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Chuong 4. BAT DPANG THUC & BAT PHUONG TRINH

§1. BAT PANG THUC

A.LY THUYET:
1. On tap bat dang thitc:
1.1. Khai niém:

 QF: Tl dang “a<b” hodc “a>b" hodc “a<b” hodc “a>b” duoc goi 1a bat
dang thtrc.
Vidul: 3<2 D

x+7>0, VxeR D

1.2. BDT hé qua & BDT twong dwong:

x Né&u ménh d& “(1)=> (2)” dtng thi ta néi BDT (...) 1a BDT hé qua ctia BDT(...)

x Néu (1) lahé qua cua (2) va (2) lahé qua cta (1) thi (1) va (2) «.eevvvieniiniinninn.
1.3. Tinh chdt cua BDT:

STT Tinh chat Ghi cha

1 a>besa+C=2b+C

a>b<alC>bC néfu C>0
a>b<aC<bC néuC<0

>b
3 {a =a+c>b+d

c>d
azb>0
4 =ac=2bd
c>d>0
5 a>b<a" >b" néunlé
a>b>0< a">b" néun chdn
6 a2b¢>ﬁ;2ﬂg

a>b>0eVa>b

Vi du 2: CMR véi moi x, y sao cho 0> x>y, ta déu c6 x* <.

2. BDT Cauchy:
2.1. BDT Cauchy:

a+b> , Ya,b>0

Dau “=" xay ra khi va chi khi .........

Vi du 3: Chting minh rang x*y HESS 2x, Vx>0,y>0.
y

Dai s6 Trang 6
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2.2. Cic hé qua:

x a+12 ..... , Va>0

a
>0 .

77 }: a-b dat gid tri ceovenen.. nhétkhi a = b
a+b=const
,b>0 1

x V77 }:> a+b datgidtri........... nhatkhi a=b
a.b = const

Vi du 4: Tim GTLN ctia ham s8 y =/x(5—x) trén khoang (0;5) .

Vidu 5: Tim GTNN cua ham s6 y =x+ trén khoang (2 ; +oo) .

x_

3. BDT chira d4u gia tri tuyét d6i:

Diéu kién N¢i dung

x>0, Ixl=zx, |x|>-x

<a

xX=—-a

X
Ix<age

a>0

x=a
x>0
x<-—-a

lal-1bl<la+bl<lal+1bl

Vidu 6: Cho xe[-2;0]. CMR Ix+1I<1.

Dai s6 Trang 7
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B. THUC HANH:
1. Hoat dong 1:

Cdu 1. Trong cic khang dinh sau, khing dinh nao ding véi moi gid tri ctia x?

A. 8x>4x. B. 8x <4x. C. 8x* > 4x”. D.8+x>4+x.
Cdu 2. Trong cic khang dinh sau, khing dinh nao khong diing véi moi gid tri ctia x?
A 8+x>4+x. B.8-x>4-x. C. 8x% >4x>. D 8.2
X ox

Ciu 3. Cho a>b>0 va c = 0. Bat dang thitc nao sau ddy sai?
A a+c>b+c. B.a-c>b-c. C. ac>bc. D. ac® > bc*.

Cdu 4. Bt dang thiec nao sau ddy ding véi moi x, ye R ?

A. x2y+522x. B.x+y22\/g. C.xX*+y>y. D. x2+y22x\/;.
Cdu 5. Cho y > 0. Bdt ding thitc nao sau ddy khong diing véi moi x, ye R ?

A y+122]y. B. x2y+§22x. C. §+%22. D. x> +y>x.
Cdu 6. Cho a, b la hai s6'ciing ddu. Hay chon khing dinh diing trong cic khiang dinh sau:

A.%+%22. B.%+%s—2. C. ﬂ+%zzab. D. ﬂ+%so.

Cdu 7. Véi hai s6’ dwong x, y théa xy = 36, bat dang thirc nao sau ddy ding?

2
A xty>12. B.x+y>72. c. 1Y

>36. D. x+y<12.

Cdu 8. Cho hai s6'dwong x, y théa x +vy =12, bit ding thitc nao sau ddy khong ditng?
A. 2\xy £12. B. xy <36. C. 2xy <x* +y°. D. xy<12.

Ciu 9. Cho hai s6'x, y=0 sao cho xy =2 . Gid tri nho nhdt cia A=x>+y* la

A.2. B. 1. C.0. D.4.

Céiu 10. Gid trj 16n nhdt ciia him s6° f(x) = y/(2x +3)(5—2x) trén dogn {—%ﬂ la

A.2. B. 4. C.8. D. 2V2.
2. Hoat dong 2:
Cau 1. Chieng minh rang:

a)%+222,wz,b>0 b) (a+b)(ab+1)>4ab, Va,b>0
a

a+b b+c c+a a b
C) + + >6, Va,b,c>0 d) —=+—=2 a+\/E,Va,b>0

¢ a b N
Céu 2. (BT 4 SGK trang 79) Chieng minh rang:
a) x> +y° 2 x’y+xy’, Vx,y>0 b) x* +y* > 2’y +xy°, Vx,y>0

Cau 3. Tim gid tri nho nhdt cua cdc ham so:

Dai s6 Trang 8
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a) f(x)=x+E voi x>0 b) f(x)=x+i3 voi x >3
X xX—

Cdu 4. Cho ham s6 y = \J(x+3)(5—x) v6i —3<x<5. Tim x sao cho ham s6 dat gid tri Ion nhit.

Dai s6 Trang 9
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§2. BAT PHUONG TRINH & HE BAT PHUONG TRINH

MOT AN

A.LY THUYET:

1. Khéi niém bat phwong trinh mét an:

1.1. Bat phwong trinh mot dn:

BPT an x 1a ménh dé chira bién c6 dang
f)<8(x) (f)<g() D)
trong d6 f(x) va g(x) 1a nhitng biéu thirc cia ......

Ta goi f(x) va g(x) lan lwgt la vé ......... vaveé ... cua BPT (1). SO thuyee x, thoa man BPT (1)
dwoc goi la mot ............... cua BPT (1).
Giai BPT 12 im c.oceonceecceenenne ctia né, khi tap nghiém rdng thi ta ndi BPT .......ccoceeenneee

1.2. Diéu kién cuia mot bat phwong trinh: twong tu diéu kién ctia phuwong trinh

Vi du 1: Tim diéu kién ctia BPT 3 <l-+x+2.
x

1.3. Bat phwong trinh chira tham so:
Vidu2: 3x> —2m+1)x+m-72>0.

2. Hé bat phuong trinh mét an:

Pai sé

Hé BPT an x gom mot s6 BPT an x ma ta phai tim cac nghiém ............... cta chung.

Mbi gia tri cia x dong thoi la nghiém cua ............... cac BPT ctia hé dwoc goi la mot .............
ctua hé BPT da cho.

Gidi hé BPTla tim ...ccoeevvenvecieennee. cua no.

D€ giai mOt heé BPT ta ....ccoevvececiecciccee, roi lay .oceeneeee. cta cac tap nghiém.

15x—2£2x+%

Vi du 3: Giai hé bat phwong trinh
2x+1

<4x+5

Trang 11
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3. Mot s6 phép bién doi bat phwong trinh:
3.1. Bat phwong trinh twong dwong:
Hai BPT twong dwong la hai BPT cd cling ... (Twong tw d6i voi hé BPT)

3.2. Phép bién doi twong dwong:
Dé giai mot BPT (hé BPT) ta lién tiép bién d6i n6 thanh nhitng BPT (hé BPT) .......ccocccueveneeee
cho dén khi duoc BPT (hé BPT) don gian nhat ma ta c6 thé viét ngay ........c.cccocveueeee Cac
phép bién d6i nhu vay duwoc goi la phép bién doi twong duong.

x Cong (trir): P(x) <Q(x) & P(x)+ f(x)....Q(x) + f(x)

% Nhin (chia):

P(x) < Q(x)
f(x)>0, Vx P(x)- f(x)...... Q(x)- f(x)
f(x)<0, Vx P(x)- f(x) ......Q(x)- f(x)
% Binh phieong hai vé: Néu P(x), Q(x) >0, Vx thi P(x) < Q(x).....P*(x)< Q*(x).
B. THUC HANH:
1. Hoat dong 1:

1. Dién vao ché trong ciia bang sau:

STT Bat phuwong trinh biéu kién
1| Ler- L
X x+1
5 1 < 2x

x>—4 x*—4x+3

3 | 2lxl-1+3x-1< 2x

x+1

4 2N1—x >3x+ 1

x+4

2. Hoat dong 2:

Cau 1. Diéu kién ctia bat phwong trinh 5x + ———>10+— la
x°—4 x°—4

A x>2. B. x#2. C.ox#-2. D. x#+2.
Cdu 2. Diéu kién cua bat phirong trinh V3x—9 —\4x+21>0 Ia

A . x>3. B.x2—2—1. C. —2—1Sx33. D.xs—z—1

4 4 4

Cdu 3. Tap nghiém cua bat phwong trinh Jx=2017 <~/2017 —x Ia

A . 5=0. B. §=1{2017}. C. §=[2017;+x). D. §=(-;2017].

Céu 4. Tép nghiém ciia bt phiong trinh x++x -2 <2+~/x-2 I
A.S=0. B. S={2}. C. S=[2;+0). D. §=(~o0;2].

Cdu 5. x =-3 la nghiém cua bat phwong trinh nao sau ddy:
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A (x+2)(x+3)>0. B. (x+2)(x+3)°<0. C.x++1-x>2>0. DL 42 .o,
1+x 3+2x
Cdu 6. Bit phwong trinh 5x—1>2?x+3 co nghiém la
A. Vx. B. x<2. C.x>—§. D.x>§.
2 23
Céu 7. Tdp nghiém ciia bat phwong trinh (2x —1)(x+3)=3x+1> (x = 1)(x +3)+ x> =5 Ia
A.S=0. B. S=R. C. S=(-x;6). D. S=(6;+x).
LAIRE NP PP P
Cdu 8. Tap nghiém cua hé bat phwong trinh & la
x+3
5x+1<1—T

A S= —oo;—E . B.S=| - ;—i . C.S= —oo;—E . D.5=9.
2 11 2

Cau 9. Nghiém nguyén cua bat phwong trinh x +~x > (2\/;+ 3)(\/; —1) la

A. [0;3). B. {0;3}. C. {0;1,2}. D. {0;1;2;3}.
15x-2>2x+ 1
Cdu 10. Hé bat phwong trinh co bao nhiéu nghiém nguyén?
3x-14
2(x—4)<
A.0. B. 1. C.2 D. 3.

3. Hoat dong 3:

1. Gidi cdc bit phwong trinh sau:

q) XL _x-2 1-2x b)x+\/§>(2\/§+3)(\/§—1)

2 3 4
Q) (\/1—x+3)(2\/1—x—5)>x/1—x—3 d)(2x ~T)(x+3)=3x+1<(x—1)(x +3) + x> -5

2. Giai cdc hé bit phwong trinh sau:

6x+§<4x+7 15x—2>2x+l
g ; b) 3 314
¥ ox45 2(x—4) <22
_2x+§>3(2x—7) 3x+1_3—x£x+1_2x—1
9 5 3 a2 3 4 3
1 5(3x-1) 2¢+1 4
B Gty 3- Sx4o
27 2 5
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GV. Huinh Phii Si

§3. DAU CUA NHI THUC BAC NHAT

y =
A.LY THUYET:
1. D4Au cta nhi thitc bac nhat:
a>0
A
y

\ ) )
! !

( )

! f

......... dauvdia .........dauvdia vieenn...dduvéia  .........dAuvdia
X Bidng xét diu
. I -
a
ax+b | dau véia o dau védia
Vi du 1: Xét dau cac biéu thitc sau:
a) y=2x+4 b) y=5-3x
< <
2+4 | 5-3x |
E] Y >0 trén KhOANg .....covveeeeeeerereereeeanes m Y >0 trén KhOANg .....covveeerenreeireiennes
y =0 trén khodng ........ccccovvrivnnnne. y =0 trén khodng .......ccccoovvvivivininncnnnen.
y <0 trén khodng ........ccccccvvviiiinnnnnn. y <0 trén khodng ........ccccccvvviiiiinnnnn.
y<0 trén khodng ........ccccccvviiinnnnnn. y<0 trén khodng ........cccccevviiiiinnnn.
Vi du 2: Xét dau cac biéu thitc sau:
a) y = (2x +4)(5-3x) by y=22+4
5-3x
X X
2x+4 2x+4
5-3x 5-3x
y y
L,T_I y>0 trén khodng ........ccccovvviiiiinnn m y>0 trén khodng ........cceeuviiniiinnnn.
y >0 trén khodng ........cccccevvviiininnnn y >0 trén khodng ........ccevuviinininnnnn.
y <0 trén khodng .......cccccoevvvvvvnirunnnnnnee. y <0 trén khodng .......cccccevevvvvvvirinnnnnee.
y<0 trén khodng ........cccccevviiiinnnnn. y<0 trén khodng ........ccccccvviiiiinnnnn.
Dai s6 Trang 15
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2. Ap dung vao giai bat phuwong trinh:

Vi du 3: Giai cac bat phwong trinh:
2x+4

a) (2x+4)(5-3x)>0 b) >0
5-3x
X X
2x+4 2x+4
5-3x 5-3x
VT VT
=5= =S5=
Vi du 4: Giai cac bat phwong trinh:
a) (2x +4)(5-3x)>0 by 2450
5-3x
X X
2x+4 2x+4
5-3x 5-3x
VT VT
=S5= =S5=

Vi du 5: Giai bat phwong trinh % >1.
- X

3. Bat phuong trinh chira 4n trong diu gia tri tuyét doi:

flx)< f(x)=
o |f(x)| < g(x) = { o> o |f(x)]2 g(x) = [ o)<
Vi du 6: Giai cac bat phuong trinh:
a) I15x—41>6 b) I1-2x1+x-3<5

Dai s6 Trang 16
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B. THUC HANH:
1. Hoat dong 1:

1. Xét dau cdc biéu thirc sau:

GV. Huinh Phii Si

a) y=2x-4 b) y=4-2x o y=2x-4)3-x) d)y=x*-9
2x—4 x> -9 1 1

= —12 f = = h = —
e) y=(x-1) ) Y=73 8y ) Y= Ty

2. Kiém tra xem cdc gid tri sau ddy cd thugc tdp nghiém cic bat phwong trinh khong:

STT Bat phuwong trinh x=1 x=2

1 [(2x-4)(3-x)<0

5 2x—4£0
3-x

3 |I5-2xI<4x-3

2. Hoat dong 2:

Cdu 1. Biéu thitc 1—5x nhidn gid tri dm khi

A.x<1. B.x>l. C.x<—l. D. x>-——
5 5 5
Cdu 2. Bt phwong trinh 2x—3 > x c6 nghiém la
A. x>3. B. x<3. C. x=3. D. x<3
Cdu 3. Bit phwong trinh (2x+1)(2—x) >0 cd tdp nghiém la
A. —1;2 . B. —1;2 . C. —1;2 . D. —1;2 .
2 2 2 2
Cau 4. Bat phwong trinh 2-x >0 co tdp nghiém la
x
A. —1;2 . B. —1;2 . C. —1;2 . D. —1;2 .
2 2 2 2
Cau 5. Nghiém nguyén cua bit phwong trinh 2-x >0 la
2x+1
\ \ 1
A.[0;2]. B.1va2. C.0,1va2. D. (——;2}.
2
Cau 6. Tap nghiém cua bit phwong trinh |2x—11>x Ia
A. —oo;l U (l;+). B. l;1 . C. R. D. g.
3 3
Ciu 7. D&’ phwong trinh (2—m)x* +3mx+5m—6 =0 c6 hai nghiém trdi ddu thi
A m e(—oo;gju(2;+oo). B. S :(—oo;gju(Z;+oo).
C.me é;2 . D. S= é;2 .
5 5
Céu 8. Tdp nghiém ciia bat phwong trinh x* —2x <0 la
A O. B. R. C. (—0;0)U(2;+0). D.(0,2).

Pai sé

Trang 17
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2—x

= - >
Cau 9. Tap nghiém cua hé bit phwong trinh { 2x+1 0 la

2x-1>0

A. (—%;2}. B. [2;+00). C. (1;2}

x—1

Cau 10. Tap xdc dinh cua ham s6" y = la

A. (—oo;—é}u[lﬁoo). B. (—oo;—EJu[l;qLoo). C. {—E;l}. D. (—E;l}.
4 4 4 4

3. Hoat dong 3:

Cdu 1. Gidi cdc bdt phirong trinh sau:

- 2 _
a) 2x-1D(x+3)>0 b) 2x*+5x-3>0 Q) 2x 12() d)x 23x+1<1
x+3 x =1
e)—2 <> f)l+ 2 3 g) I15-8xI<4x-3  h)l2x—1l2x+1
x—-1 2x-1 x x+4 x+3

Cdu 2. Tim gid tri ctia tham s6'm sao cho cic phirong trinh sau co hai nghiém trdi ddu:

a) (m—2)x*-3x+7-2m=0 b) (m+1)x> +2mx+4-m* =0

Dai s6 Trang 18
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§4. BAT PHUONG TRINH BAC NHAT HAI AN

A.LY THUYET:

1. Bat phwong trinh bac nhat 2 4n:

Pai sé

1.1. Bit phuwong trinh bic nhadt 2 dn:

BPT bac nhét hai an x, y ¢6 dang tong quat la
ax+by<c (1)
(ax+by <c; ax+by>c; ax+by >c)
trong do:
® 4, b, c la nhiing s0 thuc da cho; a va b khong dong thoi béng 0;
sxvaylacac.............

1.2. Biéu dién mién nghiém cia bit phwong trinh bac nhat 2 dn:

Trong mit phang toa d6 OXY, ........c.....c...... cic diém co toa dp (x0 ;yo) la nghiém cua bat
phwong trinh (1) dwoc goila ..................oooeeen. ciia ne.

x Budc 1. V& duong thang A :ax+by =c

x Buoc 3. Thé x, va y, vao (1)
Néu thoa man thi mién chita M, 1a mién nghiém, nguoc lai thi mién kia la mién nghiém.
x Burge 4. Két luan
Gach bo mién khong phai mién nghiém
Vi du 1: Biéu dién hinh hoc tap nghiém ctia cac bat phuong trinh sau:
a) 2x+y<3 b) -3x+2y >0

2. Hé b4t phuong trinh bac nhit 2 an:

Hé BPT bac nhat 2 an gom mot s6 BPT bac nhadt2 an x, y ma ta phai im cac .............coueee.
cta chung. Mbi nghiém chung dé duoc goila ............ cua hé BPT da cho.

Ciing nhu BPT bac nhat hai an, ta c6 thé biéu dién hinh hoc tap nghiém ctia hé BPT bac
nhat 2 an

Trang 20
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Vi du 2: Biéu dién hinh hoc tap nghiém ctia cac hé bat phwong trinh sau:

3x+y<6
) lxay<a b) 2x-y <3
a <
s 2x+5y <12x+10
y=1

3. Ap dung vao bai toan kinh té:
Giai mot s6 bai todn kinh t& thuwong dan dén viéc xét nhitng hé BPT bac nhat hai an va giai
chung. Van dé tim mién nghiém cua hé bat phuong trinh bac nhat c6 lién quan chat ché
dén Quy hoach tuyén tinh. D6 1a mét nganh toan hoc c6 nhiéu tng dung trong doi song

va kinh té.
Tham khao: http://bit.ly/2zO0Us5z &
B. THUC HANH: N

1. Hoat dong 1:

Cau 1. Cdp s6'(1,-1) la nghiém cua bat phwong trinh nao sau ddy:

A. x+3y>3. B. x+3y<-1. C. 2x+y>5. D. 3x+y<-1.
Cau 2. Cdp s6'(2,3) la nghiém cuia bit phweong trinh nao sau ddy:

A. x=3y+1>0. B. x-y<0. C.4x-3y-1>0. D.x-3y+10<0.
Cau 3. Cdp s0'nao sau ddy khong phdi la nghiém cua bat phwong trinh 5x -2y +2<07?

A. (1;3). B. (0;1). C. (-1,0). D. (-1;1).
Cdu 4. Diém O(0;0) thudc mién nghiém cia bat phwong trinh nao sau diy:

A . x+y+3<0. B. x-y+5<0. C. x+y+220. D. x-y>1.
Cdu 5. Diém M(-1;-1) thugc mién nghiém ciia bit phwong trinh nao sau ddy:

A. 2x+y+5<0. B. 2x+y+2>0. C x+2y>2. D. 2x+y<2.
Ciu 6. Diém nao sau ddy thudc mién nghiém cia hé bat phwong trinh {x +3y=3 ?

2x+y+220

A. A(12). B. B(-1;-2). C. C(2;-1). D. O(0;0).
Cdu 7. Diém O(0;0) thugc mién nghiém ciia hé bat phwong trinh nao sau ddy:

A {x+2y>4 . 8. {x+y>6 o {x+3y<6 b {x+7y+2>0.

x+y+2>0 x+2y+1>0 2x+y+3<0 2x-y+1>0

2. Hoat dong 2:
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Cdu 1. Biéu dién hinh hoc tdp nghiém ciia cdc BPT bdc nhat hai dn sau:
a) —x+2+2(y—2) <2(1-x) b) 3(x—1)+4(y—2)<5x-3

Q) 4(x—1)+5(y—3) = 2x -9 d)§+%—1§0

Cau 2. Giai cdc hé BPT sau:

x—-2y<0 x-y>0 3x+y=>9 Xy
—+=-1<0

a) x+3y>-2 b) <x-3y<-3 c) 2y >8—x d <3 2

y-x<3 x+y>5 y<6 x20
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§5. DAU CUA TAM THUC BAC HAI

GV. Huinh Phii Si

y= ( )
A.LY THUYET:
1. Pinh li vé diu ctia tam thtc bac hai:
\ \‘ / [
\ \/ \\ ’ | Al sl
\‘\ __\ / \\ } T / \
A=0
\\ 2}{ \\ /\/ / { }A £ ,-‘/‘\" . / { \g\
A% \ f —V \
\\-\-_/,,/ 1 \ ff‘ﬂ‘ \] / y, - 7 ‘\\ / \
A<0 " | /| | /1 AN N |
. - \ ; : 17\ \ \
A=0 \ 5 f // r'# \ ‘!
il § \ / T \ \
\ W —4
-2 et (." / / \
4>0 [ \ \
a>0 a<0
X>A<0
X —00 400
fix) dau vdia
X>A=0
b
X —00 - +00
2a
fix) | dau véia 0o dau véia
X>A>0
ax’ +bx+c=0< {x — (x, <x,)
)
x —o0 X, X, +00
fix) ] dduvéia 0 ......... dduvéia 0 ... dau véia

Vi du 1: Xét dau cac biéu thirc sau:

a) f(x)=-x>+3x-5 b) ¢(x) =9x* —24x+16 c) h(x)=3x>+2x-5
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2x* —x—-1

Vi du 2: Xét dau cta biéu thirc f(x) =——; 1
x p—

2. B4t phwong trinh bac 2 mot an:
BPT bac hai an x la BPT dang ax’+bx+c<0 (ax’+bx+c<0, ax’+bx+c>0,
ax’> +bx+c>0), trong d6 a, b, c 1a nhitng sd thuc da cho, a#0.
Vi du 3: Giai cac bat phwong trinh sau:
a) —x*+3x-5>0 b) 9x*> —24x+16>0
c) 3x* +2x-5<0 d) 4x>-1<0

Vi du 4: Tim cac gid tri cia tham s6 m dé€ phuong trinh sau ¢6 2 nghiém trai dau:

2x> —(m* —m+1Dx+2m* -3m—-5=0
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B. THUC HANH:
1. Hoat dong 1:

Céu 1. Biéu thitc f(x)= x> —2x—3 nhdn gid tri dieong trén khodng nao sau ddy:

A. (—0;-1]U[3;+x). B.[-1;3]. C. (—o0;-1)U(3;+x). D. (-1;3).
Céu 2. Tdp nghiém ctia bat phwong trinh x* —2x—-3>0 la

A O. B. R. C. (=o0;-1)U(3;+0). D. (-1,3).
Céu 3. Tdp nghiém ciia bat phwong trinh x* +9 > 6x la

A OD. B. {3}. C. R\{3}. D. R.
Céu 4. Tdp nghiém ciia bat phwong trinh x*> +9 > 6x Ia

A O. B. {3}. C. R\{3}. D. R.

Céu 5. Tdp nghiém ciia bat phwong trinh x(x* —1)>0 la
A. (~0;-1]U[L+%). B. (=0;-1]U[0;1].  C.[-L0]u[L+w). D.[-L1].

Cau 6. Tdp nghiém ctia bat phwong trinh Zx;l <0 Ila
x°+4x+3

A. (—0;-1). B. (-3;-1)U[L;+x). C. (-o;-3)u(-1;1]. D. (-3;1).
Ciu 7. Phwrong trinh bic hai ax® +bx+c =0 c6 nghi¢m khi

A.a-c<0. B. A<O. C. A>0. D. A>0.
Ciu 8. Dé'phuong trinh (2—2m)x* +3mx+6—5m+m” =0 cd hai nghié¢m trdi didu thi

A. me(1;2)U(3;4+0). B. S=(1;2)U(3;4+0). C. me(-x;1)U(2;3). D. S=(-x;1)U(2;3).
Céu 9. Tdp xdc dinh ciia ham s6' y =N x* —6x+9 Ia

A O. B. {3}. C. R\{3}. D. R.
A A g s x—1 .
Cau 10. Tap xdc dinh cua ham s6" y = /2— la
x"+4x+3
A. (—o;-3)u(-1;1]. B. (-3;-1)U[l;+x). C. R\{-3;-1}. D. R.

2. Hoat dong 2:
Cdu 1. (BT 3 SGK trang 105) Gidi cic bat phwong trinh sau:

a) ¥ +x+1>0 b) x* —4x+4<0 Q)23 +7x-1520  d) 6+x—x2

_ 2
e) (3x2 —10x +3)(4x—5) >0 f) ?’z—xso
x(4x" +x-3)

<0

1 3
<
x>—4 3x*+x-4

Ciu 2. Tim cdc gid tri ctia tham s6'm dé phwong trinh —3x* —(2m—-1)x+m—-2=0

g) h) 12x* —x+1l9x+1

a) C6 hai nghiém trai dau b) Co6 hai nghiém phan biét
c) Vo nghiém d) C6 nghiém
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Chuwong 5. THONG KE

§4. PHUONG SAI & PO LECH CHUAN
A.LY THUYET:

1. S6 trung binh cong: (Cackghiew

M D6i v6i bang phan bd tan sd, tan sudt: on:
1 B ni ny, ..., Ng:
X = ;(nlx1 +n,x, + ...+nkxk) = fix, + fLx, .+ fix, 8 f1, f2, o fi
A s. ? A AN A ~ A N, /4 4 " Xl’ XZ’ e Xk:
M Ddi véi bang phan bd tan s6, tan suat ghép 16p: .
Ci, C2, uury Ck!

_ 1
X = ;(nlc1 +1,C, +...+nkck) = fic, + f,c, +...+ fic,

Vi du 1: Tinh diém thi trung binh cta hoc sinh huyén
Binh Tan trong bang sau:

Diéin thi bian dan thét ctia hoc sinh huyén Binh Tan

biém 27 28 29 30 Cong

Tén s6 10 6 3 1 20

Vi du 2: Tinh d9 cao trung binh ctia nhitng cay dau bap trong bang sau:
D¢ cao ciia 49 cdy ddu bip
Do cao (cm) | [100;120) | [120;140) | [140;160) | [160;180] Cong
Tan so 8 10 15 16 49

2. Phuong sai:

M Doi vdi bang phan b tan sO, tin sult:

1
s*==|n,(x, - %) +n,(x, = %)’ +...+n(x, — %)
(5 =Ty, =T o (3, -7

= f,(x, = X)* + f,(x, = %) +..+ f,(x, - %)’

M Doi vdi bang phan bd tan s, tan suat ghép 16p:

1
s*==|n(c,—%) +n,(c, - %)’ +...+n(c, —X)°
(e, =F) +my (0, =T (7 |

= f,(c, = X)* + f,(c, = X)* + ..+ f,(c, — %)

Vi du 3: Tinh phuong sai ctia bang s liéu sau:

Diéin thi bian dan thét ctia hoc sinh huyén Binh Tan

biém 27 28 29 30 Cong

Tén s6 10 6 3 1 20
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Vi du 4: Tinh phuong sai ctia bang s liéu sau:
D¢ cao ciia 49 cdy ddu bip
Do cao (cm) | [100;120) | [120;140) | [140;160) | [160;180] Cong
Tan s6 8 10 15 16 49

3. D6 léch chuin:

s=+/s’
Phuwong sai s* va d léch chudn s déu dwoc ding dé danh gid miec d6 phdn tdn clia cdc s6liéu
thong ké (so vdi s6"trung binh cong X ). Nhwng khi cin chii y dén don vi do thi ta dung dg léch
chudn s, vi s cé cung don vi do véi ddu hiéu dwegc nghién civu.

Vi du 5: Sau khi thong ké s6 hoc sinh cac 16p cta truong THCS&THPT My Thuan nam
hoc 2015 — 2016, ta dwgc hai bang phan bs nhu sau:

Khoi THCS Khoi THPT
S6 HS Tan s6 S6 HS Tan s6
[30;35) 8 [30;35) 6
[35;40) 4 [35;40)
[40;45] 3 [40;45] 6
Tong 15 Tong 14

a) Tinh s6 hoc sinh trung binh méi 16p
b) Tim d6 chénh 1éch s& hoc sinh gitra cac 16p khoi THCS va cac 16p khoi THPT

c) Xét xem khdi nao c6 s6 hoc sinh moi 16p déu hon
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B. THUC HANH:
1. Hoat dong 1:
Diém 4 5 6 7 8 9 10 | Cong
Tén s6 1 4 3 3 4 15 1
Bdng 1. Diéin mot bai kiém tra tric nghiém ciia l6p 10A2
Céu 1. Trong bdng 1 thi tong N bang
A7 B. 49 C.31 D. 240
Cdu 2. Trong bang 1 thi gid tri x, bing
A6 B.9 C. 10 D. 15
Cdu 3. Trong bang 1 thi tin so’ n, bang
A.6 B.3 C.9 D. 15
Cdu 4. Trong bang 1 thi tin sudt f, bing
A. 0,48 B.15 C.0,6 D. 2,14
Cdu 5. Diém trung binh ciia bai kiém tra trong bang 1 la
A. 240 B. 31 C.7,74 D.7
Cdu 6. Phwong sai cuia bang 1 la
A.7,74 B. 83,94 C.51,12 D.2,71
Cdu 7. D léch diém cia bai kiém tra trong bang 1 la
A.28 B.9,2 C.71 D. 1,6
Piém [0:3,5) 35500 | [5065 | [6580) | [80:10] Cong
Téan s6 4 4 10 4 12 34
Bing 2. Diém mgt bai kiém tra 1 tiét cia l6p 10A3
Cdu 8. Bang 2 la logi
A. Bang phan bd tan sd B. Bang phan bé tan s6 ghép 16p
C. Bang phan bd tan suat D. Bang phan bd tan suat ghép 16p
Cau 9. Gid tri c, trong bang 2 la
A.575 B.5,0 C.65 D. 10
Piém [0:3,5) 135500 | [5065) | [6580) | [80:10] Cong
Tan s6 6 2 5 6 12 31

Bing 3. Diém mgt bai kiém tra 1 tiét cia l6p 10A2
Cdu 10. Dwa vao bang 2 va bang 3, hay cho biét 16p nao cé diém binh quin cao hon?
A.10A2 B. 10A3 C. Hai 16p bang nhau
Cau 11. Diea vao bang 2 va bang 3, hay cho biét l6p nao hoc déu hon?

A.10A2 B. 10A3 C. Hai 16p nhue nhau
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2. Hoat dong 2:
Cidu 1. Cho bang phan b6 tan s

Tudi ctia 169 doan vién thanh nién

Tudi 18 19 20 21 22 Cong
Tan s& 10 50 70 29 10 169

Tinh s0 trung binh céng, phuwong sai va d6 léch chuan ctia bang phan bo trén.

Cidu 2. (BT 2 SGK trang 128) Hai 16p 10C, 10D cta mét treong THPT dong thoi lam bai thi mon
Vin theo cung mot dé thi. Két qua thi duoc trinh bay ¢ hai bang phan bo tan so sau day.

Diém thi Viin cia lop 10C
Diémthi | 5 6 7 8 9 10 Cong
Tén s6 3 7 12 14 3 1 40

Diém thi Viin cua l6p 10D

biém thi 6 7 8 9 Cong
Tan sd 8 18 10 4 40

a) Tinh s6 trung binh cdng, phuong sai va d¢ 1éch chudn cua cac bang phan bd da cho.
b) Xét xem két qua lam bai thi cua mon Van 6 16p nao la dong déu hon?
Ciu 3. (BT 3 SGK trang 128) Cho hai bang phan bd tan sd ghép 1op
Khoi lwgng cua nhém cd me thir 1
Khdiluong (kg) | [0,6:08) | [0810) | [L0;L2) | [1,214] Cong
Tan sd 4 6 6 4 20

Khoi lwgng cua nhom cd me thir 2
Khéi luong (kg) | [0,50,7) | [0,7:09) | [0,91,1) | [1,1;1,3) | [1,315] | Cong
Tan s6 3 4 6 4 3 20

a) Tinh céc s trung binh cdng ctia cac bang phan bd tan sd ghép 16p da cho.

b) Tinh phuong sai ctia cac bang phan bo tan s6 ghép 16p da cho.

c) Xét xem nhém cd nao c6 khoi luong dong déu hon?
Cdu 4. Trong mot treong THPT, d€ tim hiéu tinh hinh hoc moén Toan cua hai 16p 10A va 10B,
nguoi ta cho hai 16p thi Toan theo cung mot dé thi va lap dwoc hai bang phan b6 tan so sau.

Lop diém thi Tan s6 Lép diém thi Tan s6
[0:2) 2 [0:2) 4
[2:4) 4 [2:4) 10
[4:6) 12 [4:6) 17
[6;8) 28 [6;8) 14
8:10] 4 8;10] 5

Cong 50 Cong 50
Diém thi Todn cua l6p 10A Diém thi Todn cua 16p 10B
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a) Tinh s6 trung binh cdng, phuong sai va do léch chuan ctia cac bang phan bd trén.
b) Xét xem 16p nao c6 s6 diém dong déu hon.
Ciu 5. Thong ké két qua hoc ky I mon Toan cua ba lop 11A2, 11A3 va 11A4 ndm hoc 2014 - 2015,
ta thu duoc bang sau:

[0;2 | [24 | [46) | [68 | [810] | Téng X ‘ s
11A2 0 5 14 14 7
11A3 0 0 7 14 20
11A4 0 0 8 20 14

a) Hay dién cac s0 thich hop vao 6 trong ctia bang trén.

b) Xét xem 16p nao hoc giodi hon, 16p nao hoc déu hon?

Dai s6 Trang 31



Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St

Dai s6 Trang 32



Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St
Chuong 6. CUNG & GOC LUONG GIAC
CONG THUC LUONG GIAC

§1. CUNG & GOC LUONG GIAC

A.LY THUYET:
1. Khai niém cung & goc luwong giac:

1.1. Dwong tron dinh hwong: \_l_
x Duwong tron dinh hwong la dweong tron ma trén do da chon mot chiéu

chuyén dong la chiéu dwong, chiéu nguoc lai la chiéu dm. LA
Quy wdc:
» chiéu duong: ............... chiéu kim dong ho
» chiéu am: ............... chiéu kim déng ho

B
i i -
.II E ,' A (} I"‘

% V6i hai diém A, B da cho trén duong tron dinh hudng, ta c6
........... cung luong giac diém dau A, diém cudi B.
%
Ki hiéu: AB
% Tia OM quay xung quanh gdc O tir vi tri OC dén vi tri OD,
tao ra mot goc lwong giac. Ki hiéu: (OC, OD).

1.2. Bwong tron liwong gidc:

Duwong tron lwong gidc la dwong trom .................oooooene. 77177 R

All=1;0) A(l : ()

B'(0:=1)
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2. S6 do ctia cung & goc lugng giac:

2.1. D6 & Radian:

180° =t rad

% Bang chuyén déi thong dung:

bo | 0° 30° | 45° | 60° | 90° | 120° | 135° | 150° | 180" | 360°

Rad

% D¢ dai cua mot cung tron: - ~
I=Ra | (a: rad) / R

Vidu: Mot duong tron c6 ban kinh 15¢cm. Tim d¢ dai ctia cac cung |
trén duong tron c6 so do:

4 \ /
— b) 13°
a) 15 ) N - /s

2.2. S6'do cua mot cung lwong Qidc:
Y Y
S6 do cua mot cung lwong giac AB 1la mot sO thwe. Ki hiéu: sd AB .
Y
SdAB=a+k2n, keZ
Y
hay sd AB =a’ +k360°, ke Z

2.3. S6'do cua mét ¢oc lirong gQidc:

%
S6 do goc lugng gidc (OA,0B) la sd do ctia cung luwong giac AB twong Gng.

B. THUC HANH:
1. Hoat dong 1:
1. Ghi s6'liéu thich hop vao ché trong trong bang sau:

bg

30° 35730’ -9°50' -120°

Rad 3 1 12,3 n
5 4

2. Ghi s6'ligu thich hgp vao cho trong trong bang sau:

720°

Puong tron S6 do cung

Do dai cung

Béan kinh

Puwong kinh

bé

Rad

30cm

I
9

30cm

10

42m

37°

16m

420°42'

Pai sé

Trang 34




Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St

2. Hoat dong 2:

1. Dwong tron lwong gidc la dwong tron
A. Cé tam la gdc toa do. B. C6 ban kinh béang 1.
C. Dinh hudng. D.Ca A, B, C déu dang.

2. Trén dweong tron dinh hieéng, voi hai diéim phin bigt P va S, co bao nhiéu cung lwong gidc co diém diu
la P va diém cudila S?

A. 0. B. 1. C.2 D. Vo6 so.
3. Néu mgt cung tron ¢ s6' do a rad thi s6’do dg ciia no la
A. 180a : B. 180m . c. D. .
T a 180 180a
4. Mot cung tron cé so6'do 45° thi cd s0'do radian la
Az B. 2. c.z D. n
4 3 2
5. Mt cung tron co s6'do —45°23" thi ¢6 s0'do radian la
Az A c At D. -0,792.
4 360 360
NPV SN R
6. Cung tron cd so'do vy thi co s6'do do la
A. 15°. B. 172°. C. 225°. D. 5°.

7. Mgt dwong tron c6 ban kinh 15cm. Tim d§ dai cung tron cé goc & tim bing %

A. 5771 cm. B. 5?71 cm. C. btam. D. 450 cm.

8. Mt duwomg tron cé dwong kinh 30cm. Tim d dai cung tron cé goc 6 tam bang %

A. 577-( cm. B. 5?71 cm. C. 5mcm. D. 450 cm.
9. Mgt duwomng trom cé ban kinh 15cm. Tim d¢ dai cung tron cd géc & tam bang 300.

A. 5771 cm. B. 5?71 cm. C. 5mcm. D. 450 cm.
10. Cho dwong tron cé ban kinh 6¢m. S6'do (rad) ciia cung co d¢ dai 3cm la

A.3. B. 2. C L D. %
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§2. GIA TRI LUONG GIAC CUA MOT CUNG

A.LY THUYET: YA A
1. Gia tri lwong gidc caa mot cung;: B S
1.1. Dinh nghia; 4
N Ko— — — —
Cho cung AM c6 s6 do a, khi do: |
e sino= a l >
S A 0 H |4 “x
e cosa=
e tana=
e cota=
1.2. Hé qua: B
sin(a+k2mn)= keZ
[ ]
cos(a+k2m)= keZ
<sina <
. <sina < Ve
<cosa<
e V6imoi sd thue me[-1;1] déu ton tai
o, p ma sina=m va cosfp=m 1
g
1.3. Ddu ctha cdc gid tri lwong gidc: II 2 I
I II I v
f 0
0ca<l|Tcaen|nca< |3 co<on -1\™ 2m]
2|2 2|2
. 3n
sina [11 D IV
cosa -1
tana
cota

1.4. Gid tri lwong gidc cua cdc cung thwong gap:

0° 30° 45° 60° 90° 120° | 135° | 150° | 180°

sin

COoSs

tan

cot

2. Quan hé gitra cac gia tri lwgng giac:
2.1. Cong thirc lwong gidc co ban:

M1+ =

M tanx = =—
cos” X

Dai s6 Trang 36



Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St

M1+ = _12
SIn X

M cotx=

M sin®x+cos’x =
M tanx.cotx =

Vi du 1: Chimg minh rang (1+tanx)(1+cotx)=tanx+cotx+2

, . 3 .= , e \
Vidu 2: Cho sina== va —<a<mr. Tinh gia tri ctia cosa, tana va cota .

Vidu 3: Cho cotx=-2 va 3771 <x<2mn. Tinh cac gia tri lwong giac con lai cua x.

2.2. Gid tri lwong gidc cua cdc cung cd lién quan dac biét:
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Do6i Bu Phu | Honkém =«
T X
-X — —_—
T—X > T+ X
Sin
Cos
Tan
Cot

B. THUC HANH:
1. Hoat dong 1:
1. Ghi s6'liéu thich hgp vao bang sau:

sina coso tana cota
0<oc<E i
2 13
o 15
—<a<m _=
2 7
Tc<oc<3—TE -0,7
2
3—n<oc<2n -3
o
-—<a<0 -3
2

2. Hoat dong 2:
1. Gid tri cia biéu thite tan20° +tan40° +~/3 tan20°.tan40° bang
A B B. 3 C. /3 D. 3
3 3
2. M =cos®15° +cos® 25° + cos” 35° +cos’ 45° +cos® 105° +cos” 115° + cos’ 125° bang

7 7

A.4 B. — C. 1 D. 3+—
2 2 2

3. Ménh dé nao sau diy khong diing?

. 1
A.sin’x+cos’x=1 B. tanx.cotx=1  C. 1+tan’x=———D. 1+cot’x=—
cot’x sin®x

4. Cho sinx+cosx :%. Khi dé sinx.cosx bang

2 B. — c = s

16 32 16 32
5. Biéu thirc sin® x.tan® x +4sin’ x —tan® x + 3cos” x ludn c6 gid tri bing
A.6 B.5 C.4 D.3
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Pai sé

6. Cho cosac:—E vd %<a<7r. Khi dé sino. bang

GV. Huinh Phii Si

A2 B. -~ c-= B
13 13 12 12
12 .z ey >
7. Cho cosa:—E v E<a<7z. Khi do tano bang
A2 B. - c-= D. -2
13 13 12 12
12 T . o2 M
8. Cho cota=—— va E<a<7r. Khi do tano. bang
s - ¢S 13
13 13 12 12
9. Cho cota =2 +~3. Phit biéu nio sau diy diing nhat:
A 0=15 B. tana=2-+3  C. cosa==——= D.A,B, Cding

10. Biéu thirc A:Sin(ﬂ+x]—cos(%—xJ+cot[27r—x]+tan[37”—xj biang

3. Hoat dong 3

A. 2sinx B. —2sinx C.0 D. —2cotx
1. Chieng minh rang véi moi gid tri ciia x ta ludn co:
1 1
=1 b) cos*x—sin*x=1-2sin’x

+ =
1+tanx 1+cotx

, I o, VRN .3
2. Tinh cic gid tri lwong gidc ciia x, biét rang 20cos® x +9cosx —20=0 va 7n< x<2m.
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A.LY THUYET:

§3. CONG THUC LUONG GIAC

1. Cong thirc cOng:

tan(a+b)=

tan(a—b)=

cos(a+b)=cosacosb sinasinb
cos(a—b)=cosacosb sinasinb
sin(a+b)=sinacosb cosasinb

sin(a—b)=sinacosb cosasinb
1 tanatanb

1 tanatanb

tana tanb

tana tanb

Vidu 1: Tinh cos15° va tan%.

2. Cong thitc nhan d6i & cong thirc ha bac:
2.1. Cong thirc nhan doi:

sinZ2a=.....sinacosa

cos2a=cos’a sin‘a

Vidu2: Tinh S= Sin——Cos——cos—-cos—
16 16 8 4

Pai sé

GV. Huinh Phii Si
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2.2, Cong thirc ha bic:

) 1 cosZ2a
cos‘a=———
., 1 cos2a
sin“fa=———
) 1 cos2a
tan‘a=———
cosZa

Vidu 3: Tinh cot22,5°

3. Cong thirc bién d6i tich thanh tdng & tong thanh tich:

3.1. Cong thikc bién doi tich thanh tong:

cosacosb=

sinasinb=

sinacosb=

[cos(a+Db) cos(a—b)]
[cos(a+Db) cos(a—b)]

[sin(a +b) sin(a- b)]

/4 7 .7 . ? - A? 7 . 3
Vi du 4: Tinh gia tri cta biéu thiec A= sin 2~ cos =

3.2. Cong thirc bién déi tong thanh tich:

Vi du 5: Rut gon biéu thiec B=

Pai sé

a+b a-b
cosa+cosb= cos cos
. a+b . a-b
cosa—cosb= sin sin
) ) . a+b a-b
sina+sinb= sin cos
) ) at+b ., a-b
sina—sinb= cos sin
2
sin5x +sin3x +sinx
Cc0S5X +c0s3x + cosx

GV. Huinh Phii Si
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GV. Huinh Phii Si

B. THUC HANH:
1. Hoat dong 1:

1. Néu cos3xcos2x = sin3xsin2x thi x khong thé’bang

A= B. = C. = D. T
10 5 2 2
12
2. Cho sina=—— wva 3—7T<a<27z. Tinh cos| Z—a |.
13 2 3
A 12-5V3 5 12453 o —5+123 b, —5-12V3
26 26 26 26
3. Cho sina:%. Khi d6 cos2a bang
A. 1 B. ﬁ C. —ﬁ D. 1
8 4 4 8
4. Néu sinazﬁ thi cos2a.sina bang
A 15 p Y5 c 5 b Y5
27 9 27 27
5. Néu a la gbc nhon va sin2a=a thi sina +cosa bang
A (V2-1)a+1

B. vJa+1-+a*—-a C.+a+1

A , N v \ N
6. Néiu cosa +sina=~2 vi 0<a<Z thi a bang

A. 30°

D. VJa+1++a’*-a

B. 60° C. 45° D. 22,5°
7. Ménh dé nao sau ddy ding:

A. sina+cosa:\/§sin(a—zj B. sina+cosa:x/§sin(a+gj

C. sina—cosa=ﬁsin(a+%}

8. Tinh cos36° —cos72°.
A. —1 B.1
2

2. Hoat dong 2:

D. sina—cosa:\/zcos(a—%J

D.

N

1
2
1. (BT 2 SGK trang 154) Tinh:

T s T
a) cos(a+§),blet smoc—— va 0<a<—

NG

Pai sé
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b) tan o—= , biét cosocz—l va Zco<n
4 3 2

2. (BT 4 SGK trang 154) Chitng minh cdc ding thikc:
cos(a—b) cotacotb+1
cos(a+b) cotacotb—-1

b) sin(a+b)sin(a—b)=sin*a—sin’b

3. (BT 6 SGK trang 154) Cho sinZaz—% v %<a<7z. Tinh sina va cosa
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Chuong 2. TICH VO HUONG & UNG DUNG

§1. GIA TRI LUONG GIAC CUA GOC BAT Ki TU 0° PEN
180°
A.LY THUYET:

1. Bang gia tri lugng giac ctia cac goc dic biét tir 0° dén 180°:

o 0° 30° 45° 60° 90° 120° 135° 150° 180°

sin

COs

tan

cot

2. GOc gitra hai vecto:
Géc gitta hai vecto @ va b dwoc ki hi¢u 1a (a,b).

2.1. Tinh chat:

S s(a,B oo

e (ab) (ba)

e Néu (3,b)=90° thitandid va b ....cccoooorrrnnnn. v6inhau. Ki hiéu: @ b
2.2. Céch xdc dinh: V

~? )4 . 7 - 1 . -

bé xac dinh goc (a,b) , ta dung 2 vecto: a

= OA=......

. R A

= OEf ..... < B 5 4
sao cho OA va OB cocung .................. b
Khi d6, (d,b)=(0A,08)= e 0

Vidu: Cho AABC vudng tai A, ¢ goc ABC=50°. Hay xac dinh cac goc sau:
a) (@,Eé) b) (Aﬁ,ﬁé) ) (AC,CB) d) (AB,CB)
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B. THUC HANH:
1. Hoat dong 1:
1. Cho AABC vuong cin tai A. Goc (A—B,R) bang

A. 45° B. 90° C. 135° D. 180°
2. Cho AABC vuodng cin tai A. Goc (E‘l,ﬁ') bang

A. 45° B. 90° C. 135° D. 180°
3. Cho AABC vuodng cin tai A. Goc (E,ﬁ) biang

A. 45° B. 90° C. 135° D. 180°
4. Cho AABC vudng cin tgi A. Géc (ZEEE) bang

A. 45° B. 90° C. 135° D. 180°
5. Cho AABC vudng cin tgi A. Géc (ZE,EE) bang

A. 45° B. 90° C. 135° D. 180°
6. Cho AABC vudng cin tgi A. Géc (BEZE) biang

A. 45° B. 90° C. 135° D. 180°
7. Cho AABC vudng cdn tai A. Géc (Q,EZ) bang

A. 45° B. 90° C. 135° D. 180°

Hinh hoc Trang 46


pc
Pencil


Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St
§2. TICH VO HUONG CUA HAI VECTO

A.LY THUYET:
1. Pinh nghia:
1.1. Tich v6 hwéng la gi?
Cho hai vecto @, b (khac 0). Tich vd6 hwéng ctia hai vecto a va b la mot
, dugc xac dinh béi cong thirc:

ab=|il.|b|. (a,B)

1.2. Nhan xét:

= a0=0b=......

» ib=0=3 b
Dé chirng minh 2 vecto vudng goc, ta chitng minh ............................ cua
ching =0

- aa=l[a[a].cos(a,a)=[af

Suy ra |§| =aa

Vidu 1: Cho AABC vuong can tai A, c6 AB=AC=a. C Tinh:
a) AB.AC b) ABCB ) ABBC
A B

ab=ba
. 5(B+E)=5.B+§.E ..................................
e (kd)b=k(ab)=a(kb)

e ad=a >0

2. Biéu thirc toa do cua tich vo hwdng:
Cho hai vecto d=(a,;a,) va b=(b,;b,). Khi d¢:

ab=a,. +a,.

Vidu 2: Cho A ABC c6 A(2;4), B(1,2) va C(6;2).
a) Tinh AB.AC b) Chting minh rang A ABC vuong tai A
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3. Ung dung ctia tich vo hudng:
3.1. D¢ dai vecto:
Cho vecto a=(a,;a,), khi dé:

| =+/al +

Vi du 3: Cho hai diém M(12;-4) va N(0;1). Tinh d6 dai ctia doan thang MN.

3.2. GOc gitra hai vecto:

Cho hai vecto a=(a,;a,) va b=(b,;b,), khi d¢:

cos(é,f)) e

Vi du 4: Tinh goc gitra hai vecto m =(3;4) va n=(4;-3)

B. THUC HANH:
1. Hoat dong 1:
1. Ghi ngi dung thich hop vao 0 trong ciia bang sau:

STT 3 b ab 4 b (a.b)

1 | d=(2-3) b=(6;4)

2 i=(3;2) b=(5;-1)
3 |a=(-2-243)| b=(3+3)

2. Chitng minh cong thirc biéu thirc toa dj ciia tich vd hwong.
Goiy: =d=a,i+a,j, b=b,i+b,j
= { 1a vecto don vj trén Ox, j 1a vecto don vi trén Oy
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2. Hoat dong 2:

1.

Phat biéu nao sau ddy khong ding?

A 13=0 B. =0 Cli=[f-=1  D.iLj
. Cho tam gidc déu ABC, canh a. Hiy chon phdt biéu ding nhat:

A. ABAC-[AB[AC.cos(AB,AC) B (BABC)-60°

. 2

C. ABAC =% D.Ca A, B, C déu dting
. Tich v6 hwong cua hai vecto ti=(3;4) va Vv=(2;-1) la

A.5 B.7 C.2 D. 10
. Cdp vecto nao sau ddy vudng goc voi nhau:

A. i=(2;5) va v=(52) B. i=(2;5) va v=(-5;-2)

C. i=(2;5) va v=(2;-5) D. u=(2;5) va v=(5-2)

. Vecto ii=(3;4) c6 dj dai bang

A.5 B.7 C.12 D. 25

. Cho hai diém A(3;4) va B(2;-1). Phit biéu nao sau ddy khong ding:

A. AB=(-1;3) B. AB=(-1,-5) C. ‘E‘Z\/% D. AB=+26

. Géc giita hai vecto ti=(0;5) va v :(\/5;—1) c6 s6'do bing

A. 0° B. 120° C. 180° D. 360°

. Cho tir gidc ABCD c6 A(-3;7), B(4;3), C(5,-5), D(-2;-1). T gidgc ABCD la hinh gi?

A. Hinh binh hanh B. Hinh thoi C. Hinh ch@t nhat D. Hinh vudng

. Cho AABC c6 A(-2;4), B(1;4), C(1;0). Chu vi cia AABC la

A3 B. 4 C.5 D. 12

10. Cho AABC c¢6 A(1;3), B(5;-4), C(-3;-2). Truwec tdam H ctia AABC ¢0 toa do la

A. (1;-1) B. (—%;3

C. (i,—lj D. (i,l)
24 6 24°6

3. Hoat dong 3

Hinh hoc

1.

Trén mdt phing toa d6 Oxy, cho 2 diém A(1;3) va B(4:2).
a) CMR: O, A, B la ba dinh cia m¢t tam giac

b) Tinh OA, OB c) Tinh goc OAB
d) CMR: AOAB vudng can e) Tinh chu vi va dién tich AOAB
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2. (BT 6 SGK trang 46) Trén mat phcfng Oxy cho 4 diém A(7;-3), B(8;4), C(1,5), D(0;-2).
Chieng minh rang tir gidc ABCD la hinh vudng.
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§3. CAC HE THUC LUONG TRONG TAM GIAC

GIAI TAM GIAC
A.LY THUYET: A
1. Pinh li cosin:
A A
a’ =b*+c* -2bc.cosA b
2 _ C m,
C b b*=
2 C
el M
B B a
a
C
M He qua M Do dai duong trung
tuyén
2, 2y .2
COSA=———— mj:z(b +c)-a
4
cosB=—— mf) _
cosC=—— mi =

Vidu 1: Cho tam gidc ABC c6 canh a=5cm, b=8cm va gbc C=120°. Tinh canh ¢,
goc A , 80c B va dd dai trung tuyén AK.

Néu A ABC vudng tai A thi:
x b’ +c* =

x Trung tuyén AM =

x Pwong tron ngoai ti€p c6 dwong kinh bang:

Trang 51
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2. Pinh li sin:

d C

sinA sinB

GV. Huinh Phii Si

Vidu 2: Cho A ABC c6 canh a=210m, goc A =20°, goc C=35°. Tinh canh b, canh
¢, goc B va ban kinh R cua duong tron ngoai ti€p A ABC.

3. Dién tich tam giac:

S= ah,=- h,==c
2 2
Szlab Czlbcsin
2 2
g abe
4
S=p.

sinB

S=y ( —a)( -b)( —c) (Cong thiic

)

Trong do:

= h, h,, h, la dd dai cac duong

_ chuvi

2

: ntra chu vi

* r la ban kinh dwong tron .........
Vi du 3: Cho tam gidc ABC c6 cac canh a=13cm, b=14 cm, c=15cm. Tinh:

a) Dién tich S

....... cua A ABC

ti€p caa A ABC

b) Bwong cao BK

¢) Ban kinh duong tron ndi ti€p va ngoai tiép

Hinh hoc

Trang 52



Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St

4. Giai tam giac va tng dung:
4.1. Gidi tam gidc:
Gidi tam gidc la

4.2. Ung dung vio viéc do dac:

Vi du 4: Do chiéu cao ctia cay

Gia st khoang cach ttr A dén gdc cay la x=100m,
diing gidc k& do dwoc goc A=a=17°.

Hay tinh chiéu cao h ctia cay.

»

/
/
/
o/
h e
Vasisa? (s
5 A

Gidc ké dung dé ngdm va do dac

s QN\ A
¢ x » tano=—=h-=
B. THUC HANH:
1. Hoat dong 1:
1. Cho AABC c6 cic trung tuyén AM, BN, CK. Dién cdc thong tin thich hop vao bang
sau:
Canh Goc Trung tuyén
SIT | BC ABC CK
b C A é ma mb
1 5cm 8cm 60°
2 3m 5m 35° 53°
3 3 4 5
2. Cho AABCc¢6 BC=a, CA=b, AB=c. Dién cic thong tin thich hgp vao bang sau:
STT Canh Gée B.kinh du’o.rifg tron ngoai
tiep
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a b c A B C R
1 210m 30° 45°
2 13cm 27° 53°
3 40° 50° 12mm
3. Cho AABC c¢6 BC=a, CA=b, AB=c. Dién cic thong tin thich hgp vao bang sau:
Canh Goc Dien | g kinh Duong cao
STT tich
a b c A B C S R r h, h, h,
1 | 13cm | 14cm | 15cm
2 5m 8m 60°
3 35 50° 110°
2. Hoat dong 2:
1. Cho tam gidc ABC c6 a=8m, b=5m, A/C\B=60". D06 dai canh AB la
A. 49m B.7m C.19,7m D. 4,4m
2. Cho tam gidc ABC c6 AB=4cm, BC=7 cm, CA=9 cm. Gid tri cosA la
a2 5. L c 2 b.1
3. Tam gidgc ABC c6 a=8, b=6, c=4. D¢ dai trung tuyén BD la
A. V10 B. V46 C. V31 D.31

sinA+sinB +sinC cd gid tri la

Hinh hoc

4. Cho tam gidc ABC ¢6 a= 233, b=2\2, c=J6 /2. Hay chon két qua ding:

A. B=120°

B. C=60°

C. B=45°

D. A=15°

5. Tam gidc ABC co A=3C, B=2C va chu vi 3++/3 . D6 dii ba canh ctia tam gidc la

A.a=+3:c=1:b=2
C.a=2b=+2:c=1

B.a=2b=+3:c=1
D.a=+3;b=1;c=2

6. Tam giac ABC c6 AB=4cm, goc B=35°, goc € =60°. D§ dai canh BC li

A. 2,65cm

B. 85°

C.4,6cm

D.2,31cm

7. Tam gidc ABC c6 chu vi bang 15 va ndi tiép dwong tron cé bian kinh bang 5. Biéu thikc

A.3 B. > C. 3 D.1
2 2
8. Tam giac ABC co A=45°. Chon phat biéu diing:
A.a=Ry3 B. s:%ﬁaﬂ: C.a’+b?=4S+2R* D.Ca A, B, C

9. Tam gidc ABC c6 a=13, b=8, c=7 . Két qua nao sai?

A. S=1443

B. ABAC=-28

C.Goéc A tu

D. A=135°

10. Tam gidc ABC co d¢ dai ba canh lin lwot la a=6, b=5, c=4. Tich R.r cé gid tri la

A.3

B.4

C.5

D.6

Trang 54



Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St
3. Hoat dong 3

1. (BT 2 SGK trang 59) Cho tam gidc ABC biét cdc canh a=52 cm, b=85cm va ¢ =54
cm. Tinh cic géc A, B va C. Tir d6 suy ra sy tirong 1¢bng giika canh va goc cua tam gidc.
2. (BT 7 SGK trang 59) Tinh goc l6n nhit cua tam gidc ABC biét:
a)a=3cm, b=4cmva c=6cm; b) a=40cm, b=13cm va c=37 cm.
3. Cho tam gidc MINK c6 canh MN =5m, NK =8m va goc MNK =120°. Tinh canh MK,
g6c NMK , di¢n tich S va d¢ dai trung tuyén MQ.
4. Chitng minh rang trong tam gidc ABC ta luén c6 a=b.cosC +c.cosB..

5. Cho hinh binh hanh ABCD ¢6 AB=a, BC=b, BD=m va AC =n. Chitng minh rﬁng:

B
m* +n* =2(a’ + b*) P
. . -> -> P d
6. (VD 2 SGK trang 50) Hai luec f, va f, cho trueéc cing tic Ji s~
r
S a, -
dung lén mgt vt v tgo thanh goc nhon (f,, f; )= Hay ldp cong thitc p _ 7
f:

tinh cwong dg cua hop luc s .

7. Dé'do khodng cdch giita hai goc cdy A va B, nguoi ta dung
coc C (nhw hinh) va do dwoc nhw sau: AC =100m, goc A=60°, géc
C =80°. Hiy tinh khodng cich giita 2 goc cdy.

8. Dé'do chiéu cao AH cuia mot kim tw thip, ngquoi ta dung

coc B va C (nhw hinh), va do dwgc nhw sau: géc ABH =30°, géc
ACH =20°, BC=100m. Hay tinh chiéu cao cia kim t thip.
A

H B C
9. Ngay xuea, cé mot ldo nong nhin hidu song véi ba nguwoi con trai trong mot tiip léu tranh

nho. Nha ngheo, ba anh em chi hoc hét 16p 10 roi nghi hoc vé lam rugng. Tai san duy nhdt cua ong la mot
mdnh ruéng da canh tic nhiéu nam. Mot [in bénh ndng, cho rang minh khong qua khéi, dng ldo goi ba
nguoi con lai va hoi:

- Cha sip di gdp me cdc con. Gia tai dé'lgi chi c6 manh rudng nhé ctia t6'tién, chi cd thé’ chia cho
mot nguoi. Vay cdc con nghi sao?

Ba anh em tir nho quan quyt voi nhau, yéu thwong chan hoa. Ho rdi rit nhwong cho nhau quyén
thira ké; khong ai chiu nhdn cho riéng minh. Cé nguwoi con dé nghi boc tham.

Thiy vdy, ldo ndng mim cwdi, ong dan cdc con ra ngodi rudng va noi:

- Cdc con xem, chiéu hom qua cha da dung ddy thirng vach ra mt dwong tron to Ion trén dit.
Trong cdc con, néu ai co thé’tinh dwoc dién tich ciia hinh tron nay, ta sé giao manh ruéng cho nguoi do.
Bing khong, ta tha rang ban né di ciing khong chia cho ai.
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Ba anh em vo diu suy nghi, tim cdch tinh dién tich hinh tron. Chot nguwoi em it bong thot lén
mung ro:
- Hai anh, em da tim dwoc cdch!

R6i vgi va di tim ba cdy coc va mdt sgi thwée day.

Nguoi em ut sé tinh dién tich hinh tron thé nao chi v6i nhitng dung cu trén?

[\
1 I'| \-

Chuong 3. PHUONG PHAP TOA PO TRONG MAT
PHANG

§1. PHUONG TRINH PUONG THANG
A.LY THUYET:

1. Phuwong trinh tham s ctia duwong thang;

1.1. Vecto chi phwong ctia dwong thing: -
Cho dwong thang A va vecto G#0. Néi ......... cua u %
........................ hodc ............ voi A thi U dwoc goi la vecto chi
phuong ciia A.
Nhan xét:
= Mdi duong thang ¢6 ............ vecto chi phwong.
= Mot duong thang hoan toan dwoc xac dinh
néu biét mot ......... 1210 0 106 | S cua no.
Vi du 1: Quan sat hinh bén va danh dau X vao vecto
nao la chi phuong cua A. A&
0 AB 0 BA O AD 0 DA
O DC ) O BC Oce A

Hinh hoc Trang 56



Tai liéu hoc tdp Todan 10 — HK2 GV. Huynh Phu St

1.2. Phuwong trinh tham sb ciia dwong thing:

Gia st duong thang A di qua diém M,(x,;y,) va cé vecto o—
, - gy A
chi phwong u=(u;;u,), khi doé: /I/
0

x= +ut
A { (t: tham s0)
Y=Y+ t

Vi du 2: Viét phuong trinh tham s6 ctia duong thang di trong cac truong hop sau:
a) di di qua A(1;-3) va c6 vecto chi phuwong u =(5;1)
b) d1 di qua A(1;-3) va B(4;-3)

1.3. Lién hé qiira vecto chi phwong va hé sd ¢dc ciia dueong thing:

Cho duong thang A c6 hé s6 goc k va vecto chi phuong i = (u,;u,), khi d6:

k=—o (u,#0)

2= Néu A c6 hé s goc k thi cé vecto chi phwong Vv=(1; )

Vi du 3: Viét phuwong trinh duong thang d- di qua A(1;-3) va ¢6 hé s8 goc k=-2.

2. Phuong trinh tong quat ca dwong thang:

2.1. Vecto phdp tuyén ciia duong thing: \—»
n
Cho duong thang A va vecto 1i#0. Néu ......... cua i /
................. v0i A thi i dwgc goi la vecto phip tuyén cua A.
Nhan xét:
. . B
* Moi duong thang co ............ vecto phap #1%
tuyén.
* Mot duong théng hoan toan duoc xac dinh néu
biét mot ......... VAMOt v, cuia no.
» Néu i la vecto chi phuong cua A, 1 la vecto
phép tuyén cta A thi G va i .....ooeeeneennenn. véi nhau, tice la u.n=

Vi du 4: Quan sat hinh bén va danh dau X vao vecto nao
la phap tuyén cua A.
O AB O BA O AD O DA
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O DC O CD O BC O CB
, =2+3t ;o
Vi du 5: Duong thang d, :{X L4t c6 vecto phap tuyen la:
y=1-

Om=(3%4) Oi=(43) Oi=(-43) Ox=(4-3) O7=(-34)
2.2. Phwong trinh t6ng qudt clia dwong thing:

Gia st duong thang A di qua diém M, (x,;y,) va cé vecto \

phdp tuyén 1 =(a;b), khi do:
A
x= )+ y- ) 78

hay A: x+ y+c=0 (c=-ax, —by,)

Vi du 6: Lap phuong trinh téng quét ctia dwong thang d« trong cac truong hop sau:
a) ds di qua S(2;-2) va co vecto phap tuyén i =(3;1)
b) ds di qua S(2;-2) va c6 vecto chi phuwong t=(1;4)
c) ds di qua S(2;-2) va song song v6i A, :4x—-3y+2=0

=3+2t
d) ds di qua S(2;-2) va vudng goc voi A, :{X 4t
y=4a-
2.3. Cac trwong hop ddc biét:
Cho duong thang A:ax+by +c=0
Truong hop Két luan Ghi chu
A oit
120 song song vdi truc
b=0 A song song vdi truc
A di
c=0 iqua
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3. Vi tri teong d6i & goc ctia hai dwong thang:

Cho hai duong thing:
A, :a,x+b,y+c, =0 c6 vecto phap tuyén n, =( ; )
A,:a,x+b,y+c, =0 c6 vecto phap tuyén n,=( ; )

3.1. Vi tri twong d6i ¢iira hai dwong thing:

Truong hop Két luan Ghi chu

Vi du 7: Xét vi tri twong d6i cua duwong thang d:x—y+1=0 véi mdi duong thang

sau:
a) A, :2x+y—-4=0 b) A,:x-y-1=0 C) A;:2x—-2x+2=0

3.2. Géc ¢iiva hai dwong thing:

_—

n, n a.a, b.b

_ 1 2 172 1~2
cos(4,.8)= n,|.n _\/a2+ 2\/ 24Dl
1|2 1 . 2

Vi du 8: Tim s6 do gdc gitta hai duong thang di va d» trong cc treong hop sau:
a)d,:4x-2y+6=0vad,:x-3y+1=0
b) d,:2x+3y+4=0 vad,:3x-2y+1=0
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4. Khoang cach tir mét diém dén mot duong thang: M(zo; vo)
Cho dwong thang A:ax+by +c=0 va mot diém S(x,;y,),
khi do:
a +b +c H
d(S,A) =
[ 2 L 2
Vidu 9: Trong hinh bén, d(M,A)=....... A:Arx+By+C=0
Vi du 10: Tinh khoang cach tit cac diém sau day dén duong thang A:3x -2y —1=0
a) M(-2;1) b) N(1;1)
B. THUC HANH:

1. Hoat dong 1:

1. Tim vecto chi phwong, vecto phip tuyén, hé so’ goc va mgt diém di qua ciia cdc dwong
thing sau ddy:

. , hi ha .
STT| Duong thang Hé so goc Vecto chi Vecto F P Diém di qua
phuong tuyén
1 A x=—-6+5t
Vly=6-4t

2 |A,:4x-10y+1=0

3 [Aiy=-2x+3

2. Xét vi tri twong doi ciia cdc cdp dwong thing sau ddy:

STT | Duong thang d, Puong thing d, Vi tri twong doi
1 [4x-10y+1=0 X+y+2=0
2 [12x-6y+10=0 x=stt
Xx—6y+10=
y y =342t
3 |8x+10y-12=0 x="6at
X — =
y y =6-4t
4 |-3x+6y-3=0 y=—-2x+3
3. Tim s6'do gdc giika cdc cip dwong thing sau ddy:
STT Puong th:fmg d, Puong théng d, S6 do goc
1 |2x+y—-4=0 3x—-2y+1=0
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x=2014-4t
2 |2x-3y+26=0
y=2016+6t
1 3
3 =-2x+4 =—X+—
y y 25

4. Tinh khodng cdch tie mt diém dén mot dwong thing trong cc trieong hop sau ddy:

STT biém Duong thing Khoang cach
1 A(3;5) A:4x+3y+1=0
2 B(1;-2) d:3x-4y-26=0
3 C(1,2) m:3x+4y-11=0
4 D35 x=3+2t
: n:
(3:5) y=4-—t
2. Hoat dong 2:
. . ,. , , . P x=2-3t
1. Vecto nao khong phai vecto chi phwong cua dwong thang A, : { 4 ?
y =
A. 3=(-3;4) B. b=(3;-4) C. ¢=(6;-8) D. d=(6;8)
. . x=2-3t _. - VN X
2. Duong thang A, : . di qua nhitng diém nao sau ddy:
A. A(2,0) B. B(-1;4) C. C(5;-4) D.CaA, B, C
\ 2 x=2-3t . ., s
3. Duong thang A, :4 4t o hé so'goc bang
A. _z B.0 C. 3 D. 4
3 4 3

4. Puong thang A, di qua diém S(5;1) va c6 vecto phdp tuyén vV =(2;-3) cé phwong trinh
la
A.2x-3y-7=0 B.2x-3y-13=0 C.5x+y-7=0 D. 5x+y—-26=0
5. Cho dwong thing A, : 5x—3 y+2=0. Phét biéu nao sau ddy diing nhat?
A. A, di qua diém K(2;4) B. A, c6 vecto phap tuyén m=(5;-3)
C. A, c6 vecto chi phuong w=(3;5) D.CaA, B, C déu dung
6. Hai dwong thang A, :5x-3y+2=0 va A, :~10x+6 y—1=0 c6 bao nhiéu giao diéin

A0 B.1 C.2 D. Vo s6
7. Géc giiva hai dwong thing A, :5x-3y+2=0 va A :3x+5y—1=0 c6s6'do bang
A.0° B. 45° C. 90° D. 270°

8. Khodng cich tir diéin K(2;-2) dén dwong thing A, : 3x+5 y+4 =0 bing
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4 4 20
A.0 B. — C.—— D. —
V34 V34 V34

7 9. Cho hai diém A(-2;3) va B(8;-5). Tim phdt biéu ding nhdt vé dwong trung triec cua
doan thang AB:
A. bi qua trung diém M(3;-1) B. C6 AB=(10;-8) la vecto phéap tuyén
C. C6 phuong trinh 5x—4y—-19=0 D.Ca A, B, C déu dung
10. Cho A(3;-2), B(-1;1), C(5;4). Bwong cao AH ciia AABC c6 phwong trinh la
A. 6x+3y—-4=0 B.2x+y-4=0 C. 6x-3y+5=0 D.Dap an khac
3. Hoat dong 3
1. Viét phiong trinh dwong thang A trong cdc trieong hop sau:
a) A di qua A(3;-5) va c6 vecto chi phuong v =(-4;1).
b) A di qua A(3;-5) va cd vecto phap tuyén m=(2;3).
c) A di qua A(3;-5) va B(2;-2).
d) A di qua A(3;-5) va c6 hé s6 gbc k=-3.
e) A di qua A(3;-5) va song song vdi d, {; Zi;tZt .
f) A di qua A(3;-5) va vudng goc vdi d, :3x—4y +5=0.
g) A la duong trung truc ctia doan thang MN, bigt M(1;4) va N(3;-8).
2. (BT 3 SGK trang 80) Cho tam gidc ABC, biét A(1;4), B(3;-1) va C(6;2).
a) Lap phuong trinh tong quat ctia cac duong thang AB, BC va CA;
b) Lap phuong trinh tong quat ctia duwong cao AH va trung tuyén AM.

3. (BT 9 SGK trang 81) Tim bdn kinh cua dwong tron tam C(-2;-2) tiép xiic v6i dwong
thing A:5x+12y—10=0.
. 2 , . Llx=2+2t
4. (BT 6 SGK trang 80) Cho dwong thang d cé phwong trinh tham so { o
y=3+

Tim diém M thudc d va cach diém A(0;1) mot khoang bang 5.
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§2. PHUONG TRINH PUONG TRON
A.LY THUYET:
1. Phwong trinh dwong tron:
1.1. Phwrong trinh dwong tron cd tdm va bdn kinh cho truwdc (Dang 1):
Trong mat phang Oxy cho duong tron (C) ¢ tim Mip;d)
I(a;b) vaban kinh R, khi d¢:

C):i(x= V+(y- ) =
Vi du 1: Duong tron (C):(x—3)* +(y+4)* =12 ¢6 tAm
............... va ban kinh R =

Vi du 2: Lap phwong trinh duong tron (C) trong cac
treong hop sau:

a) (C) c6 tam 1(2;-3) vabankinh R=4

b) (C) ¢ tam la gdc toa dd O va ban kinh R=5

¢) (C) ¢6 tam I(2;-3) va di qua M(3;1)

d) (C) c6 tam I(2;-3) va tiép tuyén A:3x+2y—26=0
e) (C) c6 dudng kinh AB, véi A(3;4) va B(-3;2)

1.2. Phwong trinh dwong tron dang khai trién (Dang 2):

Khai trién hang dang thic va dat ¢ =4’ +b> - R*, phuong trinh Dang 1 tré thanh:

C):x*+y* -2 x-2 y+ =0

Trong do:
e Tam I(a;b)

e Bankinh R=4/ oo

e Diéukién: a*+b*-c 0

Chdcné la
phuaong trinh
dwong tron
Vi du 3: x*+y*+2x-4y+7=0 cb phai la

phuong trinh ctia mot dwong tron khong. l
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Néu phai, hdy cho biét tam va ban kinh cua duong tron do.

Vi du 4: Tim tam va ban kinh ctia cac dwong tron sau:

a) X+  +2x—4y—4=0 b) 4x* +4y* +8x—16y+4=0

2. Phuong trinh tiép tuyén ctia duong tron: .
Trong mat phang Oxy cho duong tron (C ) co tam [ (a;b),
va A la tiép tuyén voi (C) tai M, (xo;yo), khi dé: 78

e A diquadiém ...
o A covecto IM JAVeCtO oooveeeeeeeeee,

= Phuwong trinh ........................... cta A
Vi du 5: Viét phwong trinh tiép tuyén cua duwong tron(C): (x —1)* +(y —2)* = 8:
a) Tai diém H(3;4) b) Di qua diém P(-1;0)  ¢) biqua diém 5(5;1)
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B. THUC HANH:
1. Hoat dong 1:
1. Dién ngi dung thich hop vao bang sau:
STT Phuong trinh Tam Ban kinh

1 |[(x-5°+y*=8

2 | x4y’ -2x+4y-11=0

3 |2x*+2y*—4x+8y-22=0

2. Cho dwong tron (C ) tdm I, ban kinh R va diém M. Hay dién vao chd trong bén duwdi:

STT | Truong hop Vi tri cia M S6 tiép tuyén di qua M
1 IM >R Mnam ............ dudng tron (C)
2 IM=R Mnam ............ duong tron (C)
3 IM<R Mnam ............ dudng tron (C)

2. Hoat dong 2:
1. Cho dwong tron (C):(x—3)* +(y+2)* =16. Hay chon phit biéu ding:

A. Tam I(—3;2) va ban kinh R=16. B. Tam I(—3;2) va ban kinh R=4.
C. Tam 1(3; —2) vaban kinh R=4. D. Tam 1(3; —2) vaban kinh R=-4.
2. Duwong tron tdm O, ban kinh R =1 (dwong tron don vi) co phwong trinh la
A (x=-1)*+(y-1)7*=1. B. x*+y*=0.
C. (x=1)*+(y-1)*=0. D. x*+y*=1.
3. Duong tron tam 1(2;-3) va di qua diéin A(3;1) cd bin kinh
A.R=+17. B. R=17. C. R=+29. D. R=4/13.
4. Cho duong tron tam I va ti€p tuyén A. Hay chon phat biéu dung:
A. d(I,A)<R. B. d(I,A)=R. C.d(I,A)>R. D. d(I,A)=0.
5. Cho dwong tron tdm 1(4;3) c6 tiép tuyén A:3x—4y—5=0. Bdn kinh R bang
A.0. B. 5. C. -1. D. 1.
6. Cho hai diém A(1;5) va B(4;1). Duong tron dwong kinh AB c6
A.Tam M(3;-4) vabankinh R=5. B.Tam N(5;6) vabankinh R=5.
C. TAm p(g;sj va ban kinh R =§. D. Tam Q(%;—Zj vabén kinh R =§.

7. Duong tron (C):x* +y* —2x+4y—4=0c6
A.Tam I(-2;4) vabankinh R=2v6.  B.Tam I(-1,2) vabankinh R=3.

C.Tam I(-1;2) vabankinh R=1. D.Tam I(-1;2) vabénkinh R=3.
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8. Phwrong trinh nao trong cic phwong trinh sau ddy la phwong trinh dwong tron?

A. 2x* +y* —8x+2y-1=0. B. x*+y* +2x-4y—-4=0.
C. x*+y*-2x—-6y+20=0. D. x*+y*+6x+2y+10=0.

9. Phwrong trinh nao trong cic phwong trinh sau ddy la phwong trinh dwong tron?
A (x-2)"+(y+1)* =0. B. X’ +y* —2x-6y+20=0.
C. 4x* +4y* +8x-16y+4=0. D.Ca A, B, C déu dung.

10. Tiép tuyén v6i dwong tron (C):(x—2)* +(y+2)* =25 tqi diéin F(5;2) la

A. 3x+4y-15=0. B.3x+4y-12=0. C.3x-4y+23=0. D.3x+4y-23=0.
11. Cho duong tron (C) ¢ tam I(1,2) va A la tiép tuyén voi (C) tai D(3;5). Hay tim 16i sai trong
loi giai sau:

A diqua D(3;5) va c6 vecto chi phuong ID= (2;3)

A:3(x—2)*+5(y—3)* =0

< 3x-6+5y-15=0

< 3x+5y-21=0
3. Hoat dong 3
1. Lap phwong trinh dwong tron (C ) trong cdc trieong hop sau:

a) Tam I(1;2) vabén kinh R=+/3 b) Tam 1(1;2) va di qua H(2;-3)

c) Puong kinh PS véi P(1;2) va 5(7;6) d) Tam 1(1;2), tiép tuyén A:x+2y-7=0
2. (BT 3 SGK trang 84) Lip phwong trinh dweong tron di qua ba diém:

a) A(1,2), B(5;2), C(1;-3) b) M(-2;4), N(-2;4), P(6;-2)
3. Tim tim v bin kinh ctia dwong tron ngogi tiéh A ABC, biét A(4;3), B(2;7) va C(-3;-8).
4. Cho duong tron (C): x*+y* —2x+4y—-4=0

a) Tim tam va ban kinh ctia (C)

b) Diém S (1; 1) c6 nam trén duong tron khong. Néu c6, hay viét phuong trinh ctia tiép
tuyén tai do.
5. (BT 6 SGK trang 84) Cho duwong tron (C) cd phuwong trinh x* +y* —4x+8y—5=0.

a) Tim toa d0 tam va ban kinh ctaa (C );

b) Viét phuong trinh tié€p tuyén véi (C ) di qua diém A(-1;0);

c) Viét phuong trinh tiép tuyén véi (C) vudng goc voi duong thang 3x—4y+5=0
6. Tim m dé cic phwong trinh sau tré thanh phwong trinh dwong tron:

a) > +y° —4dmx+2my+3-2m+5m*> =0  b) x> +y* +2mx—4my —2+3m+4m* =0
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§3. PHUONG TRINH DUONG ELIP

A.LY THUYET:
1. Pwong elip la gi?
Cho hai diém ¢6 dinh Fi, F2 sao cho FE, =2c va mot

d6 dai khong d6i2asaocho a ¢

Elip 1a tap hop cac di€ém M trong mat phang sao cho:
EM+EM=

o Haidiém Fi, Faduocgoila.......ooeeeniinnin.
cua elip
o Do dai FF,=2c dugcgoila.................... cua elip
2. Phuong trinh chinh tac ctia elip:
M Dung hé truc toa do Oxy nhu hinh, khi do:

» Tieudiém: F( ; ), E( ; ) A
= Dinh: A,( ; ), A( ; ) /ffx~——im-¥§ﬂ3
B.( 5 ),B( ; ) // //\ “‘x\
= Tiéucw: FF,=......... Ai\. - = /;'AE >
* DPodaitruclon: AJA,=......... -% g o
Do dai truc nho: BB, =......... B il

= a’=b*+(’
M Phuong trinh chinh tac:

2 2

(E): 2 +L =

2

Vi du: Xac dinh d6 dai cac truc, toa dd cac tiéu diém, toa d cac dinh ctia cac elip ¢
phuong trinh sau:

2 2

y 2 2 2 2
a +—=1 b) 36x° +64y° =100 C) 9x“ +16y° =1
) 100 ez ) y ) y
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B. THUC HANH:
1. Hoat dong 1:
1. Dién thong tin thich hop vao bang sau:

D6 dai | Do dai A
STT | Phuong trinh elip | Tiéu ey | D094l | Dodai | Cacticu Céc dinh
truc 16n | truc nhod diém
2 2
1 |24
100 64
2 | 64x? +36y% =100
3 |9x*+16y° =1
4 8 6
5 6 10

2. Hoat dong 2:

1. (BT 10 SGK trang 94) Ta biét rang Mt Tring chuyén dong quanh Trdi Dat theo mot
quij dao la mot elip ma Trdi Dét la mot tiéu diém. Elip do c6 chiéu dai truc 16m va truc nhd lin lwgt la
769266km va 768106km. Tinh khodng cdch ngian nhdt va khodng cdch dai nhat tie Trdi Dat dén Mt Tring,
biét rang cdc khodng cich dé dat dwoc khi Trdi Ddt va Mt Tring nam trén truc Ién ciia elip.

g efin didm,
Mgt Tring glin vai
Trdi £8& hdn va

trong I3n hdn mde chit

o

d vifn &idm, Mie
Trdng xa Trdi it
hdn vi trdng nhd hon
mfE chde

Cin didm @

Trdi Pt

Quf dga cda MFE Trdng hink elip
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2. (BT 4 SGK trang 88) D& cit mét bang hiéu
quang cdo hinh elip ¢6 truc lon la 80cm va truc nho la 40cm
ttr mot tdm vdn ép hinh chit nhit cé kich thwéc 80cm x 40cm,
nguoi vé hinh elip do Ién tam vdn ép (nhw hinh). Hoi phai
ghim hai cdi dinh cdich cdic mép tdm vdn ép bao nhiéu va ldy
vong day co do dai la bao nhiéu?
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