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BAI 3

PUONG TIEM CAN CUA PO THI HAM SO

1. Pwong tiém can dirng

Pudng thang x = x, dugc goi la dwong tiém can ding (hay tiém cin ding) ctia dd thi ham sb

y = f(x) néu it nhat mot trong céc dicu kién sau dugc thoa man:

fim f (x) =+
im ()=
XILrI: f (%) =400
m (==

Nhan xét: Gia st duong thang x = X, la tiém can ding ctia d6 thi ham s y = f (x). Lay diem M (x;y)
thuoc d6 thi ham s6. Goi MH 1a khoang céach tir diém M dén duong thang x = x,. Khi d6, do dai MH

tién toi 0 khi x — x; (hinh a,c) hay khi x — x{ (hinh b,d)

2

= fix)

2. Pwong tiém can ngang

Puong thang y =y, duoc goi la dwdng tiém can ngang (hay tiém can ngang) ciia d6 thi ham sb

y=f(x) néu: lim f(x)=y, hodc lim f(x)=y,.

X—>+0 X—>—0
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Nhan xét: Gia s duong thang y=y, la tiém can ngang ciia do thi ham sé y=f(x). Liy diém
M (x;y) thudc do thi ham s6. Goi MH  la khoang cach tir di€ém M dén duong thang y =y, . Khi d6, do
dai MH tiéntsi 0 khi x — 400 (hinh a) hay khi x — —oo (hinh b)

Vi

v = fix) .
: W
V. . " /h

3. Pwong tiém can xién

Duong thang y=ax+b(a=0) duoc goi la dwong tiém can xién (hay tiém can xién) cta do thi
hamsé y = f (x) néu: lim [ f(x)-(ax+b)]=0 hogc lim [ f(x)-(ax+b)]=0.
Nhan xét: Gia sir duong thang y =ax+b(a=0) la tiém can xién ctia do thi ham sé y = f (x). Lay diém
M thudc dd thi ham s y= f(x) va diém N thudc duong thing y =ax+b c6 cing hoanh do x. Khi

do, do dai MN tién téi 0 khi x — +oo (hinh a) hay khi x — —eo (hinh b)

Vi ¥

——t’ 5 - > /«,’f’ X 7] X

(£, Iy
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CHUDE 1
XAC PINH PUONG TIEM CAN CUA PO THI HAM SO

PHAN A
TU LUAN PHAN DANG

DANG 1

TIM PUONG TIEM CAN CUA PO THI HAM SO y = f (x) KHI BIET HAM SO y = f(x)

| . Phuwong phap tim dudng tiém cin cia do thi ham s6
Dé tim tiém cén cua d6 thi ham s6 y = f (X) ta thuc hién cac budc sau:

Buéce 1: Tim mién x4c dinh (tap xac dinh) cia ham s6 y = f (X)

Budc 2: Tim gi6i han cia f (x) khi x tién dén bién cua mién x4c dinh.

Buéc 3: Tu cac gidi han va dinh nghia tiém cén suy ra phuong trinh cac duong tiém can.
Chuy:

P(x)

e Truong hop y = f (x)=——= la ham sb phan thic hitu ty.

Q(x)
+ Néu Q(x)=0 c6 nghiém x, thi dd thi c6 tiém can ding x =X, (X, 1a diém tai d6 ham sb khdong
xac dinh = x =X, la tiém can dung).
+ Néu bac P(x)= bac Q(x) thi dd thi c6 tiém can ngang.

+ Néu bac P(x)> bac Q(x)+1 thi dd thi cé tiém can xién.

. . P(x .
+ S0 tiém can dung ctia ham so6 phan thac y = % la s6 nghiém cua hé: {P
X

+ P06 thi c6 tiém can ngang thi khéng cé tiém can xién va nguoc lai.

e Dé xéac dinh céc hé sé a,b trong phuong trinh cia dwdng tiém can xién, ta c6 thé ap dung cac cong

) )

a= lim a= lim
thuac: x40 X hoac x>—o X .
b= lim [ f (x)-ax] b= lim [ f (x)-ax]

e Thng thudng, ta tim can xién bang cach chia da thic, Iy phan nguyén la tiém can xién do lim (phan

du) =0.

e Ham da thirc khéng c6 céc duong tiém can.
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Il. Ky nang dung Casio
1. Giéi han ciia ham so6 tai mot diém

e lim f (x) thinhap f(x) va CALC x=a+10".

x—a*

e lim f (x) thinhap f(x) va CALC x=a-10".

X—a~

e lim f (x) thinhdp f(x) vda CALC x=a+10"° hoic x=a-10".

X—a
2. Giéi han cia ham sé tai vo cuc

e lim f(x) thinhdp f(x) vaCALC x=10°.

X—>+0

e lim f(x) thinhap f(x) vaCALC x=-10°.

X—>—00

Bai 1.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

2) y_2X—2024 b) y = X 0 y= 2025
X+ 2025 3x-2 2024 - x
Bai 2.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:
2 y= 2025x b) y= 2-X 0 y= 2x? +5x+1
y_x2—9 y_1—x2 y= x> —5x+4

Bai 3.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

2 y= X+1 b) y= 5-—X 0 X2 -3x+2
y_x2—1 y_x2—25 y_x2—8x+7
Bai 4. Tim cac duong tiém can dimg, tiém can xién cua céc do thi ham s sau:

1 X2 —X+2 X
a) y=x+2025-———— b = C =—+X
)Y 3—x )y X—2 )y x2-3x—4

Bai 5.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

2 2 2 1
a) y:2X+l_L b) y= X C) y:ﬂ
X+2 1-Xx X+ 2
Bai 6.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:
x> —4 VX+3-2x x> —4x+3
a) y= b) y=—o—— ) y=—Fp———
x-1 x -1 X’ +7 -4
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DANG 2

TIM TIEM CAN KHI BIET PO THI HOAC BANG BIEN THIEN CUA HAM SO y = f (X)

Phwong phap

e Buéc 1: Dya vao bang bién thién va do thi dé tim tap xac dinh cia ham so.

e Burére 2: Quan sat bang bién thién va do thi dé suy ra gioi han khi x dén mot bén ctia mién xac dinh.
e Bude 3: Két luan.

Bail. Chohamsb y=f (x) c6 bang bién thién nhu sau:
x —n 1 +an
+0C 2025
Jfix)
2024 1
Tim tiém c4n ngang va tiém can dung cta d6 thi ham s da cho.
Bai2. Chohamsb y=f (x) c6 bang bién thién nhu sau:
x —0 0 1 +ao
3’ + 0 — +

!
LA

y 0 _— R‘“‘“ﬁ_x 3 ,/"—’

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai 3.

Cho ham s6 y = f () xdc dinh trén khoang (—2;+00) va ¢ bang bién thién nhu hinh v&

x —a0 -2 0 40

¥

¥

+

, 7 i
‘ //—:tﬁ T

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
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Bai4. Chohamso y= f(x) x4c dinh trén R\{—%} va c6 bang bién thién nhu hinh vé

b | =

|
o
b | =

b | =

Tim tiém c4n ngang va tiém can dung cta do6 thi ham sb d4 cho.

Bai5. Chohamso y= f(x) x4c dinh trén R\{1} va c6 bang bién thién nhu hinh v&

x — 1 440

1._._,_____‘_______‘_-_-_‘_-_‘_‘ —:::-___\___\—‘

¥ — 1

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai6. Chohamso y= f(x) xac dinh trén R\{1} va c6 do thi nhu hinh v&

Va

Tim tiém c4n ngang va tiém can dung cta d6 thi ham s dé cho.

Bai7. Chohamsé y= f(x) xéac dinh trén R\ {1} va c6 dd thi nhu hinh v&

v
|

il

"

Tim tiém c4n ngang va tiém can dung cia d6 thi ham s dé cho.
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Bai8. Chohamso y= f(x) xac dinh trén R\{1} va c6 do thi nhu hinh v&

Tim tiém can dimg va tiém can xién ctia d6 thi ham sé da cho.
Bai9. Chohamso y= f(x) xac dinh trén R\{1} va c6 do thi nhu hinh v&

¥

Tim tiém can dimg va tiém can xién ctia do thi ham sé da cho.

Bai 10. Cho hamso y = f (x) xac dinh trén R\{-2} va c6 dd thj nhu hinh v&

Y

Tim tiém can dimg va tiém can xién ctia dd thi ham sé da cho.
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Bai 11. Cho hamsé y = f (x) xac dinh trén R\{-1} va c6 d6 thi nhu hinh v&

Y

Tim tiém c4n ngang va tiém can dung cta d6 thi ham s d4 cho.
Bai 12. Chohamso y = f(x) x4c dinh trén R va c6 do thi nhu hinh v&

{ ¥

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

Bai 13. Cho hamso y = f (x) xac dinh trén R\{—%;%} va ¢6 do thi nhu hinh v&

Tim tiém c4n ngang va tiém can dung cia do6 thi ham sb dé cho.
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Bai 14. Cho hamsé y = f (x) xéc dinh trén R\ {1} va c6 dd thi nhu hinh v&

u b

0

Tim tiém c4n ngang va tiém can dung cta d6 thi ham s da cho.
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DANG 3

UNG DUNG THU'C TIEN

Bail. Sb luong san phidm ban dugc cia mdt cong ty trong t (thang) duoc tinh theo cong thirc

s(t)zlooo—@, trong d6 t>1.
t+2

a) Xemy=S(t) 1a mot ham s6 xdc dinh trén nira khoang [L+00), hdy tim tiém cén ngang cua do thi
ham s6 do.
b) Néu nhan xét vé sé lugng san pham ban dugc cua cong ty d6 trong t (thang) khi t du 16n.

15t
ot® +1

Bai 2.  Nong do oxygen trong hd theo thoi gian t cho bdi cong thirc y(t) =5 véi y duogc tinh

theo mg /I va t duoc tinh theo gid, t>0. Tim cac duong tiém cn ciia dd thi ham s6 y = y(t). Tir do,
c6 nhan xét gi vé ndng do oxygen trong hd khi thoi gian t tré nén rat 1on?

Bai 3. Mot cong ty san xuat d6 gia dung udc tinh chi phi dé san xuat x (san pham) 1a C(X) =2x+50

- X . , C (X) A - s A N X o A ’ 2 )N
(triéu dong). Khi do f (x)=——= la chi phi san xuét trung binh cho méi san pham. Ching t6 rang ham
X

so f(x) giamva lim f (x)=2 . Tinh cht nay noi lén diéu gi?

X—>+0
Bai 4. Mot manh vuon hinh chit nhat ¢6 dién tich bing 144m?. Biét do dai mot canh cia manh vudn
la x (m).

a) Viét biéu thtre tinh chu vi P(x) (mét) cua manh vuon.

b) Tim cac tiém cén cua do thi ham s6 P(x).
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Dung chung 3 bg sdch

TIEM CAN CUA HAM SO y = f (x) CO CHUA THAM SO

Mot s6 dang toan thuong gip:

x A A Lin A as S I A ax+b
e Dang 1: Bi¢n luan s6 tiém can dung ctuia @6 thi ham s6 y = q
CX+

vé1 c#0 .

D4 thi ham sé co tiém can déng khi ad —bc # 0.

2
. A A Len ~ , , A 11N X ax“ +bx+c
e Dang 2: Bién luan s6 tiém can ding cua d6 thi hamso y=——
X=X,

Vo1 a=0.

- DO thi ham s c6 modt tiém cén ding khi g(x)=ax’+bx+c=0 khdng c6 nghiém
X=X, < g(%)#0.

- D thi ham s6 khong c6 tiém cén dimg khi g (x)=ax®+bx+c =0 c6 nghiém x =X, < g(X,)=0.

- D6 thi ham s c6 tiém can xién khi a=0.

- P6 thi ham s6 khéng cé tiém can xién khi a=0.

X=X L.
° _ véia=0.

e Dang 3: Bién luan s6 tiém can dting cua dd thi ham sd y=—py——
ax“+bx+c

- Db thi hdm s6 c6 hai tiém can dung khi g(x): ax? +bx+c=0 cd hai nghiém phan biét khac

{A>0
X, <& .
° g(xo);tO

- D6 thi ham s6 c6 mot tiém cén dirng khi g (x)=ax* +bx+c =0 c6 nghiémkép < A=0.

- D6 thi ham s6 khong c6 tiém cén dimg khi g (x)=ax*+bx+¢ =0 vd nghiém < A<0.

2
. n L oien n , ) X g e s X ax“ +bx+c
e Dang 4: Bi¢n luan S6 tiém can dung ctua do thi ham sé y =

(x=%)(x=x,)

- D4 thi ham s6 c6 hai tiém cin ding khi phuong trinh g (x)=ax’+bx+c=0 khong nhan x,x, I

voi a=0, X #X,.

9(x)=0

nghi¢ém <
{g(xz)io

- P6 thi ham s c6 mot tiém can dung khi phuwong trinh g (x)=ax*+bx+c=0 c6 nghiém Xx=Xx,
i Q(X)=0
hodc x=x, = ( ) 0 (Chu y hai diéu ki¢n nay khong dong thoi xay ra).

g(X;)=

- D6 thi ham s6 khéng c6 tiém can dimg khi g(x)=ax’+bx+c=0 nhin X=X va X=X, la nghiém

0
0
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. - N . f(x
e Dang 5: Bi¢n luan s6 ti¢ém can ngang cua do6 thi hamso y = ( )

9(x)
Do thi ham s6 ¢o tiém can ngang bac ctia mau s6 16n hon hoidc bang bac cua tir s6 va phai ton tai cac

gi¢i han lim y hoac limy.

X—>+0 X—>—00

Bai 1. Hamsé y = f(x) lién tuc trén cac khoang xac dinh va c6 bang bién thién nhu hinh vé dudi day

X —0 3 +o0
y’ - 0 +
—+c0
m+2
Yy
H
—o0

Tim m dé d6 thi ham s6 c6 tiém can dimg x = x, va tiém can ngang y =y, sao cho x,y, < 30.

Bai 2. Chohamsé y= f(x) c6 bang bién thién nhu hinh V&,

2-2m
X | n +00
y - -
m +00
Yy n
—0o0

m
n

Tim tham s m va n dé d6 thi ham sé nhan duong thang x=2, y =2 lan luot 1a tiém can ding va tiém
can ngang.

Bai 3. Cho hamsé y = f (x) c6 bang bién thién sau:

X — -2 1 2 +o0
F'(x) - — 0+ -
0 +00 o0 (m—1)(2—m)
f@ ™~ I Nl I

Tim tong so cac gia tri nguyén duong cta tham s6 me (-10;10) dé do thi ham s y = f (x) c6 tong so

duong tiém can dimg va duong tiém can ngang la 4.
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(2m-1)x-3
X—m

Bai 4. Chohamsé y= c¢6 d6 thi nhu hinh dudi day

¥

O / X
C6 bao nhiéu gia tri nguy@n cia tham sb m dé tam d6i xtng ctia d6 thi ham s6 nam trong dudng tron

tam gbc toa do O ban kinh bing /2026 ?

(a—3b)x* +bx—1
x> +ax—a

Bai5 Chohamsd y= . Tim a,b dé dd thi ham s6 c6 x =2 la tiém can dung va

y =1 la tiém can ngang.

(a—2b)x* +bx+1
X2+ x=Db

Bai6. Chohamsb y= . Tim a,b dé dd thi ham s6 c¢6 x=1 la tiém cén ding va

y =0 la tiém can ngang.

Bai 7. Timthamsb m dé dd thiham sy = c¢6 duong tiém can ding 14 x =5.

X—m

\ - N A . T £ 22X 1 -1 Z mx+2 . ~ ,
Bai 8.  Tim tat ca cac gia tri cua tham so m dé do thiham soy = €O tiém can dung.

.- N n , e, , 21 s z 2x-1 . s ~ N ‘n A
Bai 9.  Tim tap hop cac gia tri thuc cia m dé ham s6 y = ——— c6 diing mot duong ti€ém cén.
4x° +4mx +1
. A ) A Y 2X2=3x+m ., ..
Bai 10. Tim tat ca cac gia tri thuc ciia tham s6 m sao cho do thi ham s6 y =——— khong ¢0 tiém
X—m
can dung.
\: NIV IR , 2 AR 1t LA A x—1 P Ae A A 2
Bai 11. Tim tat ca gia tri thuc cua m d€ d6 thi ham s6 y = —————— ¢6 ding mét ti€ém cén ding.
X"—mxXx+m
. . . . X>+x—2
Bai 12. Tim tat ca cac gia tri ciia tham s6 thyc m dé do thi ham s6 y = ————— c0 hai tiém céan
X°—=2X+m
ding.

Bai 13. Tim tap hop tat ca cc gia tri thuc cia tham sé m dé do thi ham s6 y = c6 dung hai

duong tiém can.
2

Bai 14. Tim tat ca cac gia tri m dé dd thi ham sb y = c6 ding mot tiém can ding.

X2 —3x+2

\ - N A . . ) X 22X g -1 Z X—4 , . A
Bal 15. Tim tat ca cac gia tri thuc cia tham s6 m dé do thi hamso y = — co 3tiém can
X" +m
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J@ﬁ—gx2+x+2

X+1

Bai 16. Tim cac gia tri thyc ctia tham s m sao cho dd thi ham sé y =

c6 dang mot
tiém can ngang.

Bai 17. Cho ham s y=+mx?+2x —x . Tim céc gia tri caa m dé dd thi ham sé c6 duong tiém can

ngang.

Bai 18. Tim gia trj cua tham s m sao cho d6 thi ham s6 y = 2x++/mx? —x+1+1 ¢4 tiém can ngang.
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PHAN B

TRAC NGHIEM GOM BA PHAN

PHAN I Céu tric nghiém nhiéu phwong 4an lya chon. Mdi cAu héi thi sinh chi chon mdt phuong
an.

X+D 0, ad —bc £ 0) c6 dd thi nhu hinh v.

Cau 1. Cho ham s y =
cx+d

Y

Db thi ham s6 d4 cho ¢ duong tiém can ding bang:

A x=1. B. x=-1. C. x=0. D.y=-1.
A s ax+b U S
Céu 2.Chohamso y = q (c#0,ad —bc #0) cb do thi nhu hinh vé.
CX +
YA |
AR I —
_‘-h"'“—-.__ O : -
T i lr.—'
e
:II
|Ii"a_
Do thi ham sb d4 cho ¢ duong tiém can ngang bang:
A x=2. B. x=1. C.y=1 D.y=2.

https://www.facebook.com/truongngocvy8/ Trang 15 Truong Ngoc Vy - Nha Trang


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 1 - Ung dung PH dé khdo sdt va vé PTHS - Trdc nghiém va tw lugn 4 phan ~ DUng chung 3 bé sdch

Cau 3. Cho ham sé y = ax*;’ (c#0,ad —bc = 0) c6 db thi nhu hinh v&.
CX +
1 | Ay
_______________ o T
-\ i y
10 1 g
Db thi ham sb d4 cho ¢ duong tiém can ngang bang:
A x=-1. B. x=2. C.y=-1 D.y=2.

ax’ +bx+c

Cau4. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co
mX + N

dang nhu hinh V& sau.

/
/7
!
w

Q s
U R | | /A

D6 thi ham s6 d4 cho ¢ bao nhiéu duong tiém can?
A 4. B. 2. C. 1. D. 3.
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ax’ +bx+c
mx—+n

Cau’5. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

Db thi ham s d4 cho ¢ duong tiém can ding bang:
A x=-2. B. x=-1. C.y=-2. D.y=-1.

ax’ +bx+c
mx +n

Cau 6. Chohamsd y= (a=0,m=0) V&i a,b,c,m,n la cac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

/-2

-2

Khang dinh nio sau dy sai?
A. D6 thi ham s6 (C) c6 tiém can ding 14 duong thang x =1
B. P4 thi ham sé (C) c6 tiém can xién 1a dudng thang y = x+ 2
C. b6 thi ham s6 (C) c¢6 tiém can ngang 1a duong thang y =0

D. Giao diém cuia tiém can dung va tiém can xién co toa do (13).
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ax® +bx+c

(a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co
mx+n

Cau7. Chohamsd y=

dang nhu hinh V& sau.

Khang dinh nao sau diy dang?
A. D6 thi ham s6 (C) c6 tiém can ding 1a duong thang x =0
B. P4 thi ham sé (C) c6 tiém can xién 1a dudng thang y =1
C. b6 thi ham s6 (C) c6 tiém can ngang 1 dudng thang y = x
D. Giao diém cuia tiém can dung va tiém can xién co toa do (1,1).

ax’ +bx+c

(a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co
mx+n

Cau8. Chohamsd y=

dang nhu hinh V& sau.

______________,______________
8

Db thi ham s d4 cho ¢ duong tiém can ding bang:
A x=2. B. x=1. C. x=-1. D. x=-2.
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ax’ +bx+c
mx +n

Cau9. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

61--1

- Y

Ol

Db thi ham sb d4 cho ¢ dudng tiém can xién bang:
A. x=-1. B. x=1. C. y=x+3. D.y=x-3.

ax’ +bx+c
mx +n

Cau 10. Chohamsd y = (a=0,m=0) VSi a,b,c,m,n la cac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

| X
<6 5 g B 300] 1 2 3
-1
=) Sy ¥,
-3
-4
-5
Db thi ham sb d4 cho ¢ dudng tiém can xién bang:
A y=x+2. B. x=-2. C.y=-2. D.y=x-2.
Trang 19 Truong Ngoc Vy - Nha Trang
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ax’ +bx+c
mx—+n

Cau 11. Chohamsd y = (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

Y

Db thi ham sb d4 cho ¢ dudng tiém can xién bang:
A y=x-1. B. x=-2. C.y=-2. D.y=-x-1.

ax’ +bx+c
mx +n

Cau 12. Chohamsd y = (a=0,m=0) V6i a,b,c,m,n la cac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

Ay
) i
3 Ih\s
>
4
3
2
4N \ d
-5 -4 -3-2\ | OININ\2 3 -
X
-3
-4
-5
Db thi ham sb d4 cho ¢ dudng tiém can xién bang:
A y=x. B. x=-1. C.y=-1. D.y=-x.
Cau 13. Cho hamsé y = f (x) c6 d thi nhu hinh v&.
v
1
i
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D6 thi ham sé d4 cho ¢d bao nhiéu duong tiém can?
A. 4. B.2. C.1. D. 3.
Cau 14. Chohamsé y = f (x) c6 do thi nhu hinh v& dudi day.

Tong sb tiém can dimg va tiém cén ngang cua d6 thi hamsé y = f (x) la:

A 4. B. 3. C. 2. D. 1.
. .z ax+b U N
Céau 15. Chohamso y= g (c#0,ad —bc #0) cb do thi nhu hinh vé.
CX +

4

Phuong trinh dudng tiém can ding va dudng tiém can ngang cua do thi ham sé 1a

A. Tiém can ding x=-2, tiém can ngang y=1. B. Tiém cén dGing X =2, ti€ém cén ngang y =—1.

C. Tiémcan dung x =1, tiém can ngangy =-2. D. Tiém can dung x=-1, tiém can ngang y=2.
A .z ax+b ‘s A e
Céau 16. Chohamso y= q (c#0,ad —bc #0) cb bang bién thién nhu sau:
CX+
T |—o0 3 +oo
f'(x) - —
1 +o0
2
f(z)
L
—00 2
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Tiém can ding ctia dd thi ham sé da cho Ia:

1 1
A y=3. B. x=3. C.y=—-. D.y==-.
y y 5 y 5

2
~ \ £ X X . ., Z s 2L X a
Cau 17. Cho hamso y :a+—b+c (@#0,m=0) vdi a,b,c,m,n lacac so thuc va co bang bien thién

mx+n
nhu sau:
X —0 -2 -1 0 +0
V' + 0 — — 0 -+
—2 +a0 +0
X \
—n =D 2
Tiém can dung cta do thi ham sé d& cho la:
A x=-2. B. x=-1. C. x=0. D.y=-1.
Cau 18. Cho hamsé y = f (x)co bang bién thién nhu sau:
x -o0 D 3 L on
¥ - - 0+
1 2 3
} \ \ /
_on -3
Tong s6 tiém can dimg va tiém can ngang cta d6 thi ham sé d4 cho la:
A. 2. B. 3. C. 4. D. 1.
Cau 19. Chohamsé y = f(x) c6 bang bién thién nhu sau:
r |—oa 0 1 “+o0
y - — 0 +
) +o0 +—0d
(] \
4 9
Tong s6 tiém can ding va tiém can ngang cta d6 thi ham sé d4 cho la:
A 4. B. 1. C. 3. D. 2.
Cau 20. Chohamsé y = f (x) c6 bang bién thién nhu hinh sau
Trang 22 Truong Ngoc Vy - Nha Trang
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x |- -1 0 1 +o0

. + + - +

+on

Ve :
/ \ . /'1

-a0 ol

Tong sb dudng tiém can ngang va tiém can ding ctia do thihamso y = f (x) la
A. 3. B. 2. C. 4. D.1.

Cau 21. Chohamsé f(x) co bang bién thién nhu sau:

X —o0 -2 +o0

f(x) / /

o 1

Tong sb tiém can ngang va tiém can dung cua do thi ham s da cho la:
A 4. B. 3. C. 1 D. 2.

Cau 22. Cho hamsé y = f(X) cd bang bién thién nhu sau

x — 0 1 +oo
1 + —_ +
2 5
Tong s6 tiém can ngang va tiém can dung ctia d6 thi ham sé da cho 1a
A 4. B. 1. C. 3. D. 2.

Cau 23. Chohamsé y= f(x) lién tuc trén R\{1} c6 bang bién thién nhu hinh v&. Tong s6 dudng ti¢m

can ding va duong tiém can ngang cia d6 thi ham s y = f (x)

X —o0 -1 1 440

)
\?%

Al B. 4. C. 2. D. 3
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Cau 24. Chohamsé y=f (X) c6 bang bién thién nhu sau

R ¥ -2 2 4490

S0 - ]

[i] | oo | +00]
I(x) \ \.I

Tong s6 tiém can ding va tiém can ngang ctia do thi ham sé da cho 1a

A 4. B. 2. C. 3. D. 1.
A A A S PR £ 3X+2 .., 2 . N
Cau 25. Tiém can ding cua do thihamso y = > la duong thang co6 phuong trinh:
X_
A x=2. B. x=-1. C. x=3. D. x=-2.
Cau 26. Tiém can ngang cua dd thi ham s6 y=;1 la
X+
A y=-2. B. y=1. C. x=-1. D. x=2.
Cau 27. Tiém can dung cta do thi ham sb y:X—_; la
X_
A. x=-3. B. x=-1. C. x=1. D. x=3.

Cau 28. DO thi ctia ham sé nao dudi ddy ¢ tiém can ding?

2 2 2
A.y:i B.y= 2X C.y=+vx*-1 D.y=—2_
x-1 X°+1 x+1
A 2 A Lon N A N s AN g e s Ar 5x% —4x -1 ..
Cau 29. Tong so ti€ém can dung va tiém can ngang ctuia d6 thi hamso y = 1 la
X j—
A. 0. B. 1. C. 2. D. 3.
A A c 1 J4 X—=2 2 A ‘A A
Cau 30. D6 thi hamso Yy =—; 2 c6 may ti€ém can?
X J—
A 3 B.1 C. 2 D.0
2
) Y. - 2 .. A
Cau 31. Do thi ham so y:$ 6 tiém can xién la:
X_
A y=x-2 B.y=x+2
C.y=x-1 D. khdng c6 tiém can xién

Cau 32. D6 thi ham s6 y = x+2025— 2026 4 tiém can xién la:

X+1
A. y=x+2025 B. y=x-2025 C. y=x-2026 D. y=x+2026
2_
Cau 33. D0 thi ham sb y:%w c6 tiém can xién Ia:
—X
A y=x-1 B.y=—x+1 C.y=—x-1 D.y=x+1

Cau 34. Duong tiém can xién cua do thi ham s f (x)=x+3+ ¢6 phuong trinh 13

2x+1
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A. y=2x+1. B. y=x-3. C. y=x+3. D. y=2x-1.
R . n . n ) A upe s Z 2X2 -3X .. .2 \ A
Cau 35. Puong tiém cén xién cua do thi ham so f (x) =5 di qua diém nao sau day?
X +
A (5:3). B. (~4;-5). C. (6:-1). D. (2;-10).

Cau 36. Puong thang y = x+1 la tiém can xién caa d6 thi ham sé nao duéi day?

_1 2 2
A y= X2 : B. y=+x*—2x+3. C.y:X L D.yzw.
X +1 X—2 2x+1
~ N X 2x* —3x -1 A A n . PR £ 1x \ 2
Cau 37. Chohamso y =, Tiém can xién cua do thi ham so la duong thang:
X_
A y=2x-1. B. y=2x+1. C. y=2x-3. D. y=2x+3.
Cau 38. Xac dinh toa do giao diém cua duong tiém can dung va dudng tiém can xién caa do thi ham sé
_2x5-3x+2
x—1
A (12). B. (L1). C. (1-1). D. (3,0).
Cau 39. Sb tiém can ding cta do thi ham so yz—“xz“_2 la
X* + X
A 2 B.1 C.3 D.0

A A . \ 4 X +1 , 14 -A - \ -
Cau 40. Po thihamso f (x) = N c6 tat ca bao nhiéu tiém can dang va tiém can ngang?
X“-1

A 4. B. 3. C. 1. D. 2.
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PHAN II. Cau trac nghiém ding sai. Trong moi y a), b), ¢), d) & moi ciu, thi sinh chon ding hoic

sai.
Cau 41. Chohamsé y= f(x) x4c dinh va lién tuc trén R\{0} va c6 dd thi nhu hinh bén.

YA

a) D6 thi ham s6 y = f (x) ¢6 dudng tiém can ding x =1, dudng tiém can ngang y =0.
b) Ham s6 y = f (x) khong c6 cuc tri.

c) Hams6 y = f (x) nghich bién trén khoang (—o0;0).

d) Ham s y = f (x) dong bién trén khoang (0;+x).

ax’+bx+c
mx +n

Cau 42. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

a) Ham sé y = f (x) nghich bién trong khoang (—oo;1) va (3;+), dong bién trong khoang (1;2) va
(2;3).

b) D6 thi ham s6 y = f (x) c6 tiém can ding lax =2 va tiém can xién lay = x +1.

c) Bd thi ham s6 y = f (x) c6 diém cuc dai (L,1) va diém cuc ticu (3;5).

d) Trén khoang (2;+o), hamsé y = f (x) khdng c6 gid tri nho nhat.
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2
R « ax-+bx+c L. . .
Cau 43. Chohams6 y=—————(a=0, m=0) v&i a,b,c,m,n la cac so thuc va co6 dé thila (C) co
mx+n
dang nhu hinh vé sau.
¥ Id_.l'i
. P /
3 Vs
2 /s
i
o’
-2/ lol/,
hfu.’--'/};,._f_:}_',: 56
/|

a) Ham s6 y = f (x) dong bién trong khoang (—oo;—1) va (—1;+o).

b) D6 thi ham s6 y = f (x) c6 tiém can ding lax = -1 va tiém can xién lay = x.
c) Pd thiham s6 y = f (x) c6 diém cuc dai (—2;0) va diém cuc ticu (0,-2).

d) Trén khodng (—o0;—1), hamso y = f (x)co gia tri I6n nhat.

X2 —2x+2

CAau 44. Chohamsb y=
X+2

a) Ham s6 6 hai tiém can.
b) Giao diém cua hai tiém can 1a 1(—2;-86).

¢) Khoang cach tir O dén tiém cén xién bang 42

d) Tiém can xién ciia ham s6 di qua diém M (0;—4).

Cau 45. Chohamsé y = f(x) x4c dinh va lién tuc trén R va c6 do thi nhu hinh bén.

Y

-

2
a) Po thi ham s6 y = f (x) khéng c6 tiém can ding

\ . . ; ) i 1

b) D6 thi ham so y = f (x) chi cd mdt tiém can xiény = x—E

¢) D6 thi ham sé y = f (x) khéng cuc tri.

d) D6 thi ham sb y = f (x) khong c6 tiém can ngang
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Cau 46. Cho hamsé y= f(x) x4c dinh va lién tuc trén R\{-1;,1;2} va c6 do thi nhu hinh bén.

a) Po thiham sé y = f (x) c6 hai duong tiém can ding x=-1 va x=1

b) P4 thi ham s6 y = f (x) c6 mot duong tiém can ngang 1a y =1.

c) Hams6 y = f (x) nghich bién trong khoang (—o0;1);(=11);(L2) va (2;+x)

d) Ham s6 y = f (x) khéng c6 cuc trj.

Cau 47. Chohamsé y = f(x) x4c dinh va lién tuc trén R\{-11} va c6 dd thi nhu hinh bén.

i sy
H
H :
H H
:
:
:
................. A -~ I AL =
: H y=12
x=—1§ x=1
: X
-2 -17-050| 051 ]
P g
.

a) Do thi ham sé y = f (x) ¢6 tong s6 duong tiém can ding va tiém can ngang bang 3.

b) Ham sé y = f (x) c6 gié tri nho nhat miny =0.

c) Hams6 y = f (x) dong bién trén cac khoang (—o0;—1) va (1;+0)

d) Bb thi ham s6 y = f (x) c6 mot diém cuc tri.

Cau 48. Chohamsé y = f(x) xac dinh va lién tuc trén R\{-2} va bang bién thién nhu hinh sau:

— 00

a) Po thiham sé y = f (x) c6 duong tiém can dimg x = -1
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b) P4 thi ham s6 y = f (x) c6 duong tiém can ngang y=—-1
c) Hams6 y = f (x) nghich bién trong khoang (—o0;—2) va (—2;+0)
d) B thi ham s6 y = f (x) khong c6 diém cuec tri.

Cau 49. Chohamsé y= f(x) xac dinh va lién tuc trén R\{-2;0} va bang bién thién nhu hinh sau:

r |—o0 -2 0 1 +00
Y + + + 0 -
400 1 2
2 —00 400 3

a) S6 duong tiém can dang cua dd thi ham sé da cho 14 2
b) P4 thiham sé y = f (x) cd ba duong tiém can ngang.
c) Hams6 y = f (x) nghich bién trong khoang (1;+)
d) b thi ham sb y = f (x) c6 hai diém cuc tri.

Cau50. Cho ham so y=f(x) co lim f(x)=2, lim f(x)=+0, lim f(x)=-2025,

X—>+00 X—>—00 X _)(_3)

lim f(x)=+00, lim[ f(x)—(x-2)]=0, lim[ f(x)—(x-2)]=2024.

x—(-3) X—-+o0 X—>—o0
a) D6 thi ham sé d4 cho c6 dung mot tiém can ngang.
b) D6 thi ham sé d4 cho c6 dung mdt tiém can dung.
¢) D6 thi ham sé d4 cho c6 dung mot tiém can xién.
d) D6 thi ham sb d4 cho ¢ diing ba tiém can.

Cau51. Cho ham s6 y=f(x) c6 do thi la duong cong (C) va cac gisi han lim f (x)=1;

am
XILT f(x)=-2024; XILrEO f(x)=2; XILrEO f (x)=2025.

a) Buong thang y =2 la tiém can ngang cta (C).

b) Puong thang x =1 Ia tiém can ding cua (C).

c) Buong thang x =-2024 la tiém can ding cua (C).

d) Duong thang y = 2025 la tiém can ngang cta (C).

Cau52. Cho dé thi ham sé y = =X 6 db thi (C).
2Xx+4

a) Buong thang y =2 latiém can ngang cia (C).
b) Buong thang x =-2 Ia tiém can dng cua (C).

c) Ham s6 da cho dong bién trén cac khoang (—o0;—10) va (10;+o).
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d) Trén doan [3;5], ham s6 da cho c6 gid tri Ién nhat bang g va 6 gia tri nho nhét bang %

x> +2x-1

Cau 53. Cho d6 thi ham s6 y =
X+2

c6 do thi (C).

a) Buong thang x =-2 la tiém can ding cua (C).

b) Buong thang y =—x—4 la tiém can xién cua (C).

c) Ham s6 dong bién trén cac khoang (-5;-2) va (—2;1), nghich bién trén cac khoang (—o0;-5) va
(1 +00).

d) D6 thi ham s6 (C) cé diém cuc dai 1a (-5;12) va diém cuc tiu Ia (10).

x? —8x+9

Cau 54. Cho d6 thi hams6 y = c6 do thi (C).

a) Buong thang x =5 la tiém can ding cua (C).

b) Buong thang y = x—3 la tiém can xién cua (C).

c) Ham s6 dong bién trén khoang (—o;5), nghich bién trén khoang (5;+).
d) D6 thi ham s6 (C) c6 diém cyc tri.

_2x243x-5

Cau 55. Cho hams6 (C):y = f(x) 3
X+

biét do thi ham sé c¢6 duong tiém can xién 1a duong
thang A:y=ax+b
a) Giao diém ciia A va tryc Ox c6 hoanh bang 2.

b) Giao diém ciia A va tiém can ding cua (C) c6 toa do la (-3;9).
¢) Goi A=ANOxX, B=AnNOy thidién tich tam giac OAB bang %

d) Gia tri 16n nht ciia ham s6 y =ax-+b trén [0;3] bang 3.

Z_x+1

Cau 56. Cho hamsé y =X‘—l c6 dd thi la (C)

a) o thi ham s6 (C) khéng c6 tiém can ngang.
b) Puodng tiém can xién cua do thi (C) tao v6i hai truc toa do mot tam giac c6 dién tich bang % .

c) Giao diém hai tiém can cua do thi (C) nam trén parabol y = 2x* -1
d) Buong tiém can xién cua do thi (C) vudng goc véi dudng thang x+ y —2025=0.

2
Cau57. Chohamsé y=*—2¥3 5 45 th Ia (C).

a) Do thi ham s6 (C) c6 hai duong tiém can.
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b) Puodng tiém can xién cua do thi (C) tao vaéi hai truc toa d6 mot tam giac vuodng can.
¢) Giao diém cua hai tiém can nam trén truc tung.
d) Puong tiém can xién cia do thi (C) song song véi dudng thang x+y =0.

Cau 58. Cho ham sé (C,): f(x):?;x—zl va (C,): g(x)

22 -3x-1
2x-1

. Biét d6 thi ham s6 (C,) c6 tiém
can ding va tiém can ngang 1a cac duong thang X =X, y = Y,; d6 thi ham s6 (C,) c0 tién can xién la
duong thang A:y=ax+b

a) X, +2Yy,+3b=8.

b) D6 thi ham sb (C,) cd tién can ngang la dudng thang y = % .

d) P thi ham s6 (C,) va (C,) c6 chung duong tiém can ding.

c) Giao diém cua ba dudng tiém can x=x,, y =Y, vd y=ax+b tao thanh tam giac cé di¢n tich bang

3

3
3 2 .

Cau59. Chohamsé y =2 X "L s s thila (c).
X“=x+1

a) D thi ham s6 (C) ¢6 hai duong tiém can dung.
b) D6 thi ham s6 (C) ¢6 mot duong tiém can ngang.
¢) Hé sb goc cua duong tiém can xién caa do6 thi ham sé bang 2.

d) Puong tiém can xién caa db thi (C) tao v6i hai truc toa do mot tam giac c6 dién tich bang 47? .

JX+16 -4

X% + X

Cau 60. Cho dd thi hams6 y = c6 do thi (C).

a) Buong thang x=-1 va x=0 la hai tiém can déing cua (C).
b) Buong thang y =0 Ia tiém can ngang cua (C).

¢) D6 thi ham sé d& cho c6 mot tiém can xién.

d) D6 thi ham sb da cho chi ¢6 hai duong tiém can.
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PHAN III. Ciu trac nghiém tra 16i ngan. Mi ciu héi thi sinh chi tra 101 dap an.

Cau 61. Cho hamso y = f (x) c6 bang bién thién nhu sau

Tong s6 dudng tiém can ngang va duong tiém can ding cta do thi ham sé da cho 1a bao nhiéu?
Traloi: ....

Cau 62. Cho d6 thi hamsé y = f(x) c6 bang bién thién sau:

X —2 —1 1 4 +c0
b H + + 0 — —

400 0,325 o
¥

Tong s6 dudng tiém can ngang va duong tiém can dung cta do thi ham sé da cho 1a bao nhiéu?

Traloi: ....

o

Cau 63. Chohamso y= f ( x) c6 bang bién nhu sau:

Tong s6 dudng tiém can ngang va duong tiém can ding cta do thi ham sé da cho 1a bao nhiéu?

—o0

e
=

Traloi: ....................

Cau 64. Goi X =X, la tiém can ding cua db thi ham sb y =

Traloi: ....................

Xx-1

. Gia tri x, bang bao nhiéu?

- 2x+1 ., . : a
Cau 65. Goi y =Y, latiém can ngang ctia d6 thihamso y = ~ 1 Giatri y, bang bao nhiéu?
X

Traloi: ....................

Cau 66. Tong s6 dudng tiém can dang va tiém can ngang caa do thi ham sé y =

nhiéu?

Traloi: ....................

X2

X% +2X+3

bang bao
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2
A =X [N A e B X . \ X X +4
Cau 67. Bieét ti€ém can xién cua do thi ham so y =

c6 dang y=ax+b. Gia tri 2025a+b bang

bao nhiéu?
Traloi: ....................
. L . C . X°+2x+5 o
Cau 68. Biet tiém can xién cua d6 thi ham so y=—1 c6 dang y=ax+b. Gia tri
X+
2025a—2024b bang bao nhiéu?
Traloi: ....................
. Y X2 +3x-2024 .. . ... _ .
Cau 69. Cho d6 thi hams6 y= f(x)= 5 . Bict do thi ham so f (x) tiém can xién cua c6
X_

dang y =ax+b vatiém can dung c6 dang x =c. Gia tri a+b+c bang bao nhiéu?
Traloi: ....................

X2 —2X+2

Cau 70. Biét ddthihamsd y = c6 tiém can xién 1a duong thang y =ax+b. Tinh a?+2b.

Traloi: ....................

x?—3x+1

Cau 71. Biét d6 thi ham so f(x)= >
X —

c6 tiém can xién 1a duong thang d:y=ax+b. Hoi
duong thang d c6 hé sé goc bang bao nhiéu?
Traloi: ...l

Cau 72. Goi 1(X,;Y,) la toa do giao di€m ciia duong tiém can dimg va duong tiém can xién cua do thi

, 1
hamso f(x)=2x-1-—— .Tinh x, +V,.
0 ( ) X+1 0 yO

Traloi ..ooooveeeeennn,
Cau 73. Goi 1(X,;Y,) la toa do giao di€m ciia duong tiém can dimg va duong tiém can xién cua do thi

x2 + 3x

hamsé y = . Tinh X, +Y, .

Traloi: ....................

3
A A ax e s ‘ X+ x+1 . . .
Cau 74. Biét dd thi ham sb y:t—lr c6 tién can xién 1a duong thing d:y=ax+b. Tinh
X

2a’ +2025b.

Traloi: ....................

3

" L A T . X' +2
Cau 75. Biet tign can xién cua do6 thi ham so y = — 5
X° —2X

cit truc toa do tai hai diém A va B. Khi d6

dién tich tam giac OAB la bang bao nhiéu?
Traloi: ....................

2X—1—+/X*+Xx+3

Cau 76. Do thihamsé y = )
X°—5Xx+6

6 bao nhiéu tiém can dirng?
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Traloi: ....................

) o KT L
Cau 77. Cho db thi ham sb y:%. Biét dd thi ham sb o tiém can dimg dang y=a VA tiém
X" —oX+

can dimg c6 dang x=b. Gid tri a+b bang bao nhiéu?

Traloi: ....................

A ah b ae 2X+2m-1 _. 2
Céau 78. Timgiatri m dé tiém can ding cua do thi ham s6 y = —  di qua diém M (3;1).

X+m

Traloi: ....................

~ , - -/ . A ” X A 2 X RN X 2X+4 ,
Céau 79. C0 bao nhiéu gia tri nguyén caa tham s6 m thudc (—2025;0) dé do thihamso y = co

X—m

tiém can dang?

Traloi: ....................

A ) A A . 4x+1 . -
Cau 80. Co bao nhiéu gia tri nguyén cua tham s6 m dé do thi ham so y =—1 khong co tiém can
m

dang?
Traloi: ....................

~ N .z . F N A , . A . N e (m+l)X—5m 7 4 en A N
Céau 81. Tim gia tri m d¢ tiém can dung cua do thi ham s6 y :2— cé tiém can ngang la

X—m

y=1
Traloi: ....................

A P -a -7 . A ” A A A A TR 4 2X+4
Céu 82. C0 bao nhiéu gia tri nguyén cua tham so6 m thugc [-2025;2025] dé do thi ham s6 y =

X—m

c6 tiém can dang nam bén tréi truc tung?
Traloi: ...,

2mx+m

Cau 83. Cho ham s y= . C6 bao nhiéu gi4 tri thuc caa tham s6 m dé duong tiém can dang,

tiém can ngang caa dd thi ham sb cing véi hai truc toa do tao thanh mot hinh chix nhat cé dién tich bang
8.

Traloi: ....................

Cau 84. Tim tong tat ca cac gia tri ciia tham s6 thuc m dé dd thi ham sé y =

c6 hai duong tiém
X—m

can tao véi hai truc toa d6 mot hinh chir nhat c6 dién tich bang 5.

Traloi: ....................

(2m—n)x* + mx+1
X>+mx+n-6

Cau 85. Biét dd thj hamsé y = (m, n la tham s6) nhan truc hoanh va truc trung

lam hai duong tiém can. Tinh m+n.

Traloi: ....................
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x> +(m-1)x+m’-2m+1

Cau 86. C6 bao nhiéu gié tri cua tham s6 m sao cho d6 thi ham sé y = Ty co
tiém can xién tao vai c4c truc toa do mot tam giac cé dién tich bang %?

Traloi: ....................

Cau 87. C6 bao nhiéu gia tri ciia tham sé m sao cho d6 thi ham s y = 2% +3mx —m+2 c6 tiém can

x-1
Xién tao vai c4c truc toa do mot tam giéc cd dién tich bang 4?

Traloi: ....................

Cau 88. Goi (C) la do thicia ham s6 y=mx+=, m latham s6. Tim m dé hams6 (C) c6 cyc tri va
X

khoang céch tur diém cuc ticu cua (C) dén duong tiém can xién bang ﬁ
Traloi: ....................

mx2+(3m2—2)x—2

X+3m

Cau 89. Chohamsb y= c6 dd thi (C), véi m la tham s6 thuc. C6 bao nhiéu gia

tri nguyén ciia tham s6 m dé do thi ham s6 (C) c6 mot tiém cén dimg va Mot tiém cén xién, dong thoi

goc gitra hai duong tiém can nay bang 45°.
Traloi: ....................
x—1

Cau 90. Cho ham s y=—5———
mx° —2x+3

. CO tat ca bao nhiéu gia tri m dé do thi ham sé c6 dung hai

duong tiém can ?
Traloi: .........cceeeee

A . . 2x° — m ...
Céau 91. Co bao nhiéu gia tri nguyén me(—10;10) sao cho do thi ham so yzﬁco tiém can
X—m
xién?
Traloi: ....................
x—1

Cau 92. C6 bao nhiéu gia tri nguyén m e[-10;10] sao cho d6 thi ham s y=— 6 hai
X“+4x-m-3

duong tiém can ding?
Traloi: ......o.cooeennn,
X—2

Cau 93. Cho ham sb y=—
X =2mx—-m-—2

. a a ;. . Cd b s A
. Biét voi ng(a,beN, b toi gian) thi d6 thi ham so c6

dung 2 duong tiém can. Tinh a+b.
Traloi: ....................

2

Cau 94. C6 bao nhiéu gia tri cua tham sé dé db thi ham s6 y = —— 6 dung 2 tiém can?

X*—3X+2

Traloi: ....................
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X+1

Cau 95. C6 bao nhiéu gia tri nguyén dwong ctia tham sé m dé do thi hams6 y=————
X“+4Xx+m

c6 dung

hai duong tiém can.
Traloi: ....................

X+1

Cau 96. Cho ham s y=——"———
X°=2mx+4

. C6 bao nhiéu s6 nguyén cia tham sé m e (-2025;2025) dé do

thi c6 ba duong tiém can?
Traloi: ....................

2
A ) . XT+X=2 . ..
Cau 97. C0 bao nhiéu gia tri nguyén duong cua tham so6 m dé do thi ham so y:Tco hai tiém
X* —2X+m
can ding?
Traloi: ....................

X+3

Cau 98. C6 bao nhiéu gia tri nguyén cia tham s6 m dé do thi ham sb y=—————
X®—2mx+9

c6 dung hai

duong tiém can gém mot tiém can dirng va mot ti€ém cin ngang?
Traloi: ...,
X—1
x> —(2m+1)x+m* -3

Cau 99. CO bao nhiéu gié tri cuia tham s m dé do thi ham sé y = c6 ding hai

duong tiém can gdm mot tiém can ding va mot tiém cin ngang?

Traloi: .................ee.

(2m+1)x*+3
Xt +1

do thi ham sb di qua diém A(1;,-3).

Cau 100.Cho hams6 y = , m latham sb. Tim gid tri cia m dé duong tiém can ngang cua

Traloi: ....................
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PHAN IV. Cau tu luan. Mbi ciu héi thi sinh trinh bay cach giai tu luan.
Cau 101.Cho ham s6 y = f (x) xéc dinh trén khoang (-1;+o) va c6 bang bién thién nhu hinh v&
X —0 -1 2 4 +u

v’ / — 0 T .

. / 0 +m
LA s T

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

1

Cau 102.Cho ham s6 y = f (x) x4c dinh trén R\{-2} va c6 bang bién thién nhu hinh v&

X —a0 -2 3 +a0
»’ + — 0 +
+mo | 4 +mn

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

Cau 103.Cho ham s6 y = f (x) x4c dinh trén R\{1} va c6 bang bién thién nhu hinh v&

x — -1 1 +a0
v’ - 0 + +

1 + -1
; \\\' _ﬁ /-' B /

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

Cau 104.Cho ham s6 y = f (x) x4c dinh trén R\{2} va c6 bang bién thién nhu hinh vé

T |—oo 2 +00
f'(=) - -
1 +o0
f(z)
—00 1

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Cau 105.Cho ham s6 y = f (x) xéc dinh trén R\{-1} va c6 do thi nhu hinh v&
'y

IR
\

o]
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Tim tiém can ngang va tiém cin dung cua do thi ham sb da cho.
Cau 106.Cho ham s6 y = f (x) x4c dinh trén R\{—g} va c¢6 do thi nhu hinh vé&

14

Lo | B

Tim tiém c4n ngang va tiém can dung cta d6 thi ham s da cho.

Cau 107.Cho ham s6 y = f (x) xéc dinh trén R\{-1} va c6 do thi nhu hinh v&

Tim tiém can dimg va tiém can xién ctia d6 thi ham sé da cho.

Cau 108.Cho ham s6 y = f (x) xéc dinh trén R\{0} va c6 d6 thi nhu hinh v&

i &
| /Xx
A
|I ‘f".:_i ny
A
AN
i
i i
/ : =
() X :
o
o
7\
/

Tim tiém can dimg va tiém can xién ctia do thi ham sé da cho.
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Cau 109.Cho ham s6 y = f (x) xéc dinh trén R\{-1;1} va c6 d thi nhu hinh v&

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Cau 110.Cho ham s6 y = f (x) xéc dinh trén (0;+o0) va c6 do thi nhu hinh v&

P

|
Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

Cau 111.Cho ham s6 y = f (x) x4c dinh trén R va c6 d6 thi nhu hinh v&

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

Cau 112.Tim cac duong tiém can dimg, tiém can ngang ciia do thi ham sé: y = 2X _13
X —
A A e b A et s A 1-3x
Cau 113.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = >
X+
A e r o ed e s X 2025
Cau 114.Tim céc duong tiém can dung, ti€ém can ngang cia do thi ham so: y = Z_6x15
X —6X+
A s . . N . 1
Cau 115.Tim cac duong tiém can dung, tiém can ngang cua do thi ham so: y = 312
X+
. . X* +2
Cau 116. Tim cac duong tiém can ding, tiém can Xién cua do thi ham so: y = 4
X —_
. e X —3X—6
Cau 117.Tim céc duong tiém can dung, ti€ém can Xién cia do thi ham so: y = BT
X+
. o : : . e : 2x% +9x +11
Cau 118.Tim céc dudng tiém can dimg, tiém can xién cua db thi ham sé: y = ;—;
X+
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A N ) . . L. . 1
Cau 119.Tim cac duong tiém can ding, tiém can ngang cua do thi ham so: y = );+ 2
X —_
A ~ . N - A n , - A A ” X C1a X 2X —3
Cau 120. Tim cac duong tiém can dung, tiém can ngang cua do thi ham so: y = o
X —3X+
A U o ad s b 1-3x?
Cau 121.Tim céc duong tiém can dung, ti€ém can ngang cia do thi ham so: y = m
X —6X+
A X e X —9x*
Cau 122. Tim cac duong tiém cén dimg, tiém cin ngang cta do thiham sé: y =—
(3x*-3)
A A A s L 32 +x+2
Cau 123.Tim cac duong tiém can dang, tiém can ngang cua do thi ham so: y = Ve
X j—
~ N , . o n , o n ~ , A g z 2X2 —3x+2
Cau 124.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = X 2x 3
X°—2X—
A - . . . . x> —3x—4
Cau 125.Tim cac duong tiém can dang, tiém can ngang cua do thi ham so: y = 16
X j—
y . x> -9
Cau 126.Tim cac duong tiém can ding, tiém can ngang cta do thi ham so: y = —————
X —-10x+21
X+4

Cau 127.Tim cac duong tiém can dimg, tiém can ngang ctia dd thi ham sd: y =

Jx* -4
X2+ x+1

Cau 128.Tim cac duong tiém can dimg, tiém can ngang ctia do thi ham sd: y =

X
A s . . 5 L . V2-x-1
Cau 129.Tim cac duong tiém can dimg, tiém cén ngang cua do thi ham s6: y = —— X
x(x —4xX+ 3)
Cau 130, Tim céc duong tiém cin dimg, tiém cin ngang ciia db thi ham sé; y = 93
X® + X
A A e ad s e VXP=2x+3-x
Céau 131.Tim céc duong tiém can ding, tiém can ngang cta do thi ham so: y = 1
X —_
A o , : L . 2X—1—x* +x
Céau 132.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = s +6 +3
X —5x+
A sz A A A A A s A VX*+3-2
Cau 133.Tim cac duong tiém can ding, tiém can ngang cua do thi ham so: y = 21
X —_
A s . . 5 L . VAx*—1+3x*+2
Cau 134.Tim cac duong tiém can ding, ti¢ém can ngang cua do thi ham so6: y = > X
X° =X
A s . . A s . 3Xx—-1-+/x+3
Cau 135.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = T;
X +2X—
A s . . A s . V2Xx+3-2x+3
Céau 136.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = 2+ M 3+
X —4xX+
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R s . . Ly . 2x—3
Céau 137.Tim céc duong tiém can dung, tiém can ngang cia do thi ham so: Yy = ————
2
VX —2X-3

CX+1-AXE X+ 2
X2+ x-2

Cau 138.Tim cac duong tiém can dung, tiém can ngang cua dd thi ham sb: y

31X x+2
X2 —3x+2

Cau 139. Tim cac duong tiém can dung, tiém can ngang cua dd thi ham sb: y

Xx—1
43x+1-3x-5

Cau 140.Tim s6 duong tiém can cta dd thi ham s y =

A N . Nor TR V1—X
Céau 141.Tim duong ti€ém can ngang va SO tiém can ding cua do thi hamso y = W .
X J—

Cau 142.Cho ham s6 y = f (x)= nx+1; (mn=1) xac dinh trén R\{-1}, lién tuc trén tung khoang xac
X+m

dinh va c6 d6 thi nhu hinh vé& bén:

2
1| [o B
Tinh téng m+n?
Cau 143.Cho dd thi ham s6 y = f (x) c6 bang bién thién bén dusi.
X —a0 m +o0
y’ — 0 +
+00
8
y
1
—Q0

Biét rang d6 thi ham sb co tiém can diing x = X,, tiém can ngang la y =1y, va x,y, =16. Hoi m bang

bao nhiéu?
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Cau 144.Cho ham s6 y = f (x) c6 bang bién thién nhu hinh V&,

X | -0 -m +o0
y' - -
m +00
y
—00 m

Tim gia tri tham s6 m d¢ giao diém cua duong tiém can ding va tiém can ngang la diem 1(-1;1).

(n—3)x+n-2025
X+m+3

Cau 145.Biét rang dd thi cia ham s6 y = (m,n 1a c&c s6 thuc) nhan truc hoanh lam
tiém can ngang va truc tung 1a tiém cin dimg. Tinh tong m+n.

R . ax+1 _. . . 1. .
Céau 146.Cho ham so yzm. Tim a,b dé do thi ham s6 ¢c6 x=1 la tiém can dung va yZE la tiém

can ngang.
A~ , oA . . A . X F PN g s X —1 , N
Cau 147.C0 bao nhiéu gia tri nguyén duong ctia tham s6 m dé do thi hamso y = TCO 3 duong
X —8x+m
tiém can?
. . s . XZ4+m
Cau 148.Tim tat ca cac gia tri cia tham s6 thuc m dé d6 thi ham s6 y = Z3ra2 c6 dang hai duong
X —3x+
tiém can.

(x—m)2(2x—m)

Cau 149.Tim tit ca cac gia tri thuc ctia tham s6 m sao cho dd thi ham s6 y = \/ -
4x —x° -2

cé tiém

can dung.

Xx-1

2X+mx% +4

Cau 150.Diéu kién can va du cta tham sé thuc m dé do thi ham s6 y = ¢ dang 1 tiém

can ngang 1a
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BAI 3

PUONG TIEM CAN CUA PO THI HAM SO

1. Pwong tiém can dirng

Pudng thang x = x, dugc goi la dwong tiém can ding (hay tiém cin ding) ctia dd thi ham sb

y = f(x) néu it nhat mot trong céc dicu kién sau dugc thoa man:

fim f (x) =+
im ()=
XILrI: f (%) =400
m (==

Nhan xét: Gia st duong thang x = X, la tiém can ding ctia d6 thi ham s y = f (x). Lay diem M (x;y)
thuoc d6 thi ham s6. Goi MH 1a khoang céach tir diém M dén duong thang x = x,. Khi d6, do dai MH

tién toi 0 khi x — x; (hinh a,c) hay khi x — x{ (hinh b,d)

2

= fix)

2. Pwong tiém can ngang

Puong thang y =y, duoc goi la dwdng tiém can ngang (hay tiém can ngang) ciia d6 thi ham sb

y=f(x) néu: lim f(x)=y, hodc lim f(x)=y,.

X—>+0 X—>—0
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Nhan xét: Gia s duong thang y=y, la tiém can ngang ciia do thi ham sé y=f(x). Liy diém
M (x;y) thudc do thi ham s6. Goi MH  la khoang cach tir di€ém M dén duong thang y =y, . Khi d6, do
dai MH tiéntsi 0 khi x — 400 (hinh a) hay khi x — —oo (hinh b)

Vi

v = fix) .
: W
V. . " /h

3. Pwong tiém can xién

Duong thang y=ax+b(a=0) duoc goi la dwong tiém can xién (hay tiém can xién) cta do thi
hamsé y = f (x) néu: lim [ f(x)-(ax+b)]=0 hogc lim [ f(x)-(ax+b)]=0.
Nhan xét: Gia sir duong thang y =ax+b(a=0) la tiém can xién ctia do thi ham sé y = f (x). Lay diém
M thudc dd thi ham s y= f(x) va diém N thudc duong thing y =ax+b c6 cing hoanh do x. Khi

do, do dai MN tién téi 0 khi x — +oo (hinh a) hay khi x — —eo (hinh b)

Vi ¥

——t’ 5 - > /«,’f’ X 7] X

(£, Iy
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CHUDE 1
XAC PINH PUONG TIEM CAN CUA PO THI HAM SO

PHAN A
TU LUAN PHAN DANG

DANG 1

TIM PUONG TIEM CAN CUA PO THI HAM SO y = f (x) KHI BIET HAM SO y = f(x)

| . Phuwong phap tim dudng tiém cin cia do thi ham s6
Dé tim tiém cén cua d6 thi ham s6 y = f (X) ta thuc hién cac budc sau:

Buéce 1: Tim mién x4c dinh (tap xac dinh) cia ham s6 y = f (X)

Budc 2: Tim gi6i han cia f (x) khi x tién dén bién cua mién x4c dinh.

Buéc 3: Tu cac gidi han va dinh nghia tiém cén suy ra phuong trinh cac duong tiém can.
Chuy:

P(x)

e Truong hop y = f (x)=——= la ham sb phan thic hitu ty.

Q(x)
+ Néu Q(x)=0 c6 nghiém x, thi dd thi c6 tiém can ding x =X, (X, 1a diém tai d6 ham sb khdong
xac dinh = x =X, la tiém can dung).
+ Néu bac P(x)= bac Q(x) thi dd thi c6 tiém can ngang.

+ Néu bac P(x)> bac Q(x)+1 thi dd thi cé tiém can xién.

. . P(x .
+ S0 tiém can dung ctia ham so6 phan thac y = % la s6 nghiém cua hé: {P
X

+ P06 thi c6 tiém can ngang thi khéng cé tiém can xién va nguoc lai.

e Dé xéac dinh céc hé sé a,b trong phuong trinh cia dwdng tiém can xién, ta c6 thé ap dung cac cong

) )

a= lim a= lim
thuac: x40 X hoac x>—o X .
b= lim [ f (x)-ax] b= lim [ f (x)-ax]

e Thng thudng, ta tim can xién bang cach chia da thic, Iy phan nguyén la tiém can xién do lim (phan

du) =0.

e Ham da thirc khéng c6 céc duong tiém can.
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Il. Ky nang dung Casio
1. Giéi han ciia ham so6 tai mot diém

e lim f (x) thinhap f(x) va CALC x=a+10".

x—a*

e lim f (x) thinhap f(x) va CALC x=a-10".

X—a~

e lim f (x) thinhdp f(x) vda CALC x=a+10"° hoic x=a-10".

X—a
2. Giéi han cia ham sé tai vo cuc

e lim f(x) thinhdp f(x) vaCALC x=10°.

X—>+0

e lim f(x) thinhap f(x) vaCALC x=-10°.

X—>—0

Bai 1.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

N _ 2x-2024 D) y= X 9 y- 2025
Y= 2025 3x—2 2024 — X
Bai gii
2X — 2024
Q) Yy=———
X+ 2025

Tap xéc dinh: D =R\{-2025} .

Taco
im  2X-2024 _ +o0;  lim 2x=2028 __  en db thi ham s6 c6 tiém can dimg 1a x = -2025.
x—(-2025) X + 2025 x->(-2025)" X + 2025
p_ 2024 ,_ 2024
im X292 _ iy X o 4 2X72024 i X ) nan dd thi ham s6 co tiém can
xoio X +2025  xoee 2025 x>0 X+2025 x>, 2025
1+—— 1+ 777
X X
ngang la y=2.
X
b =
) Y 3Xx—2

Tap xac dinh: D = R\{%} :

Ta co:

. X . N U ST . 2

lim =—o0; lim =+o0 nén do thi ham so6 c6 ti€ém can ding la X =—.
SEEE B 3

3 3

lim —— = lim ! :1; lim —— = lim t 1 nén do thi ham sb c6 tiém can ngang 1a y=1.
x40 X — 2 Xortoo g 3 x>o=3x—-2 x> 3_ g 3 3

X X
0 y= 2025
2024 —x
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Tap xac dinh: D =R\ {2024} .

Ta co:
2025 . R T SO
im ————=+4o00; lim =—oo nén do thi ham so6 co6 ti€ém can dung la x =2024.
x—(2024)” 2024 — X x—(2024)" 3X — 2
2025 2025
L im 7524 =© fim gz =i Zopa_, 0 1en d0 thi A S0 ¢6 tiém cim ngang I
X X
y=0.
Bai 2.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:
2 y_2025x b) y= 2-X 0 2% +5x+1
x* -9 y_1—x2 x> —5x+4
Bai giai
2) y= 2025x
x* -9

Tap xac dinh: D = R\{—3; 3} :

Ta co:
lim 2(2)25)( =—o0; lim 2(2)25)( = +o0 nén d6 thi ham s6 c6 tiém can ding 13 x =-3.
x—>(-3) X° =9 x—>(-3)" X —
lim 2025x =—o0; lim 2(2)25)( = +o0 nén d6 thi ham sb co tiém can dimg 1a x =3.
x>(3)” X° =9 x>(3)" X°—9
2025 2025
lim 292X _ jim —X_—0; fim 222°X _ |im —X_ —0 nén dd thi ham s6 co tiém can ngang 13
x——0 X< —Q xe—oo:L x—>+0 X< —Q X~>+ool
T2 T2
X X
y=0.
2—X
b) v=
)y 1-x°

Tap xéc dinh: D=R\{-L1}.

Ta co:

limy=—o0 ; limy=+00 nén x=1 1a dudng tiém can ctia dd thi ham so.
x—1* x—1"

lim y=+c0 va lim y=—ow nén x=-1 la duong tiém can ctia dd thi ham so.
x—(-1)" x—(-1)

2 1 2 1
] ] - g2 2 ] . 2-X g2 2
limy=lim—>=1lim*—X*=0; limy=lim—==lim%X2—* =0
X—>+00 x—+0 ] — X X—>+00 1 X—>—00 x—-—0] — X X—>—00
X X

= y =0 latiém cin ngang ciia d0 thi ham sb.
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2x% +5x+1
X°—-5Xx+4

Tap xéc dinh: D=R\{1;4}.

Ta co:
2 2
Iimmz—oo ; Iimmzwo nén dudng thing x=1 Ia tiém can dung cta dd thi
o1 (x—1)(x—4) o1 (x—1)(x—4)
ham s6
2 2
Iimm:wo ; lim M:—oo nén duong thing x =4 Ia tiém can ding cta do thi
o4 (x—1)(x—4) o4 (x—-1)(x—4)
ham s6
2+5+ L 2+5+ L
2 Ty 2 LY )
lim 22X XL iy g i 2EXHL iy 7 X XE ) sy duong thing y=2 la
x—+0 ¥ By 4+ 4 >(a+oo:L 5 4 x—>—0 ¥ —Byx 4+ 4 xe—ool 5 4
LN LN
X X X X

tiém can ngang cua dd thi ham s dé cho.

Bai 3.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

2 y= x2+1 b) y= E—x 0 y:X2—3X+2
X° =1 X°—25 X°—8x+7
Bai gial
2) y= x2+1
X° =1

Tap xéc dinh: D=R\{-L1}.

X+1 X+1 1
Khidé: y=——= =
x -1 (x-1)(x+1) x-1
Taco
. 1 . 1 N U S .
lim —— = —o0; lim —— =+00 nén d6 thi ham so6 co6 tiém can dung la x=1.
x>(1)” X—=1 x—>(1)” X—=1
1 1
lim — = lim —%*-=0; lim 1 im X =0 nén d6 thi ham s6 c6 tiém can ngang 13 y =0.
X——0 X _1 xe—ool_é X—+0 ¥ _1 x»+ocl_7
X X
5-x
b) v=
)y x*—25
Tap xac dinh: D = R\{—S; 5} :
_ —(x-1 _
Khido: y——2=% -~ -1
x*—25 (x-5)(x+5) x+5
Taco
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. -1 . -1 U Y SN
lim ——=+o00; lim —— =—o0 nén d6 thi ham s6 c¢6 ti€ém can ding la X =-5.
x—>(-5) X+5 x—>(-5)" X+5

1 1
lim —L — im —X —0; lim L im—X 0 néndd thi ham s6 ¢6 tiém can ngang 13 y =0.
X——0 X 4 5 X—>—00 X—+00 Y 4 5 X—>+00
1+— 1+—
X X
0 X2 -3x+2
y x*—8x+7

Tap xéc dinh: D=R\{1;7}.

X*=3x+2  (x-1)(x-2) x-2

Khidé: y = = =
y X*=8x+7 (x-1)(x=7) x-7
Tacd
. X=2 . X=2 T T
lim —7:—oo; lim —— =+ nén d6 thi ham so6 ¢o tiém can dimg 1a x=7.
Xx=7" X — x=>7" X —
2 2
. X=2 . 1_; . X=2 . 1_; N a A s
lim = lim =1, lim ——== lim —2Z-=1 nén do thi ham SO c6 ti€ém can ngang la y =1.
X——00 X — 7 X—>—00 7 X—>+00 X — 7 X—>+00 7

Bai 4.  Tim cac duong tiém can dimg, tiém can xién cua céc do thi ham s sau:

2
) y=x+2025—3_iX b) y:"x‘—_"z+2 0) y:WXx—HX
Bai gidi
a) y=f(x):x+2025—L
3—X

Tap xac dinh: D=R\{3}.
e Ta co:

lim (x+2025—L] =+4o00; |lim (X+2025_Lj:_w nén dd thi ham sb co tiém can dimg 1a x =3.

x—3" 3—-X x—>3" 3-X
. TR O T W
XILer[f(x)—(x+2025)]_Xlirpm(—E]_O, X“ﬂ‘w[f(x) (x+2025)]_JLrpw( —3_Xj—0 nén d6 thi

ham s6 c6 tiém can xién 1a y = x +2025.

x> +3 19
=X—4+—
X+4 X+4

b) y="f(x)=
Tap xac dinh: D=R\{3}.

e Ta co:

2 2
lim | X532 o dim [ 2253 ] = oo nén db thi ham s6 6 tiém can dimg 1a x=—4.
x>(-47 | X+4 x>(-4)" | X+ 4
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. . 19 . . 19 ) R .
lim [ £ (x)=(x=4)]=lim [ ——|=0: lim[ f(x)=(x=4)]=lim[—]=0 nén 4 thi ham sé c¢
XLTC[ (x)—-(x-4)] XLrPOC(XJr‘J 0; XLTO[ (x)-(x-4)] erpoc(x+4j 0 nén do thi ham sé co
tiém canxiénla y=x-4.
X _x3-3x%-3x

c) y="f(x)=

= +X=
x?—-3x—4 x*—3x—4

Tap xéc dinh: D=R\{-1,4}.

Ta co:

3 2 3 2
lim | X233 i | X338 nen db thi ham s6 c6 tim can dimg 1 x=—1.
x>(-1) | X" —3Xx-4 x>(-1) | X" —-3x-4

3 2 3 2
lim (%] = —0; lim (%] — o0 NéN db thi ham s c6 tiém can dimg 14 x=4.
x—>(4) | X°—3X— >4\ X"—=3X—

. . X . . X A 2

lim[ f(x)=x]=lim| ————|=0; lim[f(x)=x]=lim| ————|=0 nén dd thi ham s c¢
XLII])CI: (X) X:I erEc(XZ_3X_4] 0’ Xl)rpoo[ (X) X:I erEo(XZ_3X_4] 0 nén do tht ham o co
tiém can xién la y=x.

Bai 5.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

2 2
a) y:2X+l_L b) y= X C) y:ﬂ
X+2 1-x X+2
Bai giai
a) y:2x+1—L
X+2
Ta co:
lim y=+w , lim y=—w = Pudng thang: x = -2 la tiém can dung cua (C).
X—-2" x—>-2*
limy=-c , limy=-+wo.

lim[y-(2x+1]= lim =1 , lim[y—(@2x+1)]= lim _—1:0:>Du€yng thang y=2x+1 la tiém
X—»—00 X—>—0 X + 2 X—>+o0 X+ X 4 2
can xién cua (C).

2

X 1
b = =—X-1+—
)y 1-X 1-x

Ta co:

limy =+ , limy=-0w=Puong thang: x =1 la tiém can dung cua (C).

x—1" x—1"

limy=+0w , limy=—wo.

X—»—00 X—>+o0

lim[y—(-x-1)]=0, lim[y-(-x-1)]=0= Puong thang y =—x—1 la tiém can xién cua (C).

X2 +2x+1 1
C) y=———=X+——
X+2 X+2

limy=-ow , limy =+ = Pudng thang: x =2 la tiém can dang cua (C).

X—2~ x—2*
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Taco: lim[y—x]= lim L:0; lim[y—x]= lim L:0, suy ra d6 thi ham s y c6 tiém can xién

X—>+00 X+ X 4 X—>—00 X—-0 X 4+ 2
1a duong thang y =X .

Bai 6.  Tim cac duong tiém can ding, tiém can ngang cua cac dd thi ham sb sau:

X2 —4 JX+3-2x X2 —4x+3
a) y= b) y=——5—7— C) Yy=—Fr——
x-1 x -1 X’ +7 -4
Bai giai
X —4
a =
)y 1

Tap xac dinh: D = (—oo; 2] U [2;+oo).

Tathayrang x =1¢ D = db thi ham s6 khong c6 dudng tiém cén ding.

4
T X\1-— limy=1
Va limy = lim X2 i X _ 'mmz{“” =y=1,y=-1= @6 thi ham sb co

X—>0 x—o ¥ —1 X—>0 X(l_lj X—0 X lim y=-1
X

X—>—0
hai duong tiém can ngang.

VX+3-2X

b =
) Y 1

Tap xac dinh: D =[-3;+00)\{£1}.

Tacs: lim y = lim —““23‘12)(
X j—

X—>+o0 X—>+00

=0= y =0 latiém can ngang cua dd thi ham sb.

X+3—4x? (1-x)(3+4x)

x/X+3—2X:Iirn VX +3 42X _ [im X+ 3 +2X
2

Mat khac limy =l
at khac ley XILT x2 -1 xal(X—l)(X'l‘l) x>l (X_l)(X+l)

=lim| - 3+4x = —g — x =1 khdng 1 tiém can ding ctia do thi ham so.

=t (x +1)(\/F3+ 2x)

Taco: lim y= lim YX*3-2X
x—(-1) x—(-1) X° =1

=0 = x =—-1 latiém can dung cta do thi ham sb.

x> —4x+3
X +7-4
Tap xéc dinh: D = R.

c) y=

, . . X2 —4x+3 X g z n L, A n
Taco: limy= lim ———— =400 = DO thi ham s6 khong c6 ti€ém can ngang.

X—>to0 X—>to0 X2 + 7 _4

o (x=1)(x=3) (‘VX2+7+4)(X—1)(X—3) (\/m+4)(x—1)
B R U [ R BT

VX +7+4
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(\/x2+7 +4)(x—1)
Taco: limy=Ilim

=0 = X =-3 la tiém can dung cua dd thi ham sb.
Xx—-3 Xx—-3 X+3

Vay d6 thi ham s6 co tiém can ding 14 x = -3.
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DANG 2

TIM TIEM CAN KHI BIET PO THI HOAC BANG BIEN THIEN CUA HAM SO y = f (X)

Phwong phap
e Burée 1: Dua vao bang bién thién va d6 thi dé tim tap xac dinh ctua ham sé.
e Burére 2: Quan sat bang bién thién va do thi dé suy ra gioi han khi x dén mot bén ctia mién xac dinh.

e Bude 3: Két luan.

Bail. Chohamsb y=f (x) c6 bang bién thién nhu sau:

X — 1 +an

+0 2023

Jfix)
2024 1

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai giai
Tir bang bién thién, ta co:

lim f (x)=2024 néndd thi ham sd c6 tiém can ngang 1a y = 2024 .

X—>—0

lim f(x)=2025 nén do thi ham s6 c6 tiém can ngang 1a y = 2025.

X—>+o0

lim f (X)=+o0 nén do thi ham s6 c6 tiém cén dimg 1a x =1.

x—1"

Bai2. Chohamsb y=f (x) c6 bang bién thién nhu sau:
x —an 0 1 +i

3’ + 0 — +

y Df-""f’ T 3,/—’

—

]
LA

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir bang bién thién, ta co:

lim f(x)=0 nén dd thi ham s6 ¢6 tiém cnngang la y =0.

X—>—0

lim f (x)=5 nén do thi ham s6 c6 tiém can dimg 1a y =5.

X—>+0

lim f (X)=—o0 nén do thi ham s6 c6 tiém cén dimg 1a x =1.

x—1"

Bai3. Chohamso y= f(x) x4c dinh trén khoang (—2;+) va c6 bang bién thién nhu hinh vé
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X —0 -2 0 +x

¥

A + _

+x |1

¥ /
‘ //_mf'”’ﬁ Ty

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.

Bai giai
Tir bang bién thién, ta co:

lim f(x)=0 nén dd thi ham s6 c6 tiém cnngang la y =0.

X—>+0

lim f (x)=-+o0 nén dd thi ham s6 c6 tiém can dimg 1a x=0.

x—>0"

lim f(X)=—c0 nén dd thi ham s6 6 tiém can dimg 18 x=2.
x—(-2)"

. N . A (N A N
Bai4. Chohamso y=f (X) xéac dinh trén R\{_E} va c6 bang bién thién nhu hinh vé

b2 | —

bt |

b |

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb d4 cho.
Bai giai

Tir bang bién thién, ta co:

X—>—00 X—>+00

lim f(x):i; lim f(x):% nén do thi ham s6 ¢6 tiém cin ngang 1 y:%.

lim f(x)=+00; lim f(x)=-c0 nén do thi hdm so c6 tiém cén dung 1a X:—E.

H[_%j_ H[%T
Bai5. Chohamso y= f(x) xac dinh trén R\{1} va c6 bang bién thién nhu hinh v&

x —o 1

1._._,_____‘_______‘_-_-_‘_-_‘_‘ —:::-___\___\—‘

—0 1

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb d4 cho.
Bai giai
Tir bang bién thién, ta co:
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lim f(x)=1 lim f(x)=1 nén d6 thi ham s6 c¢ tiém can ngang 1a y =1.

X—>—0 X—>+0

lim f (x)=—o0; lim f (X) =+00 nén dd thj ham s6 ¢4 tiém can dimg 1a x =1.

x—1" x—1"
Bai 6. Chohamsd y= f(x) xac dinhtrén R\{L} va co db thi nhu hinh v&

Va

1

X

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim f(x)=1 lim f(x)=1 nén d6 thi ham s6 c¢ tiém can ngang 1a y =1.

X—>+o0 X—>—0

lim f (X)=-+oo0; lim f (x)=—o0 nén dd thj ham s6 c6 tiém can dimg 1a x =1.

x—1* x—1"

Bai7. Chohamsé y= f(x) xéc dinh trén R\ {1} va c6 dd thi nhu hinh v&

v
/ i y=2
|
il
"

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim f(x)=2; lim f(x)=2 nén dd thj ham s6 ¢4 tiém can ngang la y = 2.

X—>+0 X—>—0

lim f (X)=—oo; lim f () =+o0 nén dd thj ham s6 c6 tiém can dimg 1a x =1.

x—1* x—1"

Bai8. Chohamso y= f(x) xac dinh trén R\{1} va c6 do thi nhu hinh v&
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Tim tiém can dimg va tiém can xién ctia d6 thi ham sé da cho.
Bai giai
Tur dd thi ham s, ta c6:

lim f (X)=-+oo; lim f (X)=—o0 nén dd thj ham s6 c6 tiém can dimg 1a x =1.

x—1* x—1"
lim [ f (x)=x]=0; lim [ f (x)—x]=0 nén dd thi ham s6 c6 ti¢m can xién la y = x.
Bai9. Chohamso y= f(x) xac dinh trén R\{1} va c6 do thi nhu hinh v&

¥

1

2
(]
/"
-2

Tim tiém can dimg va tiém can xién ctia do thi ham sé da cho.
Bai giai

Tur dd thi ham s, ta c6:

lim f (x)=—o0; lim f (x) =+ nén do thi ham so c6 tiém can dimg 14 x =1.
lim [ f (x)=(x+2)]=0; lim [ f (x)—(x+2)]=0 nén do thj ham s6 c6 tiém can xién 1a y = x+2.

X—>+o0

Bai 10. Cho hamso y = f (x) x4c dinh trén R\{-2} va c6 dd thj nhu hinh v&
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ek VA

~a

'y

Tim tiém can dimg va tiém can xién cta d6 thi ham sé da cho.
Bai giai
Tur dd thi ham s, ta c6:

lim f(x)=+00; lim f(x)=—o0 nén do thi ham s6 c6 tiém cén dimg 1a x = -2.
x—(-2)" x—>(-2)"

lim [ f (x)—(-x=1)]=0; lim [ f (x)—(~x—1)]=0 nén d6 thi ham s c6 tiém cén xién la y =—x—1.

Bai 11. Cho hamsé y = f (x) xac dinh trén R\{-1} va c6 d6 thi nhu hinh v&

Y

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim f(x)=+0 va Iir(n f (X) =-+o0 nén dudng thing X =-1 I3 tiém can dimg ctia d6 thi ham so
x —(-1)° x = (-1)°

y=f(x).
lim f(x)=2 va lim f(x)=2 nén dudng thdng y =2 latiém cén ngang cta d6 thi ham s6 y = f (x).

X—>—0 X—>+o0

Bai 12. Chohamso y = f(x) x4c dinh trén R va c6 do thi nhu hinh v&
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i v

Tim tiém c4n ngang va tiém can dung cta d6 thi ham s dé cho.
Bai giai
Tir d6 thi ham s, ta c6:

Tur do thi cia ham sé y = f (x) taco lim f(x)=1 nén duong thing y =1 la dudng tiém can ngang.

X—>+0

Tuong tw lim f (x)=—1 nén dudng thang y =—1 la dudng tiém can ngang.

X—>—0

Vay db thi ham s6 y = f (x) c6 2 duong tiém can ngang va khong c6 tiém can dtng

Bai 13. Cho hamso y = f (x) xac dinh trén R\{—%;%} va ¢6 do thi nhu hinh v&

=

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim f(x)= —% nén duong thang y = —% la mot duong tiém cin ngang cia d6 thihamsd y = f (X) :

X—>—0

lim f(x)= L nén duong thang y :% la mot duong tiém cin ngang ctia d6 thi hamsd y = f (X) :

X—>+0 2

— Po6thihamsd y=f (X) c6 hai dudng tiém can ngang 13 y = i%.
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lim f(x)=—ova lim f(X)=+c néndudng thing X = —% 14 dudng tiém cin dimg cua do thi ham

A2 )

lim f(x)=-w va lim f(X)=+0 nén dudng thang x = > 12 duong tiém can dirng cua do thi ham so6

= Do thihamso y = f (x) c6 hai duong tiém cén dimg 1a x = i%
Vay d6 thi ham s6 y = f (x) c0 tat c 4 dudng tiém can.
Bai 14. Cho ham s y = f (x) xéc dinh trén R\ {1} va c6 dd thi nhu hinh v&

u

L[ || Ry

2 Fd

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim y =1 nén d6 thi hAm s6 ¢6 1 tiém can ngang y =1 va lim y = +oo nén d6 thi ham s6 ¢6 1 tiém can
x—1*

dimg x=1.

Vay dd thi ham s6 ¢ 2 tiém can.
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DANG 3

UNG DUNG THU'C TIEN

Bail. Sb luong san phiam ban dugc cia mdt cong ty trong t (thang) duoc tinh theo cong thirc

s(t)zlooo—@, trong d6 t>1.
t+2

a) Xemy=S(t) 1a mot ham s6 xdc dinh trén nira khoang [L+00), hdy tim tiém cén ngang cua do thi
ham sb do.
b) Néu nhan xét vé sé lugng san pham ban dugc cua cong ty d6 trong t (thang) khi t du 1n.
Bai giai
a) Ta co: tIim S(t)=1000

Vay duong thing y =1000 1a dudng tiém cin ngang cta d thi ham s6 S (t).
b) Khi t du 16n thi s6 lugng san pham ban duoc cua cong ty d6 trong thang t s& gan dat duge 1000 san
pham.

18t
ot® +1

Bai 2.  Nong df oxygen trong hd theo thoi gian t cho bdi cong thirc y(t) =5 véi y duge tinh

theo mg /I va t duoc tinh theo gid, t>0. Tim cac duong tiém cn ciia dd thi ham s6 y = y(t). Tur do,

c6 nhan xét gi vé ndng do oxygen trong hd khi thoi gian t tré nén rat lon?

Bai giai
15t 45t -15t+5
y=y(t) ot® +1 ot? +1
Tap xac dinh: D =[0;+o)
Db thi khéng c6 duong tiém can ding.
15 5
o 45t _15t+5 . Pt 45
Taco: lim y(t)= lim > = lim =—=5
t—>+o0 t—>+o0 ot +1 t—>+o0 9 1 9
e

Suy ra duong thang y =5 1a dudng tiém can ngang cua dd thi ham sb.

D6 thi khong c6 duong tiém can xién.

Nhan xét: Nong d6 oxygen trong hd s& gan dat t6i 5mg /1 khi thoi gian t tro nén rat 1om.

Bai 3. Mot cong ty san xuat d6 gia dung udc tinh chi phi dé san xuat x (san pham) 1a C(X) =2x+50
(triéu dong). Khi do f () :@ la chi phi san xuét trung binh cho mdi san pham. Ching t6 rang ham

s6 f(x) giamva lim f (x)=2 . Tinh cht nay noi lén diéu gi?

X—>+0

Bai gidi
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Taco: f(x)= (%) _2x+0
X X
Vi f(x)= _20 <0 véi moi s6 thue x nén ham s6 f(x):w giam.
X X
50

2+—
lim f(x)= lim 2X+90 _ jim X2 (diéu phai chirng minh)
X—>+00 X—>+00 X X—>+00

Tinh chat nay noi Ién rang khi san xuat cang nhiéu san pham thi chi phi san xuét trung binh cho mdi san
pham giam, nhung khong dudi 2.
Bai 4. Mot manh vuon hinh chir nhat c6 dién tich bang 144m?. Biét do dai mot canh cia manh vudn
la x (m).
a) Viét biéu thtre tinh chu vi P(x) (mét) cua manh vuon.
b) Tim cac tiém cén cua do thi ham s6 P(x).
Bai giai
a) Do dai canh con lai cia manh vuon la: % (m) véi x>0

Ta c6: chu vi manh vuon P(x)=2(x+%]:2x+@ (m)
X X

b)
Tap xac dinh: D =(0;+x)

Ta co:

lim P(x)= lim (2x +@] = +o0 nén do thi ham s P(x) khong co tiém cén ngang.

X—>+o0 X—>+o0 X

x—0" x—0" X

lim P(x) = lim (ZX +@j = +o0 nén do thi ham s6 P(x) c6 mét tiém can dimg 1a x=0.

lim [ P(x)—2x]= lim 288 _ () nen dd thi ham s6 P(x) c6 mot tiém cén xién 1 y = 2x.

X—>+0 X—>+0 X
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DANG 4

TIEM CAN CUA HAM SO y = f (x) CO CHUA THAM SO

Mot s6 dang toan thuong gip:

n ~ A on ~ , , X 11 Z ax+
e Dang 1: Bi¢n luan s6 tiém can dung ctuia do thi ham s6 y =

vé1 c#0 .
cx+d

D4 thi ham sé co tiém can déng khi ad —bc # 0.

2
cn n A n , , X 4 -4 s Z ax“ +bx+c L.
e Dang 2: Bién luan s6 ti€ém can ding cua do thi hamso y=———— vdi a=0.
X=X,

- DO thi ham s c6 modt tiém cén ding khi g(x)=ax’+bx+c=0 khdng c6 nghiém
X=X, < g(%)#0.

- D4 thj ham sb khong c6 tiém can dung khi g (x)=ax’+bx+c=0 c6 nghiém x =X, < g(%,)=0

- P4 thi ham sb c6 tiém can xién khi a = 0.

- P6 thi ham s6 khéng cé tiém can xién khi a=0.

<A ~ A Len ~ , , A N z X—
e Dang 3: Bién luén so tiém can ding cia do thi hamso y =

X .
; ° _ véia=0.
ax- +bx+c

- Db thi hdm s6 c6 hai tiém can dung khi g(x): ax® +bx+c=0 cd hai nghiém phan biét khac
A>0
X, & .
° g (Xo) #0
- D thi ham s6 c6 mot tiém cén dirng khi g (x)=ax* +bx+c =0 c6 nghiémkép < A=0.

- Do thi ham s6 khong c6 tiém cén dimg khi g (x)=ax*+bx+¢ =0 vd nghiém < A<0.

2
. n A Lon n , , X g e q s X ax“ +bx+c L.
e Dang 4: Bi¢n luan s6 tiém can dung ctuia @6 thi ham sé y = voi a=0, X #X,.
(x=%)(x=x,)

- D4 thi ham s6 c6 hai tiém cin ding khi phuong trinh g(x)=ax’+bx+c=0 khong nhan x,x, I
#0
nghi¢m @{g(xl)

g(x,)=0

- Po thi ham s c6 mot tiém can dung khi phwong trinh g(x)=ax*+bx+c=0 cé nghiém x=x,

i Q(X)=0

hodac x=x, = ( ) 0 (Chu y hai diéu ki¢n nay khong dong thoi xay ra).
g(X;)=

- D6 thi ham s6 khéng c6 tiém can dimg khi g(x)=ax’+bx+c=0 nhin X=X va X=X, la nghiém

0
g(Xz):Ol
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. . N . f(x
e Dang 5: Bi¢n luan s6 ti¢ém can ngang cua do thi hamso y = E ; .
g(x

Do thi ham s6 co tiém can ngang bac ciia mau s6 16n hon hodic bing bac ciia tir s6 va phai ton tai cac

giéi han lim y hoac limy.

X—>+o0 X—>—0

Bai 1. Hamsé y = f(x) lién tuc trén cac khoang xac dinh va c6 bang bién thién nhu hinh vé dudi day

X —0 3 +o0
y’ - 0 +
—+c0
m+2
Yy
H
—o0

Tim m dé d6 thi ham s6 c6 tiém can dimg x = x, va tiém can ngang y =y, sao cho x,y, < 30.
Loi giai

lim f(x)=m+2 suyra do thi ham s6 c6 tiém cAn ngang 1a y=m+2.Taco y,=m+2.

X—>+©

lim f (x)=-o suyra d6 thi ham s co tiém can dimg 1a x=3. Taco x, =3.

x—3"

X,Y, <30<3(m+2)<30< m<8.

Bai 2. Chohamsé y= f(x) c6 bang bién thién nhu hinh V&,

2-2m
X | n +00
y - -
m +00
Yy n
—0o0

m
n

Tim tham s m va n dé d6 thi ham sé nhan duong thang x=2, y =2 lan luot 1a tiém can ding va tiém
can ngang.
Loi giai

Tir bang bién thién suy ra tiém can ding 1a x =

X pia A N m
, vatiém canngang la y =—.
n
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Puong thang x =2,y =2 lan luot 13 tiém can dimg va tiém can ngang nén

2-2m _,, o2

n 2-2m=2n 2m+2n=2 3
=S =S
m m=2n m-2n=0 1
— =2 n=-
n 3
Bai 3. Cho hamsé y = f (x) c6 bang bién thién sau:
X —o0 —2 1 2 +o0
7' . — 0+ -

) 0\_00 +00 \_3/+oo _m/(m—l)(E—m)

Tim tong so cac gia tri nguyén duong cta tham s6 me (-10;10) dé do thi ham s y = f (x) c6 tong so

duong tiém can dimg va duong tiém can ngang la 4.
Loi giai

T bang bién thién ta co lim f (x)=0 va lim f(x)=(m-1)(2—m). Suy ra tiém can ngang ctia do thi

hamsb y=f(x) la y=0va y=(m-1)(2-m).

Laico lim f(x)=—o0; lim f(x)=-+o0 suyratiém can ding cia d6 thihamso y= f (x) la x=-2.

X—>-2" x—>-2"

Va lim f (x)=-+o0; lim f (x)=—o0 suy ratiém can dimg cua do thihamsé y = f (x) la x=2.

X—2~ x—2"
Pé d6 thi ham s6 co tong sd duong tiém can ding va duong tiém can ngang 1a 4 khi va chi khi
m=1

(m—l)(Z—m)¢0<:>{m¢2.

Vi me(-10;10) va m la sb nguyén duong nén me {3;4;5;6;7;8;9} .

Vay 3+4+5+6+7+8+9=42.

. . , 2m-1)x-3 N . .
Bai 4. Cho hamso y :% c6 do thi nhu hinh duéi day
X_
¥
——’/

O / X
C6 bao nhiéu gia tri nguy@n cia tham sb m dé tam d6i xtng ctia d6 thi ham s6 nam trong duong tron
tam gbc toa do O ban kinh bing /2026 ?
Loi giai

-m(2m-1)+3

2

Tir dang dd thi cia ham sé ta suyra y' = >0=-m(2m-1)+3>0< -1< m<g .

(x-m)
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Khi d6 dé thay d6 thi c6 hai dudng tiém can1a x=m, y=2m-1 .
Vay tdm déi xtng 1a diém | (m;2m-1).

Tir d6 thi va gia thiét kém theo ta c6 :

meZ
meZ 1 meZ meZ
y=2m-1>0 m>— 1 1
2 &S<im>— sS<im>—
i 5m? —4m—2025<0 2—-41012 24410129
Ol <+/2026 (2m—1)2+m2<2026 —50 9<m<—+ 50

Két hop voi diéu kién —1<m <%, tasuyra m=1.

(a—3b)x* +bx—1

- . Tim a,b dé dd thi ham s6 c6 x=2 Ia tiém can dimg va
X" +ax—a

Bai5 Chohamsd y=

y =1 la tiém can ngang.

Lo giai
Db thi ham sb ¢o tiém can dimg x =2 = PT: x*+ax—a =0 cd nghiém x =2
=4+2a-a=0=a=-4

a-3b a+1l

Ham s6 ¢6 tiém can ngang y=-1< limy=-1<
X—>00

Vay a=-4;b=-1.

(a—2b)x* +bx+1

Top  mab dé do thi ham s6 c¢6 x=1 Ia tiém cn ding va
X"+ X—-

Bai6. Chohamsb y=

y =0 la tiém can ngang.
Loi giai
D6 thi ham s6 ¢6 tiém can ding x=1= PT :x’+Xx—b=0 c6 nghiém x=1 va (a—2b)x* +bx+1=0

o (a—4)x* +2x+1
.Hams6 c6 dang y = 5 .
azl X“+X-2

1+1-b=0 b=2
khdéng c6 nghiém x:lz{ " {

=
a—-2b+b+1-0

. . _ . (a—-4)x*+2x+1
D6 thi ham so ¢c6 tiém canngang y=0< limy=0< IIm( 2) =0
X—0 X—»00 XS +X—2

2 1
(a-4)+=+-, a_d
< lim X_X _|lime=——=0ca-4=0=a=4
X—>00 2 X—>00 1
1+ =——
X X
Vay a=4;b=2.
Bai7. Timtham s m dé dd thi ham s y = =—— ¢6 duodng tiém can ding 13 x =5.
X—m
Loi giai
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A U GNP 1
Dicu ki€n d€ do thi ham so6 co ti€ém cén dung la —3m+1¢0<:>m¢§

D6 thi ham s6 o tiém can dimg 1a x=m

Theo yéu cau bai toan suy ra m=5 (thoa méan)

.- N L ., e, Z 22X 1 -1 z mx + 2
Bai 8.  Tim tat ca cac gia tri cia tham so m dé do thiham soy =

6 tiém can dung.
Loi giai
Do thi ham s6 ¢6 TCD <> g(x)=mx+2=0 khong ¢ nghiém x=1<> g(1)=0 < m=-2.

2x-1

Bai 9.  Tim tap hop cac gia tri thuc cia m dé ham s y=————-—
ap hop cac g1a tr H Y= At amxal

c6 ding mot duong tiém can.
Loi giai

D& thay d6 thi ham s6 ludn co tiém can ngang y =0.

Dé d6 thi ham s6 c6 mot tiém can thi dd thi ham sé khong co tiém can ding.

Khi d6 phuong trinh 4x* +4mx+1=0 v nghiém.

SAN<0e4m’ -4m<0e -1<m<le me(-L11).

.. - L . Y 2x2=3x+m . L
Bai 10. Tim tat ca cac gia tri thuc ciia tham s6 m sao cho do thi ham s6 y =——— khong ¢0 tiém
X—m

can dung.
Loi giai
Dé do thi ham s6 khong c6 tiém can ding x=m thi la nghiém cua p(x)=2x*-3x+m

m=0

<:>2m2—3m+m:0<:>2m2—2m:0<:>2m(m—1):0<:{m_1.

Bai 11. Tim tat ca gia tri thuc ciia m dé d6 thi ham sé y = c¢6 dung Mot tiém can ding.

X2 —mx+m
Loi giai
Xét phuong trinh g (x)=x*—mx+m=0

Do thi ham s6 ¢6 1 duong tiém cin < g(x)=0 ¢6 2 nghiém phén biét trong d6 c6 1 nghiém bang 1 hogc

[[A=m’—4m>0
o g(1)=0 m=4
g(x)=0 c6 nghiém kép khic 1 < =S :
A=m?-4m=0 |m=0
g(1)=0
. . . . X*+x—2
Bai 12. Tim tat ca cac gia tri cua tham so thuc m dé do6 thi ham so6 y:T c6 hai tiém can
X*—2X+m

ding.

Léi giai
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X +x-2  (x=1)(x+2)
X2 —2X4m X2 —2X+m

Taco y=
Do thi ham sb c6 hai tiém cén ding khi va chi khi PT f(x)=x>-2x+m=0 c6 hai nghiém phan biét

A'>0 1-m>0
Lo Ix#1 m<1
thda man <1f(1)#0 ©im-1£0 < .
X#-=2 m = —8
f(_2)¢0 m+8=0

Bai 13. Tim tap hop tat ca cac gia tri thyc ciia tham s6 m dé do thi ham s6 y =

c6 dung hai
duong tiém can.
Loi giai

Taco: D =(0;+x)

Khido lim y= lim Jx-m

X—>+00 |

=0 nén do thi ham s ¢6 tiém can ngang 1a y =0 .

x-1
Ix-1_ Jx+1

1 3 .z .
= khi @6 do thi ham s6 khong cé ti¢m can dung.

x-1  x-1 VX+1

Véi m =1 d6 thi ham sé ¢6 1 tiém can dung.

Véi m=1l=y=

Do d6 dé do thi ham s6 c6 2 tiém can dtng thi m 1.
. R . X2 +m
Bai 14. Tim tat ca cac gia tri m d€ do thi ham so y = m c6 dung mot ti¢ém can dung.
X —3X+
Loi giai
X +m X +m

Tacd y= =
acoy x*=3x+2 (x-1)(x-2)

,dat f(x)=x"+m .

f(1)=0 {m+1:0

Do thi ham sb c6 mot tiém can dimg khi va chi khi =
f(2)=0 " |m+4=0

m=-1
<:{ o me{-1-4} .
m=-4

\ - N A . . ) X 22X g -1 Z X—4 ,  n A
Bal 15. Tim tat ca cac gia tri thuc cia tham s6 m dé do thi hamso y = — co 3tiém can

X" +m
Loi giai
14 14
Taco: lim y= lim X_—1 lim y= lim —=%—=—1 nén d thj ham s6 ludn co 2 tiém c4n ngang.

X—>+0 X—>+00 m X—>—00 X—>—0 m
1+— -, /l +—
X X
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Dé d6 thi ham s6 ¢6 3 tiém cén thi n6 c6 1 tiém can dimg < g(x)=x*+m c6 nghiém kép hogc c6 2

m=0

nghi¢m phan biét trong d6 c6 nghiém x =4 < { %"
m=-—

J@f—gx2+x+2

Bai 16. Tim cac gia tri thuc ctia tham s m sao cho d6 thi ham sé y = c6 dung mot

X+1
tiém can ngang.
Loi giai
Taco
2 1 2
m? —1) X% + X + 2 Jm e+
lim y = lim ‘/( ) = lim XX =Jm’-1 véi (m*-1)>0
X—>+00 X—>+00 X+1 X—>+00 1 1
+7
X
2 1 2
m? —1) X% + X + 2 Jm e+
lim y = lim \/( ) = lim - XX ——Jym*-1 voi (m*-1)>0
X—>—0 X—>—0 X+1 X—>—0 1
+7
X

D6 thi ham s6 co6 mot tiém can ngang khi va chikhi lim y=limy o Jm?—1=—Jm* -1 m=41.

X—>+0 X—>—0
Bai 17. Cho ham s y=+mx?+2x —x . Tim céc gia tri cia m dé dd thi ham sé c6 duong tiém can
ngang.
Lo giai

2_x? m-1)x* +2x
Taco: y= M =X +2x _ (m-1)

me2+2x+x__me2+2x+x

Do thi ham sb ¢o tiém can ngang khi va chi khi bic cta tir bé hon bac ctia mau va ton tai

{m>0
= m=1.

=
m-1=0
Bai 18. Tim gia trj cua tham s m sao cho d6 thi ham s6 y = 2x++/mx? —x+1+1 ¢4 tiém can ngang.

Léi giai

4% + 44X +1—(mx* = x+1 _ 2
Taco: y=(2x+1)+vVmx* —x+1= il ( " ): (4-m)x* +5x
2X+1—JmX?—x+l 2x+1—me?—x+1

Do thi ham s6 co tiém can ngang khi va chi khi bac cta tr s6 bé hon hodc bang bac cia miu sb va

m>0

oSm=4 .
4-m=0

Hmy:yw:{
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PHAN B

TRAC NGHIEM VA TU LUAN TONG HQP GOM BON PHAN

PHAN I Céu tric nghiém nhiéu phwong 4an lya chon. Mdi cAu héi thi sinh chi chon mdt phuong
an.

X+D 0, ad —bc £ 0) c6 dd thi nhu hinh v.

Cau 1. Cho ham s y =
cx+d

Y

Db thi ham s6 d4 cho ¢ duong tiém can ding bang:

A x=1. B. x=-1. C. x=0. D.y=-1.
Loi giai
Chon A.
Tir d6 thi ham sé ta thay: ham sé da cho c6 mot tiém can dimg x =1
A <z ax+b U N
Cau 2.Cho hamso y = g (c#0,ad —bc #0) co6 do thi nhu hinh vé.
CX +
YA |
AR I —
_‘-h"'“—-.__ O : -
T i lr.—'
e
:II
|Ii"a_
Do thi ham sb d4 cho ¢ duong tiém can ngang bang:
A x=2. B. x=1. C.y=1 D.y=2.

Loi giai
Chon C.
Tir d6 thi ham sé ta thay: ham sé da cho c6 mot tiém cén ngang y =1
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8X+D 0, ad —bc £ 0) c6 dd thi nhu hinh v.

Cau 3.Cho ham s y =
cx+d

AY

-0 1
Db thi ham sb d4 cho ¢ duong tiém can ngang bang:
A x=-1. B. x=2. C.y=-1 D.y=2.
Loi giai

Chon D.

Tir d6 thi ham s6 ta thay: ham sé da cho c6 mot tiém cén ngang y = 2

ax’ +bx+c
mx +n

Cau4. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

/
/7
!
w

Q s
U R | | /A

D6 thi ham s6 d4 cho ¢ bao nhiéu duong tiém can?
A 4. B. 2. C. 1. D. 3.
Loi giai
Chon B.
Tir d6 thi ham s6 ta thay: ham sé da cho c6 mot tiém can dimg va 1 tiém can xién.

ax’+bx+c
mx +n

Cau’5. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.
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Db thi ham s d4 cho ¢ duong tiém can dung bang:

A x=-2. B. x=-1. C.y=-2. D.y=-1.
Loi giai
Chon A.
Tir d6 thi ham s6 ta thay: ham sé da cho c6 mot tiém can diung X = —2
2
Cau6. Chohamsé y=2XF2X*C o0 m=0) voi ab.c,m.n Iacic s the va co db thi 13 (C) b
mx+n

dang nhu hinh V& sau.

/.2

-2

Khang dinh nio sau dy sai?
A. D6 thi ham s6 (C) c6 tiém can ding 1a duong thang x =1
B. P4 thi ham sé (C) c6 tiém can xién 1a dudng thang y = x+ 2
C. b6 thi ham s6 (C) c6 tiém can ngang 1a duong thang y =0
D. Giao diém cuia tiém can dung va tiém can xién co toa do (13).
Loi giai
Chon C.
Duya vao d6 thi ta thay:

Tiém can ding 1a duong thang x =1 va tiém can xién y = x+2
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D6 thi ham so (C) khdng c6 tiém can ngang

Giao diém cua tiém can diing va tiém can xién co toa do (1; 3).

ax’ +bx+c
mx +n

Cau7. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

Khang dinh nao sau day dang?
A. D6 thi ham s6 (C) c6 tiém can ding 1a duong thang x =0
B. B6 thi ham sé (C) ¢ tiém can xién 1a duong thang y =1
C. b6 thi ham sé (C) c6 tiém can ngang 1 dudng thang y = x
D. Giao diém cuia tiém can dung va tiém can xién co toa do (11).

Loi giai

Chon D.

Duya vao d6 thi ta thay:

Tiém can dang 1a duong thang x =1 va tiém can xién y = x

Db thi ham s6 (C) khdng cé tiém can ngang

Giao diém cua tiém can ding va tiém can xién c6 toa do (1,1).

ax’+bx+c
mx +n

Cau8. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.
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Y

______________,______________
8

127~
Db thi ham s6 d4 cho ¢ duong tiém can ding bang:
A x=2. B. x=1. C. x=-1. D. x=-2.
Loi giai
Chon B.
Tir do thi ham sé ta thdy: ham sé d& cho c6 mot tiém can dimg X =1
2
~ N x X X . . £ A . L
Cau9. Chohamso y _ A tbx+ce (a0, m=0) véi a,b,c,m,n lacac sb thuc va co @b thila (C) co
mx+n

dang nhu hinh V& sau.

61--1

- Y

o 1t 2
Db thi ham sb d4 cho ¢ dudng tiém can xién bang:
A x=-1. B. x=1. C. y=x+3. D.y=x-3.
Loi giai
Chon C.
Tir @6 thi ham s6 ta thay: ham sé d& cho c6 mot tiém can xién y = x+ 3

ax® +bx+c
mx +n

Cau 10. Chohamsd y = (a=0,m=0) VSi a,b,c,m,n la cac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.
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AY

1 5
>
4 +

-6 -5 & 87T300] 1 2 3

| O |
-3
-4
-5
Db thi ham sb d4 cho c6 dudng tiém can xién bang:
A y=x+2. B. x=-2. C.y=-2. D.y=x-2.
Loi giai

Chon A.

Tir @6 thi ham s6 ta thay: ham sé d& cho c6 mot tiém cin xién y = X + 2

ax’+bx+c
mx +n

Cau 11. Chohamsd y = (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.

Y

Db thi ham sb d4 cho ¢ duong tiém can xién bang:
A y=x-1. B. x=-2. C.y=-2. D.y=-x-1.
Loi gidi
Chon D.
Tir @6 thi ham s6 ta thay: ham sé d& cho c6 mot tiém cin xién y = X + 2

ax® +bx+c
mx +n

Cau 12. Chohamsd y = (a=0,m=0) VSi a,b,c,m,n la cac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.
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Ay
£ -

Q [

I

I]1S
>

N

TR

5 4-3-2\ |0

Db thi ham sb d4 cho ¢ dudng tiém can xién bang:
A y=x. B. x=-1. C.y=-1. D.y=-x.
Loi giai
Chon D.
Tir d6 thi ham sé ta thay: ham sé da cho c6 mot tiém can xién y = —x

Cau 13. Cho hamsé y = f (x) c6 d thi nhu hinh v&.

¥

D6 thi ham s6 d4 cho ¢ bao nhiéu duong tiém can?
A. 4. B. 2. C. 1. D. 3.
Loi giai
Chon A.
Tir d6 thi ham sé ta thay:

lim f(x)=-1 nénduong thing y=-1 la mot duong tiém can ngang.

X—>—00

lim f(x)=1nén duong thing y =1 la mot duong tiém cén ngang.

X—>+00
D6 thi ham s6 ¢o hai tiém can ngang 1a y = +1.
Tuong ty

lim f(x)=-+o va lim f(x)=—c nénduong thing x =-2 1a duong tiém cén dimg.

x—>-2" X—>-2"

lim f (X)=+00 vava lim f (x)=-o nén dudng thing X =-2 la duong tiém cin dimng.

X—2~ x—2"
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D6 thi ham s6 ¢o hai tiém can ding 1a x = +2.
Vay d thi ham s c6 4 duong tiém can.

Cau 14. Chohamsé y = f (x) c6 do thi nhu hinh v& duéi day.

O T

Tong sb tiém can dimg va tiém cén ngang cua d6 thi hamsé y = f (x) la:
A 4. B. 3. C. 2. D. 1.
Loi giai
Chon B.
Dua vao do thi ciia ham s6 y = f (x) ta co:
X) =1 nén duong thang y =1 1a mot duong tiém can ngang cta dd thi ham s6 y = f ( )

X) =3 nén dudng thing y =3 1a mot duong tiém cin ngang ctia do thi hams6 y = f (x).

X

N—

=+o0 va lim f(X) =+ suy ra dudong thang x=0 la tiém can ding cua do thi ham sb
x—0"
X).

Vay d6 thi ham s6 y = f (x) c0 tat c4 3 dudng tiém can.

Cau 15. Cho hamsé y =22 (0. ad —bc = 0) c6 db thi nhu hinh vé.

cx+d

-
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Phuong trinh dudng tiém cin ding va duong tiém can ngang cua do thi ham sé 1a
A. Tiém can ding x=-2, tiém can ngang y=1. B. Tiém cén dGng X =2, ti€ém cdn ngang y =-1.
C. Tiémcan dung x =1, tiém can ngangy =—-2. D. Tiém can dung x=-1, tiém cdn ngang y=2.
Loi giai
Chon A.
Dua vao d6 thi ta c6

lim f(x)=+o0; Ii(m f (X)=-o nén duong thing X =-2 a tiém cén dimg ctia do thi ham so
x—(-2)" x—(-2)"

y=f(x).
+) lim f(x)=1; lim f(x)=1 nén duong thdng y =1 la tiém c4n ngang ding ciia d6 thi ham s6
y=f(x).
A .z ax+b ‘s A e
Céau 16. Chohamso y= q (c#0,ad —bc #0) cb bang bién thién nhu sau:
CX +
T |—o0 3 +00
f'(x) — -
1 +o0
2
f(z)
L
—00 2

Tiém can dung cia do thi ham sé d& cho la:

A y=3. B. x=3. C.y:%. D.y=

N |-

Loi giai
Chon B.

Nhin bang bién thién ta thiy x =3 ham sb khong xac dinh nén x =313 TCD cua d6 thi ham s6

. L ax’ +bx+c . . L K aea
Cau 17. Chohamso y=———— (a=0,m=0) voi a,b,c,m,n la cic so thyc va co bang bién thién
mx +n
nhu sau:
X — -2 -1 0 +oo
V' + 0 — — 0 +

Tiém can dung cta d thi ham sé d& cho la:
A x=-2. B. x=-1. C. x=0. D.y=-1.
Lo giai
Chon B.
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Nhin bang bién thién ta thdy x = —1 ham s6 khong xac dinh nén x=—1 1a TCD ctia d6 thi ham sb

Cau 18. Cho hamsé y = f (x)co bang bién thién nhu sau:

X | -o0 0 3

}.J'

_on -3

Tong s6 tiém can ding va tiém can ngang cta d6 thi ham sé d4 cho la:
A. 2. B. 3. C. 4.
Loi giai

Chon B.

Nhin bang bién thién ta thiy x=0 ham s6 khong xac dinh nén x=0 1a TCP cta d6 thi ham s6

lim f(x)=3=y=3 la TCN cuia dd thj ham s6

X—>+0

lim f(x)=1=y=11a TCN cia dd thji ham sb

X—>—00
Viy ham sb ¢6 3 tiém cén

Cau 19. Chohamsé y = f(x) c6 bang bién thién nhu sau:

r |—oa 0 1 “+o0
y - - 0 +
9 +00 +00
Yy
\ ) \ ]
Tong s6 tiém can dimg va tiém can ngang cta d6 thi ham sé d4 cho la:
A 4. B. 1. C. 3. D. 2.
Loi giai
Chon D.

Hamso y = f (x) co tap xéc dinh: D =R\ {0}.
Ta co:

lim f(x) =+ Khong ton tai tiém cén ngang khi x — +oo.

X—>+0

lim f(x)=2 vayhamsd y = f(x) cd tiém can ngang y =2.

)!Lr‘glf(x)=+oo; XILT f(x):—4.

P thi ham s6 y = f (X) c6 tiém can dung x=0.

Vay tong sb tiém can dimg va ngang la 2.
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Cau 20. Cho hamsé y = f (x) c6 bang bién thién nhu hinh sau

x |- -1 0 1 +o0

_E/ \ . /'1

-0 -

Tong sb dudng tiém can ngang va tiém can ding ctia do thihamso y = f (x) la

A. 3. B. 2. C. 4. D. 1.
Loi giai
Chon C.

Vi limy =4, lim y =-1= DJ thi hdm s6 c6 hai tiém cAnngang 1a y=-1va y=4.

X—>—0 X—>+0

lim y =400, lim y=—00=> D thi ham sb ¢o tiém cin dimg X=-1.
1+

x—>-1" X—>—

limy =—o0, lim y = +00 = D5 thi ham s6 ¢6 tiém can dimg X =1.
x—1*

x—1"
Nén dd thi ham s c6 4 duong tiém can.

Cau21. Chohamsé f(x) c6 bang bién thién nhu sau:

x —o0 -2 +00
+o0 3
f (x) / /
o 1
Tong sb tiém can ngang va tiém can dung cta do thi ham s da cho la:
A 4. B. 3. C. 1 D. 2.
Loi giai
Chon D.
lim f (x)=3 ta dugc tiém cén ngang y =3
Ii(m f (X) =+ ta dugc tiém cin ding X =-2
x—(-2)
Cau 22. Cho hamsé y = f(X) cd bang bién thién nhu sau
x — 0 1 +oo
1 + —_ +
2 5
Tong s6 tiém can ngang va tiém can dung cta do thi ham sé da cho 1a
A 4. B. 1. C. 3. D. 2.
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Loi giai

Chon C.
Duya vao bang bién thién ctia ham s ta co:

lim f(x) =0= y=0Ia mot tiém can ngang

X—>—0

lim f(x)=5= y=5Ia mdt tiém cén ngang

X—>+0

lim f (x) = —0 = x =114 mdt tiém can ding

x—1"
Vay dd thi ham s6 co tong sé duong tiém can 1a 3.

Cau 23. Chohamsé y= f(x) lién tuc trén R\{1} c6 bang bién thién nhu hinh v&. Tong s6 dudng ti¢m

can ding va dudng tiém can ngang cia d6 thi ham s y = f (x)

X —o0 -1 1 440

/
\?%

—2
-1
. /
A 1l B. 4. C. 2. D. 3.
Loi giai
Chon D.
Do limy =—oo; lim =+00 = TCD: x =1.
x—1* x—1"
lim y =—1; lim y =1= db thi ¢6 2 tiém can ngang 1a y =+1
Viy, d6 thi ham s6 d4 cho c6 tong sé6 TCD va TCN 1a 3.
Cau24. Chohamsé y=f (X) 6 bang bién thién nhu sau
X a0 2 : +
S (x) |
0 == | o
f(x) \ \.I
—o —a ‘ —
Tong s6 tiém can ding va tiém can ngang ctia d6 thi ham sé da cho 1a
A 4. B. 2. C. 3. D. 1.
Loi giai
Chon C.
Ta co:

lim f(x)=0 nén dwong thing Y =0 1 duong tiém can ngang ctia db thi hamsé Yy = f ().
X——0
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lim f(x)=—o néndd thihamsé ¥ = f (X) khong c6 tiém can ngang khi X — +o0.

X—>+0

lim f(x)=+ow, lim f(x)=-w nén dudng thang X =—2 1a duong tiém can ding cta do thi ham sb
x—-2" Xx—-2"

y:f(x).

lim f(x)=+00, lim f(x)=—-w nén duong thang x =2 la dudng tiém cin dung ctia d6 thi ham s6
x—2" X—2"

y:f(x).

Viy tong $6 tiém cin dimg va tiém cin ngang ctia d6 thi ham s6 d4 cho 1a 3 tiém can.

. . Y. 3X+2 . .
Cau 25. Tiém can ding cua do thihamso y = la duong thang co6 phuong trinh:

A X=2. B. x=-1. C. x=3. D. x=-2.
Loi giai
Chon A.
Ta co:
] . 3X+2 . . 3X+2
limy=Ilim =+oo, lim y = lim = —o0,
x—2" xo2t X—2 X—2~ X2 X—2

) Y 3X+2 . .
Do d6 tiém can ding cua d6 thi hamso y = la duong thang c6 phuong trinh x—2.

Cau 26. Tiém can ngang cua dd thi ham s6 y = ol la
X+
A y=-2. B. y=1. C. x=-1. D. x=2.
Loi giai
Chon B.

e X—2 o X=2
Tacd lim——=1va lim——=1
x>+ X 4+1 x—>-o X 4+1

Suyra Y =1 Iatiém can ngang cua dd thi ham sé.
Cau 27. Tiém can dirg ctia d6 thi ham s6 y = X—_; la
X_
A. x=-3. B. x=-1. C. x=1. D. x=3.
Loi giai
Chon D.

x-1 . 7
lim X—3 — _o0 . Suy ta tiém can dimg 1a duong thing x = 3.
x=>3 X —

Cau 28. D6 thi ctia ham s6 ndo dudi ddy ¢ tiém can ding?

2

X2 —3x+2 X
Ay=—"— B.y=— C.y=+x*-1 D. y=—2_
x-1 X +1 X+1

Léi giai
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Chon D.

Tacd lim —— = +oo0, lim —— = —o0 nén dudng thing x = —1 14 tiém can dimg cta dd thi ham sb.
x>-1 X+1 x>-1" X +1
A 2 A Lon N A N s AN g e s Ar 5x% —4x -1 ..
Cau 29. Tong so ti€ém can dung va tiém can ngang ctua do thi ham so yzz—lla
X —_
A. 0. B. 1. C. 2. D. 3.
Loi giai
Chon C.
Tiém cédn ngang:
4 1
5x% —4x—1 X25__2] 5
Taco: lim y= lim 22— """== |im X X"J_ Jim —* X _5 nan db thi ham sé co
X—>+30 X—>+0  x° —1 X—>+00 2(1 l] X—>+0 g _ i
X“11-— 5
X X
mot ti€ém can ngang Yy =5.
Tiém can ding:
Cho X2 =1@[X:1
Xx=-1
2 _4x-— 5x+1)(x-1 :
Taco: limy = lim 24 L i OXHDOY i 5xHL_6 g e x =1khdng 14 tiém can dimg.
x—1 x—1  x2_-1 x—1 (X+1)(X—1) x-»>1 X+1 2

lim y= lim

5x2—4x-1 .. 5x%—_4x-1 . 1 5x%—4x-1
——= lim —————==lim =—o0
x->(-1) " xo(-) x7=1 (-] (X+1)(X=1)  xo(-1)y

- x+1 x-1
. 1
lim —— =+
o) x+1
Vi 2
5x°—4x-1
Khi d6, d6 thi ham s6 c6 mot tiém can dimg x = —1.
Tong cong do thi ham sb ¢ 2 tiém can.

Cau 30. D6 thi ham s6 y =— 2 c6 May tiém can?
X

A. 3 B.1 C. 2 D.0
Loi giai
Chon C.

Tacod x¥*-4=0<x=42

Iin;( XZ_ 24 j :% nén duong thang X =2 khong phai 1a tiém can dtimg ctia d6 thi ham sd.
X—> X —

lim ( X2_2 ]: lim L:+oo, lim ( X2_2 ]: lim L:—oo, nén duong thang X =-2 la tiém can
=2\ x° =4 x=>-2" X4+ 2 x—(-2) 2

dung cta do thi ham sd.
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. X—

Ilm( >

X—>*oo X —
Viy ¢6 d6 thi c6 hai dudng tiém can.

2

A PP XT=3X+2 ..

Céu 31. bothihamso y= 1 O tiém can xién la:

X_

] 0 nén dudng thang y =0 la tiém can ngang ctia dd thi ham s

B. y=x+2

D. khdng c6 tiém can xién

A y=x-2
C.y=x-1
Loi giai
Chon D.
2_ x—1)(x-2 . .
_Xo3xa2 (xD(X=2) L, e thi ham sé khong co tiém can xién
x-1 x—1
Cau 32. D6 thi ham s6 y = x+2025— i’ c6 tiém can xién Ia:
X+
A. y=x+2025 B. y=x-2025 C. y=x-2026 D. y=x+2026
Loi giai
Chon A.
2026
= f +2025-——
y ( ) X+1
lim [ f (x)—(x+2025)]= Iim( 2026] 0; lim [ f (x)—(x+2025) | = lim (— 2026]:0 nén d0 thi
X—>+o0 X—>+0 X+1 X—>—%0 X—>—0 X+1
ham sb ¢o tiém can xién 12 y = x + 2025
2_
Cau 33. B0 thi ham sb y:%m c6 tiém can xién 1a:
—X
A y=x-1 B.y=—x+1 C.y=—x- D.y=x+1
Loi giai
Chon B.
X —5x+2 2
=f(x)=—=-Xx+1-———
y ( ) 4-X 4-X
. 2 . 2 A A e a Z
lim [ f (x)—(-x+1)]= lim =0; lim [ f (x)—(-x+1)]=lim | ————|=0 nén d5 thi ham s6
X—>+00 X—>+0 —X X—>—00 X—>—00 4—X
cl tiém can xién la y =—x+1
Cau 34. Duong tiém can xién cua do thi ham sé f () x+3+2x N c¢6 phuong trinh 13
+
A. y=2x+1. B. y=x-3. C. y=x+3. D. y=2x-1.
Loi giai
Chon C.
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Do lim [ f(x)—(x+3)]= lim

X—>+0 x—10 X + 1

=0 nén duong thang Y =2x -1 1a duong tiém can xién cua do thi

ham s6 d4 cho.

2
Cau 35. Dudng tiém can xién cia do thi ham s6 f () =2X—_53X di qua diém nao sau déy?
X+
A. (53). B. (-4;-5). C. (6;-1). D. (2;-10).

Loi giai
Chon C.
Tap xac dinh: D =R\ {-5}

. f(x . 2x%=3x
« a=Ilim ( ): lim — =
X—>+00 X X—>+0 Y +5X

2
e b= tim| 273 ox|= im 22X a3
X—>+00 X+5 X—>+00 X+5

2

Tuong tw do a= lim 095 v tim [ f(x)-2x]=-13

X—>-o ¥ X—>—0
Viy duong thang y = 2x —13 1a duong tiém can xién cua d6 thi ham sé d4 cho va duong thang nay di
qua diém (6;-1).

Cau 36. Puong thang y = x+1 la tiém can xién caa d6 thi ham sé nao duéi day?

_ 2 2
A.yzx2 1. B. y=+x*—2x+3. C.y:X L D.yzw.
X +1 X—2 2x+1
Loi giai
Chon D.
2 f(x
Xét y = f(x):x—+21 khido tim ) 1 va fim [f(X)-x]=2= TCX:y=x+2
X_ X—>+o0 X X—>+oo
~ N X 2x% —3x -1 A A n . PR £ 1s \ 2
Cau 37. Chohamso y =, Tiém can xién cua do thi ham so la duong thang:
X_
A y=2x-1. B. y=2x+1. C. y=2x-3. D. y=2x+3.
Loi giai
Chon B.
y:2x+1—L
Chia tir thic cho mau thirc ta duoc . ~“ = Tiém can xién cua do thi ham sb 1a dudng
lim——=0
X0 ¥ — D

thang c6 phuong trinh y = 2X+1.
Cau 38. Xac dinh toa d giao diém cua dudng tiém can dung va dudng tiém can xién caa do thi ham sé

_2x5-3x+2
x-1
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A (12). B. (L1). C. (-1). D. (3,0).
Loi giai
Chon B.
P 2x% — 2 1 , e , .
Taviet lai y = % =2x-1+ 1 nén do thi ham so c6 tiém can dung 1a duong thang x =1 va
X— X—

duong tiém can xién 1a dudng thang 2x —1

X = 1 X = 1 Iy . \
Xét hé phuong trinh { & { L nén giao diém cua hai duong tiém can la 1(1;1).

y=2x-1 y =
Cau 39. Sb tiém can ding cta d thi ham so y = —”XjH la
X" +X
A 2 B.1 C.3 D. 0
Loi gidi

Chon B.
Tap x4c dinh ciia ham sé: D =[-4;+%0)\{0;-1}
Taco: limy = L

x—0 4

lim y=tim Y472 e tim y= lim X2

x—(-1)" x=>(-1)" X"+ X x—>(-1)" x—(-1)" X"+ X
= TCD: x=-1.

Vay d6 thi ham s6 ¢6 1 tiém can dtng.

Cau 40. D4 thi hamsd f (x) = \/);:__11 cO tat ca bao nhiéu tiém can ding va tiém can ngang?
A 4. B. 3. C. 1. D. 2.
Loi giai
Chon B.

Tap xéac dinh cia ham sé6 D = (—o0; —1) u(L +oo)

\/ l
THL: x<-1=> x+1<0.Khido f(x)= x+1 _ (x+ x+1

\/x—l \/x1x+1 X —

Suy ra ham s6 TCN y=-1, khong c6 TCP.

1[ l
TH2: x>1=> x+1>0.Khido f(x)= x+1 _ (x+ /X+

Ix2 -1 \/x 1)(x+1)

Suyrahamsé TCN y=1, TCP x=1.
Vay ham s6 c6 2 TCN va 1 TCN
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PHAN II. Cau trac nghiém ding sai. Trong moi y a), b), ¢), d) & moi ciu, thi sinh chon ding hoic

sai.
Cau 41. Chohamsé y= f(x) x4c dinh va lién tuc trén R\{0} va c6 dd thi nhu hinh bén.

YA

a) D6 thi ham s6 y = f (x) ¢6 dudng tiém can ding x =1, dudng tiém can ngang y =0.
b) Ham s6 y = f (x) khong c6 cuc tri.
c) Hams6 y = f (x) nghich bién trén khoang (—o0;0).
d) Ham s y = f (x) dong bién trén khoang (0;+x).
Loi giai
a) b) c) d)
SAI PUNG PUNG SAI

T d6 thi ta co:

Do thi ham s y = f (x) c6 dwong tiém can dang x =0, dudng tiém can ngang y =1.
Hamso y = f (x) khéng co cuc tri.

Ham s6 y = f (x) nghich bién trén cac khoang (—o0;0) va (0;+).

ax’+bx+c
mx +n

Cau 42. Chohamsd y= (a=0,m=0) VSi a,b,c,m,n lacac sb thuc va co @6 thi la (C) co

dang nhu hinh V& sau.
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a) Ham sé y = f (x) nghich bién trong khoang (—o;1) va (3;+), dong bién trong khoang (1;2) va

(23).

b) D6 thi ham s6 y = f (x) c6 tiém can ding lax =2 va tiém can xién lay = x +1.
c) Pd thi ham s6 y = f (x) c6 diém cuc dai (L,1) va diém cuc ticu (3;5).
d) Trén khoang (2;+o), hamsé y = f (x) khdng c6 gid tri nho nhat.
Loi gidi
a) b) c) d)
SAI PUNG PUNG SAI

Tur db thi ta co:

a) Ham sé y = f(x) dong bién trong khoang (—oo;1) va (3;+0), nghich bién trong khoang (1;2) va
(2;3).

b) D6 thi ham s6 y = f (x) c6 tiém can ding lax =2 va tiém can xién lay = x +1.

c) Pd thiham s6 y = f (x) c6 diém cuc dai (L,1) va diém cuc ticu (3;5).

d) Trén khoang (2;+o), gia tri nho nhat cua hamsé y = f (x) bang 5.

2
Cau 43. Cho ham sé y= 2 FPX*C o0 m£0) voi ab,c,m.n 14 cic s thye va o db th 13 (C) b
mx+n
dang nhu hinh V& sau.
2 141, /
AN
/= A
S
I
74 |
¢/ |

a) Ham s6 y = f (x) dong bién trong khoang (—oo;—1) va (—1;+o).

b) D6 thi ham s6 y = f (x) co tiém can ding lax = -1 va tiém can xién lay = x.
c) Pd thiham s6 y = f (x) c6 diém cuc dai (—2;0) va diém cuc ticu (0,-2).

d) Trén khodng (—o0;—1), hamso y = f (x)co gia tri I6n nhat.

Loi gidi
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a) b) c) d)
PUNG PUNG SAI SAI
Tu dd thi ta co:

a) Ham s6 y = f (x) dong bién trong khoang (—oo;—1) va (—1;+w).

b) B thi ham sb y

f (x) c6 tiém can dirng lax =-1 va tiém can xién lay = x.
c) P4 thiham s6 y = f (x) khdng c6 diem cyc tri.
d) Trén khodng (—o0;—1), hams6 y = f (x) khéng c6 gia tri I6n nhat.

X2 —2x+2

CAau 44. Chohamsb y=
X+2

a) Ham s co hai tiém can.

b) Giao diém cua hai tiém can 1a 1(—2;-86).

¢) Khoang cach tir O dén tiém cén xién bang 42
d) Tiém can xién ciia ham s6 di qua diém M (0;—4).

Loi giai

a) b) c) d)
PUNG PUNG SAI PUNG

10

Taco y=x—-4+ :
X+2

lim y =00 nén x=-2 latiém can dimg ctia dd thi ham sé.

X—>—2

.10 A S bAoA A . A o X
lim——=0 nén y=x-4 latiém can xién cua do thi ham so.
X0 X 4 2

. 2 . e n o X=-2 X=-2
Giao diém cua hai tiém can théa man & .
y=x-4 y=-6

A A ALy 4
Khoang cach tir O dén tiém can xién bang ﬁ .

Mait khac ~4=0—4 nén M nam trén tiém can xién.

Cau 45. Chohamsé y = f(x) x4c dinh va lién tuc trén R va c6 do thi nhu hinh bén.

https://www.facebook.com/truongngocvy8/ Trang 20 Truong Ngoc V¥ - Nha Trang


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuong 1 - Ung dung PH dé khdo sdt va vé PTHS - Tréic nghiém va tw ludn 4 phin
yi

Dung chung 3 bg sdach

=T

=1
2
a) Do thi ham sé y = f (x) khong c6 tiém can dirng

b) D6 thi ham s6 y = f (x) chi cé mdt tiém can xiény = x—1

¢) D6 thi ham sé y = f (x) khéng cuc tri.

d) D6 thi ham sé y = f (x) khong c6 tiém can ngang

Loi giai
a) b) c) d)
PUNG SAI SAI PUNG
Tu dd thi ta co:

a) Po thiham sé y = f (x) khéng co tiém can ding

. g s o 1

b) D6 thiham so y = f (x) ¢ haitiém can xieny=Xx—= va y=—X+=
¢) Bo thi ham sé y = f (x) c6 mot diém cuc tiéu.
d) D6 thi ham sb y = f (x) khong c6 tiém can ngang

Cau 46. Cho hamsé y= f(x) x4c dinh va lién tuc trén R\{-1;,1;2} va c6 do thi nhu hinh bén.
| y I

| \

| '

| II| N
| 1

a) Do thi ham sé y = f (x) c6 hai dudng tiém can ding x=-1 va x =1

b) D6 thi ham s6 y = f (x) c6 mot duong tiém can ngang 1a y =1.

c) Hamsé y = f (x) nghich bién trong khoang (-o0;1);(-11);(12) va (2;+=)
d) Ham s6 y = f (x) khéng c6 cuc tri.
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Loi giai

a)

b)

c)

d)

SAl

PUNG

PUNG

PUNG

Dung chung 3 bg sdach

Duwa vao do thi caa ham s, ta c6

a) Ii(m f (X)=+o0 va Ii(m f (X) =—o0 nén dudng thing x =1 la dudng tiém cén dimng.
x—(-1)" x—(-1)"

lim f (X)=+o0 va lim f (x)=-o nén duong thang X =1 la dudng tiém can dimg.

x—1" x—1"

lim f (X)=+00 vava lim f (x)=-o nén dudng thing X =-2 la duong tiém cin dimng.

x—2* X—2"~

b) lim f(x)=1va lim f(x)=1 nén duong thang y =1 la mot duong tiém can ngang.

c) Hamsé y = f (x) nghich bién trong khoang (—o0;1);(-11);(12) va (2;+=)
d) Ham s6 y = f (x) khéng c6 cuc trj.
Cau 47. Chohamsé y = f(x) x4c dinh va lién tuc trén R\{-11} va c6 dd thi nhu hinh bén.

b Y

0,5 1 3

a) Do thi ham sé y = f (x) c6 tong s6 duong tiém can ding va tiém can ngang bang 3.
b) Ham sé y = f (x) c6 gié tri nho nhat miny =0.
c) Hamsé y = f (x) dong bién trén cac khoang (—o0;—1) va (1;+0)
d) Bb thi ham s6 y = f (x) c6 mot diém cuc tri
Loi gidi
a) b) c) d)
PUNG PUNG SAI SAI

Duwa vao d6 thi caa ham s, ta c6

a) Ta co: Iirpw f(x)=2 nén d6 thi ham sb ¢6 1 dudng tiém cén ngang 14 y =2
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Lai thay: lim f(x)=+c0 V& lim f (x) = néndd thi ham s6 c6 2 dudng tiém cin ngang 1a

x—-1" x—1"

x=-1;x=1
Viy dd thi ham s c6 3 duong tiém can

b) Him s6 y = f (x) c6 gia tri nho nhat miny =0.

¢) Hamsé y = f (x) ddng bién trén cac khoang (—oo;—l);(—%;oj;(%;lj va nghich bién trén cac khoang

(—1; —%) (L +00)

d) DS thi ham sb y=f(x) c6 ba diém cuc tri véi 1 diém cuc dai (0;1) va 2 diém cyc tiéu

S

Cau 48. Cho hamsé y = f(x) xac dinh va lién tuc trén R\{-2} va bang bién thién nhu hinh sau:

T | —0o0 —2 +00
f'(x) - -
—1 +00
f(x) \
—1

a) Po thiham sé y = f (x) c6 duong tiém can dimg x = -1
b) P6 thi ham s6 y = f (x) c6 duong tiém can ngang y=—-1
c) Hamsé y = f (x) nghich bién trong khoang (—o0;-2) va (-2;+)
d) B thi ham s6 y = f (x) khong c6 diém cuec tri.
Loi gidi
a) b) c) d)
SAl DPUNG DPUNG DPUNG

Tir bang bién thién ta thiy:

a) Po thiham sé y = f (x) c6 duong tiém can dimg x = -2

b) D6 thiham sé y = f (x) c6 duong tiém can ngang y = -1

c) Hamsé y = f (x) nghich bién trong khoang (—o0;—2) va (-2;+)
d) B thi ham s6 y = f (x) khong c6 diém cuc tri.

Cau 49. Chohamsé y= f(x) xac dinh va lién tuc trén R\{-2;0} va bang bién thién nhu hinh sau:
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r |—o0 -2 0 1 +00
Y + + + 0 -
400 1 2
2 —00 400 3

a) S6 duong tiém can dang cua dd thi ham sé da cho 14 2
b) D6 thiham sé y = f (x) cd ba duong tiém can ngang.
c) Hamsé y = f (x) nghich bién trong khoang (1;+0)
d) B thi ham sb y = f (x) c6 hai diém cuec tri.
Loi gidi
a) b) c) d)
SAI PUNG PUNG DUNG

Dua vao bang bién thién, ta co

a)

lim y=+00, lim y=—o suyra x=-2 la dudng tiém can dimg ctia dd thi ham sd.

X—>-2" x—>-2"

lim y =+ suyra x=0 1a duong tiém can ding ciia do thi ham sé.

x—0"
Viy dd thi ctia ham s6 ¢6 2 duodng tiém cén dimg.
b) P4 thi ham s6 y = f (x) c6 hai duong tiém cin ngang y=2;y =3

lim y=2,suyra y=2 la duong tiém cin ngang cua do6 thi ham sb.

X—>—0

lim y=3,suyra y=3 la dudng tiém can ngang ctia dd thi ham sd.

c) Hamsé y = f (x) nghich bién trong khoang (1;+0)

d) Do thiham s6 y = f (x) ¢6 1 diém cyc dai la (1;2).

Cau50. Cho ham so y=f(x) co lim f(x)=2, lim f(x)=+0, lim f(x)=-2025,

X—>+00 X—>—00 X _)(_3)

lim f(x)=+00, lim[ f(x)—(x-2)]=0, lim[ f(x)-(x-2)]=2024.

x—(-3) X—-+o0 X—>—o0
a) D6 thi ham sé d4 cho c6 dung mot tiém can ngang.
b) D6 thi ham sé d4 cho c6 dung mdt tiém can dung.
¢) D6 thi ham sé d4 cho c6 dung mdt tiém can xién.

d) D6 thi ham sb d4 cho ¢ diing ba tiém can.
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Loi giai
a) b) c) d)
PUNG PUNG PUNG PUNG

Ta co:

lim f (x)=2 = duong thing y =2 I3 tiém cén ngang cta y = f (x).

X—>+0

lim f(x)=-2025 = duong thing x =-2024 la ti¢m can dung ctia y = f (x).

x—(-3)

lim [ f(x)—(x—2)]=0 = dudng thing y =x—2 latiém can xién cia y = f(x).

X—>+0

Vay D6 thi ham s6 da cho c6 ding ba tiém can.

Cau51. Cho ham s6 y=f(x) c6 do thi la duong cong (C) va cac gi6i han lim f(x)

x—2*

XILT f(x)=-2024; Xlirpw f(x)=2; XILrEO f (x)=2025.
a) Buong thang y =2 la tiém can ngang cta (C).

b) Puong thang x =1 Ia tiém can ding cua (C).

c) Buong thang x =-2024 la tiém can ding cua (C).
d) Duong thang y = 2025 Ia tiém can ngang cta (C).

Loi giai

a) b) c) d)
PUNG PUNG PUNG PUNG
Taco
lim f (x)=1 nén duong thang x =1 la tiém can dang cta (C).
x—2F

X)=-2024 nén duong thang x =-2024 la tiém cén ding cua (C).

X—2"

=2 nén duodng thang y =2 la tiém can ngang ctia (C).

X) = 2025 nén duong thang y = 2025 la tiém can ngang cta (C).

Cau52. Cho dé thi ham sé y = 25T 6 db thi (C).
2x+4

a) Buong thang y =2 latiém can ngang cia (C).
b) Buong thang x =-2 Ia tiém can dng cua (C).

c) Ham s6 dé cho dong bién trén cac khoang (—o0;—10) va (10;+w).

d) Trén doan [3;5], ham s6 da cho c6 gid tri Ién nhat bang g va c0 gia tri nho nhat bang %

1,
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Loi giai
a) b) c) d)
SAI PUNG PUNG SAI
= =
a) Taco limy=lim —X===11lim y= lim —% =>=1 = y=1 I3 ti¢m can ngang ctia cia (C).
X—>+0 X—>+0 4 2 X—>—0 X—>—0 4 2
2+ — 2+—
X X
L -1 . 2x-1 in A s .
b) Tacod lim =+o0; lim =—00 = X =-2 latiém can dimg cua cua (C).
x>(-2)" 2X+ 4 x>(-2) 2X+4
¢) Ta co y‘=% >0 VxeR\{-2}, do d6 ham s6 da cho dong bién trén cac khoang (—o0;-2) va
2X+4

(—2;+o0) nén ciing dong bién trén cac khoang (—o0;—10) va (10;+00).

d) Tacd y‘:iz>0 vxeR\{-2} = y'>0Vxe[35]

(2x+4)
. 5 3 _51
mipy = 1(3)=gimaxy=1(6)= 75

Vay trén doan [3;5], ham s6 d cho co gia tri 16n nhét bing % va 0 gia tri nho nhat bang g

x> +2x-1

Cau 53. Cho d6 thi ham s y =
X+2

c6 do thi (C).

a) Buong thang x =-2 la tiém can ding cua (C).

b) Buong thang y =—x—4 la tiém can xién cua (C).

c) Ham s6 dong bién trén cac khoang (-5;-2) va (-2;1), nghich bién trén cc khoang (—o0;-5) va
(1 +00).

d) D6 thi ham s6 (C) c6 diém cuc dai 1a (-5;12)va diém cuc ticu Ia (10).

Loi giai
a) b) c) d)
PUNG SAI PUNG SAI
Tap xéc dinh: D =R\ {-2}
. XA +2x-1 o =x?4+2x-1 L
a) Taco lim X rex— =+o0; lim XX 6 = X =-2 latiém can ding cua cua (C)
x>(-2)"  X+2 (2 X+2
2
b) Taco y:X+—2X1:_X_|.4_L
X+2 X+2
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lim [ f (x)—(-x+4)]= lim (-%):0; lim [ f (x)—(-x+4)]=lim (-%}:0 Sy=-x+4 I

X—>+0 X—>+0 X + X—>—0 X—>—0 X +

tiém cén xién cua cua (C).

c)
— 2_
e Ta co: y':LX:S,Vx;tZ.
(x+2)
—x2_ X=-5
. y':O@LXZHs:O@—XZ—4X+5:0©{ :
(x+2) x=1
e Bang bién thién:
x —0 -5 -2 1 +
3 — 0 ¥ ¥ 0 —
400 <+ D
12 — —m0

e Tr bang bién thién, ta c6: Ham sb dong bién trén cac khoang (-5;-2) va (-2;1), nghich bién trén cac
khoang (—oo;—5) va (l; +oo).

d) Ham s6 dat cyc dai tai X =1 va Yy, = y(1)=0. Ham s6 dat cyc tiéu tai x=-5 va y.; = y(-5)=12.
Nén d6 thi ham s6 (C) ¢ diém cyc dai la (1;0) va diém cuc tiéu 1a (-5;12).

x> —8x+9

Cau 54. Cho d6 thi hams6 y = c6 do thi (C).

a) Buong thang x =5 la tiém can ding cua (C).
b) Buong thang y = x—3 la tiém can xién cua (C).
c) Ham s6 dong bién trén khoang (—o;5), nghich bién trén khoang (5;+).
d) D6 thi ham s6 (C) c6 diém cuc tri.
Lo giai
a) b) c) d)
PUNG PUNG SAI SAI

Tap xc dinh: D =R\ {5}

2 2
a) Ta co Iimw:—oo; |imw=+00:> x =5 3 tiém c4n ding cua cua (C).
X—5" X—5 x—5" X—5
2
b) Ta co y:wzx_g_i
X—=5 X—5
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Iim[f(x)—(x—?,)]:Iim(—%jzo; Iim[f(x)—(x—3)]:Iim(—%]:o =y=x-3 la tiém

X—>+0 X—>+w0 X X—>—0 X—>—0 X

can xién cua cua (C).

X* —8x+9
by y=2—2"°
) Y=" "¢
2_ r 1 r
Taco: y':w>0,w¢5. Suy ra ham so dong bién trén (—oo;5) va (5;+).

(x-5)°
d) D6 thi ham s6 (C) khong c6 cuc tri.

_2x243x-5

Cau 55. Cho hamsd (C):y = f(x) 3
X+

biét do thi ham sé c¢6 duong tiém can xién 1a duong
thang A:y=ax+b

a) Giao diém ciia A va tryc Ox c6 hoanh bang 2.

b) Giao diém ciia A va tiém can ding cua (C) c6 toa do la (-3;9).
¢) Goi A=ANOxX, B=AnOy thidién tich tam giac OAB bang %

d) Gia tri 16n nht ciia ham s6 y =ax+b trén [0;3] bang 3.

Loi gii
a) b) c) d)
SAl SAl PUNG PUNG
A | (X) s n . P N A
Tacod lim——~=2va lim [ f(x)- 2X] =—3 nén duong tiém can xién cua do thi ham so6 c6 phuong

X—>Fo0 X X—>to0

trinh la y =2x-3
a) AmOx:y:0<:>2x—3=0<:>x=g<2

b) tiém can ding cia (C) lax=-3 v6i x, =-3=y,=2-(-3)-3=-9

c) A=ANOx= A(-3;0) va B:AmOx:B(O;gj: Sons :%-3-%:

n|©

d) hamsé y=2x—3 dong bién trén R suy ra gia tri I6n nhat trén [0;3] 1a I\[gg]x y=23-3=3

2
Cau 56. Cho hamsé y :X—X;l

c6 do thila (C)
a) Do thi ham s6 (C) khéng c6 tiém can ngang.
b) Buong tiém can xién cua do thi (C) tao Vi hai truc toa d6 mot tam giac co dién tich bang >

c) Giao diém hai tiém can cua do thi (C) nam trén parabol y = 2x* -1
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d) Buong tiém can xién cua do thi (C) vudng goc véi dudng thang x+y —2025=0.
Loi gidi

3) b) ) d)
DPUNG PUNG SAI DUNG

a) Po thi ham sé khong c6 tiém can ngang.

b) Pudng tiém can xién cua dd thi ham sb 1a duong thang y = x di qua gbc toa do nén khdng hinh thanh
duoc tam giéc.

¢) D4 thi ham sé c6 duong tiém can dang 1a x =1 va duong tiém can xién 1 y = x nén giao diém hai
tiém can cua do thi 1a 1(L,1) nam trén paraboly = 2x* -1

d) Buong tiém can xién caa dd thi y = x vubng goc véi duong thang x+ y —2025=0.

x*—2x+3

Cau 57. Chohamsé y = c6 do thila (C).

a) Do thi ham s6 (C) c6 hai duong tiém can.
b) Pudng tiém can xién cua do thi (C) tao vaéi hai truc toa d6 mot tam giac vudng can.
¢) Giao diém cua hai tiém can nam trén truc tung.
d) Buong tiém can xién caa db thi (C) song song véi dudng thang x+y=0.
Loi giai
a) b) c) d)
PUNG PUNG SAI SAI

a) Do thi ham sb c6 hai dudng tiém can: duong tiém can ding c6 phuong trinh x =1 va dudng tiém can
ngang c¢6 phuong trinh y =x-1.

b) Puong tiém can xién cua d6 thi ham sé cat hai truc toa d0 Ox, Oy lan luot tai hai diém
A(1;0), B(0;-1) néntam giac OAB la tam giac vudng can

c) Giao diém hai tiém can cia do thi la A(L;0)nam trén tryc hoanh.

d) Puong tiém can xién cia do thi y = x—1 vubng goc véi dudng thang y = —x

Cau 58. Cho ham sé (C,): f(x):?;x—zl va (C,): g(x)

22 -3x-1
2x-1

. Biét d6 thi ham s6 (C,) c6 tiém

can ding va tiém can ngang 1a cac duong thang x =X, y = Y,; d6 thi ham s6 (C,) c0 tién can xién la
duong thang A:y=ax+b

a) X, +2Yy,+3b=8.

b) D6 thi ham sb (C,) cd tién can ngang la dudng thang y :%. .
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d) P thi ham s6 (C,) va (C,) c6 chung duong tiém can ding.

c) Giao diém cua ba dudng tiém can x=x,, y =Y, vd y=ax+b tao thanh tam giac cé di¢n tich bang

3
2
Loi giai
a) b) c) d)
PUNG SAI SAI SAI

Vi (C,) taco tiém can diing x = 2 va tiém can ngang y =3.

V6i (C,) taco  lim 9% 1 fim [f(X)-x]=-1=TCXA:y=x-1
X—>*too X X—>too

a) X, +2y,+3b=2+3.3+3.(-1)=8

b) Do bac tir Ion hon bac mau nén (C,) khdng cé tiém can ngang

¢) Bo thi ham s6 (C,) c6 tiém can dung x =2 , va tiém can dung cua do thi ham s6 (C,):x = 5 %2

d) Giao diém cua ba duong tiém can la (2;3);(2;1)va (4:3).

Tam giéc vudng tai dinh c6 toa do (2;3) = S =%.\/(2—2)2 #(1-3) - \J(4-2)" +(3-3) =2

2x3 +5x% -1

Cau 59. Chohamsé y=-——
X°—x+1

c6 do thila (C).

a) P thi ham s6 (C) ¢6 hai duong tiém can dung.

b) D6 thi ham s6 (C) ¢6 mot duong tiém can ngang.

¢) Hé sb goc cua duong tiém can xién caa do6 thi ham sé bang 2.

d) Puong tiém can xién caa db thi (C) tao v6i hai truc toa do mot tam giac c6 dién tich bang 47? .

Loi giai
a) b) c) d)

SAIl SAI PUNG PUNG

a) Tap xac dinh: D =R nén ham khong cé tiém can dung

b) D6 thi ham s6 (C) khong c6 tiém can ngang.

1

2+ ———

. . f .2 -1 3
C)TaCOZazllmﬂ:|ImX:L:|Im#=2.

X—>to Y xaioox(x —X+1) X%iwl_l_i_i

X2

https://www.facebook.com/truongngocvy8/ Trang 30 Truwong Ngoc Vy - Nha Trang


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 1 - Ung dung PH dé khdo sdt va vé PTHS - Trdc nghiém va tw lugn 4 phan ~ DUng chung 3 bé sdch

b= lim(y-2x)= lim =17.
xeioo(y ) X—>to0 X2—X+1 2_x+1

X—>Fo0 X

£2x3 +5x° —1_2X] _ i X2 2x-1

= y=2x+7 latiém can xién caa d6 thi ham s6 va c6 hé s6 goc k = 2.

d) Duong tiém can xién cua do thi y =2x+7 cit tryc tung tai diém A(0;7)va cét truc hoanh tai diém

B(—Z;Oj nén dién tich 1a: Sg,p :1-7- ! :4—9
2 2 2| 4
Jx+16 -4

Cau 60. Cho d6 thi hams6 y = c6 do thi (C).

X% + X

a) Buong thang x=-1 va x=0 la hai tiém can déng cua (C).
b) Buong thang y =0 Ia tiém can ngang cua (C).

¢) D6 thi ham sé d4 cho c6 mot tiém can xién.

d) D6 thi ham sb dé cho chi ¢6 hai duong tiém can.

Loi giai
a) b) c) d)
SAI PUNG SAI PUNG

Tap x4c dinh ham s6 D =[-16;+0)\{-10}.
a) Tacd
limy = lim 2104 i, X — lim ! 1
o0 T o0 (XHL)X 00 x(x +l)(M+4) =0 (X +l)(M+4) 8
lim y = lim 204 i, X — lim ! 1
o0 T o0 (X)X e x(x+l)(\/T16+4) x0" (x+l)(M+4) 8

Do d6 dudng thang x =0 khong phai la tiém can ding cia (C).

I|m y_ I|m yXx+16— 4— lim ! = +00.
() ( Dx ol (x+1)(Vx+16 +4)
Vi Ii(m) (\/x+16+4):\/15+4>0, Ii(m) (x+1)=0 va x—>(—1)+ thi x>-1=x+1>0.
x—(-1)" x—(-1)"
. . 1
Tuong ty lim y= lim =—00,

o) o) (x+1) (\/x +16 + 4)

Do d6, d6 thi ham s6 d4 cho c6 tiém can dimg 14 x = 1.
b) Tacd

lim y = lim X024 iy X ~ lim ! -0

kot xome (X41)X X—>‘°°x(x+1)(\/ﬁl6+4) X_"°°(X+1)(x/m+4)
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\/x+16—4_ ) X 1 0

limy=lim lim = lim =

w0 o (X+1)X X—>+°°)(()(Jrl)(\/T16+4) X—’+°°(x+1)(«/m+4)

Do d6, duong thang y =0 la tiém can ngang cua (C).

JX+16 4

X +X

c) Himsb y = c6 mii tir nhé hon mil mau nén khdng co tiém can xién.

d) B thi ham sb da cho chi c¢6 hai duong tiém can 13 x=-1 va y=0
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PHAN III. Céu tric nghiém tra 16i ngan. Méi ciu héi thi sinh chi tra 167 dap an.

Cau 61. Cho hamso y = f (x) c6 bang bién thién nhu sau

Tong s6 dudng tiém can ngang va duong tiém can dung cta do thi ham sé da cho 1a bao nhiéu?
Traloi: ....................
Léi gii
Pap an: 3.
Tir bang bién thién ta co:

lim y = 400 nén dudng thang x =1 1a dudng tiém can dung ciia d6 thi ham sé.

x—1"

lim y=2, lim y=5 nén dudng thang y =2 va y =5 1a cic dudng tiém can ngang ctia dd thi ham so.

X—>—00 X—>+0
Tong s6 dudng tiém can ngang va duong tiém can dung cua do thi ham s da cho 1a 3.

Cau 62. Cho d6 thi ham s y = f(x) c6 bang bién thién sau:

x | -2 1 1 4 oo
b H + + 0 — —
oo 0,325 o
v - /r ~ ~
0 »/ —o \* o \‘* 1

Tong s6 dudng tiém can ngang va duong tiém can dung cta do thi ham sé da cho 1a bao nhiéu?
Traloi: ....................
Léi giai
Pap an: 3
Dua vao bang bién thién ta co

lim f(x)=1nén y=1I1aTCN.

X—>+0

lim f(x)=-o0; lim f(x)=+c0 nén x=-11a TCD.

x—-1" x—>-1"
lim f (x)=+c0; lim f(x)=—c nén x=4 1a TCP.
x—4" X—4~

Vaycé 2 TCD va 1 TCN.

Cau 63. Chohamso y= f( x) co bang bién nhu sau:
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X —00 -3 3 o0 |
y' + + +
+a0 +a0 0
}!
u / - . - "

Tong s6 dudng tiém can ngang va duong tiém can dung cta do thi ham sé da cho 1a bao nhiéu?
Traloi: ....................
Léi gii
Pap an: 3.
Tir bang bién thién cua ham sé ta co:

+ lim y=0; lim y=0=- do thi ham s6 nhan duong thang y = 0 Ia tiém can ngang.
X——+00

X——00

+ Ii(m) y =4o0; Ii(m) = —00 = dd thi ham s6 nhan dudng thang x = —31a tiém can ding.
X—(=3)" x—(=3)"

+lim y = +o0; lim = —oco = d6 thi ham s6 nhan dudng thang x = 314 tiém can dung.
X—3"

X—3~
Viy sb duong tiém can ciia do thi ham sé 1a 3.

. Gia tri x, bang bao nhiéu?

Cau 64. Goi X =X, la tiém can ding cua db thi ham sb y = .
X j—

TrAIOE cvoeeeeeee
Loi giai

Pap an: 1

Ta co:
. . 2x-1 . . 2x-1
limy=Ilim =+o0, limy = lim = —o0,
x—-1t -1t x—=1 X1 -1 x—1
Do d6 tiém can dimg ciia d6 thi ham s6 y = ==~ la dudng thang c6 phuong trinh x=1=>x, =1.
A~ . A A . A N e 2X+1 -, . M v A
Cau 65. Goi y =Y, latiém can ngang ctia d6 thihamso y = T Giatri y, bang bao nhiéu?
Traloi: .....ooooeviennnn,
Loi giai
Pap an: 2
1 1
e 22X+l 2+; . 2x+1 2+; A s e A s s
Tacod lim = lim =2; lim = lim = 2. Suy ra d0 thi ham S0 c¢6 tiém can ngang la
X—>+00 X—l X—>+0 1 X—>—0 ¥ — X—>—0 1
1-= 1-=
X X

y=2=y =2.
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X% +2X+3
X2

Cau 66. Tong s6 dudng tiém can dang va tiém can ngang caa do thi ham sé y = bang bao

nhiéu?
Traloi: .........ocoeeeae
Loi giai
Pap an: 3
Tap xac dinh: D=R\{-2;2}.

Taco: lim f(x)=+w; lim f(x)=—-o0w= x=-2 latiém can diang cia do thi ham sé.
x—(-2)" x—(-2)

Tuong tu ham sé ¢ thém mot tiém can ding khéc 1a x = 2

lim f(x)=% lim f(x)=1=y=1 latiém can ngang cua do thi ham so.

X—>—0 X—>+00
Vay tong s6 duong tiém can ding va tiém can ngang caa do6 thi ham sé 1a 3

2
A =X [N A . n B X . \ X X +4
Cau 67. Bieét ti€ém can xién cua do thi ham so y =

c6 dang y=ax+b. Gia tri 2025a+b bang

bao nhiéu?
Traloi: ....................

Loi giai
Pap an: 2025

Ta c6: lim[ f(x)—x]=lim ﬂ:O; lim [ f(x)—x]=lim 420 nen ab thi ham s6 c6 tiém can xién 14

X—>+00 X—>+0o X X—>—00 X—>—0 ¥

y=x=a=Lb=0= 2025a+b=2025

) . . X°+2x+5
Cau 68. Biét tiém can xién cua do thi ham so y:+—1+ c6 dang y=ax+b. Gia tri
X+
2025a—2024b bang bao nhiéu?
Traloi: ....................
Loi giai

Pap an: 1

2
y:f(x):w: +1+i

X+1 X+1
Ta co: Iim[f (x)—(x+1)]= lim [ -2 =0; lim [f(x)—(x+1)]: lim -2 =0 nén dd thi ham s

X—>+00 x—>+o| X 41 X—>—00 x>0\ X4+1 :

cOtiémcan xién la y=x+1=>a=1b=1=2025a-2024b=1

A o —x?4+3x=2024 .. . ... . "
Cau 69. Cho d6 thi hams6 y= f(x)= 5 . Bict do thi ham so f (x) tiém can xién cua c6
X_

dang y =ax+b vatiém can dung c6 dang x =c. Gia tri a+b+c bang bao nhiéu?
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Traloi: ....................

Loi giai
Pap an: 2
2

y=f(x)= X~ +3X 2024=—x+1—2022

X—2 X—2
Ta co:
. . 2022 . . 2022 . .
lim| f(x)—(=x+1)|=lim|——|=0;lim| f(x)—(=x+1) |= lim| —— [=0 nén do6 thi ham so
X—)+oo|: () ( )] X—>+w( X—ZJ X—)—ool: () ( )] X—)—oo( X—2j :
cOtiémcanxiénla y=-x+1=a=-1b=1

2 2

lim ZX +3X=2028 . jm 2XH3X=202% 0 nén db thi ham sé 6 tiém cin ding 13
x—2* X—2 X—2" X—2
X=2=>c=2

Vay a+b+c=2

R . X2 —-2X+2 , .. ) . .
Cau 70. Biet do thi hamso y Y tiém can xién 1a duong thing y =ax+b. Tinh a®+2b.
Traloi: .....ovvevveennn.
L i giai

Pap an: 3

y= x+1+i
Chia tir thac cho mau thire ta duoc X =S Tiem can xién ciia d thi ham sb 13 duong thing

lim——=0

X—)ioox_g
c6 phuong trinh y=X+1nén a’>+2b=3.

x> —3x+1

Cau 71. Biét do thi ham s f(x)= co tiém can xién 1a duong thang d:y=ax+b. Hoi

X—2
duong thang d c6 hé sé goc bang bao nhiéu?
Traloi: ....................
L i giai
Pap an: 1

« a=lim >
X—40 Y Xo+0  X° — 292X

2
. b:|im{w_x}:|im x+1_ 4
X 2

X—>+0©

Tuong ty do a= lim )y v lim [ f(x)-x]=-1

X—>-o X X——0

Vay duong thang y = x—1 1a duong tiém can xién caa db thi ham s da cho nén cé hé sé goc bang 1
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Cau 72. Goi 1(X,;Y,) la toa do giao di€m ciia dudng tiém can dimg va duong tiém can xién cua do thi
ham s f(x)=2x—1—L . Tinh x,+,.
X+1
Traloi ..oooeeeeeennn,
Loi giai

Dap an: -4

Taco f(x)=2x —1——1 nén do thi ham so ¢6 tiém can dirng 1a duong thing x = —1 va duong tiém can
X+

xién la duong thang y =2x-1

x=-1 x=-1 , ) .
Xét hé phuong trinh { 5 1<:> { nén giao diém cua hai duong tiém can la
y=2X- y

1 (-L-3)=X,+Y,=—4.

Cau 73. Goi 1(X,;Y,) la toa do giao di€m ciia duong tiém can dimg va duong tiém can xién cua do thi

ham s y:Xz+3X . Tinh X, +Y, .
Traloi ..ooooeeeeeennn,
Loi gii
Pap an: 9
Ta viét lai y= Xi+zx =X+5+ X102 nén dd thi ham sb c6 tiém can dimg 1a dudng thang x = 2 va duong

tiém can xién 1a duong thang y = x+5

X:Z X:2 0 . \

Xét hé phuong trinh { 5<:>{ . nén giao diém cua hai duwong tiém can la I(2;7):> X +Y,=9.
A e X . N X X3+X+l , N N " A N N 2 z
Cau 74. Biet do thi ham so y:2—1 cO tign can xién la duong thang d:y=ax+Db. Tinh

X j—
2a”+2025b .
Traloi: ....................
Loi giai
Pap an: 2
2x+1

y=x+——
Chia tir thirc cho mau thire ta duoc , X1_ —TCX d:y=x=>a=1=>2a+2025b =2.

lim <=~ 0

x>t X —1

3

" L A T . X' +2
Cau 75. Biet tign can xién cua do thi ham so y = —

, cit truc toa do tai hai diém A va B. Khi d6
X" —~2ZX

dién tich tam giac OAB la bang bao nhiéu?

Traloi: ....................
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Loi giai
Pap an: 2
4X + 2
y=X+2+— 5
Chia tir thirc cho miu thirc ta duoc X=X 1CX d y=X-2.
. 4x+2
lim — =0
Xk X5 QY

Taco d nOxtai diém (0;,-2) va d NOy tai diém (2;0)

Suyra Sy =%OA-OB :%-2-2: 2(dvdt) .

2X—1—+/X*+Xx+3

Cau 76. D6 thihamsb y = c6 bao nhiéu tiém can dang?

x* —5X+6
Traloi: .................ee.
Loi giai
Pap an: 3
Tap xac dinh D =R\{2;3}
2X—1-VX*+x+3 . (2X—1)2—(X2+X+3)

lim =lim

2 X" -5X+6 HZ+(x2—5x+6)(2x—1+\/x2+x+3)
2x—1)° —(x2 3
_lim (2x-1) (x +X+ )

=2 (x2 —5x+6)(2x—1+\/x2 + x+3)

_lim (3x+1) :_%

ach (x—3)(2x—1+ N x+3)

22X —1-+/X? 7 : s o
Twong tu lim X 5 5X +6X 3 =5 Suy ra duwong thang x =2 khong la tiém can ding cua do thi
X2 X* —5X +

ham s6 da cho.
O 2X=1-+X*+Xx+3 o 2X—=1-X*+x+3
lim = +4o0; lim

= —o0. Suy ra duong thang x =3 1a tiém can dtn
x—3" X2 —5x+6 Xx—3" X2 —5x+6 Y g g ’ ) g

cua dd thi ham sd da cho.

JX=2+1

CAau 77. Cho dd thi ham s6 y=—;
X" —3X+2

. Biét @6 thi ham s6 c6 tiém can ding dang y=a va tiém

can dimg c6 dang x=b. Gid tri a+b bang bao nhiéu?

Traloi: ....................
Loi giai
Pap an: 2
) X—22>0 X>2
bi€u kién xac dinh: § | = S X>2
X°—=3x+2#0 X#2,x#1
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Ta co:

lim (—VZX_;*;] = +o0 nén dudng thing x =2 la tiém cén ding ctia d6 thi ham sb, do d6 b=2
x>2"| X* —3X +
lim (ZX_TZ-'_;] =0 nén duong thang y =0 Ia tiém c4n ngang cta do thi ham s, do d6 a=0
X—>+00 X — X+
—a+h=2
R N - N . 2X+2m-1 . "
Céau 78. Timgiatri m dé tiém can ding cua do thi ham s6 y = —  di qua diém M (3;1).
X+m
Traloi: ....................
Loi giai
Pap an: -3

Tiém can ding ciia d6 thi ham s6 di qua diém M (3;1) nén do thi ham ¢ tiém can dtng 12 x =3

Suyra x+m=0 cd nghiém la 3 dovay 3+m=0< m=-3.

Do 2X—-7 ., .. . 2X—=T T . 2X=T
Thtr lai, voi m=-3=y = cd limy=Ilim =—oo va limy=lim = +00,
X—3 x—>3* x>3" X—3 X3 x>3 X—23
Vay m=-3.
~ , - -/ . A ” X A 2 X TN X 2X+4 ,
Céau 79. C0 bao nhiéu gia tri nguyén caa tham s6 m thudc (—2025;0) dée do thihamso y = co
X—m

tiém can dang?
Traloi: ....................

Loi giai
Pap an: 2023

A N oprA A J 5 A LRGN A u
bé x =m latiém can ding cua do thihamso y=——=

m-m=0 0=0
= = =>m#-2
2m+4#0 m = —2

{m €(-2025;0) = m = {-2024;-2023;...;- 1} \{-2}

meZ
A . A A £ 22X els s £ 4x+1 A L oaia A
Cau 80. Co bao nhiéu gia tri nguyén cua tham s6 m dé do thi ham so y =—1 khong co tiém can
mx —

dang?
Traloi: .........ocoeeeae
Loi giai

Pap an: 2
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m=0 A
\ . m=-—
Do thi ham s6 khong c6 tiém cén ding khi | |4.(-1)-1.m=0 < {m o
m=0
~ N .z . F N A , . A . N e (m+l)X—5m 7 L en A N
Céau 81. Tim gia tri m d¢ tiém can duang cua do thi ham s6 y :2— cé tiém can ngang la
X—m
y=1
Traloi: ....................

L i giai
Pap an: 1
Diéu kién dé dd thi ham sb c6 tiém can ngang 13 —m(m+1)+10m =0
o . a m+l1 roa. M+1 .
Tiémcanngangla y=—= - theo dé bai - =1< m=1 (thoa man)
C

2X+4
X—m

Cau 82. C6 bao nhiéu gia tri nguyén cta tham sé m thudc [-2025;2025] dé do thi ham s6 y =

c6 tiém can dang nam bén tréi truc tung?
Traloi: ....................

L i giai
Pap an: 2025

N . . 2x+4 . . S LA ess
bothihamso y = cé tiém can dung la duong thang x = m nam bén trai truc tung < m<0.

{m €[-2025:2055] |\ ¢ o005 2024;..:-11.

meZ
Vay c6 2025 gia tri nguyén cua m thoa man yéu cau.

2mx+m

Cau 83. Choham s y= . C6 bao nhiéu gi4 tri thuc caa tham s6 m dé duong tiém can dang,

tiém can ngang caa dd thi ham sb cing véi hai truc toa do tao thanh mot hinh chix nhat c6 dién tich bang
8.
Traloi: ....................
Loi giai
Pap an: 2
Diéu kién dé d thi ham s cd tiemcanla —2m-m=0< m=0.
Khi d6, d thi ham sb co:
Tiém can ding: x =1, song song v6i Oy va cit Ox tai diem A(1;0).
Tém can ngang: y =2m, song song véi Ox va cat Oy tai diém B(2m;0).
Dién tich hinh chir nhat tao baoi hai duong tiém can cung véi hai truc toa do la

S=0AOB=12m/=8=m =14,
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-1 .
c6 hai duong tieém
m

N N A A 5 ’ .7 L) A A 2A LTSN A X
Cau 84. Tim tong tat ca cac gia tri cua tham so thuc m dé do thiham so y =

can tao véi hai truc toa d6 mot hinh chir nhat c6 dién tich bang 5.
Traloi: ....................

Loi giai
Pap an: 0

Xét ham nhat bién y = c6 tiém can dung x = m va tiém can ngang y =1.

X—m
Pé hai dudng tiém can tao véi hai truc toa @ mot hinh chir nhat c6 dién tich bang 5

m=>5

khi va chi khi: |m|.1=5 < { .
m=-5
Vay c6 hai gia tri m thoa man va tong chiing bang 0 .

(2m—n)x2+mx+1
X2+mx+n—6

Cau 85. Biét dd thj hamsé y = (m, n la tham s6) nhan truc hoanh va truc trung

lam hai duong tiém can. Tinh m+n.
Traloi: ....................
Loi gii
Pap an: 9
Diéu kién: x> +mx+n—-6=0.
Phuong trinh dudng tiém can ngang cua do thi ham sé 1a y =2m—n.
Vi d thi ham sb nhan truc hoanh lam tiém can ngang nén 2m—n=0.

bat f(x)=(2m-n)x*+mx+1va g(x)=x>+mx+n-6.

Vi f(0)=0 véi moi m,n nén dd thi nhan truc tung x = 0 1 tiém can dung khi 9(0)=0<n=6.
n A
Suyra m=5:3.vay m+n=9.

X*+(m-1)x+m’-2m+1
co

Cau 86. C6 bao nhiéu gié tri cua tham s6 m sao cho d6 thi ham sé y =

1-Xx

tiém can xién tao vai cac truc toa do mot tam giac co dién tich bang > ?
Traloi: ....................

Loi gii
Pap an: 2

2 2 2
i X“+(m-=-1)X+m° -2m+1 m —m+1

Tap xac dinh: D=R\{l}. Tacd y= ( )1 =—x—m+1—

- X - X

Do thi ham sb co tiém can xién 1a A1y =—-x—m.

Tiém can xién cat hai truc toa do tai hai diém A(0;—m) va B(-m;0).
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o - . 1 1 1
Dién tich tam giac OAB 1a S =EOAOB :E|yA|.|yB| =§m2.

Theo gia thiét S =%<:> m’=1lem==+1,

Vay giatri m cantim 1a m=+1.

2X° +3mx—m+2

Cau 87. C6 bao nhiéu gia tri ciia tham sé m sao cho d6 thi ham s y = N c6 tiém can
X_
Xién tao vai c4c truc toa do mot tam giéc cd dién tich bang 4?
Traloi: ....................
Loi giai

Pap an: 1

. 22X +3mx—m+2 2m+4
Tacs y=2X*3 T ox+3ma2+ T

X—1 X—1

Véi m=-2 thi ham s tré thanh y = 2x—4 . Pay la ham s bac nhat nén khdng cé tiém can.

0.

V6i m#2 thi lim[ f(x)—(2x+3m+2)]= lim 2m+4 _

X—>300 x>0 X 4 2

Do d6 voi m= 2 thi d6 thi ham s6 c6 tiém can xién 1a A: y=2x+3m+2.

A cét truc hoanh tai diém A( —Sm-2 ;Oj va cét truc tung tai B(0;3m +2).
-3m-2 2
Tir do OA—! 3”; |:|3m2+ | oB—fam-2).

Theo gia thiét:

3424 m = —2(loaii)

1 |3m+2| 2
Soms =4< -0A0B=4<——3m+2|=8<(3m+2) =16 & &
2 2 3m+2=4 m=

w|nN

Vay co mot gid tri m la m=§.

Cau 88. Goi (C) la do thicia ham s6 y=mx+=, m latham s6. Tim m dé hams6 (C) c6 cyc tri va
X

khoang céch tir diém cuc ticu cua (C) dén duong tiém can xién bang ﬁ
Traloi: ....................
Loi giai
Pap an: 2
. . 1 mx*-1
Tapxacdinh: D=R.Taco y'=m-—=——.
X X

Ham s (C) co cuc tri khi y'=0 c6 hai nghiém phan biét khac 0 <:>1 >0 m>0.
m
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Lucdo y =0 x = Lap bang bién thién dé suy ra:

.1
NN
, > 1

Diém cuyc tiéu caa (C) 1a M| —=—;2m |.

' (©) | 2

Tiémcan xién A:y=mx< mx—y=0.
Wm-2vm| 1w

ol -

vmi+l 2 Im?+1

Vaygiatrim cantimla m=1.

Theodéd(M,A):% leomemiiem=l.

mx2+(3m2—2)x—2

X+3m

Cau 89. Chohamsb y= c6 dd thi (C), véi m la tham s6 thuc. C6 bao nhiéu gia
tri nguyén ciia tham s6 m dé do thi ham s6 (C) c6 mot tiém cén dimg va mot tiém cén xién, dong thoi

goc gitra hai duong tiém can nay bang 45°.

Traloi: ....................
Loi giai

Pap an: 2

mx® +(3m? —2)x -2 _
Tacd y= ( ) :mx—2+6m 2.

X+3m X+3m
] 1 .. . o \ .

Khi m =§ do6 thi ham s6 khdng ton tai hai tiém can.

Kh|m;tgdéthihams@cotlémcanxmnIaAlzy:mx—2<:>mx—y—2=0
Tiémcandung la A, : x=-3m< x+3m=0.

Goc giira hai duong tiém can cia do thi ham s6 (1) bang 45° nén

‘njnj m 2
c0845° =1 — = m) =" o m=+1.
n.n,| +m*+1
Vay giatri m cantim 1a m=+1.
x—1

Cau 90. Cho ham sb y= . CO tat ca bao nhiéu gia tri m dé do thi ham sé c6 dung hai

mx —2x+3
duong tiém can ?
Traloi: ....................

Loi giai
Pap an: 3

+ g(x) =mx? —2x+3 ¢6 bac >1 nén d6 thi ham s6 ludn ¢ 1 tiém can ngang

+dd thi ham sé y = khong cd tiém can xién

mx? —2x+3
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+ Do d6 theo yéu cau bai toan thi do thi ham s6 c6 dung 1 tiém can ding nira 13 du.
TH1: m=0, do thi ham s6 c¢6 1 tiém can ding la duong thang X = > = m =0 thoa bai toan.

TH1: m=0, dd thi ham s6 c6 dtng 1 tiém can dung khi va chi khi phuong trinh mx® —2x+3=0c¢6

. o A =0 |m=t
nghiém kép hoac nhan x =1 lam nghiém < o 3
f()=0
m=-1
o me o
Vay: me<0;,—;-1¢.
3
A . L R % b ps e A 2x%=3x+m , .. .
Céau 91. C0 bao nhiéu gia tri nguyén m e(—lO;lO) sao cho do thi ham s6 y =———c0 tiém cén
X—m
xién?
Traloi: ....................
Loi giai
Dap an: 17

Do thi ham s6 c6 dudng tiém xién ding khi va chi khi phuong trinh g(x) =2x* —3x+m =0 khong c6

m=0

nghiém x = m tuc la g(m)¢0<:>2m2—2m¢0<:>{
m=1

{: e(Z—10;10):> me{-9;-8;..;91\{0;1}

A o X hr o ; x—1 .
Céu 92. C6 bao nhiéu gia tri nguyén m e[-10;10] sao cho do thi ham so y=—; c6 hai
X“+4x-m-3

duong tiém can ding?
Traloi: ...,

Loi giai
Pap an: 16

Xx-1

Ta c6 dd thiham sé y = c6 hai duong tiém can dung khi phuong trinh x> +4x—m—3 ¢6

x> +4x—-m-3

2 —(-m-3)>0 {m>—7
=

hai nghiém phan bi¢t khac 1 <
?+41-m-3%0 m#2

Tirdotasuyra m= {—6, -5,-4,-3,-2,-1,0,1,3,4,5,6,7,8, 9,10} .

Vay c6 16 gia tri nguyén cia m théa man.

X—2
X2 —-2mx—-m-—2

Cau 93. Cho ham sb y =  Biét voi m =%(a,b eN, % t6i gian) thi dd thi ham sb c6

dung 2 duong tiém can. Tinh a+b.
Traloi: ....................

Loi giai
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Pap an: 7

Dé d6 thi ham s6 co dung 2 duong tiém can thi hoac phuong trinh x> —2mx-m—2=0 c6 nghiém kép
x = 2 hodc phuwong trinh x* —2mx —m—2=0phai c6 hai nghiém (mot nghiém x, =2 va mat nghiém
X, #2).

Do A'=m?+m+2>0,vmnén ta chi xét truong hop thir hai phuong trinh x> —2mx-m—-2=0 c¢6 hai
. A L - 2 x
nghiém phan biét. Thay x = 2 vao phuong trinh ta dwgc m= e (théa mén).

Vay a=2,b=5=a+b=7.

2

Cau 94. Co bao nhiéu gia tri cua tham so dé do thihamso y = 2—200 dang 2 tiém can?

X°—3X+
Traloi: ......oooieennn,
Loi giai
Pap an: 2
1
2 m-—
, . . mx- -1 . X2 R n , X C s z
Taco: limy= lim ———= lim =m= y=m latiém can ngang cia do thi ham so.
X—>—0 x——0 X —3x +2 X—>—0 2
1-—+—
X X
Xt -1 mx* —1

Pé @6 thi ham sé y = c6 ding 2 tiém can < y = c6 ding 1 tiém can ding. Ta co:

X2 —3X+2 X2 —3Xx+2

m=

2 _ = _
m.2--1=0 m =

) x=1 |ml1*-1=0
X =-3x+2=0& 2:>
X =

N P

Vay c6 2 gia tri tham s6 thoa man yéu cau dé bai.
X+1

Cau 95. C6 bao nhiéu gia tri nguyén dwong ctia tham sé m dé do thi hams6 y=—————
X“+4X+m

c6 dung

hai duong tiém can.
Traloi: ....................

Loi giai
Pap an: 2

Taco: lim y=0 nén d6 thi ham s6 c6 1 dwong tiém can ngang y =0.

X—>*too
Dé d6 thi ham sb co dung hai duong tiém can thi d6 thi phai ¢ ding 1 tiém can ding < Phuong trinh

f(x)=x*+4x+m=0 c6 nghiém kép hoic cé hai nghiém phén biét trong do c6 1 nghiém x =-1

A'=0 4-m=0 .
' m=

| [A'™>0 S| (4=m>0 c{m—?{
f(-1)=0 1-4+m=0 B
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Cau 96. Cho ham s y=— <
X°—2mx +4

. C6 bao nhiéu s6 nguyén cia tham sé m e (-2025;2025) dé do
thi c6 ba duong tiém can?
Traloi: ....................
Loi giai
Pap 4n: 4044 .
X+1

+Déthiham s Y=
X°—2mx+4

lubn cé 1 tiém can ngang 1a y =0 va khéng c0 tiém can xién.

+ Do d6 theo yéu cau bai toan thi do thi ham sd c6 2 tiém can dung nira 1a du. Dé d6 thi ham sb

X+1

y =—————— ¢0 ba duong tiém can thi x* —2mx+4 =0 c6 hai nghiém phan biét = -1
X =2mx+4
m>2
A>0 m<—2
= ) =
(-1)"-2m(-1)+4=0 5
mi—z-

Do m e Z;m e (~2025;2025) nén c6 4044 s6 nguyén thoa yu cau bai toan.

2
A ) . XT+X=2 . ..
Cau 97. Co0 bao nhiéu gia tri nguyén duong cua tham so6 m dé do thi ham so y:Tco hai tiém
X* —2X+m
can ding?
Traloi: ....................
Loi gii
Pap an: 0

Pé d6 thi ham sb c6 hai duong tiém can dimg thi phuong trinh x* —2x+m=0c¢6 hai nghiém phan biét
khéc nghiém ctia phuong trinh x> +x—-2=0.

Hay phuong trinh f (x) = x* —2x+m =0 ¢6 hai nghiém phan biét khac 1va-2.

A'>0 1-m>0 m<1
Khi d6 ta co f(1)¢0 Sim-120 ©<{mz#1 < -8xm<l.
f(_2)¢0 8+m=0 m = —8

Vi m la nguyén duong nén khong cé gia tri nao thoa.

X+3

Cau 98. C6 bao nhiéu gia tri nguyén cia tham s6 m dé do thi ham sb y=————
X®—=2mx+9

c6 dung hai

duong tiém can gém mot tiém can dirg va mot ti€ém cin ngang?
Traloi: ....................
Loi giai

Pap an: 2
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1 3
v 72 A Y 4 ~ ~ 7 - Y
Taco: limy= lim —2X—*__ =0 nén dd thi ham s6 da cho ludn c6 mot tiém can ngang la y =0.
X—>+to0 X—>+to0 2m 9
x X

Do d6 dd thi ham sé d4 cho c6 hai dudng tiém can thi d6 thi ham sé d4 cho c¢6 dung mot tiém can dung.

Phuong trinh f (x)=x*-2mx+9=0 c6 nghiém kép hodc co hai nghiém phén biét trong d6 c6 mot

A=m2—9=0 m:3 3
\ m=
nghiémbang -3 < | [A'=m*-9>0 < | m=-3 <:{
f(-3)=0 {m2—9>0

Xx-1

Cau 99. C6 bao nhiéu gi tri caa tham s6 m dé do thi ham sé y = (2m+1) 7 3
—(2m+1)x+m? -

c6 dung hai

duong tiém can gdbm mot tiém can ding va mot tiém cin ngang?
Traloi: ...l
Loi giai
Pap an: 3
x-1
—(2m+1)x+m?-3

Do thi ham sb y = > c6 1tiém canngangla y=0.
X

x-1
X’ —(2m+1)x+m’ -3

D6 thi ham s6 y = c¢6 dung hai duong tiém can

x-1
X’ —(2m+1)x+m?’ -

< DPothihamsd y= c¢6 dung 1 tiém can ding

<> Phuong trinh x* —(2m+1)x+m?—-3=0 c6 nghiém kép hodc phuong trinh

—(2m+1)x+m?—3=0 c6 hai nghiém phan biét trong d6 c6 mot nghiém bang 1.

A=0 2m+1 —3) 0 m:_E
4
= { A>0 = (2m+1 2—3)>0© m=3
1-(2m+1)+m?-3=0 m?—2m—3=0 m=—1
A . 2m+1)x2+3
Cau 100.Cho ham s6 y =————— m latham sb. Tim gid tri cia m dé duong tiém can ngang cua
x'+1

do thi ham sb di qua diém A(1;-3).

Traloi: .........ocoeeeae

Loi giai
Pap an: -2
Ta co:
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Dung chung 3 bg sdach

2 2m+1+ 3
] o (2m+1)x +3 . 2
lim yzllm%:llm—X:Zmﬂ
X" +1 1+T
X
2 2m+1+ 3
. o (2m+1)x +3 . 2
lim y:|lm%:|l X —2m+1
X" +1 1+~
X

= d:y=2m+1latiém can ngang cia do thi ham s6 d4 cho.

Do A(L-3)ed & 2m+1=-3< m=-2.
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Dung chung 3 bg sdch
PHAN IV. Cau tw luidn. M&i cau héi thi sinh trinh bay cach giai tw luin.

Cau 101.Cho ham s6 y = f (x) xéc dinh trén khoang (-1;+o) va c6 bang bién thién nhu hinh v&

x — -1 2 4 -+

v’ / - 0 + -
., / 0 +
A L T I

—3 1

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir bang bién thién, ta co:

lim f(x)=1nén do thi ham s6 c6 tiém can ngang 1a y =1.

X—>+0

lim f(X)=—o0 nén dd thj ham sb c6 tiém can dimg 1a x =-1.
x—(-1)"

lim f (x)=+o0 nén dd thi ham s6 c6 tiém can dimg 1a x=4.

x—>4*

Cau 102.Cho ham s6 y = f (x) xéc dinh trén R\{-2} va c6 bang bién thién nhu hinh v&

x — -2 3 +x
»’ + — 0 +
+x || 4 +ai

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai

Tir bang bién thién, ta co:

lim y =5 nén d6 thi ham s c6 tiém cin ngang 1a y =5.

X—>—0

lim y=+00 nén dd thi ham s6 co tiém can dung 1a x = -2.
x—(-2)"

Cau 103.Cho ham s6 y = f (x) xéc dinh trén R\{1} va c6 bang bién thién nhu hinh v&

x — -1 1 +3

¥

¥ - 0 + +

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir bang bién thién, ta co:

lim f(x)=-1 nén dd thi ham s6 c6 tiém cin ngang 13 y =—1.

X—>+o0

lim f(x)=1nén do thi ham s6 c6 tiém can ngang 1a y =1.

X—>—0
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lim f (X) =0 nén dod thi ham s6 c6 tiém cn dimg 1a x=1.

x—1

Dung chung 3 bg sdach

Cau 104.Cho ham s6 y = f (x) x4c dinh trén R\{2} va c6 bang bién thién nhu hinh v&

T |—oo 2 +00
f'(=) - _
1 +o0
f(z)
00 1

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir bang bién thién, ta co:

lim f(x)=1 lim f(x)=1 nén d6 thi ham s6 c¢ tiém can ngang 1a y =1.

X—>—0 X—>+00

lim f (X)=—o0; lim f (X) =0 nén do thj ham s6 ¢4 tiém can dimg 1a x = 2.

X—2~ x—2*

Cau 105.Cho ham s6 y = f (x) xéc dinh trén R\{-1} va c6 do thi nhu hinh v&

1o

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb d4 cho.

Bai giai
Tur dd thi ham s, ta c6:
lim f(x)=-2; lim f(x)=-2 nén dd thj ham s6 c6 tiém can ngang la y =-2.
X—>+0 X—>=0

lim f(x)=+00; lim f(X)=—c néndd thi ham s6 c6 tiém can dimg 1a x =-1.
x—(-1)" x—(-1)

Cau 106.Cho ham s6 y = f (x) x4c dinh trén R\{—g} va ¢6 do thi nhu hinh vé
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1" &

Lo | B

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim f(x):-i; lim f(x):—% nén do thi ham s6 ¢6 tiém cin ngang la y:—%.

X—>+00 2 x>

IEmT f(X)=o0; IEmj_ f (X)=—c0 nén do thi ham s6 c6 tiém can dimg 1a x = —g.
3 3
X ) X—> -3

Cau 107.Cho ham s6 y = f (x) xéc dinh trén R\{-1} va c6 do thi nhu hinh v&

Tim tiém can dimg va tiém can xién ctia do thi ham sé da cho.
Bai giai
Tur dd thi ham s, ta c6:

lim f(x)=+o0; lim f(X)=—o0 néndd thi ham sb c6 tiém can dimg 1a x=1.

x—(-1) x—>(-1)
lim [ f (x)=(x=2)]=0; lim [ f(x)—(x—2)]=0 nén do thj ham s c6 tiém c4n xién 12 y = x—-2.

Cau 108.Cho ham s6 y = f (x) xéc dinh trén R\{0} va c6 d6 thi nhu hinh v&
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o
by V4
| et
| \f ._'.r" <
N
i
.'{. '
£ - =
() X ¥

Tim tiém can dimg va tiém can xién ctia d6 thi ham sé da cho.
Bai giai
Tur dd thi ham s, ta c6:

lim f (X)=-+o0; lim f (x)=—o0 nén dd thi ham s6 ¢4 tiém can ding 1a x=0.

x—0* x—0"

lim [ f (x)—x]=0; lim [ f(x)—x]=0 nén d6 thi ham s6 c6 tiém can xién la y =x.

X—>—0

Cau 109.Cho ham s6 y = f (x) xéc dinh trén R\{-1;1} va c6 d thi nhu hinh v&

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai giai
Tir d6 thi ham s, ta c6:

lim f(x)=0; lim f(x)=0 nén dd thi ham s6 cé tiém cin ngang 1a y =0.

X—>+o0 X—>—%0

lim f(x)=+00; lim f(X)=—c0 néndd thi ham s6 c6 tiém can dimg 1a x =-1.
x—(-1)" x—(-1)

lim f (X)=-+oo; lim f (x)=—o0 nén dd thj ham s c6 tiém can dimg 1a x =1.

x—1* x—1"

Cau 110.Cho ham s6 y = f (x) xéc dinh trén (0;+o0) va c6 do thi nhu hinh v&

A

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb dé cho.
Bai giii
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Tt d6 thi ham so, ta co:

lim f(x)=0 nén dd thi ham s6 ¢6 tiém cnngang la y =0.

X—>+0

lim f (X)=-+o0 nén do thi ham s6 c6 tiém cén dimg 1a x =1.

x—1"

Cau 111.Cho ham s6 y = f (x) x4c dinh trén R va c6 d6 thi nhu hinh v&

Tim tiém c4n ngang va tiém can dung cta d6 thi ham sb da cho.
Bai giai
Tir d6 thi ham s, ta co:

lim f(x)=1 lim f(x)=1 nén do thi ham s6 c¢ tiém can ngang 1a y =1.
X—>+00 X—>—0
D6 thi ham s6 khong c6 tiém can ding

A s . . A Ly ; 2X —
Cau 112.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = X 13
X —_

Bai giai

Tap xac dinh: D =R\{1}.

Ta co:
. 2x-3 . 2x-3 N U S PP
lim =—o0; lim =+oo nén do thi ham so ¢6 tiém can ding la x =1
x>t X =1 x> Xx=1
3 3
o3 2T ox-3 2T \
lim = lim =2; lim = lim =2 nén do thi ham so6 co tiém can ngang la y =2
X+ X _1 X—>+00 1 X—>—00 X—l X—>—00 1
1-= 1-=
X X
A N , . o n , in n , X AN z —3X
Cau 113.Tim cac duong tiém can diang, tiém can ngang cua do thi ham so: y = >
X+
Bai giai
Tap xac dinh: D =R\{-2}.
Ta co:
. 1-3x . 1-3x N Y PP
lim =+4o00; lim = —oonén d6 thi ham s6 ¢o tiém can ding la X =-2
x>(-2)" X+ 2 x>(-2)" X+ 2
. 1-3x n X C L L, A n N
lim =—3 nén d6 thi ham so co tiém can ngang la y =-3
X—oto X 4 2
R T M ot et & 2025
Cau 114.Tim céc duong tiém can dung, ti€ém can ngang cia do thi ham so: y = ﬁ
X" —0X+
Bai giai
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Tap xac dinh: D =R\{L5}.

Ta co:
im Zzﬁz +00; lim 22&: —o0 nén d6 thi ham s6 c6 tiém can dung 14 x =1
x>0 X°—6X+5 x->(1)” X°—6X+5
f&zm; lim fi:—w nén do thi ham s6 ¢6 tiém can dimg 1a x =5
x->(5)" X°—6X+5 x->(1)” X°—6X+5
. 202 A s A ) s
lim _ 2025 =0 nén do thi ham s6 co6 ti€ém can ngang la y =0

x>t X2 —6X +5

Cau 115. Tim cac duong tiém can dimg, tiém can ngang cia do thi ham sé: y =

3X+2
Bai giai
NPy 2
Tap xac dinh: D =R\ 30
Ta co:
- - 1 A A . N A , “A A ’ 2 2
lim =4o00; lim = —oo nén do thi ham so ¢6 tiém can ding la X=——
H(—ET 3X+2 H['ET 3X+2 3
3 3
lim =0 nén d6 thi ham s c6 tiém can ngang 1a y =0
x>%0 3X 42
, . X +2
Cau 116.Tim cac duong tiém can ding, tiém can Xién cua do thi ham so: y = 4
X_
Bai giai
Ham s6 c6 tap xéc dinh 1a D = R\ {2}
. x*42  XP+2
lim =—00; lim = 400
x=2" 2X—4 x=2" 2X -4
Vay duong thang x = 2 la tiém can ding ciia d thi ham s6
X+ 2
f(x v 2
aztim X jim—x Loy i [f(x)-ax]=lim [ 222 L] jim 2X22 g
X—o+0 X x—+0 2X — 4 2 X—>+00 x40 2X—4 2 x—>+0 QX — 4
. f(x <o
Tacing c6 lim RACY va lim [ f(x)-ax]=1
X—>—0 X X—>=0
J A LRI A Il A A A \ \ < 1
Do do6 do thi ham so co ti€ém can xién la duong thang y = EX +1
. e 2X2-3X—6
Céau 117.Tim céc duong tiém can dung, ti€ém can Xién cia do thi ham so: y = —2
X+

Bai giai
Ham s6 c6 tap xéc dinh 1a D =R\ {-2}

2 2
Mat khac lim 25376 _ . jim 2 =%-6_
x—>(-2)" X+2 x—(-2)" X+ 2
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Vay duong thang x = -2 la tiém can dirng cta do thi ham so6

6
2X—-3——
« a=lim ﬂ: lim—X=-2

X—>+0 X X—>+00 X+
2
« b= lim [ f(x)-ax]= lim (M—zsz lim —*"%__7

X—>+0 X—>+0

X+2 x40 X 4 2

f(x
Taciing cé lim 095 va tim [ f(x)-2x]=-7
X—>—0 X X—>—©0
Do d6 do thi ham s ¢6 tiém can xién 1a dudng thang y =2X—7
2x* +9x +11

Cau 118.Tim cac duong tiém can dung, tiém can Xién cia do thi ham sé: y = P
X+

Bai giai
A A 4 A 4 . hY 5
Ham so6 ¢o tap xac dinhla D =R\ -

2 2
Mit khac  lim w:_o@; 2X°+9x+11

im
H(_;)' 2X+5 H(_;j* 2X+5
2 2
po s 2 T S
Vay duong thing X = > la tiém can ding cuia do thi ham so

f( ) 2X+9+E
e a= lim —~2=lim——X =1
x>0 X X—>+0 2X+5

2x% +9x +11 . 4x+11
——— =X |=lim =2
2X+5 x40 2X 4+ 5

« b=lim[ f(x)-x]= lim

X—>+00 X—>+00

Taciing co lim )1 va tim [f(x)-x]=2

X—>—00 X X—>—0
Do d6 do thi ham s ¢6 tiém can xién 1a dudng thang y = X +2
X+1

Cau 119. Tim céc duong tiém can dimg, tiém can ngang ctia d6 thi ham so: y = — n
X —

Bai giai
Tép xdc dinh: D =R\{-2;2}.
Ta co:

. X+1 . X+1 N U S PP
lim — =+o0; lim — =—oo nén do thi ham so ¢6 tiém can ding la x =-2
x>(-2)" X° =4 x>(-2) X° =4

.ox+1 . ox+1 N U ST \
lim — = +o0; lim — =—oo nén do thi ham so6 cé ti€ém cén dung la x=2
x—(2)" X —4 x—>(2) X —4

. X+1
lim >

X—>to0 X —_

=0 nén dd thi ham sb co tiém can ngang [a y =0

2X—3

Cau 120.Tim céc duong tiém can dimg, tiém cin ngang cua do thi ham so: y = a2
X" —oX+
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Bai gial

Tap xac dinh: D = R\{l; 2} .
Taco:

. 2x—-3 . 2x—-3 A L LA oA r bAoA A \

lim ———— = +o0; lim ————— = —o0 nén d0 thi ham so ¢ tiém can dimg la x =1 .
x-1" X —3X + 2 x>l X —3X+ 2

. 2x—-3 . 2x—-3 A L LA oA r bAoA A \

lim ————— = +o0; lim ——————=—00 nén do6 thi ham 6 ¢6 tiém cén dimg la x=2 .
x=2" X° —3X+2 x-2" X —3X+ 2

. 2X—3 n P PIR Ay oien N N

lim —————=0 nén do6 thi ham so c¢6 tiém can ngang la y =0

x>%0 X —3X + 2

A A A lial e s ia e b A e s X 1-3x?
Cau 121.Tim céc duong tiém can dung, ti€ém can ngang cia do thi ham so: y = Z6x10

X —6X+
Bai gial

o 1-3%° e 1-3% R G X

lim ————=-00 va lim ——————=—oonén do thi ham so6 c6 tiém can dimg la X =3 .
x-3" X2 —6X+9 x->3 X°—6X+9

o 1-3x° O O .

lim —————=-3 nén do thi ham s6 c6 tiém cin ngang la y = -3

x>te X© —6X+9

A o ad s e X —9x*
Cau 122.Tim cac duong tiém can dang, tiém can ngang cua do thi ham so: y = W

3x° -3

Bai gidi

D6 thi ham s6 ¢ hai dudng tiém can ding X =+1 va mot tiém can ngang y = -1

5 A ks i 3X*+X+2
Cau 123.Tim cac duong tiém can ding, tiém can ngang cua do thi ham so: y = % .g
X —
Bai giai
Do thi ham sb co duodng tiém can dimg X =2 va mot tiém cin ngang y =0
A < p \ n ~ , . ~ , X g e q s z 2X2 —3x+2
Cau 124.Tim cac duong tiém can ding, tiém can ngang cua do thi ham so: y =  2x_3
X" —2x -

Bai gii

Tap xac dinh: D =R\ {-13}.

) 3+ 2
- 22X -3x+2 T Ty .
Taco limy =lim=> 23 +3 =lim—2X—X -2 — y=2 latiém can ngang cta dd thj ham sb.
X® —2X— 1-£-°
X X
Lai co: Ii{nl)y:oo, Iir(r31)y:oo do d6 x = —1; x =3 la tiém can dirng ctia d6 thi ham sé.
A S b A ~A A A P X’ —3x -4
Cau 125.Tim céc duong tiém can ding, tiém can ngang cta do thi ham so: y = BT
X j—

Bai gidi

Tap xac dinh: D =R\ {+4}.
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x> —3x+4 (x+1)(x—4) _x+1
x* —16 _(x—4)(x+4) Cx+4

Khido: y =

Suy ra d6 thi ham s6 c6 mot dudng tiém can dimg 14 x = —4 va tiém can ngang y =1

x> -9

CAau 126.Tim cac duong tiém can dimg, tiém can ngang cua do thi ham s6: y=————
X —=10x+21

Bai gidi
Tap xac dinh: D=R\{3,;7}.

-9  (x=3)(x+3) x+3
x2-10x+21  (x-3)(x-7) x-7

Khido: y=

Suy ra d6 thi ham s c6 mot dudng tiém can ding 1 x =7 va tiém can ngang y =1

X+4

Vx> -4

Cau 127.Tim cac duong tiém can dimg, tiém can ngang ctia dd thi ham sd: y =

Bai gial
Tap xac dinh: D =R\ {+2}.
Ta co:

. . X+4 n X N L, en n N
limy=lim ? =1 nén d6 thi ham s ¢6 tiém can ngang la y=1.
X—>+o0 X—>+0 X2 —4

. . X+4 n X N L en n .
limy=Ilim ?: —1 nén do6 thi ham so ¢6 tiém cén ngang la y =-1.
X——00 X—>—00 x> —4
. X+4 X s L, A n , N
lim =00 = PO thi ham s6 c6 2 ti€ém can ding la x = +2.

X—>+2 X2 _4

VX2 +x+1

X

Cau 128.Tim cac duong tiém can dimg, tiém can ngang ctia dd thi ham sd: y =
Bai giai
Tap xac dinh: D =R\{0}.

1 1
X2+ x+1 X 1+;+x7 Xlirpwy:—l
B

limy=lim———=1Iim . = d6 thi ham s6 ¢6 hai tiém can ngang.
X—>00 X—>00 X X—>0 X Iimy=1
X—>+0
T . \/X2+X+1 NN " , ) A 1L )
Va Ilrrg y= Ilrrg— =00 = X =0 la tiém can dung cta do6 thi ham so.
X— X—> X

A s . : A s . V2-x-1
Cau 129.Tim cac duong tiém can dimg, tiém cén ngang cua do thi ham s6: y = ——
x(x —4x + 3)
Bai gial

Tap xac dinh: D = (—o0;2]\{0;1}
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J2-x-1 1-x 1

Khid6 y = = -

(X —ax+3) x(x-1)(x-3)(v2—x+1)  x(x-3)(v2-x+1)

Suy ra x(x —3)(\/2 — X +1) =0 < x=0. Suy ra dd thj ham sb c6 1 dudng tiém can dimg.

lim| - 1 =0; lim| - 1

e x(x—3)(\/ﬂ+1) X X(X—3)(\/ﬂ+l)

la y=0.

=0 nén dd thi ham sb c6 tiém can ngang

VX+9+3

Cau 130. Tim cac duong tiém can dimg, tiém can ngang ctia dd thi ham sd: y =

x> + X
Bai giai
Tap xéc dinh: D =[-9;+00)\ {0;~1}.
X+9-9
el _«/x+9+3_./x+9+3_ 1

Khi do: y=—— = =

X" +X x(x+1) (x+1)(\/x+9+3)

. . 1 ) .
Suyra lim y= lim = D06 thi ham s6 ¢6 mot duong tiém can dung la x = 1.
x>(-1) H(‘1)(x+1)(\/x+9 +3)

lim w =0; lim w =0 nén d6 thi ham sb c6 tiém can ngang 1a y =0.
X—>—00 X +X X—>+00 X +X

VX2 —2x+3-x

Cau 131.Tim cac duong tiém can dimg, tiém can ngang cia do thi ham sd: y =

x—-1
Bai giai
Tap xac dinh: D =R\{1}.
Taco
Vx?—2x+3-x 1_§+%_1
limy=lim 1 = lim X—l":o nén do thi ham sé c¢6 dudng tiém can ngang 1a
X—>+00 X—>+00 X_ X—>+00
1—-=
X
y=0.
e o o
limy=lim 1 = lim X 1X =—2 nén d6 thi ham sb c6 duong tiém cin ngang 1a
X—>—0 X—>—0 X— X—>—0
1-=
X
y=2.
. AXE=2 — . Ax%-2 — 5 . . .
lim XX Z2XH3 =X i VX XI?’ X _ _ nén db thi ham sé c6 mot duong tiém can dimg 12
x—1" X— x—1 X —
x=1.
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2X —1—x*+x+3

X2 —5X+6

Cau 132.Tim cac duong tiém can dimg, tiém can ngang cia do thi ham sé: y =
Bai giai
Tap xac dinh: D =R\{2;3}.

2x—1)° = (x> +x+3 2 _py_
Tacé:y:( ) ( + +): 3x* —5x-2 _ (3x+1)

X ~5x+6 (x—2)(x—3)(2x—1+«/m) (x—3)(2x—l+m)

Do vay chi c6 dudng thang x =3 la tiém can ding va dudng thang y =0 13 tiém cin ngang cua do thi

ham sb.

2
A s . . 5 . v -2
Cau 133.Tim céc duong tiém can ding, tiém can ngang cua do thi ham so: y = %
X j—
Bai giai
Tap xac dinh: D =R\ {*1}.
T30 ( x2+3—2)(\/x2+3+2) 21 .

Taco y= = = -

x* -1 ( x2+3+2)(x2—1) (\/X2—+3+2)(x2—1) I +3+2

Khi d6 limy =lim =0= D6 thi ham sb c6 mot tiém can ngang y =0 va khong c6 tiém can

1

ding.

NAX? —=1+3x2+2

Cau 134.Tim cac duong tiém can dimg, tiém can ngang ctia do thi ham sé: y = -
X" =X

Bai gidi
At 1 1
Tap xac dinh: D = (—oo; —E] U (E +oo] \{1}.

2 2 2 2
Khido lim y= lim Y2 183X 42 g i o i YA 143X 42

X—>+00 X—>+00 X _X X—>—00 X—>—00 X _X

=3 Do thi ham s6 ¢6 tiém can

ngang y =3.

Lai co: limy =c0= D6 thi ham s6 c6 tiém can dimg x =1.

X—.

Suy ra d6 thi ham s6 ¢ hai duong tiém cén.

3x-1-+/x+3

Cau 135. Tim cac duong tiém can dimg, tiém can ngang ciia do thi ham sé: y =

X* +2x-3
Bai gii
Tap xac dinh: D =(-3;+00)\{1}.
3x-1-vx+3 _ (3x—1)" —(x+3) 9x* —7x -2

X*+2x-3 (x2+2x—3)(3x—1+\/x—+3) (x2+2x—3)(3x—1+\/ﬁ3)

Khidoé y=
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9x+2

(x+3)(3x—1+\/ﬁ3)

=< V=

Tathdy (x+3)(3x—1++/x+3) =0 x=-3= D6 thi ham s6 c6 tiém cn ditng x=-3.

9x+2 . I9x+2 A e s A R
lim =0; lim =0= DO thi ham s0 c6 ti€ém can ngang

H+oo(x+3)(3x 1+\/;) ’H“”(x+3)(3x—l+\/ﬁ3)

y=0.

N2X+3-2x+3

Cau 136. Tim cac duong tiém can dimg, tiém can ngang ctia do thi ham sé: y =

X* —4x+3
Bai giai
Tap xac dinh: D = [—%ﬁooj\{l; 3} .
2x+3~(2x-3)’
Khido y—y2x+3+2x-3 _ (1-2x)(x-3)
X'=4x+3  (V2x+3+2x-3)(x-1)(x-3)

1-2x

:(\/2x+3+2x—3)(x—1)

Lai cé: lim y=0 nén dd thi ham s6 co tiém can ngang 1a y =0.

X—>+0

.Suyra limy =oo nén d thi ham sb c6 tiém can dimng x =1.
X—>.

2X-3

Cau 137.Tim cac duong tiém can dimg, tiém can ngang ciia do thi ham sé: y = —————
Vx*—=2x-3
Bai giai

X>3

Ham sé x4c dinh khi va chi khi x> —2x—-3>0 <:{ !
X<—

— d thi ham sb c6 hai TCN.

Taco limy=Ilim = .
X—>00 X%oo X2 —2X ’ lim y:—2
X| X—>—00

S6 tiém can ding ctia dd thi ham s6 1a s6 nghiém cua hé phuong trinh {

3 .
-3 (2] Fmvz

x> —2x-3=0 X=3

=
2x-3=0 x=-1
— 6 thi ham s6 c6 hai tiém can dimg.

X+1—-/X%+X+2

Cau 138.Tim cac duong tiém can dimg, tiém can ngang ctia do thi ham sé: y = . ,
X"+ X—

Bai gidi

TXD: D=R\{-2;1}.
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(x+1)2 —(x2 +x+2)

Khi do: y = X+1—/X2 +X+2 _ X1V + X+ 2
’ X2+ X+2 (x=1)(x+2)

x-1 1

B (X+1+\/X2 +x+2)(x—1)(x+2) (x+2)(x+1+\/x2 +x+2)

Taco: lim y=—oo; lim y=+4w= x=-2 latiém cin ding ctia d6 thi ham sé d4 cho.
x—>(-2)" x—>(-2)

Lai cé: lim y=0 nén dd thi ham s6 co tiém can ngang 1a y =0.
X—>+0
3x* —1—/X* +x+2

Cau 139. Tim cac duong tiém can dung, tiém can ngang cua do thi ham sb: y = 312
X" —oX+

Bai giai

=2 = D6 thi ham sb c6 tiém can ngang y =2.

2 4
Taco lim f (x) = lim 2X L= VX #X+2
X—>0 X—0 XS —=3x+2

32 —1—Jx* + x4 2 (3x2—1— x4+x+2)(3x2—1+\/x4+x+2)
Mt khic f ()= _

X" —3x+2 (x2—3x+2)(3x2—1+\/x4+x+2)

4_7y_ —~1)(8x* +8x* +8x +1
o f(x)= 8x* —7x-1 _ (x )(x+x+x+)

(x2 —3x+2)(3x2 —1++/x* +x+2) (x—l)(x—2)(3x2 —1++/x* +x+2)

8x® +8x% +8x+1

(x—2)(3x2—1+\/x4+x+2)

Suy ra lim f (x) =c0 = Do thi ham so ¢4 tiém can dimg x=2.
X—>

o f(x)=

Xx—1
43x+1-3x-5

Cau 140.Tim s6 duong tiém can cta dd thi ham s y =
Lo giai

Tap xac dinh: D = [_%H_w] \ {1}

(x—1)(4v3x+1+3x+5) A3

] x-1 ]
+ Tacd: lim =lim
o1 43X +1-3X -5 xor -9(x-1)° o -9(x-1)

do d6 duong thang x =1 1a dudng tiém cin dimg cua dd thi ham sb.
1

1-=

+ lim x-1 i X

= lim
x40 AJ3X +1—-3X=5 =+ 3 1 5
4 *+72—3—;
X X

tiém can ngang cua do thi ham sb. Vay do thi ham s c6 2 duong tiém can.

1 2 1
= -3 do d6 duong thang y = 3 la duong
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A N . or RPNy 1—
Céau 141.Tim duong ti€ém can ngang va SO tiém can ding cua do thi hamso y = X .
(-1
Loi giai
Tap xac dinh: D = (0;1) .

Tir tap xac dinh suy ra do thi ham sd khong c6 tiém can ngang.

Flimy = lim 2% im L
x—0* x—0* (X _1)\/; x—0" /1_ X\/;
+limy = lim—2=%_ _ lim—— i

1
x—1" xal’(x_l)\/; _xal’,ll_x\/; T

Suy ra d6 thi ham s6 ¢6 hai tiém can dimg 1a x=0,x =1.

Cau 142.Cho ham s6 y = f (x)= nx+1; (mn=1) xac dinh trén R\{-1}, lién tuc trén tung khoang xac
X+m
dinh va ¢6 do thi nhu hinh V& bén:
[ y
2
=
1] [o -
Tinh téng m+n?
Loi giai
Y nx+1 s 4 A A
D6 thi hamso y = f(x)= ; (mn#1) c6 hai duong tiém can x=-m=-1; y=n=2=m=1;
X+m

nN=2=>m+n=3

Cau 143.Cho dd thi ham s6 y = f (x) ¢6 bang bién thién bén dusi.

X —a0 m +o0
y’ — 0 +
+00
8
y
1
—0

Biét rang d6 thi ham sb co tiém can diing x = X,, tiém can ngang la y =1y, va x,y, =16. Hoi m bang

bao nhiéu?
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Lo giai

Taco: lim y=—w nén x=m latiém can ding.

x—>m*

limy=28 nén y, =8 lati¢ém can ngang.

X—>+0

Suyra8m=16<m=2.
Cau 144.Cho ham s6 y = f (x) c6 bang bién thién nhu hinh V&,

-0 -m 400

m 400

—0 m

Tim gia tri tham s6 m d¢ giao diém cua duong tiém can dng va tiém can ngang la diem 1(-1;1).
Loi giai

Tu BBT suyra TCD 14 x=-m, TCN Ia y = m; nén giao diém TCD va TCN Ia | (-m;m).

YCBT I (-m;m)=1(-1;1) < {;nm_j om-1.

(n—3)x+n-2025
X+m+3

Cau 145.Biét rang dd thi cia ham s6 y = (m,n 1a c&c s6 thuc) nhan truc hoanh lam

tiém can ngang va truc tung 14 tiém cin démg. Tinh tong m+n.

Léi giai

A . A n , X g -1 Z ax ,
Theo cong thirc tim nhanh tiém can cta d6 thi ham so6 y = ta co

CX+

Db thi ham s6 nhan x=—9:—m—3:0 lam TCD= m=-3
C

P thi ham s6 nhany =2 =n-3=0 lam TCN=n =3.

C
Vay m+n=0.
A N ax+1 _. 2 Ak s LA A 1 ...
Céau 146.Cho ham so y =m. Tim a,b dé do thi ham s6 ¢6 x=1 la tiém can dung va y :E la tiém
can ngang.

Léi giai

. . . ax+1 -
+ b=0= do thi ham so y=—2 khong co tiém can.

g ax+1
+ b =0, tdp xac dinh cia hamso y = la D=R\ 2 .
bx —2 b
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. s ax+1 . . a__a
= d6 thi ham so y=b > €O tiém can ngang 1a duong thang yzgzgzzcb:Za.
X_

. . ax+1l 400
limy=lim =
: 2" bhx—2

X—= X—>—
b b

—00

\ « ax+1 ., . . 2 2
= d6 thi ham so y=b €O tiém can dung 1a duong thang X=E:E:1<:>b:2:a:1.

Vay a=1b=2,
A , A ‘ DUy x—1
Cau 147.C0 bao nhiéu gia tri nguyén duong ctia tham s6 m dé do thi ham so6 y :TC(S 3 duong
X —8x+m
tiém can?
Loi giai
- x—-1 . x-1 A s oA A A A
Tacd lim ————= lim ——————=0 nén ham s6 c6 mdt tién cdn ngang y=0.

x>0 X2 —8X+m x>+ X2 —8X+m

Ham s6 ¢6 3 dudng tiém can khi va chi khi ham s ¢6 hai duong tiém cén dung < phuong trinh
A'=16-m>0 {m<16
=

x* —8x+m =0 cd hai nghiém phan biét khic 1 < { .
m=7

m-7=0

Két hop véi diéu kién mnguyén duong tacé  me{1;2;3;..;6;8;...;15} . Vay c6 14 gia tri cia m thoa

man dé bai.
. . s . XZ4+m
Cau 148.Tim tat ca cac gia tri cia tham s6 thuc m dé d6 thi ham s6 y = Z3ra2 c6 dang hai duong
X —3X+
tiém can.
Loi giai
X2 +m X* +m

Y ka2 (x-1)(x-2)

limy=1= y=1 la duong tiém can ngang.

X—>to0

2

Do thi ham sb y = c6 ding hai dudng tiém can< do thi ham sé c6 dung mot tiém cén dimg

x> —3x+2
< pt x¥*+m=0 nhan nghiém x =1 hodc x =2.

.., |m=-1
Khi do: .
m=-4
Véi m=-1 ¢6 mot ti€ém can dimg x = 2.
V6i m=—-4 ¢ mot tiém can ding x =1.

Vay me{-1-4}.
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(x—m)2(2x—m)
Jax—x2 =2

Cau 149.Tim tit ca cac gia tri thuc ctia tham s6 m sao cho dd thi ham s6 y = co tiém

can dung.
Loi giai
Ham s6 c6 tap xac dinh D =[0;4]\{2} .
(x=m 2(2x—m) (x—m)2(2x—m)(\/4x—x2 +2)

Taco: y= =—
d 4x —x* =2 (x—2)2

Vi m=2=y =~ (2x~2)(J4x—x +2) = Db thi ham s6 khong c6 tiém can diimg

2(x—4)2 (\/4x —x? +2)

> = Do thi ham sb ¢o tiém can dimg .
X —_

Véim=4=y=—

V6i m{2;4} d6 thi ham s c6 tiém cén ding x=2 .
Suy ra dé do thi ham s6 ¢6 tiém can dung thi m# 2.

Xx-1

2X+mx% +4

Cau 150.Diéu kién can va du cta tham sé thuc m dé do thi ham s6 y = ¢ dang 1 tiém

can ngang 1a
Loi giai

. , . 1 1 N A PN X
+Vo61 m=0,taco y= X :>I|my:5:> y:E la tiém can ngang ctia d6 thi ham so.

X+2 xo=

+ Vi m<0 do thi ham sb khong c6 tiém can ngang vi khong ton tai limy .

X—>0

11 limy=—"
x|1-= =
.. . Xx—1 X X—>+20 2+m
+Véim>0 ,taco y= \/27: - =
2x +Nmx” +4 2X+|x|,/m+— limy=
X

1
X—>—00 2 _ \/E

A 1A oA L m A A - 1
Dé ham s6 c6 duy nhat mt ti€ém cén ngang thi lim y = o0

o’ 2 Jm

Cho 2-Jm=0om=4= lim y=o0.Vay m=0 hodc m=4 I gia tri cAn tim.

X—>—0
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