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LUONG GIAC

L

Phuong tink LG
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Dudng ton (G, Cung LG, Radian

Truong THCS & THPT My Thuan Trang 5 GV. Huynh Phu Si



Tap xdc dinh cua ham s6'y = f(x) la tap
hop cic 6 thwc x sao cho f(x) cé nghia.

4 /ls 2 g \ 2 3
£(x) chan & {Vx € TxA = —x e TxP
f(=x)= f(x)
fole {Vx e TXA = —x € TXi
f(=x)=—f(x)

Trueong THCS & THPT My Thuan

TEST NANG LUC

Cau 1. Ham s6 y—2x+3

o tap xac dinh la
{—— +ooj B. R\{5}. C. (—©;5]. D. (-»;5).
Cau 2. Ham s0 y =+/2x+3 c6 tap xac dinh 1a

[ (3 e n( 3 o)

Cau 3. Ham s6 yz

co tap xac dinh la
5-x

A. {—%ﬁooj. B. R\{5}. C. (—0;5]. D. (-%;5).

Cau 4. Ham s y = EZ)x 3 co tap xac dinh la
X
3
A. {—E;Jrooj. B. R\{5}.
3 3
C.|—=;+o |\{5}. D. | —=;+0 |\{5
T VR
Cau 5. Ham s8 y = 22 6 tap xéc dinh 1a
S5+x

A. R\{5}. B.R\{-5}. C.R\{t5}. D.R.

Cau 6. Dieu kién xéc dinh ctia ham s8 y = (|2 Ia
—x
2x+320 |23
A.2x+320.B.5-x>0. C. D.< 5—x .
5-x#0
5-x#0

Céu 7. Gid tri 1on nhat ctia ham s6 y=3-2x—x" trén doan
[-4;2] la

A. 5. B. 0. C.3. D. 4.
Cau 8. Gi4 tri nho nhat ctia ham s y =x*-2x+2 trén doan
[-1;3] 1a

A.5. B. 2. C. 1. D. 0.
Cau 9. Ham s6 nao dudi day 1a ham chan?

A y=x"-2x+2. B. y=x"-3x*+2019.

C. y=2x+3. D. y=x"-3x.
Cau 10. Ham s8 y =3x> =5/ x[+v9-x* -2 la ham

A. Chan. B. Lé.

C. Khong chdn khong 1. D. Vira chdn vira lé.
Cau 11. Phueong trinh 2x+3 =0 cé nghiém la
A.x=-3. B.x= —%. C. V6 nghiém.
Cau 12. Phuong trinh 2x* +x—3=0 c6 nghiém la
x=1 x=1
A x=1. B.x=—. C. 3. D. 3

Trang 6 GV. Huynh Phua Si



Cau 13. Phuong trinh (2x + 3)(2x2 +x— 3) =0 c6

Phuong trinh tich A-B=0 < A=0 A.1nghiém. B.2nghiém. C.3nghiém. D.4 nghiém.
B=0 | Cau 14. Phuong trinh x> —51x|+v9—x> =—6 c6 nghiém la
A. x=3. B.x=-3. C.x=+43. D.V06nghiém.

Cau 15. Tim tat ca sd thuc x d€ hai ham s6 y =51x1-9 -
va y=x"+6 co gia tri bang nhau.

A. x=3. B.x=-3. C.x=43. D.Khong co.
Cau 16. Duong tron luong giac la duwong tron

A. Dinh huéng. B. C6 tam la gdc toa do.
C.Coban kinh R=1. D.Ca A, B, C
Cau 17. Cung luong giac a = -375° bang bao nhiéu radian?
LI R Y AL ) J—
12 12 12 12
180° =7t - 7
Cau 18. Cho cung luwong giac a € Xkt Tim phat biéu dang.
aSin
A.sina>0. B.cosa>0. C.tana>0. D. cota>0.
2B Cau 19. Tim ménh dé khong diung trong cac ménh dé sau:

M(x:y) A. -1<sinx<1. B. -1<cosx<1.
C.0<sin’x<1. D. -1<cotx<1.

Cau 20. Cho dang thtrc cosx = —% . Tim ménh dé sai.

y=sino »I‘ --------

Al & iH 1A .
71'%, 0 : Y= Cosq cos 5 5
A. x=150°. B.x=2C C.x=-22 D.x==
6 6
Cau 21. Tim gid tri thoa man dang thirc 2cos” x +cosx—3=0.
~— A. x=0. B. x=2n. C.x=246n. D.CaA,B,C.
g

Céu 22. C4 bao nhiéu gid tri x sao cho 2cos’ x +cosx—3=07
A. 0. B. 1. C.2. D. Vo6 s6.

A . A i a2l ‘ 3
Cau 23. C6 bao nhiéu gia tri x théa man dang thirc cosx = _E?

A. 0. B. 1. C.2. D. V6 s0.
Cau 24. Chon dang thtec khong dung.
A. sinx+cos*x=1. B. tanx-cosx =1.
C. tany = 2% D. 1+tan’x = —.
cosx cos® x

Cau 25. Chon ménh dé dung trong cac ménh dé sau:
A. sin(a—b) =sinacosb + cosasinb.
B. sin(a—0b) =sinacosb—cosasinb.
C. sin(a—b) = cosacosb +sinasinb.
D. sin(a—b) = cosacosb—sinasinb.

Ciu 26. Rut gon biéu thic 73cosx —%Sinx ta duoc

A. sin E—x B. sin E+x C. sin E—x D. sin E+x
6 6 3 3

Céau 27. Ménh dé nao dudi day khong dang?
A. cos2x =cos’x—sin*x. B. cos2x=2cos’x-1.
C. cos2x =1-2sin’x. D. cos2x =2sinx-cosx.

Truong THCS & THPT My Thuan Trang 7 GV. Huynh Phua Si



§1. HAM SO LUONG Gldc

A. LY THUYET
1. Clic ham bupmg gidc co bin

y =sinx y =C0sX
M Tap xac dinh: M Tap xac dinh:
M Tap gia tri: M Tap gia tri:
™ Tinh chan lé: ™ Tinh chén lé:
M Chu ky tuan hoan: M Chu ky tuan hoan:

M Ham nguoc: arcsin

P —

M Ham nguoc: arccos

p——p——— B T

y =tanx y =cotx

M Tap xac dinh: M Tap xac dinh:

M Tap gia tri: M Tap gia tri:

M Tinh chan lé: M Tinh chan 1é:

M Chu ky tuan hoan: M Chu ky tuan hoan:
M Ham nguoc: arctan M Ham nguoc: arccot

| i [ ]

| |

|| |
EEES

I i 11 | -
v 0 V3 ' 2 n : i T

2 @a‘c vi du
Vidu I: Tim chu ky tuan hoan ctua cacham s6 y = cos(3x - 2019") vay= cot(3x -2019° )

Vidu 2: Dung may tinh cam tay xét tinh chdn 1é ciia ham s8 y = sin® x — cosx .

Chuwong 1. Luong gidc Trang 8 GV. Huynh Phua Si



Vi du 3: Quan sat hinh va chi ra gia tri 1on nhat, gi4 tri nho nhat twong tng.

&4 54 4+

-1 -8 -
y =sinx y =5sinx y=5sinx—-2
GTLN1a ...... GTLN1a ...... GTLN1a ......
GINNIa ... GINN1a ... GINN1a ...
Vidu 4: Tim tap xac dinh ctia cdcham s6 y = sinx+2019 va y =+ cot’3x+2019 .
2cosx—1
B. THUC HANH
O Tric nghiém
Cau 1. Tim tAp xéc dinh ciia ham s8 y = 200
sinx
A. R. B. R\{0}. C. R\{kn, keZ}. D.]R\{§+kn,kez}.

Céau 2. Tim tap xac dinh cia ham s6 y = cot(2x—gj +sin2x.
A. R. B.J. C. R\{%+k§,kez} D.R\{g+kn,keZ}.
4 ].
Cau 3. Tap xac dinh cia ham s6 y = —— 1la
P y Vv1-sinx

A 2. B. R\{kn, keZ}. C.R\{%Jrkn,kez}. D.]R\{§+k2n,kez}

Céu 4. Tim chu ky tuan hoan T ctia ham s6 y = sin(Sx —gj .

AT=2" B.T=2C". C.T=2. D.T=—.
5 2 2 8
Chuong 1. Luong gidc Trang 9 GV. Huynh Phua Si



Céau 5. Cap ham so nao sau day c6 chu ki khac nhau?

\ x . \
A. y=cosx va y =cot—. B. y=sinx va y =tan2x.
X x .
C. yzsmE va Y =Ccos—. D. y=cot2x va y=tan2x.
Cau 6. Trong cac ham sd sau, ham s6 nao 1a ham s6 16?
A. y=cosx+sin’x. B.y=sinx+cosx.

C. y=—cosx. D. y=sinxcos3x.
Cau 7. Trong cac ham sd sau, ham s6 nao c6 d6 thi doi xitng qua truc tung?

A. y =sinxcos2x. B. y=sin3xcos(x—zj C. zta:;%' D. y=cosxsin’ x.
Cau 8. Tim tap gia tri cia ham sd y =5-3sinx.
A. [-1:1]. B. [-3:3]. C. [2:8]. D. [5:8].
Ciu 9. Goi M va m Ian lwot la gia tri 16n nhat va gia tri nho nhéat cua ham s6 y =sinx +cosx. Tinh
P=M-m.
A.P=4. B.P=2\2. C.P=2. D.P=2.
Ciu 10. Ham s& y =5+4sin2x-cos2x ¢ tat ca bao nhiéu gia tri nguyén?
A. 3. B. 4. C.5. D. 6.
@ Tu luan
Cau 1. Cho ham s§ f(x) =2sinx —5cos[2x+§j .Tinh £(0), f(%} f(—%j .

Cau 2. Quan sat cac ham s0 sau va cho biét gi tri 1on nhat, gia tri nho nhat cua chung.
a) y=2sinx

. Tt Tt
b) y=3sin| 2x+— |-4cos| 2x +— |+2
3 3
-+ M\ ~\ 1\
\ ||I|l Ir'| i I l"J II" rJI f
. 2+ — ',I | || 1 ',I / '| /
\ f | [ \ II \ II
i f \ 41 \ [ \ [
T ) ] | 'I \ 'I | 'I \ II
\ / \ / | } | T | “ |I I
: % : ° 1 % .l f \ { T | \ |
—T* .I.r IT'\ ;;n II || II 'I_ II || II |]
/ | | I~ |
T f lll II | ||1 |I‘ lll jl | llll |I i
B B B T I‘I B | ‘I 1
L - S |1| |'_ﬁ I| ||I - | I| m I| j2rr
\ | \ | \ | \ f
\ |’I \ _lE 1 \ llI \ .JI
= b \ / II\l ‘..-'I 1 I|I\___ II"\_ r"l

Cau 3. Tim gia tri 16n nhat va gia tri nho nhat ctia cdc ham s6

b) y=2cos(3x—§j—\/g C) yzx/g—2c05(3x—§j
e) y=+sindx +1

h) y = cos3x +sin3x-2019

a) y=3cosx+2

d) y=2cos’x-3 f) y=+/sin5x+1

g) y =sinx—+3cosx

Chuwong 1. Luong gidc Trang 10 GV. Huynh Phua Si



Céau 4. Tim tap xac dinh ctia cac ham s6

a)y=3,_x b) y = cotx c)yzgtan - d)y=3sinx+3+17
sinx 7 3 -2

e) y = 208X fy y=+/sinx+2016  g) y=vcot’x+1 hy g = | S2S08%
2+ cosx 1-sinx

Chuong 1. Luong gidc Trang 11 GV. Huynh Phua Si



§2. PHUONG TRINH LUONG GIAC €O BAN

A. LY THUYET
7 Govng qiid o7 toarmg giidee Hfomg dong

a 0o 300 450 60° 900 1200 1350 1500 1800

Gia
tri LG

sina

cosx

tanax

cota

2 JOlurmg trinp lmg it co b
x=a+kn ,keZ

O sinx =sina < x=kn ,keZ

x=m+k2n ,keZ

O cosx =cosa < -
x=—5+k2n kel

O tanx =tana <

x=a+k2m ke
O cotx =cota < x=m—a+k2n ’ ©
O sinx=0 IS x=k2n ,keZ
Osinx=1 =Dakn ke
O sinx =-1 2 '
Sinx =- < x=a+kn ,keZ
O cosx=0 o e
x=—+k2n ,keZ
O cosx =1 = 2
O cosx=-1 < Xx=a+k2n keZ
x=—a+k2m
Vidu I: Giai cac phuong trinh sau:
a) sirmc:l b) sinx=z C) sinx=E d) sin(x—lSo)z—ﬁ
2 3 2

Chuwong 1. Luong gidc Trang 12 GV. Huynh Phua Si



Vidu 2: Giai cac phuong trinh sau:

J5
2

1 2 3 o\
a) Cosx=§ b) cotx=§ c) tanxzz d) cos(x—15 )—

B. THUC HANH
O Tric nghiém

Cau 1. Goi X la tap nghiém cta phuong trinh COS(§+ 15"] =sinx . Ménh dé nao sau day la dung?

A.290° e X. B. 20° e X. C.220°eX. D. 240° e X.
Cau 2. Giai phuong trinh cot(3x-1) = 3.
A.x=1+5—n+kz,keZ. B.x=1+l+kz,keZ.
3 18 3 3 18 3
Cx= Tk kez. D x=t-Tikn, kez.
18 3 3 6

Cau 3. Giai phrong trinh sin(%——j =0.

A x=kn, keZ. B.x=2" 1k keZ C.x=Ttkn, keZ. D.x=D+k", keZ.
3 2 3 2 2
Cau 4. Phrong trinh nao dudi day co tap nghiém trung vdi tap nghiém cua phuong trinh tanx =17
. 2 2 2
A. smx=7. B. cosx=7. C. cotx=1. D. cot"x=1.
Cau 5. Vi gid tri nao ctia x thi gia tri ctia cdc ham s6 y =sin3x va y =sinx bang nhau?
x=k2m x=km
Al 4  keZ.B.| n n,keZ. C.x=kZ, keZ. D.x=kZ, keZ.
x=Z+k2n XZZ E 4 2

A 3 s s o N 1 \ ~ U \ YRR
Cau 6. Tim gia tri cia x dé cdcham s6 y = tan(z - xj va y=tan2x co gia tri bang nhau?

A x="4kl kez. B.x=l4kZ kez. C.x="tkn, keZ. D.x="rkn, keZ.
4 2 123 12 4

Cau 7. Tim tat ca cac gia tri thuc cua tham s6 m d€ phuong trinh sinx =m c6 nghiém.

A. m<1. B.m>-1. C. -1<m<1. D. -1<m<1.
Cau 8. Tim tat ca cac gia tri thuc cua tham s6 m d€ phuong trinh cosx —m =0 v0 nghiém.
A. me(-w;-1). B. m e (1;+x). C. me[-1;1]. D. A hoac B.

Céau 9. C6 bao nhiéu gia tri nguyén cua tham s6 m d€ phuong trinh cosx =m+1 ¢d nghiém?
A. 1. B. 2. C.3. D. V0 s0.

Chuong 1. Luong gidc Trang 13 GV. Huynh Phua Si



Cau 10. Cho tan(x +§j —1.Tinh sin(Zx —gj .

NS B.-L. P2 p. -,
2 2 2 2
O Tuluan
Cau 1. Gia tri x =% la nghiém ctia phwong trinh nao duwdi day:
a) cosxzﬁ b) tan3x =+/3 c) tan 3x-1 =tan3—x
2 4 2
Cau 2. Giai cac phrong trinh sau:
a) tanx:—ﬁ b) COS3X=£ c) cot Ty =3 d) sin(Zx—l?:"):ﬁ
3 2 7 2
e) cos T ix _2 f) cos T oix _3 g) cot T oix _3 h) sin T x|=sin2x
6 3 6 2 6 2 4

Chuwong 1. Luong gidc Trang 14 GV. Huynh Phua Si



§3. PHUONG TRINH LUONG GIAC THUONG GAP

A. LY THUYET
1. JOhusmg trinhy bac nhat & pluong teink bac hai ddi véi met ham 6 lamg gide

% Phuong trinh bac nhat: at+b=0 [ )

x Phuong trinh bac hai:  at® +bt +¢=0 (.cccco..c.. )

Trong d6 t la mot trong cacham s6 ......................

Vidu I: Giai cac phuong trinh sau:
a) 2sinx—1=0 b) 3—2cosx=0 c) 3—2cotx=0
d) 2cos*x—5cosx+3=0 e) tan25x—(x/§+\/§)tan5x+\/g=0

Vidu 2: Giai cac phuong trinh sau:
a) 2cosx—-1=0 b) 3—-2tanx =0

Q) 4sin’x—3=0 d) cotzx—(x/g+1)c0tx+\/§=0

2. )JOhuong trinh bic nhat i véi sin & cos
Dang: ... (1) vdia, b, c €R, avabkhong dong thoi bf”mg ......

Chuong 1. Luong gidc Trang 15 GV. Huynh Phua Si



Vidu 3: Giai cac phuong trinh sau:

a) 3sinx—4cosx=5 b) J3 cos5x +sin5x =3

Vidu 4: Giai cac phuong trinh sau:

a) 12cosx+5sinx =0 b) sing—cosgzl

B. THUC HANH
O Tric nghiém

Caul.Giatri x= 7?71 la nghiém ctia phwong trinh nao sau day?

A. 2sinx—~/3 =0. B. 2cosx—~/3=0. C. 2sinx+/3=0. D. 2cosx++/3 =0.
Cau 2. Tim gia tri ctia tham s m d€ phuong trinh (m —2)sin2x =m+1 nhan x =15 lam nghiém.
2(\/§+ 1)
N
Cau 3. C6 bao nhiéu gia tri nguyén cua tham s6 m d€ phuong trinh J3cosx+m-1=0 cb nghiém.

A. 1 B.2. C.3. D. V6 s6.
Chuwong 1. Luong gidc Trang 16 GV. Huynh Phua Si
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Cau 4. Giai phuong trinh 4sin’x=3.

x="1kom
Al 3 , keZ.
x=-"ikom
L 3
x=2+kn
C. , keZ.
Tt
Xx=——+kn

D.xzkg,keZ.

Cau 5. Phuong trinh nao sau day ¢4 tap nghiém trung véi tap nghiém ctia phuong trinh tan®x =37

A. COSXZ—%. B. 4cos*x=1.

D. cotx = —i

5

C. cotxzi.

NE

Cau 6. Trong cdc phuong trinh sau, phuong trinh nao twong duwong vdi phuong trinh 2cos’x =17

A. sinx=72. B. 2sinx++2 =0.

C. tanx=1. D. tan’x=1.

Céau 7. Tim nghiém duwong nhé nhat ctia phueong trinh 3sin3x— \/5 cos9x =1+4sin’3x.

A= B. .
2 18

Cau 8. Giai phuwong trinh \/gcos(x +§] + sin(x —g] =2sin2x.

x=5—n+k27'c
A. 6 ,kel.
T 27
X=—+k—
18 3
x=5—n+k2n
C. 76 L keZ.
x=—n+k2n
6

Cau 9. D€ phuong trinh cosx +sinx = 2 (m2 + 1) vO nghiém thi m thudc

A. (—o;-1)U(L;4o). B. me[-1;1].
Cau 10. Phrong trinh nao dudi day cé nghiém?
A. 4sinx-2019=0.
C. 5cosx—-12sinx+14=0.
O Tu luan
Cau 1. Giai cac phuong trinh sau:
a) 2sinx—+/3 =0 b) V3tan2x+1=0
e) J5cosx -3 =0 f) J5cotx-3=0
h) 6cos®3x—13cos3x+6=0
Cau 2. Giai cac phuwong trinh sau:
a) J3cosx—sinx =2 b) 3 sinx—cosx =2
d) 3sin2x+4cos2x=>5 e) 3sin2x—4cos2x =4

Chuong 1. Luong gidc Trang 17

c . iy
24 54
x=7—n+k27'c

B. 6 ,keZ

i 27
X=——+k—
18 3
x—£+k2—n

pD.| B 3 ez

i 27
X=——+k—
18 3

C. (-0;0) U (0;+x). D. meR.

B. cos’x—5cosx+6=0.

D. cot’x—5cotx+6=0.

¢) cos(x-17°)+1=0 d) 3sinx—/3 =0

g) 2sin’x+sinx-3=0

i) tan’ x+(1—\/§)tanx =3

) J3sinx—cosx =0
f) 5sin(2x—17°)+12cos(2x~17°)+15=0

GV. Huynh Phu Si
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ON TAP DAI $0 CLIUOGNG 1

O Tric nghiém
Cau 1. Phét biéu nao sau day khong dung:
A.Ham s8 y =sinx ¢4 chu ki tuan hoan la 27t. B. Ham s& y = cosx ¢ chu ki tuan hoan la 27.
C.Ham s6 y =tanx c6 chu ki tuan hoanla n. D.Ham s6 y = cotx c6 chu ki tuan hoan la 27.
Cau 2. Ham s6 y =sin3x tuan hoan véi chu ki

A. 27, B. 671. c. 27 p. =,
3 3

Céu 3. Chu ky tuan hoan ctia ham s y = tan% la

A . B. 37 C. 67. D.%.
Cau 4. Ham s6 nao sau day 1a ham s8 chan?

A. y=sinx. B. y=cosx. C. y=tanx. D. y=cotx.
Cau 5. Gia tri nho nhat cia ham sd y =Isinx| la

A. -1. B. 0. C.1. D. Bap an khac.
Cau 6. Tap gid trj ctia ham s y = 1-sin(2x+2019°) la

A. [-1;1]. B. [0;2]. C. [1;2]. D. [0;1].
Cau 7. Gia tri 16n nhat cia ham s6 y = 3 cos5x —sin5x 1a

A. 0. B. 1. C.2. D. 2.
Cau 8. Ham s y = sin— o tap xac dinh la

XT+T

A.R. B. R\{Vr|.

C. R\{tm+k2nlkez). D. R\{Vr+k2rlkeZ.
Cau 9. Ham s6 y = ———— c6 tap xac dinh la

3-2cosx

A. R\{%mzmkez} B. R\{%Jrknlkez}. C. R. D. R\{knlkeZ}.
Cau 10. Tap xac dinh ctia ham s6 y =+v1+sinx la

A. [-1:1]. B. [0;1]. C. (-1,1). D. R.
Cau 11. Phuong trinh sinx = 72 c6 nghiém la

T, 3n Tt y 3n
A. x=— hodac x=—. B. x=—+kmnt hoac x=—+kn, keZ.
4 4 4
C. x = +k27 hodic x=%+k2n, keZ. D. x=—+k2n hose x=-7+k2m, ke Z.

Cau 12. Nghiém ctia phwong trinh tanx =1 la

A. x=m+k2n, keZ. B.x=%+k2n,keZ. C.x=§+k2n,keZ. D.x=%+k7’c,keZ.

Cau 13. Phrong trinh sinx = 2 cé nghiém la

N

Chuong 1. Luong gidc Trang 19 GV. Huynh Phua Si



A. x= arcsiniJr k27 hoac x = n—arcsiniJr k2n, keZ.

A N

.2 . .2
B. x =arcsin—+ knt hoac x =mt—arcsin—+km, keZ.

A N

C.x= arcsini+ k27 hodc x = —arcsinijL k2mn, keZ.

N A
D. V6 nghiém.
Cau 14. Phuong trinh cos(2x +30° ) —cosx =0 coé nghiém la

I =-30"+k2n
=-30° +k2 *
A" TR ez B. o, keZ.
| x=-10" + k27 x=-10° + k?
| x=-30° +k360° = -30° +k360°
c | 0% + 60,keZ. D.|* 0%+ 60’E
| x=50" +k360° x =-10" + k120°
Cau 15. Nghiém ctia phrong trinh J25in3x+1=0 la
x=-2 4+ k2n x=———+kn
A. 512 keZ. B. 512 keZ.
x=""1kom x="" 4 kn
1 12
x=2 k2_7'c x=—£+k2—n
c.| 2 3 kez D. 123 kez
5t . 2n 5t 2m
=——+k— X=—+k—
12 3 12 3
Cau 16. Nghiém ctia phuwong trinh J3cot2x+1=0 la
A. x=60°+k90°, keZ . B. x=120° +k180°, ke Z.
C.x=2?n+k2n,keZ. D.x=g+kn,keZ.

Cau 17. Tim cac gia tri cia m d€ phuong trinh J3cos2x—m=0 cb nghiém.

A.—\/§<m<x/§. B. —\/ggmgx/g. C.me[—%;ﬁ} D.me{—ﬁ;ﬁ}

2 272
Cau 18. Nghiém ctia phuong trinh sin® 2x +2sin2x-3=0 1a
A x="1kZ kez. B.x="+kn keZ. C.ox=24k2n keZ. D.x="+kZ keZ.
4 "2 4 4 2 "2

Cau 19. Gia tri nao sau day la nghiém ctia phuwong trinh J3tan?x - (2 +/3 )tanx +2=0:

A. 45°. B. 225°. c. 37, D.Ca A, B, C déing.

4
Cau 20. Nghiém ctia phwong trinh cos® x =% 1a

A.x=i%+k2n,keZ B.x=i%+kn,keZ. c.x=§+k2n,kez. D.x=%+k%,keZ.

Cau 21. Nghiém ctia phwong trinh sinx +cosx = V2 1a

A.x=%+kn,keZ. B.x=—%+kn,keZ. C.x=%+k2n,keZ. D. x=k2m, keZ.
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Cau 22. Phrong trinh cosx — J3sinx=0 c6 nghiém la

- x=—+kn x=—+kn x=—-—+km
A x=2ikn, kez. B.| ©  kez. c| °© keZ. D. 6  kez.
6 Tt Tt
x=—+kn x=——+kn x=—+km
3 3
Cau 23. Phrong trinh nao sau day c6 nghiém?
A. cos’3x-5cos3x+6=0. B. 3sinx—4cosx=7.
C. 12cos5x +5sinbx-14=0. D. 12cos5x +5sin5x-13=0.
O Tu luan
Céau 1. Tim gia tri 16n nhat va gia tri nho nhat ctia cac ham sd
a) y=>5cosx—2019. b) y=5|cosx|—2019.
Cau 2. Giai cac phurong trinh
a) 3sinx—4=0. b) 2sin’ x —sinx-1=0.
¢) 12sinx—-5cosx+13=0. d) \/§COS§+Sin§=\/E.
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PAI SO CHUONG ©
TO HOP & XAC SUAT

Chuong 2. T6 hop & X4c suat Trang 22 GV. Huynh Phu Si



§1. QUY TAC CONG & QUY TAC NHAN

A. LY THUYET
Vidul: Tt 4o ctia ban Tran ¢6 3 cai 4o va 2 cai quan xin.
a) Néu Tran mudn chon mot cai trong sd d6 dé khoe trén Facebook thi c6 mdy cach chon?
b) Néu Tran mudn chon ra mot bd quan ao d€ méc di choi 20-10 thi ¢ bao nhiéu cach chon?

Vidu 2: Thue don cua can-tin ¢6 Tham gom 3 mén canh khac nhau, 4 mén xao khac nhau va 5 mén
man khac nhau. Hai ban Thai va Hau mudn &n trua tai day dé ¢ lai truc trong. Hau chi mudn goi
mot moén, va dang phan van gitra canh, xao va man. Con Thai lai muén chon modi thit mdt mon. Vay
Thai va Hau sé c6 may cach chon mén cho minh?

m cach -
7

Phuwong an 1 . .
Hoan thanh

Cong viéc

;

Phwong an 2 n cach >

Giai doan1 | céch> Giai doan2 |- cach > Hoan thanh

Vi du 3: Tt nha Khanh dén nha Quyén c¢6 3 tuyén duong thay khac nhau va 4 tuyén duong bd khac
nhau. Khanh mudén dén nha Quyén hoi bai thi sé c6 mdy cach di néu

a) bi va vé trén cung mot tuyén duong

b) Lic di bang duong bo, ltc vé bang duong thuy

c) i va vé bang hai loai duong khac nhau
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Vidu4: Trén ké sach c6 8 quyén sach Toan khac nhau, 6 quyén sach Li khac nhau va 4 quyén sach Hoa
khac nhau. Hay stt dung s6 liéu ¢ Cot 2 dién vao khoang tréng “...” ¢ Cot 1 sao cho thich hop.

Cot1 Cot 2 Ghi chu
a) Ban Linh muén chon mot quyén sach hodc
Toan, hodc Li, hodc Hbéa. Linh sé ¢co ...... cach chon| 192
khac nhau.

b) Ban Duong mudén chon doéng thoi mot quyén
sach Toan, mot quyén sach Li va mot quyén sach| 104
Hoba, titc 1a mdi loai mot quyén, thi sd cach chon
khacnhaula ......

c) Ban Tuyét mudn chon hai quyén sach khac loai| 18

thiséco...... cach chon khac nhau.

Vi du 6: Cho Bén Thanh c6 4 c6ng ra vao. Hay dién s& thich hop vao chd tréng “...”.
a)Co...... cach vao va ra cho.
b)Co ...... cach vao va ra cho bang 2 cdng khac nhau.
Vidu7: Tte cac chit s6 1, 2, 3, 4, 5, 6, ¢6 thé lap duoc bao nhiéu s6 ty nhién
a) Gom 4 chit s0 b) Gom 4 chit s6 d6i mdt khac nhau
c) Chan, gdém 4 chir s6 d) Chén, gom 4 chir s6 d6i mot khac nhau

B. THUC HANH
O Tric nghiém
Cau 1. Lop 11A2 c6 37 hoc sinh, gom 18 hoc sinh nt va 19 hoc sinh nam. C6 cht nhiém can chon ra
mot ban lam 16p treong, va dang phan van chon nam hay chon nit. Vay c6 c6 bao nhiéu cach chon?
A.18 B. 19 C.37 D. 342
Cau 2. Lép 11A2 ¢6 37 hoc sinh, gom 18 hoc sinh nit va 19 hoc sinh nam. Cé bao nhiéu cach chon
mot doi co dé gom mot ban nam va mot ban nii?
A.18 B. 19 C.37 D. 342

Ciu 3. Lop 11A2 ¢6 37 hoc sinh, gdm 18 hoc sinh nit va 19 hoc sinh nam. C6 bao nhiéu cach chon ra
mot 16p phd hoc tap va mot 16p pho trat twe?
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A.37 B. 342 C.73 D. 1332

Cau 4. Tt thi xa A dén thanh phd D phai di qua hai tram BOT B va C nhu hinh vé. Hoi c6 bao nhiéu
cach di tir A dén D it ton kém nhat?

A B C D

A.9. B. 10. C.18. D. 24.

Cau 5. Ttr thi xa A dén thanh phd D phai di qua hai tram BOT B va C nhu hinh vé. Hoi c6 bao nhiéu
cach di tir A dén D r6i quay vé A it ton kém nhat?

A B ¢ e
A. 1296. B. 784. C. 576. D. 324.
Cau 6. T cac chit s6 1, 5, 6, 7 ¢6 thé 1lap duoc bao nhiéu s6 tie nhién ¢ 4 chit s6?
A. 324, B. 256. C. 248. D. 124.
Ciu 7. Tk cac chit s6 1, 5, 6, 7 ¢6 thé 1ap duoc bao nhiéu s6 tw nhién c6 4 chit s6 d6i mot khac nhau?
A. 36. B. 24. C. 20. D. 14.
Cau 8. Ttr cac chir s6 1, 2, 3, 4, 5, 6 c6 thé 1ap dwgc bao nhiéu sd tu nhién bé hon 100?
A. 36. B. 62. C.54. D. 42.
Cau 9. Ttr cac chir s6 0, 1, 2, 3, 4, 5 ¢ thé 1ap duoc bao nhiéu sd ty nhién 1é gom 4 chir s6 d6i mot
khac nhau?
A.154. B. 145. C. 144. D. 155.

Cau 10. Tir cac chir s8 0, 1, 2, 3, 4, 5 ¢6 thé 1ap dwoc bao nhiéu s ty nhién chan gom 4 chit s6 doi
mot khac nhau?

A. 156. B. 144. C. 96. D. 134.
@ Tu luan

Ciu 1. Mot ctra hang di dong ¢ xa My Thuan c6 ban 30 chiéc iPhone va 15 chiéc iPad, déu c6 mdc
gén chia khéa khac nhau. Ban Diém phan van. C6 bao nhiéu cach chon néu ban Diém mua

a) Mot mon tuy y b) Mot chiéc iPhone va 1 chiéc iPad
Cau 2. Ba ban Sang, Nhu, Tién rii nhau di dn nha hang. Trong thic don c6 7 loai nudc ép, 10 mon
nhau va 12 loai banh ngot. Ban Sang chon mt moén nhau, ban Nhu chon mét ly nuwede ép, ban Tién
chon mot bich banh ngot. Hoi cé bao nhiéu cach chon thiec don cho btta an d6?
Cau 3. Hoi dong quan tri cong ty Rua Vang gom 11 nguoi. Dai hoi ¢ dong nam nay can bau ra 1
chu tich, 1 pho chu tich va 1 ty vién. Hoi c6 mdy cach bau chon?

Cau 4. Tkt cac chits6 1, 2, 3, 4, 5, 6 ¢6 thé 1ap dugc bao nhiéu s tw nhién gom 4 chit s6

a) Batky b) D6i mdt khac nhau

Cau 5. Ttr cac chits8 1, 2, 3, 4, 5, 6 c6 thé 1ap dwgc bao nhiéu s ty nhién chan gom 4 chit s&
a) Batky b) B6i mot khac nhau

Cau 6. Ttr cac chits6 0, 1, 2, 3, 4, 5, 6 c6 thé 1ap duoc bao nhiéu sd tu nhién 1é gom 4 chit s6
a) Bat ky b) D6i mdt khac nhau

Cau 7. Tkt cac chits6 0, 1, 2, 3, 4, 5, 6 c6 thé 1ap duoc bao nhiéu sO tw nhién chin gom 4 chir sO
a) Batky b*) B6i mot khac nhau
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Ciu 8. Tt cac chirs6 0, 1, 2, 3, 4, 5, 6 6 thé 1ap duoc bao nhiéu sd ty nhién chia hét cho 5, c6 4 chiv
sO
a) Bat ky b*) B6i mot khac nhau
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§2. CHINH HOP & TO HOP

A.LY THUYET
Vidu I: Tt 3 ban Nguyeén, Hao, Thuong, c6 may cach chon ra
a) Mot ban kéo xe tai va mot ban day xe taing  b) 2 ban song ca bai “Chau 1én ba”

Vidu2: T6 I16p 11A2 ¢6 7 hoc sinh. Cé may cach chon ra
a) 3 ban lam céan sy (khong kiém nhiém) b) 3 ban hat tiét muc top ca

Vidu 3: BO bai Tay ¢6 52 1a khac nhau. Cé may cach chon ra

a)5la bai tuy y b) 514 bai tuy y va phat déu cho 5 nguoi
CHINH HOP I TO HOP
. . |Chon k phan tk tt n phan te ......... phan1Chon k phan te tit n phan te ......... phan
Dinhnghia |, ..~ . °, s Ap ot bt 4T
biét vi tri, thit tu. Iblet vi tri, thir tu.
|
Cong thirc Af=e—— I Cl=—
I
CASIO :
, , Mbi cach chonlamdt ....................... 'Mbi cach chonlamot .......................
Cich goi . , :
chap ...... cua....... jchap ...... cua........
, R , 1 I
Chinh hop chap n ctia n dwoc goi la |
Chii y I
Al = '
n I

Vidu 4: M6t nhom hoc sinh 8 nguwoi, gom 5 nam va 3 nit, ri nhau di xem phim. C6 méy cach
a) Chon ra 1 nguoi lam tredng doan, 1 ngwoi lam pho doan va 1 nguoi lam thu quy
b) Chon ra 1 ngwoi lam treong doan, 1 nguwoi lam phd doan va 1 nguoi lam thu quy, trong do
phai c6 it nhat 1 nix
¢) Chon ra 3 ngroi di mua thitc an cho nhém
d) Chon ra 3 nguoi di mua thic &n cho nhém, trong d6 c6 nhiéu nhat 2 nam
e) Xép 8 ngudi vao mot hang ghé VIP trong rap chiéu phim, mdi ghé c6 ma s6 khac nhau
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B. THUC HANH
© Tric nghiém
Cau 1. Gia st ¢6 8 van dong vién tham gia chay thi. Néu khong ké truong hop c6 hai van dong vién
vé dich cung ltc thi ¢é bao nhiéu két qua c6 thé xay ra ddi voi cac vi tri nhat, nhi, ba?
A. 336. B. 56. C.24. D. 40320.
Cau 2. Gia st ¢6 8 van dong vién tham gia chay thi. Néu khong ké truong hop c6 hai van dong vién
vé dich cung ltc thi ¢6 bao nhiéu két qua ¢ thé xay ra doi voi bang xép hang?
A. 336. B. 56. C.24. D. 40320.
Cau 3. Mot 16p hoc ¢6 40 hoc sinh gom 25 nam va 15 nit. Chon 3 hoc sinh d€ tham gia vé sinh cong
cOng toan truong, hoi cd bao nhiéu cach chon nhuw trén?
A. 9880. B. 59280. C. 2300. D. 455.
Cau 4. Mot 16p c6 15 hoc sinh nam va 20 hoc sinh nt. C6 bao nhiéu cach chon 5 ban hoc sinh sao
cho trong d6 c6 dang 3 hoc sinh nx?
A. 110790. B. 119700. C. 117900. D. 110970.
Cau 5. Tt 20 nguoi can chon ra mot doan dai biéu gom 1 treong doan, 1 phé doan, 1 thu ki va 3 uy
vién. Hoi c6 bao nhiéu cach chon doan dai biéu?
A. 4651200. B. 4651300. C. 4651400. D. 4651500.
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Cau 6. Mot hop co 6 vién bi xanh, 5 vién bi d6 va 4 vién bi vang. Chon nggu nhién 5 vién bi sao cho
cO du ca ba mau. SO cach chon la

A. 2163. B. 3843. C. 3003. D. 2170.
Cau 7. Cho 10 cau hoi, trong dé c6 4 cau ly thuyét va 6 cau bai tap, nguoi ta cdu tao thanh cac dé thi.
Biét rang trong d@é thi phai gom 3 cau hoi trong d6 c6 it nhat 1 cau ly thuyét va cau bai tap. Héi c6
thé tao duwoc bao nhiéu dé nhu trén?

A. 69. B. 88. C. %. D. 100.
Cau 8. Dang thirc nao sau day la sai?
A. C5007 = C;OOé + C§006 . B. C5007 = szggg + C§006 - G C5007 = szggg + C;gtg)g . D. CZoo7 = CZooe + nggg :
Cau 9. Tim gia tri ne N thoaman C!  +3C?,=C’,,.
A . n=12. B.n=9. C.n=16. D.n=2.
2AY +5CY =90
Cau 10. Giai hé phwong trinh y N .
5AY -2CY =80
x=5 x=20 x=2 x=6
A. . B. . C. . D. .
y=2 y=10 y=5 y=3
@ Tu luan
Ciu 1. Ttr bon diém A, B, C, D c6 thé c¢6 bao nhiéu
a) Vecto (khac 0) b) Doan thang c) Tam giac
Cau 2. Tt 8 diém khong thang hang trong mat phang c6 thé 1ap duoc bao nhiéu
a) Doan thang b) Vecto c) Tam giac
Cau 3. Tinh s6 duong chéo cua mét hinh
a) T giac b) Ngt giac c) Luc giac d) Thap luc giac

Cau 4. Hoi dong quan tri cong ty Rua Vang gom 11 nguoi. Dai hi ¢ dong nam nay can bau ra 1
chu tich, 1 pho chu tich va 3 ty vién. Hoi c6 mdy cach bau chon?
Cau 5. Hoi dong quan tri cong ty Rua Vang gom 11 nguoi, trong dé ¢6 5 nit. Dai hoi ¢6 dong nam
nay can bau ra 1 chu tich, 1 phé chu tich va 1 uy vién. Hoi c6 may cach bau sao cho trong 3 nguoi
dwgc bau phai c6 ni.
Ciu 6. Mot nhom hoc sinh ¢6 8 nguodi, gom 5 ban nam va 3 ban nit. Can chon ra 5 HS tham gia mét
d6i van nghé. Hoi ¢6 may cach chon

a) Batky b)Co3namva2ni c¢) Cé it nhat 3 nam
Cau 7. Trén mot ké sach c¢6 5 quyén sach Toan, 4 quyén sach Vat Ly va 3 quyén sach Hoa. Cac
quyén sach déu khac nhau. Héi c6 bao nhiéu cach sap xép cac quyén sach trén

a) Mot cach tuy y b) Theo titng mon
Cau 8. C6 bao nhiéu loai sach dich bat ki mot trong nam thi tiéng Anh, Phap, Dtc, Viét, Trung ra
mot trong nam th tiéng con lai?
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§3. NHI THUC NEWTON

A. LY THUYET
1. i thie Dlewton

Vidu I: Khai trién cac biéu thitc sau:

C) (A4 D) =
A) (B4 D) = o
Tong quat:
(a+b)" =

¢ V&phaicd ........ sO hang.

¢ 56 hang tong quat }

¢ S0 hang tht k+1

+SOmuctaa......... dan, s mticuab ......... dan.

Vidu 2: Khai trién cac biéu thitc sau:

a) 2x+y)’ b) (2x-3)’

12
Vidu 3: Cho biéu thirc (Bx - lj .
x
a) Tim s8 hang tht 6 b) Tim hé s6 cua x°

¢) Tim s6 hang khong chita x d) Tinh tong cac hé sO ctia khai trién

2. Tam gidc JOascal

Tam giac nay c6 thé tng dung cho viéc khai trién hé s6 cua (a+b)".
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B. THUC HANH

O Tric nghiém
Cau 1. Da thitc P(x) =32x° —80x"* +80x —40x> +10x -1 1a khai trién ctia nhj thic
A. (1-2x). B. (1+2x). C. (x-2). D. 2x-1).

10
Cau 2. Tim hé s6 ctia x trong khai trién (2x - xz) :

A. CS. B. C2,-2°. C.C2. D. -C2 2%,

9
Cau 3. Tim s6 hang chtra x° trong khai trién (x +2ij .
X

A. —%C§x3. B. %ijS. C. -C)x°. D. C)x’.

9

Cau 4. Tim s hang khong chita x trong khai trién (xz +§j6 .
A. 2°C2. B. 2°C2. C. -2'C*. D. —22C!.
5
Cau 5. Tim s6 hang chita x°y trong khai trién {xy +§j .
A. 3x%y. B. 5x°y. C. 10x°y . D. 4x°y.

Cau 6. Tim s0 hang dung gitta trong khai trién (x3 + xy)20 .

A. Cx?y’. B. C,,x*y’. C. Cpx™y". D. Cox™y".
Céu 7. Tinh tdng S cta tat ca cdc hé s6 trong khai trién (3x—4)" .
A.S5=1. B. S=-1. C. 5=0. D. S=8192.
Cau 8. Tinh tong S =Cyy,y + Coopo + Capro ++ + Cants + Caor -
A S:22019 _1 B S:22019 C S:22018 D 5:22019 +1
Cau9.Tong S=C’+3C! +3°C> +---+3"C" bang
A. 3". B. 2". C. 3.2". D. 4".
Cau 10. Tap hop A= {al, ay, ay,..., an} c6 bao nhiéu tap con?
A.n. B. 2n. B. 2". D. n*.
@ Tu luan
2 4
Cé4u 1. Cho biéu thirc (x +—j .
x
a) Khai trién biéu thitc trén b) Tim hé s8 cta s& hang chira x°
¢) Tim s6 hang khong chira x d) Tinh tong cac hé so trong khai trién trén.

Cau 2. Tim hé s6 ctia s6 hang chita x” trong khai trién (3-2x)" .
Cau 3. Tim s hang thtt 6 ctia khai trién (x +2)".
Cau 4. Cho biéu thirc (3x—4)".

a) Tim hé sd cta sd hang chira x" b) Tinh téng cac hé s8 cua da thitc khai trién
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§4. BIEN CO & XAC SUAT

A. LY THUYET
1. [Ohén thit & bicn co

Q Phép thit ngbu nhién

Phép thir ngdu nhién i ......................... ma ta khong dodn triweoc dwgc ........................ cua no, mdc
du da biét ... tat cd cdc ... c6 thé'co cua phép thir do.

@ Khing gian miu
Khong gian mau ctia mot phép thiv la ........................ 7o c6 thé xdy ra ciia phép thir

do. Ki hiéu ...........
Vidu I: Mb ta khong gian mau cua cac phép tht sau:
a) Gieo mot dong xu (can do6i va dong chat).
b) Gieo mét dong xu (can doi va dong chat) hai lan.
c) Gieo mot con stic sac (can ddi va dong chat).

d) Gieo mdt con stic sac (can déi va dong chat) hai lan.

Bién co'la mot ........ccoocoovve. CUd w.oooveiee

o Tap D labiéncd .....oocoovvvvicne.

e Tap Q labién cd .....ccocoovvvvicnne.

e Néu AnB=¢ thitandihaibiéencG AvaB ...

e Néu A=Q\B thitandihaibiéncG AvaB ... ,kihieu A= ... hodac B= .....

Vi du 2: Gieo mot con stic sac (can ddi va dong chat).
a) M6 ta khong gian mau.
b) Xac dinh cac bién ¢6 sau:
A: “Xuat hién mat chan”. B: “S6 chdm 1a wdc ctia 3”.
c) Cho biét m6i quan hé gitra hai bién cd trén.

d) Tim bién cd d6i cua A va B.
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2. Nic sudt cvia bicn co
Dinh nghia
Gia st A 1a bién cd lién quan dén mot phép thix véi khdng gian mau Q, chi ¢ mot s§ hiru han
két qua dong kha nang xuat hién.

Xdc sudt ctia bién c6’ A la ti s6 .Kihiéu: ..........
Trong d6 n(A) 1as6 .................. ctaabién c6 A, n(Q) 1[as6 ..o co6 thé xay ra cua phép thi.

Vidu 3: Gieo mot con stic sac (can ddi va dong chat) hai lan.
a) Mb ta khong gian mau.
b) Tinh xac suat ctua cac bién ¢d sau:
A: “Két qua hai lan gieo nhw nhau”.

B: “Tong sd chdm hai lan gieo bang 8”.

Tinh chiit
o P(D)=....,;PQ)= ...
o ... <P(A)<....., véi moi bién c6 A
e Né&u A vaBxung khac (AnB=....)thi (LAUB)= ................ (cong thirc ........... xdc suit)
. P(Z): ............... , v6i moi bién cd A
e Néu P(AnB)=P(A)-P(B) thitanéi AvaB ...

Vi du 4 Ban My gieo mot dong tién (can ddi va dong chat), sau d6 ban Thuan gieo mot con stic

sac (can doi va dong chat).

a) Mb ta khong gian mau.

b) Tinh xac suat cua cac bién ¢d sau:
A: “Dong tién xudt hién mat sap”.
B: “Con stc sic xuat hién mit 6 cham”.
C: “Con stic sdc xut hién mat 1&”.

¢) Kiém tra tinh ddc 1ap cua cac cdp bién c6 A vaB, Ava C,BvaC.
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B. THUC HANH

© Tric nghiém
Cau 1. Phép thtr “Gieo mot dong xu can ddi va dong chat 2 [an” c¢6 khong gian mau 1a
A. Q={SS,NN}. B. Q={SS,SN,NN}. C.Q={SS,SN, NS, NN} D.Dap an khac.
Cau 2. Khéng gian mau cua phép thir “Gieo mot dong xu can ddi va dong chat 4 1an” c6 bao nhiéu
phan t&?
A. 4. B. 8. C.1e. D. 32.
Cau 3. Gieo mot dong xu can doi va dong chat 4 Ian. Bién ¢6 “Cd 2 lan xuat hién mdt xap” la
A. {Ss}. B. {SSNN, NNSS, SNSN, NSNS, SNNS, NSSN'} .
C. {SSNN}. D. {SSNN, NNSS}.

Cau 4. Hai ban My va Thuén cung di héi chg choi phong phi tiéu. Bién ¢6 doi ctia bién cd “Co it
nhat mot nguoi phéng trung” 1a

A. “C6 t6i da mot nguoi phong trang”. B. “Ca hai nguoi déu phong trung”.
C. “Cé it nhat mot nguoi phong trugt”. D. “Ca hai nguoi déu phong truot”.
Cau 5. Gieo mot dong xu can doi va dong chat 4 Tan. Xac sudt d€ ca 4 lan déu xuat hién mat xap la
Al B. L. c.l. D. L.
4 6 8 16
CAu 6. Gieo mot con suc sic 2 [an. X4c suat dé it nhAt mot [An xuat hién mit 6 chAm la
Al 52 el B
3 9 6 36

Ciu 7. Mot doi van nghé gom 5 nam va 8 nit. Can chon ra 4 nguoi dé€ hat mot tiét muc top ca. Tinh
xac suat dé trong nhitng nguoi duoc chon c6 it nhat 3 nit.
ﬁ B.7—3. C.5—6. D.ﬂ.
143 143 143 143
Cau 8. C6 13 hoc sinh cta treong THCS-THPT My Thuan dat dwoc danh hiéu hoc sinh gioi vo dich
quoc gia, trong d6 c6 2 nam sinh khéi 11, 8 nam sinh khdi 12 va 3 nit sinh khoi 12. Chon ngﬁu nhién
3 hoc sinh trong sd nay dé€ phat biéu trong ngay 20/11. Tinh xac sudt dé€ 3 hoc sinh dwgc chon c6 ca
nam va nit, co ca khoi 11 va khoi 12.
27 B. 2% c =L D. 2.
286 143 143 286
Cau 9. Gieo mot con stic sac can d6i va dong chat 2 Tan. Tinh xac suat d& “Tich s6 chdm cta 2 lan
gieo 1a mot s& chan”.
A. 0,25. B. 0,5. C.0,75. D. 0,85.
Cau 10. Hai ban My va Thuan cting di hoi cho choi phéng phi tiéu. Biét rang kha nang tring cta
ban My la 0,4 con cta ban Thuan la 0,5 va xac sudt dé ca hai déu trung 1a 0,2. Cho biét mdi quan hé
gitta hai bién cd P: “Ban My phéng trung” va S: “Ban Thudn phéng trang”.
A.PvaSxung khic. B.PvaS d6inhau. C.Pva S doclap. D. bBap an khac.
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< Tu ludn
Cau 1. M6 ta khong gian mau trong cac phép thi sau:
a) Gieo ngau nhién mot con stic sic can ddi va dong chat
b) Gieo ngau nhién mdt con stic sac can d6i va dong chat 2 lan
c) Gieo ngau nhién mot dong xu can ddi va dong chat
d) Gieo ngau nhién mot dong xu can d6i va dong chat 2 Ian
Cau 2. Gieo ngau nhién mot con stc sac can ddi va dong chat
a) Mb ta khong gian mau.
b) Xac dinh cac bién cd
A: “Xudt hién mit chin”.
B: “Xuat hién mat c6 s0 chdm chia hét cho 3”.
¢) Tinh xac suat ctia cac bién cd trén.
Cau 3. Gieo ngau nhién mot dong xu can d6i va dong chat 2 lan.
a) Mb ta khong gian mau.
b) Tinh xac suéat ctia cac bién c6
A: “Két qua 2 Tan gieo la nhu nhau”.

B: “Lan dau xuat hién mat sap”.
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ON TAP DAI $0 CHUONG ?

O Tric nghiém

Ciu 1. Mot nhém hoc sinh gom 5 ban nam va 4 ban n&t. Cé mdy cach chon ra 1 ban dé€ lam nhom

trueong?
A.9. B. 20. C.72. D. 1.

Cau 2. Mot nhom hoc sinh gom 5 ban nam va 4 ban nit. Cé may cach chon ra 1 d6i song ca nam nix?
A.9. B. 20. C.72. D. 1.

Cau 3. Mot nhom hoc sinh gom 5 ban nam va 4 ban nit. Cé may cach chon ra 1 d6i song ca?
A.9. B. 20. C.72. D. 1.

Cau 4. Ban Binh mudn di Can Tho én ming dau dai hoc. Cha me cho ban dwoc chon gitta di xem
phim va di an buffet. Biét rang & Can Tho c6 5 rap chiéu phim va 4 quan an buffet. Vay Binh c6 may
cach chon?
A.9 B. 20 C.72 D.1
Ciu 5. Ban Binh mudn di Can Tho an ming dau dai hoc. Cha me cho ban di xem phim, sau d6 sé di
an buffet. Biét rang & Can Tho c6 5 rap chiéu phim va 4 quan an buffet. Vay Binh cé m4y cach chon?
A.9. B. 20. C.72. D. 1.
Cau 6. Mot 16p hoc ¢6 25 hoc sinh. Ho mudn chon ra 1 16p truwong, 1 16p pho va 1 tha quy (khong
kiém nhiém). Hoi c¢6 bao nhiéu cach chon?

A. 15625. B. 2300. C. 13800. D. 72.
Cau 7. Tt cac chits6 1, 2, 3, 4, 5, 6 c6 thé 1ap ra bao nhiéu s6 ti nhién gom 5 chit s6 khac nhau?
A. 20. B. 720. C.7776. D. 3125.
Cau 8. Tir cac chits6 1, 2, 3, 4, 5, 6 ¢4 thé 1ap dugc bao nhiéu s ty nhién 1é gom 5 chit s6 khac nhau?
A. 360. B. 720. C. 3888. D. 1080.
Cau 9. Ttr cac chirs6 1, 2, 3, 4, 5, 6 ¢6 thé 1ap dwgc bao nhiéu so ty nhién 1é gom 5 chit s6?
A. 360. B. 720. C. 3888. D. 1080.

Cau 10. Ttr My Thuan t6i My Tho c6 thé qua cau My Thuan hogc cau Rach Miéu. Duong cau My
Thuén c6 4 cach di, duong cau Rach Miéu c6 5 cach di. Hoi c6 mdy cach di tir M§ Thuan téi My Tho
bang cau nay va quay tré vé bang cau kia?

A.9. B. 20. C. 40. D. 72.

Cau 11. Phat bi€u nao sau day chua dung:

!
A.P,=9!=9-8.7-6-5-4-3-2-1. B. A§=%=9-8-7-6-5-4.
! .8.
C.P,=9!=9-8-7-6-5-4:3-2-1-0. D. Cg=i=m=3-4-7=84.
6!3! 3-2-1

Cau 12. Nha nuwéc mudn xay cau dé€ lién thong gitra 6 hon dao voi nhau, sau cho gitta 2 hon dao bat
ki déu phai c6 1 cay cau. Hoi nha nuwdc can phai xay t6i thiéu bao nhiéu cay cau?

A.6. B. 12. C.15. D. 30.
Cau 13. Ba ban Thai, Binh, Duong ri nhau di xem phim. C6 bao nhiéu cach phan phat cho mdi ban
1 vé xem phim. Biét rang mdi ghé trong rap chiéu phim déu cé danh ma s3 khéac nhau.

A. 3. B. 6. C.o. D. 27.
Cau 14. C6 bao nhiéu cach phan cong cho 6 hoc sinh c4 biét lam vé sinh ¢ 6 khu viec khac nhau, moi
em lam mot khu vec?

A.6. B. 12. C. 36. D. 720.
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Cau 15. Hoi dong quan trj cta tap doan Huong Sac Hudng cé 10 thanh vién. C bao nhiéu céch
chon ra mot ban quan tri gom 1 chu tich, 1 pho chu tich, 1 thu ky va 2 ay vién. Trong d6, 2 ay vién
dwoc chon ra sau cung va khong c6 ai kiém nhiém?

A.C)C;. B. A C.. C. A AL D. A},.
Cau 16. C6 may cach chia 16p 11A2 gom 40 hoc sinh thanh 4 t6 déu nhau?
|
A4, ik C. crcioc, D. APALAL,

(10"
Cau 17. Lop 11A2 ¢6 6 doan vién wru tu, 16p 11A3 ¢ 3 doan vién wu ti, 16p 11A4 cd 2 doan vién wu
t. C6 bao nhiéu cach chon 4 doan vién wu td d€ bau vao ban chap hanh doan truong, moi nguoi
mot chitc vu khac nhau, trong d6 c¢6 da 3 16p 11A2, 11A3, 11A4?

A. 330. B. 144. C. 7920. D. 288.

Cau 18. C4 6 bi xanh, 3 bi do, 2 bi tréng. Co bao nhiéu cach chon 4 bi sao cho trong dé6 cé da 3 mau?
A. 330. B. 144. C. 7920. D. 288.

Cau 19. Mot da giac 161 c6 n canh. Hoi da gidc d6 c6 bao nhiéu duong chéo?

A. n(n-3). B.@. C.n. D.”T‘l.

Ciu 20. Néu A’ =42n thi
A.n=2. B.n=4. C.n=6. D. n=8.
Cau 21. Ménh dé nao sau day dang nhat?

A. (a+b)' = ZC:a”‘kbk . B. Khai trién (a+b)" c6 n s6 hang.

k=0
C. Tong hé s6 cta (a+0b)" khi khai trién 1a 2". D. A va C dung.
Cau 22. S8 hang chinh gitra trong khai trién (3x+2y)* la
A. C2x%y2, B. 6(3x"2y). C.1. D. Ca A, B, C déu sai.

10
Cau 23. S6 hang khong chita x trong khai trién nhi thirc (x2 +i3j bang
x

A. 130. B. 180. C. 200. D. 210.
Cau 24. Hé s6 ctia x” trong khai trién (1-x)" la

A. 330. B. -72. C. -33 D. -702.
Céau 25. Trong khai trién ctia nhj thitc (x—y)"', hé s6 cta x°y° 1a

A.C. B. C:. C. C’. D. C:..

Cau 26. Hé s6 ctia x°y° trong khai trién (1+x)°(1+y)’ 1a

A. 20. B. 32. C. 400. D. 800.
Cau 27. Cho khai trién nhi thiee (2x-1)° =a,,x"° +a,x* +- +a,x* +ax +a,.
Tinh tong a,, +a,, +---+a, +a, +4a,.

A. 0. B. 1. C. -1. D. 3.

Cau 28. Cho khai trién nhi thite (2x-1)"* =a, x" +a,x" +a,x* +--+a,x* +ax+a,.

Tinh tong a,, —a,, +a, —---+a,—a, +4a,.
A. 1. B. -1 C. 3". D. 3".

Cau 29. Gieo mdt con stic sac can d6i va dong chat 3 lan. Khi d6 s8 két qua cé thé xay ra la
A.18. B. 36. C. 109. D. 216.
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Cau 30. Gieo mdt con suc sac can ddi va dong chat 3 Tan. Xac suat d& nat s6 "1" chi xuat hién dtng
vao lan tht 3 la
2 2 3
A2] L B.~. c[2]. D.[1].
6) 6 6 6 6

Cau 31. Gieo mot dong xu can doi va dong chat 2 Tan. Xac sudt dé Tan thit 2 duoc mét sap la

A.l. B.l. C.l. D.%.
2 4 3 3
C4u 32. Mot tti chira 5 bi xanh va 10 bi d6. Ruat ra 3 bi, xac suat dé dwoc 1 bi xanh la
==y B. 2. c 185
91 3 3 212

Cau 33. C6 10 hop sira, trong do c6 5 hop qua han st dung. Chon ngﬁu nhién 4 hop dé "lam tur
thién". Xac suat d€ duoc t6i da 3 hop qua han la
A.i. B.l. C.ﬂ. D.l.
21 21 42 42
O Tu luan
Cau 1. Thé Gidi Di Bong chuan bi mé mot cira hang méi ¢ cho My Thuéan, ¢ 10 ¢ng ct vién xin
dugc lam viéc tai day, trong s6 d6 c6 ban Nam.
a) b€ diéu hanh ctra hang nay thi can 1 trudng phong, 1 bao v€, 2 nhan vién ky thuat va 3
nhan vién ban hang. Hoi ban 1anh dao Thé Gidi Di Pong c6 bao nhiéu cach chon?
b) Tinh xac suat d€ ban Nam duoc tuyén.

Cau 2. Tim hé s§ cua x” trong khai trién biéu thirc (1+ x)9 +(1+ x)10 +o (14 x)14
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HINH HOC CHUCNG 1

PHEP DO HINH & PHEP DONG
DANG TRONG MAT PHANG

Phip tink ticn
Phep dvi hink <

Péep quay

Phip lien hink <
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§1. PHEP BIEN HINH

Phép bién hinh trong mdt phang la quy tic @Gt ..........c............. moi M M

diéin M ciia mét phing v6i mot diém xdc dinh ................... M’ ctia

mdt phing dé.

Néu phép bién hinh F bién diém M thanh diém M’ thi
x Ta viét: F(M) = F P
xTagoiM'la ... cua M qua phép bién hinh F.

Phép dong nhat la phép ......................... bién moi diém M thanh ......................
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§2. PHEP TINH TIEN

A. LY THUYET
1. Dink nghia

Cho wvecto v. Phép tinh tién theo vecto V la phép
........................ bien moi diém M thanh diém N sao cho
..................... Kihiéu ..........

Nhu vay, N la anh cia M qua phép tinh tién T, néu

Phép dong nhadt la phép tinh tién theo vecto ......

2. Cinly chat

Tinh chiit 1

Phép tinh tién bdo toan ...................... Qiira hai diém bat ki.

Tinh chiit 2

Phép tinh tién bién
o Duong thing thanh dwong thing ................. hodc

............ v0i nd,
e Dogn thing thanh dogn thing .................. V01 10,
o Tam gidc thanh tam gidc ............... V01 10, Translate
e Duwong tron thanh ........................ CO CUNG ..o
3. (Bidu thic tpa do

Cho vecto  =(a;b) . Néu phép tinh tién T, bién diém M(x;y) thanh diém M'(x’;y') thi

b

Vidu I: Cho vecto 9 =(3;-2). Tim anh ctia cac diém P(-1;2) va S(5;1) qua phép tinh tién T, .

Vidu2: Cho vecto ii =(5;-1).
a) Tim anh cta d, :2x+3y—4=0 va d, : y =3—4x qua phép tinh tién T..
b) Phép tinh tién T, bién duong tron (C) thanh dwong tron tam 1(3;-2), ban kinh R=5.
Viét phuong trinh dwong tron (C).
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B. THUC HANH
O Tric nghiém
Ciu 1. Ménh dé nao sai?
A. Phép tinh tién bao toan khoang cach gitra hai diém bat ki.
B. Phép tinh tién bién ba diém thang hang thanh ba diém thang hang.
C. Phép tinh tién bién tam gidc thanh tam giac bang tam giéc da cho.
D. Phép tinh tién bién duong thang thanh duong thang song song véi duong thang da cho.
Cau 2. Trong mat phang Oxy cho diém A(2;5) . Phép tinh tién theo vecto v= (1;2) bién A thanh
diém co toa do la
A. (3;1). B. (1;6). C. (3;7). D. (47).
Cau 3. Trong mét phiang Oxy cho diém A(2;5) .Héi A la anh ctia diém nao trong cac diém sau qua
phép tinh tién theo vecto v= (1;2) ?
A. (31). B. (1;6). C. (47). D. (1;3).
Cau 4. Trong mit phing toa &6 Oxy cho dwong thing A c6 phuong trinh 4x—y+3=0. Anh cta
duong thang A qua phép tinh tién T theo vecto & = (2;—1) c6 phuong trinh la
A. 4x-y+5=0. B. 4x-y+10=0. C. 4x-y-6=0. D. x—4y-6=0.
Cau 5. Trong mét phang toa &6 Oxy cho duong thang d c6 phuong trinh 2x—y+1=0. D& phép
tinh tién theo vecto ¥ bién d thanh chinh no thi ¥ phai la vecto nao trong cac vecto sau?
A.5=(21). B. 5=(2-1). C.5=(12). D. 5=(-1;2).
Cau 6. Trong mat phang toa dd Oxy néu phép tinh tién bién diém A(Z; —1) thanh diém
A'(2018; 2015) thi né bién duong thang nao sau day thanh chinh né?
A x+y-1=0. B. x—y-100=0. C.2x+y—-4=0. D. 2x-y-1=0.
Cau 7. Trong mit phang toa &6 Oxy, anh cta duong tron (C) : (x+1)2 +(y—3)2 =4 qua phép tinh

tién theo vecto 7 = (3;2) la duong tron c6 phuong trinh

A. (x+2) +(y+5) =4. B. (x-2) +(y-5) =4.

C. (x-1) +(y+3) =4. D. (x+4) +(y-1) =4.

Cau 8. Trong mit phang toa d§ Oxy cho hai duong tron (C1) va (Cz) bang nhau c6 phuwong trinh
lan lugt 1a (x~1) +(y+2) =16 va (x+3) +(y—4) =16. Gia sit T 1a phép tinh tién theo vecto @
bién (Cl) thanh (Cz) . Tim toa d6 cuia vecto ii .

A. i =(-4;6). B. i=(4-6). C.ii=(3;-5). D. i =(8;-10).
Cau 9. Trong mit phang toa d6 Oxy cho vecto 5:(—2;—1). Phép tinh tién theo vecto v bién
parabol (P) :y=x" thanh parabol (P') . Khi d6 phuong trinh ctia (P') la

A.(P):y=x"+4x+5.B. (P'):y=x"+4x-5. C. (P'):y=x"+4x+3. D. (P'):y =x" —4x+5.
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Cau 10. (THTT - S6'484 - Thing 10 - 2017 - BTN) Trong mét phang toa do Oxy, cho hai duong tron

(C):(erm)2 +(y—2)2 =5 va (C'):x* +y* +2(m-2)y—6x+12+m* =0. Vecto v ndo dudi day la

vecto ctia phép tinh tién bién (C) thanh (C’)?
B.

A. v=(21). v=(-21). C. v=(-12). D. v=(2;-1).
O Tuwludn
Cau 1. Tim anh cta diém S(5;1) va diém K(3;-3) qua phép tinh tién vecto i =(2;-3).
Cau 2. Tim anh ctia duong thang A:3x—4y+5=0 qua phép tinh tién vecto i = (2;-3).
Cau 3. Tim anh ctia duong thang d: y =2x qua phép tinh tién vecto i = (2;-3).
Cau 4. Cho vecto 7=(5;1). Tim anh cua dudng tron (C,):x* +y° —2x+4y—-4=0 va dudng tron
(C,):(x+3)* +(y—1)* =16 qua phép tinh tién T, .
Ciu 5. Cho hai vecto d=(1;4) va b=(5-2). Tim anh cua diém P(-1;3) va duong thang
d:y=3x-2 qua phép doi hinh c6 duoc bdi viéc thye hién lién ti€p hai phép tinh tién
a) T, vaT, b) T. va T,
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§5. PHEP QUAY

A. LY THUYET L
1. Din nghia o

Cho g6c lwong gidc o . Phép quay tam O goc o la phép ...........

........... biéin O thanh chinh nd, biéhn moi diém M (khic O) thanh diéin

M’saocho ... va goc lwgng gidc (OM, OM’) = .........

Kihigu oo (,)A a M
biém O duocgoila ... , o duegcgoila ...

Phép dong nhat la phép quay ................

2. Cinly chat Lo ” -
Phép quay bao toan ... Qiita hai
diéin bit k. ™ |
Phép quay bién !

o Duong thing thanh ................... , a t 7

o Doan thing thanh dogn thing ............. v vl
V01 1o,

o Tam gidc thanh tam gidc ........... v6i 16, Rotate

e Duong tron thanh ................... CO CUNG ..o,

3. (Biu iec loa dp
Néu phép quay Q,,, bién diém M(x;y) thanh diém M'(x';y') thi

{x' =X.COsO —y.sina

y'=Xx.sina +y.cosa

Dac biét:

. X': . X':
Q(0,90°)' y'= Q(O,—‘)O“)' y'=

Vidu I: Tim anh cua cac diém P(-1;2) va S(5;1) qua phép quay Q(

0,900) :

Vi du 2:
a) Tim anh cta cic duong thang d, :2x+3y-4=0 va d,:y =3-4x qua Q(

o,—9o“) )

b) Tim anh ctia dwong tron tam 1(2;-2), ban kinh R =5 qua phép quay Q(

0,45‘7) :
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B. THUC HANH
O Tric nghiém
Céu 1. Phép quay Q,,, bién diem M thanh M'. Khi dé

A. OM =0M’ va (OM,0M')=¢. B. OM =OM' va (OM,0OM')=¢.
C. OM =OM' va MOM'=¢. D. OM =OM’' va MOM' =¢.

Cau 2. Phép quay va phép tinh tién giong nhau ¢ dac diém nao dwdi day?
A. Bién doan thang thanh doan thing bang noé.
B. Bién tam giac thanh tam gidc bang no.

C. Bién duong tron thanh duong tron ¢é cung ban kinh.

D.Ca A, B, C.
Cau 3. Cho tam gidc déu tam O. Vi gid tri nao dudi day cua ¢ thi phép quay Qo) bién tam giac
déu thanh chinh né?
Tt 3n Tt
A p=—. B. p=m. C.o=—. D.p=—.
?=3 p=T =7 ?=73

Cau 4. Cho hinh vuéng tam O. Hdi ¢d bao nhiéu phép quay tam O goéc @ véi 0<a <27, bién hinh
vuong trén thanh chinh n6?
A. 1 B. 2. C. 3. D. 4.

Cau 5. Trong mét phang (Oxy), cho diém A(3,'O). Tim anh A’ cua diém A qua phép quay Q[ ﬂ].
O,—

A. A(0;-3). B. A'(0;3). C. A'(-3;0). D. 4'(24/3;243).

Cau 6. Trong mit phang Oxy, cho diém A(3;0). Tim anh A’ cua diém A qua phép quay Q[

o;—gj'

A. A'(=3;0). B. A'(3,0). C. A'(0;-3). D. A'(-2V3;243).
Cau 7. Trong mit phang (Oxy), cho diém M(l;l). Hoi cac diém sau diém nao la anh caia M qua
phép quay tam O, goc 45°?

A. (-1;1). B. (1,0). C. (v2;0). D. (0:+2).

Cau 8. Cho 1(2;1) va duong thang d:2x+3y+4=0.Tim anh ctia d qua Q

=)
A.d':—x+5y-3+2=0. B.d':—x+5y-3=0.
C.d':—x+5y—10v2 =0. D. d':—x+5y—-3+10v2 =0.

Cau 9. Tim anh ctia dueong tron (C):(x—l)2 +(y+2)2 =9 qua phép quay Q(I;%U) vOi 1(3;4).
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A (C):(x+2) +(y-2) =9. B. (C'):(x—3) +(y+2) =9.

C. (C):(x+5) +(y-7) =9. D. (C):(x+3) +(y-2) =9.
Cau 10. Trong mat phang véi hé toa dd Oxy cho hai duong thang a va b c6 phuong trinh lan lwot
la 2x+y+5=0 va x—2y-3=0. Néu c6 phép quay bién duong thang nay thanh duong thang kia
thi s6 do cua goc quay ¢ (O <p< 180°) la

A. -90°. B. 60°. C. 90°. D. 120°.
O Tuw ludn
Cau 1. Tinh chat chung, riéng ctia phép tinh tién va phép quay la gi?
Cau 2. Tim anh cta diém S(5;1) va diém K(3;-3) qua phép quay Q(

0,—90") :

Cau 3. Tim anh ctia duong thang A:3x-4y+5=0 qua phép quay Q(

o,90“) )

Cau 4. Tim anh ctia duong thang d:y =2x qua phép quay Q(

090°) °

Cau 5. Tim anh ctia hai duong tron (C,):x* +y* —2x+4y—4=0 va (C,):(x+3)* +(y—1)* =16 qua
phép quay Q(o,fgoo)'

Cau 6. Cho vecto 4 =(-3;2). Tim anh ctia diém P(-1;3) va duong thang d:y=3x-2 qua phép doi
hinh ¢6 duogc béi viéce thye hién lién tiép hai phép

a)T. va Q b) Q) V2 Ty

(0,~90°)
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§6. KHAI NIEM PHEP DOI HINH & HAl HINH BANG NHAU

1. @K niom vé phén dix fink

Phép doi hinh la phép ....................... bdo toan ........................ Qiira hai diém bt ki.
Nhon xét:
e Cac phép dong nhat, tinh tién, phép quay déu la phép .....................
e Phép bién hinh c6 duoc b%mg cach thuchién .................... hai phép doi hinh cling la mot
phép ...

2. Cinly chat

Phép doi hinh bién

o Ba diéin thing hang thanh .................c....cocooocovvverr. va bdo toan .................. gQiira cic dién.
o Duong thing thanh ..................... , tia thanh .......... , dogn thang thanh dogn thang ............ no.
o Tam gidc thanh tam gidc ............. né, goc thanh géc ............ no.
e Duwong tron thanh ....................... CO CUNG ..o
3. @Khdii niem hai hinly bing nhau
Hai hinh dwoc goi la bang nhau néu c6 mot phép .................... bién hinh nay thanh hinh kia.

Vi du: Hai tam giac ABC va A”B”’C’ ¢6 bang nhau khong? Tai sao?
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§7.PHEPVITU

A. LY THUYET
1. Din nghia

Cho diéfm O vasd k#0.

Phép vi tw tim O, ti s6" k la phép ... bién moi diém M thanh diém M’ sao cho
Ki higte oo
Nhon xét:

e Phép vi tu bién tam vi ty thanh ...

e NéuM’ laanh ctiaM qua V,,, thiMlaanhctaM’ qua...........

Phép dong nhadt la phép vi tw ti s6'k=........
2. Tink chat

Tinh chit 1

Néu phép vi tw ti s6"k bién hai diém M, N tiy y theo thir tw thanh M’, N’ thi ... v
Tinh chiit 2
Phép vj tw ti s6'k bién
e Ba diém thang hang thanh ...................c...cc..ccco........ v bdo t0an ...................... Qitra cic diém dy.
o Duong thing thanh dwong thiang .......................... hodc ................ V01 0.
o Tigthanh ......... , doan thﬁng thanh ...
o Tam gidc thanh tam idc ......................... V01 1O.
e Gdc thanh goc ........... no.
e Duwong tron ban kinh R thanh dwong tron ban kinh ............
k=23 /,,‘R | ok
#
e = -
/// - 2l
la/ k
’f' - c.
- .
- __——-"'c_ — i i U_. F
0~ / - = o
= / __,-P""FFF-
A M- / ;
5
b v
B &

3. Cdam vi tu clia hai diimg tron

Giira 2 dwong tron bat ki, ludn cé mot phép .............. bién dwong tron nay thanh dwong tron kia.
Tam vi te dé duocgoila ... cta hai duong tron.
4. (Bitu it toa dp

Néu phép vi tw V,,, bién diém M(x;y) thanh diém M'(xy’) thi

e
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Vidu I: Tim anh cua cac diém P(-1;2) va S(5;1) qua phép vite V.

(0,-3)°

Vi du 2:
a) Tim anh cta cic duong thang d, :2x+3y-4=0 va d,:y=3-4x qua phép vi tu 4

0,2)

b) Tim anh cta dwong tron tam 1(3;-2), ban kinh R =5 qua phép quay V[ 1) .
0=

2

B. THUC HANH

O Tric nghiém
Cau 1. Phép vi tu tam O ti sd k (k #0) bién mdi diém M thanh diém M’ sao cho

A. OM =%OM’. B. OM = kOM' . C. OM =—kOM' . D. OM' =—OM..

Cau 2. Cho phép vi tu tam O ti sO k va duong tron tam O ban kinh R. D€ duong tron (O) bién
thanh chinh dwong tron (O), tat ca cac s6 k phai chon la
A. 1. B. R. C.1va-1. D.-R .
Cau 3. Trong mat phang Oxy cho diém M(-2;4). Phép vi tu tim O ti s6 k=-2 bién diém M
thanh diém nao trong cac diém sau?
A.(=3;4). B.(—4;-8). C.(4;-8). D. (4;8).
Cau 4. Trong mit phang toa d6 Oxy, biét B'(2;-10) la anh ctia di€m B qua phép vi tw tam O ti s
k=-2.Toa d0 diém B la
A. (;-5). B. (—4;20). C. (-1;5). D. (4;-20).
Cau 5. Trong mat phang Oxy cho duong thang d c6 phuong trinh 2x+y—3=0. Phép vi tu tam O
ti s6 k=2 bién d thanh duong thang nao trong cac duong thang cé phuwong trinh sau?
A. 2x+y+3=0. B. 2x+y—-6=0. C.4x—-2y-3=0. D. 4x+2y-5=0.
Cau 6. Trong mét phang Oxy cho duong thang d c6 phwong trinh x+y—2=0. Phép vi tw tim O H
s k=-2 bién d thanh duong thang nao trong cac duong thang cé phuong trinh sau?
A2x+2y=0. B. 2x+2y-4=0. Cx+y+4=0. D. x+y-4=0.
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Cau 7. Trong mét phang Oxy cho duong tron (C) ¢ phuong trinh (x—1)* +(y—1)* =4 . Phép vi tu
tam O tis6 k=2 bién (C) thanh duong tron nao trong cac duong tron c6 phwong trinh sau?
A.(x-1*+(y-1*=8. B.(x—2)"+(y—2)* =8.
C.(x—=2)* +(y—2)* =16. D. (x+2) +(y+2)> =16.
Cau 8. Trong mét phiang Oxy cho duong tron (C) c6 phwong trinh (x —1)* +(y —2)* = 4. Phép vi tu
tam O tis6 k=-2 bién (C) thanh duong tron nao trong cac duong tron c6 phuong trinh sau?
A.(x-2)*+(y-4)* =16. B.(x-4)* +(y-2)* =4.
C.(x—4)* +(y—2)* =16. D. (x+2)* +(y+4)*=16.
Cau 9. Trong mat phéng véi hé truc toa &6 Oxy, phép vi tu tam I (2;3) ti sO0 k=-2 bién diém
M(-7;2) thanh M’ ¢6 toa do la
A. (-10;2). B. (20;5). C. (18;2). D. (-10;5).
Céau 10. Trong mat phéng véi hé truc toa do Oxy. Phép vi ty tam I(1;0) ti s6 k bién duong théng
A:x+2y—1=0 thanh A" c6 phuong trinh la
A. x-2y+3=0. B. x+2y-1=0. C.2x-y+1=0. D. x+2y+3=0.

O Tuluan
Cau 1. N&u phép vi tu V,,,,, bién hinh H thanh hinh H' thi hai hinh d6 c6 bing nhau khong?

Céu 2. Tim anh cta diém 5(5;1) va diém K(3;-3) qua phép vitw V, , .
Cau 3. Tim anh ctia cac duong thang A:3x-4y+5=0 va d:y=2x qua phép vi tu 4

0,2)*
Cau 4. Tim anh ctia cdc duong tron (C,):x* +y° —2x+4y—-4=0 va (C,):(x+3)’ +(y—-1* =16 qua
phép vi ty Vo -
Cau 5. Tim anh ctia diém P(-1;3) va duong thang d:y=3x-2 qua phép dong dang c6 duoc boi
viéc thuc hién lién ti€p hai phép vi tu

a) V(

0;-3)

va V(O;;] b) V(o,;] va V(O;_3)
Cau 6. Tim anh ctia diém S(5;1) va duong thang A:3x—4y+5=0 qua phép dong dang c6 duoc tir
viéc thuc hién lién ti€p phép quay tam O, goc 90° va phép vi ty tam O, ti s0 3.

Cau 7. Tim anh cua diém R(1;5) va duong tron (C):(x+3)* +(y—1)* =16 qua phép dong dang co

AY LAY oA - A - A 7 . A 2 ~ ]- Ay 1é . - A - A/, —_
dwoc tir viéc thuc hién lién ti€ép phép vi tuw tam O, ti sO 3 va phép tinh tién T,, biét 7 =(3;-2).

Chuong 1. Phép bién hinh trong mat phéng Trang 52 GV. Huynh Phua Si



§8. PHEP DONG DANG

1. Dinf) nghia
Phép dong dang ti s6'k (k>0) la phép bién hinh F bién hai
diém M, N bat ki thanh hai diém M’, N' twong itng sao cho
Nhén xet:
e Phép doi hinh la phép dong dang ti so ......
e Phép vi tu ti sO k la phép dong dang ti s0 ......
2. Cink chat
Phép dong dang ti s6'k bién

e Ba diéin thang hang thanh ba diéin ..................... va bdo toan ................. Qiiva chiing.
o Duong thing thanh ....................... , tia thanh ........ , dogn thang thanh ............................
o Tam gidcthanh ... v0i no, goc thanh goc ........... no.
e Duwong tron ban kinh R thanh ....................... ban kinh .............
3. iy ding dang
Hai hinh dwoc goi la dong dang voi nhau néu c6 mot phép ...................... bién hinh nay thanh hinh kia.
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ON TAP HINH HOC CHUONG 1

Cho vecto i = (a;b) . BO sung cac biéu thirc toa do vao bang sau:

Phép bién hinh T, Qosr) Qo o0 Vios

Biéu thitc toa do

© Tric nghiém
Cau 1. Trong mat phéng toa dd Ouxy, biéu thirc toa dd ctia phép tinh tién theo vecto i = (3;-1) 1a
x'=x-3 xX'=x+3 x=x'+3 x'=3x
A . B.{ . C. o D.{ 7.
y'=y+l y'=y-1 y=y-1 y' ==y
Cau 2. Trong mat phang toa d6 Oxy, phép tinh tién theo vecto i = (3;~1) bién diém M(1;-4) thanh
A. A(4;-5). B.B(2;3). C. C(3;-4). D. D(4;5).

Cau 3. Trong mat phang Oxy, cho duong thang d:4x-3y+1=0. Qua phép tinh tién theo vecto
@ = (1,-4) duong thang d c6 anh la d’ thi d’ ¢6 phuong trinh la

A. 4x-3y+7=0. B. 4x-3y-6=0. C. 4x-3y-15=0. D. 4x-3y-1=0.
Cau 4. Trong mat phang Oxy, cho elip (E) c6 phuong trinh 2x” +4y* = 1. Phép tinh tién theo vecto
0 =(1;-2) bién (E) thanh elip (E') c6 phurong trinh

A. 2x° +4y* +4x+16y -17 =0. B. 2x° +4y” —4x+16y+17 =0.

C. 2x* +4y* —4x-16y+17 =0. D. 2x* +4y* +4x+16y+17 =0.
Cau 5. Trong mét phang toa d6 Oxy, cho dwong tron (C): x* +y* —6x +2y -5 =0. Qua phép tinh tién
theo vecto v =(2;-3), duwong tron (C) bién thanh duwong tron (C ') c6 tam la

A. A(5;-4). B. B(0;5). C. C(-3;2). D. D(4;-1).
Cau 6. Tim phép tinh tién T, bién parabol y = x> thanh parabol y = x* —4x.

A. 5=(2:4). B. 5=(-2;-4). C. 5=(-2;4). D. 5=(2;-4).
Cau 7. Cho hai doan thang AB va A’B’. Diéu kién d& c6 phép tinh tién bién A thanh A’ va bién B
thanh B’ la

A. AB=A'B". B. AB||A'B'.

C. Tt gidc ABB’A’ 1a hinh binh hanh. D. AB=AB'.

Cau 8. Chon khéng dinh sai trong cac khang dinh sau day:
A. Phép tinh tién bién doan thang thanh doan thang bang n.
B. Phép quay bién duong thang thanh duong thang song song hodc trung véi no.
C. Phép tinh tién bién tam gidc thanh tam giac bang véi né.
D. Phép quay bién duong tron thanh duong tron c6 cuing ban kinh.
Cau 9. Trong mat phang Oxy cho diém A(0;3). Tim toa dd anh A’ ciia A qua phép quay Q

(0;-90°) *

A. A'(=3,0). B. A'(3;0). C. A'(0;-3). D. A'(—zﬁ;zﬁ).
Céau 10. Tim anh cta diém A(0;3) qua phép thuec hién lién ti€p 2 phép quay Q

0;90°) °

A. M(0;-3). B. N(0;3). C. P(-3;0). D. Q(2\/§;—2\/§).
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Cau 11. Phép quay tdm O, géc —90° bién duong thang A:5x—3y+4=0 thanh duong thang

A. A :3x-5y+4=0. B. A, :3x+5y+4=0. C.A,:3x+5y+4=0.D. A, :3x-5y-4=0.
Cau 12. Phép quay tam O, goc 90° bién duong tron (C):(x+3)* +(y—2)* =16 thanh duong tron
(C ) c6 phrong trinh la

A. (x+2) +(y+3)> =16. B. (x—2)2 +(y+3)’ =16.
C. (x—-2)*+(y—-3)* =16. D. (x+2)° +(y-3)* =16.
Ciu 13. Biéu thtrc toa do cua phép vi tu tam O, ti s6 -3 la
x'= ad
" k " k " _3 —_—
A. {X, x B. {x, Y (kez). C {x‘ * D. 3
y' =ky y' =ky =3y Y
Y773
Cau 14. Phép vitw V, bién diém S(5;1) thanh diém nao sau day:
A. H(0;-3). B. N(-15;-3). C. P(15;3). D. Q(—%;—%).
Cau 15. Phép vi tu V,_, bién duong thang A:5x-3y+4 =0 thanh duong thang nao sau day:
A. A :-b5x+3y+12=0. B. A, :-5x-3y+12=0.
C. A, :5x+3y+12=0. D. A, :-15x+9y+4=0.

Cau 16. Phép vi tu nao sau day bién duong tron (C) thanh chinh né?

A Vg, B. V.- C.AvaBdéudung. D. A vaB déusai.
Cau 17. Phép vi tu V, , bién duong tron ¢ ban kinh bang 4 thanh duong tron c6 ban kinh bang
A.12. B. -12. C. % D. 4.

Chu 18. Phép bién hinh nao sau day 1a phép doi hinh?

A. Thyec hién lién ti€p phép quay Q(o.,goo) vaphépvite Vi, .

B. Thuc hién lién ti€p phép vi tw V[ ) j va phép tinh tién T,.
0:=

N

1

2

C. Thuec hién lién tiép phép vi tw V[ ) vaphép vite Vi, .
0; !

D. Thuc hién lién tiép phép quay Q( ) va phép tinh tién T, .

0;90°
Cau 19. Phép bién hinh nao sau day la phép dong dang?
A. Thyec hién lién tiép phép quay Q(O._w) va phép quay Q(O'%U).

B. Thuc hién lién ti€p phép tinh tién T, va phép tinh tién T,.

C. Thuec hién lién tiép phép quay Q(O_igoo) vaphépvite Vg, .

D. Thuc hién lién tiép phép quay Q(o;go“) va phép tinh tién T,.
Ciu 20. Phép bién hinh F la phép doi hinh khi va chi khi F bién

A. F bién 3 diém thang hang thanh 3 diém thang hang.

B. F bién duong thang thanh duong thang.

C. F bién doan thing thanh doan thang c6 cling d6 dai.

D. F bién mot duong tron thanh chinh né.
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< Tu ludn
Cau 1. Cho vecto 3 =(3;-4), diém S(5;1), duong thang A:y=3x-2019 va dudng tron tdm S tiép
xtc véi A . Tim anh ctia diém S, duong thang A va duong tron da cho qua
a) Phép tinh tién T,.

b) Phép bién hinh c6 dugc bang viéc thiee hién lién tiép phép quay Q( ) va phép vi tu tam

0,-90°

Otiso k=2.

2 2

Cau 2. Tim anh cua elip (E) :;—5+% =1 khi doi n6 mot doan 2 don vi theo phuong cta tia Ox, sau

d6 quay né moét goc 45° quanh goc toa do.
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HINH HOC CHUGNG 2

PUGNG THANG & MAT PHANG
TRONG KHONG GIAN

OUAN HE SONG SONG
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§1. DAl CUONG VE DUONG THANG VA MAT PHANG TRONG KHONG GIAN

A. LY THUYET

1 @)(/m‘z’ nitm md ddu
© Mgt phang
= Mat phzfmg .................... bédayva ..................... gidi han.
= Mit phang thuong dugc bidu dién bang mot hinh ....................... hodc mot mién ..........

* Ki hiéu: (P), (Q), (), (B)--

© Diém thugc mét phan E
Quan sat hinh bén, ta thdy
"DiémE ... mat phzfmg (a), kihiéu: .........

*DifmF . mt phang (), ki higu: .........

Q Hinh biéu dién cia mét hinh khéng gian

Hinh biéu dién ciia mot hinh khong gian la .................. cua
hinh khong gian do 1én bang, 1én gidy.

Hinh khong gian Hinh biéu dién

Puong thang

Doan thang

Hai duong thang song song

Hai duong thang cat nhau

Hinh binh hanh, hinh ch* nhat, hinh
thoi, hinh vuong

Tam gidc, tam gidc can, tam gidc vuong,
tam giac vudng can, tam giac déu

buong tron

*» Hinh biéu dién phai git nguyén quanhé ... gitta diém va duong théng.
* Dung nét ............. dé biéu dién cho duwong thay duwoc, va dung nét ............. dé biéu dién cho
duong bi che khuat.

Chwong 2. Hinh hoc khong gian Trang 58 GV. Huynh Phu St



2. Clic tinly chat thim nhn
Tinh chit 1

CO oo dwong thing di qua hai diém phin biét.

Co mot va chi MOt ..., di qua ba diéin khong thing hang.

Néu mot dwong thing cé hai diém phin biét thuéc mot mdt phang thi ........ diém ctia dwong thing déu
thudc mat phﬁng do.

Néu moi diém cta duong thang A déu thudc mit phang (a) thi tandi A ... mat

phang (@), ki hiéu: ....................

Tinh chit 4

Ton tai bon diém khong cung ............ mot mdt phang.

Tinh chit 5

Néu hai mdt phing phdn biét c6 mét diéin chung thi chiing
con c6 mot diém ........... khdc nira.

No6i cach khac, néi hai mit phing phdn biét c6 mot diéin
chung thi chiing sé ¢ mot ........................... chung di qua
diém chung dy, Qoild ......................... ctia hai mdt phing dy.

Trong hinh bén, ()N ()= .........

Vidu I: Hinh dwéi day vé dung hay sai? Tai sao? A

Tinh chiit 6

Trén mbi mdt phing, cdc két qua da biét trong hinh hoc phiang déu diing.

3. Chich xdc dinh mot mat phdng
Mat phéng hoan toan dwoc xac dinh khi biét

e Badiém ...l ma no6 di qua.
e Mot diém va mot duong théng khong chira diém dé vacung .................. mat phéng.
e Hai duwong théng ............................ trén mat phéng.
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4 iy chin & hinh bit dien

Vidu 2: Cho hinh chép S.ABCD c6 ABCD la hinh thang, ddy 16n AB.
a) Trén mat day (ABCD), cdp duong thang nao song song, cip nao cat nhau?
b) Chi ra diém chung ctia hai mit phang (SAD) va (SBC)
¢) Tim giao tuyén ctia hai mat phang (SAD) va (SBC)
d) Tim giao tuyén ctia hai mit phang (SAC) va (SBD)

Vidu 3: Cho tt dién ABCD. Goi M, N lan luot la trung diém ctia AB, AC; goi K la diém trén doan
AD sao cho AK > DK. Tim giao tuyén ctia (MNK) va (BCD).
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Vi du 4: Cho hinh chép S.ABCD c¢6 ABCD la hinh binh hanh. Goi M, N, P [an luot 1a trung diém
SA, BC, CD. Hay liét ké cac giao tuyén ctia mat phang (MNP) véi cdc mat ctia hinh chép. Tir
d6 chi ra thiét dién ctia hinh chép S.ABCD cat boi mat phang (MNP).

B. THUC HANH
O Tric nghiém
Cau 1. Cho 2 duodng thang a, b cat nhau va khong di qua diém A. Xac dinh dwoc nhigu nhat bao
nhiéu mat phang boi a, b va A?
A. 1. B. 2. C. 3. D. 4.
Cau 2. Trong mat phfmg (oc), cho bon diém A, B, C, D trong d6 khong c6 ba diém nao théng hang.
biém S ¢ (a). C6 bao nhiéu mét phang tao boi S va hai trong s8 bdn diém néi trén?
A. 4. B. 5. C.6. D. 8.

Céau 3. Cho nam diém A, B, C, D, E trong d6 khong c6 bon diém nao ¢ trén cung mot mat phéng.
Hoi c6 bao nhiéu mit phang tao boi ba trong s6 ndm diém da cho?

A. 10. B. 12. C. 8. D. 14.
Cau 4. Trong cac hinh chép, hinh chdp c6 it canh nhét c6 s6 canh la bao nhiéu?
A.3. B.4. C.5. D.6.

Céau 5. Cho bon diém A, B, C, D khong cung nam trong mot mat phéng. Trén AB, AD lan luot lay
cac diém M va N sao cho MN cat BD tai I. Diém I khong thudc mit phang nao sao day?
A. (BCD). B. (ABD). C. (CMN). D. (ACD).
Cau 6. Cho hinh chép S.ABCD c¢6 ddy 1a hinh thang ABCD (AB//CD). Khang dinh nao sau day sai?
A. Hinh choép S.ABCD c¢6 4 mat bén.
B. Giao tuyén ctia hai mat phang (SAC) va (SBD) la SO (O1la giao diém ctia AC va BD).
C. Giao tuyén ctia hai mit phang (SAD) va (SBC) la SI (I 1a giao diém ctia AD va BC).
D. Giao tuyén ctia hai mt phang (SAB) va (SAD) la dwong trung binh cia ABCD.
Cau 7. Cho hinh chép S.ABCD ¢6 ACNBD =M va ABACD = N. Giao tuyén ctia mat phang (SAC)
va mat phang (SBD) 1a duong thang
A. SN. B. SC. C. SB. D. SM.
Cau 8. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh . Goi M, NIan luot la trung diém AD
vaBC. Giao tuyén ctia hai mat phang (SMN) va (SAC) la
A. SD. B. SO, O latam hinh binh hanh ABCD.

C. SG, G latrung diém AB. D. SF, F la trung diém CD.
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Céau 9. Cho t¢ giac 16i ABCD. Hinh nao sau day khong thé la thiét dién cua hinh chép S.ABCD?

A. Tam giac. B. Tt giac. C. Ngti giac. D. Luc giac.
Cau 10. Cho t dién SABC. Trén SA, SB, SC 14y cac diém D, E, F sao cho DE cit AB tai I, EF cit BC
tai [, FD cit CA tai K. Khéng dinh nao sau day dung?

A. Ba diém B, ], K thang hang. B.Ba diém I,],K thang hang.
C.Ba diém I,],K khong thang hang. D. Ba diém1,],C thang hang.
@ Tu luan
Ciu 1. Cho t¢ dién ABCD. Goi M la trung diém ctia AB, diém N trén canh AC sao cho AN =2NC.
a) Tim giao diém cua MN va (BCD) b) Tim giao tuyén ctia (MND) va (BCD)
Cau 2. Cho hinh chép S.ABCD c¢6 AB va CD khong song song. Goi M 1a trung diém SB.
a) Tim giao diém cta AB va (SCD) b) Tim giao tuyén ctuia (SAB) va (SCD)
Cau 3. Cho hinh chép S.ABCD c¢6 AD va BC khong song song. Goi N 1a mot diém trén doan SC.
a) Tim giao tuyén cua (SBC) va (SAD) b) Tim giao diém cua BN va (SAD)

c) Tim thiét dién ctia hinh chdp cat boi mit phang (ABN)
Cau 4. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi M, N, P Ian lugt 1a trung diém
cua SA, BC, CD. Tim thiét dién ctia hinh chép cit boi mit phéng (MNP).
Céau 5. Cho hinh chép S.ABCD c¢6 cac cap canh d6i cua day khong song song voi nhau. Goi H la
trung diém cua SA.

a) Tim giao diém E cua BC va (SAD) b) Tim giao diém F ctia AB va (SCD)

¢) Tim giao tuyén cua (SAC) va (SBD) d) Tim giao diém cua SC va (EHF)

e) Tim thiét dién ctia hinh chép S.ABCD cat boi mat phang (EHF)
Cau 6. Cho tam giac ABC nam ngoai mat phéng (P). Cac canh AB, BC, CA Ilan luot cit (P) tai cac
diém H, K, T. Chitng minh rang ba diém H, K, T cing nam trén mot duong thang.
Cau 7. Cho tit dién ABCD. Trén cac canh AB, AC, AD lan lugt 1dy cac diém M, N, K sao cho MN cit
BC tai H, NK cat CD tai P, KN cat BD tai S. Chiing minh rang ba diém H, P, S thang hang.
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§2. HAl PUONG THANG CHEO NHAU & HAIl DUONG THANG SONG SONG

A.LY THUYET
1. Q) trt tuomg di cvim hai dvimg thding teong kipong gian

Cho hai duong thang a va b trong khong gian. Mot trong cac truong hop sau cé thé xay ra:

avab dong phing avabkhong dong phing
(c6 mot mgt phing chita a va b) (khong cd mt phing nao chira cd a va b)
sgvab....... nhautai motdiéem M: anb=M
mavab..................... voinhau: al|b sgvab.......... nhau
mavab........... nhau: a=b
2. Cinly chat
Dinh li 1

Trong khong gian, qua mot diem khong nam trén dwomg thing cho trude, o
............................................ dwong thang song song véi dwong thing di cho.

= Hai duong thang song song a va b xac dinh ............. mat phang.
Néu ba mit phang doi mot cit nhau theo ba giao tuyén phdn biét thi ba giao tuyéin 6 ......................
hodc doi mot ... v0i nhau.

= Heé qua: Goi A =(a) N (p). Khi do

ac(a)
bc(p)=
allb
Vidu I: Cho hinh chép S.ABCD c6 day ABCD la hinh thang, day 16n AB. Tim giao tuyén cua
a) (SAD) va (SBC) b) (SAB) va (SCD)
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Vi du 2: Cho t&¢ dién ABCD. Goi M, N, K Ian luot la trung diém cua AB, BC, BD. Thiét dién cta
t dién ABCD cét béi mit phang (MNK) 1a hinh gi?

B. THUC HANH

O Tric nghiém
Cau 1. Cho hai duong thang phan biét a va b trong khong gian. Cé bao nhiéu vj tri twong d6i gifta a
va b?

A. 4. B. 3. C. 2. D. 1.

Cau 2. Cho hai dwong thang phan biét a va b cting thudc mat phang (a). Cé bao nhiéu vi tri twong
doi gitta a va b?

A. 1. B. 2. C.3. D. 4.
Cau 3. Trong cac ménh dé sau, ménh dé nao dung?

A. Hai duong thang [an luot nam trén hai mat phang phan biét thi chéo nhau.

B. Hai duong thang khong cé diém chung thi chéo nhau.

C. Hai duong thang chéo nhau thi khong c6 diém chung.

D. Hai duong thang phan biét khong song song thi chéo nhau.
Cau 4. Trong khong gian, cho ba duong thang phan biét a, b, ¢ trong do a//b. Khang dinh nao
sau day khong dung?

A.Néu al|c thi b c.

B.Né&u c cat a thi c cat b.

C.Néu Aea va Beb thiba duong thang a, b, AB cung & trén mot mit phang,

D. Tén tai duy nhat mot mat phang qua a va b.
Cau 5. Cho ba mat phang phan biét (a), (ﬁ), (7/) co (a)m(/%) =d,; (ﬁ)m(y) =d,; (a)m(y) =d,.
Khi d6 ba duong thang d,, d,, d, :

A. D6i mot cat nhau. B. D6i mdt song song.

C. bong quy. D. B6i mot song song hoac dong quy.
Ciu 6. Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Goi I, ], E, F Ian lwot 1a trung diém
SA, SB, SC, SD. Trong cac dwong thang sau, dwong thang nao khong song song véi IJ?

A. EF. B. DC. C. AD. D. AB.
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Cau 7. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi d la giao tuyén cua hai mat
phéng (SAD) va (SBC). Khang dinh nao sau day dung?
A. d qua S va song song vi BC. B. d qua S va song song véi DC.
C. d qua S va song song v6i AB. D. d qua S va song song véi BD.
Cau 8. Cho hinh binh hanh ABCD va mét diém S khong nam trong mét phang (ABCD). Giao tuyén
cua hai mat phéng (SAB) va (SCD) la mot dwong thang song song voi duong théng nao sau day?
A.AB. B. AC. C.BC. D. SA.
Ciu 9. Cho t& dién ABCD. Goi M, N, P, Q Tan luot la trung diém cta cac canh AB, AD, CD, BC.
Ménh dé nao sau day sai?

A. MN || BD va MN=%BD. B. MN || PQ va MN = PQ.

C. MNPQ la hinh binh hanh. D. MP va NQ chéo nhau.
Ciu 10. Cho t& dién ABCD. M, N, P, Q lan luot 1a trung diém AC, BC, BD, AD. Tim diéu kién dé€
MNPQ la hinh thoi.

A.AB=BC. B.BC=AD. C.AC=8BD. D.AB=CD.
O Tu luan

Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Tim giao tuyén ctia cac mat

a) (SAB) va (SCD) b) (SAD) va (SBC)  «¢) (SAC) va (SBD)
Céau 2. Cho t& dién ABCD. Goi M, N Ian luot la trung diém ctia AB, AC; K 1a mot diém tuy y trén
canh BD. Thiét dién ctia t¢ dién ABCD cat boi mat phang (MNK) 1a hinh gi?
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§3. DUONG THANG & MAT PHANG SONG SONG

A. LY THUYET
1. Q) trt tuomg déi cvim duimg thding & mat plpding

Cho duong thang A va mit phang («). Tuy vao s giao diém cta A va (a), taco ....... treong
hop sau:
o A i véi (a): A//(a) (khdng co diém chung nao)
e Ava(a) ......... nhau tai mot diém M: A ... (@) =M (c6 mdt diém chung .................... )
e Aniam .. (@): Ao (@) (CO diém chung)

2. Cinly chat

Dinh li 1
Néu duwong thang A khong nam trong mdt phang (a) va A song song véi dwong thing d < (a) thi
A voi ()
d
c@)]_
Alld
Dinh ti 2
Cho duwong thang a song song véi mit phiang (a). Néu mdt phing (B) chita a va cit () theo giao
fuyén b thib ......................... vdi a.
(@ (p)=0b
ac(B) =
all ()

= Hé qua: Néu hai mit phang phan biét cing song song véi mot duong thang thi giao

tuyén ctia chung (néu ¢d) cling ...........c.ccccoo.... véi duong thang d6.
Dinh li 3
Cho hai dwong thing chéo nhau. C6 .................... mot mdt phing chira dwong thang nay va song song

v6i dwong thing kia.
B. THUC HANH
O Tric nghiém
Cau 1. Cho hinh chép S.EFGH c6 ddy EFGH la hinh binh hanh. Phat
biéu nao sau day sai?
A. EF//(SGH). B. EH//(SFG).
C. EH//(SEG). D. Ca A, B déu dung.
Cau 2. Cho mit phang (a) va hai duong thang a, b song song véi

nhau. Trong cac ménh dé sau, ménh dé nao sai?

A.Néu a//(a) thi b/ /(). B. Néu a cit (@) thib cit (a).
C.Néu ac(a) thi bc (a). D.Néu ac (a) thicothé b/ /(a).
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Ciu 3. Cho tt dién ABCD. Goi M, N Ian luot la trung diém cua AB, AC. Hay
chon phat biéu ding nhat:

A. MN//(BCD). B. BC//(MND).

C. MN//BC. D. Ca A, B, C déu dung.
Ciu 4. Cho t dién ABCD. Goi G, H lan luot la trong tam AABC va AABD.
Ménh dé nao sau day la dung?

A. GH cit BD. B. GH//(BCD).

C. GH cit AD. D. GH va CD chéo nhau.
Cau 5. Cho mit phang (P) va hai duong thang song song a va b. Ghi D (dting) hogc S (sai) vao 6

vudng trong cac ménh dé sau:
A.Néu (P) song song véi a thi (P)//b
B. Néu (P) song song vdi a thi (P) chira b
C.Néu (P) song song véi a thi (P)//b hodc chira b
D. Néu (P) cét a thi cling cat b
E.Néu (P) cat a thi (P) o thé song song véi b

O 0Oo0oo o

F.Néu (P) chtra a thi (P) co thé song song véi b

@ Tu luan
Cau 1. Cho t& dién ABCD. Goi M, N, P Ian lwot 1a trung diém caa cac canh AB, AC, AD. Chting
minh rang

a) MN//(BCD) b) CD//(MNP)
Cau 2. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Trén canh BC va CD lan luot lay
cac diém E, F sao cho CE = 4EB, CF = 4FD. Chting minh rang

a) BC//(SAD) b) BD//(SEF)
Cau 3. Cho hai hinh binh hanh ABCD va ABEF c¢6 chung canh AB va nam trén hai mit phang khac
nhau. Goi M, N, K lan luwot la trung diém ctia AD, AF va BE. Chiing minh rﬁ“mg

a) MN//(CDFE) b) CD//(MNK)
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§4. HAlI MAT PHANG SONG SONG

A. LY THUYET
1. Dink nghia

Hai mgt phang (), (B) dwoc goi la song song néu chiing .................... diém chung.
Kihiéu: ...c.ccoooveeen.
2. Cinl chat

Dinh li 1
Néu mét phang (@) chita hai dieong thang ................... a, bva ching cung ......................... voi mat
phiang (B) thi (@) ......cccocooivvviinir., v6i ().

a,bc(a)

anb=M

al/(B)

b/ /()
Vidu I: Cho t& dién ABCD. Goi M, N, K lan luot 1a trung diém cua AB, AC, AD. Ching minh
rang (MNK)//(BCD). A

M N
B C
D

Dinh li2
Qua mét diém niam ngoai mét mat phang cho tredc 6 .......oooovvvvovvvio. mdt phing song song véi
mdt phing da cho.

= Hé qua 1: Néu duong thing d song song véi mit phang (a) thi qua d c6
............................ mgt phang song song véi (a).

= Hé qua 2: Hai mit phang phan biét cung song song véi mat phang thit ba thi
......................... voi nhau.

= Hé qua 3: Cho diém A khdng nam trén mat phang («). Moi duong thang di qua A va

song song véi (a) déu nam trong mat phang di qua ... V& oo, voi ().
Dinh i 3
Cho hai mgt phing song song. Néu mot mdt phang cit mdt phang nay thi cing ......... mdt phing kia va
hai giao tuyén ... v0i nhau.
= Hé qua: Hai mit phang song song chan trén hai cat tuyén song song nhiing doan
thang ... ool
3. Dinh li Thales
Ba mgt phang ddi mot song song chin trén hai cdt tuyéin bat ki nhitng ... twong 1rng
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4. fink liing tru va hinh hip

Hinh ling tru la hinh gom ......... da gidc ............. nhau VA ... , va cdc mdt bén la cic hinh
Nh&n xét:

e Cac canh bén ctua hinh lang try ............. nhau va ... voinhau.

e Cacmatbén cua hinh lang tru la cdchinh ...

e Hai day ctia hinh lang tru la hai da gidc ........... nhau.

e Hinh ldng tru c¢6 day la hinh tam gidc dwoc goi la hinh lang try ...
e Hinh ldng tru c6 day la hinh binh hanh dwoc goi la hinh ...........

5. Hink chap cud
Cho hinh chép va mot mat phang song song
voi mat day. Hinh tao boi ...................... , mat diy
va cdc mat bén dwoc goi la hinh chop cut.
Tinh chét:

e Hai ddy la hai da gidc c6 cac canh tuong
UNg ...l va cac ti s0 cac cap
canh twong tng .................

e Cacmatbénlanhtinghinh .............

e Cac duong thang chita cac canh bén ......
......... tai mot diém.

B. THUC HANH
O Tric nghiém
Cau 1. Chon cau dung.

A. Hai mat phang phan biét cing song song véi mat phang thit ba thi chiing song song
B. Hai duong thang cting song song véi mot mat phang thi song song véi nhau
C. Hai mit phang khong cat nhau thi song song
D. Hai mat phang khong song song thi tring nhau.
Cau 2. Cho duong thang a e (P) va duong thang b e (Q) . Ménh dé nao sau day dang?

A.(P)1/(Q)=al/b. B.a//b=(P)//(Q).

C. (P)//(Q) = a//(Q) va b//(P) . D. a va bchéo nhau.
Céau 3. Cho hinh hop ABCD.A'B'C'D'. Ménh dé nao sau day sai?

A. (ABB'A’) // (CDD'C). B. (BDA') // (D'BC).

C. (BA'D') // (ADC). D. (ACD') 7/ (A'C'B).

Ciu 4. Cho hinh lang tru ABC.A'B'C". Goi M, N Tan luot la trung diém cua BB’ va CC'. Goi A la
giao tuyén ctia hai mat phang (AMN) va (A’B’'C’). Khang dinh nao sau day dtng?
A. A/ AB. B. A/ AC. C. A/ BC. D. A/ AA’.
Chwong 2. Hinh hoc khong gian Trang 70 GV. Huynh Phu St



Cau 5. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh tam O. Goi M, N, I theo thi tu la
trung diém cta SA, SD va AB.Khang dinh nao sau day ding?

A. (NOM) cit (OPM). B. (MON)// (SBC).

C. (PON)(MNP)=NP. D. (NMP) /7 (SBD).
O Tuwludn
Ciu 1. Cho t& dién ABCD. Goi M, N, P Ian luot 1a trung diém cua cac canh AB, AC, AD. Chung
minh rang

a) MN//(BCD) b) CD//(MNP) c) (MNP)//(BCD)

Cau 2. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Trén canh BC va CD Ian luot 1ay
cac diém E, F sao cho CE = 4EB, CF = 4FD. Chting minh rang

a) BC//(SAD) b) BD//(SEF)
Cau 3. Cho hai hinh binh hanh ABCD va ABEF c¢6 chung canh AB va nam trén hai mat phang khéac
nhau. Goi M, N, K Ian luot la trung diém caa AD, AF va BE. Chiing minh réng

a) MN//(CDFE) b) CD//(MNK) c) (MNK)//(CDFE)
Ciu 4. Cho hinh lang tru ABC.A’B’C’. Goi P, Q, R Ian luot 1a trung diém cta cac canh AA’, BB/, CC'.
Chting minh rang

a) BC//(PQR) b) (ABC)//(PQR) ¢) (AQR)//(PB'C’)
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§5. PHEP CHIEU SONG SONG
HINH BIEU DIEN CUA MOT HINH KHONG GIAN

1. JOhén chidis song song
Cho mat phzfmg (a) va duong thzfmg A citnhau. A M
V6i mdi diém M trong khong gian, duong thang di qua M

VA oo hoac ........... vOi A sé cat (@) tai diém M’
xac dinh, goi la hinh chiéu song song cua diém M trén mat M’
\\ \\
o N A

phang ......... (a) theo phuong .....

2. Cinly chat

o Phép chiéu song song bié ba diém thing hang thanh ba diém ................. va khong lam thay doi
................ ba diém do.

o Phép chiéu song song bien dwong thang thanh ... bién tia thanh ....... bién doan thang
thanh ..........................

e Phép chiéu song song bién hai duong thang song song thanh hai dwong thing ... hodc

3. @finh bidu din ciia mpt hinh khong gian tren mat phing
Hinh biéu dién ciia mot hinh H trong khong gian 1a hinh chiéu ................... cua hinh H trén mot madt
phing theo mot phieong ......... nao do hodc hinh .......................... v0i hinh chiéu do.
e Hinh biéu dién ctia tam gidc bat ki (thuwong, déu, can, vudng, vuong can) la hinh ....................
e Hinh biéu dién ctia hinh binh hanh (thwong, chit nhat, vuong, thoi) lahinh ...................
e Hinh biéu dién ctia hinh thang (thuong, vudng, can) lahinh .....................
e Hinh biéu dién ctia hinh tronlahinh ..........................

AN

Hinh biéu dién ctia mot hinh tam giac bat ki

[T TS

Hinh bi€u dién cta mdt hinh binh hanh bat ki
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ON TAP HINH HOC CHUONG ?

O Tric nghiém

Cau 1. Trong cac ménh dé sau, ménh dé nao khong diang?

A. Qua mot duong thang va mot diém khong thudoc duong thang d6 c6 duy nhat mot mét
phang,.

B. Qua hai duong thang c6 duy nhat mot mat phang.

C. Qua hai duong théng cit nhau c6 duy nhat mot mat phéng.

D. Qua hai dwong thang song song c6 duy nhdt mdt mat phang.
Cau 2. C4 bao nhiéu mat phéng phan biét, mdi mit di qua 3 trong 4 diém khong dong phéng cho
triede?

A.2. B. 3. C. 4. D.5.
Cau 3. Cho 4 diém, trong d6 khong cé 3 diém nao thang hang. C6 bao nhiéu mit phang phan biét,
moi mat phang di qua it nhét 3 trong 4 diém da cho?

A 1 B. 2. C. 4. D. 1 hoac 4.
Cau 4. Hinh chép t¢ gidc co bao nhiéu mat?
A. 4. B. 5. C.6

Cau 5. Quan sat hinh bén va tim ménh dé dung nhat:
A.FeAvaFe(a). B.EeA nhung E¢(a).
C. An(a)=F. D. Ca A, B, C déu dung.
Cau 6. Cho ba diém A, B, C ndm ngoai mat phang (a). Goi M, N,
K Tan luot 1a giao diém ctia AB, BC, CA véi mat phang (a). Két

luan nao sau day khong dung?
A. Me(ABC)n(a). B. Ne(ABC)Nn(a).

C.M, N, K thang hang. D. M, N, K 1ap thanh mot tam

giac.
Cau 7. Cho hinh chép S.ABCD (hinh bén). Canh nao vé chua
dung?
A. AB. B. CD.
C.SC. D. SD.
Cau 8. Cho hinh chop S.ABCD c6 AB va CD khong
song song. Ménh dé nao sau day khéng diung? _
A. ABNCD=1. B. ABN(SCD)=1. \

C. (SAB)N(SCD)=SI . D. S=(SAB)(SCD).

Cau 9. Quan sat hinh bén va tim phuwong an dang
nhat?

A. MN n(ABCD)=E.

B. (SCD)n(MPQ)=QR.

C. Thiét dién cta hinh chép S.ABCD cét boi
mét phang (MPQ) la ngii gidc MNPQR.

D. Ca A, B, C déu dung.
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Ciu 10. Cho t dién ABCD. Goi M 1a trung diém AB; N va K la cac diém trén canh BC va CD sao
cho NK va va BD khong song song. Thiét dién ctia tt dién cat béi mat phang (MNK) 1a hinh gi?

A. Tam giac. B. Tt giac. C. Hinh thang. D. Ngti giac.
Cau 11. Cho hai duong thang phan biét trong khong gian. Cé bao nhiéu vi tri twong d6i gitta hai
duong thang d6?

A1 B. 2. C.3. D. 4.
Cau 12. Cho hinh chép S.ABCD cé ABCD 1a hinh thang day 16n AB. Cdp duong thang nao sau day
cat nhau?

A. AB va CD. B. SA va BD. C.SBva AC. D. AD va BC.
Céau 13. Cho mot tir dién, sO cap duong théng chéo nhau la

A1 B. 2. C.3. D. 4.

Cau 14. Cho duong thang a cat mat phang (). Khi d6

A. Moi duong thang nam trong (a) déu cat a.

B. Moi duong thang nam trong (a) déu chéo vdi a.

C. Moi duong thang nam trong (a) déu cat a hodc chéo vdi a.

D. Moi duong thang nam trong (a) déu song song véi a.
Cau 15.7 Cho hai mit phang (P) va (Q) song song véi nhau. Mot duong thang a di qua diém A cta
mat phang (P). Khi d6

A.anam trong (Q).  B.acat (Q). C. a//(Q). D. Ca A, B, C déu sai.

Cau 16. Cho hinh chép S.ABCD c6 ABCD la hinh thang day 16n AB. Gitta hai mat phang (SAB) va
(SCD) ¢6 bao nhiéu diém chung?

A. 0. B. 1. C.2. D. Vo6 s0.
@ Tu luan
Cau 1. Cho hinh chép S.ABCD c6 AB va CD cat nhau tai diém M.
a) Tim giao tuyén ctia hai mat phang (SAB) va (SCD).
b) Tim giao tuyén ctia hai mit phang (SAC) va (SBD).
c) Goi H 1a trung diém ctia doan thang SB. Tim giao diém ctia duong thang AH va mat (SCD).
d) Goi P, STan luot la trung diém cta AD, CD. Tim thiét dién ctia hinh chép cit boi mat (HPS).

Cau 2. Cho t¢ dién ABCD. Goi E, F Ian luot la cac diém trén canh AB, AC sao cho EF va BC khong
song song.

a) Tim giao diém H ctia EF va mit phang (BCD).
b) Goi G mot diém trén canh AD sao cho EG va BD cit nhau tai diém K, FG cit CD tai diém T.
Chting to rang ba diém H, K, T thang hang.
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Hang dang thitc dang nho

PHU LUC

% (a+b)* =a*+2ab+b’
% (a—b)*=a’-2ab+b?
x a’-b* =(a+b)(a-b)
% (a+b)’ =a*+3a’b+3ab* +b’
x (a—b)’=a’-3a’b+3ab’-b’
x a’+b’ =(a+b)(a*-ab+b*)
x a’-b® =(a—b)(a*+ab+b?)

Dau hiéu chia het

x Chiahétcho 2  Chit s6 tan cungla 0; 2; 4;

6; 8
x Chiahétcho5 Chits6tancungla0;5

x Chiahétcho3 Téng cac chit s6 chia hét

cho 3
x Chia hétcho9 Téng cac chir s chia hét
cho 9
Liy thifa va so mu
x 0"=0;1"=1
x a%=1; a'=a
x am+n :am .an
am
X g" Tt = az0
" (a0)
a1
a"=—

Ham so

Ty xdc dinh

Tép xac dinh ctia ham s6 y =f(x) 1a tip hop cac
s6 thuce x sao cho f(x) c6 nghia.

D4u hiéu biéu kién c6 nghia
JA A>0
B A=0
A

Phu luc

Cinly chén lé ciia ham 6

Cho ham s6 y =f(x) c6 tip xac dinh D.

Ham s6 chin

Ham s6 1é

VxeD=-xeD

VxeD=-xeD

f(—x) = f(x) f(—x) = —f(x)
D6 thi d6i xirng qua truc Do thi d6i xirng qua gbc toa
tung Oy do 0
@Hfam 36 tudn hoan
Ham s6 y=f(x) dwoc f(x)
goi 1a tuidn hoan vé&i T
chu ky T néu

f(x+T)=f(x)

Lutong gidc
Dutmg trim lupmg gidic

Puong tron lwgng giac la duwdng tron dinh hwdng, cé tam la

gdc toa dd O, ban kinh bang 1.

ASin

\'JIL‘I

y=sInoe¢=----

—

)

(Bding gidi tri bupng gidic thong dung

» COS

0° | 30° | 45° | 60° | 90° | 120° | 135° | 150° | 180°
o T T n | 2n | 3¢ | 5%;
o|=-|=-|=|=|=|—|——| =
6 4 3 2 3 4 6
2 2 2 2 2 2
cos | 1 ﬁ ﬁ 1 0 Y _ﬁ -1
2 2 2 2 2 2
tan | O ? 1 |3 [ -3 -1 —? 0
cot | || | V3| 1 RER I C A 3| |
3 3
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Ching thiic luymg gidc co bin

sinx COSX
X cotx=

X tanx = =
COSX sinx

X sin’x+cos’x=1 X tanx.cotx=1

X 1+cot’x=

% 1+tan’x=——- —
oS’ x sin® x

Cling thiic cong

X sin(a+b)=sina.cosb+cosa.sinb
X sin(a—b)=sina.cosb—cosa.sinb
% cos(a+b)=cosa.cosb—sina.sinb

% cos(a—b)=cosa.cosb+sina.sinb

Cong tite nhdn dsi

X sin2a=2sina.cosa
x cos2a=cos’a—sin‘a
=2cos’a—1

=1-2sin’a

Vectova toa do
Coa dp vecto

A—BZ(XB_XA;YB_YA)

Oecto cimng phuwng

cung phwong < z—l =—

1

ol

X

()

x 3, b khong cling phuong < ;—1 #—2

Oecto bing npau

Coa dp trung diém va trong tam

Trung diém I Trong tim G
clia doan thang AB cta tam giac ABC
I XpTXg YatVs G Xy +Xp+Xe Ya+¥st¥e
2 2 3 ' 3
Phu luc

Dulong thang

JOhuong teinh duing thing
Phwong trinh tham sé Phuwong trinh téng quat
{x =X, +u,t
ax+by+c=0
y=y,tut
Vecto chi phwong ti=(u,;u,) | Vecto phap tuyén 1 =(a;b)

QU tri tuomg @i giita 2 duimg thdng

Xét 2 duong A, :a,x+b,y+c,=0va A,:a,x+b,y+c,=0

D4u hiéu Vi tri twong doi

a, b . )
—#— A, cat A, tai mot diém
aZ b2

a, b ¢

i S S Al I Az

aZ bZ CZ

a, b, ¢

PN A=A,

aZ bZ CZ

@Khoding cich tie mot dicm don mit duing thding
Cho diém M(x,;y,) va duong thing A:ax+by+c=0.

d(M,A)

_|ax0+by0+c|

Va? +b?

Dulong tron

Cho duwong tron (C) cé tam I(a;b), ban kinh R. Khi dé

(©):(x—a)’ +(

y-b)y =R’

hoac

(C):x* +y*—2ax—2by +c=0

(a2+b2—c>0)
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