

R o 1 T TR | 1 B 3
Thé tich cua hinh chop la: V = gs.h = 5.36J?T.4 = 48\/5 (cm )

b) Tam giac SMA vudng tai M nén SM* = SA* — MA* = 8° — 6’
= SM =28 = 27 (cm)

Dién tich xung quanh cua hinh choép la:

qu =pd = %2\/; = 36\/? (ch).

Dién tich toan phan cta hinh chop la:

S, = 3637 + 3633 = 36(\7 + 3] ~ 157,6 (em”).

@G Boi duong ning luc hoc mén Todn 8
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Bai 39: HINH CHOP TU GIAC BEU
1. a) Cac mat bén ctia hinh chdp c6 dang hinh tam
gidc can. Dinh ctia hinh chop la dinh S
b) Cac canh bén: SA, SB, SC, SD.

d) Mat day: ABCD. Mat bén: SAB, SBC, SCD,
SAD

2. Dién tich xung quanh tai qua hinh chop t& giac

déula :
1 1 )
S, ==0d==-.(412).8 = 192(cm’)
uog 2
3.

a) Chu vi ABCD la: C' = 4a = 4.10 = 40 (cm).
b) Do dai trung doan hinh chép S.ABCDIa
d =S =12 (cm)

c) Dién tich xung quanh cua hinh chép t&
giac déu S.ABCD la:

S = %.C.d — %.40.12 = 240(cm?)

zq

4. a) B9 dai canh day cua hinh chép t giac déu S.ABCD la:
S =a* Suyra 400 = ¢* nén ¢ =20 cm
Dién tich xung quanh cta hinh chép t& gidc déu S.ABCD la:

1

S ==Cd= 5.(4.20).25 = 1000(cm?)

1
zq 5 :
b) Dién tich toan phan cta hinh chop t& giac déu S.ABCD la :

S, =8, +8 =1000+ 20" = 1400(cm”)
5. a) Theé tich kim ty thap Ké-6pla:V = é.(233)2 .146,5 = 2651112, 8(m’)

b) Thé tich cta kim ty thap Louvre V = %.(34)2 21 = 8092(m*)

@6 Boi duong ning luc hoc mén Todn 8
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6. Thé tich ctia hinh chép ti gidc déu dd la:

V = —.(40.40).52 = 27733,3 (mm?*)

1
3
7.

a) Do dai canh day ctia hinh chop 1a :

v=Lono g3V _ 31280
3 15

S=a’=a=+256 = 16(cm)

= 256(cm?)

Vay do dai canh ddy cta hinh chép la 16 (cm).

b) Dién tich xung quanh ctia hinh chép tit giac déu 1a :

= %.C.d = %.(4.16).17 = 544(cm?)

xq

8.

Goi SO la duong cao cua hinh choép t& giac déuS.ABCD

ABCD la hinh vudng canh av2 nén BD = a\22 = 2a = OB = a.

Vi 5.ABCD la hinh chép déu = ASOB vuong tai O.

2
Ta c6: SO* = SB> — OB® = (a@) @ =94’ = SO = 3a.

? 1 2
Thé tich cita hinh chép 13:V = —S.h = (2] 3a =24

1
3
9.
Ta dat BC = 2a va trung doan SM = d(a < d).

Khi 6 S, = 22%.d = dad.

Theo dé bai ta cé: 4ad = 48 = ad = 12 (1)

Xét ASMC vuong tai M, ta co: MC? + SM* = SC*.

Do d6a® +d*> =25.Suy ra a* + d* + 2ad = 25 + 24

2
=(a+d) =49=a+d=7. (2

,ﬁ
é‘fm \
\Ne22
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a+d="7
ad =12

a = 4;d =3 (lo')

Tt (1) va (2) ta duoc: 1 < a = 3;d =4 (Théa m-n).

Khi d6 SO* = SM> —OM”* = d* —a* =16 — 9 = 7 = h = SO = /7 (cm). Vay thé
tich hinh chép la: V = %S.h - %-GQ-ﬁ — 127 (em?).
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