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A=)

MON QUA TAl LGP
Pon diéu biét f(x)

Vidu 1: Tim khoang d6ng bién, nghich bién ctia ham s§ f (x) biét

a) f'(x)= x(x+1)2 (x—l)3 VxeR. b) f'(x)= xz(x2 —4)(x—2)2 VX eR.

»SOLUTION:

Pon diéu biét ham sé ()

Vidu2: Xéttinh don diéu ctia ham s6:
a)y=x>-3x"+1 b) y=—x°+3x* +9x

<»SOLUTION:
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Vidu 3: Xéttinh don diéu ctia ham s6:

a) y=§x3—2x2+x—3

b) y=-x*+2x*+2026

»SOLUTION:

Vi du 4: Xét tinh don diéu ctiia ham s6:

a) y=x'-8x*+6

b) y=x"+4x*+1

2+ SOLUTION:
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Vidu5: Xéttinh don diéu ctia ham s6:

a) y=X—+1 b) y=x+i
x-1 X
“»SOLUTION:

Vi du 6: Xét tinh don diéu ctia ham s6:

2_
a) y:w b) y=+4x—x*

1-x

> SOLUTION:
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Vidu7: Xéttinh don diéu ctia ham s6:
2

a) Y=X2— b) y=xV4—x?

X -1

2+ SOLUTION:

Pon diéu chita tham s§

Vidu8 Tim m dé€hamsd:
\, 1 A A A
a) (be THPT QG 2020) y = . x>+ mx® +4x+3 dong bién trén R .

b) y=-x"—mx’+(4m+9)x+5 nghich bién trén R.

> SOLUTION:
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Vidu9: Tim m dé€hamsd:
a) y =(m?—4)x° +3(m—2)x* +3x—4 dong bién trén R.

b) (D& THPT QG 2017) y =(m? —=1)x° +(m—1)x* — X +4 nghich bién trén R.

»SOLUTION:

Vidu 10: Tim m dé€ham sd :
a) (DH Khéi A 2013) y = —X° +3x” +3mx—1 nghich bién trén (0;+).

b) y= % x* —2mx’ + 4mx —2 dong bién trén (—oo; 0).

Q) y=%x4 —(m—l)x2 —4—]);4 dong bién trén (0;+00).

2+ SOLUTION:

CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k _



O Toan Thay Hanh - Chuyén Luyén Thi Pai Hoc/10;11,12 ANG KI HOC ONLINESTAI
@) 20Tén That Tang - Tan An - Tp. Buén Ma Thugt s tapdoanthayhanhivn
e 0976.966.307 - 0935.799.744

% TAP DOAN TOAN HQC THAY HANH tl

Vidu11: Tim m dé€ham sd:

a) y= % x° —(m+1)X* +(m? +2m) x nghich bién trén khoang (~11).

b) y=x>-3(m+2)x* +3(m2 +4m) X +1 nghich bién trén khoang (0;1).

»SOLUTION:
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Vidu 12: Tim m dé€ ham sd :
a) y= mx+4m nghich bién trén tirng khoang xac dinh.
m’x—4 . NN
b) y= -1 dong bién trén cac khoang xac dinh
»SOLUTION:

Vidu 13: Tim m dé€ ham so :
o X+4 a A
a) (D& THPT QG 2020) y =—— d6ng bién trén (—0;-7).
X+m

(M+1)x+2m+2
X+m

nghich bién trén khoang (—1; +oo)

b) y=

2+ SOLUTION:
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Vidu 14: Tim m dé€ ham sd :

a) (bé THPT QG 2020) y = mX

dong bién trén khoang (0;+ ).

b) y=

nghich bién trén khoang (-3;1)
m-—X

»SOLUTION:
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Vidu 15: Tim m dé€ ham sd :
a) y= 2cosx—1 dong bién trén (O; Zj .
COSX—m 2
byy=1X=2 oo bich trén (o; 1) .
tan x—m 4
Qy= —S_m x=3 dong bién (0; zj .
sinX—m 4
2SOLUTION
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1. Tric nghiém nhiéu phuong an lua chon. (MSi cAu h3i thi sinh chi chon mét phuong an).
Cau1: (Ma101-2020 Lan 1) Cho hams§ f (X) cé bang bién thién nhuw sau:

T —00 —1 0 1 “+00

f'(z) 0 -

- 0 + 0 +
Foo —+oo
4
fx) \ / \ /
-1 1

Ham s6 da cho dong bién trén khoang nao duwdi day?
A. (—o;-1). B. (0;1). C. (-11). D. (-10)

Cau2: (PéMinh Hoa 2020 - L4n 1) Cho hamsé-f.(X) cé bang bién thién nhw sau:

T —00 -1 0 1 +o0

7z + 0 - 0 + 0 -

Ham s6 da cho nghich bién trén khoang nao dwéi day?

A. (~o0i-1). B..(0:1). C. (-50). D. (~;0).

Cau3: (Ma104-2017) Chohamso y=f (X) €0 bang xét ddu dao ham nhu sau
X ‘—oo -2 0 2 a0
V' ‘ + 0 - “ — 0 +

Ménh dé nao dudi day dung?
A. Ham s8 nghich bién trén khoang (—o;-2) B. Ham s8 dong bién trén khoang (—2;0)
C. Ham s8 dong bién trén khoang (—;0) D. Ham s8 nghich bién trén khoang (0; 2)
Cau4: (Ma101-2018) Chohams§y = f (X) c6 bang bién thién nhu sau
T —00 —1 0 1 +oo

f"(’r') -0 + 0 - 0 +
J(x) \2/ \2/

Ham s6 da cho nghich bién trén khoang nao duwdi day?

A. (-10) B. (—;0) C. (L+o) D. (0;1)
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Cau5: (Ma107-2020Lan 2) Chohamsd y = f ( ) c6 d6 thi g
la duwong cong trong hinh bén. Ham s6 da cho dong | - - |
bién trén khoang nao dudi day? | VA
| |
A. (0;1). B. (—=;0). l _'1 5 1' \ -
C. (1;+»). D. (-1;0).

Cau6: Chohamsd y= f(x) cé d6 thi nhw hinh vé. Ham s da

cho nghich bién trén khoang nao?

351 YR————

(-1;1) B. (-2;-1)
C. (-1;2) D. (1;+)
Cau?7: Chohamsd y= f(x) c6dd thi nhu hinh vé. Ham s6 da cho dong 1
bién trén khoang nao? al----- .
A. (~030). B. (1;3). ot-f |

C. (0;2). D. (0;+c0).

Cau8: (M4 101-2023) Cho hamsd y = f (X) cd bang xét ddu dao ham nhu sau:

z |—o0 -1 0 2 +00
/(@) e T T

Ham s6 da cho dong bién trén khoang nao dwoi day?

A. (-o0;0). B. (2;+0). C.(0;+0). D. (-12).

Cau9: Chohamsd y= f(X) c6 dao ham trén Rvahamso y = f’(X)lé

ham s0 bac ba c6 d6 thi 1a duwong cong trong hinh vé. Ham sd

-3 -2 -1

y = f (x) dong bién trén

A. (—0;-2). B. (0;1).
C. (L+). D. (-2;0).
Cau 10: Chohamsd y= f(x). Hams6 y = f '(X) c6 d6 thi nhuw v

hinh bén. Ham s y = f (X) dong bién trén khoang B /-

A. (~;0) B. (-L1) 0 1\/{ -
C. (2:4) D. (1;4) /
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

(M4 103 - 2022) Cho ham s8 y = f (X) c6 daoham f'(x)=x+1 véimoi x € R. Ham s8 da cho
nghich bién trén khoang nao dudi day?

A. (-1;+x). B. (1;+x). C. (-o;-1). D. (-;1).

Cho ham s8 y = f () lién tuc trén R va c6 dao ham f'(x)= (1—X)2 (x +1)3 (3—x). Ham s6
y = f (x) dong bién trén khoang nao dudi day?

A. (—01). B. (—0;-1). C. (L3). D. (3;+»).

(P& Minh Hoa 2023) Cho ham 8 y = f (x) c6 dao ham f(x)=(x-2)"(1-x) v6i moi xeR
. Ham s0 da cho dong bién trén khoang nao dudi day?
A. (12). B. (1, +). C. (2;+). D. (—o;1).

(Pé Tham Khao - 2017) Cho ham s8 y = x=2 . Ménh dé nao dudi day dung?

X+1
A. Ham s6 nghich bién trén khoang (—o0;+) B. Ham s8 nghich bién trén khoang (—1;+o0)

C. Ham s8 nghich bién trén khoang (—0;—1) .D. Ham s§ dong bién trén khoang (—o0;—1)

—X : N
nghich bién trén
X+3

A. R\{-3}. B. R. C. (—0;-3). D. (3;+).

Hamso y =

(M3 110 - 2017) Cho ham s8 Y = X° =3x*..Ménh dé nao duwdi day ding?
A. Ham s6 dong bién trén khoang (0;2) B. Ham s6 nghich bién trén khoang (0;2)

C. Ham s6 nghich bién trén khoang (—00; 0) D. Ham s0 nghich bién trén khoang (2; +oo)

3

Cho ham 8 y=%—x2 + X+ 2026

A. Ham s6 da cho dong bién trén R.

B. Ham s da cho nghich bién trén (—o0;1).

C. Ham s6 da cho dong bién trén (—o0;1) va nghich bién trén (1;+o).
D. Ham s3 da cho dong bién trén (1;+0) va nghich bién trén (—0;1).

Ham s6 Y =—X° +3x° —4 dong bién trén tap hop nao trong cac tap hop duwoc cho dudi day?
A. (2;+0). B. (0;2). C. (—0;0)U(2;+). D. (-»;0).

(Minh Hoa - 2017) Héi ham s6 Y = 2x* +1 d6ng bién trén khoang nao?

A. (-;0). B. (—oo;—%j. C. (0;+00). D. (—%;m}.

Ham s6 Yy = X* —4x® dong bién trén khoang
A. (—o0;+®). B. (3;+x). C. (-1;+). D. (—;0).
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Cau21: Chohamsd y=x*—2x*+2.Ménh dé nao dudi day dang?
A. Ham s6 nghich bién trén khoang (—;0).  B. Ham s8 nghich bién trén khoang (2;+x).
C. Ham s3 d6ng bién trén khoang (—;0). D. Ham s dong bién trén khoang (2;+x).

Cau 22: Xét mot chat diém chuyén dong doc theo truc OX. Toa do cua chat diém tai thoi diém t duoc
xac dinh boi ham so X(t) =1®—6t° +9t véi t>0. Khi dé V(t) = X'(t) la van toc cua chat diém

tai thoi di€ém t. Trong khoang thoi gian nao van toc ctia chat diém giam?

A te(0;2). B.t<(0;3). C.t=2. D. te(2;+x).
Cau 23: (Mai 110 - 2017) Ham s6 nao dudi day dong bién trén khoang (—oo; +oo) ?
A.y:X—_1 B. y=xX+x C. y=-x>-3x D.y:X—Jrl
X—2 X+3

Cau 24: (D& minh hoa 2022) Ham s nao dudi day nghich bién trén R

A y=—-X—X. B. y=-x'—x". C.y=—x +X. D.yzii.
X —

Cau 25: Ham s6 nao sau day nghich bién trén R ?

A y=x3-3x+2. B.y=x"+2x*+2.

C. y=—X+2x>—4x+1. D. y==x>—-2x* +5x-2.
Cau 26: (Mai 101-2022) Ham s6 nao dudi day dong bién trén R ?

A y=x'—x%. B. y=x>—X. C.yzx—_l. D. y=X+X.

X+2
R < N 2 \ | . 4P , . i
Cau27: (Ma123-2017) Ham s Yy =——— nghichbién trén khoang nao dudi day?
X
A. (—o0;+00) B. (0;+0) C. (-90;0) D. (-L1)
x> —2X+5

Cau 28: Chohamsd y = ————. Ham s0 dong bién trén khoang nao sau day?

A. (—;5). B. (—-3;+x). C. (3;+x). D. (-3,5).

Cau29: (Mi 104 - 2017) Cho ham s6 y =+/2x* +1. Ménh dé nao duéi day dang?
A. Ham s8 dong bién trén khoang (0;+ o) B. Ham s8 dong bién trén khoang (—o0;0)
C. Ham s6 nghich bién trén khoang (0; + oo) D. Ham s0 nghich bién trén khoang (—1; 1)
Cau30: Hamsd y=+/8+2x—x* dong bién trén khoang nao sau day?
A. (L+). B. (—o0;1). C. (-2,1). D. (L4).
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2. Cau héi dang sai. (Trong méi y (a),(b),(c),(d) mbi cau, thi sinh chon diing @hoéc sai ®)
Cau31: Chohamsd y= f(x) lién tuc trén R va c6 bang bién thién nhu sau:

x —on -3 -2 +o0

y’ + 0 + 0 -

¥ | 5

/ 0 /
Ménh 48 Ping | Sai

(a) | Ham s6 da cho dong bién trén cac khoang(—;-5) va (-3;-2) D C]
(b) | Ham s3 da cho dong bién trén khoang (—o;5) C] C]
(c) | Ham s6& da cho nghich bién trén khoang (—2;+x) C] [j
(d) | Ham s6 da cho dong bién trén khoang (—o;-2) [:] [:]

Cau32: Chohamso y=f (X) ¢ d6 thi nhw hinh vé bén.

Meénh de bing
(a) | D6 thi ham so cét truc tung tai diém cé tung do bang 3 D

(b) | Ham s& nghich bién trén khoang (—3;0) C]
(c) | Dong bién trén khoang (—1;0) C]

(d) | Nghich bién trén khoang-(0;3)

OO0

2 —
Cau 33: Chohamsd y= X +x-1
x-1
Ménh dé bing | Sai
(a) | Tap xdc dinh ctia ham s61a D =R\ {1} C] [3
(b) | Phrong trinh y' =0 c6 hai nghiém nguyén D D
(c) | Ham s6 dong bién trén méi khoang (0;1) va (2;+) D D
(d) | Ham s& nghich bién trén mdi khoang (0;1) va (1; 2) . [:] [:]

Cau34: Chohimsd y =X +3x*—mx+1 (tham s m).

Ménh dé
(a) | Khi m=0 thi ham s& dong bién trén (—o0; +o0)

(c) | Co 8 gia tri nguyén duong m d€ ham s dong bién trén (1;+)

Piing
(b) | P& ham s8 dong bién trén (—oo;+0) thi gié trj 16n nhat ctia m 1a -3 (]

0000e

(d) | C6 1 gid tri nguyén &m m d& ham sd nghich bién trén ( -1,0)
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Cau5: Chohamsd y=—""1 (thams& m). Khi dé:
m X

Ménh dé Piing | Sai
Ta co y'———mz_4 [:] [:]
@) (m —4x)2

(b) | C6 3 gi tri nguyén d& ham s8 nghich bién trén timg khoang x4c dinh (] |(])
(c) | Ham s6 nghich bién trén trén titng khoang xac dinh khi m=1 C] D

, , . i~ 1
C0 2 gia tri nguyén d€ ham s6 nghich bién trén khoang | —oo; —
(@ | o2 gid ringuy g ) 0|0

3. Cau hoi tra 18i ngdn. (Thi sinh dién két qua vao 6 tréng )
Cau 36: Gia st su lay lan ctia mét loai virus @ mot dia phwong c6 thé dwge mé hinh hoa bé“mg ham so
N(t)= —t° +12t*, 0<t <12, trong d6 N 1a s8 nguoi bi nhiém bénh (don vi 1a tram nguodi) va
t 1a thoi gian (tuan). Goi (a;b) 1a khoang thoi gian 1au nhat ma s6 nguoi bi nhiém bénh tang
1én. Tinh gid tri P =2a%-b’.
e ST
Cau 37: Do giam huyét 4p ctia mot bénh nhan duoc chobaoi cong thiee G (X) =0,025x? (30 - X) trong do
X la liéu luong thude durgc tiém cho bénh nhan (X dwgc tinh b:img miligam). Liéu luong thudc
can tiém cho bénh nhan nam trong khoang (a;b) thi huyét 4p bénh nhan giam. Tim b—a?

Cau8: Thétich V(cm®) cia 1kg nudc tainhiét ¢ T(0'C <T <30'C) duoc tinh béi cong thire
V(T ) =999,87 —0,06426T +0,0058043T? ~-0,0000679T .
Thé tich nuée V (T )(0°C <T <80'C). giam trong khoang nhiét d6 (a°;b°);b lam tron dén

hang don vi. Tong a-+b bang bao nhiéu?

3
Cau39: Mot chat diém chuyén dong theo phuong trinh s(t)= —%+18'[2 —35t+10, trong d6 t tinh

bang gidy va s tinh bang mét. Trong 40 giay dau tién, chat diém c6 van toc tike thoi giam trong

khoang thoi gian (@;b). Tinh gia tri cua biéu thirc P=2b—3a.

Cau 40: Mot con ca hoi boi nguoc dong dé€ vuot khoang cach la 300km. Van téc dong nuwdc la 6km/h.
Néu van tdc boi ctia ca khi nuwdc ding yén 1a v(km/h)thi nang lwong tiéu hao ctia c trong t
gio dugc cho boi cong thite E (V) =cv’t (Jun), trong d6 ¢ 1a hing s6. Van t8c boi ctia ca khi

nuéc dirng yén nam ¢ khoang (a;b) thi ning lwong tiéu hao ctia ca giam. Tinh a+b?
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Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Hang ngay muc nuwdc ctia mot con kénh 1én xudng theo thuy triéu. Do sau h (m) clla muc hdc

trong kénh tai thoi diém t(h)(0<t<24) trong ngay duoc x4c dinh boi cong thirc

h=2 COS(% + %j +5. Cé bao nhiéu gio trong ngay ma muc nudc kénh ting dan?

4 1 7 o« A .7 . A 2 A~? \ ~
Cho ham s3 y =3 x* +mx? +(3m+2)x+1. C6 bao nhiéu gia tri nguyén ctia m d& ham s3

nghich bién trén R ?

ratei: W ]

S8 gia tri nguyén ctia tham s§ m dé ham s6 y = X° —(m+1)x* +3x—m” +2 dong bién trén R.

mx +4m

(M3 104 - 2017) Cho ham s6 y =——— v6i M la tham s6. C6 bao nhiéu gia tri nguyén cua
X+m

M dé ham s6 nghich bién trén cac khoang xac dinh?

SO gia tri nguyén cta tham s6 m d€ham s6'y =

(M3 104 - 2020 - Lan'2) C6 bao nhiéu gid tri nguyén khong am ctia tham s6 m dé€ ham so
y=x"-3x*+ (1-m) x/d6ng bién trén khoang (2; +0) ?

Cho ham s8 Y = X* +3X* —mX =4, C6 bao nhiéu gia tri nguyén ctia tham s m dé& ham s& dong
bién trén khoang (—o0;0) biét m>-10 2

Chohamso y=f (X) xac dinh va lién tuc trén R co f'(X) >0,VxeR.Cobao nhiéu gia tri

mx =16
X—m

déng bién trén khoang (—w0;—2) ?

nguyén ctia X thoa man bat phuong trinh f (XZ) < f(4x)?

tae: YTTTT]

Goi S la tap hop cac gid tri cta tham s6 m d€ ham sd y = % X3 —% mx? +2mx—3m+4. nghich
bién trén khoang cé dd dai bang 3.Tinh téng cdc phan tir ctia S .

~ L4 . A A k3 ~ ~? \ ~ m A oA A
SO gia tri nguyén am ctia tham s6 M dé hamsd y =X+3— X2 dong bién trén [5;+00)?
X j—
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Cau 51: SO gid tri nguyén am cua tham s0 m d€hamso y = % x* +mx —21 dong bién trén (0;+o0).
X
~ \ n In X - 4 & \ ~ . N A /4 .7 . A 2
Cau 52: Chohamso y= T x_2m voi m la tham so. Goi S 1a tap hop cac gia tri nguyén duong cua m
nx—2m
dé ham s§ dong bién trén khoang (1;€). S8 phan tir ctia S ..
mx+4 1
Cau 53: Co bao nhiéu gia tri nguyén ctia tham s6 m dé ham sd y =2*™ nghich bién trén (E ; +ooj.
Cau54: C6 bao nhiéu gid tri nguyén am I6n hon -10 cta tham s6 m d€ ham s6
1 (oA .
y= 3 x° —mx® +(2m—1)X—m+ 2 nghich bién trén khoang (-3;0).
s N oir T . BN x> +5X+m+6
Cau 55: S0 gid tri nguyén khong am m ‘dé€ ham s6 f ( ) 5. U dong bién trén (1 + oo)
X+
: Y | G Mo XAR2XEM
Cau 56: CoObaonhiéu gia tri nguyén cuia thams6 M déhamso y = i nghich bién trén khoang
(1,3) va dong bién trén'khoang (4;6).
2
X
Cau 57: SO gia tri tham s6 MeZ" déhamsd y = v mx+In(x—1) déng bién trén khoang (1;+)?
Caus58: C6 bao nhiéu gid tri nguyén cta tham s6 ae(—0;2026) sao cho ham sO
= ‘Xs +(@+2)x+9- az‘ nghich bién trén khoang (0;1) ?
Cau59: Hamsd y= (X+ m)3 +(X + n)3 —x° (tham s§1a m,n) d6ng bién trén (—oo; +0) . Gi4 tri nho nhat
ctia biéu thire P=4(m*+n*)—2m—2n 1a T. Tim 100T ?
Cau 60: C6bao nhiéu s6 nguyén ctia M d&ham s6 y =|mx® —mx® +16x —32‘ nghich bién trén (1;2) ?
SEREE
o
can

Khéng ai cé thé thay ban ginh chiju, cling khong ai c6 thé 13y di sy kién cudng cia ban. Méi ngusi déu
1a It khdch co doc, trdi qua qua trinh bon ba hanh tiu réi méi dan tré nén kién cudng!
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BAI 2 : CUC TRICUA HAM SO

| o wnas

# Memorize : # Ly thuyét bai gi :
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L.

A=)

MON QUA TAI LGP

Cuc tri ham s&8 biét '(x)

Vidy 1: Choham s§ ¥ = f(X) c6 dao ham f'(x)=(x*—-1)(x° ~3x+2)(x* —2x). Ham s f (X) <6

bao nhiéu cuee tri? Bao nhiéu cuc dai, bao nhiéu cuyec tiéu?

»SOLUTION:

Cuc tri biét ham s8 #(x)

Vidu2: Tim di€ém cyec tri, gia tri cwe tri va diém cuc tri cua d6 thi ham s6 sau (néu cd):

a) y=%x3—2x2+3x b) y=x*—3x"+3x+2026

> SOLUTION:
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Vidu3: Tim di€m cyec tri, gia tri ceec tri va di€ém cuc tri cua d6 thi ham s6 sau (néu co):

a) y=—x'+2x>+5 b) y=x"+4x"+3

> SOLUTION:

Vidu4: Tim di€ém cyec tri, gia tri cwe tri va diém cuc tri cua d6 thi ham s6 sau (néu co):

X—4 X +x+1
a) y=—°>r b)y=———
X+1 X+1

> SOLUTION:
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Vidu5: Tim diém cuec tri, gia tri cuc tri va di€m cuc tri caa d6 thi ham s6 sau:
a) y=+/3-2x—x° b) y =xy/1—x?

> SOLUTION:

Cuc tri trong toan thuc t&

Vi du 6: Mang trugt cia mot cau truot cho tré em (Hinh
5a ) duoc udn tir mot tdm kim loai ¢ bé rong
80 cm, mit cit dwoc md ta & Hinh 5b. Nha thiét
ké khuyén cdo, dién tich ctia mét cit cang 16n thi

cang dam bao an toan cho tré em. Véi X dat gia

tri bang bao nhiéu thi cau truegt dam bao an toan Hinl 5
nhét cho tré em?

> SOLUTION:
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Cuc tri tai diém xo

Vidu7: Tim cac gia tri thwe ctia tham s6 m d€ ham s6
1 L.
a) y :gx3 —mx? +(m2 —4)x+3 dat cuc dai tai Xx=3?

b) y = x> —3mx* + (M+2)X—m dat cuc tiéu tai x=1?

QY= x* —2mx? +m* +2m—5 dat cuc tiéu tai x=-1?

> SOLUTION:

> R g~ -~ - .
Tim m &€ ham s8 cé nldiem‘cuc tri:

Vidu 8: Tim tat ca cac gid tri thuc cua tham s6 m dé':
a)Hamso y = x> —3mx? +3mx+m? c6 hai diém cuec tri.

b) Hamsd y = 2x° —(m —2) X2 +(6—3m) X c6 hai diém cuec tri.

> SOLUTION:
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Vidu9: Tim tat ca cac gid tri thuc cua thamsé m dé':

a) Hamsdy = % X% +mx? + 4x + 2021 khong c6 cuec tri.

b) Him s8 y = —% X% +mx? + (3m+2)x khong c6 cye tri.

»SOLUTION:

Vi du 10: Tim tat ca cac gid tri thuc cua tham sé m dé':

a)Ham s y = (m + 2) x> +3x* +MX =5 c6 cuc tiéu ndm bén trdi diém cuc dai.

b) Ham so Y = mx® —3mx? +3x+1 c6 diém cuc dai ndm bén trai diém cuec tidu.

=SOLUTION:
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Vi du 11: Tim t4t ca cac gid tri thuc cua tham s6 m dé':

a) (OH B 2002) Ham s8 Yy = mx* +(m? —9)x* +10 ¢6 3 diém cuec tri .

b) Ham s6 Yy = mx* +(m —2)X2 +1 ¢6 3 diém cuec tri.

»SOLUTION:

Vi du 12: Tim t4t ca cac gid tri thuc cua tham s6 m dé':

a) Ham s6 y = m*x* +(m - 4) X +m 6 2 diém cuc tiéu va 1 diém cwce dai .

b) Ham s6 y =mx’ +(m2 —9) x?+m? ¢6 1 diém cuc tiéu va 2 diém cuc dai.

£+ SOLUTION:
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Pudng thing di qua 2 diém cuc tri

Vi dy 15: (M3 123 - 2017) D6 thi ham s8 Y = X° —3X* =9X+1 ¢6 hai cyc tri A va B. Viét phuong trinh
duong thing AB?

2+ SOLUTION:

Vi du 14: (M4 104 - 2017) Tim gia tri thuc ctia tham s6 M d€ duong thang d :y =(2m—-1)x+3+m

vudng goc véi duong thing di qua hai diém cuc tri ctia do thi ham s6 Y = X°* —3x* +1.

£+ SOLUTION:

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du Bk L&k



O Toan Thay Hanh - Chuyén Luyén Thi Pai Hoc/10;11,12 ANG KI HOC ONLINESTAI
@) 20Tén That Tang - Tan An - Tp. Buén Ma Thugt <1 tapdoanthayhanhivn

e 0976.966.307 - 0935.799.744 M TAP DOAN TOAN HQC THAY HANH 38

Vi du 15: Tim tong tat ca cac gia tri thue ctia tham s6 M sao cho duong thang di qua hai diém cuec tri

ctia @6 thi ham s& y = 2xX° +3(m—1)x* +6m(1-2m)x song song duong thing y = —4x .

2+ SOLUTION:

Tim m dé ham s& c6 cucfri fhida didukién

Vi du 16: (Dé Tham Khao 2017) Goi S 1a tap hop tat ca cac gia tri thue cua tham s6 m dé€ do thi caa
~ 1 ’ o «A? o \ M ’ ’
hamso y= 5 X —mx® + (m2 —1) X co hai diém cuc tri A va B sao cho A, B ndm khac phia

va cach déu duong thang d : y =5x—9. Tinh tong tat ca cic phan ttr ctia S .

“»SOLUTION:
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Vi du 17: Tim t4t ca ca cac gia tri cia tham s6 m dé€ y = x® —3x% + mx—1 dat cuc tri tai X, X, thda man

X, +x; =6

2+ SOLUTION:

Vi dy 18: Tim tAt ca céc gié tri thure ctia tham s6 m d€ d6 thi ham s8'Y = X* —2m*X* + M+ 4 ¢4 ba diém

cyec tri tao thanh ba dinh ciia mot tam giac déu?

2+ SOLUTION:
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Vidy 19: Tim M d€ d6 thi ham s8 Y = X* —2m?x* +1 ¢6 3 diém cye tri 1ap thanh mot tam gidc vudng

can.

»SOLUTION:

2
" s X“=2mx+m+2 N
Vi du 20: Tim tham sO0 M dé€ ham s6 y = S co cuc dai va cuc tiéu
X—2m

»SOLUTION:
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Vi du 21: Cho ham s§ Y =X>—=3mx’ +4m’* -2 ¢4 d6 thi (C) va diém C(L4). Tinh tdng cac gia tri

nguyén duong ciia M d¢ (C) c6 hai diém cuc tri A, B sao cho tam giac ABC c6 dién tich

b?ang 4,
“»SOLUTION:

Vi du 22: Goi A, B, C 1a cac diém cyc tri ctia d6 thi ham s8 Y = X* —2X* +4 . Tim béan kinh duong tron
noi tiép tam giac ABC

£+ SOLUTION:
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Cuc tri chita tri tuyét d6i

Vi du 25: Cho ham s& f(X) = x* —=14x® +36X* + (16 —m)X v6i M 1a tham s8 thuc. C6 bao nhiéu gia tri

nguyén caa M dé hamsd g(x) = f (|X|) c6 7 diém cuc tri?

> SOLUTION:

Vidu24: (D& Tham Khao 2018) C6 bao nhiéu gid tri nguyén cta tham s6 m dé ham s6

y=[3x* —4x* —12x* + m| c6 7 d&iém cuyec tri?

> SOLUTION:
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Vi du 25: (M3 103 - 2022) C6 bao nhiéu gia tri nguyén am ctia tham s6 @ dé ham s6 y =|x* +ax” —8x

c6 dung 3 diém cuc tri?

> SOLUTION:
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1. Tric nghiém nhiéu phuong an luda chon. (M6i cAu h3i thi sinh chi chon mét phuong dn).

Cau 1: (Pé Tham Khao 2020 - Lan 1) Cho ham s6 x |-o0 0 3 +00
y=f (X) c6 bang bién thién nhw sau. Gid | f'(x) + 0 - 0 +
tri cuc tiéu ctia ham s da cho ban 2 00
A.2. B3 | 7Nl T
C.0. D. 4. —00 —4
Cau2:  (Mi 101 - 2020 Lan 1) Cho ham f (X) c6 A o 5 e
bang bién thién nhu sau. Gia tri cuc tifu caa  f'(z) 0 0 - 0 +

ham sé da cho b.%mg +oo
A. 3. B. -5. 2
f(z
C.0. D. 2. ) / \ /
oo —5

Cau3: Chohamsd Y= f(X) cé bang bién thiénnhu sau:

x — —3 -2 1 +x
y - + 0 -

NN

5

\

Gid tri ciec dai ciaham so y = f (X) la:

A. 0. B. 1. C. 3. D. 5.
Caud: (Ma 103 - 2023) Cho ham s§ y =ax® +bx’ +ex+d(a,b,c,d eR) 6 ’
----- 2
d6 thi la duong cong nhu hinh vé. Di€ém cuc tiéu edia ham s6 da cho
la ;
i o 1 X
A. x=1. B. x=-2. -
C. x=-1. D. x=2.
ok
Cau5:  (Ma 103 - 2018) Cho ham s8 y =ax* +bx’ +c (a, y
b, ceR) cd @b thi nhu hinh vé bén. S§ diém cuc \ /
tri ctia ham sd da cho 1a Q X
A.3 B.0
C.1 D. 2
, 4 2 s Y14
Cau6: (Ma 104-2022) Cho ham s§ Y =ax" +bX"+C cé do6 thi la dudng cong N1 7
trong hinh bén. Gia tri cuc tiéu ctia ham s6 da cho bang ! 3 !
A.3. B. 4. ]
C. -1. D. 1. [-10] 1]
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Cau7: (PéMinh Hoa 2023) Cho ham s8 Y = ax* +bx* +¢ ¢4 do thi la

duong cong trong hinh bén. Diém cuec tiéu cua d6 thi ham s6 da
cho c6 toa do la

[ N

A. (-L2). B. (0;1).
C. (12). D. (1,0) \ z
Cau8: Chohamso y="f (X) c6 d6 thi nhu hinh vé. Gia tri cuc tiéu Yy
ctia ham s8 da cho Ia V
2 2
A. 1l B. 1. A R
C. 2. D. 2. 4 P z
AV
ax’ +bx+c
Cau9: Chohamsd f(x)= Y ¢o bang bién thién nhu hinh sau:
ex+
x |—o -1 2 5 +00
(%) + 0 - ~ 0 +
+0oo \ +oo
f(x) 0 2 7
o T N,
Ham so da cho dat cuc dai tai diém
A. x=5. B. X=2. C. x=0. D. x=-1.
Cau 10: (Pé Tham Khao 2020 — Lan 1) Cho ham s&
f (X), bang xét dau cta f'(X) nhw sau. S6 ‘ — -1 0 1 0
diém cyc tri cia ham s8 da cho la f'(x) ‘ +0 -0 -0 +
A. 0. B. 2.
C. 1. D. 3.

Cau 11: (M4 101-2020 Lan1) Cho hams§ f (X) lién tuc trén R va cé bang xét ddu ctia f'(X) nhu sau:

X ‘ — —1 0 1 2 +o0

S6 diém cuc dai cia ham s6 da cho la
A. 4. B. 1. C. 2.

Cau 12: Cho ham da thic y= f(x). D6 thi ham s6 y= f'(x) la duong cong

nhu hinh vé bén dudi. Hoi ham s6 y = f (X) c6 bao nhiéu diém cuc

tri?
A. 3. B. 1.
C 2. D. 0.
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Cau 13: (M4 104 - 2020 Lan 2) Cho ham s§ f (x) 6 f’(x):x(x+1)(x—4)3,vXeRsa’dié’m cuc tiéu
ctua ham sO da cho la
A. 4. B. 3. C.1. D. 2.

Cau14: Chohamso f (X) c6 dao ham f'(X):X(X—l)(X—Z)Z,‘v’XeR.Sé’di@m cuec tri cia ham so da

cho la
A. 5. B. 2. C.1. D. 3.

Cau 15: (Ma 102-2023) Cho ham s ¥ = f (X)c6 dao ham f'(x)=(x+2)(x—-1),VxeR. S8 diém cuc

tri ciia ham s6 da cho la
A. 2. B. 0. C. 3. D. 1.

Cau16: Hamso Y= f(X) c6 dao ham f'(X):(X—l)(X—Z)...(X—2019), VXeR.Hamso Y= f(X)

cO tat ca bao nhiéu diém cuec tiéu?

A. 1008 B. 1010 C. 1009 D. 1011

Cau17: (DéMinh Hoa 2017) Tim gi4 trictic dai Yep cliaham s6 Yy = X° —3X+2.

A Yoo =-1 B Yep =4 C. Yoo =1 D. Yop =0
Cau 18: Ham s6 nao dudi day khong ¢6 cuc tri?
2 —_—
A y=2 1 B.y=2X P C. y=x"-2x+1 D. y=—x+x+1
X X+1

Cau 19: D5 thi ham s8 y =X —X* +1 c6 bao nhiéu diém cuc trj c6 tung db 1a s& duong?
A. 3. B. 1. C. 2. D. 0.

Cau20: Gia tri cyc tiéu Yo, cuahams6 y=X —3x*+4 la:

A. Y =0. B. Yo =3. C. Yor =2 D. Yo =4.
Cau21: Chohams6 Y =X’ —3x*+2.Ménh dé nao dudi day dang?

A. Ham sO dat cuc tiéu tai diém X=0. B. Ham s6 dat cuc dai tai diém M (0; 2) )

C. Ham sO dat cuc dai tai diém x=0. D. Ham s6 dat cuc dai tai diém X =2.

Cau 22: Diém cyc dai cia d6 thi ham sé Y = —x*+3x+1 la:
A. M (-1-1). B. N(0;1). C. P(2;-1). D. Q(13).

oo 1 o g
Cau23: Hamsoy= 5 x® 4+ x* —3x +1dat cuc tiéu tai diém

A. x=-1. B. x=1. C. x=-3. D. x=3.

Cau 24: Tim sO diém cuee tri cila ham s6 Y = x*—2x2.

A.2. B. 4. C. 3. D. 1.
X2+ X+4
Cau25: Hamso y= a1 6 tat ca bao nhiéu cuyec tri?
X+
A. 2. B. 3. C. 1 D. 0.
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2. Cau héi dang sai. (Trong méi y (a),(b),(c),(d) mbi cau, thi sinh chon diing @hoéc sai ®)
Cau26: Chohamsd Y= f(X) cé bang bién thién nhu sau

x |—oo o 2 +ao
y' + o — 0 +
2
4
5 -5
Ménh dé Pling | Sai
(a) | Ham s8 dong bién trén khoang (-5;2) B

(b) | Ham s3 c6 bon diém cuee tri

J
(c) | Ham s& dat cuee ti€u tai X =2 D
UJ
1y =

(d) | Ham s& mot cyee dai

Cau27: Cho ham s§ y= f(x).Ham s& y=f'(x) lién tuc Y

f(x)
va co d6 thi trén R nhw hinh vé.
/N o /\

Ménh &

(a) | Ham s8 y = f(X) da cho ¢ 4 di€m cuec tri

(c) | Him sd y = f(X) c6 3 diém cuc dai.

Dbiing
(x) O
(b) | Himso y = f (X) ¢6.3 diém cue tiéu C]
(%) O
O

00002

(d) | Hamso y=f (X) c6 1 diém cuc dai duong.

Cau28: Chohamsd Y =X —6x°+9x

Ménh dé Ping | Sai
(a) | Ham s8 nghich bién trén khoang (1;3) C] C]
(b) | Ham s8 ¢6 2 diém cuyee tri D D
(c) | Gia tri cyc ti€u ctia ham s6 bang 3 C]
(d) | Biém cuc dai cua d6 thi ham so c6 tong hoanh d6 va tung do béng 4 D D

Cau29: Chohamsd f (X) ¢ daoham f '(X)z X(l— X)2 (3—X)3(X—2)4 voimoi XeR.Khidd:

Ménh dé Ping | Sai
(a) | Him s f (X) dat cuc tiéu tai X=0 C] D
(b) | Him so f (X) dat cuc tiéu tai X=2 D D
(c) | Ham s8 f (X) dong bién trén khoang (3;+x) C] D
(d) | Ham s& c6 hai diém cuyec tri D D
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Cau30: Chohamsd y=X'—2x*+1.Khidé:
Ménh &é Ding

(a) | Ham s6 co6 3 diém cyc tri.

(b) | Ham s8 dong bién trén cac khoang (—1;0); (1 +o0).

(c) | D6 thi ham s6 ¢ 2 diém cuc dai.

0000
OO00E

(d) | Ham s6 nghich bién trén cac khoang (—o0;—1); (0;1).

Cau 31: Cho ham s& y=—x3+3x2—3mx+§ (M 13 tham s8). Khi d6:

Ménh dé
(a) | Khi m=1ham s& c6 2 diém cuec tri

(b) | Khi m=1ham sd nghich bién trén khoang (—00;1)

Biét m < a thi ham s c6 cyec tri, khi d6 phuong trinh log,(X+a) =3 c6

© nghiémla X=7

C6 6 gia tri nguyén ctia tham s6 M sao cho ng véi moi M, ham s6 ¢

0|0 00E
0|0 0o0og

(d) ding mét diém cuc tri thudc khoang ( =2, 5)

Cau32: Chohamsd y=—x>+3mx*=3m=1véi m 1a mot tham s thuc. Khi d6:

Ménh de
(a) | Khi m=0 ham s6 khong c6 di€ém cuec tri

(b) | Khi m#0 ham s&¢6 hai di€m cuee tri

Khi m =1 thi toa.do trung diém ctia hai di€ém cuc tri d6 thi ham s6 la
© ) 12)

D€ do6 thi ham s6 da cho c6 hai diém cuec tri d6i xiing nhau qua duong
@] thing d : x+8y—74 = Othim e (L;3]

slislan’;
0|0 00¢

Cau33: Choham s§y=—x"+2mx*+2c6 do thi (C,).

Ménh d¢ Dung
(a) | Khi m=0ham s& dong bién trén khoang (0;+x)

(b) | Khi m=0 ham s& c6 mot diém cuc tri

(c) | D& ham s6 cd ba cuc tri thi m>0

d Dé d6 thi ham s6 c6 ba diém cuc tri tao thanh mot tam giac vuong thi
@ | 'm=a, khi d6 thé tich khi chép c6 ddy S =4 chiéu cao h=a bing 4
Cau34: Chohamsd Y= f(X)=3x"—4x*-12x* + m*(m 1a tham s6).

Ménh d¢é Ding

0000
0000

(a) | Ham s0 ¢6 3 diém cuee tri

(b) | Khi m=0 thi ham s6 y =—f (x) dong bién trén khoang (-1;2)
Khi m=0 thi &6 thi ham s6 y = —f (x) c6 2 diém cuc dai la (-15) va
(0;0)

C6 6 gia tri nguyén ctia tham s§ M déham s& y =|f (X)| c6 dting 5

(c)

0| 0 00
O 0 00k

(d

diém cuec tri
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Cau 35:

Cho ham s6 f(X) c6 dao ham f’(x)zxz(x+2)4(x+4)3[x2+2(m+3)x+6m+18] (m 1a
tham s0). Khi do:

Ménh dé
(a) | Khi m=-2 thi ham s8 f (X) c6 mot diém cuec tri

(b) | Khi m=-3 thiham s§ f (X) c6 hai diém cuc tri

(c) | Khi m=5 thiham s§ f (X) c6 hai diém cuc tri

Téng tat ca céc gia tri nguyén cia m d&ham s8 f (X) cé dting mot

O [000E
O 000k

(d)

diém cuc tri bang 5

3. Cau hoi tra 18i ngdn. (Thi sinh dién két qua vao 6 tréng )
9 Cuc tri khong tham s&

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Trong mot thi nghiém y hoc, ngudi ta cdy 1000 vi khuan vao méi truong dinh dudng. bang thuc
nghiém, nguoi ta xac dinh dwgc s6 lwgng vi khudn thay doi theo thoi gian boi cdng thirc:

N(t) =1000 -+ 20t

5 (con), trong.do-t-la thoi gian tinh bang gidy. Hoéi thoi gian bang bao

nhiéu dé€ s6 luong vi khuan dat cuc dai?

Gia str tong chi phi san xuat X (0<x<50) donvisanphdm A mdi ngay tai mot nha may dwoc
cho boi cong thire C(x)= X?z +3%x+400 (nghin dong) va toan by chung duwgc ban hét véi gia
(900 - 6x) nghin dong mot san pham. Tim muie san luong (d6 la s& luong san phdm duogc san
xuat) d€ lgi nhuén trung binh dat cuc dai

Tra 16i : m

Nguoi ta thdy rang trong vong 3 nam tinh tit ddu nam 2020, gia thanh P ctia mot loai san pham
vao thang thit t thay di theo cong thitc P(t) =80t ~3600t* + 48000t +100000 (dbng) véi
0<t<36. Gia thanh dat cuc dai vao.thoi diém nao?

Tawi: 9T

Gia st su lay lan ctia mot loai virus & mét dia phuong ¢ thé duwoc mo hinh hod bf“mg ham s6
N (t)=-t*+12t*, 0<t<12, trong &6 N 1a s8 nguoi bi nhiém bénh (don vi 1a trdm nguoi) va
t la thoi gian (tuan). S6 lvong nguoi nhiém bénh dat cuc dai c6 gia tri bz‘?mg bao nhiéu

e YT

Xi nghiép A san xudt doc quyén mot loai san pham. Biét rang ham tong chi phi san xuat la
TC = x® —77x% +1000x + 40000 va ham doanh thu 1a TR = —2x? +1312x, v4i X 1a s6 san pham.
Loi nhuan cua xi nghiép A dugc xac dinh bf?mg ham so f (X) =TR-TC, cuc dai loi nhuan ctia
xi nghiép A khi d6 dat bao nhiéu san phdm?

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du Bk L&k



0 Toan Thay Hanh - Chuyén Luyén Thi Dai Hoc 10;111,12 PANG Ki HOC ONLINESTAI
@ 20 Tén That Tung - Tan An - Tp. Budn Ma Thuot € tapdoanthayhanhivn

G 0976.966.307 - 0935.799.744 M TAP DOAN TOAN HQC THAY H *

Cau41: Gia st su lay lan ctia mot loai virus 0 mot dia phuwong cé thé duwge mo hinh hoa bgmg ham so
N(t) = —t>+12t>,0<t <12, trong &6 N 1a s nguoi bi nhiém bénh (tinh bing tram ngudi) va

t 1a thoi gian (tuan). Héi virus s€ lay lan nhanh nhat ¢ tuan thi may?

Cau 42: Hang ngay muc nudc cua ho thuy dién 6 mién Trung 1én va xudng theo luong nuwdc mua va cac

sudi nudc d6 vé ho. Tinh tir thoi di€m 8 gio sang, d6 sau ctia muc nwdc trong ho tinh theo mét
va lén xudng theo thoi gian t (gio) trong ngay cho boi cong thire: h(t) = —%t?’ +5t? +24t (t>0)

. Biét rang phai thong bao cho cac ho dan phai di doi truede khi xa nuéce theo quy dinh truede 5
gio. Hoi can thong béo cho ho dan di doi trudc khi xa nuede e may gid cing ngay? Biét rang

muc nudc trong ho phai 1én cao nhat méi xa nude.

Cau 43: MOt cong ty tién hanh khai thac 17 giéng dau trong khu
vire duoc chi dinh. Trung binh méi giéng dau chiétxuat
duoc 245 thiing ddu mdi ngay. Cong ty-c6 thé khai thdc
nhiéu hon 17 giéng dau nhung ¢t khai thac thém mot
giéng thi lwong dau mdi giéng chiét xuat dwoc hang
ngay sé giam 9 thung. SO giéng dau cong ty cd thé khai
thac dé san lwgng dau chiét xuat cao nhat ?

Cau 44: Mot doanh nghiép du kién loi nhuan khi sanxuat X sanppham (0 <X <300) dwgc cho boi ham

s8 y=—x>+300x* (don vi: dong). Hoi doanh nghiép can san xuit bao nhiéu san pham dé dat

dwoc loi nhuan cao nhat?

Cau 45: Kinh vién vong khong gian Hubble dwgc dua vao vii
tru ngay 24/4/1990 bang tau con thoi Discovery.
Van t6c cua tau con thoi trong st ménh nay, tir ltc cat
canh tai thoi diém t=0(s) cho dén khi tén lta day
duwoc phéng di tai thoi diém t=126(S), cho boi ham
s0 sau: V(t) =0,001302t> —0,09029t* + 23, (Vv duoc
tinh bang ft/s, 1feet =0,3048m) (Nguon: ]. Stewart,

Calculus, Seventh Edition, Brooks/Cole, CENGAGE
Learning 2012).

Hoi s6 nguyén nho nhat t d€ gia toc cta tau con thoi tang trong khoang thoi gian tinh ttr thoi

(Nguon: hitps:/fen.wikipedia.org/wiki/

Hubble_Space_Telescope)

diém cat canh cho dén khi tén ltra day dugc phong di la bao nhiéu?
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Cau 46: Khi loai thudc A duoc tiém vao bénh nhan, nong d¢ (mg/l)
ctia thudc trong mau sau x phut (k& tir khi bat dau tiém)

30X
X +2
Stewart, J. (2015). Calculus. Cengage Learning). D€ dua ra
nhitng 10i khuyén va cach xtt li pht1 hop cho bénh nhan, ta

duoc xac dinh boi cong thire: C(X) = (Nguon: James

can tim khoang thoi gian ma néng d6 cua thudc trong mau

dang tang. Em hay cho biét ham nong d6 thudc trong mau
C(x) dat gia tri cuc dai la bao nhiéu trong khoang thoi gian 6 phut sau khi tiém (két qua lam tron
dén hang phan muoi)?

Cau 47: Hang ngay muc nudc ciia mdt con kénh 1én xudng theo thuy triéu. Do sau h (m) ctia muyrc nedc

trong kénh tai thoi diém t(h)(0<t<24) trong ngay duwoc xdc dinh béi cong thirc

t ,
h=2cos (f—z + %j + 5. Tim khoang thoi gian ma murc niedc 1én cao nhat?

Cau 48: Mot cong ty kinh doanh bat dong san c6 20 can ho cho thué. Biét rang néu cho thué mdi can ho
véi gia 2 triéu dong/1 thang thi tat ca cac can hd déu cé nguoi thué. Nhung ctt mdi [an ting gia
cho thué moi can hg thém 200 nghin d6ng/1 thang thi c6 thém mot can ho bi bo tréng. Hoi cong

ty nén cho thué méi can ho bao nhiéu tién mot thang d€ tong sd tién thu duoc 1a 16n nhat?

Cau 49: Gia st doanh s3 (tinh bang s§ san pham) ctia mot sén pham mdéi (trong vong mot s6 ndm nhat
5000

—t !

dinh) tuan theo quy luétlogistic duoc md hinh héa bangham s6 f (t) = t>0, trong do6

1+5e
thoi gian t dugc tinh bing nam, ké tie khi phat hanh san phdm méi. Khi d6, dao ham f'(t) sé
biéu thi téc d6 ban hang. Hoi sau khi phat hanh bao nhiéu nam thi t6c dd ban hang la 16n nhat?
(Iam tron dén hang phian chuc)

Cau 50: LAt cat cia mot ving dat
dwgc mo hinh hoéa boi
ham bacba y=f (X) co
d6 thi nhw hinh vé dudi
(don vi trén cac truc la
km). Biét khoang cach
OM = 2km; d6 rong cta
nai MN =3,5km. Do

sau ctia ho nudce 1a 450m. Chiéu cao ctia ngon nui 1a bao nhiéu mét? (Iam tron dén hang don vi).

¥ (km)

Hé nwéc
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, s~ 1
Cau51: (Ma 110 - 2017) Tim gid trj thyc cua tham s M d& ham 5 y = X —mx® +(m? —4)x+3 dat

cuc dai tai X =3.

Caus2: Tim m d€hamsd Y= X2 —2mx? +mx+1 dat cuc tidu tai X =1

Cau 53: Tim gia tri cia thamsd M dé€hamsd y = X2 —3x% +mx+1 dat cuc tiu tai x=2.
| SN G | G J N J S|

, s o 1 C
Cau 54: (Cobao nhiéu s6 thwe M dé ham so y=§x3—mx2 +(m2 —m+1)x+1 dat cyec dai tai Xx=1.

taw: YTTTT]
Cau55: Timgidtricia M d€hamso y = X3+ (3m —1) X%+ m*x—38 dat cuc tiéu tai Xx=—1.
Trd 161 : m
Cau 56: S gia trj nguyén clia tham s6 M dé€ham s§ y=x°+ (m —4) x> —(m2 —16) x* +1 dat cuc tiéu tai
x=0.
i YT
Cau57: S8 gié tri nguyén cia mdé ham s8. Y = X7 + (M =5)x" + (m* =25)x° +1 dat cuc dai tai x=07
i $TTTT]
Cau 58: S0 gid tri nguyén ctia tham s8 M-dé ham s§_y.=mx’—2mx* +(m—2)X+1 khéng c6 cyc tri ?
tawe: YTTTT]

Cau59: Chohams§ y=x"—3(m+1)x*+3(7m-3)x. Goi S 1a tap cac gia tri nguyén ctia tham s m

dé ham s6 khong co cyec tri. Tim s6 phan tie caa S ?

Cau 60: Cobao nhiéu gid tri nguyén khong am ctia tham s6 M d& ham s§ y = X° —3x* +2mXx+m c6 cuc

dai va cuee tiéu?

Cau61: Tap hop cac gid tri nguyén duong khong vuot qua 10 cua tham s6 m dé ham s

y:%x3—mx2 +(mM+2)x+1 c6 hai cuc tri?
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Cau 62:

Cau 63:

Cau 64:

Cau 65:

Cau 66:

Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cho ham s8 y =mx* —x* +1. S§ gié tri nguyén ctia tham s& M € [-10;10] dé ham s da cho c6

dung mot diém cyec tri ?

Cho ham s8 y =mx" +(2m+1)x* +1. S5 gia tri nguyén ctia tham s§ M € [~10;10] dé ham s8 da

cho c6 ding mot diém cuc tiéu ?

Tim s6 cac gid tri nguyén ctia tham s m d&hamsd y=x* + 2(m2 -m-— 6) X? +m—1cé ba diém
cuec tri.

e T

Cé tdt ca bao nhiéu gid tri nguyén cta M trén mién [-10;10] d¢ ham s8
y=x"- 2(2m +1) X*+ 7 c6ba diém cuc tri?

raw: VT

(Pé Tham Khao 2017) C6 bao nhiéu gid tri nguyén cta tham s6 M d& ham s6
y=(m-1)x*-2(m—3) x> +1 khéng c6 cuc dai?

Cho ham s6 f (X) c6 dao ham f'(X): XZ(X+1)(X2 +2mx+5). Co tat ca bao nhiéu gid tri
nguyén cua M d€ ham sé c6 dung mot diém cwe tri?

(M3 104 - 2017) Tim gié tri thuc cia tham'sd M dé duong thang d : y =(2m—1)X+3+m vudng
goc v6i duong thing di qua hai diém-cuc tri-ctia @6 thi ham s6 y = x° —3x% +1.
Tim gia tri thuc ctia tham s§ M d€ duong thang Y =(2m—1)Xx+m+3 song song véi duong

thfmg di qua cac diém cyec tri cua d6 thi ham s6 Y = X2 =3x*+1

Db thi ctia ham s6 Y = x> —3x* —=9X+1 ¢ hai diém cuc tri A va B. Tim hé s6 goc ctua duong
thang AB.

Duong thang d :y =(3m+1)x+3+m vudng géc véi duong thang di qua hai diém cuc tri ctia

d6 thi ham s8 Yy = x> —3x* 1. Tim 12m ?
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Cau 72: Dudng thing néi hai diém cuc dai va cyc tiéu ctia d6 thi ham s8 Y = X° —2X+m di qua diém

M (—3; 7) khi m b:img bao nhiéu?

Cau73: V6i gid tri nao ctia tham s6 M dé do thi hams6 y = x> —3x*+Mm c6 hai diém cuc tri A, B thoa
man OA=0B (O la gbc toa d0)?
Tra 16i : m

Cau 74: (Dé Tham Khéo 2017) Goi S 1a tap hop tat ca cac gid tri thyc ctia tham s6 M d€ d6 thi cia ham
s0 y= :—]3' X3 —mx? + (m2 —1) X c6 hai diém cuc tri A va B sao cho A, B nam khac phia va cach
déu duong thang d : y =5x—9. Tinh tong tat ca cac phan tir caa S .

Cau75: C6 bao nhiéu gié trj nguyén ctia tham s&m:dé.do thi ham s§ y =mx’ —(2m-1)x* +2mx—m-1
6 hai diém cuec tri nam vé hai phia ctia truc hoanh?

Cau 76: C6 bao nhiéu gid tringuyen ctia M dé ham sg f (X)=2%°—6X* —m+1 c6 cac gid tri cuc tri trai
dau?

Cau?77: Chohamsd Y= X +3mx>—3m=1 véi M 1a mot thamsd thiec. Tim M d¢& d6 thi ham s8 da

cho ¢6 hai diém cyc tri @i xting nhau qua dwong thang d : X +8y—74=0.
Cau78: Chohamsd Y =X’ —3mx* +4m? =2.¢4.do thi (C) vadiém C(L4). Tinh tdng cac gia tri nguyén

dwong cua m dé (C) c6 hai diém cuc tri A, B sao cho tam gidc ABC c6 dién tich bing 4.

Cau79: Chohamsd y=x>—6mx+4 c6 db thi (Cm) . Puong thing di qua diém cuc dai, diém cuc tiéu
cua (Cm) cit duong tron tam | (1;0) , ban kinh \/E tai hai diém phéan biét A, B sao cho tam
giac 1AB c6 dién tich 16n nhat .Tim gia tri 8m?

Cau80: Chohamsd Yy =2x>-3(m+1)x*+6mx+m’. Tim t3ng cic gia trj cia M d& d6 thi ham s& c6 hai

diém cuc tri A, B sao cho do dai AB = \/E .
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Cau 81:

Cau 82:

Cau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

(Ma 102-2023) C6 bao nhiéu gia tri nguyén ctia tham s6 M sao cho tmg véi mdi M, ham s6

y= % x° —x* —mx +§ c6 dting mot diém cuc tri thudc khoang (0;6).

4 . ? ' ~? 3\ ~ 2 2 /4 - A? .
Gia tri cua tham s6 M dé ham s6 y = 3 X3 —mx® — 2(3m2 —1) X+§ co 2 diém cuc tri X, X, sao

cho XX, +2(X +X,)=1la % ti gian. Tim gid tri biéu thiee T =a+2b?

Cho ham s8 Yy =X*—2X*+2. Tinh dién tich S cua tam giac c6 ba dinh la ba diém cuc tri cta

d06 thi ham s6 da cho c6 gia tri?

Tim M dé d6 thi hams6 Yy = x* —2mx*+1 ¢6ba diém cuc tri A(O; 1), B, C thoaman BC =4?

(Pé Minh Hoa 2017) Tim: tat ca céc gid tri-thwe cta tham s6 M sao cho d6 thi ctia ham s&

y=x"+2mx* +1 ¢6 ba diém cuc tri tao thanh mot tam giac vudng can

(M3 105 -2017) Tim tdtea cac gid nguyén cta tham s6 M dé do thi ciia ham s8 y = X* —2mx® ¢6

ba diém cuec tri tao thanh mot tam giac c6 dién tich nhé hon hoac béng 1.
Goi S la tap hop tét ca cac gia tri ctia tham s& m d€ do'thiham s y = — 2(m +1) x> +m? c6ba

diém cuc tri tao thanh ba dinh ctia mot tam giac vudng. Tim s phan t& ctia tap hop S ?

C6 bao nhiéu gia tri thye ciia tham s6 m d€ d6 thi ham sd 'y = X" =2m*x®* +m+4 céba diém cuc

tri tao thanh ba dinh cua mot tam giac déu?

~ L4 . A ? ~ A? \ ~ l 4 7 * A7 .
SO gia tri nguyén cua tham s6 @ dé hamso y = 2 x* 3 x> +ax c6 ding ba diém cuc tri ?

X2 +2x+3

Duong théng di qua hai diém cuc tri ctia 6 thi ham sd y = il tao vdi truc hoanh mot
X+

goc bao nhiéu do theo chiéu dwong cta truc hoanh.
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2
A " NS oA X" +mx+1 e \
Cau91: Gid trj cia tham s6 M dé€ ham s6 y = ————= dat cuec dai tai diém X, =2 la:
X+m
2

a N ~ X +mx+1 7. \ % N 4 . 2 ~ A? \ n 7 4 .

Cau92: Chohams6 y=———— (v6i M la tham s6). Tim gia tri cia tham s6 M dé ham so co gia tri
X+m
cuc daila?.
o XE=2mX+m+2 o A N amis o

Cau93: Chohamsd y= . C6 bao nhiéu gia tri nguyén cua tham s6 M dé ham so c6 cue

2X—2m
dai va cuc tiéu?

2
. < a Ne o2 o4 g , ~ N BA s T ~ X"+ mx+2m
Cau94: Goi S la tap hop tat ca cac gia tri thuc cua tham s6 m dé€ d6 thi hams6 y=———— ¢4

X+1
hai diém cyc tri A, B va tam giac OAB vudng tai O.Tong tat ca cac phan tir cia S bang
A. 9. B. 1. C. 4. D. 5.
2
Cau 95: Biét ré“mg do thi (H ): y= X+2—X2+m (voi M la tham s6 thuwee) co hai diém cuc tri la A, B.

khoang cach tir gdic toa d6 O(0;0) dén dudng thing AB la a.Tim +/5a
rawi: ST T

9 Cuc tri chita tri tuyét d8i

Cau96: Cho ham s8 y= f(X)=x*—=2m-1)x* +(2-m)x+2.D& dé ham s8 g(x) = f (Ix]) 6 5 diem
cuc tri thi gid tri ctia tham s Me (a; b) .Tim 2ab
rawi: 9T

Cau97: Cho ham s6 f(X)=x"—-14x%+36x’+(16—m)X véi M 1a tham s6 thuc. C6 bao nhiéu gia tri
nguyén cua M d€ ham sé g(x) = f (|X|) c6 7 diém cuc tri?

Trd 13i m

Cau98: Chohamsd f(x)= x —(M—1)x* +(m? —16) X+ 2026 . C6 bao nhiéu gia tri nguyén ctia tham
s6 M déham s8 g(x) = f(]X|) c6 5 diém cuc trj ?
tawi: 9T

Cau99: Cho ham s8 y = f(X) 6 dao ham f'(x)=(x+1)'(x—m)’(x+3)’,¥xeR. C6 bao nhiéu s§
nguyén m € [-5;5] d¢ham s8 g(X) = f (|x|) c6 3 diém cyc trj?
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Cau 100: (Pé Tham Khado 2018) C6 bao nhiéu gia tri nguyén ctia tham s6 M d& ham s6
y:‘3x4—4x3 —12x2 +m‘ cO 7 diém cuec tri?

Cau 101: Chohams6 y = ‘x“ —2mx’ +2m —1‘ v6éi M la tham s6 thue. Cé bao nhiéu gia tri nguyén trong

khoang [-2;2] ctia m d&ham s8 da cho c6 3 diém cuc tri ?

rawi: VT

Cau 102: C6 bao nhiéu gia tri nguyén ctia tham s6 M dé€ hams6 y = ‘XS —-3x° + m‘ c6 5 diém cuc tri?

raw: ST

2
Cau 103: C6 bao nhiéu gia tri nguyén cia M déhamsd y = (X3 -3X—-m +1) c6 5 diém cuc tri.

s VT

Cau 104: (Ma 101-2022) C6 bao nhiéu gid tri nguyén duong ctia tham s6 M dé€ ham so

y= ‘X4 —2mx° + 64X‘ c6 dung ba diém cuc tri

m+n>0
Cau 105: Chohamso f (X) =X +mx*+nx—1 véi m, n 1a cactham s6 thuc thoa man {

7+2(2m+n)<0

Tim s6 cuc tri chiaham 1y =‘ f (|X|)| .

qqqq; Hay binh tam [Am nhiing viéc minh nén [am. Phéi né Iyc that nhiéu! Doi khi, sau khi phan ddu hét

can minh, ban sé& phat hién ban than xu4t séc hon chinh minh tudng tugng nhiéu.
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BAI 3: KY NANG MIN MAX — HACK TOAN THUC TE TOIUU

| o wnas

# Memorize : # Ly thuyét bai gidng :
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Lam quen vé Min ~ Max

Vidu 1: Tim gia tri lon nhat va gia tri nhé nhat cia ham so sau trén doan da néu:

a) f(x)=x"-2x*+3 trén doan [0;2]. b) f(x)=-x*+3x trén doan [0;3]
2»SOLUTION:

Vidu 2: Tim gid tri 16n nhat va gia tri nhé nhat ctia ham s6 sau trén doan da néu:
-1
a) f (X) = K 3 trén doan [0; 2] ) b) f (X) =x*—2x*+3 trén doan [O;ﬁ] .
X —

»SOLUTION:
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Vidu3: Tim gia tri lon nhat va gia tri nhé nhat cta ham s0 sau trén doan da néu:

a) f(x)= X+1 trén doan [1;3]. b) y=1++/4x—X* trén tap xac dinh
X
<2=SOLUTION:

Vidu4: Tim gia tri lon nhat va gia tri nhé nhat cia ham s6 sau trén doan da néu:

a) f (X) =X—1++/9—X trén tap xac dinh

b) f(x)= 3x+% trén khoang (0;+c0)

> SOLUTION:
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Vidu 5: Tim gia tri lon nhat va gia tri nhé nhat caa ham s0 sau trén doan da néu:

a) f(x)=sinx+cos2x tréns[0;7]. b) f(X):ss_Lx—lrl2 trén doan {0;%}.
SIN X+

> SOLUTION:

Bai toan Min-Max vat ly

Vi du 6: Mot vat chuyén dong theo quy luat s=-2t°+24t> + 9t —3 véi t 1a khoang thoi gian tinh tir
ltc bat dau chuyén dong va s la quang duong vat di dugc trong khoang thoi gian d6. Hoi
trong khoang thoi gian 10 gidy, ké tir ltic bat dau chuyén dong, quang duong vat di dweoc dén
khi van t8c 16n nhét bang bao nhiéu?

> SOLUTION:
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Vidu7: Mot nha san xuat mudn thiét ké mot chi€c hop c6 dang hinh hop chir f

nhat khdng c6 nap, c6 ddy la hinh vudng va dién tich bé mit bang
108 cm? nhu Hinh 1.17. Tim cc kich thudc ctia chiéc hop sao cho
thé tich ctia hop la 16n nhat. %

> SOLUTION:

Vidu 8: Mot trang sach ¢6 dang hinh chir nhat v6i dién tich la 384 cm?. Sau khi d€'1é trén va 1é dudi
déu la 3cm, d€'lé trai va Ié phai déu la 2 cm. Phan con lai cua trang sach duwoc in chit. Kich
thudce t61 wu cua trang sach 1a bao nhiéu d€ phan in chit trén trang sach c6 dién tich 16n nhat?

> SOLUTION:
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Vidu9: Mot duong day dién duoc néi tit mot nha may dién ¢ A dén
mot hon dao ¢ C nhw Hinh 1.40. Khoang cach tir C dén B la
4km. Bo bién chay thing tir A dén B véi khoang cach la

\ A

50 triéu dong, con trén dat lién la 30 triéu dong. Xac dinh vi Hinh 1.40

10km. Tong chi phi lap dit cho 1km day dién trén bién la

m

tri diém M trén doan AB (diém ndi day tir dat lién ra dao) d€ tong chi phi 1ap dit 1a nho nhat.

»SOLUTION:

Vi du 10: C6 hai xa cung 6 mot bén bo song Lam. Nguoi ta do B
duoc khoang cach tir trung tdim A, B cua hai xa d6 dén
bo song lan lwgt 1la AA'=500m,BB'=600 m va soom| N 7 [s00m
A'B’=2200 m (Hinh 37). Cac Ki su muén xay mot tram o

cung cdp nudc sach ndm bén bo séng Lam cho nguoi

dan hai xa. D¢ tiét kiém chi phi, cac ki sw can phai chon P 3
vitri M ctia tram cung cdp nudc sach do6 trén doan A'B’ sao cho tong khoang cach ttr hai vi
tri A, Bdén vitri M la nhé nhat. Hay tim gid tri nho nhat ctia tdng khoang cach do.

2+ SOLUTION:
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Vi du 11: Mot nguoi ndng dan c6 15000000 dong dé€ lam mot
hang rao hinh chit E doc theo mdt con song bao

ol A A
. PPN , oL ~ -'{ﬁFy 1 . FP%V 2 j’[};ﬂ L!-*'
quanh hai khu dat trong rau c6 dang hai hinh chir il W’ﬂ'ﬂﬂ'ﬂ'ﬂ'ﬂ'ﬂmlfh ittt

nhat bang nhau (Hinh 35). D&i véi mit hang rao Hinh 35

song song v4i bo song thi chi phi nguyén vat liéu la 60000 dong/mét, con ddi véi ba mat hang
rao song song nhau thi chi phi nguyén vat liéu la 50000 dong/mét, mét giap voi bo song khong
phai rao. Tim dién tich 16n nhat ctia hai khu dat thu dwoc sau khi lam hang rao.

»SOLUTION:

Vi du 12: Tim thé tich 16n nhat ctia hinh nén néi ti€p duoc trong hinh cau c6 ban kinh
bang 3 (xem hinh vé).

> SOLUTION:
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Vi du 13: Nguoi ta mudn xay mot doan duong AB (nhu hinh vé) va doan
duong nay phai di qua diém M Biét rang vi tri diém M cach OD M
125m va cach OE 1km. Gia st chi phi dé€ lam 100m duong la 150
triéu dong. Chon vi tri cia A va B d€ hoan thanh con duwong véi
chi phi thap nhat. Hoi chi phi thdp nhdt d€ hoan thanh dwoc con
duong la bao nhiéu? B E

> SOLUTION:

BAi toAn Min-Max vé kinhgté:

Vi du 14: Thay Hanh la ca si va la CEO mét nha hat A. Thay dang phan van trong viéc xac dinh mtc
gia vé xem cac chwong trinh dwoc trinh chiéu trong nha hat. Viéc nay rat quan trong né sé
quyét dinh nha hat thu duoc bao nhiéu lgi nhuén tir cac budi trinh chiéu. Theo nhiing cudén
sO ghi chép ctia minh, thay xac dinh duoc r%mg: néu gia vé vao ctrala 20 USD/nguoi thi trung
binh ¢6 1000 nguoi dén xem. Nhung néu tang thém 1 USD/nguoi thi sé mat 100 khach hang
hodc giam di 1 USD/ngudi thi sé c6 thém 100 khach hang trong s6 trung binh. Biét rang,
trung binh, mbi khach hang con dem lai 2 USD loi nhuan cho nha hat trong cac dich vu di
kem. Cac em hay gitp thay xac dinh xem can tinh gia vé vao ctra la bao nhiéu dé€ thu nhap la
16n nhat.

»SOLUTION:
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Vi du 15: (DMH 2025) M6t doanh nghiép du dinh san xuat khong qua 500 san phdm. Néu doanh
nghiép san xuat X san phdm (1< x <500) thi doanh thu nhan duoc khi ban hét s6 san phdm
déla F(x)=x*-1999x* +1001000x + 250000 (ddng), trong khi chi phi san xudt binh quan

cho mdt sin phim 18 G(x)=x+1000+ 222000

(d6ng). Doanh nghiép can san xuat bao

nhiéu san phdm dé€ loi nhuan thu duoc la 16n nhat

> SOLUTION:
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1. Tric nghiém nhiéu phuong an luda chon. (M6i cAu h3i thi sinh chi chon mét phuong dn).
2 Min Max khong tham s&

Cau1: (Pé Tham Khao 2019) Chohamso y = f (X) lién tuc trén doan
[-1;3] va c6 db thi nhw hinh vé bén. Goi M va m Tan luot la

gid tri 1on nhat va nho nhat cia ham sd da cho trén doan [-1;3].

Gid tri cia M —m bang

A.l B. 4
C.5 D. 0

Cau2: Chohamso y=f (X) lién tuc trén doan [—1; 1] va co do thi nhw \ I
hinh vé. Goi M va m Ian luot 1a gia tri 16n nhat va nho nhat cua \ l
ham s8 da cho trén doan [-1;1].Gid tri cia M =m bang \ ’ /
A. 0. B. 1. .
C. 2. D. 3. T o

Cau3: Chohamso y=f (X) xac dinh va liéntuctrén R c6 d6 thi nhw
hinh vé bén. Tim gia tri nho nhat M va gia tri lon nhat M cta
hamso y=f (X) trén doan [—2;2].

A.m=-5M=-1. B.m=-2;M=2.
C. m=-1;M =0. D. m=-5;M =0.

Cau4: Chohamso f (X) lién tuc trén [—1; 5] va ¢6 do thi trén
doan [-1;5] nhu hinh vé bén duéi. Tong gia tri 16n nhat

va gid tri nho nhat ciia ham s§ f (X) trén doan [-1;5]

béng T
A -1 B. 4
C1 D. 2

Caus5: Chohamso y=f (X) ¢ d6 thi nhw hinh vé. Gia tri 16n 4 k‘

-t - -

nhat cia ham s6 f (X) trén doan [0;2] la:

A. Max f =2. B. Max f (x)=+/2.
a0 e () v 2| VAR ~
C. I\[/Ia]xf(x): ) D. l\[g%xf(x)zo. l \
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Cau6: Chohamsd y=f(X) c6bangbién thién trén [-5;7) nhu sau

z |5 1 7

y - 0+

/
\

Ménh dé nao dudi day dung?

A. M|7nf( )=6. B. I{\_/émf(x):z. C. Max f (x)=9. D. Max f (x)=6.
Cau?7: Chohamso y=f (X) lién tuc trén doan [—2 : 6] va co do thi
nhu hinh vé bén dudi. Goi M va m lan lwot 1a gia tri 16n nhat
va nho nhat cia ham s6 da cho trén doan [—2 : 6]. Gi4 tri cta

M —m bang S
A. 9. B. -8.
C. -9. D. 8.

Cau8: Chohamsd y= f(X) c6bang xét ddu dao ham nhwsau:

all - 0 1 +00
v H - 0 + 0 -

Ménh dé nao sau day dung

A max f(x)= f (0) B: max f(x)= f (1) €. min f(x)= f (-1) D. min f(x)=f(0)

Cau 9: (M3 104 - 2020 Lan 1) Gia trinho nhat caa ham so f (X) = x®—-33x trén doan [2;19] b?mg

A. —T72. B. —22\11. C. -58. D. 22\11.

Cau 10: (Ma 103 - 2020 Lan 2) Gi4 tri nho nhat cia ham sd f (X) =x*-10x* — 2 trén doan [0; 9] bz‘?mg
A. 2. B. -11. C. —26. D. -27.

Cau 11: Tim tap gid tri cia hAm s8 y = VX —1+~/9—X

A.T=[L 9] B.T=[2V2,4]. CT=(19). D.T=[0; 22].

Cau 12: (M4 101 2018) Gid tri 16n nhat ctia ham s6 y = X* —4x* +9 trén doan [-2;3] bang

A. 201 B. 2 C.9 D. 54
Cau13: (M4 105 2017) Tim gi4 tri nho nhat m cta ham s§ y = x* —x* +13 trén doan [-2;3].
A. m=13 B.m:E C.m:E D.m:ﬁ
4 2 4

Cau 14: (M4 103 2018) Gia tri nho nhat cia ham s8 Y = x° +3x* trén doan [—4; —1] béng
A. -16 B. 0 C. 4 D. 4
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

\, v \ ~ 4 A 2
(Deé Tham Khao 2017) Tinh gia tri nho nhat cia ham s6 y =3X+—; trén khoang (0;+40).
X

] 33 . . :
A. miny=— B. miny =239 C. miny =339 D. miny=7
(0;4+0) y 5 (054<0) y \/_ (054<0) y \/_ (07450) y

Goi m la gia tri nho nhat cia ham s6 y = X+ﬂ trén khoang (0;+c). Tim m
X
A. m=4. B.m=2. C. m=1. D. m=3.

Tim gid tri 16n nhat ciia ham s f (X)=sin x+cos2x trén [0; 7] 1a

A.g. B.E. C. 2. D. 1.
8 4
sinx+1
Chohamsd y=— - .Goi M la gid tri 1én nhat va m la gia tri nho nhat cua ham so
sin” Xx+sin x+1
da cho. Chon ménh dé dang.
A.M=m+g. B.M:gm. C.M=m+1. D.M:m+§.

. 1 P\ :
Vi gia tri ndo ctia X thiham sd y'= x> += dat gia tri nhoé nhat trén khoang (0;+00)?
X

5 B . c.1 -

A —. . D. —.
B 7 =
Goi m la gia tri nho nhat cia ham sd y = X—1+i1 trén khoang (1;+0). Tim m ?
X_

A. m=5. B. m=4. C. m=2: D. m=3.

2 Min Max chita tham s38,,chda tri tuyét d6i (Danh cho HSG thicic Ki thi riéng HSG - PGNL)

Cau 21:

Cau 22:

Cau 23:

Cau 24:

(M 123 2017) Cho ham s y = % (' 1a tham 58 thuc) théa man min y = 3. Ménh d nao
X — ;
dudi day dang?
A. m>4 B. 3<m<4 C. m<-1 D.1<m<3
. o X+m . A, . 16
(Ma 110 2017) Cho ham s6 Y =—— (M la tham so6 thyc) thoda man miny+max y =—. Ménh
X+1 (2] [12] 3
dé nao dudi day dung?
A.m>4 B. 2<m<4 C. m<0 D.0<m<2
Tim tat ca cac gid tri ctia tham s6 m dé€ gid tri nho nhét chia ham s6 y = —x*—=3x?+m trén doan
[-11] bang O.
A.m=2. B. m=6. C. m=0. D. m=4.

Cho ham s8 y =2x°—3x* —m. Trén [-1;1] ham s8 c6 gia tri nho nhat1a —1. Tinh m ?

A. m=-6. B. m=-3. C.m=-4. D. m=-5.
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g . <17 ~ \ .7 . 2 A~ 2 \ A X+m A M 2 N
Cau 25: ToOng gia tri lon nhat va gia tri nho nhat chiaham s y = 1 trén [1;2] bang 8 (M la tham s&

thiee). Khang dinh nao sau day ding?
A. m>10. B. 8<m<10. C.0<m<4. D. 4<m<8.

X+m

Cau 26: (Peé Tham Khao 2020 Lan 2) Cho ham sd f ( ) 1
X+

(M 1a tham s6 thuc). Goi S la tap hop
tat ca cac gia tri cia m sao cho max‘ f (X)‘+ min| f (X)‘ =2.S0phantktcua S 1a
[0:] [0:]
A. 6. B. 2. C. 1 D. 4.
Cau27: Tinh tong tat ca cac gia tri ctia tham s§ M sao cho gia tri 16n nhat cia ham s§ y =[x —2x+m
trén doan [-1;2] bang 5.
A. 1. B. 2. C. 2. D. 1.
2
Cau28: Chohamsé y= (X3 -3x+ m) . Téng tat ca cac gia tri cua tham s6 M sao cho gia tri nho nhat
ctia ham s trén doan [-1;1] bang 1 1a
A. 1. B. 4. C.0. D. 4.

Cau 29: (Pé Tham Khao 2018) Goi Sla tap hop tat ca'cac gia tri ctia tham s6 thuc m sao cho gid tri 1on
nhét cua ham s6 y:|X3 —3x+ m‘ trén doan [0;2] bang 3. S3 phén ti cua S 1a
A.0 B.6 C.1 D.2

Cau 30: (D& Minh Hoa 2020 Lan 1) Goi S la tap hop tat ca cac gid tri thuc cua tham s6 m sao cho gia

tri 16n nh&t cua ham s6/f ( |X . m‘ trén doan[0;3] bang 16. Tong tat ca cac phan tur
cua S la:
A. -16. B. 16. C. -12, D. 2.

Cau31: Goi S la tap hop tat ca cac gia tri cua tham s6-m"sao cho gia tri I6n nhat cua ham sd
y = x> —3x* —9x+ m‘ trén doan [—2;4] bang 16. S5 phan t& cua S 1a
A. 0. B. 2. C 4. D. 1.

Cau 32: Cho ham s6 y_‘x —2x3+X +a‘ C6 bao nhiéu s6 thiee @ @& min y+max y =107?
[1:2] [1:2]

A.3. B. 5. C.2. D. 1.
Cau 33: Choham s6 f = ‘X 23+ X"+ m‘ (M 1a tham s6 thuc). Goi S la tap hop tat ca cac gia tri
cta M sao cho min f (x)+max f (x)=10.S8 phén tir cua S 1a?
[-12] [-1;2]
A. 2. B. 3. C. 5. D. 1.
Cau34: Goi S la tap hop tat ca cac gid tri nguyén ctia tham s6 m sao [2x° —3x* + m‘ <16,Vx €[0;3].
Tong tat ca cdc phan tir ctia S bang
A. —65. B. —74. C. 42. D. 87.
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Cau35: Biét gid tri 16n nhat cua ham s8 y = f (X) =|2x’ ~15x+m—5+9x trén [0;3] bing 60. Tinh
tong tat ca cac gia tri ctia tham s6 thuc m.
A. 48. B. 5. C.6. D. 62.
2. Cau héi dang sai. (Trong méi y (a),(b),(c),(d) méi cau, thi sinh chon diing @hoéc sai ®)
9 Min Max ham sG cho sin

Cau36: [THPT QG 2025] Chohamsg f (x)=x’—-12x-8.

Ménh dé DBiing
(a) | Ham s6 da cho ¢6 dao ham f '(X) =3x°-12

(b) | Phuong trinh f'(x)=0 c6 tap nghiém1a S ={2}

(© | f(2)=24

(d) | Gia tri 16n nhat cia ham s§ f (X) trén doan [-3;3] béng 24
Cau 37: [Minh hoa 2025] Cho ham so f (X) =2COSX+X.

0000
OO0

Ménh dé

(a) f(0):2;f@:g.

(b) | Dao ham ctia ham's8 da chola f'(x)=2sinx+1.

(¢) | Nghiém cua phuong trinh f'(x)=0.trén doan {O;g} la %

O000E
0000

(d) | Gia tri 16n nhat ctia f (X) trén doan [O; g} 1a %+\/§

Cau38: Chohamsd f(x)=2x—logg(x+1)

Ménh/de Piing

(a) | Dao ham ctia hams§ f(x) 1a f'(X)=1—ﬁ,‘v’Xe(—1;+oo).
+

(b) | Ham s f (X) c6 mot diém cuc tiéu.

(c) | Gid tri ciaham s f (x) tai diém x=41a f(4)=8.

JO0 0
0000«

(d) | Ham s8 dong bién trén khoang (0;+).

Cau 39: Choham sd f(x) = Inx — 2x2, VX € (0,+00).

Ménh 48 Diing

? .7 . ’ A \ 2 Y ? \ ~ \ 5
(a) | TOng gia tri 1én nhat va nhé nhat cia ham s& [1;€°] la 5 In2.

(b) | Ham s§ y = f (X) 6 hai diém cuec tri.

(c) | Ham s6 ludén dong bién trén tap xac dinh.
d | f@Q)=-2;fE’)=2-2¢".

OO O
00O ag

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k



0 Toan Thay Hanh - Chuyén Luyén Thi Dai Hoc/10,11,12 DANG KI HOC ONLINELTAI
@) 20 Tén That Tung - Tan An - Tp. Buén Ma Thust & tapdoanthayhanh.vn
® 0976.966.307 - 0935.799.744

% TAP DOAN TOAN HQC THAY HANH &H

Cau40: Chohamsd y= f(x):(x2—5x+7)ex.

Ménh dé

@ | f(0)=7.
(b) | Dao ham ctia ham s§ da chola f'(x)=(2x-5)e”".

Ham s y = f (x) nghich bién trén khoang (—oo; gj va dong bién trén
(© 5
khoang (E;-i-ooj.

Gia tri nho nhat va 1én nhat caia ham y = f (X) trén doan [0; 2] [an

(d)

O O DOOE
O O 0og

lwotla 7 va 3e.

Cau41: Chohamsd f(x)=4sinxcosx+2x.

Ménh.dé biang
(a) | Pao ham ctia ham s6 dachola f '(X) =4sin2x+2.

(b) | Hamsg y = f (X) co 4 diém cuec tri thudc [—ﬂ;ﬂ'].

(c) | Ham s6 y = f (X) dong bién trén khoang (-2;=1).

(d) | Gia tri 16n nhat cua f (x) trén doan [O; %} la 2?7r+ 3

0000
0 00de

Cau42: Chohamso f (X):Sin X=X .

Ménh & bing
(a) | Dao ham ctia ham s6 da chola f '(X) =cosx—1.

(b) | Nghiém cta phuong trinh f/(x) =0 trén-doan {% ; 37”} la 7.

00gd
000 0e

(c) | Gia trinho nhat cua f (X) trén doan [%,37”} la —1—3?” .
@ | f(0)=0; f(z)=-x.

-m?-2

Cau43: Chohamso y= Xz—m-s ,vdi m 1a tham so
X—m
Ménh dé Ping | Sai
(a) | Tap xédc dinh cua ham s§1a D=R (] (]
(b) | Khi m=1 thi ham s& déng bién trén mbi khoang (—o0;1) va (1;+) (] (]
(c) | Khi m=1 thi trén doan [1;4] ham s§ dat gia tri 16n nh4t bing % BRI
C6 duy nhat 1 gia tri cua tham s& m dé€ gia tri 16n nhat cua ham sd

@ trén doan [0;4] bang —1 D C]
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Cau 44: Cho ham so f(X):X3—3X+m,Véi m 1a tham s&

Ménh 48 Ding | Sai
(a) | Khi m=0 thi ham s& dong bién trén khoang (-1;1)

(b) | Khi m=0 thi ham s& c6 hai diém cuc tri

(c) | Gia tri nho nhat ctia ham s6 trén doan [0 X 2] bang m—2

Goi S la tap tat ca cac gia tri cia tham s6 m sao cho gid tri 16n nhat

0 000
0 000

(d) | caaham s6 y :‘ f (X)‘ trén doan [0;2] bang 3.Khi d6 S cé mdt phan

tir
X? +mx—1
Cau45: Chohams§ y=———— vo6i M la tham s6 thuc duong
X+m

Ménh dé Ping | Sai
(a) | Tap xac dinh cilaham s61la D=R D C]
(b) | Trén doan [2; 4] thi dao ham ctua ham s6 luén nhan gid tri duong C] C]
(© Gia tri 16n nhat ctia ham s6 trén doan [2; 4] la r[r;;|4r]1 y= y(2) D D
(d) | Chi c6 duy nhat mot gia tri cia tham s6'm.dé r[rzu4 r]] y = % D D

2 Min Max thuc t&

Cau46: Mot chit diém chuyén dong theo phuong trinh s(t) =t*=3t” +8t +1, trong d6 t tinh bang giay
va s(t) tinh bang mét:

Sai

U
O

J
UJ

Cau 47: Mot cong ty san xudt dung cu thé thao nhan duoc mot don dit hang san xuat 8000 qua béng

Ménh dé
(a) | Van t6c cua chat diém tai thoi diém t'=3(s) bdng 8m/s.

®) Tai thoi diém ma chat diém di chuyén duge 13 m, van toc khi do b@fmg 8
m/s.
(c) | Van tdc nho nhét ctia chat diém la5m/s.

ssale’;

(d) | Gia tdc tai thoi diém dat van t8c nhé nhatbang 2m/s”.

pickleball. Cong ty nay s& hitu mot s§ may méc, mdi may co thé san xudt 30 qua béng trong
mot gio. Chi phi thiét 14p cdc may nay 1a 200 nghin dong cho mdi mdy. Khi dwoc thiét 1ap, hoat
dong san xudt sé hoan toan dién ra ty dong dudi sy gidm sat (nguoi giam sat sé gidm sat tat ca
cac may). SO tién phai tra cho nguoi gidm sat la 192 nghin dong mot gio.

Ménh dé Diing
(a) | Trong 1 gio, can 266 may dé san xuat duoc 8000 qua bong pickleball.

8 . o an n 1 .
(b) | Trong 3 gio, can 100 may dé san xuat duoc 8000 qua béng pickleball.

(c) | Chi phi hoat dong thdp nhat la 6,5 triéu dong.
(d) | D€ chi phi hoat dong thap nhat, cong ty can st dung 16 may.

U000
)0 O 0g
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Cau48: Mot trang trai can xdy mot bé chira nuede hinh tru bang bé tong (c6
ndp day) dé chira 60(m®) nudc twdi tiéu. Chi phi xay dung chu yéu
phu thudc vao dién tich bé mdt bé tong can st dung (dién tich toan
phan ctia b€ tinh theo phén bén trong ctia b€). Theo hop dong voi
nha thau xay dung, chi phi mdi mét vudng xay dung theo cach tinh
trén 1a 1,5 triéu dong. Goi r 1a ban kinh day va h la chiéu cao caa

b& (don vi tinh ctia r,h 1a mét).

Ménh dé
(a) | Thé tich ctia b la: V = zr*h =60(m®).

Dién tich toan phan S, cua bé chita nude duoe bidu dién theo ban kinh

© Stp(r)zﬂr2+%(m2).

Dé€ tiét kiém chi phi nhat, bé nén duoc xay véi ban kinh day 1a

© :ﬁ(m)'

Chi phi thap nhat dé€ xay dung bé chira nudc noi trén la 127 triéu dong
)| o s .
(Iam tron két qua den hang don vi).

O 0|0 O
O

O

Cau 49: Cay ca chua khi trong c6 chiéu cao 5em. T6c d9 tang truong chiéu cao cua cay ca chua khi trong
duoc cho bdi ham sd v(t) = 0,1t +t?, trong dd t tinh theo tuan, v(t) tinh bé“mg centimét/tuan.

Goi h(t) (tinh bang centimét) 1a chiéu cao ctia cay ca chua ¢ tuan thi t(t >0)

Ménh dé

1., 1
h(t) = ——t*+=t°.
(a) | ht) o3

(b) | Giai doan tang truéng chiéu cao cta cay ca chuakéo dai 10 tuan.

(c) | Chiéu cao cuia cay ca chua 6 -tuan thit 6 1énhon 40cm.

Sai
O
)
)
O

sasle)

(d) | Chiéu cao t6i da ctia cay ca chua khong vurot qua 90 cm.

Cau 50: Mot chat diém chuyén dong theo phuong trinh s(t) =t° —3t° + 6t + 4, trong d6 0<t <10, t tinh
bang gidy va s(t) tinh bang mét.

Ménh dé Diing
(a) | Quang duong chat diém chuyén dong trong 2(s) dau tién la 8(m).
(b) | Van tSc tire thoi ctia chat diém tai thoi diém t =3(s) la 15(m/s).
Tai thoi diém ma s(t) =22(m) thi gia t6c tic thoi cua chat diém la
© | 12(m/s?).
Tai thoi diém t =2(S) van toc tic thoi cua chat diém dat gia tri nho

nhat.

0|0 00
0|0 O0de

(d)
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Cau 51: C)ng Thanh nudi ca chim & mét cai ao ¢ dién tich 1a 50m?.Vu trude ong nuoi voi mat do la 20
con/m? va thu dwgc 1,5 tan ca. Theo kinh nghiém nudi ca ctia minh thi c& tha giam di 8 con/m?

thi mdi con ca khi thu hoach tang 1én 0,5kg? Gia stt khong c6 hao hut khi nuéi.

Ménh dé Diing
(a) | SO ca giong ma 6ng thanh da tha trong vu vira qua la 1500 con.

Khdi legng trung binh mdi con ca thanh phan trong vu vira qua la 1,5
(kg).

Tong trong lwong ca thu duoc 6 vu nay la

(© | F(x)=-0,0652x* +16x+1500 (kg)

d Vu t6i ong Thanh phai tha 488 con ca giong dé€ duoc tong nang suat
(@ khi thu hoach 1a cao nhat.

(b)

0/0|gg
0|0 |00k

Cau 52: Cho mot tAim nhdm hinh vuong canh a. Nguoi ta cat
& 4 goc 4 hinh vudng bang nhau, roi gap tim nhom |,

lai &€ dwoc mot cai hop khong nap.

Ménh de Ping | Sai

(a) | Thé tich ctia khéi hop 1a 16n nhat khi canh ctia hinh vuéng bi cat % . C] [:]

(b) | Thé tich ctuia khéi hop 1 16n nhat khi canh cta hinh vubng bi cit % . ] 10
A g7 2 A A 7 A, N 2a3

(c) | Thé tich cua khoi hop 16n nhat bang 7 [j [j

Cau 53: Chi phi nguyén liéu ctia mot con tau chay trén song duoc chia lam hai phan. Phan th nhat
khong phu thudc vao van tde.va bang 480 nghin dong trén 1 gio. Phan thit hai ti 1& thuan véi
lap phuong ctia van toc, khi Vi=10km/h-thi chi phi nguyén liéu phan thi hai bang 30 nghin
dong /gio. Goi x(km/h) la van toc cua tau.

Ménh d¢é Bung

Chi phi nhién liéu cho phén thit nhat trong thoi gian tau chay quang

(@) duong 1km la 480 (nghin d6ng). C]
X
®) Téng chi phi nhién liéu tau chay trong 1 gio 1a C(x)=480+0,03x°
(nghin dong).

Tong chi phi nhién liéu tau chay trén quang duong 1km giam khi van
(© | 8¢ cnia tau thuoc (0;30).

Tong chi phi nhién liéu d€ tau chay trén quang duong 1km nho nhat la
43 (nghin dong).

00| 0
0|00 0 g

(d)
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Cau 54: Mot loai thudc dugce dung cho mot bénh nhan va néong do thudc trong mau cua bénh nhan dwoc
giam sat boi bac si. Biét nong d¢ thudc trong mau ctia bénh nhan sau khi tiém vao co thé trong

t gio dwoc cho boi cong thire ¢(t) = tzt 1 (mg/1).
+

Ménh dé Ding | Sai
Sau khi tiém thudc 2 gio thi nong do thudc trong mau ctia bén nhan
@) bing 0,4 (mg/1). O
Sau khi tiém thuGc thi néng d6 thudc trong mau ctia bénh nhan cé thé O C]

(b) vuot qua 0,5(mg/1).

Sau khi tiém thudc 1 gio thi nong do thudc trong mau ctia bén nhan cao
nhat.

Sau khi tiém thudc thi néng d6 thudc trong mau ctia bénh nhan cao nhat
(d) bz‘ing 0,5 (mg /|).

Cau 55: Nhitng ngay giap Tét Nguyén Dan ciing la
dip budc vao vu Dong Xuan, ba con nong dan
tich ciee xudng dong cay lua. Cay ltasauw khi
duoc cdy trai qua qua trinh tang trudng dé
nhanh va phat trién chiéu cao trudc khi lam i
dong, tr6 bong. Qua nghién cttu mot giong \X;/
lta mdi, cac nha khoa hoc nhan thdy mot cay o —
Ita tinh tl ldc dwoc cdy bang mot cay ma voi
chiéu cao 20cm c6 t8c d9 ting trudng chiéu cao cho boi ham sd v(t) = —0,1t° +1,1t?, trong d6 t
tinh theo tuan, v(t) tinh'bang cm/tuan. Goi-h(t) 1a chiéu cao ctia cay lta o tuan thi t (t>0).

Ménh d¢ Ding

(c)

Hat Ciy 0 bong » Thu hogch
con .

D¢ nhinh Don dong /’m =

1 11
h(t) = ——t* + 2= 2 4+ 20.
(a) | ht) 20 30

(b) | Giai doan ting treong chiéu cao ctia cay ltia kéo dai 12 tuan.

(c) | Chiéu cao t0i da ctia cay laa la 150em.

Vao thoi diém cay lua phat trién nhanh-nhat, chiéu cao ctia cay da lon
@ hon 80cm.

0000
O000E

3. Cau hoi trd 18i ngan. (Thi sinh dién két qua vao 6 tréng )
© Ung dung dao ham trong bai toan vat 1y (NC)

Cau 56: Mat bé boi cua mdt chung cu cao cdp ¢ dang mot

hinh chi* nhat véi chiéu dai 25m va chiéu rong 8m.
Bé boi sdu 1m ¢ bén dau ndng va sdu 2m bén dau sau,
Biét hai dau ndng , sau thudc hai mat bén theo chiéu
dai b&€ boi (tham khao hinh vé minh hoa). Ban dau bé
boi khong c6 nude, nude bét dau dwoc bom vao bé

boi ltc 7h sang véi tdc &6 1m®/ phit, vao ltc 7h 36

, 7 \ Je A A 7o A A 1 e . .7 . 2 M <A
phut sang thi murc nwdc dang 1én véi toc do — (mét/phut). Gia tri cua a bang bao nhiéu?
a
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Cau 57: Mot cai chau dung nudc c6 dang hinh chdp cut déu day la cac tam
gidc canh bang 1 dm va 3 dm. Chiéu cao chau nuwéc bang 4 dm. Nguoi
ta bom nwdc vao chiu véi luu lwong khong doi 0,5 lit/phat. Bén
phat tha 10 thi tdc d6 dang lén ctia nuwdc trong chau la bao nhiéu
dm/phat? (Két qua dwoc lam tron dén hang phiin tram).

Cau 58: Mot bé chita nwde c¢d mat
day va miéng bé déu la
hinh chi* nhat ndm trén 2
mét phang song song voéi
nhau, miéng bé co chiéu
ngang 15m va chiéu dai
24m, day bé co kich thudc
15mx12m. Do sau cua bé
nudce (tinh tir miéng dén day) 1a 6m, mat cat vudng goc véi chiéu ngang ctia bé ¢ hinh dang la
hinh thang can (nhw hinh vé). Luc dau bé khong c¢d nudc, nguoi ta st dung mot may bom dé

2dm

bom nuée vao bé véi téc d6.50m® trong mot phuit. Vao ltic mure nudc ding 5m thi téc d6 dang
1én ctia myc nudce trong bé la bao nhiéu M trén mot phat? (Két qud lam tron dén hang phiin tram).

Cau 59: (o hai thung hang A va B dugc dat trén
san nha kho. Hai thung dwgc ndi véi nhau
bang mot soi day dai 15m, soi day ludn
cang va duoc kéo qua mot rong roc ge“in tai
diém P trén tran nha. Biét trannha cao 4m
so voi mdt san (doan PQ=4m) va trong

qua trinh di chuyén, hai thung hang ludn
nam trén mat san (bd qua liee ma sat). Néu thung A cach Q khoang 3m va dang duwoc kéo ra
xa Q véi tdc do khong ddi 0,5m/'s, hoéi thung B dang di chuyén vé phia Q véi tdc d6 bao

nhiéu m/s? (Lam tron két qua dén hang phin tram).

Cau 60: Mot tén trom dang 8 gang kéo thiing ni
trang qua mot birc twong c6 do day
BC =1 m;biét réng twong cao 4 m va sgi
day duoc kéo theo duong gdp khuc
ABCD c6 dd dai khong ddi bang 20 m,
doan BF =0,5 m. Trong khi kéo thi tén
trom ludn ghi dau day theo mét thanh vin cuia cau thang (dau day dich chuyén theo phuong

AF). Biét rang thanh vin cau thang hop véi phirong ngang mot goc bang 30°. Khi hai chii canh
sat xuat hién thi vi tri A cach F khoang 6 m va thung D tién vé phia E vé6i toc dd 1 m/s. Hoi dau
day A roi xa diém F véi toc do bao nhiéu m/s? (Lam tron két qua dén hang phiin tram).
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Cau 61: Mot vat chuyén dong theo quy luat s =—2t° + 24t* + 9t —3 véi t 1a khoang thoi gian tinh tir ltc
bat dau chuyén dong va s 1a quang duong vat di duoc trong khoang thoi gian d6. Hoi trong
khoang thoi gian 10 giay, ké ti luc bat dau chuyén dong, van toc 16n nhat cua vat dat dugc bgmg
bao nhiéu?

Cau 62: Mot chat diém chuyén dong c6 phuong trinh chuyén dong la s=—t°+6t* +17t, véi t(s) la
khoang thoi gian tinh tir ltic vat bat dau chuyén dong va s(m) la quang duong vat di duoc
trong khoang thoi gian d¢. Trong khoang thoi gian 8 gidy dau tién, van tc v(m/s) cta chat

diém dat gia trj lén nhat bang?

R
Cau 63: MOt may bay dang bay ¢ do
cao 10km so véi mat dat, thu
phat tin hiéu qua mdt dng-ten
ra da nhu hinh vé. Khi may
bay cach ra da 16km, ra da
phat hién khoang cach gitra
may bay va ra da thay doivoi
toc do 546km/h. Tim van toc cua mdy bay (don vi km/h, két qua lam tron dén hang don vi).

Cau 64: Kinh vién vong Hubble dugc tau khéng gian Discovery
dwa vao st dung ngay 24/4/1990. M6 hinh van tdc cta tau
trong st ménh nay, ttr Itic roi bé phéng (t =0 giay) cho
dén khi duoc tén lra day nhanh khoi bé tai thoi diém
t=126 giay, ‘dwgc xac dinh boi  cong thirc
v(t) =0,001302t° — 0,09029t% + 23,61t —3,083( feet/s).
(Nguon: James Stewar, ] (2015). Caleulus. Cengage

10

(0]

Learning 8" edition, p. 282) Tinh gia toc 16n nhat ctia tau

trong khoang thoi gian nay (don vi: feet/s?, lam tron két
qua dén hang phan chuc).

Cau 65: Anh Ba dang trén chiéc thuyeén tai vi tri A cach bo
song 2km, anh du dinh cheo thuyén vao bo va
tiép tuc chay bo theo mot duong thing dé dén
mot dia diém B toa lac ven bo song, B cach vi tri
O trén bo gan voi thuyén nhét la 4km (hinh vé).
Biét rang anh Ba chéo thuyén véi van téc 6m/h

BXu

: 5 g s

4km

va chay bd trén bo véi van téc 10km/ h . Khoang
thoi gian ngan nhat d& anh Ba tlt vi tri xuat phat dén dugc diém B 1a bao nhiéu phut ?
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Cau 66: Vao luc 12 gio 7 phut anh Hung chay xe xudt phat tit diém A va di dén B
diém C véi van tdc 1a 60 (km/h). Biét rang 7 phut tredc d6 anh Quang
chay xe xuat phat tir diém B véi van tdc 1a 30 (km/h) sao cho hai quang
duong cua hai xe hop nhau mét géc 60° nhu hinh vé dudi day. Cho biét
AB =42 (km) va vao ltc a gio b phut thi anh Quang va anh Hung ¢ vi
tri ¢6 cu li gan nhat &€ vay tay chao nhau (a,b e N). Tinh a+b? Xem
nhuw hai xe déu chuyén dong déu va khong co tac dung ngoai luc hay yéu 60°

to nao khac.

Cau 67: MOt van dong vién thé thao hai moén phdi hgp luyén tap
v6i mot bé boi hinh chix nhat rong 400m, dai 800m. A X B
Van dong vién chay phdi hop vdi boi nhu sau: Xuat phat
tir diém A, chay dén diém X vaboi tir di€m X dén 400 m
diém C.Hoi nén chon diém X cich A gan bdngbao

nhiéu mét d€ van dong vién dén C nhanh nhat (lam tron C
D 800 m

két qua dén hang don vj)? Biét rang van tdc chay 1a
30km/h, van tc boila6km/h-.

Cau 68: Trong mot bai thuc hanh hudn luyén quan sw ¢6 mot tinh huéng chién si phai boi qua song dé
tén cong muc tiéu & ngay phia bo bén kia séng. Biét rang long song rong 100m va van tdc boi
ctia chién si bang mot phan ba van toc chay trén bo.Hay cho biét chién sy phai boi bao nhiéu
mét d&€ dén dugc muc tiéu nhanh nhat? Biét dong song la thang,muc tiéu cach chién s§ 1km theo
duong chim bay va chién sy cach bo bén kia 100m (lam tron dén hang don vi)?

Bo song

100 m
\
Bo song . A
Cau 69: Vao luc 12 gio 7 phat anh Hung chay xe xuat phat tix diem A va di dén B

diém C véi van toc 1a 60 (km/h). Biét rang 7 phtt trede d6 anh Quang
chay xe xudt phat tir diém B véi van tdc la 30 (km/h) sao cho hai quang
duong cua hai xe hgp nhau mot géc 60° nhu hinh vé duwdi day. Cho biét
AB =42 (km) va vao ltc a gio b phat thi anh Quang va anh Hung 6 vi
tri c6 cu li gan nhat dé vay tay chao nhau (a,b e N"). Tinh a+b? Xem
nhu hai xe déu chuyén dong déu va khong cé tac dung ngoai luc hay yéu 60"

to nao khac.
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Cau 70: Thay Hanh can bom 10 lit khi vao bén trong mot qua khinh khi cau. Biét
rang do stic chiu dung ctia may méc cé gidi han nhat dinh (néu qua may
sé hong) nén thay chia ra lam ba lan bom. Theo 1é thuong, néu c6 X lit
khi duoc bom ra thi thoi gian bom sé& 1a 5x° (giay) nhung do may da cii
nén ¢ lan tht 3 gdp truc trac va thoi gian bom o6 lan 3 bi chuyén
thanh 3x° (gidy) (bom duoc X lit thi can thoi gian 1a 3x°). Tim tong thoi
gian bom ngan nhat ma may c6 thé bom duoc (Két qua lam tron dén hang
don vi). Coi nhu thé tich khi & mdi lan bom may déu chiu duoc.

© Mot s3 bai toan vé sinh hoc (ndng d6 - quin thé)

Cau71: Gia st ty 1& sinh ctia Tinh A tuan theo quy lut logistic dwoc mo hinh hoéa bang ham s6

f(t)= : fggt ;t>0,t e N, trong d6 thoi gian t duwoc tinh bang thang. Khi d6 dao ham f '(t)

sé biéu thi tdc do tdng dan so cua tinh A. Hoi sau bao nhiéu thang t6c d¢ tang treong ctia dan
sO tinh A 1a 16n nhat?

Cau72: Sau khi phét hién ra dich bénh vi rat Dau mua Khi, cdc chuyén gia y t& wéc tinh s6 nguoi nhiém
bénh k& tir khi xudt hién beénh nhan dau tién dén ngay thie x 1a f (x)=-x>+18x*. Ta xem
f '(X) la t6c d0 truyén bénh tai thoi diém X . Téc do truyén bénh sé 16n nhat vao ngay thit bao

nhiéu?

Cau73: Anh Nam c6 mot cai ao dién tich 50m? d€ nuéi ca diéu hong. Vu vira qua, anh nu6i véi mat do
40 con /m? va thu dugc 3 tén ca thanh phdm. Theo kinh nghiém nuoi c4 ctia minh anh thay ct
tha giam di 8 con /m® thiméi con ca thanh pham ting thém 0,5kg. D€ tdng nang sudt cao nhat
thi vu téi anh Nam nén mua bao nhiéu ca giong deé tha? (gid si khong cd hao hut trong qud trinh
nuoi)

Cau74: Mot duong dng dan dau bi ro
ri hinh thanh nén mot mang
dau loang hinh tron trén mat
bién. Tdc do tang ctia ban kinh
mang dau loang theo thoi gian
la 2m/h. Khi d6 toc d6 tang
ctia dién tich ( tinh theom?) : . D
cua mang dau loang ciing phu thuoc theo thoi gian t(h). Ho1 tai th01 diém ban kinh mang dau

loang 1a 25m thi t6c d6 ting dién tich mang d4u loang theo thoi gian 1a bao nhiéu m*/h? (Lam

tron dén hang don vi)
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Cau75: Nong do C cua mot loai hda chat trong mau sau t gio tiém vao co thé duoc cho boi cong thike
4t " N n 1
C (t) ~ el véi t > 0. Sau khoang bao nhiéu gio tiém thi nong d ctia hda chat trong mau la

+

cao nhat? (két qud lam tron t6i hang phiin trim)

Cau 76: Trong khoang thoi gian tir ngay 01/01/2024 dén hét ngay 30/12/2024 nhém nghién cttu da quan
sat si phat trién ctia mot quan thé sinh vat X. Két qua nghién ctru chi ra rang, tai ngay tht t cia

nam 2024 (tinh tir ngay 01/01/2024) s6 ca thé sinh vat X trong quan thé duoc wdc luong boi ham
s6 f(t)= —ii'oﬁ +bt? +ct +12000 (con), 0<t <365 va ngay 26/09/2024 1a ngay c6 s6 luong

ca thé sinh vat X nhiéu nhat véi 55740 con. Ngay 25/11/2014 s6 lwgng ca thé sinh vat X duoc
wdc lwong khoang bao nhiéu nghin con? ( Két qua lam tron dén hang phan chuc).

Cau 77: MOot con ca hoi boi nguoc dong (tienoi sinh sdng) vuot khoang cach 300km dé téi noi sinh san.
Van t6c dong nudcla 6km/h. Gia st van toc hoi etia ¢a khi mude ding yénla v km/h thinang
luong tiéu hao ctia ca trong t-gio cho boi cong thic E(v) = cv’t trong d6 ¢ la hang s8 cho
trude. E tinh hang Jun. Tinh van t6c boi ctacd khi nudc déing yén, dé nang luong ctia ca tiéu
hao it nhat?

Cau 78: Khi loai thudc A dwoc tiém vao bénh nhan, nong do (don vi: mg/l) ctia thudc trong mau sau X
30x

x> +2

pht (k€ tir khi bat dau tiém) duoe xac dinh/boi cong thite C (x)= . D€ dua ra 1oi khuyén

va cach xt li phuhop cho bénh nhan, ta can tim khoang thoi gian ma nong d¢ cta thudc trong
mau dang tang. Trong khoang thoi gian 6 phut sau khi tiém, nong do thudc trong mau dat gia
tri 16n nhat bang bao nhiéu mg/l (két qua dwoclam tron dén hang phan muoi)?

Cau 79: Muc nudc trong ho chita cia nha may dién
thuy triéu thay doi trong sudt mot ngay do

nudc chay ra khi thuy triéu xuéng va nudc

chay vao khi thuy triéu 1én (nhu hinh vé). T6c

do thay doi cia muc nudc duoc xac dinh boi

ham s§ h'(t) :9—10(t2 ~17t+60), trong do t

tinh béng gio (0<t<24), h'(t) tinh bang
mét/gio. Tai thoi diém t =0, muc nudce trong hod chira cao 8m. Muc nudce trong ho cao nhat bao

nhiéu mét?
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Cau 80: C)ng A du dinh stt dung hét 5,5 m® kinh d& lam mot bé ca c6 dang hinh hdp chit nhat khong
nap, chidu dai gap do6i chiéu rong (cdc mdi ghép c6 kich thude khong déng ké). BE ca c6 dung
tich 1én nhat bang bao nhiéu (két qud lam tron dén hang phin trim) ?

Cau 81: Mdt ngudi ban gao mudn déng mot thiing t6n dung gao c6 thé tich khong dsi bang 10 m.
Thuing t6n 1a hinh hdp chit nhat ¢ chiéu dai day bang hai lan chiéu rong va khong cé nap. Trén
thi treong gia ton lam day thung l1a 75.000/ m* va gi4 ton lam thanh xung quanh thiing la
55.000/ m?*. Chi phi thdp nhat d& lam thting dung gao 1a bao nhiéu triéu dong. (lam tron dén
hang phin chuc)

A E G B E G

Tra 16i : m ) v
Cau 82: Mot tAm kém hinh chit nhat ABCD c¢6 canh %

AB =30 cm; BC =20 cm. Nguoi ta gap tam kém

theo hai canh EF va GH cho dénkhi AD va BC P F H ¢ F H

trung nhau nhu hinh vé d€ duwoc mothinhlang tru . . . oV

khuyét hai day. Gia tri caa X-d€ thé tich khoi lang

tru 16n nhat la:

r&’x l(‘ji : m
1 inch 1 inch
Lt

Cau 83: MOt nha in st dung cdc trang gidy hinh chit nhat d€ in sach. Sau khi dé 1é : 1

15 inch

trai, Ié phai, 1é trén va lé dwdi theo s6 liéu duoe cho ¢ Hinh thi dién tich s

phén in chir trén trang séch la 24 inch?. Tinh dién tich nho nhat cta trang
sach ?

Teawi: ST o e

Cau 84: Cho mot tim nhom hinh vuéng canh 12 cm. Ngudi ta cat ¢ bon
gbc cta tim nhom d6 bén hinh vudng bang nhau, méi hinh
vudng cd canh bang X (cm), réi-gap tim nhom lainhir hinh vé
duwdi day dé duoc mot cai hop khong né’ip. Tim X dé hop nhan
duoc co thé tich 16n nhat.

Cau 85: Tu mot miéng bia c6 d¢ dai hai canh Ian luot la 0,9m va 1,5m

nhu Hinh. Ban Minh cat di phan t6 mau xam va gap lai d& duoc
mot hinh hop chit nhat. Goi V 1a th€ tich hinh hfp ch nhat
duoc tao thanh, V' duogc tinh theo X béi cong thitc nao? Tim x = *™
dé€ hinh hop tao thanh c¢6 thé tich 16n nhét. ,

Cau 86: Ban A c6 mot doan day mém va déo khong dan ' A

hoi 20 m, ban chia doan day thanh hai phn, phian []
dau gap thanh moét tam giac déu. Phan con lai gap thanh mot hinh vudng. Hoi d¢ dai phan dau

0,9m

béng bao nhiéu (M) dé tdng dién tich hai hinh trén 1a nho nhat ? (lam tron dén hang phiin chuc)
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Cau87: Hinh dwdi day la muong dan nudc
thay loi tai mot dia phuwong phuc vu
twoi tiéu cho rudong dong. Phan
khong gian trong muwong dé€ nudc
chay c¢6 mat cat ngang 1a hinh chit
nhat ABCD. Véi diéu kién luu luong
nuwdc qua muong cho phép thi dién

tich mat cat ABCD 1a 0,48m?. D& dam bao yéu cau ky thuat tot nhat cho mwong, nguoi ta can
thiét ké sao cho tong dd dai T = AB+BC +CD la ngan nhat. Khi d6 chiéu rong ddy muong
bang bao nhiéu (biét chiéu rong phai dudi Im, 1am tron két qua dén hang phan tram).

Cau 88: Ban An c6 mot doan day thép dai 16 dm muoén udn thanh mot kim tw
thap ¢ dang chop t gidc déu (doan day thép duoc udn thanh 4 canh
bén va 4 canh day cta kim tu thap). Hoi thé tich 16n nhat ctia kim ty

thap ban An c6 thé lam duoc la bao nhiéu? (don vi: dm?®, két qua lam

tron dén hang phan tram).

Cau 89: Trén manh dat hinhchi nhat ABCD c6 diéntich-25m? :
, nguoi chu 1ay mot phan dat dé trong co. Biét phan dat

trong co nay c6 dang hinh chirnhat véi hai dinh déidién =,
1a A va H, véi H thubc canh BD. Hoéi s6 tién 16n nhat

nguoi cht can chuan bi d€ trong ¢ (mién t6 dam) 1a bao

nhiéu ( lam tron dén nghin déng) véi chi phi trong cola
70.000 dong/ m?

Cau 90: Mot soi day kim loai dai 60ecm-duoc cit thanh hai doan. Doan thit nhat dwoc uén thanh mét
hinh vudng, doan thit hai dugc uén thanh mét vong tron. Hoi khi tong dién tich ctia hinh vudng
va hinh tron 6 trén nhoé nhat thi chiéu dai doan day uén thanh hinh vuong bang bao nhiéu (lam
tron dén hang phin chuc)?

Cau91: Bac tho han dung mot thanh kim loai dai 4m d€ uén thanh khung ctra s6
c6 dang nhu hinh vé. Goi I la ban kinh ctia ntta duong tron. Tim r (theo
m ) dé dién tich tao thanh dat gia tri 16n nhat. (Lam tron dén hang phiin chuc)
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Cau 92: Mot doan day thép dai 150cm duoc udn thanh khung cé dang nhu hinh vé.
Khi X thay d6i, tim X d€ dién tich hinh phang thu dugc dat gia tri 16n nhat.
(don vi la cm va lam tron dén hang don vi)

Cau 93: Can phailam cai ctra s6 ma phia trén la hinh ban nguyét, phia duwéi 1a hinh
chi nhat, c6 chu vila a=8+27z mét (a chinh la chu vi hinh ban nguyét
cong vai chu vi hinh chit nhat trir di duong kinh ctia hinh ban nguyét). Goi
d la duong kinh ctia hinh ban nguyét. Hay xac dinh d dé dién tich ctra s s
1a 16n nhat.

Cau94: Tir hinh vudng c6 canh bang 6 ngudi ta cat bo cac tam gidc vuong
can tao thanh hinh t6 dam nhw hinh vé. Sau do ngwoi ta gap thanh
hinh hop chir nhat khong nép. Tinh thé tich 16n nhat ctia khdi hop 1a

V.Tinhi ?

V2

Cau 95: Mot nguoi can di tie khach san A bén bo-bién dén hon dao C.
Biét rang khoang cach tit dao C dén bo bién la 10km, khoang
cach tir khach san A dén diém B trén bo gan dao C nhat la
40km . Nguoi d6 ¢6 thé di:dudng thiy hodc di duongbd 1oi di A
duong thay (nhu hinh vé bén). Biét kinh phi di duong thuy la
5 USD/km, di duwong bd la 3 USD/Km. Hoi nguoi do phai di duong bo mot khoang bao nhiéu
dé€ kinh phi nho nhat?

Cau 96: Mot cai ho rong c6 hinh chit nhat. Tai mot goc nho cta ho nguoi L
ta déng mot cai coc o vitri K cachbo AB la 1 m va cachbo AC WK
la 8 m, r6i dung mot cay sao ngan mot goc nho ctia hd dé tha beo

D B

(nhuw hinh vé). Tinh chiéu dai ngidn nhat clia cy sao d€ cay sao c6 N\
thé cham vao 2 bo AB, AC va cay coc K (b6 qua dwong kinh ciia A Q C
sao, lam tron dén hang don vi).

Cau97: Tu mdt tdm thép hinh ban nguyét c6 duong kinh 40 cm , nguoi ra

mudn cat ra mot tém thép hinh chit nhat (c6 mdt canh nam trén 4 /
dwong kinh ctia hinh ban nguyét nhu Hinh) c6 dién tich 16n nhat / /)

6 thé. Tim gia tri cua dién tich 16n nhat dé.

40

A
\
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Cau 98: Nguoi ta thiét ké mot khung dé€ diéu khién
con roi nudc c6 dang ntra duong tron
duong kinh AB =2 dm, d€ cac dong tac tur
hai tay con r6i dugc dong diéu thi ho thiét
ké thanh CD ludn lén xudng va song song
véi thanh AB (hai dau thanh C, D ludn
thudc nira dwong tron). Cac dinh A véi D, B véi C dwoc ndi véi nhau bang hai soi day dan hoi.
Hoi khi thanh CD 1én xudng nhu thé thi tit gidc ABCD c6 dién tich 16n nhét bang bao nhiéu dm
vuong (lam tron dén hang phin chuc)?

Cau 99: Mot thanh dam hinh hgp chit nhat duoc cit tr mot khtic gS hinh tru cé
ban kinh ddy bang 19 cm sao cho thanh dam c6 dién tich mt cat ngang
16n nhat, tic 1a thanh dam cé mat cat ngang 1a hinh vudng. Sau khi cat
thanh dam d6, nguoi ta lai cat bon tAm vén hinh hop chit nhat tir bon
phan con lai ctia khiic gd (tham khao hinh vé duéi day). X4c dinh dién
tich phan gb bo di ctia mit cit ngang khtic gb hinh tru khi dién tich mét

A 1 o 1 B

cat ngang ctia mdi tAm van dat tdi'da (theo donwi.cm?® va két qua lam tron dén hang don vi).

Cau 100: Hai thanh phé A va B cach nhau mot con séng. Nguoi ta
xay dung mot cay ¢au EF bac qua sdng biét rang thanh phd

A 5km H

A céach con song mot khoang la 5km va thanh phd B cach
con sdng mot khoang la 7km, biét HE +KF =24km va do
dai EF khong doi. Hoi xay cay cau cach thanh phd B la bao T
nhiéu dé€ duong di tir thanh phd A dén thanh phd B 1a ngan
nhat (di theo duong AEFB) ? (két qua lam tron dén km)

Cau 101: Nha thay H cach bo bién 1km. Méi-budi sang-thay chay b tir nha ra
bo bién sau d6 chay doc bo bién 500m, r6i thay chay qua chg hai san
dé€ 14y thtrc an trong ngay tién thé ghé tham NYC, cudi cung thay
chay vé nha. Biét cho hai san cach bo bién 400mva cach nha thay H
1km, tinh quang duong ngan nhat ma thay H da chay trong mdi budi
sang (don vi m va lam tron dén hang don vi).

Song

.....................

18 cm

Cau 102: Hinh bén cho biét mét hinh tru ban kinh ddy r(cm), chiéu cao h(cm)
noi ti€p hinh nén ¢6 ban kinh day 9 cm , chiéu cao 18 cm . Tim gia tri
cuia I dé€ thé tich cta hinh tru la 16n nhat ?
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Mot nguoi ndong dan c6 3 tdm lwdi thép B40, mdi tAim
dai a=12 (m) va mudn rao mot manh vueon doc bo
song co6 dang hinh thang can ABCD nhu hinh vé
(bo séng la duong thang DC khong phai rao, mdi
t&m 13 mot canh ctia hinh thang). Ong ta c6 thé rao
duwoc manh vuon 6 dién tich 16n nhat 1aay/3 m?.
Tim a? Hinh 36

Mot man hinh NP ¢ chiéu cao 1,6 mét duoc dit thang ding

—mmea
'
'
'

va mép dudi cua man hinh cich mat dat mot khoang NM 1.6

bf?mg 1,9 mét. Mot chi€c den chiéu sang man hinh dédt ¢ vi tri

—
©o

(rmmmmm e X

O trén mdt dat (xem hinh minh hoa). D& goc chiéu sang
NOP 16n nhat thi dd dai doan OM bﬁmg bao nhiéu? (lam

tron két qua dén hang phan tram).

Hinh bén mo6 ta mot mdt cat ngang ctia mot

-
=

toa nha cao tang. Mot chiéc thang tik xe ctru
hoa 1én dén mat twong phia trude cua toa nha
phai vuot qua phan mai che cao hon 10m so
véi mat dat va vung mdi nay nhd ra 12m. so
voi teong. Gia sit, d0 cao ctia xe cttu hoa la

khong dang k&, hay tim'd6 dai ngan nhat cta

chiéc thang dé€ cac linh ctu hoa ¢é thé thye
hién nhiém vu nay (lam tron két qua dén hang phan muoi)

O mot vinh bién, ngoai khoi xa c6 mgt hon dao nho. Nguoi 0
ta tién hanh 1an bién dé€ xay dung khu d6 thi va lam mot
tuyén cap treo ndi khu do thi véi hon dao dé phat trién du

lich. Xét trong hé toa do Oxy véi don vi twong ting 1km cé

« ar s e e s vem Khu d6 thi
hon dao ¢ O thi duong bao cta phan dat 1an bién c6 dang
\ A A 2 AN . A A _X2 + 2 . B A
la mot phan ctia d6 thi ham s6 y = ———. Gia s tuyén
X

cap treo duogc thiét ké néi dao véi duong bao ctia khu do6 thi voi do dai ngfin nhat. DO dai cua

tuyén cap treo la bao nhiéu km (lam tron két qua dén hang phan muoi)?
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Cau 107: Trong khong gian Oxyz, cho mat cau ban
kinh bang 1. Goi (N ) 1a hinh nén c6 thé tich
16n nhat ndi ti€p trong mit cau (S) va (T)
la hinh tru c6 dién tich xung quanh 16n nhat
S,.x NOI tiép bén trong hinh nén (nhw hinh

vé). Tim dién gia tri S_,, d6 valam tron dén

hang phan tram.
tae: YTTTT]

Cau 108: Cho hinh nén dinh S, duong tron day tam O ban kinh r =3 dm
, dudng cao SO =3 dm. Mt phing (P) di dong ludn vudng géc
véi SO tai diém H va cit mat nén theo giao tuyén la dwong tron
(C).Mit cau (T) chtta (C) va tiép xtc véi ddy hinh nén tai O.
Theé tich khoi cau (T ) dat gia tri nho nhatbéng bao nhiéu lit (lam

tron dén hang phan tram)?

Cau 109: Cho mdt bo sdng hinh ban nguyét c6 ban kinh bang
2km, duong kinh PR mhu hinh vé sau. Tt diém P
anh Teéo chéo mdt chiéc thuyén véi van tée 3km/h
dén diém Q trén bo ho, roi chay bo doc theo thanh ho
dén vi tri R vdi van tde 6km/ h. Thoi gian 16n nhat

\

ma anh Teo di chuyéntx P dén R labao nhiéu? (thoi P~/ /7 /7 /7 /7 /7 /7 /7 /7

gian tinh bang gio, két qua lam tron dén phin chic)

Cau 110: Tir mot tdim bia mong hinh vuéng canh 6 dm, ban Hoa cat bo bon 6 dm

tam gidc can bang nhau cé canh ddy 1a canh ctia hinh vuong ban dau
va dinh 1a dinh cia mot hinh vudng nhé phia trong roi gap 1én, ghép
lai tao thanh mot khéi chép ti gidac déu (Hinh). Thé tich ctia khoi

chép c¢6 gia tri 16n nhat bang bao nhiéu decimét khéi (lam tron két

qua dén hang phan muoi)?
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Cau 111: Mot 6ng chu nha mudn lam mot cai thang ctru ho khi c6 ‘
nguy hiém xay ra. Ong ta mudn lam céi thang d& né dting ?y'
duwdi dat vuon qua hang rao twa vao ngdi nha (tham khao
hinh vé). Véi hang rao cao 2,4 mét duoc dat song song va
cach btic twong ctia ngdi nha mot khoang bang 1,5 mét.
Chiéu dai ngan nhat ctia cay thang bao nhiéu centimet (cm)
dé n6 dung dudi dat vueon qua hang rao tua vao ngdi nha

(lam tron dén hang don vi)?

Cau 112: Cho mot tdm ton hinh mot tam gidc déu

c6 canh bang 2m. Nguoi ta thiét k& mot
hinh luc giac déu va sau hinh ch nhat ¢
phia ngoai luc gidc c6 mot canh bang

canh cta luc gidc, mot canh bang X (mét)
2 ;
voi 0<x< 3 Sau do nguoi ta cat theo

nét dut doan dé thu dwoe mot hinh hop

bdi moét luc giac déu va sau hinh ‘chi® nhat. Sau d6 gap cac hinh chi nhat dé tao thanh khéi lang
tru luc gidc déu (tham khdo hinh vé dwdi ddy). Thé tich cta khoi lang tru 16n nhat bang bao nhiéu
deé - xi — mét khoi (dm®) (lam tron két qua déin hang phin muoi)?

Cau 113: Ong An dang 0 trong ritng dé dao vang. Vang Trai cita 6ng An
A \ A \ 2 A 7 X Y
Ong ta tim thay vang ¢ diem X, cach . ,
diéem A 3 km. Diém A nam trén duong RUNG
bo bién (duong bo bién la duwong thang). 3km 3km
Trai ctua C)ng Annd3m & Y, cach diém.B
3km. biém B cing thudc duong bo Az M d N T B
bién. Biét rang AB =18 km, 18km

AM =NB =x km va AX =BY =3 km. (Nhu hinh vé)

Khi dang dao vang, dng An bi rdn cdn, chat ddc lan vao mau. Sau khi bi cdn, nong do chat doc
trong mau tang theo thoi gian dwgce tinh theo ham s6 y =501og (t + 2) (mg/l), trong d6 y la
nong dd, t 1a thoi gian tinh bang gio sau khi bj rdn cdn. Ong An can quay trd lai trai d€ 14y thudc
giai doc. Ong dy chay trong ring véi van t8c 5 km/h va chay trén duong bo bién véi van toc
13 km/h. D€ vé dén trai 6ng An can chay tir trong ring qua diém M, N trén duong bo bién.
Chon diém M trén duong bo bién sao cho khi 6ng An vé dén trai nong d6 chat doc trong mau
thdp nhat. Tinh nong d6 chat doc trong mau thdp nhat khi 6ng An vé dén trai (lam tron dap an
dén hang phan chuc).
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Cau 114: Trong mot cra hang, nha quan ly du dinh treo mot d6 trang tri
trén cao. Vat trang tri duwoc dat trén gia do nam dwdi thanh treo
1m. Biét khoang cach gitra hai thanh treo la 3m. Biét tong d¢ dai
nho nhat cta cac doan day xich la a + b\/E (trong do a,b,c 1a cac
sO tuw nhién). Tinh a —b—c.

Cau 115: Mot nguoi cudi ngua xudt phat tv A di dén C . Diém A

A nam trong viing dat w6t nén van tdc ctia ngua khi di

trong viing nay la 12km/h. Diém C nam trong vung

dat kho hon nén van tdc cua ngya khi di trong vung  © = = - 0 0 e

nay la 24km/h. Hai phan dat nay giap nhau bdi mot ™

duong thang d di qua trung diém cta AC vakhoang - = - @ 000D
cachtir A va C dén duong thang nay déu bang 10km

_Biét AC =5/41km, thoi giandit nhat dédite Adén C lat= I)/g (a,beN’, a,b nguyén t&
cung nhau). Tinh T =3a+b?

Cau 116: Mot gia dinh du dinh st dung mot manh dat hinh

chit nhat trong viron 6 dién tich 384m* @& lam . 2y
kinh t€ gia dinh. Sau khi bo bén trai dwgc trie di 4m
, 3 bo con lai déu trix 2m_dung lam 16i di va trong s Phan 2o a0 o
cay thi dién tich con lai dwoc st dung dé dao mot
cai ao dang hinh hop chit nhat ¢ chiéu sau 2m dé 77
tha ca (nhw hinh vé). Khi thé tich cta ao tha ca la
16n nhAat thi chu vi manh vieon hinh chir nhit 1a bao
nhiéu?
rawi: YT
Cau 117: Chao don nam méi 2025, Thanh pho trang tri den led cho biéu tuong B4 s
hinh chit V duoc ghép ttr cac thanh AB=4m, AC =5m sao cho tam
giac ABC vuong tai B (tham khao hinh vé). D€ tang hiéu ting cac ky
sw da thiét k& mot chudi led chay tr B xudng A véi van téc 4 m/phut
va mot chudi led chay tr A dén C véi van tdc 10m/phat. Sau khi
déng ngudn dién thi ca hai chudi led dong thoi xudt phat. Hoi sau bao
gidy tir thoi diém dong nguodn dién thi khoang cach gitta hai diém sang
dau tién ctia hai chudi led 1a nho nhat? 4
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Cau 118: Cho mot tam nhom hinh luc giac déu canh 90(cm) . Nguoi ta cit & mdi dinh ctia tAim nhém hai

hinh tam gidc vudéng bang nhau, biét canh goc vudéng nho bang x(cm) (cat phan t6 dam cta
tam nhom) roi gap tdm nhom nhw hinh vé dé€ duwoc mot hinh lang tru luc gidac déu khong co

nap. Tim x dé thé tich ctia khéi lang tru luc giac déu trén 1a 1én nhat (don vi cm).

A 4

Tra 16i

Cau 119: M6t ho nuwde hinh ban nguyét c6 duong kinh AB =150m. Mot nguoi cheo thuyén theo mét

duong théng véi van toc 1,5 km/h tie vi tri A dén vi tri C bat ky trén cung AC . Tai vi tri C
nguoi d6 nghi 2 phut roi tiép tuc di bo doc theo cungnho CB dén B, sau do6 di b theo duong
thang BA d& quay vé Awvéi van tdc 3 km/h (tham khao hinh vé&). Hoi thoi gian chagm nhat ma

nguoi do vé dén A labao nhiéu phut? (Két qua lam tron dén hang phan muoi)

Cau 120: Thay Hanh phu ho lam mét cai mang thoat nwedc mira, mat cat ngang ctia mang la hinh thang
can c6 do dai hai canh bén va canh déy-déu bang 20 c, thanh mang nghiéng véi mat nam
ngang mot géc @ véi0° < @ <90°. Hoi thay Hanh phu ho phai thiét k& mang dé gia tri cotg
bang bao nhiéu sao cho lwong nudc mua thodt dugc la nhigu nhat (Iam tron dén hang phan

tram)?

Tra 18i
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Cau 121: Ban Hoa thuong di boi 6 ho Sky Garden canh nha, ho 10m
boi c6 thiét ké la mot hinh chitr nhat véi chiéu dai M
25 m, chiéu rong 15,5 m va bén canh d6 la mét hinh

ban nguyét duong kinh 10 m. Trong mét lan bé boi
Véng nguoi nén Hoa da thiyrc hién mot chu trinh 1a boi
theo doan thrfmg AC r6i boi tiép doan théng CM, véi
M 1a moét vi tri bat ky trén hinh ban nguyét. Ngay sau

a,

dé ban di bo theo mot hudng qua di€ém D doc bo cta
ho6 boi d€ quay lai vi tri A va két thtc chu trinh. (tham 25m

% TAP DOAN TOAN HQC THAY HANH &

15,5m

khao hinh vé). Biét rang van tdc boi ctia Hoa la 2,4 km/h, van tc di bo 1a 4,8 km/h va tdc do

boi, van tdc di bd khong thay doi trong mot chu trinh. Hoi thoi gian cham nhat dé€ Hoa thuc

hién xong chu trinh trén la bao nhiéu phut? (két qua lam tron dén hang phan chuc).

Cau 122: Mot nguoi du dinh 1am mot bé chita niede hinh tru bang indc cé nap day véi thé tich 1 (m?). Chi
phi mbi m? d4y 1a 600 nghin dong, mdi m2 napla 200 nghin dong va mdi m2 mit bén 1a 400
nghin dong. Hoi ban kinh bé'la bao nhiéu dé chi philam b€ it nhat? (lam tron dén hang phin tram)

Cau 123: Cét bo hinh quat tron AOB (hinh phang c6 nét
gach trong hinh dwéi day) tir mgt manh cac tong
hinh tron ban kinh R 16i dan hai ban kinh OA va
OB ctia hinh quat tron con lai véi nhau dé€ duoc
mot cai phéu c6 dang ctia mot hinh non:

Goi X 1a goc & tam ctia quat tron dung lam phéu (0 < X < 27). Gid trj l1én nhat ctia thé tich

nén la b 7R*¢ Tim abc

C

Cau 124: Mot nghé nhan mudn thiét k€ mot chiéc ly hinh nén ¢6 thé chira duoc t6i da @

500 ml nudc véi ban kinh miéng ly R <8 cm. Sau d6, anh ta dat mot khoi tru
ddc c6 ban kinh ddy 2 cm vao bén trong ly sao cho truc cta hinh tru trung véi
truc ctia hinh nén va day trén ctia hinh tru ndm ciing mot mat phang véi day
cta hinh nén. Nghé nhan mudn dat cac thanh thuy tinh phat sang c6 dang
doan thing vao ly chita day dung dich mau. Biét rang AB la thanh thuy tinh
c6 d§ dai 16n nhat c6 thé dit vao ly (khong c6 diém nao nho ra khoi mat

nudce), im gia tri 16n nhat d6 theo don vi cm (lam tron dén hang phan mudi). ——
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Cau 125: Mot chiéc cong hinh Parabol ¢ chiéu cao 9m, khoang
cach gitra hai chan cong la 6m . D& van chuyén thung
hang hinh hop chit nhat qua cong, nguoi ta dung mot
xe kéo c6 chiéu cao 1Im. Biét rang mat cat cta thung
hang qua cong 1a hinh ch nhat.Hoi dién tich hinh
chir nhat d6 16n nhat 1a bao nhiéu m* dé xe cho thuing
hang c6 thé di qua duoc cong? (Két qua 1am tron dén hang phan chuc)

Cau 126: Cho hinh vuéng ABCD c6 canh béang 4, chinh giita c6 mot hinh
vudng dong tam véi ABCD. Biét rang bon tam giac 1a bdn tam giac

can. Héi tong dién tich ctia hinh vudng ¢ gitra va bon tam giac can
nho nhat bang bao nhiéu? (lam tron dén hang phiin chuc)

Cau 127: Mot nguoi thg go lam mot cai hom dang hinh hop chit nhat c6
nap bang ton. Biét rang dd dai duong chéo hinh hdp bang

32dm va chi duoc str dung vira'dt 18dm’ ton. Véi yéu caunhuwe
trén nguoi tho c6 thé lam duwoc caihom cé thé tich 1on nhat bang

Cau 128: Cho mdt to gidy hinh chit nhat c6 chiéu dai 12 va chiéu

rong 6 nhu hinh bén. Gép to gidy sao cho diém C (la goc

phai dudi) trung véi mot diém E trén doan AD, theo
duong gdp FG . Khid6, hdy xac dinh gia tri nhé nhat ctia
dién tich tam gidc AEFG. (Iam tron két qua dén hang

phéan muoi)

Cau 129: Dé€ chan duong hanh lang hinh chit L, nguoi ta dung mot que sao

théng dai dat kin nhitng diém cham véi hanh lang (nhw hinh vé).

Biét a=24 va b=3. Hoi cai sao thda man diéu kién trén co chiéu

dai t6i thiéu la bao nhiéu?(lam tron dén hang don vi)

Cau 130: Hinh vé bén dudi mo ta doan dwong di vao GARA O TO
GARA O TO nha c6 Hién. Doan dwong dau i L) g
tién c6 chiéu rong bang x (M), doan duong '

thang vao cdng GARA c6 chiéu rong 2,6 (m) |
. Biét kich thuedc xe 6 t6 12 5mx1,9m . D& tinh /N

toan va thiét ké€ duong di cho 6 t6 ngwoi ta coi T
0 t6 nhu mét khdi hop chir nhat co kich thude <o r .
chiéu dai5(m), chiéu réong 1,9 (m). Hoi Z - Y
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chiéu rong nho nhat ctia doan duong dau tién gan nhat vaéi gia trj nao trong cac gia tri bén dudi
dé€ 6 t0 c6 thé di vao GARA duwoc? (két qua lam tron dén hang phin chuc cia m)

2 Min max kinh t&

Cau 131: Mot doanh nghiép du dinh san xuat khong qua 180 san pham. Néu doanh nghiép san xuat X
san pham (1< x <180) thi gia ban cta mdi san phdm 1a f (x)=35840-192x (nghin dong) va

19200

chi phi san xuét binh quén trén mot san phdm 1a g (x) = 25,6x” —153,6x + 3072+ (nghin

déng). Biét rang mitc thué trén mot san pham la 512 nghin dong. Hoi doanh nghiép can san
xuat bao nhiéu san phdm d¢€ loi nhuéan thu duoc la 16n nhat?

Cau 132: Thay Hanh c¢6 mot Villa sinh thai nghi dudng cho thué va thay thong ké duoc rang: Néu ap
dung muc gia 3 triéu dong/nguodi/ngay thi modi thang cé 160 khach dén nghi va mdi khach sé
nghi 10 ngay. Néu ct ting gia thém 500 nghin dong/nguoi/ngay thi hang thang sd khach dén
nghi sé gidm 4 nguoi va thoi giandwa trid ciamdi khach ciing giam di 2 ngay. Nguoc lai, néu
ct giam gia 500 nghin dong/mgwoi/ngay thi hang thang s6 khach dén nghi sé tang thém 4 nguoi
va thoi gian luu tra ciamdi nguoi khéch cling ting thém 2 ngay. Hoi thay Hanh can ap dung
muc gia bao nhiéu triéu dong/nguoi/ngay d€ loi nhuan hang thang thu dwoc 1a 16n nhat, biét
tong chi phi cong ty phai-chi cho mot ngay lwu trii ctia mdi nguoi khach 1a 2 triéu dong va So
van hoa, thé thao va du lich khong cho cong ty thu vueot qua 10 triéu dong/nguoi/ngay. (Két quad
lam tron dén hang phan tram)

Cau 133: Mot xudng in c6 8 may in, mdi may in duoc 3600 ban in trong
mot gio. Chi phi.dé van hanh mét méy trong méi lan in la 50
nghin dong. Chi phi c¢ho. N may chay trong mot gio la
10(6n+10) nghin dong. Hoéi néu-in 50000t quang céo thi

phai st dung bao nhiéu may in dé€ duwoc lai nhiéu nhat?

Cau 134: Mot cira hang ban 1@ ban dwoc 2500 cdi tivi mdi nam. D& ban duoc sd tivi d6, ho phai dat hang

ttr nha may san xudt tivi nhiéu lan trong nam, moi lan dat hang véi so lwong tivi nhu nhau. Moi
A ~ 3 \ 3 s A \ ? \ 2 \
lan 18y hang ttr nha mdy veé thi cra hang chi trung bay duoc ' i
A e ai Al L N Coa 2,500 TVs FOR
mot ntra sO tivi d6, mot ntra con lai phai lru vao kho; chi phi LA CASTOUER BASE - Q
— i
gui trong khola 10 $ cho mot cai tivi va chi tinh cho mét [an = /]

nhap hang trong ndm. Chi phi cd dinh cho mdi lan dit hang
la 20 $, ngoai ra ctra hang phai tra thém 9 $ cho mdi tivi.
Hoi mdi lan d4t hang trong ndm thi ctra hang can dit bao

nhiéu tivi d€ chi phi ma ctta hang phai tra 1a nho nhat?
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Cau 135: Mot cong ty van tai 6 thé huy dong toi da 10 xe tai dé€ chuyén 60 tan
hang héa dén mot dia diém. Mdi xe tai 6 thé chd 3 tin hang trong mot
chuyén di (c6 thé di nhiéu chuyén), va mét 1 gio dé€ hoan tdt mot
chuyén. Chi phi khéi dong d€ diéu mot xe tai la 100 nghin dong. Ngoai |
ra, khi cling chay, n xe tai t6n chi phi nhién liéu méi gio 1a 15(2n+5)

nghin dong. Cong ty dang tinh toan dé st dung mot s luong xe tai sao
cho tong chi phi van chuyén la thdp nhat, vay chi phi thap nhat ay la
bao nhiéu nghin d6ng cho dot van chuyén hang néi trén?

Cau 136: Mot xuwong may 4o thun thu cong da nghién ctu thi treong dé
dwa ra cac ham s sau: ¥

Ham chi phi téng C(q): Tong chi phi (nghin dong) d& san xuat |
200q +1000
g+10 . T 4
R(q): Tong doanh thu (nghin dong) khi ban @ 4o thunla R(q)=-0, 05g° +500g. Xuong may

q do thunla C(q)= , 0>0. Him doanh thu tong

sé thu duoc bao nhiéu 1gi nhudn tang thém (hay loi nhuan can bién) néu san xuat va ban chiéc
ao thun thtr 101 (s6 lwong @o tang tir 100 dén 101)? Két qua duoc lam tron dén hang don vi cta
nghin dong.

tawi: LT

Cau 137: Cong ty ching khoan VNStock can xt ly 18000 1énh giao
dich trong moét ngay lam viéc (8 gio). Hé théng gom cac may chu
xt ly v6i thong s6 nhu sau: Nang sudt: 250 1énh/gio/may.
Chi phi trién khai: 15 triéu dong/mady (cai dit ban dau).
Chi phi van hanh: Dién + bao tri: 120000 dong/gio/may. -
Chi phi nhan vién giam sat: 8 triéu dong/gio (tra theo gio lam viéc thuee t&). Tim chi phi thap
nhét ma cong ty phai bo ra dé thuc hién sd lwong giao dich néi trén (lam tron dén hang don vi
cua triéu dong).

Cau 138: Nha may SAMSUNG Bac Ninh trung binh ban dwoc 1500 chiéc sac du phong mdi thang véi
gia 320 nghin dong mot chiéc. Mot cude khao sat thi treong chi ra rang néu ct giam gid ban
10 nghin déng, s& lugng sac dw phong bén ra sé tang thém khoang 100 sac du phong moi
thang. Ham chi phi hang thdng 1a C(x)=20000-10x (nghin d6ng) trong d6 X 1a s8 sac dw

phong ban ra trong mot thang. D€ lgi nhuan la 16n nhat thi nha san xuat phai ban duoc bao
nhiéu san phdm mai thang?
Tra 18i : m
Cau 139: Mot nha may san xudt X san phadm trong mdi thang. Chi phi san xudt X san pham dwoc cho
boi ham chi phi C(x)=16000+500x —1,6x* +0,004x° (nghin dong). Biét gia ban ctia cia mdi
san pham 1a mot ham sd phu thudc vao s6 luong san phdm X va dwgc cho bdi cong thirc
p(x)=1700-7x (nghin d6ng). Héi mdi thang nha may nén san xuét bao nhiéu san pham dé&
loi nhuan thu dwoc 1a 16n nhat? Biét rang két qua khao sat thi truong cho thay san pham san
xuit ra sé dwoc tiéu thu hét.
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Cau 140: Mot xuong san xuat nhan duoc don dat hang la 8000 san pham Y. Trong xudng cé mot s6 may
moc, mdi may cd kha nang san xuat 30 san phdm Y trong mot gio. Chi phi thiét 1ap mdi may la
200 nghin ddng. Sau khi thiét 1ap, qud trinh san xuat s& dién ra hoan toan tw dong va can hai
ngudi giam sat. Chi phi can tra mdi nguoi gidm sat 1a 96 nghin dong mai gio. Goi X 1a s6 may
ma xueong can dung dé€ san xuat, khi d6 xudng can diang bao nhiéu may dé€ chi phi hoan tat don
dat hang la thap nhat. Néu xuong dung tir 25 may tro lén d€ san xudt thi chi phi it nhat 1a bao
nhiéu (nghin dong).
Tawi: 9T

Cau 141: Anh Hung thanh 1ap mot cong ty van tai taxi dién (Str dung ngudn cung sdn cé trong nuwde véi
nhiéu wu dai khuyén khich phat trién loai phuwong tién nay). Anh dy dinh stt dung khong qua
10 xe. Néu cong ty st dung tdi da thoi gian hoat ddng ctia X xe dién trén (1< x <10, xeN) thi

doanh thu nhan duwoc cua so xe dola D (X) = x> —4597x* +50300x + 30000 (triéu dong), trong
khi chi phi nap dién, bao dudng, phi cdu duong, thué€ va thué nhan cong lai xe binh quan cho

moi xe 1a C(X) =3x+300+ 30000

(triéu dong). Hoi anh Hung can wu tién t6i da cho bao nhiéu

xe hoat dong thuong xuyén d€ 1gi nhuédn cong ty thu dugc la 16n nhat?

Cau 142: Anh Nam c6 mot cai ao véi dién tich 50m?*dé nuoi ca diéu hong. Vu vira qua anh nu6i véi mat
dd 40con/m?va thu'dwoc 3 tan c4 thanh pham. Theo kinh nghiém nudi ca ctia minh anh thay
ct tha giam di 8con/m?thi mdi con c4 thanh pham thu duge ting thém 0,5kg . D€ tdng ning
suat cao nhdt thi vu téi:anh Nam nén mua thém bao nhiéu ca giong dé€ tha? (gid s khong co hao
hut trong qud trinh nuoi)

Cau 143: Mot doanh nghiép kinh deanh motloai san pham T dwge san xuat trong nwdc. Qua nghién ctru
thay rang néu chi phi san xuat mdi san pham T 1a X (USD) thi s6 san phdm T cac nha mdy san
xuat sé 1a R(x)=x—200 va s&san pham T ma doanh nghiép ban duoc trén thi trudong trong
nuéc sé la Q(x) = 4200=x. S8 san phdm con du doanh nghiép xuét khau ra thi treong quoc t&
v6i gid badn moi san pham 6n dinh-trén thi trrdhg quoc t&'1a X, =3200 (USD). Nha nudc danh
thué trén moi san pham xuat khau la a (USD) va luon dam bao ti 1€ giita 1ai xuat khau ctia doanh
nghiép va thué thu dugc ctia nha nudce tuong tng la 4:1. Hay xac dinh gia tri ctia @ biét1ai ma
doanh nghiép thu duoc do xudt khau la nhiéu nhat.

Cau 144: Anh An thanh lap mot cong ty san xudt in 4n Sach Gido Khoa chwong trinh "Chén troi sang tao".
Nhim tao diéu kién cho cac nha sach tiéu thu gia hop li, don gia mdi bod sach ban dau dwoc biéu
dién theo ham p(x)=200-3x (nghin dong) véi X 1a s8 lwong timg bod sdch ban ra va tong chi
phi san xuat duoc bidu dién theo ham C(x)=75+(80+T)x—x* (nghin d6ng) véi moi X thoa
0<x<40, trong d6 T (nghin dong) la murc thué gia tri gia tang VAT phai déng trén ting sd
luong bo sach san xudt ra ma cdng ty anh An phai chi trd. Xem nhu cong ty anh An san xudt
déu dén trong diéu kién li twong, khi loi nhudn cua cong ty dat gia tri cao nhat thi tong muc
thué phai chi tra ciing dong thoi cao nhat. Khi d6 mitc thué ctia moi bd sach ma cong ty phai tra
la bao nhiéu (Pon vi: nghin d6ng)?
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Cau 145: Mot doanh nghiép du dinh san xudt khong qua 400 san pham. Néu doanh nghiép san xuat X
san phdm (1< x<400) thi doanh thu nhan duoc khi ban hét s§ san pham dé duoc biéu dién
boi cong thiee 1a F (x) = x> —1999x* +1001000x + 250000 (d6ng). Trong d6 chi phi van hanh

mdy mée cho moi san pham 1a G(x) = 100000x

(d6ng). Téng chi phi mua nguyén vat liéu duoc
—Xx+1
2
biéu dién boi ham H (x)=2x°+100000x —50000 (ddng) nhung do doanh nghiép d6 mua
nguyén vat liéu vdi s6 luong 16n nén duoc giam 1% cho 200 san pham dau tién doanh nghiép
san xudt va giam 2% cho san pham ti€p theo. Doanh nghiép can san xuat bao nhiéu san pham
dé loi nhuan thu dwoc 1a 16n nhat?

Tawi: 9T

2 Néu nhiing bai trén qua dé€ thi day 1a bai thé hién “Trinh”

Cau 146: Cho X, Y la cac sO thuc thoa man X+Y = \/EJr\/m Goi M, m Tan luwot 1a gia tri 16n
nhét va nho nhat caa P =x*+y? +2(x+1)(y+1)+8/4—x—y. Tinh gid trj M +m?
raw: YT

Cau 147: Cho cac s thuc X, y thay d6i thoéa man X +y?—xy =1 vahamso f (t) =2t°-3t°+1.Goi M

OX=Yy+2

,M twong tng la GTLN va GTNN cua Q = f [ Yy
X+ Y+

Cau 148: Cho hai s0 thue X,y thoga man: 9x° +(2— y\/3xy—5) X+ \/3xy—5 =0

J.Tl'nht()’ng M+m?

Tim gia tri nho nhat caia P=x° +y° +6xy+3(3x2 +1)(X+ y—2) ?

Tra 16i : m
Cau 149: Cho hai s6 thyc X, y thoa man: 2y3 +7y+ ZXJ]: = 3J1—_x+3(2y2 +1) . Tim gia tri 16n nhat
cua biéu thtee P =Xx+2y?
Tra 16i : m
x? —2m(m+1)x+2m® +m® +1
X—m

Cau 150: Choham sd y = c6 dd thi (C,)(m la tham s& thuc). Goi A la

diém thoa man vira la diém cuc dai ctia (Cm ) ung voi mot gia tri m vira 1la di€ém cuec ti€u cua
(C,,) tng véi gia tri khac cia m. Tim gié tri ctia a d& khoang cach tir A dén duodng thang
(d):x—(a+1)y+a=0 dat gia tri 16n nhat?

R
&
‘Ca“ Néu mot ngudi khong ¢ ging, ngudi khac mudn kéo lén ciing khong tim thdy tay cda ngudi d6 dau!
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BAI 4 : TIEM CAN CUA PO THIHAM SO

| o wnas

# Memorize : # Ly thuyét bai gidng :
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L.

A=)

MON QUA TAI LGP

Tim tiém can cia d6 thi hAm s3

Vidu 1: Tim tiém can ngang va tiém can dung cua cac d6 thi ham sd:
—2X+1 X

- , b)y=
)Y X+1 Yy X -1

“»SOLUTION:

Vidu2: Tim tiém can ngang va tiém can dung cua cac do thi ham so:
VX2 +1 X2+ X+2

=Sl e b)y=——-"°
2y X )y x?—2x+3

> SOLUTION:

Vidu3: Tim tiém can xién cua cac d6 thi ham so:
X2 =3x+1
a) y=2x-1- b)y=——-
VY x*+1 VT
2 »SOLUTION:
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Vidu 4: Tim tat ca cac duong tiém can cua do thi ham s6 sau
3
X’ +2
a) y=—F—1—. b)y =3x+Vx’+4
X —2X
27> SOLUTION:

Vidu 5: Tim tat ca cac duong tiém can ctua do thi ham s6 sau
2x°—x+4
a)y:Z—A:F b)y=x+Vx°—1
X —
2»SOLUTION:
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Vidu 6: Tim tat ca cac duong tiém can cua do thi ham s6 sau

a)y =vx2—2x+2 . b)y = X+4—x* —3x+2

> SOLUTION:

Bai toan lién quan dén dudng,tiém can

X+2 ST M o e . .
Vidu7: Chohamsd y= 3’ c6 do thi la (C) Tim tat ca cac diém M thudc (C) sao cho khoang
X_

cach tit M dén tiém can diing bang 5 Ian khoang cach tir M dén tiém can ngang

# LJi gidi :
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c6 d6 thi la (C). Tim hai diém thudc hai nhanh khac nhau cua

Vi du8: Choham sd y=2x—1—2 2

(C) sao cho khoang céch gitta hai diém d6 nho nht.

# LJi gidi :

2
, X°—2X+5
Vidu9: Chohamso y= — ©
X —

a) Chtrng minh rang tich s cac khoang cach tir diém M bat ky trén d6 thi (C)ctia ham s8
dén hai duong tiém can cta n la hang sé.

b) Tim nhitng di€ém trén (C) sao cho tiing khoang cach tir di€m d6 dén 2 tiém can la nho
nhat.

»SOLUTION:
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Tiém can chida tham s m

X—2
mx? —2X +4
dl'mg hai dvz(‘mg tiém can ( tiém can dt’mg va tiém can ngang)?

£+ SOLUTION:

Vi du 10: Chohamsd y = . C6 tat ca bao nhiéu gia tri cia tham s6 m d€ d6 thi ham s6 c6

) o . 2X°+3mx-m+2 ., o R
Vidu 11: Tim gid tri tham s6 M sao cho y = ¢6 tiém can xién tao vadi hai truc toa do

x-1

mot tam gidc c6 dién tich bang 4.

> SOLUTION:
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mx® + (3m* —2)x -2
X+3m
m dé gOc gitra hai dudng ti€ém can cta d6 thi ham s6 (1) bémg 45° .

2+ SOLUTION:

% TAP DOAN TOAN HQC THAY HANH #

Vi du 12: (A2008) Cho hams6 y =

(1), v6i m 1a tham s6 thuc. Tim cac gia tri cua

A . ? \ ~ 1 \ A N A? \ ~
Vi du 13: (A2005) Goi (Cm) la d6 thi cia ham s6 y =mx+— (*) (M la tham s6). Tim m dé ham so (*)
X

c6 cuc tri va khoang cach tir diém cuc tiéu caa (C,,) dén tiém can xién cta (C,,) bang ——

A

£+ SOLUTION:
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Vi du 14: Chohamsso:y =
X+m

(C,,) ton tai diém B sao cho tam gidc ABI vuéng can tai A.

c6dothila (C,).Cho A(0;1) va | latdm ddixtng. Tim m dé trén

2+ SOLUTION:

2

, m°+1
Vi du 15: Tim gia tri tham s6 M sao cho y =2mx+m+2— 1
X+

o tiém can xién cach goc toa do O

: 1
mot khoang bang — .
17

> SOLUTION:
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1. Tric nghiém nhiéu phuong an lua chon. (MSi cAu h3i thi sinh chi chon mét phuong an).
Caul: (P& Minh Hoa 2017) Cho hamsg y = f(X) c6 lim f(x)=1va lim f(x) =—1. Khing dinh nao
X—>400 X—>—0

sau day la khang dinh dtng?
A. Db thi ham s6 da cho c6 hai tiém can ngang 1a cac duong thang x =1 va x=-1.

B. D6 thi ham s6 da cho khong ¢ tiém can ngang.
C. D06 thi ham s6 da cho c6 ding mot tiém can ngang.
D. D6 thi ham s8 da cho ¢6 hai tiém can ngang la cac duwong thang y=1va y=-1.

Cau2: (P& Tham Khao 2019) Cho ham s§ y = f (X) c6 bang bién thién nhuw sau

r —o 1 +oo

+oo =

Tong s6 duong tiém can ngang va duong tiém can ding cua d6 thi ham s6 da cho la

A. 3 B. 2 C. 4 D.1

Cau3: Chohamss f(X) co bang bién thién nhu sau

X —0 0 1 +a0
V' + 0 - +
2 3
v
) 0 / \ —0 3 /
Tong sd tiém can ngang va tiém can ding ctia d6 thi ham so da cho la
A. 4. B. 1. C. 3. D. 2.
Cau4: Chohamsdy = f(x)cdbangbién thién nhu sau
x —o0 1 +c0
»' + +
/ +OC
y 2 / i
Tong sd tiém can ngang va tiém can dung ctia d6 thi ham so da cho la
A. 4. B. 1. C. 3. D. 2.
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Cau5: Chohamso y=f ( ) c6 bang bién thién nhw sau.  , |-~ -9 0 o0
Tong sO duong tiém can dung va tiém can ngang v - + -
ctia @6 thi ham s& da cho bang o T[T
A. 2. B. 1. / T~
\ 1" =00 0
C.0. D. 3.
Cau6:  (Ma104-2022) Chohamsd y = f (X) cobangbién 2

thién nhw sau. Tiém can ding ctia d6 thi da cho la i l ‘ i
. . . f(x)
duwong thang c6 phuong trinh:

-1 0
A y=-1. B.y=-2. ) \ \
- -1

C. x=-2. D. x=-1.

Cau7:  (Ma102-2023) Chohamsd y = f (X) cd bang bién thién nhw sau:

o0 1 +00

=

\<K<

Tiém can ding cta do thi ham s8 da cho c6 phwong trinh 1a

A. x=-1. B. x=-3. C. x=3. D. x=1.

Cau8: (Ma103-2019) Chohamsd y = f(X)codbangbién _x |- 0 3 L
1 - - 0 4

thién nhu sau. Tong s6tiém can diéng va tiém can —2
ngang ctia d6 thi ham s& da cho la:
A.2. B. 3.

C. 4 D.1.

Cau9: (Pé Tham Khao 2017) Cho--ham so
y = f(X) c6 bang bién thién nhur hinh vé T

dwdi day. Hoi d6 thi caa ham s6 da cho co
bao nhiéu dwong tiém can?

A.3 B. 2 C. 4 D.1
Cau 10: Cho ham s6 c6 bang bién thién nhu hinh sau
o -1 0 1 4o
y/ + + - +

+o0

v _4/’

_m/z\x g

Tong sd duong tiém can ngang va tiém can dung ctia d6 thi ham s6 0 la
A. 3. B. 2. C. 4. D. 1.
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Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

® 0976.966.307 - 0935.799.744

(Pé Tham Khéo 2020 Lan 2) Tiém can ngang cta d6 thi ham s§ y = X= 1 la
X+
A y=-2. B. y=1. C. x=-1. D. x=2.
~ N oA A 2 AVN . \ ~ 4X+1 \
(Ma 101 - 2020 Lan 1) Tiém can ngang ctia d6 thi ham s6 y = la
x-1
A.y=%. B.y=4. C.y=1. D. y=-1.

(M3 101-2023) Tiém can ding ctia d6 thi ham s6 y = c6 phurong trinh la

A. x=2. B. x=-2. C. x=3. D.x:%.
~ AN o A A 7 2 \VN . \ ~ 2X+ 2 \
(Ma 101 - 2020 Lan 2) Tiém can ding ctia d6 thiham s6 y = 1 la
X —
A. . x=2. B. x=-2. C. x=1. D. x=-1.
S .y — s G 2x+4
(bé Minh Hoa 2021) Tiém can ditng ctia do thi hamso y = 1
X —
A. x=1. B. x=-1. C. x=2. D. x=-2.

A . N A ’ 2 AN . \ AL 3X+ 2 \ \ < 7
(Dé minh hoa 2022) Tiém can ding cta do6 thi ham s6 y = la duong thang c6 phwong
trinh:

A. x=2. B. x=-1. C. x=3. D. x=-2.

AP A 2x=1 . . . ) .
(Ma 101-2022) Tiém canngang ctia d6 thiham s6 y = la duong thang c6 phurong trinh:

2X+4
A. X=-2. B. x=1. C. y=1. D.y=-
Ham s6 nao sau day c6 mot tiem can:
X+3 X* +3x-2 4 2X
A y= B. Yeu—r— Cy=—- D.y= )
y 2x -1 / X+3 y x—1 y x* +1
Puong thiang 2y +1=0 la tiém can ngang ctia ham s& nao sau day?
x+1 X’ +x+1 2x+1 3—x?
A y= B.y-""-"= C.y= D.y=—y> ———
y 2X+1 y 1-2x y 1-x y 2x* —3x+1
Puong thang X =—1 1a tiém can ding ctia ham s& nao sau day?
X% +3x+2 x> —3x+2 X+1 X+1
Al y=—77r-—7— B.y=——7-—7—7— Cy=———— D. y=
y x? -1 y X -1 y X* +4x+3 y x*+1
\ . 3P -12x+1
D6 thi ham s8 y = TJ; ¢6 bao nhiéu tiém can. Chon cau tra 101 dting,
X° —4x—
A. 4. B. 3. C.2 D. 5.

Tim phuong trinh cc duong tiém can ctia ham s§ Y = X++/X* +1. Chon cau tra 16i ding.
A. y=2xX. B. y=0. C.y=2xva y=0. D.Motdap an khac.
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Cau23: (Dé Minh Hoa 2020 Lan 1) Tong s tiém can dung va tiém cén ngang ctia do thi ham s6

5x* —4x-1 .
=—— , Il
X* =1
A. 0. B. 1. C. 2. D. 3.
Cau24: (DPé Tham Khao 2018) D6 thi cia ham s8 nao dudi day ¢ tiém can ding?
2 2
X" —3x+2 X X
A y=—r" B.y=- C. y=vx-1 D.y=—:
x-1 X“+1 X+1
2
o n e » X —5x+4
Cau 25: (Ma 110 2017) Tim s tiém can ctua do6 thi ham s6 Yy = 2—1
X —
A. 2 B. 3 C.0 D.1
i e A X=3X—4
Cau 26: (Ma 123 2017) Tim s0 tiém can ding ctia d6 thi ham so: y = 2—16
X —
A. 2 B. 3 C1 D. 0
N Y e e NX+9-3
Cau27: (Ma 101 2018) S6 tiém can ding caa d6 thi hams6 y = ———— la
X"+ X
A.l B. 2 C.0 D. 3

Cau 28: Choham s6 y =2X —l+i3 (C). Khoang cach tit M (2;—-1) dén tiém can xién cta do6 thi (C)
X+

la:

A= B.y-—= c.2 D.4

N3 N

Cau 29: Véigiatrinao cia m thitiém canxién cua d6 thiham s6 y=x+m+

di qua diéem M (1;2)

A.m=1 B.m=0 C. m=2 D. Mot dap an khac.

Cau30: Chohamss y= 2x+1
X+1

codothila (C),M, (XO; yo) € (C) . Gia tri nho nhat cua tong khoang cach

tir M, dén hai duong tiém can cua d6 thi ham s6 la:
A.2. B. 4. C. 1. D. 0.

, 2x+1
Cau31: Chohams§ y=22F
X+1

(C). Tim diém M € (C) c6 tdng khoang cach dén hai duwong tiém can la

nho nhat. Chon cau tra 1oi dung?
A. M,(0;1) B. M,(-2;3).

C. M,(0;-2) D.Ca2diém M, va M, .

Cau 32: [DGNL HCM 2025] D6 thi ham s6 nao khong c6 duong tiém can ngang?

2X 1 \/2025— x? b X+ 2025

B C.

N x4l X " x—2024°

A.
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Cau33: [PGNLHCM 2025] D6 thihams§ f (X) c6 3 duong tiém cin ding va 1 dudng tiém can ngang.

IxE -1

Hoéi d6 thi ham sd ¢ (X) =f (X) c6 t6i da bao nhiéu duong tiém can?

X J—
A. 4 B.6 C.7. D.5.
X +2x+4 , 2
Cau34: Cho ham sd y= TR c6 do6 thi (C). Tich khoang cach tit M bat ky trén (C) dén hai
X+
duong tiém can cta (C) bang:
A. 242 B.2 C.+2. D. 1
. .. 2X2=3X+m o . o
Cau35: Dothihamso y=—la (Cm) . Gia tri caia m lam cho (Cm) khong c6 tiém can ding
X—m
la:
A. m=0. B. m=1 C. m=0 hoac m=1. D. m=0 hoiac m=-1.
o MXPBX—2 e s e e A
Cau 36: Chohamsd y= —2 c6 d6 thi (Cm) . Vi gid trinao cua m thi d6 thi (Cm) co tiém can
X+
dting va khong co tiém can xién. Chon cau tra loi dang.
A.m:Z B.m:E C m=2 D. m=0
2 2
7.5 .. BB X+2
Cau 37: Véigidtricaa m thi d6 thi hamso y= # chi c6 mot tiém can duing va mot tiém can
X" —=4X+m
ngang. Chon cau tra 10i dung.
A. 4. B.3 C.2. D.1

o tiém can dung di qua M (-1, \/E ). Chon

I8 L4 . \ ? N A . \ ~ m
Cau 38: Vi gia trinao cia M thi do6 thi ham s6 y = >
X4+m

cau tra loi dung:

1 2

A-mzz B. m=2 C. m=0 D. m=—

v 3X _1 2 \ < 2 7 \ . TN ”
Cau39: Chohamsd y= 12 (C) va duong thang 5x—12y +7 = 0(A) . Khoang cach tit giao diém ctia
X+

hai duong tiém can ctia d6 thi (C) dén duong thang (A) béng:

. 4—6 B. 3—7 C. ﬂ D. 3.
13 13 3
Cau40: Cho ham so f (X) xac dinh va lién tuc d = 1 e

trén R\{-1} c6 bang bién thién nhu sau.

y
1
Hoi d6 thi ham s6 Yy = ¢ tat ca bao
f(x)

nhiéu duong tiém can ding va tiém can 7 2
ngang?
A. 4. B. 3. C. 2. D. 1.
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2. Cau héi dang sai. (Trong méi y (a),(b),(c),(d) mbi cau, thi sinh chon diing @hoéc sai ®)

Caud1: Choddthihamso y=f (X) nhw hinh bén. Cac ménh dé sau

dung hay saiz Y T

-1 o X
Ménh 4é Ping | Sai
(a) | DO thi ham s6 c6 tiém can diing X =0, tiém can ngang y =1. D D
(b) | Ham s6 c6 hai cuyec tri. C] D
(c) | DO thi ham s& chi c6 mot duong tiém can. () ()
(d) | Ham s8 nghich bién trong khoang (—;0) va (0;+©). C] D

Cau42: Chohamso y=f ( X ) c6 bang x | —w -3 3 +oo |
bién nhu sau: 3! + + +
¥ A " "
0 — —oo 7 —a0
Ménh d¢é bing | Sai
(a) | D0 thi ham s nhan duong thang y = 0 Ia tiém can ngang. D C]
(b) | D6 thi ham s6 nhan duong thing x=-31a tiém can dung. () | ()
(c) | S8 dwong tiém cén ctia d6 thi ham s61a 4. () ()
(d) | Ham s3 dong bién trong khoang (—o0;+0) C] D
2
X —=2X+2
Cau43: Chohams8 Y= ———= Khido:
X+2

Ménh dé bing | Sai
(a) | Ham s6 c6 hai tiém can. D D
(b) | Giao diém ctia hai tiém can la 1(-2;-6). D D
(¢) | Khoang cach tir O dén tiém can xién bing 4+/2 . () | ()
(d) | Tiém can xién ctia ham s6 di qua diém M (0;—-4). [:] D

mx* +(3—m)x+m* -2
x-1
xién, goi duong tiém cin xién nay 1a (d ). C4c ménh dé sau dung hay sai?

¢ tiém can

Cau44: Goi (C) la d6 thi cia ham s Yy = ,m la tham s6. Khi (C

N—

Ménh de
(a) | Khi m=2 thi (d) cé phuong trinh 1a y=2x+3

(b) | Khi m=1thi (d) di qua diém A(L4).

Co6 1 duong thrfmg (d ) tao véi hai truc toa do mot tam giac cé dién
tich bang 6.
(d) | Khi m= +/3 thi khoang cach tir goc toa dd O dén (d ) bang J3.

()

0 0 |00g
O O D0Og
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2
, X“+mx-1 N At A1 . .
Cau45: Chohamso y= —1(Cm) (m la tham s6). Cac ménh dé sau dung hay sai?
X —

Ménh dé

(a) | D€ d6 thi (Cm) cia ham s0 co tiém can xién thi m=0.

(b) | D€ tiém can xién ctia (Cm) diqua M (2,-5) thi m=-8

Dé tiém can xién cta (Cm) tao vdi hai truc toa do mét tam gidc co

O |0 00k
D000k

(c) . S s
dién tich bang 8 (dvdt) thi tong tat ca cac gia tri m tim dwgc bang 2
Véi m=3 thi giao diém ctia hai duong tiém can cta (C,,) ndm trén
d
@ Parapol y =X*+3
, x—1 X N A A : .
Cau46: Chohamso y= Nr— m la tham s6. Cac ménh dé sau dung hay sai?
X" —oX+Mm

Ménh dé

(a) | D6 thi ham s6 ¢6 1 duong tiém can ngang

(b) | Khi m<16 thi d6 thi ham s6 c6 3 duong tiém can

(c) | Khi m=16 thi d6 thi ham's8 c6 2 duong tiém can dung

D 000E
D 000¢

Cé 14 gia tri nguyén duong cua m dé do thi ham so ¢ 3 duong tiém
can

(d)

mx2+(3m2—2)x—2

X+3m

Cau47: Chohamso y= ,(Cm ) voi me R. Cac ménh dé sau dang hay sai?

Ménh dé P

E

(a) | D6 thi ham s6 c6 hai tiém can m # 4

(b) | Khi m=1 thi tiém can xién ctia 6 thihams61a y =X -2

Biét d6 thi (C,,) 6 2. duong tiém can, khi d6 m==2 thi goc gitta hai

© tiém can cua d6 thi (Cm ) bang. 45°

Biét d6 thi (Cm ) o tiém can xién tao cit hai truc toa do6 tai A, B sao
(d) | cho tam gidc AAOB c6 dién tich bang 4 khi d6 tong tat ca cac gia tri
ctia m bang 4

01000
O/ 0gag

Cau48: Goi (C) 12 do thi ciia ham 8 y = ‘;“1.
—X
Ménh dé

(a) | Ham s6 dong bién trén cac khoang xac dinh ctia né

(b) | Y =3 latiém can ngang cua d6 thi ham so

© Tich cac khoang cach tlr mot diém M tuy y trén (C) dén hai duong
[V

tiém can cua né bang 14

C6 2 diém thudc (C) sao cho tdng cac khoang cach tir diém dé dén

0| 000
0| 000¢

(d)

hai dwong tiém can cua (C ) nho nhat.
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(M+Dx* +(2m+1)x +2
x+1 '
Ménh 48
(a) | X=-1 la tiém can ding cua d6 thi ham s6

Cau49: Goi (C )lé d6 thi ciaham sd y =

(b)

hai duong tiém can ctia né bang 2.

Gia str d0 thi (C) c6 2 duong tiém can, thi khi do6 giao diém cua hai

(c)

duong tiém can cua (C) ludn thugc parabol (P): y =— XZ.

Khi (C) o tiém can xién, thi ¢ 4 gia tri m dé tiém can xién ti€p xtc

Ping | Sai

U 0

Véi m=1 thi tich cic khoang cach tir mot diém bat ki trén (C) dén O D
00

.

(d)

véi duong tron (y) : X +y? :% .

Cau 50: Mot cong ty xuat nhap khiu c6 chi phi va doanh thu theo quy
dwoc cho nhu sau:

Ham chi phi: C(x)=0, 5X+£1 (ty dong), x la san lwong hang
X+

hoa ho lam ra duoc (x> 0), don vi: tan.
Ham doanh thu: R(x)=8%~0,5x* (ty dong).

Ménh a8
(a) | D6 thi ham chi phi C (X) o tiém can xién la duong théng y =0,5x.

DPing | Sai
0 4d
(b) | Doanh thu R (X) dat gid tri 16n nhat tai X=8,5 tan. D D
0 4
0

Chi phi trung binh cuia cong ty tang khi ho san xudt hang héa tang ttr
21én 5 tan.

Coéng ty datlgi nhuan t6i da néu ho san xudt duge 7,332 tan hang
héa (lam tron két qua dén hang phan nghin).

(c)

(d)

3. Cau hoi tra 10i ngin. (PhAISinAtravdien két.qui vao,0ntrong )
9 Bai toan lién quan dén tiém can

2

, X“+3

Cau 51: Chohamso y=

X —

c6 do thi (C ) . Hai dwong tiém cén cua do6 thi (C) cung vdi hai truc toa
do tao thanh mot hinh thang vuong c6 dién tich S. Tinh S.

mx2+(3m+1)x—m+2

Cau 52: C6 bao nhiéu gia tri nguyén ctia tham s6 m dé do6 thi ham s6 y = 1 co
X+

tiém can xién 1a (d) va (d) tiép xic véi duong tron tdm 1(1;2), ban kinh bang V2.

2X+m
mx —1
can cung voi hai truc toa d6 tao thanh mot hinh chit nhéat c6 dién tich la 2.

Cau53: Chohamso y=

.Tim m d& d6 thi ham sG cd tiém can ding, tiém can ngang va cac tiém
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Cau 54: Vi gid tri nao clia ham s§ M d& d6 thi ham s y = X—+/mMx> —3x+7 ¢4 tiém can ngang.

Cau 55: Cho duongcong (C):y= 2X+ 21 . Tich khoang cach ttr diém M batki trén (C) dén hai duong

“ A A 2 7 .7 . N a 7. a Al .« n
tiem can cua C o gla tri bang E VOl E toi gian . Tim a+b

Cau 56: Cho duong cong (C):y= X—_i . Biét diém M (a,b) (a <0) ndm trén (C) va cé khoang cach
X+

t6i tiém can dimg gdp 2 1an khoang cach t6i tiém can ngang ctia (C) . Khi d6 a+b nhan gid tri
bang?

1

Cau 57: Cho duong cong (C,): y=—5x+3+ va duong thang (d,,): y=mx—m+2. Tim gia

mx—1
tri cua tham s6 m dé (Cm) co diém cuc dai, cuc tiéu va tiém can xién cua no tao véi duong

thang (d,, ) mot goc 45°.

o m (M m+2)x+m’ +3
Caus58: Chohamsd y=

T .Tim meR dé khoang cach tir goc O dén tiém
X+

can xién hodc ngang lanho nhat.
X+2

Cau 59: Tim duoc trén do thi (C): y= N, nhitng diém M sao cho khoang cach tir difm M dén
X

duong tiém can diing bang 1 khoang cach tir di€fm M dén duong tiém can ngang. Hoi c¢6 bao
nhiéu diém M thoa man?
X* +(M-1)x+m*—2m+1

Cau60: Chohamso y= 1 (1). TOng tat ca cac gia tri caa m dé dwong tiém can
—X

g v 1
xién ctia d6 thi ham s6 (1) tao véi hai truc toa dd mot tam giac c6 dién tich bang E .
9 Bai toan thuc t& vé tiém can
Cau 61: Chi phi (don vi: nghin d6ng) d€ san xudt X san pham ctia mot cong ty duoc xac dinh béi ham
s8 F(x)=60000+250x . Goi E(X) la ham s6 biéu thi chi phi trung binh (don vi: nghin dong)

dé san xudt X san phdm (x > 0), khi d¢ tiém can ngang cta d6 thi ham s6lay=a. Tim a?
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Cau 62: SO luong san phdm cua cdng ty ban dwoc trong X (thang) dwoc tinh boi cong thic

S(x) = 300(2+i2j véi x>1. Xem y=S(x) la mot ham s6 xdc dinh trén [1;+c0), khi d6
X+

tiém can ngang cua d6 thi hamsglay=a. Tim a?

Cau 63: MOt chiéc xe 6 t6 mdi mua c6 gia 30000 USD. Sau thoi gian t (ndm), 30000
30000 + 2000t

nguoi ta xac dinh gia tri cua xe 6 t6 do la f( )
(USD). Sau 15 nam, gid tri cua xe 6 t6 d6 bang bao nhiéu (USD)? s

- 2000

Cau 64: MOt cong ty san xuat d6 gia dung wdc tinh chi phi d€ san xuat X (san

pham) 1a C(x)=150x+900 (nghin d6ng). Khi san xuat cang nhiéu san phdm thi chi phi san
xuét trung binh cho mdi san pham khong vurot qua t (nghin dong). Tim gié tri nho nhat cta t.

Cau 65: MOt nha may san xuatlinh kién dién tir thong ké duoc rang trung binh mot t8 san xuat véi X
ngudi thi s6 san phdm san xudt duoc trong mot thoi gian ¢6 dinh duoc tinh bang cong thiec

P(x) = 5000); Xem Yy = P(x) 1a mdt ham s8 x4c dinh trén [0;+00), khi d6 tiém can ngang ctia
d6 thihams6lay=a.Tim a?

Cau 66: Mot manh vuon hinh chit nhat ¢6 dién tich b;?mg 900 m?. Biét chiéu dai cia manh vwon 1a

x (M) . Goi biéu thikc tinh chu vi cia manh vueon la P(X) (mét). Biét rang phuong trinh tiém

can xién cua &6 thi ham s6 P (X) la y=ax+b. Tinh gia tri bi€u thite T =10% +b

Cau 67: SO luong san phdm ban dwoc ctia mot cong ty trong X ( thang) duoc tinh theo cong thiic
S(x)= 200(5—%] Jtrong d6 x>1. Xem Y = S(x)1a mot ham s8 x4c dinh trén ntta khoang
+ X

[1;+0), tiém can ngang ctia 6 thi ham s6 lay =a. Tim a?

Cau 68: MOt bé chita 6000 lit nuwdce tinh khi€t. Nguoi ta bom vao bé d6 nudc mudi cd nong do 25 gam
mudi cho méi lit nudc véi tdc d6 20 lit/phit. Gia sttsau t phut, ti s gitra khdi lwong mudi trong
bé va thé tich nudc trong bé (don vi gam/lit) 1a mot ham f (t). Tim duong tiém can ngang cua

d6 thihamsg f (t),te[0;+x) lay=a.Tim a?
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Cau 69: MOt cong ty chuyén san xuat d6 gia dung wdc tinh chi phi d€ san xuat

C(x
X (san pham) 1a:C (x) = 2x+50 (triéu dong), khi d6 G(x)= (x) la
X
chi phi san xuét cho mdi san pham. Khi d¢, chi phi san xuét t8i da cho
mbi san pham khdng vurot qud bao nhiéu?

Cau 70: Trong phong thi nghiém nguoi ta xac dinh duoc s6 lugng vi khudn dwgc nudi cdy tinh theo

cong thire N (t) =1000+% , trong d6 t 1a thoi gian duoc tinh bang gidy (t > 0). Tinh s§

luong vi khudn 16n nhat ké tir khi nuoi cay.

Cau71: Nguoi ta mudn lam mot cai bé dang hinh hop cht nhat

khong nap (nhu hinh vé&) c6 thé tich bang 5m®. Chiéu cao

1 drre
cua b€ 1a 10dm, cac kich thwde khic la x(m), y(m) véi
x>0va y > 0. Dién tichtoan phan ctia bé& (khong k& ndp) S ™
laham s8 S (x) trén khoang (0;+0). Duong tiém can xién T

cta d6 thi ham s6/S(x)1a duong thang y =ax+b. Tinh

gia tri cua bidu thiee P=a’ +b’.

Cau72: Mot bé chita 2m®nude tinh khiét. Ngudi tabom vao bé @6 nieéec mudi cé nong d6 khong dsi
voi toc dd 20 lit/phtit. Biét rang nong do mudi trong bé sau t phut (tinh bang ti s8 ctia khdi
luong mudi trong bé va thé tich nuéc trong bé, don vi: gam/lit) 1a mot ham s f (t), thoi gian
t tinh bdng phut. Biét rang tiém cin ngang cua dé thi ham s6 f (t)1a y=10. Nong d6 musi

trong bé sau khi bom dwgc 1 gio la

, A e A 1Ay . e A , 15t +4
Cau 73: Dan sO cua mot thi tran ké tir nam 2000 duoc wdc tinh bdi cong thire N (t)

(nh

nguoi). Theo thoi gian, dan so cua thi tran sé ludn tang nhung sé khong bao gio dat den it nhat
bao nhiéu nghin nguwoi?
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Cau74: Tai mot cong ty san xuat do choi an toan cho tré em,
cong ty phai chi 40000USD dé thiét lap day chuyén

san xuat ban dau. Sau do, cir san xuat dwoc mot san

phdm d6 choi A, cong ty phai tra 6USD cho nguyén
liéu ban dau va nhan cong. Goi X(X > 1) la s6 d6 choi

A ma cong ty da san xudt va P(X) (don vi USD) la

tong sO tién bao gom ca chi phi ban dau ma cong ty

phai chi tra khi san xuat X d6 choi A.Nguoi ta x4c dinh chi phi trung binh cho mdi san pham

do choi A la F(x) = PO . Xem F (x) 1aham s& theo X xdc dinh trén ntra khoang [1;+o) . Khi
X

dé, chi phi trung binh ctia mdi d6 choi A thap nhét cang gan nhung khong thé nho hon bao

nhiéu ?

Cau75: MOt nha may san xuat linh kién diénti théng ké dwoc rang
trung binh mot t6 san xudt véi X nguoi thi sO san phamsan
xuat dwoc trong mot thoi gian o8 dinh dugc tinh bang cong

5000x
4x+25
toi da khi s6 nguoi tham gia la rat16n?

an; NGO Iyc hét minh, chuén bj cho nhitng tinh huéng x4u nh4t, vay s& khong sg¢ hai. B6 ra nhiéu cong stc,

can nhung khong qué ky vong, vay sé khong budn Iong. Mot gidc mong dep, s6ng cudc séng hién thyc, vay
s& khong vo vi. Cudc s6ng, ban chudn bj thé€ nao thi hdy tng d6i th€ dy.

thiee P(X) = . Hay tim s san phdm san xuat duoc
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BAI5 : KHAO SAT VA VE DO THIHAM SO

| o wnas

# Memorize : # Ly thuyét bai gidng :
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L,

A=)

MON QUA TAI LGP
D4 thi ham bac 3

Vidu 1: Khao sat va vé do thi cac ham sd sau
a) y=x>-3x"+4

b)y=-2x>-3x"+1

2+ SOLUTION:
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Vidu2: Khao sat va vé do thi cac ham sd sau
a) y=x+3x"+3x+2 b)y =—x°+3x* —4X+2

£+ SOLUTION:
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Vidu 3: Khao sat va vé do thi cac ham sd sau
X+1 2X+1
a) y=—— b)y=
X—2 X+1

»SOLUTION:

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k



O Toan Thay Hanh - Chuyén Luyén Thi Dai Hoc/10,11,12 DANG KI HOC ONLINELTAI
@ 20 Tén That Tung - Tan An - Tp. Budn Ma Thudt & tapdoanthayhanh:vn

% TAP DOAN TOAN HQC THAY HANH tl

® 0976.966.307 - 0935.799.744

Vidu 4: Khao sat va vé do thi cac ham sd sau
2 2
X°—x-1 X°+Xx-2
a =— bh)y=—m-+«—
)Y X—2 )Y X+1
2»SOLUTION:
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Poc d6 thi trong toan thuc t&

Ay
Vidu5: Mot phan duong ray tau luwon siéu tc c6 dang d6 thi

& 8

ham s6 bacba f(x) =ax®+bx*+cx+d. Truc Ox mo

ta quang duong tau di chuyén theo chiéu ngang (tinh -

bang mét), truc Oy mo ta chiéu cao ctia duwong ray 4 /\

’ M 7 . Re o ’ PN A~ e 1 30 40
(tinh bang mét) tai moi vi tri x. Chi€u cao xuat phatla  —+—— TR R
50m. Tau xuéng dudi truc OX lan tht nhat ttevitrix  ~°

=20m, tau lén trén truc OX & vi tri x = 50m va sau d6 di xudng dieng lai ¢ vi tri x = 100m. Xét
d6 thi cia ham s da cho khi x € [0; 100] nhw hinh vé bén. Biét diém cao nhat ctia duwong ray
khi thu nam phia trén truc OX va diém thap nhat ctia dwong ray khi tau nam phia dudi truc
Ox lan luot co hoanh dola p va g. Tinh p+30.

2+ SOLUTION:
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Vi du 6: Duong di cia mot khinh khi cau duoc g;fm trong hé "Y L
truc toa do la mot duong cong béac hai trén bac nhat
c6 d6 thi cit truc hoanh tai hai diém cé toa dd 1a (1; O)

va (8; O)Véi don vi trén hé truc toa do la 1 (km) . Biét

rrimg diém cuyc dai ctia d6 thi ham so la diém (6; 5).

Hoi khi khi cau di qua diém cuc dai va cach mat dat

3875 (m) thi khi cau cach goc toa do theo phuwong ngang bao nhiéu? (don vi: km)

»SOLUTION:
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Tric nghiém nhiéu phuong an lva chon. (Mé7 cAu hdi thi sinh chi chon mét phuong dn).
9 Nhan dang d6 thi ham s&

Cau1: (TK 2020 Lan 2) D9 thi cia ham sd nao dwdi day c6 dang nhw duong v
cong trong hinh bén?
A. y=x*-3x. B. y=—x>+3X. L
0 T
C. y=x"-3x"+1. D. y=-x*+3x’. /
Cau2: (THPT QG 2020 Lan 2) D9 thi ham s6 nao dudi day c6 dang A
nhu duong cong hinh bén
A.y=—x"+2x*-1. B.y=x"-2x"-1.
C. y=x"-3x"-1. D. y=-x*+3x"-1.
v

Cau3: (Dé Minh Hoa 2017) Duwong cong trong hinh bén la &6 thi
cua mot ham s6 trong bon-ham sd dwoc liét ké ¢ bon phwong
an A, B,C, D duéi day. Hoi ham s6 d6 la ham s6 nao?

A y=x>-3x+1 B. y=—x*+3x+1 \

) 0 x
C.y=x"—x"+1 D. y=—x+x-1 / \/

Cau4: Hinh vé sau day la d6 thi caa mot trong bon ham s6 cho ¢

cac dap an A, B,C,D . Héi d6 la ham s nao?

A, y=x>+2x+1. B. y=x>=2x"+1. )
C. y=x>—2x+1. D. y=—x>+2x+1. [ o 1
Cau5: Duong cong trong hinh bén 1a d6 thi ctia ham s6 nao? Y
A.y:%x3+gx2—2x+1. B. y=x"-3x* +1.
C.y:—1x3+3x2+gx+1. D. y:1x3—3x2+gx+1.
2 2 2 2 /
/1o

Cau6: Chohamss y=f(x)=ax’+bx’+cx+d cébangbién thién sau:

i e —1 +oc
y + 0o - o+
400
2
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D0 thi nao thé hién ham sd y = f (X) ?

Al B. II. C. IlI. D. IV.
Cau7: (Ma103 - 2022) Ham s6 nao dudi day cd z | —o -1 1 + 00
bang bién thién nhu sau y' - o + 0 -
A y=x*-3x. B. y=—x*+3X. too 2
y \ / \
C. y=x"-2x. D. y=—x"+2x. 2 -

Cau8: (Mai101-2023) Ham s6 nao-dwéi day co bang bién thién nhu sau ?

T |—o0 -1 1 +00
Yy == 0 + 0 -
+o0 3
=4 -
X+2 3 4 2 2
A y=—m-m. B. y=—X"+3x+1." C. y=x"-=3x". D. y=-2x"+1.
X
. y
Cau9: (Pé Minh Hoa 2023) D6 thi ham s6 nao duoi day c6 dang
duwong cong nhu hinh bén
A y=x"-3x"+2. B.y=X—_i. __
X_
C. y=x"—4x+1. D.y=x"-3x-5. ( x

Cau 10: (Dé Tham Khao 2019) Duong con trong hinh vé bén 1a d6 - \

thi ctia ham s6 nao dudi day? k
1
A.y

_2x-1 B.y _x+1 —

x—1 7 ox-1 “NoT =

C.y=x'+x*+1 D. y=x>-3x-1 \
.
Cau 11: (Ma 103 - 2021 - Lan 1) Biét ham s& y:))((Li (a lasd thuc

cho trude, a#—1) cd d6 thi nhu trong hinh vé sau A
Ménh dé nao dudi day dung?
A. y'>0,vx=1. B. y>0,vVxeR. o) .
C. y<0,vxeRR. D. y'<0,vx=1. /
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

ax+b
(Pé Minh Hoa 2023) Cho ham s6 y =
cx+d

trong hinh vé bén. Toa do giao diém cua d6 thi ham s da ch
truc hoanh la

A. (0;-2).

C. (-2;0).

B. (2;0).
D. (0;2).

Ham s6 nao sau day cd bang bién thién nhw hinh dwdi day?

c6 d6 thi 1a duong cong

ova

T |0 2 +00
y' — —
2 400
Y
RPN 2
A y_2x—7 - 2x+1 2x+1 D y_1—2x
' X—2 X+2 X=2 Tox=27

Db thi dudi day la eia mét trong bén ham sd sau. Hoi ham

sO d6 1a ham s6 nao?

X2 —x+4 k _ X2-2x+3

X+1 ) X+1

C. y:x—x+2. :X+—X1_
X+1 X+1

D6 thi dudi dayla cia mét trong bon ham s6 sau. Hoi ham

W
s0 d6 1a ham s nao? 51
4
3
x> -3 X2 —4X+2 2
A y= . B.y=— 1 ~"%
X—2 X—2 _1;
x
c y_x2—x D y_x2—4x+5 -2 23 4
Tox=2 ' x-2 Py
_%/
Bang bién thién sau la cia mot trong bon ham sd
sau. Hoi ham sd d6 la ham s6 nao? x | -oo -10 -4 2 +00
x* —3x+4 X —4x+4 Yy -0 4 * 0 -
AVETo T BYET SO +oo +00 0
2_ B 2_ h y ~~ 24/’ VAN
X°—5X+4 X —4x+4 —00 —00
Cy=——>2"7 D.y=2_""%
X+4 X+4
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Cau 17: Bang bién thién sau la ctia mt trong bon ham s6

sau. Hoi ham sd dé 1a ham s6 nao? x | —o0 1 3 5

+oo
X* —4x+3 X2 = X+2 y -0 + + 0 -
y:—3~ B-y=x—3~ +00 +00 —9
2 2 -1 - -0
X+ X+2 X°—4x+4 ©
Cy=—"""2  py=-"72"7"7
X—3 -X+3
Cau 18: DO thi duwdi day la cia mot trong bon ham sd sau. Hoi ham y
53 d6 1a ham s8 nao?
T 4
2 2
X" =X X“ —3X :
A y= . B.y= : BN
X+1 X+1 b,
X2+ X+2 X - L
cy=2—12t2 D.y=—2_ -
x+1 x+1
Cau 19: DO thi dudi day la cia mét trong bdn ham s6 sau. Hoi ham Y
s6 d6 la ham s6 nao?
A y_x2+3 4 y_x2+x—3 !
' x-1" ' x=1 2
2 2
X —2X+3 X +3 0
Cy=2—227° D.y= . %
-X+1 =X+1 ,
Cau 20: Bang bién thién sau la ctia mot trong bon ham s6 sau. Hoi ham s6 d6 1a ham s nao?
x | —oo 2 +00
3 + +
+oo +00
y / /
-0 —00
2 2 2 2
X" -3 X°—4x+2 X=X X°—4x+5
A y= . B.y=—-— C.y= . D.y=——
y X—2 y X—2 y X—2 y X—2
S Xét d&u hé &
Cau21: HamsS y=ax’+bx® +cx+d cé d6 thi nhw hinh vé bén. Ménh Ay

dé nao sau day la dung?
A.a<0,b<0,c<0,d<0.
B.a>0,b>0,c>0, d<0.

C.a>0,b>0,c<0,d>0. ' !
D.a>0,b<0,c<0,d>0. \\J/

CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k m



G 0976.966.307 - 0935.799.744 M TAP DOAN TOAN HQC THAY H '

0 Toan Thay Hanh - Chuyén Luyén Thi Dai'Hoc 10,111,112 PANG Ki HOC ONLINESTAI
@) 20 Tén That Tung - Tan An - Tp. Buén Ma Thust & tapdoanthayhanh:vn

Cau 22: Cho ham s& y=ax®+bx®>+cx+dcod d6 thi nhu hinh bén. e
Ménh dé nao sau day la dung?
A.a<0,b>0,c>0,d >0. \
B. a<0,b<0,c<0,d>0.
C.a>0,b>0,c<0,d>0. 9 \//\ >
D. a<0,b>0,c<0,d>0. \
Cau23: ChohamsS y=ax®+bx*+cx+d cé do thi nhu hinh vé. Chon \

khang dinh dung? m
A. ab>0,bc<0,cd <0. B. ab>0,bc<0,cd >0. — 011 :
C. ab>0,bc>0,cd >0. D. ab<0,bc<0,cd >0.
Cau 24: (P& Minh Hoa 2020) Cho ham s6 y = ax® +3x+d (a; de ]R) \ )
c6 d6 thi nhu hinh bén. Ménh dé nao dudi day dung?

B i Le] x
A.a>0,d>0. B.a<0,d >0. \

C.a>0,d<0. D. a<0;d<0.

Cau25: (Mi 101 - 2020 Lan 1) Cho ham s§ y = ax®+bx* +ex+d

(a,b,c,d e R) c6/dd thila duong cong trong hinh bén. Cé bao
nhiéu s6 duong trongcacsé a, b, ¢, d-?
A. 4. B. 1.

C 2. D. 3. o0 \a:
Cau26: (Ma 102 - 2020 Lan 2) Cho ham so6
3 P X =00 =2 0 +a0
f(x)=ax’+bx*+ex+d (a,b,c,deR) ,
() ooy - 0 +

c6 bang bién thién nhu sau. € bao nhiéu s6

2 +aon
duong trong cacsé a, b, ¢, d? f(x) /
A. 2. B. 4. » |

C.1. D. 3.

Cau 27: Cho ham s6 y:ax3+bx2+cx+d(a¢0) c6 d6 thi nhw hinh
vé dudi day. Chon khéng dinh ding vé daucta a, b, c, d?
A.a>0,b>0,d>0,c>0
B.a>0,c>0>b,d<0
C.a>0,b>0,¢c>0,d>0.

D.a>0,b<0,c<0,d>0

Cau28: Chohamsd y= f(x)=ax®+bx*+cx+d cé do thi nhu hinh
vé 0 bén. Ménh dé nao
sau day dung?
A.a>0,b>0,¢c>0,d>0.
B.a>0,b>0,c<0,d>0.
C.a>0,b<0,c>0,d>0.
D. a<0, b<0,c>0, d<0.
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Cau29: ChohamsS y=ax®+bx*+cx+d cé do thi nhw hinh vé bén. v
Ménh dé nao dudi day dung?

A.a<0b<0,c>0,d<0.
B.a<0b>0,c<0,d<0. o \ x
C.a>0,b<0,c<0,d>0.

D. a<0,b>0,c>0,d <0.

Cau 30: Chohamsd y=ax’+bx*+cx+d c6 do thi nhw hinh vé bén.
Ménh dé nao sau day dung?
A.a<0,b>0,¢>0,d>0.
B.a<0, b<0,¢c=0,d>0.
C.a<0,b>0,¢=0,d>0.
D.a>0,b<0,¢c>0, d>0. 0 14

——

Cau31: Chohamsd y=ax’+bx*+cx+d cé dd thi nhu hinh vé. S8 16n v
nhét trong cacs6 a, b, c, d la:

[ P

A.c. B. a.
O xT
C.b. D.d.
B O
IV &1 P o . . >
Cau32: Chohamso y= q €6 do thi nhw sau. Ménh dé nao sau
CX+
day dang?
A.ac>0; bd >0 B. ab<0; cd <0 = >
C. bc>0; ad <0 D. ad >0; bd <0

Cau 33: (Dé Tham Khao 2020 Lan 2) Cho ham s6 f (x)= l?))((:i (a,b,ceR) c6 bang bién thién nhuw
sau:
r | —00 2 +0o0
f'(x) + +
+00 1
1 —00
Trong cac sd a,b va ¢ 6 bao nhiéu s6 duwong?
A.2. B. 3. C. 1 D. 0.
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Cau34: Chohamsd f(x)=

T |—oo 1 +0o0

f(=z)

1 —oC

Trong cac s a,b,Cc ¢ bao nhiéu s6 dwong?

A. 3. B. 4. C. 2. D. 1.

(a—1)x+b o . . y
m, d<0 co do thl nhw hinh trén.

Khang dinh nao dudi day la dung?

Cau35: Chohamso y=

A.a>1b>0,c<1. B.a>1b<0,c>1. —
C.a<1b>0,c<l. D. a>1b>0,c>1. w\i x
\
. AX+D —— . "
Cau36: Chohamso y= ¢c6 d6 thi nhw hinh bén duwdi, véi
X+C
a, b, ceZ.Tinh gia tri ctia biéu thiee T=a+2b+3c? o x
i 1 ?\_______‘:
A. T =-8. B. T =2. s
C. T =6. D. T =0.
X+a YA

Cau 37: Duong cong ¢ hinh dudi day la.d6 thi cia ham s6°y = 0
X+C

, (a,b,c €Z).Khi d6 gia tri biéu thiee T=a—-3b—2cC b:?mg __/
-
A. 3 B. 2- ol /2 =x
c.0. D. 3 i
o _&X+4-b "
Cau38: Chohamso y= +—b c6 do6 thi la duong cong trong ;
cX+ !
hinh bén. Ménh dé nao duéi day dung? ol | .
A.a>0,b>4, c<0. ! —

B.a>0,0<b<4, c<0. \

C.a>0,b<0, c<0. i
D. a<0, 0<b<4, c<0.
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’ r \ ’ AVN < 1N 7 2
Cau 39: Cho ham s6 y=ax+b——(abr#0) va c6 d6 thi la (C) cb )
X
dang nhu hinh vé sau. Cac hé s6 a,b,r phai thoa man diéu
kién nao dudi day.
a>0 a>0
A.{b<0 B.<b>0 o >
x
r>0 r<o
a<0 a>0
C.<b>0 D. <b>0
r>0 r>0
Cau40: Chohamsd y= X +; c6 d6 thi nhu hinh 1. D6 thi hinh 2 la ctia ham s6 nao dwdi day?
X+
J\y y‘\
—
— ] -
/ x} ) x’
/ o -\ """""""""""
Hinh 1 Hinh 2
X+1 X|+1 X+ X+1
A y=l—=] B.y=|| C.y=| ]4. D.y=
X+2 |x|+2 X+2 |x+2|

2. Cau héi dang sai. (Trond moiyi@l(DNc), (@) Moidau, thisinh chon ding @Iloéc sai ®)
2 Poc 46 thi

Cau41: ChohamsS y=x>—3x*+4 ¢6do thila (C)

Ménh'de Ding | Sai
(a) | PO thi (C) cat truc hoanh tai 3 diém phan biét [:] [:]
(b) | Db thi (C) d8i xtng qua diém | (a;b) khi dé a+b=3 () | ()
(c) | Tiép tuyén cua (C) tai diém c6 hoanh d6 x =3 di qua diém A(0;23) () | ()
(d) | Y=-3Xx+5 la phuong trinh ti€p tuyén cua (C) c6 hé s6 goc nho nhat D D

2
Cau42: Choham s§ y=LX2Jr5 c6 db thi (C). Khi dé:
X+

Ménh dé Bing
(a) | Ham s6 c6 tap xac dinh D=R

(b) | Db thi ham s8 (C) c6 tiém can xién la duong thang y = X+2

(c) | D0 thi ham s8 (C) ¢6 tiém cin dtng 12 duong thing x =2 (]

00002

(d) | D6 thi ham s8 (C) nhan diém | (-2;0) lam tam d3i xtng
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Cau43: Choham sd y=L);+1 c6 d6 thi (C)
X+

Ménh dé DPang

(a) | Ham s8 dong bién trén mdi khoang khoang (-2,—1) va (-1,0)

(b) | Ham s& c6 hai diém cuec tri.

(c) | D6 thi (C) khong cit truc OX.

)

B

O

(d) | D6 thi (C) o tiém can xién di qua diém A(l; 2) C]
N/

2 1Y
Cau44: Chohamss y=f (x)= aXJ“—b;(” c6 db thi 1a dudng cong nhu hinh vé ;
X+
dudi day, biét duong tiém xién ctia d6 thi ham s8 di qua hai diém (0;1)

va (1;0) )

-

Ménh dé

Khoang c4ch tir M (1,-8) dén duong thang di qua cac diém cuc tri

(a) g
cua d6 thi ham s6 bang \/g \

(c) | Tacé a+b+c+d=-2.

(d) | Tap xac dinh cia ham sg la R\ {2} .

DPing | Sai

O |0

(b) | Ham s6 dong bién trén khoang (—4;0). [:] [:]
U [0

O [0

, ax+b . ua
Cau45: Chohamsd y=f(X)= 1 voi a,b,c R cd d6 thi 1a hinh bén.
CX+
ol 1 2 ﬂ_i
-1 S~—

Ménh dé

(a) | Pao ham ciahams6 f'(x) <0 vxeR.

Ham s y = f (X) nghich bién trén khoang (1;+) va dong bién trén

®) khoang (—;1).

D6 thi ham sd 'y = f (X) c6 duong tiém can ding la X=1 va duong

(c)

tiém can ngang la y=-1.

00| 0 O
OO0 0

(d) | Tong a+b+c=5.

mx2+(3m2—2)x—2
X+3m

Cau46: Chohamso y= (1) v6oi m la s6 thuc

Ménh d¢é Ding

(a) | Khi m=1 d6 thi ham s6 c6 2 diém cuec tri

(b) | Khi m=1 d6 thi ham s6 c6 duong tiém can xiénla y = X—2

(c) | Khi m=1 thi tam d6i xting ctia d6 thi ham s§1a 1(3;-5)

(000
O0O0E

(d) | C62 gia tri m d& goc gitra hai tiém can ctia d6 thi ham s§ bang 45°
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—mx? +(4m-2)x+1-4m

Cau47: Chohamso y= 1
X —

c6 dd thila (C) véi m 1a tham s§

Ménh dé Diing

(a) | Khi m=1 db thi ham s8 6 2 diém cuc tri (]
(b) | Khi m=1 db thi ham s khong cit truc Ox (]
(c) | Khi m<—1 thi ham s6 dat ciee dai va cyc tiéu trong mién x >0 D
O

(d) | C6 2 tiép tuyén cua (C) song song véi duong thang x—y =0
9 Bai toan thuc t&€ vé ham s&

Cau48: Chohamso y=f (X) =ax’ +bx? +cx+d c6 d6 thi nhu vé. Mot hd

lam nghé dét vai lua to tam san xuat mdi ngay dwoc X mét vai lua
(0<x<18). Téng chi phi san xudtXx mét vai lua, tinh bang nghin
dong, cho boi ham chi phi C(x)= f (x)—20x+500. Gia st ho lam
nghé dét nay ban hét san phdm mdi ngay véi gid 200 nghin dong/mét.
Ménh dé ¥

(a) | Ham s6 co hé s6 d > 0.

DBiing
J
(b) | Ham s6 c6 hé s6 a>0. [:]
OJ
U

(c) | DO thi ham s6 da chodi qua diém E (0;2).

Loi nhuén toi da cua ho lam nghé dét vai lua to tam trong mot ngay la
@'} 1100 nghin dong.

0 000e

Cau 49: Mot ho nude nhan tao duoc xay dung trong mét cong
vién giai tri. Trong mo6 hinh minh hoa, né duwoc gisi han

béi cic truc toa do va. do thi. ham s6
y=f(x) :%(—Xs +9x° —15X+56). Trong cong vién -

c6 mot con duong chay doe.theo d6 thi ham s6 *
y=—1,5x+18 (A).Nguoi ta du dinh xay dungbén bo —

h6 mot bén thuyén dap nude sao cho khoang cach tir bén thuyén dén con duong la ngan nhat.
Ménh dé Ping
(a) | Xétdiém M (X; ¥) nam trén dudng cong bo hd thi x € [0;8].

h M( ) d d h7I‘| (A) 1 d—‘x3 X2 ‘
b Khoang cach ttr X, én duong tha ad=——-——+-———
(b) g y g g \/_

(c) | Hoanh d6 ctia diém dé xay bén thuyén la 6.

0000
00 0O 0Og

(d) | Khoang cach tlr bén thuyén dén con duong la ? )
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Cau 50: L4t cat ngang ctia mot ving dat ven bién duge mé hinh
hda thanh m6t ham s6 bacba y=f (X) cO d6 thi nhw
hinh vé bén dudi (don vi do dai trén cac truc la km). Biét
khoang cach hai bén chan d6i OA =2km, d¢ rong ctia h6

AB =1km va ngon d6i cao 0,528km.

Bién |/

Ménh dé

(a) | DO thiham s y = f (x) di qua cac diém O(0;0), A(2;0), B(3;0).

(b) | Haimsd y = f (x)=ax’+bx* +cx+d véi ae(0;1).

Mot nguoi dung trén dinh d6i mot cdt co cao 3m, khi d6 vi tri dinh
(c) | €Ot co cd toa dd 1a H (0,785;0,582), két qua lam tron dén hang phan
nghin.

(d) | Do sau cua ho tai diém sau nhatla 158 m .

3. Cau héi tra 18i ngdn. (Thf sinh tréd’dien"keét qua " vae owrong )
2 Bai toan lién quan d&n xac dinh’ham sd

Cau51: Choham sd y=ax’+bx*+cx+d (a,b,c,d G]R) c6 do-thi la

duong cong trong hinh'bén. Co bao nhiéu s6 duvong trong

cacsda,b,c,d?

Cau 52: Ta xac dinh duoc cacs6 a,b,c d€ @6 thiham s y = x° +ax® +bx+c di qua diém (1; 0) va co

diém cuec tri (—2 ; 0) . Tinh gia tri bi€u thtec T .= a’+b® +c’.

Cau 53: DO thi trong hinh bén dudi 1a cua ham s6 y =

(voi
X+C

a,b,ceR). Khi d6 tong a+b+c b:?mg
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o g . A 1 e 1 1

Cau 54: DO thi trong hinh bén dwéi la cia ham s6 y =ax+b+——
X+C
Khi d6 tong a+b+c bang bao nhiéu?
24
1
~ o) § T
x=1
Cau55: Cho ham s8 y=ax’+bx*+cx+d (a,b,c,d S ]R) c6 do6 thi la by
duong cong trong hinh bén. C6 bao nhiéu s6 dwong trong cac sd
a,b,c,d?
a~ 2\ A~ ax+ b A M \VN . \ A 3~ . A2
Cau 56: Cho ham so f(X) = (a b,c,d e Rva c#0). Biét rang d6 thi ham s6 da cho di qua diém
CX
(-1;7) va giao diém hai tiém cén 1a(-2;3). Gid tri biéu thic 28+ 3b7+ de+d bang
C
2
Cau 57: SO diém co toa do nguyén thudc d6 thi ham s6 y = 2X+—3X2+10 1a bao nhiéu?
X+
2 s
, ax” +bx+c . . /

Cau 58: Cho ham s6 y:—(a>0,m¢0) c6 do thinhw '

mx+n
hinh vé bén. Hoi trong cac s6 b,¢;m,n. co tat ca bao nhiéu s&

duwong?

Wow B @ N e

21\

5 4 324 Jf2345x
Tra 16i : m / ) \f

2
. X“+4x+5 . ., X . \ 1 an
Cau59: Tim duoc trén do thi (C):y = +—2+ hai diém M (a;b) va N(c;d) c6 khoang cch dén
X+

duong thang 3X + Yy +6 =0 nho nhat. Khi d6 tinh gid tri biéu thiec T =a+b-+c+d

9 Bai toan thuc t& vé ham s&

Cau60: Dé&loai bo X% chat gay 6 nhiém mai tredong tir khi thai ciia mot nha vi
may, nguoi ta wdc tinh chi phi (triéu dong) can bo ra dwge mod hinh

hoa béi ham s6 c6 dang C(X) = ax—b (nhu hinh v&), (0 < x <100).
-Xx+d

0100 X

Tinh chi phi chénh léch (ti d6ng) phai bo ra dé€ loai bé 90% va loai 500
bo 99% chat gay 6 nhiém tir khi thai ciia nha mdy. r
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Cau61: Mot chat diém chuyén dong trén mot truc s§ nam ngang, chiéu 4=
duong ti tréi sang phai véi van t6c ban dau la 9m/s thi thay doi
quy dao chuyén dong. Gia st toa d6 X(t) (mét) ctia chat diém trén
truc s8 tir thoi diém t =0 gidy (tinh t lac bat dau thay d6i quy dao
chuyén dong) dén thoi diém t =4 gidy duwoc duoc cho boi cong thire
x(t)=at’+bt*+ct(a,b,ceR,a=0) cé6 d6 thi nhu hinh vé sau.

Van t8c dat cuc tidu tai thoi diém t bang may giay?

Trd 18i :

%

Cau 62: Mot gido vién theo doi su tién b cuia hoc sinh qua thang do diém, duegc mo hinh hoa béng ham
so f (X) =x®+ax®+bx+c véi a,b,c 1a cdc hé sb. Trong do, X (OS X<9,Xxe N) la s6 thang ké
tir d4u ndm hoc va f (X) 1a diém trong thang thit X. Qua theo ddi, gido vién ghi nhan thang
dau tién hoc sinh dat 19 diém, sau d6 giam trong thang thit hai va dén thang thit ba hoc sinh

dat muirc diém thap nhat trong ndm hoc, la 3 diém. K€ tir thang th ba trd di, diém ctia hoc sinh
tang lén. Tinh diém cua hoc sinh d6 ¢ thang th sau.

Cau 63: L4t cit ctia mdt vung dat duoc mo hinh héa boi ham bac ba y = f (X) c6 d6 thi nhu hinh vé
dudi (don vi trén cac truc la km). Biét khoang cach OM =2km; d6 rong cua nti MN =3,5km.

Do sau ctia ho nuwée la 450m. Chiéu cao cua ngon nui la bao nhiéu mét? (lam tron dén hang don

vi).

Cau 64: MOt phan duong chay cua tau lwon siéu toc (hinh 1) khi gén hé truc toa &6 OXy duoc mo phéng

o hinh 2, don vi trén mbi truc 1a mét. Biét duwong chay cua nd la mot phan d6 thi ham bac ba
y=ax’+bx®+cx+d (0< x<90); tau luon siéu tSc xudt phat tir diém A, di qua cac diém C, D

¥ (km)

X (km)

dong thoi dat do cao nho nhat so véi mat dat la 6m. Do cao 16n nhat ma tau lugn siéu toc dat
dugc la bao nhiéu mét so v6i mat dat? (Két qua lam tron dén hang phiin chuc).
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Cau 65: Lat cit ngang cia mot viing dat ven bién duegc md hinh hoa
thanh m&t ham s6 bacba y = f (X) ¢ d6 thi nhw hinh vé (don
vi d§ dai trén cac truc la km). Biét khoang cach hai bén chan
d6i OA=2 km, d6 rong caa h6 AB=1km va ngon ddi cao
528 m. Tim d6 sau ctia ho (tinh bang mét) tai diém sau nhat?

(lam tron dén hang don vi).

Cau 66: Mot thanh phd nam trén mdt con sdng chay qua hém y

Bién

60
nui. Hém c6 chiéu ngang 80m, mot bén cao 40 m va
mot bén cao 30 m. Mot cay cau sé dugc xay dung bic
X(-40,40) E

qua séng va hém nui. So d6 thiét k& ctia cay cau duoc
, F Y(40,30)
gan hé truc toa do nhu hinh vé dudi day. Con duong

XY xuyén qua hém ndi dwoc mé hinh héa bang

3
X —3—X+35. Hai c6t d6 doc '_440” 4'08"
25600 16 et S

phuong trinh: y=

MN va PQ (song song voitruc Oy ) la doan noi gitta khung ctia Parabol va duong XY . Tinh
tong do dai doan MN va PQ biétrang N va Q lahai diém d6i xiing qua Oy ; MN 1a doan c6

d6 dai 16n nhat ( lam tron két qua dén hang phéan chuc).

Cau 67: Khuon vién ctia mot cong vién ¢6 dang hinh chit nhat 2, o c
ABCDvd6i AB =100 m; AD =80m. Nguoi ta mudn chia
cong vién thanh hai khu, mot khu danh cho tré em, mét khu £
danh cho nguoi 16n. Pétao thiét ké'doc dao vala mit; nguoi
ta dung mot duong cong chia khuén vién thanh hai phan
H, (khong to0 mau) danh cho tré em va H, (t6 mau) danh

H

cho nguwoi 1on nhwe. hinh ~vé  bén. Vvéi
AH =40m; AE =60 m; AP =20 m-va _EF //AB; PQ//AD
. Biét rang khi xét trong mot hé toa d6 OXy, duong cong

A P M B

trong hinh 1a mdt phan ctia &6 thi ham s6 bac ba. Phan chinh gitta cong vién ngudi ta mudn méc
day den trang tri doc doan thang MN nhuw hinh. Biét gia tién mdi mét day trang tri ciia phan
danh cho tré em la 140 nghin dong va phan danh cho nguoi 16n la 180 nghin dong. Tong sd tién
méc day dén trang tri trén doan MN 1a bao nhiéu triéu dong.

Cau 68: O mot vinh bién, ngoai khoi xa c6 mot hon dao nho. Nguoi ta tién
hanh 1an bién d€ xay dung khu do6 thi va lam mot tuyén cap treo ndi

khu d6 thi v6i hon dao d€ phat trién du lich. Xét trong hé toa do \
Oxy v6i don vi tuong ting 1km c6 hon dao ¢ O thi duong bao cta %‘i\\\\\\

x> +1

. Gia str tuyén cap treo duoc thiét ké ndi dao véi duong bao ctia khu dd thi véi do dai ngan nhat.
Do dai ctia tuyén cap treo la bao nhiéu km (lam tron két qua dén hang phin muwoi)?
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Cau 69: Mot cai ao hinh ABCDE (nhu hinh vé), ¢ gitta ao ¢c6 mot manh vuon £— R T A
hinh tron cé ban kinh 10 m. Nguoi ta mudn bac mot cau cau tirbd AB
cua ao dén vuon. Tinh gan dung d6 dai t6i thi€u | (lam tron dén hang
phiin chuc) cta cay cau biét :Hai bo AE va BC nam trén hai duong
thang vudng géc véi nhau, hai duong thang nay cat nhau tai diém O ;
Bo AB 1a mot phan cia mét parabol ¢6 dinh la diém A va cé truc d6i
xtng la duong théng OA ;D06 dai doan OA va OB Ian lwot 1a 40 m
va 20m;Tam | ctia manh vuon lan lwot cach duong thang AE va

BC Ian luot 40m va 30m.

Cau 70: Mot may bay trinh dién c6 duong bay gén v6i hé truc Oxy duoc N

mo phong nhu hinh vé, truc OX gan véi mat dat. Puong bay c6 AN
dang la mot phan caa d6 thi ham phéan thitc bac hai trén bac nhat i
y=f (X) c6 duong tiém can dungla X =2.Diém G la giao diém ;

cta duong tiém céan xién cua d6 thi hamsd y = f (X) va truc Ox

duoc goi la diém gidi han. Biét may-bay bay tir vi tri A cach toa
toa d0 O mot khoang 2,5 don vi va may bay khi ¢ vi tri cao nhat

o

cach diém xuat phat 1,5 don vi theo phwong song song voi truc Ox va cach mat dat 4,5 don
vi. Vi tri mdy bay tiép dat cach diém gidi han mot khoang bang bao nhiéu?

Cau 71: Mot doanh nghiép kinh doanh san xuat dong ho c¢6 d6 thi ham téng
chi phi theo s6 san ph?im la mot phan d6 thi cua ham s6 bac hai

ax® +bx+c . - x. A
trén bacnhat f ( ) ———— nhu hinh vé (moi don vi trén truc

X+€ (0)
hoanh twong tng 100 san phadm va méi don vi trén truc tung twong

\ &

N s AN . 2 A \ 2 \ \ oA A
trng 1000USD). Biét rang tam ddi xting ctia d6 thi ham so f (x) 1a A(—l; g) va duong tiém can
xién ctia d6 thi ham s6 di qua'diém B(3;2).

Theo khao sét, tong doanh thu ctia doanh nghiép nay duoc md ta boi ham s§ R(x) = x* + 2

va loi nhuan thu vé khi ban 200 san pham bang 5250 USD. Khi chi phi theo s3 san pham dat gid
tri nho nhat thi s6 san pham san xuat duoc la bao nhiéu? (Két qua lam tron dén hang don vi)

Cau 72: Trong mot cong vién ¢ mot ho nudc va mot duwong di lat
gach hoa. Thiét 1ap hé truc OXxy nhu hinh vé dudi, kién truc
sw thay rang bo ho c6 thé coi nhwe mdt nhanh cta d6 thi ham

8 y= 2X+11 va dudng di khi d6 tGng véi dwdng thing

(d ) .y =—X+4.Dé¢& dam bao anh sang, kién triic su mudn dat
2 cdt den trén bo ho va 2 cft den trén duong di sao cho 4 cot
den nay tao thanh mot hinh vuong. Tinh khoang cach gitra
hai cot den trén bo ho (lam tron dén hang phin trim).
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Cau73: Mot hon dao nam trong mdt hd nuwdc. Biét rang duong cong 4y
tao nén hon dao dugc mo6 hinh hoa vao hé truc toa d6 Oxy la

| Mét duong

mot phéan ctia d6 thi ham s6 bacba f (X) Vi tri diém cyee dai
la (2; 5) v6i don vi cua hé truc la 100m va vi tri diém cuc tiéu "l_ {vEs6—or
la (0;1). Mit duong chay trén mot dudng thang c6 phuong
trinh Y =36-9x. Nguoi ta mudn lam mot cay cau cé dang /- Heén dao
mot doan thr?mg ndi ti hon dao ra mat duwong. Do dai ng;fm :
nhat cta cdy cau bang bao nhiéu mét? (lam tron dén hang phin
chuc) S

Cau 74: MO0t doanh nghiép kinh doanh san xudt dong ho c6 do thi
ham tong chi phi theo s6 san pham 1a mét phan d6 thi caa
2
A A A ” ax“ +bx+c .
ham sd bac hai trén bacnhat f (X) =———  nhuhinh
X+e
vé (mdi don vi trén truc hoanh twong tmg 100 san pham
va mdi don vi trén truc tung twong tng 1000USD). Bigt -~~~

=Y

| 3]

rang tam déi xtmg ctia d6 thi ham's6 f (x) 1a A(—l; %j O

va duong tiém can xién cua do6 thi ham s6 ‘di qua diém
B(3;2). Theo khéao sat, tong doanh thu ctia doanh nghig¢p nay dwoc md ta boi ham s6
R(X)=x*+2x valoi nhuan thu vé khi ban 200 san pham béng 5250 USD. Khi chi phi theo s§

san pham dat gia tri nho nhat thi s6 san pham san xuat dwoc la bao nhiéu? (Két qua lam tron
dén hang don vi)

X2+ x+1

Cau75: Trong hé truc toadd (Oxy) cho d6 thi ham s6 (C): y= — A mo ta chuyén dong cta hai
X+

tau danh ca A va B (don vi trén mdi truc toa d6 tinh béng km). Biét quy dao chuyén dong ctia
hai tau luén thudc vé hai nhanh khéc nhau cua d6 thi (C ) . Tinh khoang cach ngén nhat (don vi

km) gitta hai tau danh ca A va B (két qua lam tron dén hang phan tram).

A B4t diu tir hom nay, m&i ngdy hay luén nd ny cudi trén moi, trén ddi ndy ngoai sinh ti ra moi sy déu Ia
= chuyén nhd. Cho dul gip phai chuyén phién 16ng ciing diing ty 1dAm khé minh; b4t luan hém nay x3y ra
bao nhiéu chuyén den dii, déu khong nén cdm thdy bi thuong. Hom nay 1a ngdy ban tré nhat trong
nhing ngly thang sau ndy, vi con cé ngdy mai, nén hom nay mai mii chi 13 buéc khéi ddu

can
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BAI 6 : TUONG GIAO - TIEP TUYEN VA BAI TOAN PHUONG TRINH, BPT

| o wnas

# Memorize : # Ly thuyét bai gidng :
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L,

A=)

MON QUA TAI LOP
Tuong giao khong chita m

Vidu 1: (PéMinh Hoa 2021) Tim giao diém ctia d6 thi ctia ham s§ y = X* —3x+ 2 vdi truc tung tai diém
6 tung do ?

2+ SOLUTION:

Vidu2: (Ma101 - 2020 Lan 1) Tim giao diém ctia @6 thi ham s6 y = x° +3%* va d6 thi ham s8

y =3x*+3x?

> SOLUTION:
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X+4

. . 2
Vidu3: Goi M,N la giao diém ctia duwong thang y =X+1 va duwong cong Yy = . Khi d6

hoanh d¢ X, cta trung diém | ctia doan MN béng bao nhiéu?

2+ SOLUTION:

Tuong giao chifa m

Vidu4: Choham s y=x®-3mx’+2m. Cé bao nhiéu gid tri ciia tham s& thue m d€ &6 thi ham sd
cat truc hoanh tai ba diém phan biét c6 hoanh d¢ 1ap thanh cap s6 cong?

> SOLUTION:
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Vidu5: Tim tat ca cic gi trj thuc ctia tham s m d€ &6 thi ham s§ y = x* —3x” céat duong thang

Yy =M tai ba diém phan biét?

»SOLUTION:

Vidu6: Tim gid tri ctia tham s m d& d6 thi ham s6 y = x° +(m2 - 2) X+2m? + 4 cit cac truc toa do

Ox, Oy Ian luot tai A, B sao cho dién tich tam giac OAB b.%mg 16 ?

“»SOLUTION:
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Vidu7: Tim m d€ duong thang d:y=X—m+2 catdo thihams6 y = — (C) tai hai diém phan

biét A va B sao cho dd dai AB ngan nhat?

> SOLUTION:

24X

g \ < < AN PRI ~ X _1 9 . e
Vidu8: Tim m d€ duong thang y=-2X+m cat d6 thi ham s0 y =——— tai hai diém A, B sao
X

cho trung diém doan AB thuc Oy .

»SOLUTION:
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Tuong giao trong bai toan thuc t&

Vidu9: Cho cac tam gidc OAB va OBC Ian luot vudng tai A va B nhw s
hinh vé. Cac canh AB va BC béng nhau va ngan hon OB 1a lcm.
Tim d6 daiOB dé OC = %OB ?
B - 0
A

»SOLUTION:
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Vi du 10: Hang ngay ban Hung déu dén ban Minh di hoc tai mot vi tri trén [é dwong thang dén truong.
Minh déng tai vi tri A cach Ié duwong mot khoang 50m dé cho Hung. Khi nhin thdy Hung dap
xe dén dia diém B, cdch minh mot doan 200m thi Minh bat dau di bo ra [é duwong d& bat kip
xe. Van toc di bd ctia Minh la 5km/h, van tdc dap xe ctia Hung 1a 15km/h. Hay xac dinh vi tri
C trén Ié duong (hinh vé) d€ hai ban gdp nhau ma khong ban nao phai cho nguoi kia ( Lam
tron két qua dén hang phan muoi)

Hung —s C H
B

50m

200 m o

Minh A

»SOLUTION:
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Tiép tuyén biét tiép diém

—2X+3
x-1
a) Viét phuong trinh ti€p tuyén tai di€ém c6 hoanh d6 x, = 2.

Vidu 11: Chohamsd y=

b) Viét phuong trinh ti€p tuyén tai diém c6 tung do6 y, =1.
c) Viét phuong trinh tiép tuyén tai giao ctia d6 thi va X—y—-3=0.

2+ SOLUTION:
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Tiép tuyén biét hé s8 géc

’ X— 1 Y \ oA A L1 A AN 1 M
Vi du 12: Chohamso y = a2 Viét phurong trinh ti€p tuyén c6 hé s6 goc bang 3.
X+

»SOLUTION:

Vi du 13: a)Viét phuong trinh tiép tuyén ctia d6 thi ham s8 y = X + X +3 biét tiép tuyén
d//A:4x—y+1=0.
b) Viét phurrong trinh tiép tuyén ctia d6 thi ham s y = X° +3x* + 2 biét tiép tuyén
d Ll A:x-3y-15=0.

£+ SOLUTION:

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k



O Toan Thay Hanh - Chuyén Luyén Thi Dai Hoc/10,11,12 DANG KI HOC ONLINELTAI
@ 20 Tén That Tung - Tan An - Tp. Budn Ma Thudt & tapdoanthayhanh:vn

% TAP DOAN TOAN HQC THAY HANH tl

® 0976.966.307 - 0935.799.744

Vi du 14: [A 2009] Cho ham s y =2
2X+3

truc tung tai A, B sao cho tam gidc AOB can tai O.

> SOLUTION:

. Viét phuong trinh tiép tuyén ctia d6 thi cat truc hoanh,
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Tiép tuyén biét diém di qua

Vi du 15: Viét phrong trinh tiép tuyén ctia d6 thi ham s8 y = x° —3x+1 biét tiép tuyén qua A(1;-6).

2+ SOLUTION:
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1. Tric nghiém nhiéu phuong an lua chon. (MSi cAu h3i thi sinh chi chon mét phuong an).
2 Tuong giao ham s&

Caul: (PéMinhHoa2020Lan1) Chohamso f (X) ’-" —®© 2 3 +90
¢6 bang bién thién nhu sau. S5 nghiém cia —— - - :
phuong trinh 3f(x)—2=0 la ) X 0 /
A. 2. B.0. o /' I
C. 3. D. 1

Cau2: (M4 101 - 2020 Lan 1) Cho ham s& bac ba y = f (x) c6 do thi la W:w v=1()
duong cong trong hinh bén. S& nghiém thuc cua phuong trinh | )

F(x)=-1 I JE -
A. 3. B. 1. A\
C. 0. D.2.
Cau3:  (Ma1012019) Chohamsd f(x).cobang bién ~ N ° ? -
X + 0 - 0 + 0 _

thién nhu sau. S6 nghiém thuc cia phuong

tinh 2f ()30 Ia A e A
A. 2 B.l — -1 —0
C. 4. D. 3.

Caud: (Ma 102 2018) Cho ham s&. f(x)=ax’+bx*+c;
a,b,c e R. Db thi ctia ham s8 y = f (X) nhte hinh vé bén.

S8 nghiém ctia phuong trinh 4£.(x)-3=01a

Ll
A2 B. 0 .
C. 4 D. 3
Cau5: (Ma 110 2017) Buong cong ¢ hinh bén 1a d6 thi cua ham s6 Y
y=ax*+bx*+c, véi a,b,c 1a cac s8 thuc. Ménh dé dung; z
(@]

A. Phuong trinh y' =0 v0 nghiém trén tap s6 thuc
B. Phuong trinh y'=0 ¢é dang mét nghiém thuc

C. Phuong trinh y’' =0 c6 dung hai nghiém thuc phan biét

D. Phuong trinh y'=0 c6 dung ba nghiém thyc phan biét
Cau6: Choham s y= f(X) c6 d6 thi nhw hinh vé. S6 nghiém i

thuc cua phuong trinh 4f(x)-7=0

A. 2. B. 4.
C. 3. D. 1. /_1

o 2
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Cau7: Cho ham s§ Y= f(X)cé bang bién thién sau

day. Hoi phuong trinh 2f (x)-5=0 ¢4 bao

o 3
nhiéu nghiém thuc? g \ / \
71 —0

A.0. B.1.
C.2. D.3.
Cau8: (Ma 104 - 2020 L4n 2) Cho ham s§ y = f (x) c6 db thi la I

duong cong trong hinh bén. S6 nghiém thuc cia phwong

trinh £ (X)=2 1a '2/ R \
2 "

A. 4. B. 2.
C. 1. D. 3.

Cau9: (Ma 103 -2022) Cho ham sS f(x) =ax* +bx* +¢ cé d6 thi

la dwong cong trong hinh bén. Cé bao nhiéu gia tri nguyén

thuoc doan [-2;5] cua thams6 m dé phuwong trinh 1 1 x
f (X) =m cé dung 2 nghiém thuc phan biét? ' :
Al B 6.
C.7. D. 5. :

Cau 10: (M4 101-2023) Cho ham s6 bacba ¥ = f (x) ¢6 db6 thi 1a duong cong
hinh bén. S6 nghiém thuc ctia phuong trinh f () =2 la

Al B.O.
C. 2. D. 3.

Cau 11: (Pé Minh Hoa 2023) Cho ham s& bac ba y=f ( X) co do thi la i__
duong cong trong hinh bén. C6 bao nhiéu gia tri nguyén ctia tham -1 ﬂ\
s6 m dé phuong trinh f (X)=m c4 ba nghiém thuc phan biét? i N/ j
A. 2. B. 5. i
C. 3. D. 4. / .
Cau 12: (M4 102-2023) Cho ham s6 bac bon y = f (x) c6 d6 thi 1a 5

duong cong trong hinh bén. C6 bao nhiéu gia tri nguyén

cia tham s3 M sao cho tng véi mdi M, phwong trinh

2f ( X) =m c6 4 nghiém thuc phan biét? o z
A. 4. B. 16.
_____ S

C.17. D. 8.
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Cau 13: (De Minh Hoa 2021) Db thi ctia ham s§ y = X* —3x+2 cat truc tung tai diém c6 tung d6 bang
A. 0. B. 1. C. 2. D. 2.

Cau 14: (M4 101 - 2021 Lan 1) D9 thi ham s8 y = —x* +4x* —3 cat truc tung tai diém c6 tung dd bang
A.0. B.3. C.1. D. -3.

Cau 15: (Dé Tham Khao 2020 Lin 2) S8 giao diém ctia d6 thi ham s§ y = x* —3x+1 va truc hoanh 1a
A. 3. B.0. C. 2. D. 1.

Cau 16: (M 105 2017) Cho ham s8 y =(x—2)(x* +1) c6 do thi (C). Ménh d ndo dudi day diing?
A. (C) cat truc hoanh tai mét diém. B. (C) cat truc hoanh tai ba diém.
C. (C) cit truc hoanh tai hai diém. D. (C) khong cit truc hoanh.

Cau 17: (D& Minh Hoa 2017) Biét rang duong thang y=-2X+2 cat d6 thi ham s6 y=x°+X+2 tai
diém duy nhat; ki hiéu (Xo; yo) la toa d0 ctia diém dé. Tim Y,
Ay, =4 B. y,=0 C.y,=2 D. y,=-

Cau 18: Goi P 1asd giao diém ctahai d6.thi y=%* = x*>+1 va y=x*+1. Tim P.
A. P=0. B. P=2. C. P=1. D. P=3.

Cau 19: (Pé Tham Khao 2017) Choham s§ y = x> —3x ¢4 do thi ( C ) . Tim s@ giao diém cta (C) va truc
hoanh.
A. 2 B. 3 C.1 D.0

Cau 20: (Mai 102-2023) SO giao diém ctia do thi ham so y = X* +2X- va truc hoanh 1a
A. 3. B. 2. C. 1. D.O.

/, . 2 J A o N ~ - 5 . . A ~ N
Cau 21: (Ma 101-2023) Biet duong thang Yy =X-1 cat 6 thi ham s6 y = tai hai diém phan biét

c6 hoanh d6 1a X,, X,. Gid tri X, +X;-bang
A -1 B. 3. C.2. D. 1.

Cau 22: Biét ring duwong thang y=X+2 cit d6 thiham s§ y = x> —x* + X+4 tai di€ém duy nhat, ki
hidu (X,;Y,) 1a toa d6 ctia di€m do. Tim Y, .

A.y,=1. B. y,=3. Cy =-2. D. y,=4.

Cau 23: 0 thi ham s8 nao sau day cat truc tung tai diém c6 tung d6 am?

x-1 X+1 x-1 2X+1
A.y=——. B.y=——. Cy=——. D.y= .
y X—3 y X+4 y X+2 y X+5

Cau24: S8 giao diém cta duwong cong Y = X° —2X° + 2X +1 va duong thang y=1—X la
Al B. 2 C.3 D. 0
Cau25: (DPé Tham Khao 2017) Cho ham s8 y = x° —3x ¢4 d0 thi (C). Tim s8 giao diém ctia (C) va

truc hoanh.

A.2 B. 3 C1 D. 0
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2 Tiép tuyén

Cau26: Cho ham s6 y=X"+2x’+1 c6 d6 thi(C). Phuong trinh tiép tuyén ctua do thi (C) tai diém
M (L4) la
A. y=8x-4. B. y=x+3. C. y=-8x+12. D. y=8x+4.

’ A 5 A . \ ~ X + 3 . A7 )3 \ A M 7 \
Cau 27: Tiép tuyén cua do thihamso y = > tai diém c6 hoanh do bang 3, twong ting la

A. y=7x+13. B. y=—7x+30. C. y=3x+9. D. y=—x-2.

Cau28: Viét phuong trinh tiép tuyén cta d6 thi ham s6 y = x° —3x tai diém c6 hoanh d6 bang 2.
A. y=-9x+16. B. y=-9x+20. C. y=9x-20. D. y=9x-16.
Cau29: Chohamsd y=—x’+3x—2 c6 dd thi (C). Viét phuong trinh tiép tuyén cua (C) tai giao diém
cua (C) véi truc tung.
A. y=-2x+1. B. y=2x+1. C. y=3x-2. D. y=-3x-2.
Cau 30: CO4 bao nhiéu diém M thudc d6 thi ham so_f (X) =x3+1sao cho ti€p tuyén ctia d6 thi ham s6
f(x) tai M song song véi dwong thang d :y=3x—1?
A. 3. B. 2. C. 0 D. 1.
Cau31: Chohamsd y=—X +3x>—3 c6.dd thi (C). S8 tiép tuyéncua (C) vudng géc véi duong thang

y:éx+2017 la

A. 2. B. 1. C.0. D. 3.
A o 2x+1 Q| ¥ 4 R : ,
Cau32: Cho ham s6 f(x)= - .(C). Tiép tuyén ctia (C) song song voi duong thang y =-3X c6
phuong trinh la
A. y=-3x-1y=-3x+11. B. y=-3x+10;y =-3x—4.
C. y=-3x+5y=-3x-5. D. y=-3x+2,y=-3x—-2.

2x-1 .
Cau33: Cho hamsd y= —1(C) Tiép tuyén caa (C) vudng gbc voi duong thang X+3y+2=0 tai
X+
diém c6 hoanh do

X=-2

A. x=0. B. x=-2. C. . D. y

Cau34: Chohams§ y=x’—3x*+2 c6 do thi (C). Phuong trinh tiép tuyén cua do thi (C) biét tiép
tuyén song song vé6i duong thang d :9x—y+7=01a
A. y=9x+25. B. y=-9x-25. C. y=9x-25 D. y=-9x+25.

Cau 35: Viét phuong trinh tiép tuyén ctia d6 thi ham sd y = f (X) = /2x+1, biét rang tiép tuyén d6 song
song véi duong thang Xx—3y+6=0.
1 1 1. 5 1.5

A, y=—x-1. B. y=—x+1. C.y=—X——. D. y=—X+-—.
y 3 y 3 y 3 3 y 3 3
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3
Cau36: Chohamsd y= Xg +3x*—2c6 d6 thila (C). Viét phuong trinh tiép tuyén véi d6 thi (C) biét

tiép tuyén co hé s6 goc k =—9.
A. y+16=-9(x+3). B.y=-9(x+3). C. y-16=-9(x-3). D. y—16=-9(x+3).

2 /4 \ A A A A 3 1 2 - A . . A
Cau37: Timdiém M c6hoanh do am trén do thi (C):y = 3 X3 — X+ 3 sao cho ti€p tuyén tai M vudng

gbc voi duong thang y = —% X+—.

3
4 . 4 :
A M —1;g . B. M (-2;0). C. M 2;5 . D. M (-2;-4).
Cau38: Choham s8 y=x>—3x"+6x+1 c6 do thi (C). Tiép tuyén ctia (C) c6 hé s8 gbc nhod nhat 1a bao
nhiéu?
A. 4. B. 3. C.1. D.2.

Cau39: ChohamsS y=—x°+3x* +9x—1 c6 do thi(C). Hé s8 gbc 1on nhat ctia tiép tuyén voi do thi (C)
la.
Al B.6 C.12 D.9

Cau40: Cho ham s8 y = x° —3x* +2x. C tat ca baonhiéu tiép tuyén ctia d6 thi ham s8 di qua diém
A(-1,0)?
Al B. 2. C. 3. D. 4.

2. Cau héi dang sai. (Trong moi Ji@) (b)(eh(d) méi eau,_thailsinh chon diing @boéc sai ®)

2
’ 3 —= 4 AN 1y jo— ’ — 7 M .
Cau41: Chohamso y= % c6 do thila (C ) Xét tinh diing sai ctia cac khang dinh sau:

Ménh dé DPing
(a) | DO thi (C) cé tiém can xiénla y =—-X—6.

(b) | D6 thi (C) nhan giao diém | (3 — 9) lam tam d6i xting.

(c) | PO thi (C) c6 hai diém cyc tri nam 2 phia d&i véi Oy .

(U000
U000

(d) | D6 thi khong cit truc OX.

Cau42: ChohamsS y= f(X)=-x"—x+2

Ménh dé Diing
(a) | Ham s8 dong bién trén khoang (—o;+0)

(b) | Ham s6 ¢ 2 diém cyec tri

(c) | Gia tri 16n nhat ctia ham s trén doan [0;1] bang 2

0000
] -

(d) | SO nghiém cua phuong trinh: ‘Xs +X— 2‘ =m khi m>01a2
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Cau43: ChohamsS y=x>—3x"+2 c6 db thila (C)

Ménh dé

(a) | Diém déi xting ctia d thi (C)cé toa d6 1a (1;0)

(b) | Do thi (C) cat truc hoanh tai 3 diém phan biét

Cb 4 gia tri nguyén ctia m d& phuong trinh X* —3x° =m ¢4 ba nghiém

0|0 00E
O |0 00g

© | Shan biet.
@ C6 3 gia tri nguyén ctia m dé phuong trinh: —|X|3 +3x°+m=0c6 4
nghiém phan biét
Cau44: Chohamss y=-x>—3x*+mx+4, trong d6 m la tham sg.

Ménh 48

(a) | V6i m=0 thi d6 thi ham s6 cit truc hoanh tai 3 diém phan biét

(b) | V6i m=0 thi d6 thi ham s6 d6i cé diém d6i xtmg 1a 1 (-1 2)

(c) | D& ham s8 da cho nghich bién trén khoang (0;+) thi m<0

D¢ d6 thi ham s8 da cho cit Ox-taiba diém phan biét c6 hoanh d¢ lap
(@ | thanh mot cAp s& cong'tht m = a, khi d6 a thoalog, (a+2) =2

sjean;
O D00¢

2
, X X+ Db 18 \
Cau45: Chohamsd y= Lzs ¢6'do thi la duong cong (C)
X+

”

Ménh 48

:

Biét ham s0 ¢6 2'diém cuec tri khi d6 tong ctia giatri cuc dai va gid tri
cuc tiéu bang —4

()

(b) | Puong tiém can xién ctia d6 thi ham s6 di qua diém A(O;l)

Phuong trinh tiép tuyén véi (C) vuong goc véi duong thang

(©) Xx—3y—6=0 di qua diém B(—%,g)

0 0 UOEg

(d) | Phuong trinh X*#3X +3=m|X+2]| c6 4 nghiém phan biét khi m> 2

Cau46: Chohamsd y=Xx>—3x*+4 ¢ do-thila (C)
Ménh dé

(a) | Do thi (C) cét truc hoanh tai 3 diém phan biét

(b) | Do thi (C) ddi xting qua diém | (a;b) khidé a+b=3

(c) | Tiép tuyén cua (C) tai di€m c6 hoanh dd x=3 di qua diém A(0;23)

UJ0O0E

(d) | Y=-3X+5 la phuong trinh ti€p tuyén ctia (C) cé hé s6 géc nho nhat

Cau47: Chohams8 y=2x>+(M-1)x*+(M+2)x+1 (1).
Ménh dé

(a) | Khi m=1 d6 thi ham s6 cit truc hoanh tai 1 diém phan biét

(b) | Db thi ham s8 ludn di qua diém A(0;1)

Phuong trinh ti€p tuyén ctia d6 thi ham s8 song song véi duwong thang
(© | y=9x—3 di qua diém B(L5)

C6 1 gia tri nguyén ctia tham s6 m dé€ d6 thi ham s6 (1) c6 diém cuc

D |000¢| DOooE| O O 00

0 0|00

(d

\ 2 2 /4 \ ’ 1
dai va diém cuee tiéu ¢ hoanh d6 16n hon 6 .
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Cau 48: Mot ki su thiét k& mot dwong ray tau lwon, ma mét cat ciia né gom mot duong cong cé dang

parabol, doan d6c 1én L, va doan d6c xudng L, 1a Y &
phan duwong thang c6 hé s6 goc lan luot 1a 0,5 va
—0,75. Dé tau luon chay ém va khong bi d6i huéng

dot ngot, L, va L, phai c6 nhitng ti€p tuyén cta

cung parabol tai cdc diém chuyén tiép P va Q P _

(H.9.6b). Gia st goc toa do dat tai P va phuwong 2 : Q e

trinh cua parabol la y =ax’ +bx+c, trong do X
Hinh 9.6b

tinh bang mét. Xét tinh dting- sai ciia cac ménh dé

sau

Ménh dé
(a) | Parabol y = ax’ +bx+c¢ di qua gdc toa do (0;0)

(b) | Parabol y=ax*+bx+c cé gid tri b=0,5.

Néu khoang cach theo phwong ngang gitta P va Q 1a 40 m thi
(© a—_ 1 .
64

Néu khoang cach theo phwong ngang gitta P va Q la 40 m thi do

0| O 00§
0| 0O O0g

@ chénh léch d9 cao gitta hai diém chuyén tiép P va Q bang 10m.

\Y

Cau49: Mot hon dao nam trong mot ho nude. Biét rang duong cong

tao nén hon dao dwgec mo hinh hda vao hé truc toa do Oxy 1a | Mat duong
mot phan ctia d6 thi hamsdbacba (C): y = f(X) (véidonvi | s/ M r\/ by
cta hé truc la 100m). Mét dwong chay trén mot dueong th;fmg .
c6 phuong trinh (d):y =36—-9x. Nguoi ta mudn lam mat 22ans
cay cau c6 dang mot doan thrfmg MN nodi ttr hon ddo ra mat
duong.

Ménh dé Ding
Piém cuc dai, diém cuc tiéu ctia d6 thi ham s6 f (X) Ian luot 1a (2; 5)

@ (o). U

(b) | Phuong trinh cia duong cong la f (X) =—x*—3x% +1.

Dé lam duwoc cay cau cé d dai ngan nhat, tai diém M (Xy; Y, ), %, >0

.Khi do x,+Yy, =3.

O O O O gl

(c) | ndm trén hon dao ngudi ta dung MN vudng goc véi duong thang (d) D

(d) | PO dai ngdn nhat cta cay cau (lam tron dén hang phiin chuc) 1a 88,3m.
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Cau 50: Ong An c6 mot manh d4t hinh vuéng ABCD c6 canh AB =12m. |V
D

A H c
Ong lam mot ho boi dang hinh thang cong (phéan té6 dam) va mot

16i di 1a doan thang HB. Néu d3t hé truc toa d6 c6 gdc tai A nhu
hinh vé, d¢ dai don vi 1a Im, thi duong cong EFIG la mot phan

do6 thi cia mot ham s6 bacba y = f (X) c6 F la diém cuc tiéu va

| 1a diém cuc dai. Biét CH = DE =GB =3m va cac diém F, |
cach canh AD lan lwot1a 2m va 6m.

Ménh dé

(a) | Phuong trinh cua duong thing HB la y =—4x+48.

(b) | Ton tai aeR sao cho f'(x)=a(x+2)(x+6)

Tiép tuyén cua d6 thi ham s§ y = f (X) tai diém c6 hoanh dd bang 7
(c)

song song voi duong thing HB.

Ong An can dit mot cai thang 1én xudng ho boi tai mot diém trén

duong cong EFIG sao chokhoang cach tit diém dat thang dén 16i di

O |0 |D.E|
O | O 0ol

(@ | 13 ng&n nhat, khoang'ach d6 bing-2,56M (kétqua lam tron dén hang

phan tram).

3. Cau hoi tra 10i ngdn. (Thisirth)trd dien két qua vao 6 trong )
2 Téong hop tuong giao

X2 +4x+5

Cau 51: Tim duoc trén d6 thi (C): y hai diéfm M (a;b) va N (C; d) c6 khoang cach dén

duong thang 3X + Y+ 6=0mnho nhat. Khi d6 a+b+c+d =?

2
7 A .z S ~? \ < g AN s 1. A X
Cau 52: Cobaonhiéu gia tri cia M deé duong thang y = —x+m cat do thihamso y =

tai hai diém

phan biét A,B sao cho AB = \/g ;

3X+2
+2
A, B d6i xitng nhau qua goc toa do O. Tinh T =2a+b?

Cau 54: Choham s y =x*—3mx’ +2m. Cé bao nhiéu gia tri ctia tham s6 thuc m dé do6 thi ham s6 cit

Cau53: Chohamso y= (C) va duong thing d:y=ax+2b—4. Duong thang d cit (C) tai

truc hoanh tai ba diém phan biét c6 hoanh d¢ 1ap thanh cdp s6 cong?

Cau55: C6 bao nhiéu gia tri nguyén ctia tham s m d¢ do thi ham s§ y = x*-3x® cét duong thing
Yy =Mtai ba diém phan biét.
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Cau 56: Co bao nhiéu gié tri nguyén am cta tham s m d€ duong thang y =mx—m+1 cat d6 thi ham
s6 Yy =x>—3x"+X+2 tai ba diém A, B,C phan biét sao AB=BC

Cau 57: Tim tich cac gia tri ctia tham s6 m d& d6 thi ham s6 y = x° +(m2 —2)X+ 2m? +4 cit cac truc

toa do Ox, Oy lan luot tai A, B sao cho dién tich tam giac OAB br?mg 87?

Cau 58: Duong thang d c6 phuong trinh Y= X+4 cat d6 thi ham s§ y = x* +2mx® +(M+3)X+4 tai 3
diém phan biét A(0;4), B va C sao cho dién tich ctia tam gidc MBC bang 4, v6i M (1;3) . Tim gia

tricia m ?
Cau59: Tim gid tri 16n nhdt cta m d& duong thang (d):y=x-m+1 cit d6 thi ham s6
y=x"+2(m-2)x*+(8-5m)x+M=5 tai 3 di€m phan biét c6 hoanh d6 X, X,,X, théa man

diéu kién X + x5 +x. =20 ?

Cau60: Tim m d&dd thi (C)cta'y = x> —3%* +4 va dudng thang.y = mx+m cat nhau tai 3 diém phan
biét A(-10), B, C sao.cho AOBC c6 dién tich bang 64

Cau 61: ChohamsS y = x° +3x*—3mx+m-1. Biét rang hinh phang gi6i han boi d6 thi ham s va truc
Ox c6 dién tich phan nam phia trén truc OX va phan nam dudi truc OX bang
nhau. Gia tri cia 20m 1a?

2 A . \ n X . 14 A \ .
Cau 62: Goi A va B lahai diém thudc hai nhanh khac nhau ctia d6 thi ham s6 y = —2 . Khi d6 &6 dai
X —_

doan AB ngan nhat bang

2x+1
X+1
biét A B sao cho khoang cach tir A dén truc hoanh bang khoang cach tit B dén truc hoanh.

Cau 63: Choladothihamso y= .Tim k d€ duong thang d :y = kx+ 2k +1 cit tai hai diém phan
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’ X \ \ M . N g A 7 ~ A7 \
Cau 64: Chohamso y= 1 (C) vaduongthang d:y=-Xx+m.Goi S latap cacsd thuc m dé€ duong

théng d cit do thi (C) tai hai diém phan biét A, B sao cho tam giac OAB (O la goc toa dd) cd

ban kinh duong tron ngoai tiép bang 2. Téng cac phan ti ctia S bang

X+3

Cau 65: Chohamsd y=
X+1

c6 d6 thi (C) va duong thang d :y=x—m, véi m 1a tham s6 thuec. Biét

rang duong thang d cat (C) tai hai di€m phén biét A va B sao cho diém G(2;-2) la trong

tam ctia tam giac OAB (O la goc toa d9). Tim gia tri caa m ?

Cau 66: D@ duong thang d: y=-3Xx+m cat d6 thihamsG y =

1 tai hai diém phan biét A, B sao
X i

cho trong tim AOAB thudc duong thang A: Xx—2y—2=0, véi O 1a gdc toa 9. Tim gid 5m?
2

. . 2 a tr aanti. QM X +3
Cau 67: Biétrang duong thang y =2X+2m ludn catdé thi ham sé y = 1
X+

tai hai di€ém phan biét A,
B véi moi gid tri ctia tham s6 m. Tim hoanh d9 trung diém caa AB ?

g \ 2 S o ~ X+3
Cau 68: Tim m dé duong thang y =2X+mMm cat d6 thi ham sd y=

tai hai diém A, B sao cho @0
X+1

dai AB la nho nhat.

Cau 69: Mot duong day dién dwoc noi tie nha may dién
trén dat lién o vi tri A dén mot hon dao o vi tri

D . Khoang céch ngén nhat tir D vao datlién 1a

DC =2km, khoang cich tir A dén C la 5km 2
(nhu hinh vé). Nguoi ta chon mot vi tri (diém B

) nam gitta A va C d& mac duong day dién di vl

tir A dén B, ritir B dén D nhuwhinhvébén o B
dwdi. Chi phi mdi km day dién trén dat lién 1a

3000USD, mdi km day dién ngam dudi bién la

5000 USD. Héi diém B phai cach diém A bao nhiéu km, biét tong chi phi 1a 23000 USD (day

cling 14 chi phi thdp nhat d¢ mic day dién ma nguoi ta tinh toan dwoc)?

':i‘.u-

Skm
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Cau 70: MOt ngon hai dang dat tai vi tri A cach
bo bién mot khoang cach AB=4km.
Trénbobién co mot caikho o vitri Ccach
B mot khodng la 7 km. Nguwoi canh hai o

dang c6 thé cheo thuyén tr A dén vi tri i

M trén bo blévn voi Vél’l télc 3km/ h 1‘61 | (Ngudn: hutps:#shutterstock. com)
di bd dén C vdi van tdc 5km/h nhu Hinh 35. Tinh khoang cach tie vi tri B dén M, biét thoi
gian nguoi do di tv A dén C la 148 phut.

Cau71: Anh Nam cé mot cdi ao véi dién tich 50m?dé nudi ca diéu hong. Vu vira qua anh nu6i véi mat
dd 40con/m?va thu dugc 3 tan ca thanh pham. Theo kinh nghiém nudi ca ctia minh anh thay
ctt tha giam di 8con/m? thi mdi con c4 thanh pham thu dugc ting thém 0,5kg . D& tdng ning
sudt bang 3200 kg thi vu téi anh Nam nén mua thém bao nhiéu ca gidng dé tha? (gid st khong cé
hao hut trong qud trinh nuoi)

Cau72: [THPT QG 2025] Néudoanh nghiép san xuét x san pham (x € N;1< x <4500) thi doanh thu
nhan dwgc khi ban hét sé san pham dé la F (X) =300x~0,01x° (nghin ddng) va chi phi san

xuét binh quan trén mot san pham la.G(x)= 000 +200 (nghin dong). Gia st sO san pham
X

san xuat ra luén dwoc ban hét. Trong mot thang, doanh nghiép d6 can san xuat it nhat bao nhiéu

san pham dé€ loi nhuan thu duoc 16n hon 100 triéu dong?

Cau 73: Mot doanh nghiép du dinh san xuat khéng qua 180 san pham. Néu doanh nghiép san xudt X
san pham (1< x <180) thi gid ban.ctia mdi san.phdm la f (x)=35840-192x (nghin dong) va

chi phi san xudt binh quan trén mot san pham 1a g(x) = 25,6x* —153,6x +3072+ 19200

(nghin

dong). Biét rang mutc thué trén mot san pham la 512 nghin d6ng. Doanh nghiép can san xuat it

nhét a san phdm va nhiéu nhat b san pham thi 1oi nhuan thu dwoc 16n hon 350 triéu dong. Tim

a+b .
xem xcm (32-2x) cm
O SR
/ 7 &
// t %
Cau 74: Bac Ding mudn udn tdm ton phang c6 dang hinh &

cht nhat véi bé ngang 32cm thanh mot ranh nuéc - NS I
bang cach chia tfm ton d6 thanh ba phan roi gdp hai +—— 2 ¢m —— Mt cit ngang

bén lai theo mgt goc vudng nhw hinh bén. D€ dam bao ki thuat, dién tich mat cit ngang ctia
ranh dan nuwdc phai 1én hon hodc bing 120cm?®. Ranh nude phai cé dd cao it nhat 1a bao nhiéu

cm?
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Cau 75:

Cong ty An Binh thong bdo gia tién cho chuyén di tham quan cia mét nhodm khach du lich nhw
sau: 10 khach dau tién c6 gia 800 000 dong/ nguoi. Néu c6 nhiéu hon 10 nguoi dang ki thi et co
thém 1 nguoi, gia vé sé giam 10 000 dong/ nguoi cho toan bd hanh khach. S8 nguoi ctia nhém
khach du lich nhiéu nhét 1a bao nhiéu thi cdng ty khong bi 16? Biét rang chi phi thuc sw co
chuyén di la 700 000 dong/ nguoi.

2 Téong hop tiép tuyén

Cau 76:

Cau 77:

Cau 78:

Cau 79:

Cau 80:

Cau 81:

Cau 82:

Cau 83:

Choham s8 y = x* —2x* + m—2c6 d6 thi (C ) Goi S la tap cac gid tri cia m sao cho d6 thi(C)
c6 dang mot tiép tuyén song song véi truc OX. Tong cac phan tie ctia S la

T YT

Tim t6ng gia tri cua tham s6 m dé¢ duong thang y =6x+m+1 1a tiép tuyén ctia d6 thi ham s&
y=x>+3x-1?

Tawi: 9T

Choham s y = I_Z

c6 dothi (C)va diem A(m;1).Goi S la tap tat ca cac gia tri cia m dé€ co

dtng mot tiép tuyén cua (C) diqua A. Tong binh phuwong cac phan tie ctia S la T . Tinh 40T ?

Chohams6 y = ¥ 11 c6 do thi(C ) Cé bao nhiéu tiép tuyén cta (C ) cit truc Ox,0y Tan luot
X 4

tai tai hai diéfm A va B thoa man diéu kién OA=40B.

DPuong thang d 14 tiép tuyén cta d6 thi ham s6 Y = s

X+2
vudng can. Tinh khoang cach tir diém O dén duong thang d 2(lam tron dén hang phin trim)

Cho ham s8 y = x* +3x* +1 ¢6 d6 thi (C) va diém A(l; m). Goi S la tap hop tat ca cac gia tri

chin hai truc toa 36 mot tam gidc

nguyén ctia tham s M dé qua A c6 thé k&€ duoc ding ba tiép tuyén téi do thi (C). Tim s8
phan t& cta S?

T 9 TTTT)

Cho ham s8 y = f(X) c6 dao ham lién tuc trén R, théa man 2 f (2x)+ f (1-2x) =12x*. Goi d
khoang cach tr diém O dén duong thang tiép tuyén ctia d6 thi ham s8 y = f(X) tai diém c6
hoanh d6 x=1. Tim v/17d ?

(Pé Tham Khéo 2018) Cho ham s8 y =

c6 do thi (C) vadiém A(a;l) . Goi S latap

hop tat ca cac gia tri thuc cua tham s& a d€ c6 dung mot tiép tuyén cua (C) di qua A . Tong

tat ca cac gia tri cac phan tie cua S ?
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Cau 84: Trong cong vién cd mot ho nudc va mot duong di trai nhya.
Thiét 1ap hé truc OXy nhuw hinh v€, kién truc su thay rﬁng
bo hd c6 thé coi la mot nhanh cua d6 thi ham s6

x+1 . S S

f(x)= g Ve x> 2, dong thoi duong di khi d6 tng voi
X —

duong thang d : y =4—3x. Kién tric su mudn lam mot 16i

di tlr diém M trén duong thang d dén diém N trén bo ho.
Khoéang cach ngan nhat ctia 18i di MN nay? (lam tron két qua
dén hang phin chuc)

Cau 85: BO phim Avatar (2009) hién van la phim in khach nhat moi
thoi dai véi doanh thu 2,9 ty d6. Trong mét lan dao dién
James Cameron dén phim truwong, 6ng dung ¢ vi tri I d€
quan sat btrc twong xa xa (btec twong nay duoc trai 1 tdm
man d€ tao hiéu tng cho bau troi), doan AB duoc xem la
khoang quan sat ctia 6ng ddi v6i duong chin twong. Biét
rang tai phim treong thi nguoita tao hai duong ké a, b
vuong goc nhau tai O dé tién cho viéc do dac: Hai bén phim
treong la nhitng ngon ndi nhan tae dwoc bao quanh boi hai
duong hypebol nhan g, b 1lam c¢ac duong tiém can. Vi tri I ma

dao dién diing cach mdi duong a, b khoang 4—: m; vi tri C cach moi duong a, b khoangl10 m.

Puong chan twong giao nhau voi g, b tai-cacdiém cach O mot khoang 50 m. Tim khoang quan
sat 1én nhat ctia dao dién ddi voi dwong chan twong theo don vi mét va lam tron dén hang phan
chuc.

qqqq; Hay s6ng mot cach chan thanh va tuyét voi nhat, di ngudi khic néi gi di na thi ctt [Aam theo diéu con

can tim mach bdo, diing quay dau, ding nhin ngé lung tung. Ngudi khong bing ban méi dj nghj vé ban;
ngudi tai giéi hon ban con dang mai [Am viéc, can ban ching hoi dau ma ngd ngang dén ban
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2. TQA PO PIEM - VECTO
3. TICH CO HUONG

BAI 1: VECTO TRONG KHONG GIAN

THEORY UNLOGKED />

# Memorize : # Ly thuyét bai gidng :
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MON QUA TAI LGP

[ —

Phép toan co ban vecto

Vidy 1:  Cho hinh tit dién ABCD. Chiing minh réing AB+CD = AD +CB.
2 SOLUTION:

Vidu2: Cho hinh lap phwong ABCD.A'B'C'D’ c6 canh bang a. Goi G la trong tdm ctia tam giac
AB'D'
a) Tim vecto CC’+ BA+D'A’ b) Chitng minh BC +DC + AA = AC’
¢) Chitng minh BB+ AD +CD = BD’ d) Chting minh BB'—C'B'+ D'C’ = AC’
¢) Ching minh A'C =3A'G f) Tinh do dai U= AB+AD’+ AA
»SOLUTION:
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Vidu3: Cho t dién ABCD. Goi M, N Ian luot la trung diém cia AB vaCD, G la trung di€ém cua
MN va G, la trong tam cua tam giac BCD. Chitng minh cac hé thitc sau:
a) AC+BD = AD + BC b) MN = (AC+BD) -~ (AD +5C)

—_— _— _— —_ —

¢) GA+GB+GC +GD =0 d) NA+ NB + NC + ND = 4NG, ¥N.
e) A G,G, thang hang

»SOLUTION:
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Vidu4: Cho t dién ABCD,goi M va N theo thi tw 1a trung di€m cua AB,CD .Ching minh ba vecto
MN,BC,AD dong phing.

“»SOLUTION:

Vidu5: Cho hinh chép tam giac S.ABC .Trén doan SA 1dy M sao cho MS =—2MA va trén doan BC
14y N sao cho NB = —% NC .Chiing minh ring ba vecto AB,MN,SC déng phéng.

£+ SOLUTION:
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Vidu 6: Cho tit dién ABCD c6 trung tuyén qua dinh A cta tam giac ABC va AN. Lay diém M

trén AN sao cho % = % . Phan tich vecto DM theo ﬁﬁD—C

2+ SOLUTION:

Tich vé hudng va ing dung

Vidu7: Cho t dién déu ABCD c6 canh bang @ va M la trung diém cta CD.

a) Tinh céc tich v huéng AB.AC,AB.AM .  b) Tinh géc (AB,CD).
2»SOLUTION:
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Vidu8: Cho hinh chop S.ABC c6 SA=SB=SC=AB=AC=a va BC= a2, Tinh goc gitta cac
vecto SC va AB.

»SOLUTION:

Vidu9: Cho tt dién OABC c6 cac canh OA,OB,0C d6i mot vuong géc va OA=0B =0C =1. Goi
M la trung diém ctia canh AB. Tinh goc gitta hai vecto OM va AC.

2+ SOLUTION:
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Vi du 10: Cho hinh chép S.ABCD c6 day 1a hinh vudng ABCD canh béng a va cac canh bén déu bang
a.Goi M va N Ian luot 1a trung diém ctia AD va SD. S8 do cta goc (MN,SC) bang:
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“»SOLUTION:
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1. Tric nghiém nhiéu phuong an lua chon. (MSi cAu h3i thi sinh chi chon mét phuong an).
2 Phép toan co ban vecto

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cho hinh t dién ABCD c6 trong tam G . Ménh dé nao sau day sai?

A. GA+GB+GC+GD =0. B. OG = i(OA+@+@+@)
C. AG=Z(AB+AC+AD). D. AG = =(AB+ AC+AD).
3 4
Cho tt dién ABCD. Ménh dé nao dudi day la ménh dé dung7
A. BC+AB=DA-DC. B. AC—AD=BD-BC.
C. AB-AC=DB-DC. D. AB-AD=CD+BC.
Cho hinh chopS ABC, goi G la trong tam tam glac ABC. Ta cd
A. SA+SB+SC =SG. B. SA+SB+SC =25G.
C. SA+SB+SC =3SG. D. SA+ SB +SC = 4SG .

Cho tt dién ABCD. Goi P,-Q la trung di¢ém ctia AB va CD. Chon khing dinh déng?
A. PQ= (BC+AD) B. PQ = (BC AD)

C. PG=BC+AD. D. PQ -7 (BC-+AD).

Cho ti dién ABCD. Goi M, N Tan luot l1a trung diém caa' AB, CD va G la trung di€ém ctia
MN . Trong cac khang dinh sau, khang dinh nao sai?

A. GM +GN =0 B. MA+MB+MC + MD =4MG.

C. @+@+@:@. D. @+@+C¥+@:6.

Cho t& dién ABCD. Dat AB = gl, AC = 6, AD = 6, goi M la trung diém cua BC. Trong cac
khang dinh sau, khang dinh nao dting?

A. DM == (a+25-c). B. DM == (~2a+b+C).
2 2
e 1. - - S
C. DM =—(a—2b+c). D. DM :—(a+b—20).
2 2
Cho t& dién ABCD. Goi M, N TIan luwot la trung diém caa AB va CD. Trén cac canh AD va

BC lan luot 1dy cac diém P, Q sao cho 3AP =2AD , 3% = 2BC . Céc vecto W, M—Q, MN dong
phang khi ching thda man dang thiic vecto nao sau day:

— . 3— 3 1 1
A.MN="MP+>MQ. B. MQ==-MN+=MQ.
4 Ve Q=3 VR
C. MN =2 MP+2MG . D. MN = SMP +>MG .
3 3 2 2
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Cau8: Goi M, N Tan luot la trung diém cta cac canh AC va BD cua tie dién ABCD. Goi | la trung
diém doan MN va P 1a 1 diém bét ky trong khong gian. Tim gia tri cua K thich hop dién vao
dang thitc vecto: Pl =k (ﬁ+ PB+PC + ﬁ) .
Ak=1 B. k=2. C. k=4. D. k=1,
4 2
Cau9: Cho tir dién déu ABCD, M 1a trung diém ctia canh AB va G 1a trong tam cau tam giac BCD
.bat E—B E—E AD =d . Phan tich véc to MG theo a B c.
1- 1- - 1- 1-

A. MG_——5+ c+=d. B. MG_—b+ c+=d.
3 3 3 3
c MG=-1p-Ltcilg D. MG=-1p-L1c-1g
6 3 3
Cau 10: Cho ttdién ABCD. M va N theo tha ty 1a trung diém cua AB va CD. B9 ba vecto nao duwéi
day dong phang7
A. BC,BD, AD. B. AC; AD; MN.
C. BC; AD; MN. D. AC;DC; MA.

Cau 11: Cho titdién ABCD. Trén cac canh AD va BC Tan lwgt 1ay cac diém M, N sao cho AM =3MD
, NB =-3NC. Goi P,Q Tanluotla trung diém ctia AD va BC. Khéng dinh nao sau day sai?

A. Cac vecto AB, DC, MN dong phéng. B. Céc vecto AB, PQ, MN dbng phéng.
C. Céc vecto PQ, DC, MN dong phang. D. Céc vecto BD, AC,MN dbng phéng.

Cau 12: Cho t& dién ABCD. M la diém trén doan AB va MB=2MA. N la diém trén duong théng
CD ma CN =kCD.Néu MN, AD, BC dong phang thi gia tri ctia k la:

A.k:g. B.k:g. C.k:i. D.k:l.
3 2 3 2
Cau 13: Cho hinh lap phwong ABCD.AB,C,D, . Ménh dé nao sau day ding?
A. AC, = AA +AD. B. AC, = AA + AB.
C.A—Q=ﬁ+ﬁ. D.A—Cl=ﬁ+ﬁ+ﬁ.

Cau 14: Cho hinh hop ABCD.A'B'C'D’. Biéu thtrc nao sau day dung:
A. AD=A'B'+A'C. B. AB'=AB+AA"+ AD.

C. AC'=AB+AA'+ AD. D. AD'=AB+AD+AC".

Cau 15: Cho hinh 1ap phuwong ABCD.ABC,D,. Goi O la tdm ctia hinh 1ap phuwong. Chon déng thiic

dung?
A. RO~ (AB+AD+AR). B. AG=Z(AB+AD+A4).
C. AG =7 (AB+AD+AA). D. AG = 2(AB+AD+ A4 ).
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Cau 16: Cho hinh hop ABCD.AB,C,D, véi tam O. Chon dang thtc sai.
A. AB+ AA — AD +DD.. B. AC, — AB + AD + AR

% TAP DOAN TOAN HQC THAY HANH ¢

C. AB+BC,+CD+D,A=0. D. AB+BC +CC, = AD, + D,0 +OC, .

Cau 17: Cho hinh lap phuong ABCD.A'B'C'D'. Ménh dé nao sau day sai?
A. AB+AD+AA'=AC'. B. AC=AB+AD. ‘AB‘ ‘CD‘ D. AB=CD.

Cau 18: Cho hinh hop ABCD.AB,C,D, véi M =CD, NC,D . Khi dé:

1 11—
A. AM =—AB+-AD+— B. AM =-AB+AD+—
2 2 2AAl 2 ZAA'L

C. A = AB+ AD + AR D. AM :%E+%E+E

Cau 19: Cho hinh hop ABCD.A'B'C'D’ c6 tim O. Goi | 1a tAm hinh binh hanh ABCD. Dst AC' =1,
CA'=V, BD'=X, DB = y . Khang dinh ndo'sau day dung?

A. ZOI:—%(U+\7+>’('+)7). B. 20I=%(G+\7+)’(’+37).
— 1,. ¥ - 2> SN . .
C. ZOI:—Z(u+v+x+y). D. ZOI:E(u+v+x+y).

Cau 20: Cho hinh lap phwong ABCD.AB,C,D, . Ménh dé nao sau day sai?
A. Cacvécto E, BD,CA dong phang. B. Cac véc to A—Cl, E, AD déng phang.

C. Cac véc to AC,,AA, AC dong phang. D. Cac véc to AC1, B—Bl, AC dong phang.

Cau21: Cho hinh hop ABCD.A'B'C'D". Goi | va K lan lwot 1a tim ctia hinh binh hanh ABB'A’ va
BCC'B'. Khang dinh nao sau.day sai?

A.B6n diém 1,K,C, A dong phang. B. BD+2IK =2BC.
R IK-R'C/ A A < = 1= 1== r~1
C. Ba vecto BD; IK;B'C" khong dong phang. D. IK :EAC _EAC

Cau 22: Cho hinh hop ABCD.A'B'C'D’. B 3 vecto nao sau day dong phang:
A. AB',CD'A'B. B. AC',AD, AB. C. AC,C'D,A'B'. D.B'D,AC,AD".

Cau23: Cho hinh chép S.ABCD c6 ddy ABCD1a hinh binh hanh. Khang dinh nao sau day dang?
A. SA+SD=SB+SC. B. SA+SB+SC+SD=0.

C. SA+SC =SB+SD. D. SA+SB=SC+SD.

Cau24: Chohinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Dit SA=4; SB=b; SC=¢; SD=d
. Khang dinh nao sau day dtng?
A.d+b+c+d=0. B.a+b=c+d. C.a+d=b+c. D.d+c=d+b.
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Cau25: Cho hinh Chop S.ABCD c¢6 day la hinh binh hanh tam O. Goi G la diém thoa man:
GS+GA+GB+GC +GD =0. Trong cac khang dinh sau, khang dinh nao dting?

A. G, S khong thang hang. B. GS=40G. C.GS=50G. D. GS =30G .

% TAP DOAN TOAN HQC THAY HANH ¢

Cau 26: Cho hinh lidng tru tam gidc ABC.AB'C’. Dt AA' =a,AB=Db,AC =c,BC =d . Trong cac biéu
thirc vécto sau day, biéu thirc nao dung.

A.a+b+c=d. B.a=b+c. C.a+b+c+d=0. D.b-c+d=0

Cau27: Cho ling try tam gide ABC.AB'C’ c6 AA =a, AB =b, AC =c. Hay phan tich (biéu thi) vecto
BC' qua cdac vecto a,b, c.

A.BC'=a+b-c B. BC'=-a+b-c C.BC'=-a-b+c D. BC'=a-b+c.

Cau28: Cho hinh lang tru ABC.AB'C' v6i G 1a trong tdm ctua tam giac A'B'C’. Dit AN =a,
AB =b,AC =c.Khi d6 AG bang

A. a+%(b+c). B. a+3(b+c) C. a+2(b+c) D. a+4(b+c)

Cau29: Cho lang tru tam gidac ABC.A'B'C'. Dat E —&,AB= B,E =C Goi I la diém thudc duong
théng CC'saocho C'l'=3C'C,G diém thoa man GB+GA'+GB'+GC'=0. Biéu dién vecto

1G qua cac vecto a,b,c. Trong cac khang dinhsau, khdng dinh nao 1a khang dinh dting?

A. |G=1(15+26—36j. B. |G=—(a+6+26).
4\ 3 3
— 1, _ BS — N
C.IG==(a+Cc-2h). D. IG= (b+— 2aj
4 4173

Cau 30: Mot chat diém chiu tée dong boi 3 luc F,, F,, F; ¢6 chung diém
dat A va co gia vubéng goc v6i nhau ting do6i mét. Biét cuong
do6 cta cac luc F,F,, F, 1an luot 1a 10N,8N va 5N xdc dinh
hop luc cua 3 luc va tinh cueong do cta hop lwe (Iam tron két
qua dén hang don vi).

A.13,7. B.12,7.

C. 14,7. D.117.
< Tich vo hudng va ing dung

Cau31: Cho hinh lap phuong ABCD.AB'C'D'. Tinh cos(BD, AC')
A. cos(@,A’C’)zo. B. cos(ﬁi A’C')=1.

N7

L D. cos(ﬁ,A’—C'):7.

C. COS(@, m;) =—

Cau 32: Cho hinh hop cht nhat ABCD.A'B'C'D’, biét day ABCD 1la hinh vuong. Tinh goc gitta A'C
va BD.
A. 90°. B. 30°. C. 60°. D. 45°.

Cau33: Cho t dién déu ABCD c6 canh bang a. Gi4 trj tich vo hudng AB (ﬁ - @) bang
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Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:
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a2

> e >

2
Al
2

Cho hinh chép S.ABC c6 BC = aﬁ , cac canh con lai déu bang a. Géc gitta hai vecto SB va
AC bf?mg

A. 60°. B. 120°. C. 30°. D. 90°.

Cho hinh chép O.ABC c6 ba canh OA,0OB,OC d6i mét vudng goc va OA=0B =0C =a. Goi

M la trung diém canh AB. Géc hop boi hai véc to BC va OM bang
A. 120°. B. 150°. C. 135°. D. 60°.

Cho hinh chép S.ABC 6 SA=SB=SC=AB=AC=a va goc CAB=30°. Gid tri
COS(E, %) gan nhét va4i gia tri nao sau day?

A. 0,83. B. 0,37. C. 0,45. D. 0,71.
Cho hinh chép S.ABC c6 AB=AC, SAC = SAB. Tinh s do ctia gdc gitta hai vecto SA va BC.
A. 45°. B. 60°. C. 30°. D. 90°.

Cho hinh chép S.ABCD' ¢6 tatca cac canh bén va canh ddy déu bang a va ABCD la hinh
vuong. Goi M 1a trung diém ctaa CD. Gia tri MS.CB b.%mg

2 2 2 2
AL B -2 c. & p, Yo'
2 2 3 2

Cho hinh lang try tam giac déu ABC.A'B'C’ 6 tat ca cic canh déu bang a, tinh ‘COS (ﬁ, ?C')

A.i. B.ﬁ. C.i. D.E.

4 4 2 4
Cho hinh ling tru ABC.A'B'C’ ¢6 day ABC la tam gidc déu canh a, tam giac ABC déu nam
trong mat phang vudéng géc voi (ABC). M 14 trung diém canh CC'. Tinh cosin géc a gitta

hai vecto AA’ va BM .

A. c05a:@. B. c05a:@. C. COSa=@. D. COSa=@.
11 11 11 11

2. Cau héi ding sai. (Trong méi y (a),(b),(c),(d) mbi cau, thi sinh chon diing @boéc sai ®)

Cau 41:

Cau 42;

Cho hinh lap phiwong ABCD.A'B'C'D’ c6 canh bang a.

Ménh dé Piing | Sai Ménh dé Ping | Sai
(a) | AB-DC =a? (][ )/ ®w|DABC=4? (][]
(©) (ﬁ@) =45° D [:] (d) (ﬁ@) =120° D C]
Cho hinh tit dién ABCD. Goi M, N lan luot la trung diém ctia AB va CD, | 1a trung diém
cua doan MN .

Ménh dé Ding | Sai Ménh dé Ding | Sai
(@) | MN = (AD+CE) ) |0 @ | A=2(ac+m0) | (] ()
(©) | MA+MB=0 D D (d) | IA+IB+IC+ID=0 D C]
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Cau 43: Cho hinh chép S.ABCD, c6 day ABCD Ila hinh binh hanh.

Ménh dé Ping | Sai Ménh dé Piing | Sai
(a) | AB+AC =AD () 1 )] ®) | SB+SD=SA+SC (] (U]
(c) | SA+SD=SB+SC D D (d) | AB+BC+CD+DA=0 D [:]
Cau 44: Trong khong gian, cho hinh hop ABCD.AB'CD’.
Ménh dé Pang | Sai

(a) | Céc vecto AB+ AD+ AA’, AB + AD, CB —CA khéng dong phing
(b) | Céc vecto AA', BB', CC’ khong dong phing.

(c) | Cac vecto AB+ AD,C'B'+C'D’, A'C khong dong phing

(d) | Cac vecto AB'+ AD’, AB+ AA, AD + AA! déng phang

Cau45: Cho hinh hop ABCD.AB'C'D’. Goi | va K Tan luot 1a tAm ctia hinh binh ha
BCC'B'.

0000
0000

=

ABB'A’ va

Ménh dé Dung

IK==-AC==AC'
(@) > >

(b) | Bondiém 1, K, C, A-d6ng phang.

O

Bon diém 1, K, J
(c) | BD+2IK=2BC D
UJ

OO0

(d) | Ba vecto BD; IK; B'C" khong dong phing

Cau46: Cho hinh hop chit nhat ABCD-A'B'C'D’ c6 AB=1, g =
AD =2, AA =3.Goi M 1a mot diém trén doan CC' sao cho A
CM =2MC' (Hinh bén); g D

B ¢

Ménhdé Ding | Sai Ménh, a8 Ping | Sai
— 3 W\ 2

(2) | AN =2CM Y0 | & cos(AM,AC)=§ (] 10
(c) | AM = AB+AD+_AA )] | @ | AM-BD=0 BEs

Cau47: Cho hinh chép S. ABCD c6 day ABCD 1a hinh vudng canh a, canh bén SA vudng goc véi
day, SA=a.Goi M la trung diém cta SB.
Ménh dé Diing
(a) | Goc gitra hai vecto SB va CD béng 45°.
(b) | AB-BD=-a

. 2
© AM-BD=—%

] O 00
] O 002

(d) | Goc gitra hai vecto AM va BD bémg 60°.
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Cau48: Cho hinh chép S.ABCD c6 day la hinh vudng canh bang 2. Canh bén SA=1 va vudng gbc véi

day. Goi M 1a trung diém ctia CD. Goi a 1a géc gitra hai vecto SB va AM .
Ménh dé Pang | Sai Ménh d4é DPang | Sai

@) A—=%@+E D D (b) SB-AM =-2 D D
(© | SM-AB=2 BRI cosa=§ O 14

Cau49: Cho tidién déu ABCD, goi M la trung diém ctia AC, N la trung diém ctia AD. Goi a la goc
tao boi BM va CN.

Ménh dé Ding | Sai Ménh dé Ding | Sai
@) BM=CN=a—23 U 10w m=%(a+@) 0O 0O
© C—N-Wz%z ) || @] cosa=¢ O |O

Cau 50: Cho hinh chép S-ABC 6 SA=SB=SC=AB=AC=a va BC=a\2.
Ménh-dé

(a) | Tam giac ABC vudngtai A vatam giac SAB déu

(b) | AB-AC =0 va (SA, AB) =120".

2

0|0 |00E
0|0 00¢

(© %-ﬁ:a—
2

— = 1

(d) cos(SC,AB):E

3. Cau hoi tra 10i ngin. (71 sifiligtra dién két qua vdo o trong )

< Cac bai toan co ban

Cau 51: Cho hinh chép S.ABC ¢ cac canh SA, SB, SC d6imot vuong goc va SA=SB=SC=a. Goi |
14 trung diém cua AB. Khi d6 géc giiva hai vecto SI; BC

Cau 52: Cho t& dién ABCD c6 AB = AC = AD,BAC = BAD =60°,CAD =90°. Goi | va J Ian luot la

trung diém ctia ABva CD. Géc gitta cip véc to BD, IJ bing bao nhiéu d6?

rawi: O]
Cau53: Cho tt dién ABCD c6 AC=BD=a, AB=CD=2a, AD=BC = a«/@. Khi d6 goc gitia hai

duong thang AD va BC bang bao nhiéu d6

Tralgi: v
Cau54: Cho tit dién déu ABCD c6 canh bang a. Goi M, N Tan luot 1a trung diém cac canh AB,CD .

Tinh goc gitta hai vecto AC va MN ?
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Cau55: Cho tix dién déu ABCD canh a. Cosin géc gitta hai dwong thang AB va Cl, véi | 1a trung

diém cua AD bang % Tinh b-a

Cau 56: Cho hinh chép S.ABC c¢6 SA=a, SB=2a, SC=3a, ASB=BSC =60°, CSA=90°. Goi a la
gbc gitta hai dwong thang SA va BC.Khi d6 cosa = =3 .Tim a?

Ja

Cau 57: Chohinh chép S.ABCD c6 day la hinh vudng canh a, canh bén SA vudng goc voi day, SA=a
.Goi M 1a trung diém ctia SB . Khi d6 géc gitta AM va BD bang bao nhiéu d6?

Cau58: Cho hinh ling try tam gidc déu ABC.AB'C' c6 AB=a va AA'=+2a. Khi d6 géc giita hai
duong thang AB’ va BC' bang bao nhiéu d6?

Cau 59: Cho hinh 1ap phuong ABCD:AB'C'D’. Goi M, N lan luot 1a trung diém cua AD, BB'. Cosin

ctia goc hop bdi MN va AC' bang % Tinh ab

Tra 18i : I‘m
Cau60: Cho hinh lap phuong ABCD.AB'C'D', bist: AN =-4AB+kAA -2AD (keR);
AM =2AB+AA ~3AD . Gia tri k d¢ AN L AM ?
Tra 18i : I‘m

< Vecto trong bai toan vatly

Cau 61: Baluc F,F,, F, cung tadc dong vao-mot vat c6 phuwong ddi mot
vudng gdc va ¢ do 16n lan luot la 2N;3N;4N . Tinh d6 16n
hop Iwc cua ba luc da cho. (lam tron dén hang phin chuc)

Cau 62: Coba lyc cung tac ddong vao mot vat. Hai trong ba luc nay hgp véi nhau mét goc 100° va co do
16n Tan luotla 25 N va 12 N . Luc thit ba vudng goc véi mat phéng tao bdi hai lwc da cho va co

do 16n 4 N. Tinh d06 16n ctia hop luc cua ba lyc trén. (lam tron dén hang don vi)
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Cau 63: Mot chiéc can don tay dang can mét vat c6 khoi lwong m = 3kg duoc o'z
thiét ké voi dia can duoc gitt boi bon doan xich SA, SB,SC,SD sao
cho S.ABCD 14 hinh chép tr gide déu c6 ASC =90°. Biét db 1én cta Faes
luc cang cho mdi soi xich ¢ dang ¥ .Lay g =10 m/s?, khi d6 gia 4 /—@B\
S———

tri cia @ bang bao nhiéu? b

Cau 64: Mot chiéc den tron dugc treo song song véi mat phang nam ngang boi ba soi T
day khong dan xudt phat tir diém O trén tran nha va lan luwot budc vao ba j \

diém A,B,C trén deén tron sao cho cac luc cang F, F,, F, Tan luot trén moi FY

[L _
day OA,OB,OC déu c6 d6 16n bang 60(N). Cho biét cac duong thang u
OA,OB,OC ciing tao v6i mit phang ngang mot goc bang 30°. Tinh trong

luong cta chi€c den tron do.

Cau 65: Mot chi€c den tron duge treo song song voi mdt phang nam ngang boi
ba soi day khong dan xuat phatti di€m O trén tran nha lan luot budc
vao ba diém A, B,C trén den tron sao cho tam giac ABC déu. D6 dai
cua ba doan day OA,OB,OC déu béng L. Trong luong cua chiéc den
la 27N vabéan kinh cua chiéc dén la 0,5m. Tim chiéu dai t6i thiéu caa
mdi soi day, biét rang mdi soi day d6 dwoc thiét ké d€ chiu dugc luc cing t8i da la 12N . (Chidu
dai tinh theo don vi cm va lam tron hang phan chuc)

A B

Cau 66: Nguoi ta treo mot chiée den trang tri ¢ trong luwong 200N lén T
tran nha bang ba soi diy khong gian, bing nhau tai ba diém
A,B,C tao thanh tam giac déu. Mdi soi day tao voi mit phang tran P

nha moét goc 30 dén duoc gitt ¢ trang thai can bﬁlng (tham khao
hinh vé). Hay tinh luc cang trong mdi soi day (két qud lam tron dén hang
don vi).

Cau 67: Mot chiéc 6 td duoc dit trén mit ddy dwdi mot khung sét cd dang hinh
hop chit nhat véi ddy trén 1a hinh vuéng ABCD, mit phang (ABCD)
song song véi mat mat phang nam ngang. Khung sat d6 dugc budc vao
moc E cua chién can cdu sao cho cac doan day cap EA EB,EC,ED c6

d6 dai bang nhau va cling tao véi mat phang ( ABCD) mot goe 45° nhu

hinh vé. Chiéc can cau kéo khung sit 1én theo phuong thing dting. Biét
lye cang ‘El‘ = ‘Ez‘ = ‘E‘ = ‘E‘ | trong lwong khung sat 1a 1000(N) va trong luong ctia chiéc xe

6 to1a 4000(N ). Tinh cudong dd luc cang ctia mdi doan day cap. (lam tron déin hang don vi)
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Cau 68: MOt chiéc mdy do dac tric dia duoc dit trén mot gia do ba chan.
Trong luc tac dung 1én chi€c may ¢ do 16n 1a 30 N va duwoc phan
bd thanh ba luc F, F,, F, 1én ba chan cua gid do. Ba luc
F, F,, F, c6 do 16n bing nhau va goc tao boi mdi chan cta gia
do va mat datla 60°. Hoi do 16n caa luc El la bao nhiéu N (lam

tron két qua dén hang phiin chuc)?

Cau 69: (o0 ba luc cung tac ddong vao mot cai ban nhw hinh vé. Trong dé

hai lec F,F, c6 gia nam trén mat phang chira mat ban, tao voi

nhau mot goc 110° va cé d0 16n Tan luot 1a 9N va 4N, luc Ea
vudng gdc voi mat ban va c6 do 16n 7N . D6 16n hop luc cua ba

lyc trén la a(N), tim gid tri caa a. (két qud quy tron vé sd nguyén).

Cau70: Mot gio hoa treo trong nha lam bang 3-sei day khong gian, mdi soi dai
60(cm) miéng ké 1a mot miéng g6 can doi hinh tron ban kinh 20(cm), ba soi

day duoc that mot dau bén trén va d& gia gob tai 3 diém tao thanh tam giac
déu (gia st méi that ctia 3 soi day va méi ndi ctia moi soi day véi miéng gd
khong dang ké). Biét liec chiu dung ctia mdi soi day biang nhau va mdi soi
chiu khong qua 15N trong long ctia miéng gid go 1a 5N . Tinh trong lwong
toi da ctia cac chau hoa d€ day treo khong bi dwt (don vi N, két qua lam tron
dén hang phin chuc).

qqqq; Lam nhiing chuyén c6 ich, néi nhiing [6i tran ddy nang lugng tich cuc, nghi nhiing chuyén tét dep, ngt

can nhiing gidc ngon lanh. Ding thdi gian dé tién b hon, chit khong phai d€ oan trich, than phién.
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BAl 2: TOADO VECTO

o o

# Memorize : # Ly thuyét bai gidng :
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Vidu 1: Bai toan trung diém, trong tim
a) Cho ba diém A(l; 3;5) , B(l; 1 1) va C (1; 8; 0). Tim toa do trung diém cua AB va toa do

trong tam G cua AABC ?
b) Cho t&t dién ABCD c6 A(1;0;2),B(-2;13),C(3;2;4),D(6;9;-5). Tim toa d6 trong tdm

G cta tit dién ABCD?

> SOLUTION:

Vidu2: Baitoan hinh chiéu, d6i xing : Cho cic diém A(3;-1-2). Tim:
a) Tim toa d6 hinh chiéu vudng goc cia A 1én cac mat (Oxy) , (Oyz) , (OXZ ) ?
b) Tim toa d6 diém d6i xting cua A qua truc (Oxy) , (Oyz) , (OXZ ) ?
¢) Tim toa do hinh chiéu vudng gbc cua A 1én cac truc Ox,0y,0z ?
d) Tim toa d6 diém d6i xiing cia A qua truc Ox,0y,0z ?

e) Tim toa d6 diém ddi xtiing ctia qua A goc toa do O ?

> SOLUTION:

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k



O Toan Thay Hanh - Chuyén Luyén Thi Dai Hoc/10,11,12 DANG KI HOC ONLINELTAI
@ 20 Tén That Tung - Tan An - Tp. Budn Ma Thudt & tapdoanthayhanh:vn
® 0976.966.307 - 0935.799.744

% TAP DOAN TOAN HQC THAY HANH 4}'

Vidu3: Baitoan do dai:
a) Cho hai diém A(2;3;1) va B (3;1;5) . Tinh vécto AB va tinh d6 dai AB?
b) Cho hai diém A(L2;3) va M (0;0;m). Tim m bigt AM =+/5
c) Cho hai diém A(L;3;m), B(-14;-2)va C(Lm;2). Tim m biét AABC can tai B?

2+ SOLUTION:
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Vidu 4: Baitoan vécto bang nhau :
a) Cho ba diém A(1;2;-1),B(2;-1;3),C(-3;5;1). Tim diém D sao cho ABCD la hinh binh

hanh?
b) Cho hai diém A(-12;3),B(L0;2). Tim toa d6 diém M thoa man AB =2MA?

¢) Cho u=(2;,-5,3),v=(0;2;-1),w=(17;2).Tim toa d6 vécto a=u—4v—2w?

d) Cho ba vécto u=(210),v=(L-12),w=(2;2;-1) Biéu dién vécto a=(3;7;~7) theo ba

—

vécto U,V,W trén ?

> SOLUTION:
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Vidu5: Baitoan cung phuong - thing hang:
a)Cho u =(2; m—];4),v =(:L'3;—2n). Tinh m+n d& u cung phuong voéi v ?

b) Cho A(—2;1; 3) va B (5; —2;1) . Tim giao diém cta duwong thang AB va mit phang (Oxy)
c) Cho A(-16;6) va B(3;—6;-2). Tim diém M €(Oxy) d¢ MA+MB ngén nhat?

»SOLUTION:
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Vidu 6: Bai toan tich v6 huwong:
a) Cho ba diém A(2;-11),B(-13;-1),C(5;~3;4). Tinh tich v6 huéng AB.BC?

b) Cho hai vécto U =(~13;2) va v=(x0;1). Tim X d& uv=0?

¢) Cho hai vécto a= (2;],' O) , b= (—ZL' 0; —2) . Tinh Cos(a; 5) ?

»SOLUTION:
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Vidu 7: Bai toan tich v6 huwong:
a) Cho hai vécto U va V tao véi nhau mot gbc 60°. Biét rang |l]| =2, |\7| =4.Tinh |ﬁ + V| ?
b) Cho u=(2;31),v=(5;6;4) va w=(a;b;1). Tinh a+b dé w Luva w_Lv
c) (THPT QG 2017) Cho ba diém M (2;3;-1),N(-1131),P(m-12). Tim m d& AMNP

vuong tai N ?

2+ SOLUTION:
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Vi du 8: Bai toan thuc té
Hinh bén mo ta hai bitc teong gach duoc xay vuong goc voi
nhau va cung vuéng goc véi mat dat. Mot nguoi tho xay cang
day gitta hai btic twong. Dau A ctia soi day nam trén birc
twong thir nhat, cach biec tvong thit hai la 3 m va cach mat dat
1a 1,2m.Pau B cta soi day ndm trén bitc tuong thit hai, cach
btic tvong thit nhat la 1 m va cach mat datla 2 m. Tinh d6 dai

cua soi day dwoc cang (lam tron két qua dén hang phan tram)

2+ SOLUTION:

Vidu9: Bai toan thuc t€ Co hai tram thu phét séng tin
hiéu mat dat dat o hai diém A, B va vé tinh thu
phét tin hiéu tai 6 vi tri M, biét vé tinh di e
chuyén ludén cach mat dat 35000km . Tin hiéu S
tai A phatlén vé tinh M ro6i truyén dén tram
thu tai B. Xét hé truc Oxyz duwoc chon thoa
man A(0;0;-35), B(35;45;-35), M (x;y;0)(
don vi toa d6 la ngan km). Biét van t6c trung binh truyén tin hiéu gitra vé tinh voi cac tram
thu phat song khoang 270000km/s. Mot tin hiéu phat tv A dén M, r6i truyén vé B mat it
nhat bao nhiéu gidy (lam tron dén hang phan tram).

> SOLUTION:
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Vi du 10: Bai toan thuc té
Hai chi€c khinh khi cau bay 1én ttr cing mot dia di€ém trong khong gian. Sau mot khoang thoi
gian, chiéc thtt nhat nam cach diém xuat phét 3 km vé phia Dong va 2 km vé phia Nam, dong
thoi cach mét dat 0,5km ; chiéc thit hai ndm céch diém xut phat 1 km vé phia Bac va 1 km
vé phia Tay, dong thoi cach mat dat 0,3km. Clung thoi diém d6, mot nguoi ding trén mat
d4t va nhin th4y hai khinh khi cau néi trén. Biét rang, so véi cc vi tri quan sat khéc trén mét
dat, vi tri nguoi d6 dung cé tong khoang cach dén hai khinh khi cau la nho nhat. Hoi tong
khoang cach nho nhat dy be‘ing_; bao nhiéu kilomét? (Lam tron két qua dén hang phan muoi).

»SOLUTION:
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1. Tric nghiém nhiéu phuong an luda chon. (M6i cAu h3i thi sinh chi chon mét phuong dn).

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

(M 101-2022) Trong khong gian Oxyz, cho diém A(Z; 2;—-3). Hinh chiéu vudéng géc ctia Alén
mat phang (Oxy) c6 toa dd 1a
A. (0;2;-3). B. (1,0;-3). C. (3,2;0). D. (10;0).

(D& Tham Khao 2018) Trong khong gian Oxyz, cho di€m A(3;-1;1). Hinh chiéu vudng géc
cua diém A trén mat phang (Oyz) la diém
A. M (3;0;0) B. N(0;-11) C. P(0;-10) D. Q(0;0;1)

(M 104 - 2019) Trong khong gian Oxyz, hinh chiéu vudéng géc ctia di€ém M (3;1;—1) trén truc
Oy cétoadola
A. (3,0;-1). B. (0;10). C. (3,0,0). D. (0;0;-1).

(P& Minh Hoa 2023) Trong khong gian véi hé toa dd Oxyz, cho diém A(1;2;3) . Diém dsi
xtmg véi A qua mit phang (OXz) c6 toa d6 la
A (1,-2;3). B. (12,-8). C. (-1;-2;-3). D. (-1;2;3) .

(M3 102 2018) Trong khong gian Oxyz, cho hai diém A(LL-2) va B(2;21). Vecto AB ¢6

toa do la

A. (-5-1-3) B. (3;11) C. (L13) D. (3;3,-1)
Trong khong gian Oxyz cho @ =(2;3;2) va 6=(1;1;—1).Vect0 d—b cotoaddla
A. (3;4;1). B. (-1:-2;3). C. (3;5:1). D. (1;2;3).

Trong khong gian véi hé truc toa do OXyz, cho a = i+ 2] ~3k. Toa d0 cuia vecto a la
A. (-12;-3). B. (2,-3;-1). C. (2;-1-3). D. (-3;2,-1).

Trong khong gian véi hé toa dd Oxyz, cho hai diém A(L-3;1), B(3;0;-2). Tinh do dai AB.

A. 26. B. 22. C. 26 D. J22.

(Ma 101-2023) Trong khong gian Oxyz cho hai vecto u= (ZL' 2; —2) va V= (2; -2; 3). Toa d6
ctia vecto U+V 1a

A. (-1 4 -5). B. (1, -4;5). C.(30;1). D. (3,0, -1).

Trong khong gian voi hé toa do Oxyz cho hai diém A(3; -2, 3) va B (—1; 2; 5) . Tim toa d¢ trung

diém | ctia doan thang AB la:
A 1(=2;2,1). B. 1(1;,0;4). C. 1(2;0;8). D. 1(2;-2;-1).

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k



0 Toan Thay Hanh - Chuyén Luyén Thi Dai'Hoc 10,111,112 PANG Ki HOC ONLINESTAI
@) 20 Tén That Tung - Tan An - Tp. Buén Ma Thust & tapdoanthayhanh:vn

® 0976.966.307 - 0935.799.744

% TAP DOAN TOAN HQC THAY HANH &

Cau 11: Trong khong gian véi hé toa do Oxyz, cho tam gidc ABC véi A(L3;4),B(2;-1,0),C(3;1,2).
Toa do trong tam G cua tam giac ABC la

A.G(2:12). B. G(6;3;6). C. G(B;%BJ. D. G(2;-1,2).

Cau 12: (Ma 105 2017) Trong khong gian voi hé truc toa do Oxyz, cho hai vecto 51=(2;1;0) va
b=(-10;-2). Tinh cos(a,b).

A. cos(é,B):—% B. 005(5,5):—2 C. cos(gl,f)):z—z5 D. cos(é,B):

g1l N

Cau 13: Trong khong gian OXyz, goc gitta hai vecto ivaus= (—\/5; 0; 1) la
A. 120°. B. 60°. C. 150°. D. 30°.
Cau 14: Trong khong gian voi hé toa do Oxyz, cho vecto u= (3; 0 ;1) vav= (2 :1; O) . Tinh tich v6 hudng

uv.

A.uv=8. B. UV =6: C. uv=0. D. uv=-6.
Cau 15: Trong hé¢ toa do Oxy, cho =i+ 3] va \72(2; —1). Tinh uv .

A uv=-1. B.uv=L1. C. uv=(2-3). D. uv=>5y2.

Cau 16: Trong khong gian voi hé toa do Oxyz, cho tit dién 'ABCD voi A(O; 0; 3), B(O; O;—l),
C(1; 0; 1), D(0;1;—1). Ménh dé nao dudi day sai?
A. AB1BD. B. AB L BC. C. ABLAC. D. AB_LCD.

Cau 17: Trong khong gian v6i hé truc toa 30 Oxyz, cho U= (2; -1 1) vav= (O; -3 —m) . Tim s6 thywc m
sao cho tich vo hwdng uv=1.
A.m=4. B.m=2. C. m=3. D. m=-2.

Cau 18: Trong khong gian OXyz, toa do mot-vecto n vuong goéc véi ca hai vecto 5.=(l;1;—2),

=(10;3) 1a

A. (23-1). B. (3;5;-2). C. (2,-3-1). D. (3;-5;-1).

Cau 19: Trong khong gian véi hé truc Oxyz cho ba diém A(-1;2;-3), B(L0;2),C(x;y;—2) thing
hang. Khi d6 X+ Yy bang
A. x+y=1. B. x+y=17. C.x+y:—1§1. D.x+y:1§1.

Cau20: Trong khong gian véi hé toa dd Oxyz, cho ba diém A(2;-1,5),B(5-5;7),M (X; y;1). Véi gia

tri nao ctia X,y thi A B,M thang hang.
A x=4y=7 B. x=—4y=-7 C. x=4y=-7 D. x=—4y=7
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Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Trong khong gian véi hé toa do Oxyz, cho hinh hop ABCD.A'B'C'D’ c6 A(0;0;0), B(a;0;0);
D(0;2a;0), A'(0;0;2a) véi a 0. Do dai doan thing AC’ 1

A Jal. B. 2a]. C. 3[al. D. §|a|.

Trong khong gian véi hé toa d6 Oxyz, cho hinh hép ABCD.A'B'C'D’, biét ring A(—3; 0; 0) ,
B(0;2;0), D(0;0;1), A'(12;3). Tim toa d6 diém C'.
A. C'(10;4;4). B. C'(-13;4;4). C. C'(13,4;4). D. C'(7;4,4).

Trong khong gian v6i hé toa do Oxyz, cho cac vecto d=(2;m-13), b= (3-2n). Tim m, n
dé cac vecto @, b cung huwdng.

A.m=7;n=—% B.m=7;n:—%. C. m=4; n=-3. D. m=1;, n=0.

Trong khong gian vdi hé truc toa dd Oxyz, cho ba diém A(L;2;-1),B(2;-13) va C(-3;5;1).
Tim toa d¢ diém D sao cho t giae*ABCD la hinh binh hanh.
A. D(-2;8;-3) B. D(—4;8;-5) C. D(-2;2;5) D. D(-4;8,-3)

Cho tam giac ABC co A(l; -2; 0), B (2;1; —2), & (0;3;4) .Tim toa d6 diém D détt giac ABCD
la hinh binh hanh.

A. (1,0;-6). B. (1,6;2). C. (-1,0;6). D. (1,6;-2).

Trong khong gian voi hé truc toa dd Oxyz, cho hai diém A(l; 2; —1) , AB = (l; 3 1) thi toa do cua
diém B 1la:

A. B(2;5,0). B. B(0;-1-2). C. B(0;4;2). D. B(-2;-5;0)

Trong khong gian OXyz, cho hai vecto U va V tao v6i nhau mot goc 120° va ‘G‘ =2, \7‘ =5.
Tinh |u-+V

A \19. B. -5. C.7. D. /39.

Trong khong gian véi hé toa do Oxyz, cho ba diém M (2; 3; —1), N (—1; 1; 1) va P(l; m-1; 2) .
Tim m dé tam giac MNP vuodng tai N .
A. m=-6. B. m=0. C.m=-4. D. m=2.

Trong khong gian véi hé toa dd Oxyz, cho hinh vudéng ABCD, B(3;0;8), D(-5;—4;0). Biét
dinh A thudc mit phang (Oxy) va cé toa d6 la nhitng s nguyén, khi d6 ‘C_A-F @‘ bang;
A.10+5. B. 64/10. C.104/6. D. 5+10.

Trong khong gian véi hé toa dd Oxyz, cho hai diém A(-2;3;1) va B(5; 6; 2). Duong thing
AB cit mit phang (Oxz) tai diém M . Tinh ti s& %

ﬂ:l B_ﬂzz Cﬂ:l D.ﬂ:3
BM 2 BM BM 3 BM
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Cau31: Trongkhong gian voi hé toa &6 Oxyz, cho ba diém A(-2;3;1), B(2;1;,0), C(-3;-11). Tim tat

ca cdc diém D sao cho ABCD la hinh thang c6 ddy AD va dién tich t gidc ABCD bang 3 Ian
dién tich tam giac ABC.

D(-8;-7:1)

5. | D(8;7;-1)
D(12;1;,-3)

A. D(-12;-1;3). D. .
( ) D(-12;-13)

C. D(8;7;-1).

Cau 32: Trongkhdng gian toa dd Oxyz, cho A(2;0;0), B(0;2;0), C(0;0;2).Cé tat ca bao nhiéu diém
M trong khong gian thoa man M khong trung vo6i cac diém A,B,C va

AMB = BMC =CMA =90°
A. 0. B. 1. C 2. D. 3.

Cau 33: Tinh cong sinh boi luc F= (20;30;-10) (don vi: N) tao boi
mot drone giao hang (Hinh) khi thuc hién mot d6 dich chuyén
d = (150;200;100) (don vi: m).
A. 3200J . B. 8000J .
C. 10000J . D. 5800J .

Cau 34: DE€ theo doi hanh trinh cia mot chi€ec may bay, ta ¢6 thé lap hé
toa d6 Oxyz c6 goc O trung voi vi tri ctia trung tam ki€ém soat
khong lwu, mit phang (Oxy) trling véi mit dét (duoc coi la
phang) véi truc OX hudng vé phia tay, truc Oy huéng véphia
nam va truc Oz huéng thang ding lén troi. Sau khi cat canh
va dat d§ cao nhat dinh, chiéc may bay duy tri hudéng bay vé
phia nam véi t6c d6 khong d6i la 890km/ h trong nira gio.

Xac dinh toa do ctia vecto biéu dién d6 dich.chuyén ctia chiéc may bay trong ntta gio d6 ddi
vdi hé toa dd da chon, biét r;?mg donvi do trong khong gian Oxyz duoc 1dy theo kilomét.

A. (0;435,0). B. (445;0;0). C. (0;445;0). D. (435;0;0).

Cau 35: Mot phong hoc c6 thiét k€ dang hinh hop chir nhat voi chiéu
dai la 8m, chiéu rong la 6m va chiéu cao la 3m. Mot chiéc
den duoc treo tai chinh gitta tran nha ctia phong hoc. Xét hé :
truc toa do Oxyz c6 gdc O trung véi mot goc phong va mat E

, y
phang (Oxy) trung v6i mét san, don vi do duoc 1dy theo mét. 3m ’,Q" """ T _6 = =
Hay tim toa d cua diém treo den. ” -

A. (4,4;4) B. (4;3;4) C. (34;3) D. (4;5;4)

2. Cau héi dang sai. (Trong méi y (a),(b),(c),(d) mbi cau, thi sinh chon diing @boéc sai ®)
Cau 36: Trong khong gian véi hé toa do Oxyz, cho cac vec to a= (—l;l; O); b= (1;1; O) va C= (1;1;1) )

Ménh dé Ping | Sai Ménh a8 DPing | Sai
@ |clb O O w||d=v3 00
() |alb C ) 1] ] @] cos(a, c)=1 BEIE
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:
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Trong khong gian Oxyz, cho vecto 8 = (2; —2; —4), b= (L' -1 1).

@& tapdoanthayhanh.vn
% TAP DOAN TOAN HQC THAY HANH #

Ménh &é Pang | Sai Ménh &8 Ding | Sai
(a) | a+ b= (3; =3; —3) . D D (b) | @ va b cung phuong. C] D
© | [p|=+3 () || @] cos(ab)=1. O |10

Trong khong gian véi hé truc toa do Oxyz cho a= (1; —2; 3) vab= (2; -1 —1) .

Ménh dé DPang
(a) | Vec to cung vudng goc voi vec to avab co toa do bﬁng (—5; -7 —3) .
(b) | Vecto a khong cung phuong voi vecto b.

(c)

Vecto a khong vudng goc véi vecto b .

(d)

o[ =14

OO0

Trong khong gian véi hé truc toa do Oxyz, cho hai vecto a= (2;1 ;—3), b= (—4; -2 ;6).

Ménh dé Ping | Sai Ménh 4é Ping | Sai
(a) | b=-2a. ) (b) | 2b=0. (] 1]
(c) | a ciing huéng véi'b. D D (D ‘6| = 2‘5‘ : [3 D

Cho tam gidc ABC, biét OA= (2;1 —3),@ =(4;3; —2),(% =(0;2;-1) . Duong thang AB cat
mat phang (xOy ) tai diem M (X ; Yy Zy ). Goi C,.qc 1 chu vi tam gide ABC.

Mént dé Ping | Sai Ménh 48 Ping | Sai

(a) | BAC =90° T )| ) | Chec =82+42) ] 1]

© | Xu=VYu =0 U] 1) (@ | et Y +2y =10 BEE
Mot kho chtta 'hang c6 dang hinh ‘lang tru ding ’ :
ABFPE.DCGQH véi ABFE la hinth chénhat va EFP 1a tam SRV
gidc can tai P. Goi T 1a trung diém caa DC . Céc kich thude WA
cta kho chita Tan luot 1a AB =6m; AE =5m;AD =8m; o= 7
QT =7m. Nguwoi ta mo6 hinh hoa nha kho béng cach chon hé ()L;’::_____
truc toa d6 cd goc toa do la diém O thudc doan AD sao cho A" B ’
OA =2m va cdc truc toa d¢ twong ttng nhu hinh vé dudi day. ’

Ménh dé Diing

(@)

Toa d6 diém Q 1a (-6;3;5).

(b)

Vécto OC c6 toa do 1a (—6;6;0).

(c)

Nguoi ta mudn 14p camera quan st trong nha kho tai vi trf trung diém
cua FG va dau thu dix liéu dat tai vi tri O. Nguoi ta thiét ké€ duong
day cap ndi tt O dén K sau d6 ndi thang dén camera. D6 dai doan
cap néi tdi thiéu bang 5+ 210 m.

(d

Mai nha dwoc lop bang ton Hoa Sen, gia tién mbi mét vudng ton 1a
130.000 dong. SO tién can bo ra d€ mua ton lop mai nha 1a 3.750.000
dong (khong ké hao phi do viéc cat va ghép cdc miéng ton, lam tron két
qua dén hang nghin).
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Cau 42: Hinh vé sau md ta vi tri clia may bay vao thoi diém 9 gio 30 phut.
Biét c4c don vi trén hinh tinh theo don vi km. Mt phang (Oxy)

trung voi mat dat, O trung véi vi tri trung tam diéu khién.

Ménh dé 1
(a) | Tai thoi diém 9h30, may bay dang ¢ d6 cao 9 km so véi mat dat.

Diing | Sai
O 10
(b) | Tai thoi diém 9h30, toa d6 caa may bay la (300;150;9). BElS
0|0
0|0

Phi cong d& may bay 6 ch& dd tw dong bay thang theo huéng dong véi
van t6c 1a 750 km/h, do cao khong ddi. Biét rang gié thdi theo huéng
(©) | dong véi van t8c 10 m/s. Gia st van tSc va huéng gié khong thay d6i
thi tai thoi diém 10 gio 30 phtt mdy bay & toa do (150;1086;9).

Tai thoi di€ém 9 gio 30 phut, may bay cach trung tam diéu khién mot
khoang (lam tron dén hang phan muoi) la 335,6 km.

(d)

Cau 43: MOt ngoi nha ¢6 hinh dang va kich thwée nhw hinh vé duoi L e
day. Biét rang cac biic tuong va nén nha déu la cac hinh chit E rrrrrrrrrrrrrrrrrrrrrrrrrrrrrrrrrr H
nhat; hai bén mai nha la cac hinh thang can 1JGF va .IJHE c6 &
dién tich bang nhau; d6 ddc ctia mai nha s6 do goéc nhi dién ‘
[J ,FG,H ] la 45°. Chon hé truc toa @6 Oxyz nhu hinh vé (don L

vi trén moi truc la Im).

Ménhidé Ping | Sai Ménh dé Ping | Sai
(@) | 31 =(0;6;0). O || (&) g8 (2;7;6J. ] 10
© | E (0; 0;9 : &) @ e (5;8; 9 (0

Cau 44: Mot thap trung tam kiém soat khong luu-0-san bay cao
80 m st dung rada c6 pham vi theo doi 500km duoc dit

trén dinh thap. Chon hé truc toa dd Oxyz c¢6 goc O trung
v6i vi tri chan thap, mat phang (Oxy) trung voi mat dat sao

cho truc OX hudng vé phia Tay, truc Oy hudng vé phia

Nam, truc Oz huéng thang ding 1én trén. Mot may bay tai ' omw
vitri A cach mat dat 10km, cach 300 km vé phia Dong va 200 km vé phia Bac so véi thap

trung tam kiém soat khong luu.

Ménh 4é Ding | Sai

(a) | Vitri A co toa do (—300; —200;10). D D

(b) | Rada 6 vi tri c6 toa do (0; 0; 0) . C] C]
Rada ctia trung tam kiém soat khong luvu khong phat hién duwoc may

(©) bay tai vi tri A. D D

(d) | Khoang cach tir may bay dén rada 16n hon 360,69km. C] C]
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Cau 45: Heé thong cap treo gom hai tru 16n va mot duwong cap néi gitra hai tru d6 (coi nhw d6 cong khong
dang ké), dugc ddt trong khong gian véi hé toa do Oxyz. Mot cabin cap treo xudt phat tir di€m
0(0;0;0) thudc tru thir nhat va chuyén dong thang déu theo dudng cap treo dén diém
A(896; 2025;189) thudc tru thit hai véi tdc do 7,4 (m/s) (don vi trén moi truc la mét).

Ménh dé Pang | Sai
Do dai duong cap xap xi bang 2222 mét (két qud lam tron dén hang don
@) m.).. g cap xap 8 (ket g O 10
(b) | Diém chinh gitta ctia dudng cap c6 toa dd la (448;1012,5;94). (] (0]
Trén duong cap c6 diém B vdi hoanh d6 X; =672, khi d6 thoi gian d€
(c) | cabin di tir diém B dén diém A x&p xi bing 75 giay (két quilamton | () | (]

dén hang don vj).

C6 mot khu vui choi phia dudi cp treo ndm trong mat phang (Oxy)

vé6i diém trung tam cd toa 6 (750,5;1497,25;0). Biét rang tir trong
cabin cap treo c6 thé ngam nhin toan canh khu vui choi rd nhat tai vi

@ y 8 SR ERE

trf di€ém M (X,; Yo: Z, ) cach trung tam khuvui choi mot khoang ngan

nhat. Khi d6, ta c& Xy + Yo+ 2, =2330,5 (két qua lam tron dén hang phin

Muoi).

Cau 46: Hai phuong tién bay khong nguoi lai (drone) cung ltc xuat phat tai cung mot dia diém trén mat
dat. Sau mot thoi gian, chiéc thi nhdt dén vi tri cach di€m xudt phat vé phia Nam 60m, vé phia
Dong 40m va cach mat dat 50m, chiéc thi hai dén vi tri cich diém xuat phéat vé phia Bic 40m
, vé phia Tay 20m va cach mdt dat 30m. Tai thoi diém dang xét thi :

Ménh dé
(a) | Chiéc thit nhat cach diém xuat phat 87,57m.
(b) | Chiéc thit hai cach diém xuat phat 53,85m .
(c) | Khoang cach gitta hai chiéc drone la.118,32m.

Trong cac vi tri trén mdt dat quan sat hai drone c6 mot vi tri ma tong
(d) | khoang cach ttr vi tri nay dén hai drone nho nhat va tong nay béng
141,42m.

0 O00g
0

Cau 47: Mot tén lra phdng tir mat dat te vi tri goc toa dd O theo hudng, van tdc khong do6i (dat mat
phéng (Oxy) trung véi mit dat). Tén liea di tir di€ém O(0;0;0) dén diém A(140;60;6) trong 8
phut.

Ménh dé bing | Sai
Trong 8 phut tén ltra bay duoc quang duong (lam tron dén hang don
(@) 1 yi) xdp xi bing 152k
i) xap xi bang m.
(b) | O phuit thit 4 &6 cao cta tén Itra la 3km.

(c) | Toa d6 ctia tén ltra sau 12 phut ké tir ltic phéng 1a (210;90;12).

OO0
000

(d) | Sau 10 phut ti€p theo ké ttr vi tri A tén ltra dat d6 cao la 13,5km.

m CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k



0 Toan Thay Hanh - Chuyén Luyén Thi Dai Hoc/10,11,12 DANG KI HOC ONLINELTAI
@) 20 Tén That Tung - Tan An - Tp. Buén Ma Thust & tapdoanthayhanh.vn

e 0976.966.307 - 0935.799.744 M TAP DOAN TOAN HQC THAY HANH 38

Cau 48: Trong khong gian, xét hé toa do Oxyz c6 goc O trung véi vi
tri mot gian khoan trén bién, mit phing (Oxy) tring véi mat
bién (duoc coi la mit phang) véi tia OXx hudng vé phia nam,
tia Oy hudng vé phia dong va tia Oz hudng thang ding 1én
troi (tham khao hinh vé). Pon vi do trong khong gian Oxyz

1ay theo kilomét. Mot chiéc radar dat tai O c6 pham vi theo
doi la 30 km. Mot chiée tau tham hiém tai vi tri A & d0 sau 10 Km so vdi méat nwde bién, cach

O 25 km vé phia nam va 15 km vé phia tay. Mot tau danh c4 tai vi tri B (—20; 15; O).

Ménh dé Pang | Sai

(a) | Khoang cach tir chiéc tau thdm hiém dén radar bang 25 km. D [:]

(b) | Radar khong phat hién duoc tau tham hiém dat tai vi tri A C] D

(c) | Radar phat hién ra tau danh ca tai vi tri B. C] C]

@ M@t chiéc tau Cﬁf cér}h sat bié}Ldang tuan tra di chuyén dén vi tri C O D
cach O 15 km vé phia nam. Dé

Cau 49: Trong khong gian chon hé truc toa d¢ cho triede, donvi 1ay kilomet, ra da phat hién mot may
bay chién dau di chuyén véi van toc va huong khong dai tir diém M (500;200;10) dén diém
N (800;300;10) trong 20 phut.

Ménh aé Ping | Sai
(a) | May bay dang di chuyén theo hudng tién lai gan vi tri dat ra da. C] D
(b) | Khoang cach MN = 100@km . D D
(¢) | T8c d6 cua mdy bay khi di chuyén.tir M dén N 1a 150510 km/h. BEs
Néu tiép tuc gitt nguyén van téc va huong bay thi toa do cua may bay D [:]

(@] sau 4 phut tiép theo la Q(aib;c) véi a+b+c=1191.

Cau 50: Trong khong gian véi hé truc toa dd Oxyz, dai kiém sodt khong lvu cua san bay dat tai di€ém
0(0;0;0), don vi @6 dai trénméi truc tng véi km. May bay bay trong pham vi cach dai kiém
soat khong luu 417km sé hién thi trén man hinh radar. Mot may bay dang ¢ vi tri
M (-779;-260;8) chuyén dong thang déu véi tdc dd khong ddi theo hudng ctia vecto

u=(9%75,0).
Ménh dé Ding
DPuong thang mo ta duwong di ctia may bay di qua diém
@) | N (-597;-110;8). O

Vi tri dau tién ma may bay xuéat hién trén man hinh radar la diém
®)] p(40;415;8).

Néu thoi gian may bay xuédt hién trén man hinh radar 1a 30 phut thi
(c) | thoi gian mdy bay di chuyén tit M dén khi xuat hién lan cudi cung
trén man hinh radar la 54 phut.

Khoang cach gitta may bay va dai kiém soat khong luu ludn 16n hon
@] 294km.

OO0 |0
O/0 (0|0F
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3. Cau hoi trd 18i ngdn. (Thi sinh trd dién két qua vao 6 tréong )
S Phuong phap toa 40

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Trong khong gian Oxyz, cho tam giac ABC c¢6 A(L,-13),B(-1-12) va C(-3;—-2;2). Tinh
cos ABC .

Tra 161 : I‘m

Trong khong gian Oxyz, cho hai diém A(S;l; — 2), B (2 - 3;5). Diém M thudc doan AB sao
cho MA=2MB, toa d di€m M la(a;b;c).Khidé a+b+c bang?

Trong khong gian Oxyz, cho ba diém A(L;3;-1), B(3;—15),C(0;5;0) . biém M thudc tia d6i
ctia tia BA sao cho dién tich tam gidc MAC bang ba Ian dién tich tam gidc MBC . Tinh d0 dai
doan thang CM ?

rawi: 9T

Trong khong gian OXyz cho cac diém A(5;1;5); B(4;3;2); C(-3;-2;1). biém I (a;b;c) la tam
duong tron ngoai ti€p tam giac -ABC. Tinh-a+2b+¢?

T @ TTT]

Trong khong gian voi hé truc toa d6 Oxyz cho hinh thang ABCD vuodng tai A va B. Ba dinh
AL21), B(2;0,—1), C(6;1,0) Hinh thang c6 dién tich béng 6\/5 . Gia st dinh D(a;b;c), tim
a+b+c?

9 Cuc tri hinh hoc va bai toan thifc t&

Cau 56:

Cau 57:

Hai chiéc khinh khi cau cung bay 1én tai mét dia
diém. Sau mot thoi gian bay, chi€c khinh khi cau
thtt nhat cach diém xudt phat vé phia Dong
80(km) va vé phia Nam 65(km), déng thoi cach »
mit dat 700(m). Chiéc khinh khi cau thit hai céch |

diém xudt phat vé phia Bac 50(km) va vé phia

Tay 30(km), dong thoi cdch mat dat 900(m) . Xac
dinh khoang cach gitra chi€c khinh khi cau thi nhat va chi€c khinh khi cau thit hai (Két qua lam

tron dén don vi kilomet).

Trong khong gian voi mot hé truc toa d¢ cho trude (don vi do 18y theo kilomét), ra da phat hién
mot chiéc may bay di chuyén véi van téc va hudng khong doi tir diém A(800;500;7) dén diém
B(940;550;8) trong 10 phut. Néu mdy bay tiép tuc gitt nguyén van toc va hudng bay thi cao dd
cua may bay sau 5 phut tiép theo la gi?
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Cau 58: Mot chiéc dién thoai iphone duoc dat trén mot
gid do c6 ba chan véi diém dit S(0;0;20) va
cac diém cham mat dat cia ba chan [an lwot 1a

A(0;-6;0),B(3V3;3,0), C(-3V3;3,0) (don

vi cm). Cho biét dién thoai ¢ trong lwong 1a

2 N va ba luc tac dung lén gia d& duoc phan

b& nhuw hinh vé 1a ba lyc F,F,,F, ¢6 do 16n

bf?mg nhau. Biét toa d6 ctia luc E = (a; b; C), khi
d6 T =2a+5b+6¢c bang?

rawi: 9T

Cau 59: Mot chiée may do dac tric dia dwoc dit trén mot gia do
ba chan voi diém dat S(0;0;4) va cac diém tiép xtc voi
mat  dat cua ba chan . Jan . luwot la
A(-2,0;0), B(1+/3;0), C(L=+/3;0). Biét ring trong lc
tac dung lén chiéc may c6 d¢ 16n la 30N va duoc phan

b6 thanh ba lyc F, F,, F, c6 4 16n béng nhau nhu hinh

2 .

dudi. Tinh tich v6 huéng cta F,.F

Cau 60: Trong khong gian chonhé truc tga do cho trude, don vi
do 14y kilomét, ra da phat hién mot mdy bay chién dau
di chuyén véi van toc va huwéng khong doi tir di€ém
M (400;100;9) dén diém N(700;200;14)trong 30 phiit.

Néu may bay tiép tuc gitt nguyén van.toc va huéng bay

thi sau 6 phut ti€p theo may bay dén vi tri Q(X;y;z).
Tinh X+2y+z

Cau 61: MOt chi€c gay c6 chiéu dai 2,5m duoc dat trong goc
phong nhu hinh sau day. Mot dau cta chiéc gay nam trén
san nha, cach hai btrc twong lan luotla 1 m va 0,8m. Dau

con lai ctia chiéc gdy nam trén mép tuong.
Tinh khoang cach tir dau gay trén mép tuong dén san nha.

(lam tron két qua dén hang phan tram)
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Cau 62: Mot chiéc xe dang kéo cang sgi day cap AB trong cong truong

xay dung, trén d6 da thiét lap hé toa d6 Oxyz nhu hinh vé dudi
vai d0 dai don vi trén cac truc toa do béng Im. B9 dai cap
AB =a+/b . Tim gia tri b—a?

Cau 63: Ba chi€c may bay khong nguoi lai cing bay 1én tai mét dia

diém. Sau mot thoi gian bay, chi€c may bay thit nhat cach
diém xudt phat vé phia Dong 60(km) va vé phia Nam
40(km), dong thoi cach mit dat 2(km). Chiéc may bay
thtt hai cach diém xudt phéat vé phia Bac 80(km) va veé
phia Tay 50(km), dong thoi cach mat dat 4(km). Chiéc may bay tht ba ndm chinh gifta ctia
chiéc may bay thit nhat va thi hai, dong thoi ba chiéc may bay nay thang hang. X4c dinh khoang

cach cua chi€c may bay thtt ba voi vi tri tai di€ém xuét phat cta no.

Cau 64: Mot nguoi diéu khién mot flycam d€ phuc vu trong mot chuong z -

<
trinh cua dai truyén hinh. Dau tién flycam o vi tri A cach vi tri &
diéu khién 100 m vé phia nam va 150 m-vé phia dong, dong thoi s d
cach mat dat 30 m (Hinh). D€ thuc hién nhiém vu ti€p theo, Huong iy |~ 150m ?3"“‘ y
0 | Huéng déng

nguoi diéu khién flycam dén vi tri B cach vi tri diéu khién 80 m 100 m '
vé phia bac va 120 m vé phia tay, dong thoi'cdch mat dat 50 m
.Chon hé truc toa d6 Oxyz véi goc O 1a vi tri nguoi diéu khién,
mat phang (Oxy) trung véi mit dat, truc Ox c6 hudng tring
v6i huéng nam, truc Oy cé hweéng trung voi hudng dong, truc Oz vudng goc voi mat dat
hudng 1én bau troi, moéi don vi trén cdce truc twong tng véi 1 m . Tinh quang dwong flycam
bay tlr vi tri A dén vi tri B, biét flycam bay tir vi tri A dén vitri B theo mot duong thang

(lam tron két qua dén hang don vi ctia mét).

Cau 65: Khi gén hé toa d6 Oxyz (don vi trén mdi truc tinh theo kildomét) vao mot san bay, mat phéng
(Oxy) tring v6i mat san bay. Mot may bay bay theo duong thang tir vi tri A(5; 0; 5) dén vi tri
B(10; 10; 3) vaha canh tai vi tri M (a; b; 0). Gia tri ctia a+b bang bao nhiéu (viét két qua dudi
dang s6 thap phan)?
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Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:
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Mot chiéc xe dang kéo cing s¢i day cap AB trong cong truong xay
dung, trén d6 da thiét 1ap hé toa d¢0 Oxyz nhu hinh vé dudi véi do

dai don vi trén cac truc toa do bing 1m. Biét AB=(x;y;z). Tinh

X+ 2y —2 (lam tron dén hang phin muwoi).

Trong mot khu du lich, nguoi ta cho du khach trai nghiém

thién nhién bang cach du theo duong truot zipline tir vi tri
A cao 15 m cta thap 1 nay sang vi tri B cao 10 m ctia thap
2 trong khung canh tuyét dep xung quanh. Voi hé truc toa
do Oxyz cho trudce (don vi: mét), toa dd cua A va B Tan luot

la A(3;2,515) va B(2127,5;10). Khi du khach khi & do

cao 12 mét thi toa do ctia du khach lic dola M (a; b; C) . Tinh gia tri biéu thiee T =a+b+c.

rae: YTTTT]

Trong khong gian v6i hé toa d6 Oxyz (don vi trén moi truc toa do 1a 1m ), mot cabin cap treo
xudt phét tir di€ém A(10;3;0) va chuyén dong déu theo duong cap thang dén vitri D cach diém
A mot khoang 3780m. Biét duong di ctia cabin cling phirong véi vecto U =(2;—-2;1) va sau 3
phut ké tir khi xudt phat thi cabin di dén vi tri B e¢6 hoanh d6 X, =550. Hoi thoi gian di chuyén
cta cabin trén quang duong AD la bao nhiéu giay?

s ST

Trong khong gian Oxyz, chohaidiém A(2;-2;4),B(-3;3,-1),C(-1-1-1) vd M la diém thay
ddi thuoe Ox, gid tri nho nhat ctia T = 2MA? +MB? — MC? bang?

T YT

Trong khong gian Oxyz, cho hai diém A(=3;3;-1), B(2;-2;4) . Xét diém M (a;b;c) thudc mat

phang (Oyz) sao cho biéu thitc T =3MA® +2MB? dat gid tri nho nhat. Tim gia tri nho nhat

caa T?

Trong khong gian véi hé truc toa do Oxyz, cho A(0;-11),B(-2;1;-1),C(-1L3;2). Diém
M € (Oxy) débiéu thic T = MA+2MB —MC| dat gi4 tri nh6 nhat. Tinh gia tri nho nhat T ?

Cho A(0;0;-1), B(-110),C(L0;1). Piém M &(Oyz) thoa 3MA* +2MB? —MC” dat gié tri
nho nhét. Tinh gia tri nho nhat cua T ?
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Cau 73: (Dé Tham Khao 2025) Hé thong dinh vi toan cau GPS 1a mot hé thong cho phép xac dinh vi tri
cua mot vat thé trong khong gian. Trong cing moét thoi diém, vi tri ctia mot di€ém M trong khong
gian sé duoc xac dinh boi bon vé tinh cho trude nho cac bo thu phat tin hiéu dat trén cac vé tinh.
Gia st trong khong gian v6i hé toa do Oxyz, c6 bon vé tinh lan lwot dét tai cac diém A(3;10),

B(3;6;6), C(4;6;2), D(6;2;14); vi tri M(a;b;c) thoa man MA=3, MB=6, MC=5,
MD =13. Khoang cach tir diém M dén diém O bang bao nhiéu?

Cau 74: Vi hé truc toa do Oxyz sao cho O
ndm trén mit nwdc, mit phr?mg

(Oxy) 1a méat nudc, truc Oz hudng

lén trén (don vi do: mét), mot con
chim bdi ca dang ¢ vi tri cdch mat

nudc 2m, cach mat phang (Oxz),

(Oyz) Tan lwgtla 3m va Im phong
thang xudng vi tri con ca cach mit nuwéc 50cm, cach mit phang (Oxz), (Oyz) lan luot 1a Im va
15m. Toa d¢ diém B luc. chim bdi ca vira: ti€p xuc véi mat nudc la (a;b;c). Tinh
T =5a+15b+25c.

Cau75: Hai qua béng bay duoc tha 1én cung mot-dia diém. Sau mot khoang
thoi gian, qua bong th nhat nam cach dia di€ém xuat phét 200m vé
hudng Dong va 200m:vé hudng Nam, dong thoi cach mét dat 50m;
quéa béng thit hai nam cach dia diém xuat phat 100m vé huwong Tay va
100m vé huéng Bag, dong thoi cach mat dat 40m. Cuing thoi diém d6,
mot nguoi ding trén mat dat quan sat thay hai qua bong nay.

Biét rang so véi cac vi tri quan sat trén mat dat, vi tri ngroi diéng co

tong khoang cach dén hai qua bong bay la nhé nhét. Tinh khoang cach tir vi tri nguoi quan sat
dén dia diém tha hai qua bong bay nay (Pon vi: mét) (Két qua lam tron dén hang don vi).

Cau 76: Hai chi€c kinh khi cau A va B bay Ién tir cuing mot _;;@
+
vi tri O trén mat dat. Sau mot khoang thoi gian, Bie 4
kinh khi cdu A nam cach diém xudt phat 4km vé Ll
phia Bong va 3km vé phia Nam, dong thoi cach Tay 0 — 5 Ding

mit dat 1km; kinh khi cAu B ndm cach di€m xuat

n,
H
i
1
'
1
'
H
'
'
S S—
¥
'
1
H
'
'
1
'
I
'
P
'

Nam £ x

phat 1km vé phia Bac va 1,5km vé phia Tay, dong
thoi cach mat dat 0,8km (hinh minh hoa bén dwéi). Cung thoi diém d6, mot nguoi ding trén
mét dat va nhin thay hai kinh khi cau néi trén. Biét rang, so véi cac vi tri quan sat khéc trén mat
dat, vi tri nguoi dé dung co tong khoang cach dén hai kinh khi cau la nho nhat. Hoi tong khoang
cach nho nhat Ay bang bao nhiéu kildmét? (Lam tron két qua dén hang phiin tram).
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Cau77: Mot bé cad day nudc c¢d dang hinh hop cht nhat g P
ABCD.EFGH v6i AB=6 (dm), AD=8 (dm) va canh bén 7
bing 10 (dm). Mot chit ¢ con boi theo nhiing doan thing tir MN

diém G dén cham mdt day cta ho, roi tie diém d6 boi dén vi

tri diém M la trung di€ém ctia AF dwgc mo hinh héa nhu
hinh vé sau. D& duong di ngan nhat thi chii ca boi dén diém
duéi day ho cach BA va BC nhiing doan bang a va b. Khi .
d6 téng D =3a+6b bao nhiéu? ’

Cau 78: Khikhac phuc hau qua ctia thién tai, bdo 1&i, mot trong nhiing giai phép 2 d

nham ti€p t€ hang cttu trg dén nhitng noi kho tiép can la st dung
flycam d€ xac dinh vi tri chinh xac ctia nguoi can ctu trg, sau do st

dung drone d€ van chuyén cac vat dung thiét yéu tha xuéng cho nguoi
nay, giup ho cé thé cam cu trong khi cho doi luc lwong ctu ho dén noi.
Hai chi€c drone 1am nhiém vu chuyén hang cttu tro bay 1én tir cung
mot dia diém. Chiéc thi nhat bay dén diém cach diém xuét phat 2,5km
vé phia nam va 1,5km vé phia déng, dong thoi cach méat dat 60m. Chiéc
thtt hai bay dén diém cach diém xudt phat 3km vé phia bacva 2,5km vé
phia tay, dong thoi cach mat dat 40m.Trong khong gian, xét hé toa do
Oxyz véi gbc toa do'0 dat tai diém xudt phat cia hai chiéc drone, mit phang (Oxy) tring véi

mat dat (duoc coi la mat ph:fmg). Gia st trong treong hop khan cap can tim mot vi tri trén mat
dat dé tiép nhién liéu va cac vat dung etu-trg cho hai drone sao cho tdng khoang cach tir vi tri
tiép nhién lidu téi hai drone nho nhat. Vi tri can tim cach gdc toa d6 a km theo hudng bac va
bkm theo huéng tay. Khi d¢6 a-+bbang bao nhiéu?

Cau79: Nguoi ta thuong dung cau truc thap (nhu hinh vé) dé
van chuyén vat liéu xay dung; than thap vuong goc

v6i mat dat, can nang vudng goc-than thap dung dé

lam diém twa nang vat liéu, trén can nang ¢6 bo phan

Than thap

goi la xe con, cd thé chay doc can nang nham di

chuyén vat liéu. Ban dau vat liéu 6 mat dat, cau truc

dung moéc cau nang vat liéu 1én cao theo phuong
thang dtng va cao hon 1m so véi vi tri can dat, sau d6 gitt nguyén do6 cao va cau truc quay can
nang mot géc a €(0°180°) sao cho qui dao tao thanh mot cung tron cho dén khi mit phang
( P) chtra can nang va diém can ddt vuong goc voi mat dat (vat liéu va diém can dat cung ndm
trén mot ntta mat phang (P) so véi than thap). Tiép dén dieu chinh xe con nhdm di chuyén va
ha vat liéu xudng 1Im theo phuong thing ding dtng vi tri can dat. Gia st rang trong khong
gian v6i hé truc toa do Oxyz, than thap la truc Oz va mat dat 1a mat phéng Oxy (don vi tinh
bang mét); vi trf ban dau caa vat liéu la diém A(6;8;0) va vi tri can dit vat lidu 1a diém

B(4;-3;15). Tinh quang duong vat liéu da di chuyén (két qua lam tron dén hang phan chuc).
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Cau 80: Truotnudclamot tro choi van dong dwgc nhiéu nguoi yéu thich trong cac cong vién nudc. Mot
cai mang truot nuwde co thiét ké dang cung tron véi hai dau matla A va B. Chon hé truc toa
dd Oxyz véigdc O ddt tai hinh chiéu ctia A trén mat dat, mat phéng (Oxy) trung véi mat dat
va truc Oz hudng thang ding 1én troi, don vi do 14y theo mét (tham khao hinh vé dudi day).
Biét cac difm A, B va mot diém C ndm trén mang trueot [an lugt c6 toa do la (0; 0; 5) , (6; 7;1)
va (5;0;2). Do dai mang truot nudc d6 bang bao nhiéu mét (lam tron két qua dén hang don vi

cuia mét)?

Tra 161 :

SRR
=
can Trén d&i ndy chdng ai c6 cudc séng d€ dang hon ai 3, chi khic 1A c6 ngudi dang kéu trdi than dat thi lai

¢6 ngudi dang am thdm nd lyc!
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BAI 3: TiCH CO HUONG VA UNG DUNG

| o wnas

# Memorize : # Ly thuyét bai gidng :
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L.

A=)

Vidu 1: Bai toan veé tich c6 hudng:
a) Tim m d& ba vécto U =(2;,-L1),v=(121),w=(m;3,~1) dong phing?
b) Cho hai diém A(1;2;-1), B(0;-2;3). Tinh dién tich tam gidc OAB véi O la géc toa d6?
c) Cho tam gidc ABC c6 A(-10;3),B(2;-2;0),C(-3;2;1). Tinh chiéu cao AH ?

2+ SOLUTION:
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Vidu2: Baitoan vé tich c6 huéng:
a) Tinh dién tich hinh binh hanh ABCD véi A(2;1-3),B(0;-2;5),C(L13)?

b) Tinh thé tich t&t dién ABCD véi A(1;0;0),B(0;1,0),C(0;0;1),D(4;5;6)?
c) Cho ttr dién ABCD c6 A(1-2;0), B(3; s 2),C (-12;2), D(3; 3;1). Tinh chiéu cao cua t&
dién ha tit dinh D xu6ng mat (ABC ) ?

=SOLUTION:

CEO Nguy&n Céng Hanh - Luyén thi S, 10, 11, 12 chuyé&n Nguy&n Du D&k L&k m



0 Toan Thay Hanh - Chuyén Luyén Thi Dai'Hoc 10,111,112 PANG Ki HOC ONLINESTAI
@) 20 Tén That Tung - Tan An - Tp. Buén Ma Thust & tapdoanthayhanh:vn

G 0976.966.307 - 0935.799.744 M TAP DOAN TOAN HQC THAY H ‘

\'/LS/ MCQ MASTERY /
1. Tric nghiém nhiéu phuong an lua chon. (M6i cAu h3i thi sinh chi chon mét phuong an).
Cau1: Trong khong gian véi hé toa do Oxyz, cho hai vecto a= (2;ZL' —2) va vecto b= (1; 0; 2) . Tim toa

d6 vecto cla tich c6 huéng ctia @ va b.
A. 6=(2;6;—1). B. E=(4;6;—1). C. 6=(4;—6;—1). D. E:(Z;—G;—l).

Cau2: Trong khong gian OXyz, toa do mot vecto n vudng gbéc vdi ca hai vecto 5.=(l;1;—2),
=(10;3) 1a
A. (2;3-1). B. (3;5;-2). C. (2;-3-1). D. (3;-5;-1).

Cau3: Trongkhong gian véi hé truc toa do Oxyz, cho ba vécto a= (l, 2; 1) ( 1 O) c= (l, -5; 2)
. Cau nao sau day dung?
A.a cung phuong vdi b. B.a,b,c khong dong phang.
C.a,b,c dong phéng. D.a vudng goc véi b .

Cau4: Tronghé truc toa do OXyz, chobdn diem A(L;—2;0), B(2;0;3),C(—2;1;3) va D(0;11). Thé tich
khdi tt dién ABCD. béang:
A. 6. B. 8. C.12. D. 4.

Cau5: Trong khong gian véi hé toa do Oxyz, cho a= (l; —2;3) va B=(1;l;—1). Khéng dinh nao sau

day sai?

A. ‘§+B‘:3. B. ab=—4. C. |5—5|=5. D. [5,5]:(—1;—4;3).
Cau6: Trong khong gian OXyz, cho hai diém A(1;0;<1), B(1;-1;2). Dién tich tam giac OAB bang

A V1L B. ?. C. g D. /6.

Cau7: Trong khong gian Oxyz, cho 4 diém A(2;0;2) . B(l; -1 —2), C (—1;1;0), D(—Z;l; 2) . Thé tich
ctia khdi tt dién ABCD béng
42 14 21

A —. B. —. C. — D.Z.
3 3 3 3

Cau8: Trong khong gian Oxyz, tinh dién tich S cta tam giac ABC, biét A(2;0;0), B(0;3;0) va

C(0;0;4).
A.S:@. B.S:@. C. S=2+/61. D. S=+/61.

Cau9: Trong hé truc toa do Oxyz, cho O(0;0;0), A(0;1;-2), B(1;2;1), C(4;3;m). Tat ca gia tri cta
m dé€ 4 diém O, A B,C dong phéng?
A. m=14. B. m=-14. C.m=7. D. m=-7.
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Cau 10: Trong khong gian Oxyz, cho hinh chép ABCD c6 A(0;1;,-1), B(L12), C(L-10) va
D (0;0;1). Tinh d6 dai dudng cao ctia hinh chép ABCD.

A 2\2. B.ﬂ C. 32. D Q

2 )

% TAP DOAN TOAN HQC THAY HANH ¢

Cau 11: Trong khong gian véi hé truc toa 9, cho hinh binh hanh ABCD. Biét A(2;1;,-3), B(0;-2;5)
va C(1;1;3). Dién tich hinh binh hanh ABCD la

A. 2487 . B. —“3249. C. 349 D. 87

Cau 12: Trong khdng gian véi hé toa do Oxyz, cho bon diém A(O;l; 1), B (—1; 0; 2) ,C (—1; 1 0) va diém
D (2;1; —2) . Khi @6 thé tich t& dién ABCD la

AV =2, B.V =2, cv=2, D.v =2,
6 3 5 2
Cau 13: Trong khong gian Oxyz, cho A(%2;-1), B(0;=2;3). Tinh dién tich tam giac OAB.

Cau 14: Trong khong gian v6ihé toa d6 OXyz, cho bon diém A(O; 0; 2) , B (3; 0; 5) , C (1;1; 0) , A(4;1; 2)
. D6 dai duong cao ctia t¢ dién ABCD ha tit dinh D xubng mat phéng ABC la

A. % B. 1. C. 11. D. \V11.

Cau 15: Trong khong gian OXyz, cho céc vecto a= ( —5:3; 1) (ZL 2, 1) = (m;3; —1). Gid tricua m
sao cho a= [6 E] la
A. m=-1. B. m=-2. C. m=1 D. m=2.

Cau 16: Trong khong gian vdi he toa do Oxyz, cho hai vecto m= (4; 3;1), n= (O; 0; 1). Goi B la vecto
cung hwdéng véi [E, ﬁ} (tich c6 hwdng ctia hai vecto m van ). Biét ‘B‘ =15, tim toa d0 vecto 6
A. p=(9-12,0). B. p=(45-60,0). C. p=(0;9-12).  D. p=(0;45,-60).

Cau 17: Trong khong gian voi hé toa do Oxyz, cho A(O;—Z;Z—a); B(a+3;—1;1); C(—4;—3;O);
D(-1-2;a—1). Tap hop cac gid tri cia a dé bdn diém A, B, C, D ddng phéng la tap con

cla tap nao sau?

A (-T;-2). B.(36).  C. (58). D. (-2:2).

Cau 18: Trong hé truc toa d6 Oxyz, cho ti dién ABCD bist A(3;-2;m),B(2;0;0), C(0;4;0),
D(0;0;3). Tim gia tri dwong ctia tham s6 M d& thé tich t& dién bang 8.
A. m=8. B. m=4. C. m=12. D. m=6.
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Cau 19: Trong khong gian véi hé toa do Oxyz, cho u= (l;l; 2),\7 = (—l; m; m— 2) . Khi ‘[l], ﬂ‘ = \/]j thi

A. m=1hoac m:—l—l B. m=-1 hoic m:_E'
5 3
C. m=1hoac m=-3 D. m=-1

Cau20: Trong khong gian véi hé truc toa do Oxyz, cho t& dién ABCD c6 A(2;-11), B(3;0;-1),
C(2;-13), DOy va cé thé tich bang 5. Tinh tdng tung d6 ctia cac diém D.
A. -6 B. 2 C. 7 D. 4

Cau21: Trong khong gian véi hé toa do Oxyz, cho diém A(L-2;0), B(1,0;-1), C(0;-12),
D (—2; m; n) . Trong cac hé thirc lién hé gitta M va n dudi day, hé thirc nao d€ bdn diém A, B,
C, D dong phéang?
A. 2m+n=13. B. 2Zm—-n=13. C. m+2n=13. D. 2m-3n=10.

2. Cau hoéi dang sai. (Trong moi y (a),(b),(c),(d) mbi cau, thi sinh chon diing @boéc sai ®)
Cau 22: Trong khong gian véi hé truc toa do OXyz, cho bon véc to a= (2; 3 1) , b= (5; 7 O) ,
c=(3-24) va d =(4;12,-8). Xét tinh diing sai ctia cde ménh deé sau:

Ménh d¢ Diang | Sai
(a) | a, b, ¢ 1aba véc tokhong dong phing C] G
(b) | 2a+3b=d-2c O [
(© | [a+B|=|d +¢ OO
(d) | d=a+b—c C] [j

Cau 23: Trong khong gian véihé toa do OXyz, cho a= (ZL' —2;3) va b= (1;]; —1). Xét tinh dung sai cua

ciac ménh dé sau:

Ménh dé Ding | Sai
(@) ‘5 + 5‘ =3. D C]
(b) | ab=-4. (] | ()
© |[a-B=5. 00
(d) | Vec to cuing vudng goc voi vec to a va b c6 toa do bang (-1,-4;3). D [:]

Cau 24: Trong khong gian véi hé truc toa do OXyz, cho ba vécto a= (l; 2 —1) , b= (3; -1 O) , c= (l; -5 2)

. Xét tinh dang sai ctia cac ménh dé sau:

Ménh de Ding | Sai
(a) | a cung phuong vdi b. D G
(b) | a,b,c khong dong phang. D [j
(c) | a,b,c dong phing. D [:]
| a khong vudng goc voi b. D C]
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Cau25: Trong hé truc toa dd Oxyz, cho bén diém A(0;-2;1);B(L0;-2);C(3;5,-2);D(-2;—2;-1).
Xét tinh dung sai cua cac ménh dé sau:
Ménh aé Ping | Sai
(a) | Bon diém A, B,C,D khong dong phang.

(b) | Tam gidc ACD Ia tam gidc vuong tai A.

(c) | Géc giita hai vécto AB va CD la géc tir.
(d) | Tam gidc ABD la tam giac can tai B.
Cau 26: Chotidién ABCD véi A(2;10),B(L13),C(2;—13), D(1;,—10). Xét tinh dng sai ctia cdc ménh

dé sau:

auns
[

Sai
J
J
UJ

O

Cau 27: Trong hé truc Oxyz, cho 3 diém A(L;0;0), B(0;0;1),C(2;1;1) . Xét tinh ding sai cua cac ménh dé

Ménh dé
(a) | T@ dién ABCD c6 cac canh d6i d6i mot b.%mg nhau.
(b) | Géc gifta 2 duwong thang AB va CD la ¢ =arccos0,3

(c) | Khoang cach gifra 2 dwong thang AB va CD bang 3

Jia

(d) | Ban kinh ctia mit cau ngoai tiép tit dién ABCD bang -

0 000g

sau:
Ménh dé Ping | Sai
(a) | Dién tich ctia tam giac ABC bang ?(dvdt) D C]
Goi D(X;Y;2) sao cho tit giac ABCD la mét hinh binh hanh khi d6
By y+z=3 D D
Do dai duwong cao clia tam giac ABC ha tir A bang AH = @ (don
© | - % ' = 5 C] C]
vi dai)
(d) | Thé tich ciakh&i chép SABCD véidinh S(0;3;4) bang 2 (dvtt) (] |0
Cau 28: Hinh minh hoa so d6 mot ngdinha trong hé truc toa do 0(2:5:4)
Oxyz, trong d6 nén nha, bdn bite twong va hai mai nha
déu 1a hinh ch@ nhat. Xét tinh dung sai ctia cac ménh dé G G4:5:3)
sau: z P(2:0:4)
T E."'d /
e (:,i'i .............. - B(4:5:0)
()'m 1050 A X
Ménh dé Diing

(a) | Toa do diém A la (4,0;0).

(b) | Toado AH =(4;5;3)

(c) | AH.AF =3

Goc dbc ctia mai nha, tiee la sd do ctia goc nhi dién ¢6 canh la duong
(d) | thing FG, hai mt Ian lwot la (FGQP) va (FGHE) bang 26,6  (lam

tron két qua dén hang phan muoi cta do)

0 000
0 00O0eE
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3. Cau hoi trd 18i ngdn. (Thi sinh trd dién két qua vao 6 tréong )
Cau 29: Trong khong gian v6i hé toa do Oxyz, cho hai diém C (4;0; 0) va B (2; 0; 0) . Tim toa d6 diém
M thudc truc tung sao cho dién tich tam giac MBC br?mg 3.

Cau30: Trong khong gian véi hé truc toa do Oxyz, cho t& dién ABCD c6 A(2;-11), B(3;0;-1),
C(2;-13), D €Oy vathétich tt dien ABCD bang 5. Téng tung d6 ctia cac diém D thoa man

yéu cau bai toan bang

qqqqg Ly do dé tit bd c6 rat nhiéu, nhung Iy do dé nd Iyc phdn ddu thi chi c6 mot, d6 chinh 1A dé ban than c6

can quyén Iya chon ma minh mong mudn
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Vidu 1: Thoi gian hoan thanh bai ki€ém tra moén Toan cta cac ban trong 16p 12C dwoc cho trong bang
sau:

Thoi gian (phat) ‘ [25;30) [30;35) [35;40) | [40;45)
S6 hoc sinh | 38 16 4 2

a) Tinh khoang bién thién R cho mau sd liéu ghép nhém trén.

b) Tim khoang t& phan vi AQ cho mau s6 liéu ghép nhém trén.

> SOLUTION:

Vi du 2: Bang dudi biéu thi két qua diéu tra thoi gian stt dung Internet hdng ngay ctia mot s6 nguoi.
gui e (o [30;60) | [60;90) | [90;120) | [120;150) [150;180)

S6 nguoi 2 4 10 5 3
Tim khoang bién thién va khoang t phan vi ctia mau sb liéu da cho?
2»SOLUTION:
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Vidu3: Thu nhap theo thang (don vi: triéu dong) ctia nguoi lao ddng ¢ hai nha may nhu sau:

Thu nhap [5;8) [8;11) [11,14) [14;17) [17;20)
SO nguoi cia nha may A 20 35 45 35 20
S6 nguoi cia nha may B 17 23 30 23 17

Tinh mttc thu nhap trung binh ctia nguwoi lao dong ¢ hai nha may trén.

Tim khoang tt phan vi va khoang bién thién.

> SOLUTION:

Vi du 4: Bang sau day cho biét chiéu cao cua cac hoc sinh 16p 12 A va 12B.
(@ ENRETN O [145;150) | [150;155) | [155;160) | [160;165) | [165;170) | [170;175)

S6 HS 12A 1 0 15 12 10 5

S6 HS 12B 0 0 17 10 9 6
a) Tim khoang bién thién, khoang t phan vi cho cdc mau s6 liéu ghép nhém veé chiéu cao ctia
hoc sinh 16p 12A, 12B.

b) D€ so sanh dd phén tan vé chiéu cao cua hoc sinh hai 16p nay ta nén dung khoang bién
thién hay khoang tit phan vi? Vi sao?

“»SOLUTION:
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Vidu5: Diém kiém tra cudi khoda mén Tiéng Anh cta hai 16p & mét trung tdm ngoai ngtr dugc thong
ké trong cac bang
biém [50;60) [60;70) [70;80) [80;90) | [90;100)
S6 HS lop A 8 20 50 17 5
S6 HS 16p B 15 20 30 20 15
a) Tim khoang bién thién ctia mdi mau s liéu. C6 thé dung khoang bién thién dé biét diém
cua 16p nao dong déu hon khong?
b) Tim khoang tt phan vi ctia mdi mau s liéu.
¢) Mau s8 liéu nao c6 dd phan tan 1én hon? Minh hoa cau tra 16i bang cach biéu dién cac t&
phén vi va khoang tt phéan vi cua mdi mau s6 liéu trén truc so.
2+ SOLUTION:
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i \l/P/S/ MCQ MASTERY /

1. Tric nghiém nhiéu phuong an lua chon. (MSi cAu h3i thi sinh chi chon mét phuong an).

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cb Ha thdng ké lai duong kinh than gd ctia mdt s3 cay xoan dao 6 ndm tudi dugc trong 6 mot
lam treong ¢ bang sau.
Puong kinh (cm) [EESOEES) [45;50) [50;55) [55;60) | [60;65)
Tan s6 0 20 18 7 3
Hay tim khoang bién thién ctia mau s6 liéu ghép nhém trén.

A. 25. B. 30. C.6. D. 20.

Ban Chi rat thich nhay hién dai. Thoi gian tap nhay moi ngay trong thoi gian gan day ctia ban
Chi duogc thdng ké lai & bang sau:

Il [20,25) | [25;30) | [30;35) | [3540) | [40;45)
S6 ngay | 6 6 4 1 1

Khoang bién thién ctia mau s& liéu ghép nhém la

A. 25. B. 20. C. 15. D. 30.

Mot vuon thu ghi lai tu6i tho (don vi: nam) cua 20 con hé va thu duoc két qua nhu sau:
Nk [14:15) | [1516) | [16:17) | [17;18) | [18;19)
S6 con hg | 1 3 8 6 2

Khoang bién thién ctia mau s& liéu ghép nhém nay 1a

A. 3. B. 4. C.5. D. 6.

Mot vuon thu ghi lai tudi tho (don vi: nam) cua 20 con ho va thu duoc két qua nhu sau:

RGN [14;15) [15;16) [16;17) | [17;18) [18;19)
S6 con ho 1 3 8 6 2
Nhém chtta tt phan vi thit ba la
A. [15;16). B. [16;17). C. [17;18). D. [18;19).

Doanh thu ban hang trong 20 ngay duoc lira chon ngau nhién ctia mot ctra hang duwgc ghi lai 6
bang sau (don vi: triéu dong):

Doanh thu
SO ngay

[5:7)

[7:9)

[9;11)

[1113)

[13;15)

2

7

7

3

1

T phan vi thit nhat cia mau s6 liéu trén gan nhat véi gia tri nao trong cac gia tri sau?

A.7. B.7,6. C.8. D. §,6.

Cho mau sd liéu ghép nhom vé tudi tho (don vi tinh 1a nam) ctia moét loai bong den méi nhuw

sau.

IO [2,35) | [355) | [565 | [6598)
S¢ bong den [JE 22 35 15
Nhém chtra tit phan vi thit nhat caa mau s6 liéu 1a
A. [2;3,5). B. [3,5;5). C. [56,5). D. [6,5;8).
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13;

Cho bang s6 liéu vé chiéu cao ctia 100 hoc sinh mot truong trung hoc phd thong duwdi day. Ti
phan vi tht nhat ctia mau s liéu ghép nhém trén (1am tron két qua dén hang phan tram) 1a

(@ TR [150;153) | [153;156) | [156;159) | [159;162) | [162;165) | [165;168)
S6 HS 7 13 40 21 13 6
A. 156,25. B. 157,5. C. 156,38. D. 157,54.

Bang dudi bidu dién mau s liéu ghép nhém vé s6 tién (don vi: nghin dong) ma 60 khach hang

mua sach & mot ctra hang trong mot ngay.

Chiéu cao ‘ [40;50) [50;60) [60;70) [70;80) [80;90)
ssHS [E 6 19 23 9

Khoang tt phan vi ctia mau sd liéu ghép nhom trén la:

A. 50. B. 40. C. 14,23. D. 70,87.

Ban Chi rat thich nhay hién dai. Thoi gian tap nhay moi ngay trong thoi gian gan day ctia ban
Chi duogc thdng ké lai & bang sau:
TSIl [20;25) | [25;30) | [30;35) | [35;40) | [40;45)
S6 ngay | 6 6 4 1 1
Khoang t phan vi cia maus6 liéu ghép nhom 1a

A.23,75. B. 27,5. C.31,88. D. 8,125.

Thoi gian (phut) truy cap Internet moi budi toi cia mdt s6 hoe sinh duoc cho trong bang sau:
it ESEVR( G [9,5,12,5) | [12,5/15,5) | [15,5;18,5) | [18,5;215) | [215;24,5)
S6 hoc sinh 3 12 15 24 2
Khoang t phan vi ctia mau s6 liéu ghép nhém la

A.10,75. B. 4,75. C. 4,63. D. 4,38.

Bang dwdi biéu dién mau s6 liéu ghép nhom vé s6 tien (don vi: nghin dong) ma 60 khach hang
mua sach & mot cira hang trong mét ngay. Khoang bién thién ciia mau s6 liéu ghép nhom la:

Nhém [40;50) [50;60) [60;70) [70;80) [80;90)
Tan so 3 6 19 23 9

A. 50. B. 30. C.6. D. 69,8.

Moi ngay bac Hwong déu di bd dé rén luyén sttc khoé. Quang duong di bo mdi ngay (don vi:
km) ctia bAc Huong trong 20 ngay duoc thong ké lai & bang sau:
T Y (2730 | [30:33) | [3336) | [3639) | [39472)
S6 ngay 3 6 5 4 2
Khoang bién thién ctia mau sd liéu ghép nhém la

A.15. B. 0,9. C.0,6. D. 0,3.

Diing 1a hoc sinh rat gioi choi rubik, ban cé thé giai nhiéu loai khoi rubik khac nhau. Trong mot
lan tap luyén giai khoi rubik 3x3, ban Diing da tu thong keé lai thoi gian giai rubik trong 25 lan
giai lién tiép & bang sau:
VTG RSEV RSB R Al [8,10) | [10;12) | [12;14) | [14;16) | [16;18)

S6 lan 4 6 8 4 3
Khoang bién thién ctia mau s8 liéu ghép nhém nhan gid tri nao trong cac gia tri dudi day?

A.6. B. 8. C. 10. D. 12.
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Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:
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Mot vuon thu ghi lai tudi tho (don vi: nam) cua 20 con hé va thu duwoc két qua nhu sau:

Tuéi tho [14;15) [15;16) [16;17) | [17;18) | [18;19)
S6 con ho 1 3 8 6 2
Nhom chtta tt phan vi thit nhat la
A. [14;15). B. [15;16). C. [16;17). D. [17;18).

Khao sat thoi gian tap thé duc trong ngay cta mot sd hoc sinh khoi 11 thu duoc mau sd lieu
ghép nhom sau:

TGRS EVNWG [0,20) | [20;40) | [40;60) | [60;80) | [80;100)
S6 hoc sinh 5 9 12 10 6

Nhom chtta tt phan vi thit nhat la

A. [0;20). B. [20;40) . C. [40:60). D. [60; 80).

Doanh thu ban hang trong 20 ngay dwoc Iya chon ngau nhién ctia mot ctra hang dwoc ghi lai &
bang sau (don vi: triéu dong):

Doanh thu [57) [7:9) [9;11) [11;13) [13;15)
So6 ngay 2 7 7 3 1

Tt phéan vi th ba cia mau s6 liéu trén gan nhat véi gia tri nao trong cac gia tri sau?

A. 10. B. 11. C.12. D. 13.

Cho mau s8 liéu ghép nhém vé tudi tho (don vi tinh 1a nam) ctia mot loai béng dén méi nhuwe

sau.
Tuéi tho [2;3,5) [3,5;5) [5;6,5) [6,5;8)
S6 bong dén 8 22 35 15
Nhém chita t& phan vitht ba cua mau $6 liéu la
A. [2;3,5). B. [3,5;5). C. [5;6,5) . D. [6,5;8).

Mbi ngay bac Huong déu di bo dé rén luyén stic khoé. Quang duong di bdo mdi ngay (don vi:
km) ctia bAc Huong trong 20 ngay duoc thong ké lai & bang sau:

eREntR Rt (oM [2,7,30) | [30;33) | [3336) | [3639) | [39472)
S6 ngay 3 6 5 4 2
Khoang t phan vi ctia mau s6 liéu ghép nhém la
A.0,9. B. 0,975. C.0,5. D. 0,575.

Diing 1a hoc sinh rat gioi choi rubik, ban cé thé giai nhiéu loai khoi rubik khac nhau. Trong mot
[an tap luyén giai khoi rubik 3x3, ban Ding da ty thong ké lai thoi gian giai rubik trong 25 lan
giai lién ti€p o bang sau:

LGRS ELRSEiRI At [8,10) | [10;12) | [12;14) | [14;16) [16;18)
S6 lan 4 6 8 4 3
Khoang t phan vi ctia mau s6 liéu ghép nhém la

A.10,75. B.1,75. C. 3,63. D. 14,38.
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Ghi lai tdc dd bong trong 200 lan giao béng ctia mot van dong vién mdn quan vot cho két qua

nhu bang bén.

Téc do o (km/h)

So lan

Khoang tt phan vi ctia mau s6 liéu ghép nhém la

A.12,6.

[150;155) | [155;160) | [160;165) | [165;170) | [170;175) | [175;180)
18 28 35 43 41 35
B.11,5. C.14,3. D. 16,8,

2. Cau héi dang sai. (Trong méi y (a),(b),(c),(d) mdi cau, thi sinh chon diing @boéc sai ®)
Cau 21: Bang sau biéu dién mau s6 liéu ghép nhdm vé d6 tudi cta cue dan trong mot khu phd.

Cau 22:

Cau 23:

Nhom [20;30) [30;40) [40;50) [50;60) [60;70) [70;80)
Tan so 25 20 20 15 14 6
Ménh deé Ping | Sai

(a)

Khoang bién thién ctia mau sd liéu ghép nhém trén la: R =60

U

)

(b)

T phén vi thi nhat la: Q=35

U

O

()

T phan vi thit bala: Q; = —

160
3

O

OJ

(d)

Khoang t&t phén vi ciia mau s6 liéu ghép nhom trénla: A, =—

65

U

O

Bang dudi day bi€u dién mau s6 liéu ghépnhém vé can nang cua mot sd qua dira dugc lya chon
ngau nhién ttt mot 16 hang (don vi: gam).

N [1750;1770) | [1770;1790) | [1790;1810)-| [1810;1830) | [1830;1850)
Tin s6 12 25 38 20 5
Ménh dé Ping | Sai

(a)

Co mau ctia mau s6 liéu ghép nhom trén la n=100.

)

(b)

Khoang bién thién ctia.mau sd liéu ghép nhém trén 1a 100 gam.

J

(c)

Tt phan vi thit ba cia mau 8 liéu-ghép nhém trén 1a Q, =1830.

U

(d)

Khoang t@ phan vi cia mau s6 liéu ghép nhém trén la A, = 29,6

OJ

Thong ké diém trung binh mon Toan ctia mét sO hoc sinh 16p 11 dugc cho 6 bang sau:

[6,57) | [7;7,5) | [7.5:8) | [885) | [8,59) | [%95) | [9510)
Tinsé [ B 10 16 24 13 7 4

Ménh 48 Ping | Sai

(a) | Khoang bién thién cia mau s& liéu la R=4 () |10

(b) | SO trung binh ctia mau s lidu xap xi bang;: 8,12 C] D

(c) | M6t ctia mau s6 ligu 1a: 6,21 () 10

(d) | Khoang tir phan vi ctia mau s liéu ghép nhém la: A, = 2,05 C] D
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Cau 24: Mot thu vién thong ké s6 nguoi dén doc sach vao budi téi trong 30 ngay ctia mot thang va két
qua dugc cho boi Bang.

N (50,55 | [55;60) | [60;65) | [65,70) | [70;75) | [75;80) | [85;90)
Tin s6 4 5 7 8 3 2 1

Ménh 4@ Dung

(a) | Khoang bién thién cua mau s8 liéu ghép nhém d6 1a: 40 (nguoi)

(b) | Tt phan vi nhat Q, ctia mau s6 liéu trén 1a 58,5

(c) | T@ phan viba Q, ctia mau s8 liéu trén nhé hon 68

Khoéng t&t phan vi ctia mau s8 liéu ghép nhém trén (Iam tron két qua

0000
0 O00E

() dén hang don vi) bang 9
Cau 25: Biéu d6 dudi day thong ké thoi gian tap thé ducbudi %4  Thoi gian tip thé duc budi sing
sang mdi ngay trong thang 9/2022 ctia bac Binh va bac »
An. 20

15 m Bac Binh

10 Bic An
3 0
0 _ >

Thoi gian
20) [20:2 30) [30:35) [35:40) (phiit)

Ménh dé

Khoang bién thién ctua mau s liéu ghép nhém vé thoi gian tap thé duc

(@) | busi sang ctia bée Binhda 25 (pht).

Khoang tt phan vi cia mau s liéu ghép nhém vé thoi gian tap thé duc
®) | busi sdng ctia bac An la: Ay =2

Tt phan vi thit ba ctia mau s6 liéu ghép nhém vé thoi gian tap thé duc

© | pusi sang clia bac Binh 1a; Q, = ‘25

Khoang t& phan vi cia mau s liéu ghép nhom vé thoi gian tap thé duc
budi séng mdi ngay ctiabac An 1én hon bac Binh

DDDD§
O

O

(d)

Cau 26: Bang sau biéu dién mau s8 liéu ghép nhom théng ké mite lwong ctia mot cdng ty (dv: tridu dong).

WOV [10;15) | [15;20) | [20;25) | [25;30) | [30;35) | [35;40)
T‘aﬁm Sl 15 18 10 10 5 2
Ménh dé Ping | Sai
(a) | Khoang bién thién ctia mau s6 liéu ghép nhém trén la: R =30 [j D
(b) | S6 phan tir cia mau la n=60 C] D
(c) | T@ phan vi tht nhét la: Q, =15 (] | (3
(d) | Khoang tt phan vi ctia mau s8 liéu ghép nhom trén la: A, =3 () | ()

Cau 27: Két qua do chiéu cao ctia 100 cay keo 3 nam tudi tai mot nong treong duoc cho ¢ bang sau:
@ SIREICOM [8,4,8,6) | [8688) | [8890) | [9092) | [9294)
S0 cay 5 12 25 44

Ménh &

(a) | Khoang bién thién ctia mau s liéu ghép nhém: 1(m)

(b) | T& phan vi thit ba cua mau sé liéu ghép nhom la: Q, =10,5

(c) | Khoang t phan vi ctia mau s liéu ghép nhém la: A, = 2,06

Trong 100 cay keo trén c6 1 cay cao 8,4m. Thi chiéu cao ctia cay keo

0 DO0E|=
0 000¢

(d)

nay la gia tri ngoai l¢
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Cau 28: MOt cong ty cung cdp nudce sach thdng ké lwong nudce cac ho gia dinh trong mot khu vyece tiéu
thu trong mot thang ¢ bang sau:
Lwong nwdc tiéu thu (m?3) [3,6) [6;9) [9;12) [12;15) [15;18)
S6 ho gia dinh 24 57 42 29
Ménh dé
(a) | SO trung binh ctia mau s6 liéu ghép nhém da cho la 9,375.
(b) | M8t ctia mau s6 liéu 1a M, =8,0625.

(c) | Khoang bién thién ciia mau s6 liéu ghép nhém da cho 1a 15

Cong ty mudn giri mot thong bao khuyén nghi tiét kiém nuwdc dén
25% cac ho gia dinh c6 lwong nudc tiéu thu cao nhat. Khi d6 cong ty
() | nén gui thong bao tiét kiém nudc dén cac hd gia dinh cd lvong nude
tiéu thy tir 14,79m’ nudc trd lén.

0 DOOE|-
0

Cau 29: Gia st két qua khao sat hai khu veec A va B vé d6 tudi két hon ciia mét s6 phu nix vira lap gia
dinh dwoc cho ¢ bang sau:

Tu6i két hon [19;22) | [22;25) | [25;28) | [28;31) | [31;34)
S6 phu nit khu vic A 10 27 31 25 7
S6 phu nit khu vec B 47 40 11 2 0
Meénh dé bang | Sai

Khoang bién thién ctia mau so liéu ghép nhéom tng véi khu vuc A 1a:
@ | 15 (s ' p OO

Khoang bién thiénctia mau s6 liéu ghép nhém timg véi khu vuce B la:
) | 1oty - L OO

Khoang t phan vi ctia mau s6 liéu ghép nhom tng véi khu vuc A 1a:

(c) % (tusi) 00

Néu so sanh theo khoang tt phan vi thi phu ntt 0 khu vuc B c¢6 do tudi D C]
két hon dong déu hon

(d)

Cau 30: Bang sau biéu dién mau sd liéu ghép nhém veé sd tién (don vi: nghin dong) ma 60 khach hang
mua sach & mot cira hang trong mot ngay.

\jitonel [40;50) | [50;60) | [60;70) | [70;80) | [80;90)
Tan s6 5 8 25 20 2

Ménh dé Ping | Sai
(a) | SO trung binh cong ctia mau s& liéu trén 1a 65 (nghin dong). [:] [:]
(b) | Trung vi ciia mau s§ lidu trén la 66,8 (nghin dong). D [j
(c) | Tt phan vinhat Q, ctia mau s6 liéu trén 1a 60,8 (nghin dong). D C]
(d) | M8t ctia mau s liéu trén 1a 65 (nghin dong). C] C]

3. Cau hoi tra 18i ngdn. (Thi sinh trd dién két qua vao 6 trong )
Cau31: BécTuan kiém tra cAn ning ctia 40 qua tring duoc lya chon ngau nhién tir mot trang trai va ghi
két qua vao bang di liéu ghép nhém sau:
Can nang (gam) [80;85) | [85;90) | [90;95) | [95;100)
Tan s6 twong d6i 35% 25% 10% 5%
Tinh ti s§ ctia khoang tt phan vi va khoang bién thién ctia mau sd liéu ghép nhém trén.

raw: ¢TI
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Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:
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Bang tan s6 twong ddi ghép nhom sau day ghi lai huyét ap tam thu cua 80 nguoi cao tudi & mot
khu vye (don vi: mmHg ).

Nhém [ [120;125) [ [125,130) | [130;135) | [135;140) | [140;145)
Tan s6 tuong d6i BB 10% 15% 25% 45%

Tim m&t ctia mau s8 liéu ghép nhém trén (két qua 1am tron dén hang don vi).

Bang dudi day biéu dién mau sd liéu ghép nhdm vé can ning cua mot s& qua budi da xanh &
mot khu viee (don vi: kg).

Nhom [1L2,1,3) [1,31,4) [1L4,1,5) [15;1,6) [1L6;1,7)
Tan so 8 21 8 7 6

S6 trung binh ctia mau s& liéu ghép nhém trén 1a bao nhiéu? (Lam tron dén hang phin trim)

s VT

Mot trung tam tiéng Anh td chikc thi thir cho 120 hoc sinh da dang ki. Két qua diém ctia 120 hoc
sinh 1a mdt mau s6 liéu c6 bang tan s6, tan s6 tich luj nhue Bang.

N [01) | [L2) | [23) | [S$4) | [45) | [56) | [67) | [7:8) | [89) |[910]
Tan s6 2 4 7 7 16 28 25 20 7 4
Tinh khoang tt phan vi ctia mau s6 liéu ghép nhém ? . ranss
Két qua khao sat can nang cua 80 con tom cang xanh 5 = " i

thang tudi ¢ mot khu nudi tom duoc biéu dien ¢ biéu
do6 tan s bén. Hay tim khoang t& phan vi cia mau so 10
lieu ghép nhom trén.

Bang sau cho ta bang tan s6 ghép nhom vé so liéu thong ke chiéu dai duwong bo bién (don vi:
kilomét) ctia 28 tinh, thanh pho c6 gidp bién ¢ Viét Nam.

Tra 161 :

W[50;70) m([70;80) m[80;90) m[90;100) Cn ning (g)

N ¥ [0:100) | [L00;200) | [200;300) | [300;400)
Tinsd [JEE 11 3 1

Trung vi cia mau s8 liéu d6 bang bao nhiéu (lam tron két qua dén hang don vi)?

Ban Minh ghi lai thoi gian tap bodng ban cua minh trong 10 ngay ¢ bang sau day (don vi: phut).
[25;30) | [30;35) | [35;40)
3 2 2 3

Tinh trung binh ctia mau s6 liéu ghép nhém ?.

Bang sau cho biét thoi gian hoan thanh cy 1i di b 10000 m ctia mot s6 hoc sinh:
[75;80) | [80;85) | [85;90) | [90;95)

Thoi gian (phut

SO nguoi 5 12 18 24 19
Hay tim khoang t& phan vi cﬁa mau s6 liéu ghép nhom trén. (Lam tron dén hang phin muweoi.)

{[TTT

Tra 161 :
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Cau 39: Bang sau thong ké can nang cta 50 qua xoai Thanh Ca duoc Iya chon ngau nhién sau khi thu
hoach & mot nong truong.
Canniang (g) ‘ [250;290) [290;330) [330;370) [370;410) [410;450)
S6 qua x0ai | 3 13 18 11 5

Khoang t phan vi ctia mau s6 liéu ghép nhém d6 1a % . Tim a—63b

Cau40: Nguoi ta do d6 dm khong khi ltc 12 gid trira moi
ngay tai mot dia di€ém trong thang 4. Két qua cac
lan do dwoc bidu dién & bidu d6 tan s tuwong ddi
ghép nhom dudi day. Tan s6 twong doi ctia 46 4m e "

A e 4 LB ’ LN ~r .~ 20
khong khi lac 12 gio trwa. Tinh hiéu s gitta
2 7 A LN 2 [N TN 2 x 15
khoang tt phan vi va khoang bién thién ctia mau s o
liéu trén b
5
v 60 64 68 72 76 80

rnqqg Dut cho hom nay gip bao nhiéu khé khan ban cling phai giit vitng niém tin: “Chi c6 qu4 khi khong thé

can quay lai chit tuong lai nhat dinh s& dén”. Néu khong [am chd dugc tam théi cda ban than, vy ban chic
chén s& tré thanh no Ié cta cam xidc”.

Il"mﬁfi tuong d6i (%)
35

30%
30

25

DO am (%)
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BAI 2 : PHUONG SAI VA PO LECH CHUAN

| o wnas

# Memorize : # Ly thuyét bai gidng :
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L.

A=)

MON QUA TAI LGP

Vidu 1: Can ndng ctia mot s6 qua mit trong moét khu vuon duoc thong ké ¢ bang sau:

Can ning (kg) [4:6) [6:8) [8:10) [10:12) [12:14)

S6 qua mit 6 12 19 9 4

Hay tinh phuong sai va &6 1éch chuan ctia mau s6 liéu ghép nhom trén. (Két qud cdc phép
tinh lam tron dén hang phian tram.)

2+ SOLUTION:

Vi du2: Mot nhom 20 hoc sinh dung mot thiét bi do duwong kinh cia mét nhan té bao cho két qua
nhu sau:
GO [455) | [555 | [656) | [6:6.5)
S¢ hocsinh | 3 8 7 2
a) Tinh s8 trung binh va d9 1éch chuan ctia mau s8 liéu ghép nhém trén.
b) S6 trung binh va d¢ léch chuan cho biét thong tin gi?

2+ SOLUTION:
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Vi du3: Thoi gian chay tap luyén cu li 100 m ctia hai van dong vién duoc cho trong bang sau:

Thoi gian (giay) [10;10,3) [10,3;10,6) [10,6;10,9) [10,9;11,2)
S6 1an chay cua A 2 10 5 3
S6 Ian chay cua B 3 7 9 6

Dua trén d6 1éch chuan ctia cAc mau sd liéu ghép nhém, hay cho biét van dong vién nao cé
thanh tich luyén tap 6n dinh hon.

2+ SOLUTION:

Vi du4: Nguoi ta ghi lai tién 1ai (don vi: triéu dong) ctia mot s6 nha dau tw (véi s6 tién dau tu nhu
nhau), khi dau tu vao hai linh vuc A, B cho két qua nhu sau:

Tién lai [10;15) | [15;20) | [20;25) | [25;30)
S0 nha dau tw vao linh vuc A 5 8 6 4
S6 nha dau tw vao linh viec B 4 2 5 6

a) Vé trung binh, dau tu vao linh vic nao dem lai tién 1ai cao hon?
b) Tinh d6 1éch chuén cho cac mau s liéu vé tién 1ai cia cdc nha dau tw ¢ hai linh vuc nay va
giai thich y nghia ctia cac s6 thu duoc.

2+ SOLUTION:
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Vidu 5: Bang dudi day thong ké cu li ném ta cua mot van dong vién.

Cu li (m) [19:19.5) [19,5:20) [20:20.5) [20.5:21) [21:215)

Tén sb 13 45 24 12 6

Hay tinh phuong sai va d6 léch chudn ctia mau s6 liéu ghép nhém trén.

»SOLUTION:

Vidu6: Mai va Ngoc cung stt dung vong deo tay thong minh dé ghi lai s6 budc chan hai ban di moi

ngay trong mot thang. Két qua dugc ghi lai @ bang sau:

SUOLIELARE 57) | [7:9) | [91Y) | [1113)
nghin)

\Y B 7 6 6 5
Ngoc 5 13 8 2
a) Hay tinh s& trung binh va d6 léch chuan ctia mau s6 liéu ghép nhém trén.
b) Néu so sanh theo d6 1éch chuan thi ban nao c6 s& luong budc chan di mdi ngay déu dan
hon?

> SOLUTION:
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1. Tric nghiém nhiéu phuong an lua chon. (MSi cAu h3i thi sinh chi chon mét phuong an).

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Doanh thu bén hang trong 20 ngay dwoc lwa chon ngau nhién ctia mdt ctia hang dwoc ghi lai 6
bang sau (don vi: triéu dong):

el 57) | [79 | [911) | [1113) | [13,15)
séngay [ 7 7 3 1

S6 trung binh ctia mau s8 liéu trén thudc khoang nao trong cac khoang dudi day?
A.[7;9). B. [9;11). C. [1113). D. [13;15).
Xét mau sd liéu ghép nhém dwoc cho ¢ Bang,

Nhom [50; 60) [60;70) | [70;80) | [80;90) | [90;100)

Tan sd 5 25 4 3
Phuong sai ctia mau s heu ghép nhém do la:
A.9,08. B. 82,4375. C.74,75. D. 50.

Mot siéu thi thong ké sO tién (donwvi: chuc nghin d6ng) ma 44 khach hang mua hang ¢ siéu thi

dé trong mot ngay. SO liéu dugce ghi lai trong Bang 18.
[40; 45) [45;50) [50;55) [55;60) [60;65) [65;70)
4 14 8 10 6 2

D& léch chuan ctia mau s6 liéu ghép nhom trén (lam tron két qua dén hang don vi) la:

A.6,8. B.7,3. C.3,3. D. 46,1.

Mbi ngay bac Huwong déu di bd dé rén luyén stic khoé. Quang duong di bd mdi ngay (don vi:

km) ctia bAc Huong trong 20 ngay duoc thong ké lai & bang sau:
Quéng dwong (km) [2,7;3,0) [3.0;3,3) | [3336) | [3639) | [3942)
S6 ngay 3 6 5 4 2
Phuong sai ctia mau s6 liéu ghép nhém 1a
A. 3,39. B. 11,62. C.0,1314. D. 0,36.

Diing 1a hoc sinh rat gioi choi rubik, ban ¢6 thé giai nhiéu loai khoi rubik khac nhau. Trong mot
[an tap luyén giai khdi rubik 3x3, ban Diing da tw thong keé lai thoi gian giai rubik trong 25 lan

giai lién tidp & bang

sau:

e [810) [ [012) | [1214) | [1416) | [16,18)
S6 Ian 4 6 8 4 3

Do 1éch chuan ctia mau s6 liéu ghép nhom c¢é gia tri gan nhat voi gia tri nao duwdi day?

A.5,98.

B. 6.

C.2,44.

D. 2,5.

Bang sau thdng ké khoi luong mot s6 qua tao duoc lwa chon ngau nhién tir mot 16 hang (don

vi: gam).

K e i
Tan s6 |

héi luong [JERED)

[82;84)

[84;86)

[86;88)

[88;90)

18

20

24

15

13

Phuong sai ctia mau sd liéu ghép nhém trén (Iam tron dén hang phan tram) la

A.2,64.

B. 6,96.

C. 84,92.

D. 10.
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Diém trung binh mén Toan cua mot s6 hoc sinh khdi 12 dwgc ghi lai & bang sau:

NLWOul [5:6) | [6,7) | [7:8) | [89) | [9;10)
Tan s6 10 14 19 32 25
D9 léch chuan ctia mau s8 liéu ghép nhém trén thudce khoang
A. (1,25,1,28). B. (1,28,13). C. (1,6:1,65). D. (1,6517).

Ban Chi rat thich nhay hién dai. Thoi gian tdp nhay mdi ngay trong thoi gian gan day cua ban
Chi duogc thong ké lai ¢ bang sau:

NTETIST (20,25 | [2530) | [30;35 | [3540) | [40;45)
S0 ngay 6 6 4 1 1

Phuong sai cua mau s0 liéu ghép nhom cd gia tri gan nhat véi gia tri nao dudi day?

A.31,77. B. 32. C.31. D. 31,44.

Trong mét giai bong da, s6 cd dong vién dén san ¢6 vii moi tran ddu dwgc ghi lai 6 bang sau
(don vi: nghin nguoi):

ORG-S Nt s lenas)l [8;10) | [10;12) | [12;14) | [14;16) | [16;18)
S6 tran dau 5 12 19 21 7

D9 1éch chudn ctia mau s6 liéw ghép nhdm trén gan nhat véi gia tri nao sau day?

A. 3,66. B. 4,89. C.13,40. D. 2,21.

s6 ngay
A

Bac Minh thong ké lai thoi gian stt dung dién thoai ctia
minh ttr khi dién thoai dwgc sac day pin cho dén khi pin
duoc st dung hét trong 30 ngay 6 biéu do sau.

Bi€u d6 tan so theo thoi gian sit dung. Phuong sai ctia
mau sd liéu ghép nhém trén (Iam tron dén hang phan

nghin) la :
A. 24,079. B. 2,215. 2 |
C. 4,906. D. 4,907. .

12,14y [14;16) [16:18) [1820) [20.22) Thoi gian sir dung (gic)

2. Cau héi dang sai. (Trong méi y (a),Behid)midicdl, thi sinh chon diing @boéc sai ®)

Cau 11:

Mau s6 liéu ghép nhém thong ké mitc lwong ctia hai cong ty A, B (don vi: triéu dong) dugc

thé hién nhw bang dwdi day (don vi: triéu dong)

W\tonl [10;15) | [15;20) | [20;25) | [25;30) | [30;35) | [35;40)
Cty A 15 18 10 10 5 2
ctys EE 15 7 5 5 3
Ménh dé Ding | Sai
(a) | SO trung binh cong ciia mau s6 liéu ghép nhdm caa cong ty A la: 6—32 D D
(b) | D6 léch chuan cuia mau s8 liéu ghép nhém ctia cong ty A la: 5 D C]
Phuong sai ctia mau s8 liéu ghép nhém ctia cong ty B (Iam tron két [j D
() qua dén hang phan tram) la: 52,91
Nhan thay d6 léch chuan cua cong ty A nho hon cong ty B nén murc
@ | Lrong ot cé g 02 00
g ctia cong ty A dong déu hon
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Piém trung binh nim hoc cuia hoc sinh hai truomg A va B

Cau 12: Biéu d6 sau mo ta két qua diéu tra vé diém trung

Sé hoc sinh
binh ndm hoc cta hoc sinh hai truong A va B. j B g
Nguoi ta lap duwoc bang tan sd ghép nhém cho mau 6 L Hoe s truime 5
s0 liéu trén nhu sau: :
!
< [5:6) [6:7) [7:8) [89) [9:10)  Piém trung binh
Piém trung binh [5:6) [6;7) [7;8) [8;9) [9;10)
Gia tri dai dién 55 6,5 7,5 8,5 9,5
Hoc sinh truong A 4 5 3 4 2
Hoc sinh truong B 2 5 4 3 1
Ménh dé Ping | Sai
Tt phan vi thit nhat ctia mau s liéu ghép nhém ctia hoc sinh trieong
@ A1 61 00
Khoang tt phan vi ctia mau's6 liéu ghép nhém ctia hoc sinh truong B
®) 113 1,23 00
© Néu so sanh theo khoang t phan vi ctia mau s6 liéu ghép nhom thi D C]
“" | hoc sinh treong B 6 diém trung binh dong déu hon
@ Néu so sanh theo do 1éch chuan ctia mau sd liéu ghép nhom thi hoc [:] [:]
sinh truong A ¢6 diém trung binh déng déu hon

Cau 13: Bang 24 thong ké d¢ am khong khi trung binh cac thang nam 2021 tai Pa Lat va Viing Tau
(don vi: %).

e Thing) 1 | 2 | aYng l s | s | 2078 9 ‘ 10 | 11| 12
PaLat |83 (79|79 |87 |87 (87|88 |8 |9 |91 |8 |86
VingTau |75 | 77 | 78 |77 |79 [ 79 | 81| 79 | 81 | 83 [ 80 | 77

Bdng 24

(Ngudn: Nién giam Thong ké 2021, NXB Thong ké, 2022)

Nguoi ta lan lwot ghép cac s8 liéu ciia Da Lat, Viing Tau thanh mau s6 liéu ghép nhém nhu sau:

[75;78,3) | [78,3;81.6) | [81,6;84,9) | [84,9;88,2) | [88,2;915)
0 2 6 3
5 6 0 0
Ménh dé Pang | Sai
(a) | Xét s liéu & Da Lat ta c6 khoang bién thién la: 16,5 (] ()
Xét s8 liéu 0 Da Lat thi ta ¢6 d9 1éch chuan ctia mau s liéu ghép nhém [:] [:]
®) (lam tron két qua dén hang phan tram) la: 3,28
Xét s6 liéu & Viing Tau thi phuwong sai ciia mau s6 liéu ghép nhom 1a:
© ppbe g p g ghep D D
Da Lat c6 nhiét d¢ khong khi trung binh thang dong déu hon vi do
@ | Jach chuan nhé hon 04
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Cau 14: Thdng ké tong s8 gid nang trong thdng 9 tai mot tram quan trac dat & Ca Mau trong cac ndm
ttr 2002 dén 2021 dwoc thong ké nhu sau:
111,6 134,9 130,3 134,2 140,9 109,3 154,4 156,3 116,1 96,7

105,2 80,8 80,8 110 109 139 145 161 126 114

Nguoi ta 1ap duoc bang tan s6 ghép nhém nhu sau:

It [80;98) | [98;116) | [116;134) | [134;152) | [152;170)
Giatri dai dien [JEE 107 125 143 161
S6 nam 3 6 3 5 3

Ménh dé biang
(a) | SO trung binh cua mau s liéu ghép nhom la 124,1.

(b) | Phuong sai ctia mau s& liéu ghép nhém la 566,19.

Do léch chuan ctia mau s8 liéu ghép nhém (két qua cac phép tinh lam

© | tron dén hang phan nghin) 1a 23,795.

Sai s8 tuong ddi ctia do1éch chuan ctia mau'sd liéu ghép nhém so véi
(d) | do1éch chuan cua mau s6 liéu goc (két qua cac phép tinh lam tron dén
hang phéan nghin) la 4,805%.

0 000
0 0002

Cau 15: Gia dong ctra ctia mot c6 phiéu la gia ctia c6 phi€u dé cudimat phién giao dich. Bang sau
thong ké gia dong ctra (don vi: nghin déng) ctia hai ma ¢6 phi€u A va B trong 50 ngay giao
dich lién tiép.

SRRy [120:122) | [122124) | [124:126) [ [126128) | [128:130)

Cé phiéu A 8 9 12 10 11
C6 phiéu B | 16 4 3 6 21
Ménh de Sai

(a) | Xét mau sd liéu ctia ¢8 phidu A ta cé phuong sai ctia mau s6 liéu ghép
nhém la 7,5216

Xét mau s6 liéu ctia ¢6 phidu B ta c6 s6 trung binh ctia mau s liéu

)| ghép nhom 1a 115,28,

Xét mau sd lidéu ctia cd phidu B ta c6 d9 1éch chuan cia mau s liéu

© | ghép nhom I 15,4096

Nguoi ta c6 thé dung phwong sai va do 1éch chuan dé so sanh muc do
rtii ro ctia cac loai cd phiéu c6 gid tri trung binh gan bang nhau. C8§
(d) | phiéu nao c6 phuong sai, d¢ 1éch chudn cao hon thi dwoc coi la c6 d6
rui ro 16n hon. Theo quan diém trén, thi ¢d phiéu A ¢ d0 rui ro thap
hon c0 phiéu B.

O |O|0|0E
O |0|0|0
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<

Cau 16: Két qua 40 Tan nhay xa cta hai van dong vién Ding va Huy duoc lan luot thong ké trong bang

bén dudi (don vi: mét)

IOVl [6,22,6,46) | [6,46;6,70) | [6,70,6,94) | [6,94;7,18) | [7,18;7,42)
Diing 3 7 5 20 5
Huy 2 5 8 19 6

Ménh &8 biing

S6 trung binh cong ctia mau s liéu ghép nhom biéu dién két qua 40
lan nhay xa cta van dong vién Diing cho boi Bang 1 (lam tron két qua
dén hang phan tram) la: = 6,92(m).

O

(a)

Do 1éch chudn ctia mau s6 liéu ghép nhém biéu dién két qua 40 [an
nhay xa ctia van dong vién Ding cho boi Bang 1 (lam tron két qua dén
hang phan tram) la: 0, 26(m) .

U

(b)

Phuong sai ctia mau s8 liéu ghép nhém biéu dién két qua 40 [an nhay
xa ctia van dong vién Huy cho boi Bang 2 (lam tron két qua dén hang
phan tram) la: 0,16.

()

O

00/ 0|0k

K&t qua nhay xa cua van dong vién Dung dong déu hon két qua nhay
xa cua van dong vién Huy.

O

(d)

Cau 17: Bang dudi ddy biéu didn mau so-liéu-ghép nhém vé nhiét do khong khi trung binh céc thang
nam 2021 tai Ha Noi va Hué (don vi: °C).

[16,8;19,8) | [19,8;22,8) | [22,8;25,8) | {25,8;28,8) | [28,8;31,8)
2 3 2 1 4
1 2 3 2 4
Ménh dé
Khoang tt phan vi ctia mau s6 liéu ghép nhém trén s lieu 6 Ha Noi
@) 112 8,75

Do léch chuan cua mau s liéu ghép nhém trén s6 liéu ¢ Ha Noi (lam

®) | tron ket qua dén hang phan tram) la: 3,56

Phuong sai ctia mau s8 liéu ghép nhém trén s8 liéu & Hué la: 12,75

(c)

Hué c6 nhiét dd khong khi trung binh thang dong déu hon vi d6 léch
chuan nho hon

sjulslin);
O00|0F

(d

Cau 18: Bang sau thong keé lai tong sG gio néng trong thang 6 cia cac nam tir 2002 dén 2021 tai hai
tram quan tric ddt & Nha Trang va Quy Nhon.

S6 gio nang [160;190)| [190;220) | [220;250) | [250;280) | [280;310)
S6 nam &

Nha Trang 1 1 8 7 2
S6 nam &

Quy Nhon 1 2 4 10 3
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Ménh dé
Xét s liéu & Nha Trang thi khoang tt phan vi ctia mau s6 liéu ghép
@) | nhom 1a: 32,64
Néu so sanh theo khoang tit phan vi thi s gio nang trong thang 6 ctia

(b)

O|0/0|0k
O

Quy Nhon dong déu hon

Xét s6 liéu cia Quy Nhon ta c6 d9 1éch chuan ctia mau s6 liéu ghép
(©) | nhém (lam tron két qua dén hang phan tram) 1a: 30,59 O
@ Néu so sanh theo d¢ 1éch chuan thi s8 gid nang trong thang 6 ctia Nha D

Trang dong déu hon

Cau 19: Thay Hanh dz thong ké lai diém trung binh cudi ndm ctia cac hoc sinh 16p 11A va 11B ¢ bang

sau.:

Piém

[6:7) | [7:8) | [89) | [9;10)

Trung binh

Lép 11A 0 11 22 6

Lép 11B 6 8 14 12

Ménh dé Dang
(a) | Khoang bién thién ctia diém s6 hoc sinh 16p 11A la: 5.

Néu so sanh theo khoang bién thién thi diém trung binh ctia cac hoc
sinh 16p 11B it phan tan hon diém trung binh ctia cac hoc sinh 16p 11A.
Xét mau sd liéu ctia 16p 11A ta ¢6 @9 léch chuan ctia mau sd liéu ghép
(c) o

nhém la /0,51

Néu so sanh theo d6 léch chuan thi hoc sinh 16p 11A ¢6 diém trung

(b)

00|00
g|g|oge

d 1t AL TiZ : ’
@ binh it phan tan hon hoc sinh 16p 11B.
Miic lwong khoi diém ctia cong nhéin ¢ hai khu vuc A va B
Cau 20: Biéu d6 dudi day mo ta két qua diéu tra vé S5 cong nhin
8
mutc lvong khoi diem (don vi:triéu dong) ; [ Khu vye A
P AL N A A 2 . \ E Khuvye B
ctia mot s6 cong nhan ¢ hai khu vigee A va ‘
5
B. 4
3
2
1
PTG ) (28 %9 9100 Micluong
(triéu déng)
Ménh dé Ping | Sai

Xét mau sd liéu ctia khu vuc A ta cd s6 trung binh cta mau s6 lieu
(@) | ohép nhom 1a 6, 25.

Xét mau s liéu cia khu viee A ta c6 dd léch chuan ctia mau so liéu

®) 1 ghép nhom 1a \1,5875

Xét mau s6 liéu ctia khu vuc B ta c6 phuong sai cia mau s6 liéu ghép
(©)" | nhém 1a 1,3875.

Néu so sanh theo do 1éch chuan ctia mau sd liéu ghép nhém thi miee
(d) | lwong khoi diém ctia cong nhan khu viee B dong déu hon cua cong
nhan khu vue A.

0000
0000
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3. Cau hoi trd 18i ngdn. (Thi sinh trd dién két qua vao 6 tréong )
Cau 21: DE danh gia chat lugng mot loai pin dién thoai mdi, nguoi ta ghi lai thoi gian nghe nhac lién
tuc cua dién thoai duoc sac day pin cho dén khi hét pin cho két qua nhu sau:
Thoi gian (gio) [5;5,5) | [5,56) | [6;6,5) | [6,57) | [7;7,5)
S6 chiéc dién thoai (tin s6) 2 8 15 10 5
Tinh d9 léch chudn ctia mau s& liéu ghép nhom trén (két qud dwoc lam tron déin hang phin trim)

Cau 22: Cannang ctia mot sd qua mit trong mot khu vuon duoc thong ké & bang sau:
ORI [46) | [68) | [810) | [10;12) | [12;14)
S6 qua mit | 6 12 19 9 4
Hay tinh phuong sai ctia mau s8 liéu ghép nhém trén. (Két qud lam tron dén hang phin trim.)

Cau 23: Thanh tich mon nhay cao ctia cac van ddngvién tai mot giai dién kinh danh cho hoc sinh

trung hoc pho thong nhu sau:
Mitc xa (cm) B [170;172) [172;174) | [174;176) | [176;180)

S6 van dong vién | 3 10 6 1
Hay xac dinh d¢ 1éch chuan cua thoi gian st dung pin (két qua dwgc lam tron dén hang phin tram)

Cau24: Mot bac tai x& thong ké lai d6 dai quang dwong (don vi: km) bac da 1ai xe mdi ngay trong mot

thang ¢ bang sau:

[100;150) | [150;200) | [200;250) | [250;300)

10 9 9 2
Hay xac dinh d¢ léch chuan ctia.mau sd liéu trén

2 go
LLCRC R 0
Niing suit laa cia mot s6 thira rujng

Cau 25: Két qua khao sat nang suat (don vi: tan/ha) cia 56 thia ruong

61 —

mot sO thtra rudng duoc minh hoa ¢ biéu do6

sau. Nguoi ta lap duoc bang tan s6 ghép nhom i
va tan s0 tuwong do6i ghép nhém tuong ting cta

[N

X A1 A A
mau sO liéu trén nhw sau

555759 61 63 65 6,7 Nang suit
(tan/ha)

Nang suat ,5;5, [5,7;5,9) | [5,9;6,1) | [6,1;6,3) | [6,3;6,5) | [6,5;6,7)
S6 thira rugng 4 6 5 5 2
Gia tri dai dién 5,8 6,0 6,2 6,4 6,6

Tan s6 twong do6i 4 6 5 5 2

Hay xac dinh d6 léch chuan ctia mau s& liéu trén (lam tron két qua dén hang phiin tram).
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Cau 26: Hay tinh d6 léch chuan cua mau sb liéu ghép nhom (két qua duoc lam tron dén hang phan

tram)

Chiéu cao (cm) [160;164) [164;168) [168;172) [172;176) [176;180)
S6 hoc sinh 3 5 8 4 1

Cau 27: Bang dudi day thong ké cy li ném ta cia mot van dong vién.

Cuw li (m) [19;19,5) [19,5;20) [20; 20,5) [20,5;21) [21;21,5)
Tan s6

13 45 24 12 6
Hay tinh d¢ 1éch chuan ctia mau s6 liéu ghép nhom trén (két qua dwoc lam tron dén hang phan

tram)

Cau 28: Chiéu dai ctia 40 bé trai so sinh 12 ngay tudi chon ngau nhién 6 mot bénh vién dugc nha

nghién cttu thong ké trong Bang duoi day:

(@GR [44;46) |[46;48) | [48;50) | [50;52) | [52;54) | [54;56)
So tré 3 3 10 15 7 2

Tinh d6 1éch chuédn cua chiéu dai nhoém 40 bé trai so sinh (lam tron két qua dén hang phan

nghin).

Cau 29: Thoi gian bu gio cuia 64 tran dau bong da trong mot giai dau dugce ghi lai 6 bang sau:
IVOEERRTOVON [23) | [34) | [45 | .[56) | [67)

S6 tran dau 5 19 24 10 6
Tinh d6 1éch chuan cua mau s& liéu ghép nhém trén (két qua lam tron dén hang phan tram).

Cau30: Nguoita do dd dm khong khiltic 12 gio tria mdi
ngay tai mot dia di€ém trong thang 4. Két qua cac
[an do duwgc bidu dién & biéu do tan s& tuong ddi
ghép nhom dudi day.
20% 20% 20%

Tan s6 twong ddi caa dd Am khong khi lac 12 gio  »

trea 15

Tinh d6 1éch chudn cta miu sé liéu ghép nhom 10%

trén (Lam tron két qua dén hang chuc.) . .

Trd 18i : m " %o 64 68 72 76 80 >

|én“6 twong ddi (%)

35

30%
30

25

D6 am (%)

A Khi khéc khong ai d6 danh, toi hoc dugc sy kien cudng; khi s¢ hai khong ai bén canh, toi hoc dugc cach
‘m“ = diing cAm; khi mudn phién khong ai hoi han, toi hoc dugc cich chju dung; khi mét méi khong ai d€ dya
dim, toi hoc dugc cach tu lap...
Chinh tUr d6, toi da tim thdy chinh minh, t6i chi c6 mot , chi c6 mot “t6i” ma thoit
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