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BAI 1. SU BIEN THIEN VA CUC TR CUA HAM $O

Cau 1. Mot ctta hang trung binh ban dudc 100 cai Tivi mbi thang véi gia 14 triéu dong mot
cai. Chu ctta hang nhan thay ring, néu gidm gid ban méi cai 500 ngan dong thi sb luong tivi
ban ra sé tang thém 10 cai mdi thang. Goi x (triéu dong) 1a sb tién giam gia ban mdi cai tivi.
a) Mo6i thang sb luong tivi ban ra téng lén 1a 20x cai.
b) Doanh thu mét thang cia cia hang dude tinh theo biéu thic
f(x) = —20x2 + 180x + 1400 (don vi: triéu dong).
¢) Doanh thu ctta hang cao nhéat thi gia ban méi cai tivi 1a 9 triéu dong.
d) Doanh thu cao nhét cta ctta hang 1a 1805 triéu dong.
Loi gidi

................................................................................................
................................................................................................

................................................................................................

Cau 2. Mot cong ty mudn xay dung hé théng day cap tit tram A 6 trén bo bién dén mot vi tri
B trén mot hon dao. Hon dao cach bs bién 6 km. Goi C 1a diém trén b sao cho BC vudng géc
v6i bo bién. Khoang cach tit A dén C 12 9 km. Gia dé 14p d&t mébi km hé théng day trén b 1a 50
triéu dong va dudi nude 1a 130 triéu dong. Ngudi ta can xac dinh mét vi tri D trén AC dé lap
dit hé théng day theo duong gap khiic ADB ma sb tién chi phi thap nhat. Pat €D = x (km).
Khi do

6km§

a) BD = Vx2 +6.
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b) Chi phi 1dp diat dudc tinh theo cong thic Fx) = 50x + 130vVx2+36
(don vi triéu dong).
¢) Chi phi lap dit thap nhat thi CD =2,5 km.
d) Chi phi thip nhat dé 13p dat hé thong day cap 1a 1170 triéu dong.
L&i gidi

................................................................................................
................................................................................................

................................................................................................

Cau 3. Mot chat diém chuyén déng theo phuong trinh s(¢) = -3+ 18t? — 35t + 10, trong d6 ¢
tinh bang gidy va s tinh bang mét. Khi d6

a) Van toc tic thoi cia chat diém 1a v(¢) = —¢2 + 36¢ + 35.

b) Gia toc tiic thdi ciia chat diém 1a a(¢) = —2¢ + 24.

¢) Van tbc tic thoi ciia chat diém giam khi ¢ > 12.

d) Trong 40 giay dau tién, chat diém c6 van toc tiic thoi gidm trong khoang (a;b) thi 26-3a =

26.
Loi gidi

................................................................................................
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................................................................................................

Cau 4. Nha xe khoan cho hai tai xé An va Binh méi nguoi 1an ludt nhan 32 1it va 72 lit xing
trong mot thang. Biét ring, trong mot ngay tong sb xang ca hai ngudi sit dung 1a 10 lit. Khi
do
a) Goi x 14 s6 lit xang An st dung trong 1 ngay thi s6 xing Binh s dung tudng ting 14 10—x
lit.

p P 32 72
b) So ngay st dung het so xang dudc khoan ctia An va Binh 1a f(x) = — + 0%
X —X

¢) Can it nhat 20 ngay dé An va Binh st dung hét ludng xéng dudce khoan.
d) M6t ngay Binh st dung 5 lit xang.

Lo gidi

Cau 5. Hing ngay muc nudc cia mot con kénh 1én xubng theo thay triéu. Pé sau A (m) cta
muc nudc trong kénh tai thoi diém ¢ (h) (0 < ¢ < 24) trong ngay dudc xac dinh béi cong thiic
t
h =2cos (n_+z) +5. Khi do
12 3

a) Muc nuéc lac 2 gio la 5 m.

b) Muc nuéc thip nhét 14 3 m.

¢) Muc nudéc cao nhat lac 22 gio.

d) Muc nuéc trong kénh tang dan trong khoang thdi gian tit 8 gio dén 22 gio.

Loi gidi
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................................................................................................
................................................................................................
................................................................................................

Cau 6. Xi nghiép A san xuit déc quyen mot loai san phdm. Biét rang ham t6éng chi phi san
xuat 1a TC = x® — 77x% + 1000x + 40000 va ham doanh thu 1a TR = —2x? + 1312x, véi x 1a s6 san
pham. Loi nhuén cta xi nghiép A dudc xac dinh bang ham sb f(x)= TR - TC.

a) f(x)=TR-TC = —2x*+1312x — (x® - 77x% + 1000x + 40000).
b) Loi nhuén cta xi nghiép luén luén ting véi san xuat dudc x san pham.
¢) Loi nhan tang khi san xuét tit nhiéu nhét 52 san pham.
d) Loi nhuéan cuc dai caa xi nghiép la 74416.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 7. Mot tAm bat hinh vuéng canh 20 m nhu hinh vé duéi day. Nguvi ta du tinh cit phan
t6 dam ctia tam bat roi gap va may lai (cac duong may khong dang ké), nhdm muc dich pht
1én thap den trang tri (thap dang hinh chép ti gidc déu) dé tranh hu hai thap khi troi mua.
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Biét khoi chép hinh thanh sau khi gap va may lai can thé tich 16n nhat thi méi phii kin thap
den. Khi d6

a) Goi x (m) 1a canh day hinh vudéng thi dudng chéo tam bat 1a 20v/2 (m).

b) Chidu cao ciia hinh chép 1a /800 — 40v/2x.

¢) Khbi chép c6 thé tich 1a V = %xz /800 — 40v/2x.

d) Dién tich phan bi cat ciia tam bat 1a 80 m2.

Lo gidi

................................................................................................
................................................................................................
................................................................................................

Cau8. Do gidm huyét 4p cha mdét bénh nhan dudec do béi cong thidc
G(x) = 0,25x%(30 — x) trong d6 x (mg) va x >0 1a lugng thudc can tiém cho bénh nhan. Khi
do

3 3
Gl(x)= Sx— 52,
a) G'(x) zx 4Ox

b) Huyét ap giam khi lugng thudc tiém nhiéu hon 23 mg.
¢) Khi tiém luong thubc trong khoang 10 dén 20 mg thi huyét 4p téng.
d) P6 giam huyét ap 16n nhat bang 100.

L& gidi
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................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 9. Mot con ca hoi boi ngude dong dé vust khoang cach 1a 300 km. Van toc dong nudc 1a
6 km. Néu van toc boi ctia ca khi nuée ding yén 1a v (km/h) thi ning ludng tiéu hao caa ca
trong ¢ gio dudc cho béi cong thic E(v) = ¢-v3-¢, trong d6 ¢ 1a hing s6 va DE tinh bang Jun.
Khi do
a) Van t6c boi ngude dong cta cé 1a v - 6 (km/h).
. o . . R 300
b) Thoi gian dé ca vudt khoang cach 300 km la ¢ = 5
v —
2
¢) E(v)=300c- — -
v —
d) Van toc boi ctia ca khi nuéc ding yén 6 khoang 6 den 9 km/h thi nang lugng tiéu hao

giam.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 10. Cho mét bo ho hinh ban nguyét c6 ban kinh bang 2 km, dusng kinh PR nhu hinh vé
sau
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Tu diém P anh Tai chéo mot chiée thuyén véi van téc 3 km/h dén diém @ trén bo ho, roéi chay
b6 doc theo thanh ho dén vi tri R véi van téc 6 km/h. Dat QPR = ¢ (rad), khi d6
p 4
a) Thoi gian anh Tai cheo tit P dén @ 1a —>% (giy).

o . <. 1 P £ . 4 3
b) Tong thoi gian anh Tai di chuyén tu P deanat:%nL?(p <0<<p<g>.

c) Khio<gp< % thi thoi gian di chuyén ctia anh Tai ting.
d) Thoi gian cham nhéit ma anh Tai di chuyén tit P dén R 1a 2 (gid).
Loi gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

BANG DAP AN

Caul. @PDb)P)S@PD ||Cau2. @)Sb)S(e)P@P ||[Caul3. @sh)S(e)s@P
Cau4. @PbD)P(e)P(S ||Caus. @DPDb)P()SS |[Caus. @)PDb)S()P@PD
Cau7. @Pb)S(e)S @D ||Cau8. @PDb)Se)P@PD ||[Cauy. @DPDb)DP()S@P
Cau10. @PDb)S ()P S
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BAI 2. GIA TRI LON NHAT VA NHO NHAT CUA HAM $O

Cau 1. Hop sita 1 1it dudc thiét ké dang hinh hop chit nhat véi day 1a hinh vuéng canh x

cm. )
a) Chiéu cao hop sita la —-
x
A . A s oo 2x°+4000
b) Dién tich toan phan ctia hop strta la y = i it (cm?).

¢) x =10 la nghiém cta phuong trinh y’ = 0.
d) Dién tich toan phan nhé nhéat ca hop sita 1a 600 cm?.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 2. Giam d6c mét nha hat A dang phan van trong viéc xac dinh mic gid vé xem céc
chuong trinh dude trinh chiéu trong nha hat. Viéc nay rat quan trong, né sé quyét dinh nha
hat thu dudc bao nhiéu l¢i nhuén tit cac budi trinh chiéu. Theo nhiing cubn s6 ghi chép cta
minh, 6ng ta xac dinh dude rang: néu gia vé vao cira 1a 20 USD/ngudi thi trung binh c¢6 1000
ngudi dén xem. Nhung néu tang thém 1 USD/ngudi thi sé mat 100 khach hang hodc giam di
1 USD/ngudi thi sé c¢6 thém 100 khach hang trong sé trung binh. Biét réng, trung binh, méi
khach hang con dem lai 2 USD ldi nhuan cho nha hat trong cac dich vu di kem. Goi x 1a s6
USD tang thém so véi gia vé ban dau.

a) Gia vé sau khi diéu chinh 1a x.

b) Téng doanh thu tit vé sau diéu chinh 14 —100x2 + 1000x.

¢) Téng thu nhap la sau khi diéu chinh gia vé 1a f(x) = —100x2 — 1200x + 22 000.

d) Dé thu nhap 16n nhéat thi gia vé vao céng 1a 14 USD.

Loi gidi
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................................................................................................
................................................................................................
................................................................................................

------------------------------------------------------------------------------------------------

Cau 3. Cho tam giac ABC vudng tai A c6 do dai cac canh géc vuéong AB =6 cm; AC =8 cm.
Goi M 1a diém trén canh huyén BC. Ké MD 1 AB; ME L AC. Goi x cm 1a d6 dai canh AD.
4
a) Do dai canh AE la 3%

4
b) Dién tich ti giac gidc ADME 14 8x — §x2.
4
c) Dit f(x)=8x— §x2. Khi d6 x = 3 1a nghiém ctia phuong trinh f/(x) = 0.

d) Dién tich 16n nhét cta ti gidc ADME 1a 3 cm?2.
L& gidi

................................................................................................
................................................................................................
................................................................................................

Cau 4. Ong A du dinh st dung hét 6,7 m? kinh dé 1am mét bé ca bang kinh ¢6 dang hinh hop
chit nhat khong nip, chiéu dai gp d6i chiéu rong (cac mdi ghép c6 kich thudée khong dang ké).
Goi x m v6i x >0 14 chiéu réng cia bé ca. Khi d6

a) Chiéu dai bé c4 la 2x.
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6,7

b) Chiéu cao ctia bé ca 1a h =6,7—2x2 véi x < 5

¢) Thé tich bé ca 1a V = 6,7x — 2x3.
d) BéE c4 c¢6 dung tich 16n nhét bang 1,57 m3 (Két qud lam tron dén hang phan tram).
L5 gidi

................................................................................................
................................................................................................
................................................................................................

Cau 5. Cho hinh hop chit nhat ¢6 cac mat day la hinh vuéng canh x véi x >0, chu vi mat bén
bang 24.
a) Chiéu cao hinh hép chit nhat 1a 12— x, (x < 12).
b) Thé tich khéi hop chit nhat 1a V = 12x — x2.
¢) Gia tri 16n nhét ctia ham s6 y = —x3 + 12x2 trén khoang (0;12) bang 8.
d) Khéi hop c6 thé tich 16n nhit khi canh day bing 8 m.
Loi gidi

................................................................................................
................................................................................................
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...............................................................................

.................

Cau 6. Nha san xuit mudn san xuit hop dung sita dang hinh hop chit nhat c6 day 1a hinh
vudng canh x cm, thé tich 330 ml. D& tiét kiém chi phi thi phai thiét ké sao cho dién tich toan

phan nhé nhat. Khi d6
a) Chiéu cao A ctia hop sita bang 330x2.
b) Dién tich ddy cua hop sita 1a x2.
1320

¢) Dién tich toan phan caa hop sita 1a x2 + .
X

d) Dién tich toan phan nhé nhéat khi chiéu cao ctia hop sita bang 47,8 cm (Két qud lam tron

dén hang phan chuc).
Loi gidi

...............................................................................

...............................................................................

-------------------------------------------------------------------------------

Cau 7. An c6 mét tdm bia hinh tron nhu hinh vé c6 ban kinh
R =12 cm, An mudn tao mét cai phéu hinh nén ti tdm bia dé. Khi dé
An phai cat bd hinh quat tron AOB réi dan OA, OB lai v6i nhau. Goi x rad
la goc 6 tam cta hinh quat tron AOB va r la ban kinh duong tron day cta
hinh nén, véi r > 0.

a) Dién tich xung quanh cta hinh phéu la Sxq = 1277.

b) Dién tich hinh quat sau khi cit bé hinh quat AOB 1a S = 144x7.

1 e - o X
c) V= gﬂ\/r‘1 -R2—r% 1a thé tich ctia phéu.

.................

.................

.................

d) Khi x = 1,15 cm thi thé tich phéu 16n nhat (két qud lam tron dén hang phan tram).

Lo gidi
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................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 8. Cong ty A dinh 1am mét téc nudc hinh tru béng inox (gdém ca nip) c6 dung tich 2 m3.
Goi R, h 1an lugt 12 ban kinh day va chiéu cao ctia hinh tru (véi R, & >0). P& tiét kiém chi phi
cong ty A chon loai téc nudce c6 dién tich toan phan nhé nhat.

a) Thé tich téc nudc dude tinh theo cong thiic V = R2h.

N 2
b) Chiéu cao h = 72"

A s, N X Y 4
¢) Dién tich toan phan bang 27R? + 7
d) Cong ty A tiét kiém dudc chi phi khi chon loai téc nude c6 dién tich toan phan bang 8,79
m? (két qud lam tron dén hang phan tram).
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 9. Khi xay nha, anh Tung can xay mot bé nuéc mua c6 thé tich V = 6 m? dang hinh hop
chit nhat véi chiéu rong bang x m (x > 0) va chiéu dai gip ba lan chiéu rong, day va nip va
cac mat xung quanh déu dudc d6 bé tong cot thép. Phan nap bé dé hé mot khoang hinh vuong
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[N - ™ 2 g ~2 <A v . , A N N A [N N N -
c6 dién tich bang 5 nap bé. Biét rang chi phi nhan cong va vat liéu 14 1000000 dong/ m? tinh
theo dién tich xay dung.
a) Chiéu dai cta bé nudc bing 3x m.

N . PO 2
b) Chiéu cao cuia bé bang — m.
X

162

—~5
d) So tién it nhat anh Tung can bo ra la 20965931 dong (két qua lam tron dén hang tram

¢) Tong dién tich xay dung bang

nghin).
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................

Cau 10. Ong Binh muén 1am mét cai phéu bang ton hinh nén c¢6 thé tich bang 547. Ong Binh
mudn dung tén d€ lam phan mat xung quanh cta phéu.
N ‘. ) . , 162 , N <y
a) Chieu cao & caa khoi nén dudgc tinh theo cong thic & = R trong d6 A >0 va R la ban
kinh d4y ctia cai phéu.
26244
R4

ca s , N ) 26244
c¢) Dién tich xung quanh dudc tinh theo cong thiic Sxq =71/ R3 + Rz

d) Dién tich xung quanh ctia cai phéu nhé nhat khi ban kinh day R = 4,86 m (két qud lam

b) Puong sinh ! dudc tinh theo cong thicl=1/R +

tron dén hang phan tram).
Loi gidi

................................................................................................
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................................................................................................

................................................................................................

................................................................................................

BANG DAP AN

Caul. @Ssb®)Pe)P@D ||Cau2. (a)Sb)S(e)P@PD |[Caus. (@)Sb)DP)PS
Cau4. @)PDb)S(e)S @D ||Caus. @DPDb)S(c)S@PD |[Caus. (a)Sb)DP(c)s(ds
Cau7. (@Pb)S(c)sS(@PD ||Caus8. @)S(b)S(e)P(@S |[|[Cau9. @PDb)P()SdS
Cau10. @PDb)Sc)P(@P

BAI 3. DUONG TIEM CAN

Cau 1. Mot bé chita 1000 lit nuée tinh khiét. Nguoi ta bom vao bé dé nuéc mubi c6 nong do 15
gam mubi cho méi lit nuée véi tde do 20 lit/phut. Biét rang nong d6 mubi trong bé sau ¢ phut
(tinh bang ti s6 ctia khéi lugng mudi trong bé va thé tich nude trong bé, don vi: gam/lit) 1a mot
ham sb f(¢), thoi gian ¢ tinh bang phit.

a) Khéi lugng mubi trong bé sau ¢ phit 1a 300¢ (gam).

b) Thé tich nuéc trong bé sau 15 phut 1a 1200 (lit).

¢) Ham sb f@® déng bién trén (0;+00).

d) D6 thi ham sb y = £(¢) ¢6 duong tiém can ngang la y = 15.

L&i gidi

................................................................................................
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................................................................................................

................................................................................................

Cau 2. Mot cong ty san xuat do gia dung wéc tinh chi phi d€ san xuét x san pham la C(x) =
2x + 30 triéu dong. Gia ban cia mdi san pham trén thi truong 1a 4 triéu dong.

C C 1 s % . x: o o
a) f(x)= ‘) l1a chi phi san xuat trung binh cho moi san pham.
X

b) Chi phi san xuat cho méi san pham ré nhat khong duéi 2 triéu dong.
¢) Mubn gia thanh san pham ré hon 3 triéu thi phai san xuit it nhit 20 san pham.
d) DE c6 1ai thi cong ty phai san xuat it nhat 15 san pham.

L&i gidi

................................................................................................
................................................................................................
................................................................................................

Cau 3. Tai mét cong ty san xuat do choi an toan cho tré em, céng ty phai chi 40000 USD dé
thiét 1ap day chuyén san xuat ban dau. Sau dé, ci san xuat dudc mot san phadm do choi A,
cong ty phai tra 6 USD cho nguyén liéu ban dau va nhan céng. Goi x(x = 1) 14 s6 d6 choi A ma
cong ty da san xut va P(x) (don vi USD) 1a téng sb tién bao gom ca chi phi ban dau ma cong
ty phai chi tra khi san xuét x d6 choi A. Nguoi ta xéac dinh chi phi trung binh cho méi san

2 X P 4
pham do choi A la F(x) = ﬁ Xem F(x) 1a ham so theo x xac dinh trén nita khoang [1; +o0o0).
X

a) Ham s6 P(x) = 40000 + 6x (USD).

b) Chi phi trung binh dé san xuat 10 san pham la 40060 (USD).

¢) S6 ludng san phdm cang nhiéu thi chi phi trung binh cang 16n.

d) Néu sb6 luong san pham rat 16n (xem nhu 1a co) thi chi phi trung binh 1a 40006 (USD).
Loi gidi
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Cau 4. Ngudi ta mubn lam mét cai bé dang hinh hop chit nhat khéng nap cé thé tich bang
V =5 m3. Chiéu cao ctia bé 14 0,2 m, cac kich thudc khac (tinh bang m) 14 x, y véi x, y > 0. Hay
cho biét cac phat biéu sau day ding hay sai.

a) xy =1 (m?).

b) Dién tich xung quanh ctia bé 1a Sxq = 0,4(x + y) (m?).

c¢) Dién tich toan phan caa bé (khong ké nap) 1a S(x) = 4x + 25 + % (m?).

d) Duong tiém can xién caa S(x) la y =ax + b thi 10a + b = 29.
Loi gidi

Cau 5. Nguoi ta thong ké dudc chi phi stta chita, van hanh may méc trong mot nam ctia mot
2000x—-1500

35x+5
ké tit lic may méc van hanh lan dau tién. Hay cho biét cac phat biéu sau day dung hay sai.

xudéng san xuat dudce tinh béi cong thire f(x) = triéu dong. Trong dé, x 1a s6 nam
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a) Chi phi stta chtta va van hanh ngay cang tang khi x tang.

b) Chi phi stta chtta va van hanh ngay cang giam khi x tang.
2000

¢) Chi phi stta chita va van hanh luén tang nhung khong qua (triéu dong).

2000
35

d) Chi phi strta chirta va van hanh luon giam nhung khong qua (triéu dong).

Lo gidi

................................................................................................
................................................................................................
................................................................................................

Cau 6. Mot cong ty san xuit d6 gia dung uwéc tinh chi phi d€ san xuit x san pham la C(x) =
2x +50 triéu dong. Hay cho biét cac phat biéu sau diung hay sai.

Do . X o 2 1s 50
a) Chi phi trung binh cho moi san pham la f(x)=2+ —.
X

b) Chi phi trung binh cho méi san phadm luén nhé hon 2 (triéu dong).
¢) Khi s6 san phdm cang téng thi chi phi trung binh cho méi san phdm cang giam nhung
khong dudi 2 (triéu dong).
d) Ctt méi san pham san xut thém thi tong chi phi sé ting thém 2 (triéu dong).
L& gidi

................................................................................................
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BANG DAP AN

Caul. @Pb)SeP@DP ||Cau2. @DPDb)P()S@S |[Caus. @DPb)S(c)s@ds
Cau4. @)sb)P(e)S @D ||Caus. @DPDb)S(c)PS |[Caubs. @)DPDb)S()PP

BAI 4. KHAO SAT HAM SO VA NG DUNG

Cau 1. Mot chat diém chuyén dong c6 phuong trinh S = 3 — 3¢2 - 9¢ + 2, trong dé ¢ dudc tinh
biang gidy va S dude tinh bang mét.

Phat biéu b|S

a) Gia toc ctia chat diém 1a khong ddi trong sudt qua trinh chuyén dong.

b) Chat diém dat van toc cuc tiéu tai thoi diém ¢ =1 giay.

¢) Chat diém chuyén dong cham dan trong khoang thoi gian tit 0 dén 1 giay.

d) Gia t6c tai thoi diém van toc bi triét tiéu 1a 12 m/s?.

Lo gidi

................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................

Cau 2. Gia st mét hat chuyén dong trén mot truc thang ding chiéu duong huéng 1én trén
sao cho toa d6 ctia hat (don vi: mét) tai thoi diém ¢ (gidy) 14 y =2 - 12t +3,¢ = 0.
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Xét tinh ding, sai ctia cac phat biéu sau

Phat biéu b | S
a) Gia t6c cta hat tai thoi diém ¢ =2 14 12 m/s2.

b) Hat chuyén dong xudng duéi khi ¢ <0.

¢) Trong khoang thoi gian 0 <¢ <3 hat di dudc quang duong 9 m.

d) Hat tang toc khi ¢ = 0, hat giam toc khi ¢ < 0.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau3. b6 giam huyét ap cia mdét bénh nhan dude cho béi cong thic
G(x) = 0,025x2(30 — x) trong d6 x 12 s6 miligam thubc dudc tiém cho bénh nhan (0 < x < 30).

Phat biéu b|S
a) Khi tiém 10 mg thubc, d6 giam huyét ap ctia bénh nhan la 25 mg.

b) D6 giam huyét 4p ctia bénh nhan dat gia tri 16n nhat khi tiém 20 mg thuébe.

¢) Véi liéu luong thube tit 20 mg dén 30 mg, d6 gidm huyét ap cia bénh nhan
ciing téng theo liéu lugng thude.

d) Véi liéu luong thube tir 0 mg dén 20 mg, do giam huyét ap cta bénh nhan

tang theo liéu lugng thubc.

Loi gidi
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................................................................................................
................................................................................................

Cau 4. Ong A du dinh st dung hét 6,7 m2 kinh dé 1am mét bé c4 bang kinh c¢6 dang hinh hop
chit nhat khéong nap, chiéu dai gip d6i chiéu réng.
a) Néu chiéu cao ctia bé ca 1a 1 mét, va chiéu rong 1a 0,5 mét, thi dién tich kinh can dung
la 4,5 mét vuong.
b) Dién tich xung quanh ctia bé ca 1a 6xh mét vudng, véi x 1a chiéu rong va A 1a chiéu cao
ctia bé.
¢) Tong dién tich kinh can dung dé 1am bé ca 1a 2x2 + 6xh mét vudng.
d) Bé ca c6 dung tich 16n nhat bang 1,57 m5.
Loi gidi

------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................

Cau 5.

Cho mét tAm nhoém hinh vudng canh $xcm
2a (cm). Ngudi ta cat 6 bbén géc cua
tdm nhom d6 bén hinh vuéng bing 9% cm
nhau, méi hinh vuéng c¢6 canh bang x

(cm), r6i gap tAm ton lai nhu hinh bén
dé dudc mot cai hop khong nap. —
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a) Canh cta hinh vuong day hop sau khi cit 1a 2a —x.

b) Chiéu cao cta hop 12 a.

¢) Thé tich ctia hop dude tinh bing cong thic V = x(2a — 2x)2.

d) Véi a = 6 thi thé tich khéi hop 16n nhét bang 128 cm?® khi canh hinh vudng bi cat 1a 2 cm.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 6. Dién tich mot trang ctia mét cudn sach 1a 600 cm?. Do yéu cau ki thuat, can dé 1é trén
va 1é duéi 1a 3 cm, 1é trai va 1é phai 1a 2 cm. Goi chiéu dai trang giay 1a x (cm) va chiéu rong
trang gidy 1a vy (cm).

a) Chiéu dai phan in chit 1a x — 6 (cm) va chiéu réng phan in chit 13 y -4 cm.

b) Dién tich phan in chit 14 S = (x — 6)(y —4) cm?.

¢) Néu chiéu dai trang gily 1a 40 cm, thi dién tich phan in chit 1a 480 cm?.

d) Chiéu dai caa trang giay dé dién tich phan chit in vao cudn sach nhiéu nhat 1a 20 cm.

Loi gidi

................................................................................................
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Cau 7. Bo phan san xut ciia mét cong ty xac dinh chi phi dé san xuit x san pham dudc cho
béi bidu thitc T'(x) = x%+20x+4000. Néu x san phadm déu dudc ban hét va gia ban méi san phadm
12 150 nghin dong.

a) Loi nhuan khi san xuat va ban x san pham la L(x) = —x2 + 130x — 4000.

b) Loi nhuén sé A&m néu cong ty san xuit it hon 20 san pham.

¢) Néu cong ty san xuat 100 san pham, 10i nhuén thu dudc sé 1a 1000 nghin dong.

d) Loi nhuan 16n nhét cong ty thu dudc 1a 225 nghin dong.

Loi gidi

------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................

Cau 8.
M6t ngudi cheo thuyén tit diém A trén bo mot con séng thang, rong

3 km va mub6n dén diém B, cach bo d6i dién 8 km vé phia ha luu,
cang nhanh cang t6t( Hinh bén duéi). Ngudi iy c6 thé cheo thuyén
qua séng dén diém C roi chay bé dén B, hoic anh ta c¢6 thé cheo
thang dén B, hoic c6 thé cheo thuyén dén diém D nao d6 gitta C va
B roi chay b dén B. Biét réang tbc do cheo thuyén ctia ngudi nay 1a
6 km/h va toc do chay bo 1a 8 km/h. Biét toc do dong nuée 1a khong
dang k€ so véi tbc d6 cheo thuyén ctia ngusi dan 6ng.
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Goi x (km) la d6 dai quang duong CD.
a) 8—x (km) la d6 dai quang duong BD.

N Vx2+9
b) Thoi gian cheéo thuyén trén quang duong AD la x3+ (gio).
> . . . 2 < A N V 2 9 8 -
c¢) Tong thoi gian di chuyén tu A den B la x3+ + 3 al

d) 1 gio 30 phut 1a khoang thoi gian ngan nhat nguvi nay cé thé di tu A dén B.
Loi gidi

Cau 9. Mot cong ty bat dong san c6 120 can ho cho thué. Biét rang néu cho thué méi cén hé
v6i gia 3 triéu dong thi méi thang moi cin ho déu c6 ngudi thué va ct tang thém gia cho thué
moi cin hd 100 nghin dong mét thang thi sé ¢6 3 can ho bi bé trong. Goi x (tram nghin) 1a s6
tién téang thém.

a) S6 can ho con lai sau khi téng gia 1a 120 — 3x.

b) Gia mot can ho sau khi tang la 30 — x (tram nghin).

¢) Tong s6 tién cong ty thu dude 14 S(x) = —3x% + 30x + 3600 (tram nghin).

d) Cong ty thu dudc nhiéu tién nhat khi gia thué méi can ho 1a 4 (triéu dong).

Loi gidi

................................................................................................

7= GV: PHAM LE DUY ® Trang 24/109


https://www.facebook.com/groups/1820035758768023

B Ldp Toan Thay Duy

0704.963.919

................................................................................................

................................................................................................

Cau 10. Mot ngudi ban buén Thanh Long D6 nhén thiy ring: Néu ban véi gia 20000 dong/kg
thi méi tuan c6 90 khach dén mua va méi khach mua trung binh 60 kg. Ci tang gia 2000
dong/kg thi s6 khach mua hang tuan giam di 1 va khi d6 méi khach lai mua it hon mtc trung
binh 5 kg, va nhu vay ci giam gia 2000 dong/kg thi s6 khach mua hang tuan ting thém 1 va
khi dé mbi khach lai mua nhiéu hon mtec trung binh 5 kg. Héi ngudi d6 phai ban véi gia mbi
kg 14 bao nhiéu dé 1gi nhuan thu dugde hang tuan 1a 16n nhét, biét rang nguvi d6 phai nop tong
céc loai thué 1a 2200 dong/kg (két qua lam tron dén hang nghin).

a) Néu ngudi ban ting gia 1én 4000 dong/kg so véi gia goc, s6 luong thanh long ban dudc

trong tuan sé 1a 4500 kg.

b) Néu ngudi ban giam gia xudng 2000 dong/kg so véi gia goc, doanh thu hang tuan sé la

10800000 dong.

¢) Néu ngudi ban giit nguyén gia ban 20000 dong/kg, tong sb tién thué phai nop trong tuan

12 11880000 dong.

d) Gia ban dua ra dé 1gi nhuan cao nhét 1a 22000 dong.

Loi gidi

................................................................................................

................................................................................................

................................................................................................

BANG DAP AN

Caul. S Pl)P@P

Cau2. @Pb)S(c)s@P
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Caus3. s Ple)s@Ph Cau4. @)Sb)P)PS

Caus. @s®b)s(e)pdD Cau6. aPDb)P(e)SdsS

Cau7. (@Pb)s(c)s @D Cau8. aPb)s(c)sds

Cau9. @Pb)sSe)P(ds Cau10. @)Ss b)s(e)P(d s

BAI §. HE TRUC TOA DO TRONG KHONG GIAN

Cau 1.

Hai bic tuong gach dude xay vuong goc véi nhau va
cung vudng géc véi mat dat. Mot ngudi thg xay cang
day gitta hai biic tuosng. Pau A cta s¢i day nam trén
btic tuong thit nhat, cach bic tudng thi hai 14 3 m va
cach mat dat 14 1,2 m. Pau B cta s¢i day nam trén bic
tuong thi hai, cach bic tudng thi nhat 1a 1 m va cach
mit dat 1a 2 m dudc mé hinh héa trong mat phang
Oxyz nhu hinh vé bén dudi.

a) A—B)O—B) =4,
b) Toa d6 hai dau day A, B lan ludt 14 (3;0;1,2) va (0;1;2).
¢) Dién tich tam gidc OAB bang 14v/2 m?2.

A Is: oo 1A y . V266
d) Chieéu dai caa sdi day dudc cang la m

Loi gidi

...............................................................................

...............................................................................

-----------------

.................
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Cau 2. Gach 6ng 14 mét san phadm dugce tao hinh thanh tit dat sét va nuée, dude két hop lai
v6i nhau theo mot cong thitc chung hdp ly méi c6 thé tao ra hon hop déo quoanh, sau dé ching
dude d6 vao khuon, roi dem phoi hodc sit kho va cudi cung 1a dua vao 10 nung. Mét vién gach
hinh hép chit nhat c6 kich thudc dai 20 cm, rong 8 cm, cao 8 cm. Bén trong cé bon 16 hinh tru
bang nhau c6 dudng kinh 2,5 cm. Xét tinh dung sai cta cac khing dinh sau

a) Vién gach c6 dang hinh lang tru diang.

b) Thé tich phan khong gian trong 4 16 gach 1a 382,5 (cm?).

¢) Thé tich dat sét dé lam vién gach 1a 887,5 (cm?2).

d) Biét can dung 100 vién gach dat ngang dé xay mét bic tusng. Khi d6 dién tich mét mét

tuong can son 1a 6400 (cm?2).
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 3. Trong khong gian chon hé truc toa d6 cho trude, don vi do 14y kilémét, ra da phat
hién mét may bay di chuyén véi van téc va huéng khong d6i tir diém A(100;50;5) dén diém
B(200;100;10) trong 10 pht.

A B C

a) AB = (100;50;5).
b) T6c do may bay tit A dén B 1a 600 (km/h).
¢) Néu may bay tiép tuc giit nguyén van tbc va huéng bay thi toa do ctia may bay sau 10
phut 14 C(300;150;15).
d) Tai B may bay vong ngudc lai theo huéng quay vé A hdp véi phuong ngang géc a. Khi
bay dén D(170;10;5) thi may bay giam toc do va cho ngudi nhay du. Khi d6, a = 40°.
Loi gidi
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................................................................................................
................................................................................................

................................................................................................

Cau 4.
O mot san bay, vi tri cia may bay dudc xac dinh bdi z
diém M trong khong gian Oxyz nhu hinh bén. Goi H 1a
hinh chiéu vuéng géc ctia M xudng mat phang (Oxy). .
Cho biét OM =50, (7,0H) =64°, (OH,0M ) = 48°. Biét M
toa d6 ctia diém M 1a (a;b;c¢), a, b, ¢ duge 1am tron dén e

hang phan chuc. 0
a) Do dai OH 1a OH =OM - cos48° =~ 33,6.
b) Toa d6 diém M 1a M(14,7;30,1;37,2). i N
¢) Toa do diém H 14 H(14,7;30,1;0). Afrommmmmon
d) Néu M c6 toa d6 1a (a;b;c). x
Khidéa+b-c=17,5.

Lo gidi

------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................
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Cau 5.
O mot san bay, vi tri cia mdy bay dudc xéc dinh béi diém M z
trong khéng gian Oxyz nhu hinh bén. Goi H 1a hinh chiéu
vubng géc cia M xudng mit phing (Oxy). Cho biét OM = 50
km, (T,(?ﬁ) — 64°, (b“ﬁ, OM) = 48°.

B y
X
a) OH ~ 33,5 km. b) OA ~ 14,7 km.
¢) OM=0A-0B-0C. d) Toa db ciia may bay 1a (30,1;14,7;37,2).

Loi gidi

------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................

................................................................................................

BANG DPAP AN

Caul. @sb)P(e)S@D ||Cau2. @DPDb)S(c)PS |[Caus. @DPb)S()PS
Cau4. @)Ssb)P(e)PS ||Caus. @Pb)Pe)SS

Cau 6. Trén phan mém moé phéng viéc diéu khién drone giao hang trong khéng gian Oxyz,
mot drone giao hang dang & toa do A(1;0;1) di chuyén dén dia diém nhan hang 1a B(4;4;6).
M5bi don vi trén phan mém béng 1 km ngoai thuc té. Biét tbc d6 cta drone 1a 80 km/h; gia st
rang tu vi tri giao hang va nhan hang khéng gip chudng ngai vat, stc can gié khong dang ké
dé drone bay theo duong thang.

a) Quang duong giao hang la 5v/2 km.

b) Thoi gian drone bay ti vi tri ban dau dén dia diém giao hang méat gan 5,3 phit.
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¢) Gia stt drone di chuyén khong theo dudng thang ma phai bay theo dudng gap khic tir A
dén B véi cac diém dung chan 1a M(2;1;2) va N(3;3;4). Thoi gian drone bay tit A dén B
trong truong hop nay la 4,62 phut.

d) Véc-to biéu thi van tbc cta drone tit A dén B 14 T = (24v/2;32v/2;40V/2).

Loi gidi

................................................................................................
................................................................................................

................................................................................................

Cau 7. Mot thiét bi tham do day bién dang lin véi véc-to van tdc ctia thiét bi khi bién ding
yén 1a U = (11;7;-4). Cho biét véc-to van téc ciia dong hai luu ciia vung bién 1a & = (4;2;0). Gia
st cac yéu t6 khac khong dang ké va don vi trong khong gian 1a km.
a) Véc-to van toc cta thiét bi trong diéu kién c6 dong hai luu 1a (15;9;4).
b) Toc d6 ctia thiét bi trong diéu kién c6 dong hai luu (két qua lam tron dén hang phan
chuc) = 17,9 km/h.
c) Téc @6 ctia thiét bi trong diéu kién khong c¢6 dong hai luu (két qua lam tron dén hang
phan chuc) ~ 12,4 km/h.
d) Téc @6 cta dong hai luu 1a (két qua 1am tron dén hang phan chuc) =~ 4,5 km/h.
Loi gidi

................................................................................................
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Cau 8. Trén phan mém moé phéng viéc diéu khién drone giao hang trong khéng gian Oxyz,
mot doi gom ba drone giao hang A, B, C dang c6 toa do 1a A(1;-3;2), B(m;m—2;6), C(m—2;m;5)
trong d6 m 1a tham s6, don vi do d6 dai tinh bang kilomet. Biét kho hang dang & tai diém
I(1;1;0). Vi ly do nhién liéu nén cac drone khong dudc di chuyén qua xa kho hang, cu thé 1a
cac drone khong duge cach kho hang qué 100 km. Xac dinh gi4 tri ctia tham s6 m d€ cac drone
cach kho hang khong qua 100 km.

a) C6 2 gia tri ctia tham s6 m dé drone B cach kho hang I ding 50 km..

b) Gia stt m = 10, khoang cach gitta drone A va drone C 1a /227 km.

¢) C6 73 gia tri nguyén duong ctia tham s6 m d€ ca ba drone A, B, C déu cach kho hang I

khong qua 100 km. .
d) C6 mét gia tri ctia tham sé m dé ba drone A, B, C cung nam trén mét duong théng.
Loi gidi

................................................................................................
................................................................................................

................................................................................................

Cau 9.
O mét san bay, vi tri ctia may bay dude xac dinh béi diém M trong z
khong gian Oxyz (nhu hinh vé). Goi H 14 hinh chiéu vudng géc cta ¢ So
M(a;b;c) 1én mit phéng (Oxy). Cho biét OM =50 km, (7,0H ) =64, EoM .
Y, o _---— |
(OH,0M) =48°. ST
> ~J
A//‘ ,,,,, L
X
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a) OH =~ 33,46 km (lam tron dén hang phan tram).

b) OA =14,66 km (lam tron dén hang phan tram).

¢) OB =30,05 km (lam tron dén hang phan tram).

d) a+b+c=81,67 km (lam tron dén hang phan tram).
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 10.
Mot san van dong dudc xay dung theo mo6 hinh la
hinh chop cut OAGD .BCFE c6 hai day song song véi
nhau. Mit san OAGD la hinh chit nhat va dudc gan
hé truc Oxyz nhu hinh vé. Mat san OAGD c6 chiéu
dai OA =100 m, chiéu réng OD = 60 m va toa do diém
B(10;10;8).

a) G(100;60;0). b) OD = (0;60;0).

¢) OB =(10;10;8). d) D(0;-60;0).

Loi gidi

................................................................................................

................................................................................................

7= GV: PHAM LE DUY ® Trang 32/109


https://www.facebook.com/groups/1820035758768023

B Ldp Toan Thay Duy 0704.963.919

................................................................................................
------------------------------------------------------------------------------------------------

Cau 11. Mot phong hoc c6 thiét ké dang hinh hép chit nhat véi z
chiéu dai 14 10 m, chiéu rong 1a 6m va chiéu cao la 4 m. Mot chiée
quat dudc treo trén tran nha sao cho la diém chinh giita ca phong

!
£ B
|
|
|
|
|
|
|
|
|

hoc. Xét hé truc toa do Oxyz c6 gbc O = A trung véi mot géc phong D’ C’
va mét phang (Oxy) trung véi mat san (hinh vé), don vi do dugc 14y AL B
theo mét. Goi I(a;b;c) 12 toa d6 ctia diém treo quat. //r Y
a) C'(6;10;4). b) A'(0;0;4).
¢) AC = (—6:-10:0). d)a+b+c=12. s ¢

Loi gidi

................................................................................................
................................................................................................

................................................................................................

Cau 12. Ngudi ta can l4p mot camera phia trén san béng dé phat séng truyén hinh mot tran
béng da, camera c6 thé di dong dé ludn thu dudc hinh anh ré nét vé dién bién trén san. Cac
ki su du dinh trong bén chiéc cot cao 30 m va st dung hé théng cap gin vao bon dau cot dé
gilt camera ¢ vi tri mong mudén. M6 hinh thiét ké dugc xay dung nhu sau: Trong hé truc toa
d6 Oxyz (don vi do dai trén mbi truc 12 1 m), cac dinh ctia bon chiée cot 1an lugt 1a cac diém
M(90;0;30), N(90;120;30), P(0;120;30), Q(0;0;30). Gia st K, 1a vi tri ban dau cia camera c6 cao
d6 bang 25 va KoM = KoN = KoP = K;Q. D& theo doi qua béng dén vi tri A, camera dudc ha
thap theo phuong thang ding xubéng diém K; ¢6 cao dé bang 19.

(Nguon: https:/abiturloesung.de; Abitur Bayern 2016 Geometrie VI).
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a) Goi I (x7;yr;27) la tam cta hinh chtt nhat MNPQ, ta dudc 1(45;60;30).
b) K((45;60;25).
¢) K1(45;60;19).
d) KoK = (0;0;6).
Loi gidi

................................................................................................

................................................................................................
................................................................................................
................................................................................................

Cau 13. Trong khong gian, xét hé toa do6 Oxyz c6 gbc O trung
v6i vi tri cia mot gian khoan trén bién, mat phang (Oxy) trung
v6i mét bién véi truc Ox huéng ve phia tay, truc Oy huéng veé
phia nam va truc Oz huéng thing ding 1én troi. Pon vi do
trong khong gian Oxyz 14y theo ki-16-mét. Mot chiéc ra da dat
tai gian khoan c6 pham vi theo doi 1a 30 km.

a) Mot chiéc tau danh ca di chuyén trén bién c6 toa do (10;-5;0) c6 thé bi ra da phat hién.
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b) Ra da c6 thé phat hién dudc mot vat thé khong xac dinh tai vi tri c6 toa do 1a (25;15;10).
¢) Mot may bay truc thiang bay trén bién 6 d6 cao 2 km so v6i muc nuée bién. Khi d6 ra da
c¢6 thé phat hién dudc may bay. Biét rang toa do hinh chiéu ctia may bay trén mét bién
1a (20;10;0).
d) Mot tau ngam di chuyén duéi bién & dé sadu 500 mét thi ra da c6 thé phat hién dugc tau
ngam.
L&i gidi

................................................................................................
................................................................................................
................................................................................................

Cau 14. Trong khong gian Oxyz (don vi trén mdi truc 12 mét), mot
router phat séng wifi ¢6 dau thu phat dudc dat tai diém I(4;2;10),
pham vi phat song la 15 m.

a) Mot thiét bi di dong dudc dat tai diém A(1;5;0) thi thiét bi nay c6 nam trong pham vi
phat song cuia router.

b) Mot ngudi ding tai diém B(4;2;25) thi ngusi nay c6 thé két néi véi wifi tit router .

c¢) Mot may bay khong ngudi lai (drone) bay trén khong trung ¢ do cao 100 mét so véi mat
dat. Biét rang hinh chiéu cta drone trén mat dat 1a diém C(0;0;0), khi dé drone cé thé
phat hién va két ndi véi router.

d) M6t ngudi st dung may tinh tai diém M(6;12;0) thi ngudi d6 khong thé st dung dudc
song wifi cua router.

L&i gidi
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................................................................................................

................................................................................................

................................................................................................

Cau 15. Mot ki su xay dung thiét ké khung mot ngoi N(0;2;6)
- z
nh\a tro\ng khoéng gian Oxyz nhu Hinh 9 nhé moét phan D0;0;4) 4=~ -~ == H
mém do hoa may tinh. ! (6:2:6)
a) B(6;4;0). b) DE = (6;0;0). E(6;0:4) =
c) H(0;4;4). d) DN = (0;-2;-2). }
L y
77 0(0;0,0 C(0;40)
A(6;0;0)1 B
* Hinh 9

Lo gidi

------------------------------------------------------------------------------------------------

BANG DAP AN

7= GV: PHAM LE DUY ® Trang 36/109


https://www.facebook.com/groups/1820035758768023

B Ldp Toan Thay Duy

0704.963.919

Cau6. a2 PDb)P(c)S(@P

Cau7. (@)sSbPl)s@Ph

Caus8. @Pb)P(c)sdSs

Cau9. @Pb)S(e)sds

Caul10. @ Pb)P)P)S Caull. @Pb)P)s@P@DPb Pc)s (d
Caul2. @ Pb)P(e)P(d)S Caul3. @sb)s(e)Ppds
Cauld. @ Pb)P(c)S (@S Cauls. @PbPe)Pds@bPb D) P

BAI 6. KHOANG BIEN THIEN VA TG PHAN VI

Cau 1. Hang ngay 6ng Thing déu di xe buyt tit nha dén co quan. Duéi day 1a bang théng ké
thoi gian cta 100 1an ong Thing di xe buyt tit nha dén co quan.

Thoi gian | [15;18) | [18;21) | [21;24) | [24;27) | [27;30) | [30;33)
S6 luot 22 38 27 8 4 1
a) Comaiun=22+38+278+4+1=100.
693

b) T phan vi thi nhat ctia mau s6 liéu ghép nhém 1a

s , T ET . . 6
c¢) T phéan vi tha ba ctia mau so0 liéu ghép nhom la 3

d) Khoang ti phan vi ctia mau sb liéu ghép nhém 14 43.
Lo gidi

38°

................................................................................................

................................................................................................

................................................................................................

................................................................................................

Cau 2. Khao sat thoi gian tap thé duc trong ngay ctia mét sé hoc sinh khéi 11 thu dudec mau

so liéu ghép nhom sau:

Thoi gian

[0;20)

[20;40) | [40;60)

[60;80)

[80;100)

S6 hoc sinh

4

12

10

6
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a) C3 mau n =40.

b) Tt phan vi thit nhit cia méu s6 liéu ghép nhém 1a 35.

¢) T phan vi thi ba ciia mau s6 liéu ghép nhém 14 72.

d) Khoang ti phan vi ctia mau sb liéu ghép nhém 1a 100.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 3. Mbi ngay bac Huong déu di b dé ren luyén stc khoe. Quing dudng di bo mbi ngay
cta bac Huong trong 20 ngay dudc théng ké nhu sau:

Quang duong (km ) | [2,7;3,0) | [3,0;3,3) | [3,3;3,6) | [3,6;3,9) | [3,9;4,2)
S6 ngay 3 6 5 4 2

a) Khoang bién thién R = 100.

b) T phan vi thi nhat cia mau s6 liéu ghép nhém 1a 3,1.

¢) T phan vi thit ba ciia mau s6 liéu ghép nhém 14 3,675.

d) Khoang ti phan vi ctia mau sb liéu ghép nhém 14 20.
Loi gidi

................................................................................................

7= GV: PHAM LE DUY ® Trang 38/109


https://www.facebook.com/groups/1820035758768023

B Ldp Toan Thay Duy 0704.963.919

................................................................................................

................................................................................................

Cau 4. Mot bac tai xé théng ké lai quang dudng bac da 1ai xe trong mdi ngay trong mét thang
dudc cho trong bang sau:

Do dai quang duong (km ) | [50;100) | [100;150) | [150;200) | [200;250) | [250;300)
S6 ngay 5 10 9 4 2

a) Khoang bién thién R = 30.

b) Tt phan vi thit nhat cia mau s6 liéu ghép nhém 1a 112,5.

. N ) X A qea . , 4. 975
c¢) T phéan vi tha ba ctia mau so0 liéu ghép nhom la R

d) Khoang ti phan vi ctia mau sb liéu ghép nhém 1a 250.
Lo gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 5. Do can ning cta 40 hoc sinh 16p 12A9 ta dudc bang sb liéu nhu sau:

Khéi luong ( kg ) | [40;45) | [45;50) | [50;55) | [55;60) | [60;65) | [65;70) | [70;75) | [75;80)
S6 hoc sinh 4 13 7 5 6 2 1 2

a) Khoang bién thién R = 40.
b) C6 mau n = 30.
¢) Nhém chia ti phan vi thi nhat 1a [40;45).
d) T phan vi thi nhat 14 Q ~ 47,3.
L&i gidi
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................................................................................................

................................................................................................

................................................................................................

------------------------------------------------------------------------------------------------

Cau 6. Mot cong ty xay dung khao sat khach hang xem ho ¢é nhu cadu mua nha véi gia nao.

Két qua khao sat dudce ghi lai nhu bang sau:

Mtc gia
L [10;14) | [14;18) | [18;22) | [22;26) | [26;30)
(triéu dong /m? )
S6 khach hang 47 78 120 45 10

a) Trung vi cia mau sb liéu ghép nhém thudc nhém [18;22).

b) Khoang bién thién cta mau sb liéu trén bang 20.

¢) Mbt ctia mAau sb liéu 14 M, ~ 19,44.

d) Do 1éch chuédn ctia mau s6 lidu trén 1a 4,9.
L5 gidi

................................................................................................

................................................................................................
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Cau 7. Mot nguoi ghi lai thoi gian dam thoai ctia mot s6 cude goi cho két qua nhu bang sau:

Thoi gian t

[0;1)

[1;2)

[2;3)

[3;4)

[4;5)

So cudc goi

8

17

25

20

10

a) Khoang bién thién ctia mau s6 liéu trén bang 1.

b) C6 mau n = 80.

¢) Trung vi cia mau sb liéu ghép nhém thudc nhém [2;3).

d) Khoang ti phan vi ctia mau s liéu ghép nhém trén bang 1,3.

Lo gidi

................................................................................................

................................................................................................

................................................................................................

------------------------------------------------------------------------------------------------

Cau 8. Mot ctra hang trang stc khao sat khach hang xem ho du dinh mua trang sic véi muc

gia nao. Két qua khao sat dudc ghi lai nhu bang sau:

Miic gia (triéu dong)

[6;9)

[9;12)

[12;15)

[15;18)

[18;21)

S6 khach hang

20

78

45

23

12

a) C6 mau n = 178.

b) Khoang bién thién ctia mau s6 liéu trén biang 15.

¢) Trung vi cia mau sb6 liéu ghép nhém trén bing 10,5.

d) Khoang ti phan vi cia mau sb liéu trén bang 2,9.

Loi gidi

................................................................................................
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................................................................................................

................................................................................................

................................................................................................

Cau 9. Két qua do chiéu cao (don vi: centimet) ctia 25 hoc sinh nam 16p 12 & mét trusng THPT

X dudc ghi lai b6i mau s6 liéu ghép nhém 6 bang sau:

Nhom

[155;160)

[160;165)

[165;170)

[170;175) | [175;180)

S6 hoc sinh

2

5

10

5

3

a) Khoang bién thién cia mau sb liéu ghép nhém 1a R = 15(cm).

b) Tt phan vi thit ba cia mau s6 liéu ghép nhém trén 1a Qs = 171,75.

¢) Gia tri trung binh cia mau gb liéu ghép nhém la 167,9.

d) Phuong sai ctia mau s6 liéu ghép nhém trén 14 s2 = 29,84.
Lo gidi

................................................................................................

------------------------------------------------------------------------------------------------

................................................................................................

Cau 10. Bang dudi day théng ké diém thi hoc ki I mén tiéng Anh cta 16p 12A va 16p 12B ném

hoc 2024-2025:

Piém thi [0;2) [ [2;4) | [4;6) | [6;8) | [8;10]
S6 hoc sinh 16p 12A | 1 5 | 20 | 8 6
S6 hoc sinh 16p 12B| 2 3 10 | 18 7
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a) Khoang bién thién cia mau sb6 liéu ghép nhém ctia mbi 16p 1a bang nhau.

b) Khoang ti phan vi cia mau sb liéu ghép nhém 16p 12A bang 2.6.

¢) Khoang ti phan vi ctia mau sb liéu ghép nhém 16p 12B bang 2,57.
d) Néu so sanh theo khoang ti phan vi thi diém thi moén tiéng Anh cta 16p 12B dong déu
hon so véi 16p 12A.

Lo gidi

................................................................................................

................................................................................................

................................................................................................

------------------------------------------------------------------------------------------------

BANG DAP AN

Caul. @Pb)P)PS Cau2. @Pb)Pe)P(S
Cau3. (asb)Pe)PdS Cau4. @)sb)Pe)PS
Caus. @Pb)s(c)s@P Cau6. @ Pb)Pe)PdS
Cau7. (@)sbPl)P@Ss Cau8. a@Pb)Pe)s(@s
Cau9. s Pe)P(@P Cau10. @PDb)P(c)s (@S

BAI 7. PHUONG SAI VA PO LECH CHUAN

Cau 1. Thanh tich mén nhay cao cia cic van dong vién tai mot giai dién kinh danh cho hoc

sinh trung hoc phé théng nhu sau

Muice xa (em)

[170;172)

[172;174)

[174;176)

[176;180)

So van dong vién

3

10

6

1

a) Gia tri dai dién cua [174;176) 1a 175.

b) Gié tri trung binh ctia méu s6 liéu trén bang 173,6.
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¢) D6 léch chuén ctia mau s6 lidu trén xap xi 1,8 (két qua lam tron 6 hang phan mudi).
d) D6 phan tan ctia mau s6 liéu 1a 0,0104.
Lo gidi

Cau 2. Mot giong cay xoan dao dudc trong tai hai dia diém A va B. Nguoi ta théng ké duong
kinh than ctia mot sb ciy xoan dao 5 nam tudi 6 bang sau

Puong kinh (cm) [30;32) | [32;34) | [34;36) | [36;38) | [38;40)
S6 cay trong 6 dia diém A | 25 38 20 10 7
S6 cay trong ¢ dia difm B | 22 27 19 18 14

a) Puong kinh trung binh ctia than cay xoan dao trong tai dia diém A cao hon duong kinh
trung binh ctia than ciy xoan dao trong tai dia diém B.

b) Phuong sai cia méu sb liéu ghép nhém biéu dién duvng kinh cta than cay xoan dao
trong tai dia diém A béng 5,4016.

¢) Do léch chuén ctia méu s6 liéu ghép nhém biéu dién duong kinh ctia than cay xoan dao
trong tai dia diém B bang /7,31.

d) Két qua duong kinh than cay xoan dao trong tai dia diém B dong déu hon két qua dudng
kinh than cay xoan dao trong tai dia diém A, so sanh theo d6 lech chuén.

Loi gidi

................................................................................................
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................................................................................................
................................................................................................

Cau 3. Mot bac tai xé taxi thong ké lai d6 dai quang dudng (don vi: km) bac da 1ai xe mdi

ngay trong mot thang ¢ bang sau (két qua lam tron 6 hang phan tram)

Do dai quang duong (km) | [60;80) | [80;100) | [100;120) | [120;140) | [140;160)
S6 ngay 3 9 10 6 2

a) Khoang bién thién ctia mau s6 liéu ghép nhém 1a 100 (km).

b) Khoang ti phan vi ciia mau sb liéu ghép nhém gan bang 33,67 (két qud lam tron dén
hang phan tram).

¢) S6 trung binh ctia mau sb liéu ghép nhém 1a 101,27 (két qud lam tron dén hang phan
tram).

d) D6 léch chuén ctia mau sb liéu ghép nhém gan bang 30,68 (két qud lam tron dén hang
phan tram).

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 4. Nguoi ta ghi lai tién 1ai (don vi: triéu dong) ctia mot s6 nha dau tu (véi s6 tién dau tu
nhu nhau), khi dau tu vao hai linh vuc A, B cho két qua nhu sau
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Tién lai [5:10) | [10;15) | [15;20) | [20;25) | [25;30)
S6 nha dau tu vao linh vuc| 2 5 8 6 4

A

S6 nha dau tu vao linh vuc B 8 4 2 5 6

a) Gia tri trung binh ctia linh vuc B x4p xi bang 16,9 (triéu dong) (két qud lam tron dén
hang phan chuc).
b) D6 1éch chuén cta linh vuc A x4p xi bang 8,04 (két qud lam tron dén hang phan tram).
¢) D6 léch chuén caa linh vuc B x4p xi bang 5,8 (két qud lam tron dén hang phan chuc).
d) Pau tu vao linh vuc B rai ro hon.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 5. Méi ngay bac Huong déu di bé dé ren luyén siic khée. Quang dudng di bé mdi ngay
(don vi km) ctia bac Huong trong 20 ngay dudce thong ké lai 6 bang sau

Quang duong (km) | [2,7;3,0) | [3,0;3,3) | [3,3;3,6) | [3,6;3,9) | [3,9;4,2)
S6 ngay 3 6 5 4 2

a) Khoang bién thién cia mau sb liéu ghép nhém 1a 1,5.
b) Khoang tt phan vi cia mau sb liéu ghép nhém 1a 0,5.
¢) Phuong sai ciia mau sb liéu ghép nhém 14 0,36 (ét qud lam tron dén hang phan tram).
d) D6 léch chuén ctia mAau sb liéu ghép nhém cé gia tri gan nhéat véi 0,36 (két qud lam tron
dén hang phan tram).
Loi gidi
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................................................................................................
................................................................................................
................................................................................................

Cau 6. Chiéu cao ctia 500 hoc sinh ctia mot trudng trung hoc co sé dude théng ké béi bang
dudi day

Chiéu cao (cm) | [150;154) | [154;158) | [158;162) | [162;166) | [166;170)
S6 hoc sinh 25 50 200 175 50

a) V6i @1 = 159 nén c6 125 hoc sinh ¢6 chiéu cao trung binh it nhat dat 159 cm.
b) Khoang ti phan vi cia mau sb liéu khi 1am tron két qua dén hang phan tram 1a 5,29
(két qua lam tron 6 hang phan tram).
¢) Chiéu cao trung binh ctia 500 hoc sinh 14 161,4.
d) So véi trung binh ctia mau s6 liéu thi chiéu cao ctia méi hoc sinh chénh léch khoang 3,85
cm (két qua 1am tron & hang phan triam).
Loi gidi

................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................

Cau 7. Mot trang trai phan 1000 qua tring thanh 5 loai, tuy theo khéi luong (da dudc lam
tron) ctia chiung dude théng ké béi bang dudi day
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Khbi lugng (gam) | [30;36) | [36;42) | [42;48) | [48;54) | [64;60)
Sé trang 45 190 500 250 15

a) Khoang bién thién cia mau s6 liéu trén 1a R =57 - 33 = 24.
b) Khoang tid phan vi ctia mAu s6 lidu trén 1a Ag = 6,48.
¢) D6 léch chuén ctaa khéi lugng nhiing qua tring nay (khi lam tron dén hang phan tram)
la 3,88 gam.
d) Khéi luong ctia mdi qua tring chénh léch so véi khoi luong trung binh khoang 4,95 gam.
Loi gidi

................................................................................................
------------------------------------------------------------------------------------------------

Cau 8. Bdng A, Bing B lan ludt biéu dién sb liéu ghép nhém vé nhiét d6 khong khi trung
binh céc thang niam 2021 tai Ha No6i va Hué (don vi: d6 C).

Bdng A Béng B
Nhém | 8t fma s Nhom | 8l fma s
dai dién dai dién

[16,8:19,8)| 18,3 2 [16,8:19,8)| 18,3 1
[19,8;22,8) 21,3 3 [19,8;22,8) 21,3 2
[22,8;25,8) 24.3 2 [22,8;25,8) 24.3 3
[258:288)| 273 1 [25,8:28.8)| 27,3 2
[28,8:31,8)| 30,3 4 [28,8:31,8)| 30,3 4

n=12 n=12

a) Khoang bién thién ctia mau s6 liéu ghép nhém vé nhiét do khong khi trung binh cac
thang nam 2021 tai Ha No6i va Hué 1a R = 31,8 - 16,8 = 15.

b) Gi4 tri trung binh ctia nhiét d6 trung binh céc thang nam 2021 tai Hué 1a 25,8 d6 C.

¢) Do léch chuidn vé nhiét do trung binh cac thang tai Ha Noi nhé hon tai Hué.

d) Trong hai thanh phé Ha Noi va Hué thi Ha Noi ¢6 nhiét do trung binh céc thang dong
déu hon.
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Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 9. Mot cong ty gidng cay trong da thi nghiém hai phudng phap cham séc khac nhau cho
cay huéng duong. Sau hai tuan, ngudi ta thay cay dudc chim séc theo ca hai phuong phap déu
thap hon 50 cm.

Tan sb
10
5

0 10 20 30 40 50 cm

Chiéu cao ctia cGy dudc cham séc theo phuong phdp A
Tan sb

10

0 10 20 30 40 50 ¢Cm

Chiéu cao cia cy dugc chdm séc theo phuong phdp B

a) Chiéu cao trung binh ctia cac cay dudc cham séc theo phuong an A 1a 24,8 cm (két qua
lam tron & hang phan muoi).

b) D6 1éch chuén cta chiéu cao céc cay dudc chiam séc theo phudng an A 16n hon so véi céc
cay dudc cham soc theo phuong an B.

¢) Chiéu cao trung binh ctia cay huéng dudng & ca hai cach cham séc 1a nhu nhau.
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d) Chiéu cao ctia cac cay dudc chiam séc theo phuong an A it bi chénh léch hon so véi cac
cay dudc cham soc theo phuong an B.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................

Cau 10. Trong 30 ngay, mot nha khi tuong da theo déi luong mua tai hai dia diém P va Q.
Thong tin dudc ghi lai 6 hai bang duéi day

Bédng luong mua cta dia diém P (mm)
Lugng mua | [0;10) | [10;20) | [20;30) | [30;40) | [40;50)
S6 ngay 4 8 10 5 3

Bang luong mua ctia dia diém Q (mm)
Ludng mua | [5;15) | [15;25) | [25;35) | [35;45) | [45;55)
S6 ngay 5 7 8 6 4

a) Luong mua trung binh tai @ 1a 25,5 mm (két qua lam tron 6 hang phan muoi).
b) Ludng mua trung binh tai @ cao hon tai P.
¢) Phuong sai ciia méu s6 liéu luong mua tai P 1a 133,9 (két qua lam tron 6 hang phan
muoi).
d) Luong mua tai @ it bién dong hon tai P.
Loi gidi

................................................................................................
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................................................................................................

................................................................................................

................................................................................................

Cau 11. Mot nguoi ghi lai thoi gian dam thoai cia mot sb6 cude goi cho két qua nhu bang sau:

Thoi gian (phut)

[0;1)

[1;2)

[2;3)

[3;4)

[4;5)

So cudc goi

17

25

20

10

a) C6 mau la 80.

b) Khoang bién thién ctia mau s6 liéu ghép nhém 1a 5 (pht).

¢) Khoang ti phan vi ctia mau sb liéu ghép nhém gan bang 1,8 (két qud lam tron dén hang

phan chuc).

d) S6 trung binh ctia méu s6 liéu ghép nhém 1a 2,23 (phit) (két qud lam tron dén hang

phan tram).

Lo gidi

................................................................................................

................................................................................................

................................................................................................

------------------------------------------------------------------------------------------------

Cau 12. Biéu do sau mo ta két qua diéu tra vé diém trung binh ndm hoc cia hoc sinh hai

truong A va B.
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Diém trung binh nam hoc ctia hoc sinh hai trudsng A va B

S6 hoc sinh

4

27727777770

7777
2777
2277
2277

Hoc sinh hai truong A

Hoc sinh hai trutng B

SELINNNNNNNNNNNY
SANNNNNNNNNNNNNN

N
N
N
N
RSN
N
N
N

R

0 [5;6] [6;71 . [7;8] [8;9] [9;10] Diém trung binh
a)  Gia tri dai dién cho méi nhém va bang tan s6 ghép nhém ctia mau sb liéu trén 1a
Diém trung binh | [5;6) [ [6;7) | [7;8) | [8;9) | [9;10)
Gia tri dai dién 55 |65 | 75| 85| 95
S6 hoc sinh truosng A | 4 5 3 4 2
S6 hoc sinh trusng B | 2 5 4 3 1

b) Khoang ti phan vi cia mau sb liéu ghép nhém cta trudng A gan bang 2,28 (két qua lam

tron 6 hang phan tram).
¢) Néu so sanh theo khoang t phan vi ciia mau s6 liéu ghép nhém thi hoc sinh trusng A

¢6 diém trung binh dong déu hon trusng B.
d) Néu so sanh theo d6 léch chuén ciia mau s6 liéu ghép nhém thi hoc sinh trudng B c6

diém trung binh

dong déu hon.

L& gidi

................................................................................................

................................................................................................
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BANG DAP AN

Caul. @Pb)P)P@P

Cau2. a)sb)Ple)s(@ds

Caus. a@Pb)s(c)sds

Cau4. @PDb)S(c)s(@P

Caus5. @Pb)S(c)s@P

Cau6. a)Ssb)P)PdP

Cau7. (@)sbPle)s@Ph

Cau8. a@Pb)Pe)s(@s

Cau9. )sb)se)p@>b

Cau10. (@)s b Pc)P(dS

Caull. @ Pb)Pe)P(dS

Caul2. @ PDb)P(c)S (@D

BAI 8. NGUYEN HAM

Cau 1. Mot 6 to dang chay véi van tdc 20(m/s) thi ngudi lai xe dap phanh. Sau khi dap phanh,
6 t6 chuyén dong cham dan déu véi van tbe v(¢) = —5¢ + 20 (m/s), trong dé ¢ 14 khoang thdi gian
tinh bang giay ké tir lic bat dau dap phanh. Goi s(¢) 12 quang duong xe 6 t6 di dudc trong thoi
gian t ké tit luc dap phanh. Khi d6

e

~——

A E=&)

a) Sau khi dap phanh 1 giay thi van t6c ctia xe 6 t6 1a 10m/s.
b) Sau 4 giay thi xe 6 t6 dung lai.

¢) Quang duong xe 6 t6 di dudc sau 2 giday sau khi dap phanh la 30 mét.
d) Tu lic dap phanh dén khi ding han, 6 t6 con di chuyén 50 mét.

................................................................................................

Loi gidi
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................................................................................................
................................................................................................

Cau 2. Ban Minh Hién ngbi trén may bay di du lich thé gidi véi van tbc chuyén dong ctia may
bay lic khi xuat phat 1a v(¢) = 3¢2 + 5(m/s). Khi dé

a) Van téc ban dau cta may bay 1a sau khi xuat phat 8m/s.

b) Sau 4 gidy van téc ciia may bay 1a 50m/s.

c¢) Sau 5 giay quang duong may bay bay dudc 150 m.

d) Tu khi xuat phat, may bay bay dude 1050 m trong thoi gian khoang 10 giay.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 3. Mot van dong vién dién kinh chay cu li ngan. Khi ¢6 tin hiéu xuét phat van dong vién
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dé chay véi gia toc a(t) = —iﬁ’ + %ﬂ (m/s?), trong d6 ¢ (0 <t < 10) (don vi: gidy) 14 khoang thoi
gian tinh tit ldc xuat phat. Khi d6

a) Van toc cia van dong vién d6 tai thoi diém ¢ giay 1a v(¢) = —%t“ + Et?)'

b) Sau 42 gidy, van dong vién d6 dat van tbc 5m/s.

¢) Van toc 16n nhat van dong vién dé dat dude xap xi bang 36 km/h.

d) Van dong vién d6 chay 50 m thoi gian nhiéu hon 9 giay.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 4. Mot chiéc 6 t6 dang chay v6i van toc 15(m/s) thi nhin thay chuéng ngai vat trén duong
cach d6 50 m, ngudi lai xe ham phanh khén cap. Sau khi ham phanh, 6 t6 chuyén dong cham
dan déu véi van tbc v(t) = -3¢ + 15(m/s), trong dé ¢ 1a thoi gian (tinh bang gidy). Goi s(¢) la
quang duong xe 6 t6 di dudc trong thoi gian ¢ ké tir lic dap phanh. Khi d6

a) Sau khi dap phanh 1 giay thi van t6c ctia xe 6 t6 1a 10m/s.

b) Sau 5 giay thi xe 6 t6 dung lai.

¢) Tu lic ham phanh dén khi dung han, 6 t6 di chuyén dudc bao 37,5 m.

d) Néu nguoi l4i xe nhin thay chuéng ngai vat trén dudng, sau dé 1 gidy méi phan tng dap

phanh khén cép thi xe 6 t6 gép tai nan do va cham véi chuéng ngai vat.
Loi gidi

................................................................................................
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................................................................................................
................................................................................................

Cau 5. Trong mot dot xa 1@, mot nha may thay dién da xa 1 trong 40 phut véi toe do luu
lugng nuéc tai thoi diém ¢ gidy 1a 2/() = 10¢ + 500 (m?/s). Khi d6
a) Téc d6 luu lugng nudc tai thoi diém 1 phit 1a 1000 (m?/s).
b) Ludng nudc trong hd thoat ra sau thoi gian ¢ gidy 1a A(¢) = 5¢2 +500¢.
¢) Sau 40 phut thi ho da thoat di mot luong nude 1a 30 triéu mét khbi.
d) Néu can xa lugng nudc trong ho 1a 100 triéu mét khdi thi phai xa khoang 80 phiit.
Loi gidi

------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................

................................................................................................

Cau 6. Mot quan thé vi khuédn ban dau gom 500 vi khuén, sau dé bat dau tang trudng. Goi
P(¢) 1a s6 lugng vi khuén ctia quan thé d6 tai thoi diém ¢, trong d6 ¢ tinh theo ngay (0 < ¢ <10
). Téc @6 tang trudng cta quan thé vi khudn dé cho béi ham sé P'(t) = k%, trong d6 % 1a hing
s6. Sau 1 ngay, sb6 luong vi khuén ctia quan thé dé da tang 1én thanh 600 vi khudn. Khi d6

a) Toc d6 tang trudng cla quan thé vi khudn ngay dau tién 1a 100 vi khuin/ngay.

2k
b) P(t)= fP’(t)dx = ?\/Zw.
¢) S6 luong vi khuén sau ¢(0 < ¢ < 10) ngay 1a 100¢v/z + 500 .

d) S6 lugng vi khuén cta quan thé d6 sau 9 ngay 1a 3200 vi khuén.
Loi gidi
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Cau 7. Mot xe 6 t6 sau khi cho hét den d6 da bat dau chuyén déng véi van téc dude biéu thi
bang d6 thi 1a dudng cong parabol nhu hinh bén duéi. Biét rang sau 5 phut thi xe dat dén van
téc cao nhat 1000 m/phit va bat dau giam van toc, di dude 6 phit thi xe chuyén déng déu.

v (m)

1000 f-----------=

|

| |
| |
| |
| |
| |
| |
| |
| |
| |
| |
o

o 5 6 10 ¢t (phut)

a) Phuong trinh van t6c trong 6 phut dau tién 1a vi(¢) = —40¢2 +400¢ (0 <t <86).
b) Phuong trinh van toc trong 4 phut tiép theo 1a vo(t) = 400¢ (6 <t < 10).
¢) Quéang duong 6 t6 di dudc trong 3 phut dau tién 1a 1440 m.
d) Quing duong 6 t6 di dugc trong 10 phit dau 1a 8200 m.
Loi gidi

................................................................................................
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................................................................................................
................................................................................................

Cau 8. Cay ca chua khi trong cé chiéu cao 5 cm. Téc dd tang chiéu cao ciia cay ca chua sau
khi trong dudc cho béi cong thic v(t) = —0,1¢3 + 2, trong d6 ¢ tinh theo tun, v(¢) tinh bang
cm/tuan. Goi A(¢) 1a d6 cao ctia cay ca chua & tuan thi ¢.

a) Toc d6 cay ca chua tang chiéu cao tuan thi 3 1a 6,3 cm/tuan.

4 .3
b) Chiéu cao cta cay ca chua tuan thi ¢ 1a A() = ~ 20 + 3

¢) Chiéu cao cta cay ca chua tuan thi 3 xap xi 12 cm.
d) Chiéu cao tbi da ctia cay ca chua la 1 mét.
Loi gidi

------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................

................................................................................................

Cau 9. Mot hon da dudec ném 1én theo phuong thing ding tit mit dat, bé qua luc can cia
khong khi, v6i van téc ban dau 1a 10 m/s, 1ay g = 10 m/s2. Khi 1én dén diém cao nhat hon da
roi thang ding dén khi cham d4t. Biét phuong trinh van tbc 14 v = gt + vo, trong d6 vy (don vi:
m/s) 1 van t6c ban dau, g (don vi: m/s2) 1a gia toc trong truong. Khi d6

a) Phuong trinh van t6c khi hon da bay 1én 1a v1(¢) = —10¢ + 10 m/s.

b) Phuong trinh van téc khi hon da roi xudng 1a vs(¢) = 10¢ + 10 m/s.

¢) Hon da bay dat d6 cao nhét 1a 5 m.

d) Thoi gian vién da bay tit ldc ném 1én dén khi cham dat 1a 2 giay.

Loi gidi
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Cau 10. Mot ho bai c¢6 dang hinh hép chit nhat ¢6 chiéu cao 3 mét khong chira nude. Ngusi ta
dung may bom dé bom nudc vao ho. Gia s A(t) mét 1a chiéu cao ctia muc nudc da dudc bom

vao tai thoi diém ¢ (¢ = 0) giv. Biét rang téc d6 tang chiéu cao clia muc nudc tai gio thi ¢ ké tu
3
Vt+3 Ny

5 m/h. Khi do

ldc bat dau bom nuée vao ho 1a A'(1) =
a) Toc d6 tang chiéu cao clia muc nude trong ho boi tai thoi diém 1 gis xap xi 0,3(m/h).
X ) o 1 3
b) Chiéu cao muc nudc sau ¢ gio 1a a(t) = %(t+ 3)V/t +3.

¢) Sau 5 gio muc nudc trong ho cao khoang 1,5 (m).
d) Can bom nudc vao ho véi muc nude cao 2,1 mét thi mat khoang 6 gio.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................
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BANG DAP AN

Caul. (@sb)P(e)PdS

Cau2. (@sb)s(e)P@P ||Cau3. @DPDb)S(c)S @D

Cau4. @)sb)Pe)PdD

Caus. (s b)P(e)P(d)S ||Caub. (a)s(b)S(e)PAD

Cau7. @DPb)se)P@s

Cau8. aPb)S(e)Pp(dsS ||Cau9. @PDb)Sc)PdP

Cau10. @PDb)S(c)S(@P

BAI Q. TICH PHAN

Cau 1. Mot chat diém chuyén dong trén dudng thing ndm ngang (chiéu duong huéng sang
phai) véi gia téc phu thudc vao thoi gian ¢ (s) 1a a(¢) = 2¢ - 7 (m?). Biét van téc ban dau bang 6

(m/s).

a) Van tdc tic thoi cia chat diém tai thoi diém ¢ (s) xac dinh béi v(2) = ¢ - 7t + 10.
b) Tai thoi diém ¢ =7 (s), van toc cta chat diém 1a 6 (m/s).

¢) Do dich chuyén ctia vat trong khoang thoi gian 1<t <712 18 m.

d) Trong 8 giay dau tién, thoi diém chat diém xa nhat vé phia bén phaila ¢t =7 (s).

...............................

...............................

...............................

...............................

Loi gidi

.................................................................

.................................................................

.................................................................

.................................................................

Cau 2. Gia st 10i nhuén bién (tinh bang triéu dong) cia mét san phadm dude mo hinh héa
bing cong thitc P'(x) = —0,0008x + 10,4. O day P(x) 1 1¢i nhuan (tinh bang triéu dong) khi ban

dudc x don vi san pham.

a) Loi nhuian khi ban dudc x don vi san phdm dudc tinh bing coéng thic

P(x) = —-0,0008x2 + 10,4x.

b) Lgi nhuén khi ban dude 50 san pham dau tién 1a 519 triéu dong.
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¢) Su thay d6i ctia 1¢i nhuan khi doanh sé tang tit 50 1én 55 don vi san pham 1a 49,79 triéu
dong.
d) Biét su thay déi cta 10i nhuan khi doanh s6 tang ti 50 1én a don vi san phdm 16n hon
517 triéu dong, khi d6 gia tri nhé nhat cta « 1a 100.
Loi gidi

Cau 3. O nhiét d6 37°C, moét phan tng héa hoc tit chat dau A, chuyén héa thanh chit san
pham B theo phuong trinh A — B. Gia s y(x) 14 nong d6 chat A (don vi mol L) tai thoi diém
x (gidy), y(x) >0 véi x = 0, théa man hé thic: y'(x) = —7-10~4y(x) v6i x = 0. Biét réng tai x = 0,
nong do (dau) cta A 1a 0,05 mol L~1. Xét ham s6 f(x) = Iny(x) v6i x = 0. Khi d6, ta c6

a) f/(x)=-7-10"*

b) f(x)=-7-10"*x +1n(0,05).

c) y(30)— y(15)=—-6-10"%.

d) Nong d6 trung binh ctia chit A tit thoi diém 15 gidy dén thoi diém 30 gidy gan bang 0,05.

Loi gidi

................................................................................................
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................................................................................................

Cau 4.
Moét vat chuyén dong véi van téc dude cho béi d6 thi trong hinh sau v(t) (m/s)
2 ,,,,,
0 1 2 t (s)
2t, 0<t<1

2, t>1
b) Quing duong vat di dudc trong 1 gidy dau tién dudc xac dinh béi cong thic
1

a) Van toc cha vat tai thoi diém ¢ dude xac dinh béi v(z) = {

s(t) = f b(t)dt.

0
¢) Quang duong vat di dudc trong khoang thoi gian tit 1 gidy dén 2 giay dudce xac dinh béi
2

cong thic s(¢) :fv(t)dt.
0
d) Quang duong ma vat di dudc trong 2 gidy dau tién 1a 3 m.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 5. Mot 6 t6 dang chay v6i van tbc 18 (m/s) thi ngusi 14i ham phanh. Sau khi hAm phanh
6 t6 chuyén dong cham dan déu véi van toc v(¢) = 18 — 36t (m/s), trong d6 ¢ 1a khoang thoi gian
dudgce tinh bang giay ké tit lac 6 t6 bat dau ham phanh.

a) Thoi gian ké tit ldc ham phanh dén lic xe dung han 14 1,5 gidy.
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b) Quang dudng xe di dudc sau 0,3 gidy ké tir lic ham phanh 12 3 mét.
¢) Quing duong ké tir lic ham phanh dén lic xe dirng han 14 4,5 mét.
d) Gia tbc tiic thoi ctia chuyén dong nay 1a 36 (m?2).

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 6. Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van toc v1(¢) = 2¢ (m/s), trong d6 thoi
gian ¢ tinh bang gidy. Sau khi chuyén déng dudc 12 giay thi 6 té gip chudéng ngai vat va nguoi
tai xé phanh gap, 6 to tiép tuc chuyén dong cham dan déu véi van tdc va(¢) va gia toc 1a a = -8
(m/s?) cho dén khi ding han.

a) Quang duong 6 t6 chuyén dong nhanh dan déu la 144 m.

b) Van t6c ctia 6 t6 tai thoi diém nguoi tai xé phanh gip 14 24 m/s.

¢) Thoi gian ti ldc 6 t6 giam toc d6 cho dén khi dirng han 1a 3 giay.

d) Téng quiang dudng 6 t6 chuyén dong ti lic xuat phat dén khi ding han 14 168 m.
Lo gidi

................................................................................................
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................................................................................................

Cau 7. Gia st chi phi mua va bao tri mot thiét bi trong x nam cé thé dudc mo hinh héa theo

X
1
cong thic C =5000 | 25+ 3[ t4de
0

a) Chi phi mua 1 san pham 1a 100000 dong.
b) Chi phi bao tri nam dau tién ctia 1 san pham la 12000 dong.
¢) Sau 6,5 nam thi s6 tién mua mot san pham bang sb tién bao tri san pham doé.
d) Néu mét nha dau tu ¢6 10 triéu, thi ho c6 thé mua va bao tri téi da 30 san phim trong
10 nam.
Lo gidi

................................................................................................
................................................................................................
................................................................................................

Cau 8. Mot 6 t6 chuyén dong nhanh dan déu véi van téc dudc tinh theo thoi gian ¢ bang
v(t) = 10¢ (m/s).
a) Quang duong 6 to di dudc trong khoang thui gian 5 gidy dau tién 1a 50 m.
b) Gia téc chuyén déng ctia 6 t6 14 a = 10 (m/s?).
¢) Quéing duong 6 t6 di dudc trong khoang thoi gian tu 5 giay dén 10 giay 1a 375 m.
d) Gia st 6 t6 d6 di dudc 10 giay thi gép chudng ngai vat va phanh gip, 6 t6 tiép tuc chuyén
dong cham dan déu véi gia toc a = —40 (m/s2). Khi d6, quang duong 6 t6 di dudc ti lic
bt dau chuyén dong dén lic dung han 14 625 m.
Loi gidi
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................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 9. Mét xe 6 t6 dang chay véi van tbc 65 km/h thi ngudi 14i xe bat ngd phat hién chuéng
ngai vat trén dudng cach d6 50 m. Ngudi 14i xe phan ting mot gidy, sau d6 dap phanh khan
cap. Ké tit thoi diém nay, 6 t6 chuyén dong cham dan déu véi toc d6 v(t) = —10¢+20 (m/s), trong
d6 ¢ 1a thoi gian tinh bang giay ké ti lic dap phanh. Goi s(¢) 1a quang dudng xe 6 t6 di dudc
trong ¢ (gidy) ké tu luc dap phanh.

a) Quang duong s(¢) ma xe 6 t6 di dudc trong thoi gian ¢ (gidy) 1a moét nguyén ham ciia ham

s6 v(t).

b) s(¢) = -5t +20t.

¢) Thoi gian ké tu luc dap phanh dén khi xe 6 t6 dung han 1a 20 giay.

d) Xe 6 t6 d6 khong va vao chuéng ngai vat 6 trén duong.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 10. Vao nam 2014, dan s6 nudc ta khoang 90,7 triéu ngudi. Gia sit, dan sé nudc ta sau ¢
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nam dudc xac dinh béi ham sb6 S(¢) (don vi: triéu ngudi), trong d6 téc do gia tang dan sé dude
cho b6i S'(¢) = 1,2698¢%014 v6i ¢ 14 s6 nam ké tit ndm 2014, S’(¢) tinh bang triéu ngusi/nim.

a) S(¢) la mot nguyén ham cua S'(¢).
b) S(t) =90,7¢%014 + 90,7.
¢) Theo cong thiic trén, téc do ting dan s6 nudc ta ndm 2034 (lam tron dén hang phan musi
cua triéu nguoi/nam) khoang 1,7 triéu nguoi/nam.
d) Theo cong thiic trén, dan sb6 nuée ta nam 2034 (lam tron dén hang don vi ciia triéu ngusi)
khoéng 120 triéu ngudi.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................

BAI 10. UNG DUNG HINH HOC CUA TiCH PHAN

Cau 1. Mot duong ham c6 mo hinh nhu bén duéi. Biét rang dusng hAm mé hinh c6 chiéu dai
5 m. Khi cat mé hinh nay béi cac mat phang vudng géc véi ddy cta né, ta dudc thiét dién 1a
mot hinh parabol c¢6 do dai day gap doi chiéu cao ctia parabol. Chiéu cao ctia mdi thiét dién
parabol cho béi cong thic y =3 - gx (m), véi x (m) 12 khoang céach tinh tir 16i vao 16n hon cta
duong ham mé hinh dén mat phéng chia thiét dién.
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Yy
h
-d 0] d x
2 2

a) Néu hinh parabol c¢6 do dai day 1a d va chiéu cao 2 nhu hinh vé thi phuong trinh cia
parabol 1a y = —jl—izlx2 +h.

b) Dién tich ctia hinh phang giéi han béi parabol cé d6 dai day 1a d va chiéu cao A nhu hinh
vé va truc hoanh la S = gdh.

¢) Thé tich cia ham khoang 29,889 m? (két qua lam tron dén hang phan nghin).

d) D€ hoan thanh duong ham tit lic dao nidi dén ldc hoan thién dua vao st dung thi gia
méi mét khéi 1a 990 (triéu ddng). Khi d6 chi phi 1am ham 1a khoang 28 (ty ddng) (két qua
lam tron dén hang don vi).

Loi gidi

Cau 2. Gia st chiéc nén rong vanh c6 thé mo hinh héa bang cach cho hinh phang (H) giéi

L . x*+1  khiO<x=<1 .
han bdéi do thi ham so y = , truc Ox va cac duong thang x=-1vax=1
1-x2 khi-1<x<0
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quay quanh truc Ox (don vi trén truc la dm). Khi do

1
a) Dién tich hinh phing (F) dudc tinh theo cong thiic f Vi-2 428 41| dx.
-1
A . YT 2. ” PO a1 T+D
b) Dién tich thiet dién qua truc doi xting caa khoi tron xoay trén la JTT dm?2.
0 0
¢) Céng thitc tinh thé tich khéi tron xoay trén 1a V = f 2 1)da+7 f (5 + 203 + 1) dx .
-1 1

d) Néu thé tich cta khdi tron xoay c6 dang % v6i % 12 phan sb t6i gian thi a + b = 139.

Lo gidi

................................................................................................
................................................................................................
................................................................................................
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Cau 3. Mot cong c6 dang hinh parabol véi chiéu cao 8 m, chiéu
rong chan dé 8 m nhu hinh bén. Ngudi ta cing hai soi day
trang tri AB, CD nam ngang, dong thoi chia cong thanh ba
phan sao cho hai phan  phia trén c¢6 dién tich bing nhau.
Gan hé truc toa do nhu hinh vé bén (don vi trén cac truc toa
do 1a mét).

1
a) Phuong trinh parabol 12 y = —§x2.

I

. ° 1
b) Dién tich hinh phang gidi han béi parabol va duong thang AB la gx‘;’ m?.

n s R 2 e 5o < g 2 . 2
¢) Dién tich hinh phang gidi han béi parabol va dudng thang CD 1a §x§ m?.

2

» A C-D X v N N A 3 A N X v
d) Ti so — gan bang 1,26 (lam tron ket qua den hang phan tram).

AB N .
Loi gidi

.................................................................

.................................................................

.................................................................

.................................................................

------------------------------------------------------------------

..................................................................

..................................................................

...............................

...............................

...............................

...............................

------------------------------

..............................

..............................

Cau 4. Mot cai vom cong dang mét parabol. Hinh vé sau mé ta cac kich thuéc ctia cong va

mot hé truc toa do Oxy dude gan san (don vi trén cac truc 1a mét).

Y

a) Toa do dinh ctia parabol 1a 1(0;2).
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b) Parabol di qua diém B (5; g)

2
¢) Phuong trinh dudng parabol 14 y = —%x2 +2.

d) Dién tich hai canh ctta cong 14 9,17 m? (két qua lam tron dén hang phan tram).
Loi gidi

................................................................................................
................................................................................................
------------------------------------------------------------------------------------------------

Cau 5. Khu vuc trung tam mét quang trusng c6 dang hinh y
tron duong kinh AB bang 10 m. Ngudi ta trang tri khu vuc
nay bang hai dudng Parabol d6i xiing nhau qua AB, nam
trong hinh tron, di qua cac diém A, B va c6 dinh I cach mép

hinh tron 1 m. Phan giéi han béi 2 parabol dudc trong hoa A
v6i chi phi 200 nghin dong 1 mét vudéng, phan con lai dudec g 0 x
lat gbm st véi chi phi 800 nghin dong 1 mét vuéng. Gan hé
truc toa d6 nhu hinh vé bén (don vi trén cac truc la mét). I

1

a) Toa d6 dinh 1(0;4) va cac diém A(5;0), B(-5,0).

N 4
b) Parabol c6 dinh I va bé 16m huéng 1én c6 phuong trinh 1a y = £x2 —4.

A N N . . e 1 s . 170
c) Dién tich phan trong hoa bi gidi han béi hai parabol 1a =3 m?2.

d) T6ng chi phi d€ hoan thanh khu vuc nay 1a 31 triéu (két qua lam tron dén hang don vi
cua triéu).
L&i gidii
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................................................................................................
................................................................................................
................................................................................................

Cau 6. Nguoi ta ché tac mot giot nude bang thiy tinh. Biét giot nudc thiy tinh nay 1a vat thé
tron xoay khi xoay hinh phang giéi han béi d6 thi cia ham sb

V4 — x? khi -2<x<0,6

f=9 /o1 23,01
- X+ khi 0,6 <x<4,6
20 100

va truc Ox quanh truc Ox (don vi trén truc la centimet). Khi do

Yy
2 |

l
I
I
I
|
|
I
I
|

t -

—21 ol 06 46 x
-

\ "

‘\ e

\\ /‘,’

N ’/
S /”
S -
\§~~_—__//
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a) Ham s6 y = f(x) lién tuc tai x = 0,6.

b) Dién tich mat cit caa giot nudc thuy tinh khi cit béi mét phing qua truc duge tinh béi
46

cong thic S =2 f f(x)dx cm?.
)
¢) Thé tich ctia giot nuéc thiy tinh nay 16n hon 40 cm?.
d) Biét khéi ludng riéng ciia thiy tinh 13 p = 2,6 g/cm?, khdi ludng cta giot nudc thiy tinh
nay la 102,22 g (lam tron két qua dén hang phan tram).
L&i gidi

................................................................................................
................................................................................................
................................................................................................

Cau 7. Mot thung chia rudu bang gb 14 mét hinh tron xoay nhu hinh bén c¢6
hai m&t day 1a hai hinh tron béng nhau, khoang cach gitta hai déy 1a 8 dm.
Puong cong mit bén ctia thung 14 mot phan ctia dudng elip c6 d6 dai truc 16n
bang 10 dm, truc bé bing 6 dm. Chon hé truc toa d6 Oxy nhu hinh vé sau.

2 g2
a) Phuong trinh elip la %5 + i 1.
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4
. , . . e A . 9
b) Thé tich ctia thuing rugu dudc tinh béi cong thitc V = % f (25 +2%) da.
4

~ 1416
c¢) Thung go nay dung dudc

lit rugu.

d) Biét mbi lit ruodu c6 gia 35000 dong. S6 tién da dung dé mua rudu d5 day thung géb la
khoang 6,228 triéu dong (lam tron két qua dén hang phan nghin).

Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................

Cau 8. M6t chau nuéc ¢6 hinh dang nhu hinh bén bang mat
phéng song song va cach mat ddy x cm (0 < x < 16) thi mét cat
hinh tron ¢6 ban kinh (10+ /) em. Goi & la chiéu cao cua

phan nudc trong chau.

a) Dién tich mit cit 12 S(x) = (100 +20y/x +x).

7744
b) Dung tich caa chaula V = TT.
1 PRSP h? 40
c¢) Luong nudc chia trong chau cé theé tich 1a 7 { 104 + o + Eh\/ﬁ .

d) Vé6i 2 =~ 8,94 cm (1am tron két qua dén hang phan tram) thi dung tich nuéc trong chau
bang ntia thé tich cta chau.
Loi gidi

................................................................................................
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................................................................................................
................................................................................................
................................................................................................

Cau 9. C6 mot coc nude thay tinh hinh tru, ban kinh trong long day coc 1a R = 6 cm, chiéu
cao long cbc 1 10 cm dang dung mét luong nude. Biét khi nghiéng cc nudce vira lic khi nude
cham miéng cbc thi day muc nudce trung véi duong kinh day.

Phan chita nuéc trong coc c¢6 dang hinh cai ném. Gan hé truc toa do trong khéng gian nhu

hinh dudi day.

Goi a 1a géc gitta bé mit nuée va mét day coe, S(x) 1a dién tich mét cat khi cat hinh cai ném
béi mit phéng vudng géc véi truc Ox va cat truc Ox tai x.

a) S(x) = % (R? +x?) tana.

b) tana =

L
R
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i1 o e A . S N . 2
c¢) The tich cta cai ném dudc tinh bang cong thic V = §R3tan a.

d) Thé tich lugng nudc trong coe 14 250 cms3.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 10. Trong chuong trinh noéng thon méi, tai mot xa Y c¢6 xay mét doan dudng ham bang
bé tong nhu hinh vé. Biét cac dudng cong trong hinh vé 1a cac dudng Parabol. Chon hé truc
Oxy nhu hinh vé sau.

0,5m 19m 0,5m

2 1
a) Toa do cac diem A (79;0), B(0;2), C(10;0), D (0;;),

b) Phuong trinh parabol (P;) di qua A va B la (Py): y= —ix2 - 2.

361
. N . 1 5
¢) Phuong trinh parabol (Py) di qua C va D 1a (Py): y = —Exz ty

d) Biét 1m? khéi bé tong dé d6 cay cau c6 gia 5 triéu dong. S6 tién ma tinh Y can b6 ra dé
x4y cay cau trén la 200 triéu dong.
Lo gidi
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BANG DAP AN

Caul. @S P)P@S ||Cau2. @PDb)S(c)S(@S |[|Cauld. @sh)SePdS
Cau4. @)sb)S(e©)P@D ||Caus. @DPDb)S)P@PD |[Caus. @)DPDb)S()PS
Cau7. @Pb)Pe)PADP ||Caus8. @Pb)P)P@PD |[Cauy. @Db)S()P@S
Cau10. @2 Pb)Pc)P(dS

BAI 1 1. PHUONG TRINH MAT PHANG

Cau 1. Ban An mudn trung bay mét mé hinh thap Eiffel trong mot cai hop c6 dang hinh chép
tam giac déu véi canh bén bang 20 (cm), cac mat bén 14 cac tam gidc vudng va chan thap nam
trén mat day cua cai hop (Hinh 5.14).

Hinh 5.14

a) Gan hé truc toa do6 Oxyz véi dinh ctia hinh chép S(0;0;0) trung véi gbc toa d6, cac tia
Ox,0y,0z tuong tng vdéi cac canh SA,SB,SC cta hinh chép, gia st 1 don vi tuong tng 1
cm, khi d6 A(20;0;0),B(0;20;0),C(0;0;20).

b) Phuong trinh mat day caa hinh choép la x+y+2z-20=0.
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¢) Goi A 1a chiéu cao ctia hinh chép, khi d6 2 =12 (cm).
d) Biét mé hinh thap Eiffel c¢6 chiéu cao 1a 12 (cm), khi dé thap dé sé dat dudc trong hop.
Loi gidi

------------------------------------------------------------------------------------------------

Cau 2. Thung clia mét may nong nghiép duge thiét ké moé phéng trong hé truc Oxyz 1a mot

7 7 5
hinh ling tru t gidc ABCD.EFGH véi A(0;1;2), B <0;1;§), C <0;4;—), D (o;-;z) E(2:1;2)

2 2

(Hinh 5.15).

||

Hinh 5.15

a) Phuong trinh mat phang (EFGH) 1a x—2=0.

b) Chiéu cao caa lang tru ABCD.EFGH bang 2.

¢) Phuong trinh mét phang (CDHG) 1a 2y —2z+1=0.

d) d(F,(CDHG)) = 2,12 (lam tron dén hang phan tram).
Loi gidi
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................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 3. Hinh sau minh hoa hinh anh hai mai nha ctia m6t nha kho trong khong gian véi hé
toa d6 Oxyz (don vi trén moéi truc toa d6 1a mét). Cac bic tudng ctia nha kho déu dude xay

vudng goc v6i mat dat.

B(10;20;10)

C(0;20;10)

A(10;0;9)

D(0;0;9) AN
P (5;0;6) SN

L

(0]

a) Phuong trinh mét phang (ABP) 1a 12x+ y — 20z +60 = 0.
b) Phuong trinh mét phang (CDP) 1a 12x — y + 20z — 180 = 0.
¢) Toa d6 diém Q(5;20;7).
d) Toa o vecto PQ = (0;20;1).

Loi gidi

................................................................................................
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................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................

................................................................................................

Cau 4.

Hinh bén minh hoa mét khu nha dang xay dung
duge gin hé truc toa d6 Oxyz (don vi trén cac truc
12 mét). Méi cot bé tong c6 dang hinh lang tru ta
giac déu va tam cua mit day trén lan ludt 1a cac
diém A(2;1;3), B(4;3;3), C(6;3;2,5), D(4;0;2,8).

a) [AB,AC| =(1;-1;-4).

b) Mat phéng (ABC) ¢6 phuong trinh 14 x—y—4z+9=0.

¢) Piém D thudc mit phang (ABC).

d) Khoang cach tit D dén mét phing (ABC) gan bang 0,42, (két qud lam tron dén hang phan

tram).

................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
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Khéi rubik dudc gin véi hé toa d6 Oxyz c6 don vi bang d6 dai
canh hinh 14p phuong nhé (tham khao hinh bén). Xét bon diém
A(3;0;0), B(0;3;0), C(0;0;2) va D(1;1;1).

a) Khéi rubik c6 canh bang 3.

b) Piém C 1a mét dinh cta khéi rubik.

¢) Phuong trinh mit phang (ABC) la g +

+

W

z
2

1
d) d(D,(ABC)) = —.
) d(D,( ) Vet

Cau 6.

Mot cong truong xay dung nha cao tang da thiét
lap hé toa do Oxyz. Cac mat kinh cta toa nha
duge ky hiéu 1a (P),(Q),(R) (nhu hinh 19), biét
P):3x+y—2z-10=0;

@):6x+2y—22+11=0;

(R): x-3y+1=0.

a) (P)[1(@).
b) (P) L (R).
c) (P), (@), (R) d6i mot vudng goc.
d) D6 rong méit kinh (R), phan & gita hai mét kinh (P) va (Q) gan bang 3,17 (két qud lam
tron dén hang phan tram).
Loi gidi
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Cau 7.
Mot san van dong dudc xay dung theo mo6 hinh 1a hinh P
chop cut OAGD.BCFE c6 hay day song song v6i nhau.
Mait san OAGD la hinh chit nhat va dude gén hé truc
Oxyz nhu hinh vé bén canh (don vi trén méi truc toa do
12 mét). Mat san OAGD c6 chiéu dai OA = 100 (m), chiéu
rong OD =60 (m) va toa do diém B(10;10;8).

a) Toa d6 diém A(100;0;0), D(0;60;0), G100;60;0).
b) Vecto phap tuyén ctia mat phang (OBED) 1a 7 = (4;0;-5).
¢) Phuong trinh mat phang (OBED) 14 4x—5z = 0.
d) d(G,(OBED)) =~ 62,5 (m).
Loi gidi

................................................................................................
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................................................................................................

Cau 8. Ngudi ta thiét ké mot mai che hinh chit nhat ABCD phia trén san khau nhu hinh vé.
Mot cong chao hinh chit nhat EFHG cao 4 m dung vudng géc véi mat dat. Nguoi ta mudn lam
cac doan day nbi thanh ngang GE véi mai che dé gin hoa va den led. Chon hé truc toa d6
Oxyz nhu hinh vé sau (don vi trén méi truc toa do 1a m).

14 m

Hinh 5.16

a) Toa do A(0;0;8), B(0;20;8), D(15;0;14), C(15;20;14).
b) [AB,AC| =(80;0;300).
¢) Mit phang (ABCD) c6 phuong trinh 4x + 15z — 120 = 0.
d) D6 dai ngin nhit cta day nbéi thanh ngang GE véi mai che gan bang 1,8 (m), (két qud
lam tron dén hang phan chuc).
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
................................................................................................
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BANG DAP AN

Caul. @PbDle)sdsS Cau2. @PbP)P@P
Cau3. @Pb)DP)PAD Cau4. @Pb)DP()S@P
Caus. @Pb)sePdD Cau6. @Pb)P()S AP
Cau7. @DPDb)P)P@P Cau8. @ Pb)Pc)PdPD

BAI 12. PHUONG TRINH DUONG THANG

Cau 1. Mot may phat tin hiéu P dudc dit cb dinh ¢ mét dia diém va ta ¢6 thé nhan dudc tin
hiéu ctia may phat nay trong pham vi cia mot mét cau véi ban kinh R ctia né. Mot ngudi cam
may do tin hiéu A chuyén dong trén duong théng d nhu hinh sau

Ny
B:
Néu chon diém dat may phat tin hiéu P 1a gbc toa d6 O ctia hé truc toa do Oxyz thi may do
x=5-t¢
A di chuyén theo duong thang cé phuong trinh { y=5-¢ , (trong d6 ¢ (h) 1a thoi gian chuyén
z=T-2t
dong). Mat cau giéi han pham vi nhén tin hiéu cta may do A tai thoi diéfm né gan may phat
tin hiéu P nhéat c6 tam I(a;b;c). Khi d6
a) Piém N(5;5;-7) 12 mot diém thudc dusng thang d.
b) Goi M 1a vi tri ctia may do A trén dudng thang d. Piém M c6 toa d6 M(5—¢;5—¢;7 — 2¢).
¢) Khoang cach ngéin nhéit gitta may do A va mdy phat tin hiéu P 14 4.
d) M(a;b;c)1a toa do vi tri gan nhat ctia may do A va may phat tin hiéu P. Khi d6 a+b+c = 1.
Loi gidi

................................................................................................
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................................................................................................
................................................................................................

Cau 2. Mot chiéc ban gap gon da dudc thiét lap hé toa do Oxyz. Piém A 1a chan ban tiép xtic
x=-3+t

v6i mat dat thude duong thanga: { y=1+¢ cat matban (P): x+y—2z+6=0 tai diém F. Do
z=-2+4t

dai chan ban FA =40v/3 cm. Khi d6

a) Mit phang (P) ¢6 vecto phap tuyén 7 = (1;1;-2).
b) Pudng thang a c¢6 vects chi phuong @ =(1;1;4).
74l V3
c) cos(a,(P)) = 5=——==—.
( ) Inl-lul 3 )
d) D6 cao ctia mét ban tinh tit mat dat 14 40v/2 cm.
L&i gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 3. Trong khong gian véi hé toa d6 Oxyz, mét cabin cap treo xut phat tir diém A(10;3;0)
va chuyén dong déu theo duong cap c6 véc-to chi phuong 1a @ = (2;-2;1) véi toc do 1a 4,5 m/s

(don vi trén mdi truc toa do 14 mét) (Hinh bén duéi).
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V4
B
Y u
\ (0] y
\\ //3
\ /
\\ __//
\ A(10;3;0)
\\
\
xB /550
X
x=10+2¢

a) Phuong trinh tham s6 ctia dudng capla { y=38-2¢ , teR.
z=t
b) Gia st sau thoi gian ¢ giay ké tit lic xuat phat (¢ = 0), cabin dén diém M. Khi dé toa do
diém M 1a M (3¢ +10;-3¢+3; %)
¢) Cabin diing 6 diém B c6 hoanh d6 xz = 550. Khi d6 AB =800 m.
d) Pudng cap AB tao v6i mit phang (Oxy) géc 30°.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................
................................................................................................

Cau 4.
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Cac thién thach c6 duong kinh 16n hon 140 m va
c6 thé lai gan Trai Pat & khoang cach nhé hon
7500000 km dudc coi 12 nhiing vat thé c6 kha nang
va cham gay nguy hiém cho Trai Dat. P& theo doi
nhitng thién thach nay, ngudi ta da thiét lap cac
tram quan sat cac vat thé bay gan Trai Dat. Gia sk
¢6 mot hé théng quan sat c6 kha niang theo déi cac
vat thé 6 do cao khong vudt qua 6600 km so véi muc
nudc bién. Coi Trai Pat 1a khdi cau c6 ban kinh
6400 km. Chon hé truc toa do Oxyz trong khong
gian c6 gbc O tai tam Trai Pat va don vi do dai
trén moéi truc toa do 1a 1000 km. Mdt thién thach
(coi nhu mét hat) chuyén déng véi téc d6 khong déi
theo mot dudng thang tir diém M(6;20;0) dén diém
N(-6;-12;16).

a) Puong thang MN c6 phudng trinh tham s6 1a

M

6400 km| 6600 km

x=6+3t
y=20+8t, (LeR).
z=—-4t

b) Vi tri dau tién thién thach di chuyén vao pham vi theo déi ctia hé théng quan sat 14 diém

A(-3;—-4;12).

¢) Khoang cach gitta vi tri dau tién va vi tri cudi cung ma thién thach di chuyén trong

pham vi theo déi ctia hé théng quan sat 1a 18900 km (két qua lam tron dén hang tram

don vi ki-16-mét).

d) Néu thoi gian di chuyén ctia thién thach trong pham vi theo déi ctia hé thong quan sat
12 3 phit thi thoi gian né di chuyén tit M dén N 1a 6 phit.

Loi gidi

......................................................

......................................................

.....................................................

..........................................

..........................................

-------------------------------------------

7= GV: PHAM LE DUY

O Trang 86/109


https://www.facebook.com/groups/1820035758768023

B Ldp Toan Thay Duy 0704.963.919

Cau 5. Trong khoéng gian Oxyz cho truée (1 don vi = 1 cm), ¢6 mot chid kién vang va mot cha
kién den bo trén hai soi day thang khéac nhau. Gia st tai thoi diém ¢ (tinh bang phut), kién
vang (kién bén trai) & tai vi tri (6 +¢;8 —¢;3 + ¢) trén duong thang d;. Cung thoi diém d6, kién
den 6 tai vi tri (1+#2+¢;2¢) trén duong thing ds duge mé hinh héa nhu hinh vé bén canh.

4

J = .
. kien den
k 3 .
i kién vang
o} (0]
< ,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,,
X K v ]
Yy

a) Hai chi kién bo trén hai duong thang chéo nhau.
b) Khoang cach giita hai chi kién tai cac thoi diém ¢ =0 1a 70 cm.
¢) Khoang cach giita hai chi kién tai cac thoi diém ¢ =10 1a 3v/30 cm.
d) Khoang cach ngin nhét gitta hai chi kién gan bing 7,33 cm.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................

Cau 6. Hinh minh hoa bén duéi 1a dudng bay ctiia mot chiéc truc thang H cit canh tit mét san
bay. Xét hé truc toa d6 Oxyz c6 gbe toa do O 1a chan thap diéu khién ctia san bay; truc Ox 1a
huéng Pong (D), truc Oy 1a huéng Béc (B) va truc Oz 1a truc thing ding, don vi trén mébi truc

7= GV: PHAM LE DUY ® Trang 87/109


https://www.facebook.com/groups/1820035758768023

Bi Ldp Toan Thay Duy 0704.963.919

12 kilomét. Truc thang cit canh tit diém G. Vecto 7 chi vi tri cta truc thing tai thoi diém ¢
phut sau khi cit canh (¢ = 0) c¢6 toa d6 14 7 = (1+¢;0,5 + 2¢;2¢).

z

y(B)

x(b)

a) 0 ~40° (1am tron dén hang don vi cta dd).
x=1+¢
b) Phuong trinh tham s6 ctia GF 1a { y=0,5+2¢ (t € R).
z=0
¢) Truc thing bay vao may ¢ do cao 2 km. Toa d6 diém ma may bay truc thing bat dau di
vao dam may la I(a;b;c). Khidéa+b+c="17,5.
d) Gia stt mét dinh ni nam & diém M (5;4,5;3) thi HM vuéng géc véi duong bay GH. Khoang
céch ti truc thing dén dinh ni tai thoi diém d6 bang v5 km.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 7. Mot cabin cap treo xuét phat tit diém A(10;3;0) va chuyén dong déu theo duvng cap cé
vectd chi phuong 1a @ =(2;-2;1) véi tc d6 1a 4,5 m/s (don vi trén méi truc toa d6 1a mét) dugc
mo hinh héa nhu hinh vé bén duéi
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z

, , [ :

b) Gia st sau #(s) ké tu lac xuat phat (¢ = 0), cabin dén diém M. Toa d6 cha diéem M la
<3t+ 10;—3t+3;%).

¢) Cabin dung & diém B c6 hoanh d6 xz = 550. Quang dudng AB c6 d6 dai bang 900 m (1am
tron két qua dén hang don vi clia mét).

~10 y-3
a) Phuong trinh ctia dudng cap 1a = —= y_2

d) Puong cap AB tao véi mét (Oxy) mot géc 19° (lam tron dén hang don vi caa do).
Loi gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

BAI 13. PHUONG TRINH MAT CAU

Cau 1. Nguoi ta tha mét vién bi c6 dang hinh cau véi ban kinh nhé hon 4,5 cm vao mét chiéce
cbe hinh tru dang chita nudc thi vién bi d6 tiép xic véi day cbe va tiép xic véi mat nudc sau
khi dang. Biét rang ban kinh ctia phan trong day coc bang 5,4 cm va chiéu cao ctia muc nudc
ban dau trong cbc bang 4,5 cm. Goi r 1 ban kinh cta vién bi, khi d6

a) Thé tich vién bi 1a Vi = S

b) Phan thé tich nuéc dang lén sau khi bé vién bi vao 1a Vs = - (5,4)%(2r — 4,5).

¢) Thé tich nuéc dang 1én chinh 1a thé tich cta vién bi.

d) Ban kinh caa vién bi 6 bang 2,5 cm.

Loi gidi

................................................................................................
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................................................................................................
................................................................................................
................................................................................................

Cau 2. Trong khong gian v6i hé truc toa do Oxyz mot tram phat song dién thoai ciia nha
mang Viettel dude d&t 6 vi tri I(1;-2;—3) va dudc thiét ké ban kinh phu séng 14 5000 m. Mot
ngudi st dung dién thoai tai vi tri B(10;-8;5). Khi do

a) Ban kinh vung pha séng la R =5 km.

b) Tam ctia mat cau d6 1a I(-1;2;3).

¢) Ngudi dung 6 vi tri B khong két ndi duge séng dién thoai.

d) Phuong trinh mat cau biéu dién viing pht séng 1a (x —1)2 + (y + 2)2 + (z — 3)% = 25.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 3. Ericsson Globe 1a toa nha ban cau
16n nhét trén thé gidi, véi hinh dang mét qua
cAu mau trang c¢6 dudng kinh 110 m va chiéu
cao bén trong 85 m, né c6 da chd ngodi cho

16000 khan gia cta cac budi biéu dién hoa

nhac hodc 13850 khan gia cta céac tran dau
khtc con cau trén bang.
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Gia st ta biéu dién moé phéng ctia toa nha Ericsson Globe trong hé truc toa d6 Oxyz bdi
mot mat cau c6 tam I, dudng kinh 110 m va chiéu cao 85 m nhu hinh vé.
a) Ban kinh méat cau bang 52 m.
b) Tam ctia mit cu thudc truc Oz théa man O = 0A +1A =85+ 55 = 130.
¢) Tam cta mat cau cé toa do 1(0;0;30).
d) Phuong trinh ctia méit cau nay x2 + (y — 30)2 + 22 = 552.
Loi gidi

Cau 4. Trong khong gian véi hé truc toa do Oxyz mot tram
phat song rada ctia Nga dudc dat trén ban dao Crimea ¢ vi tri
1(3;4;5) va dudc thiét ké phat hién may bay cta dich 6 khoang
cach t6i da 800 km. Mot méay bay dich bay vao khong phan caa
nude Nga 6 vi tri A(100;200;300).

a) Ban kinh viing phti séng cta rada bang R = 640000 km.

b) TAm mit cau biéu dién ranh giéi vung phii séng 1a I(-3;-4;-5).

c¢) Ra da phat hién ra dudc may bay cua dich.

d) Phuong trinh mét cau biéu dién ranh giéi viing phti séng la
(x—3)?+(y—4)? + (2 —5)% = 640000.

Loi gidi
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................................................................................................
................................................................................................
................................................................................................

Cau 5. Ngudi ta mudn thiét ké mot bon chita khi héa 16ng hinh cau bang phan mém 3D. Cho
biét phuong trinh bé mét ctia bon chita 1a (S): (x —8)% +(y —8)% + (z — 8)? = 81. Phuong trinh mit
phang chtta nap 1a (P): z = 12 va diém B(6;7;8)

a) Tam cta bon chia khi 16ng 14 1(8;8;8).

b) Ban kinh ctia bon chita khi 16ng 1a R = 81.

¢) Piém B nam bén trong bon chita khi 16ng.

d) Khoang cach tit tAm bon chita dén mit phéng chia nip d = 4.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................
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Cau 6. Trong khong gian véi hé truc toa d6 Oxyz véi mat phang (Oxy) trung véi mat dat, tia
Oz hudng 1én troi, ta xét mot ra-da phat séng dién thoai dat tai I(1;1;1). Biét don vi trén cac
truc tinh bang ki-16-mét va ban kinh pht séng cia may 1a 5000 mét.
a) Diém A(5;0;0) sé c6 séng dién thoai.
b) Phuong trinh mit cau mé ta ranh giéi bén ngoai clia vung phu séng ctua ra-da trong
khong gian 1a (x + 1)+ (y + 1)2 + (z + 1)® = 25.
¢) Tap hop cac diém xa nhat c6 thé nhan dudc séng tit ra-da trén mat dat lap thanh mot
dudng tron c6 ban kinh 2v/6 ki-16-mét.
d) Mot ngudi tai diém B(9;7;0) di chuyén véi toc do 40 km/h can it nhat 7 phuat dé téi dude
vung c6 séng (véi gia st di chuyén khong cé vat can).
Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 7. Trong khéng gian Oxyz c¢6 mat phang (Oxy) trung véi mat dat, tia Oz hudng 1én va
don vi trén cac truc 1a mét, mot thiét bi phat séng wifi cia mot toa nha cao tang dat tai vi tri
A(3;1;5). Vung phu séng tét nhat ctia thiét bi ¢6 ban kinh bang 11 m.
a) Phuong trinh mat cau mo ta ranh giéi bén ngoai cia ving phu séng tot 1a
(x—3)2+(y-12+(z-5)?=121.

b) Mot ngusi ding tai diém B(2;5;0) sé nhan séng t6t.
¢) Mot ngudi ding tai diém C(-5;-5;0) sé nhan séng kém.
d) Néu trung binh méi tang cia toa nha cao 4m thi ting 5 cta toa nha sé nhan séng kém
ti thiét bi nay.
Loi gidi
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................................................................................................
................................................................................................
................................................................................................

Cau 8. Cong nghé VAR thiét 1ap mot hé toa do Oxyz dé theo déi vi tri qua béng di chuyén
trén sin van dong. Biét qua béng tai diém M nam trén mat san c¢6 phuong trinh z = 0, dong
thoi thudc mét cau (S): (x—22)% + (y — 4)% + (z — 12)% = 400, don vi trén cac truc 1a mét.

a) Mit cau (S) c6 tam 1(22;4;12) va ban kinh R = 20.

b) Hinh chiéu tam I ctia mit cau (S) xudng mit san la J(22;4;0).

c) JM =16.

d) Néu dit mot ra-da gidam sat bong tai diém A(0;0;10) c6 ban kinh kiém soat 50m thi sé

kiém soat dudc tat ca vi tri c6 thé cta diém M.
Loi gidi

................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................

Cau 9. Phia trudc ciia mot san van dong, ngudi ta c6 dit mot qua bong da khong 16 va c6 mét
béng den cach khéng xa. Trong khong gian Oxyz, gia st méit ngoai qua béng 1a mét cau ¢
phuong trinh (S): (x - 1)2 +(y - 1)2 + (2 — 3)> =9 va béng dén § vi tri M(15;1;6). Khi d6, khoang
cach xa nhat ma béng den c6 thé chiéu dén mot diém trén qua béng bang MA véi MA la tiép
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tuyén ké tit M dén (S) va A 1a tiép diém.
a) Qua bong co6 tam I(1;1;3) va ban kinh R =3.
b) IM = v/206.
c) MA=14.
d) Ngoai diém A thi con céc tiép diém khac caa tiép tuyén tit M dén mat cau S. Céac diém
nay cung véi A déu thudc mot dusng tron giéi han phan dién tich 1a 27.
Loi gidi

................................................................................................
................................................................................................
................................................................................................
................................................................................................

Cau 10. Trong khéng gian Oxyz, mot vom dugc thiét ké c6 bé mat 13 mat cau tam I(1;2;20);
ban kinh bang 50 va c6 ddy nam trén mat phéng (Oxy). Biét don vi trén céc truc 1a mét.
a) Mot nguoi ding tai diém A(10;20;0) 12 dang 6 trong mai vom.
b) Phuong trinh mai vom 14 (x — 1)% + (y — 2)? + (z — 20)? = 2500.
¢) Chiéu cao mai vom 1a 70 mét.
d) Dién tich day vom la S =20007.
Loi gidi

................................................................................................
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BANG DAP AN

Caul. @S Pe)P@S ||Cau2. @PDb)S(c)S(@S |[|[Cauld. @sh)SePdS
Cau4. @)sb)S(@P@D ||Caus. @DPDb)S)P@PD |[Caus. @)DPb)S()PS
Cau7. @Pb)Pe)P@D ||Caus8. @Pb)P)P@PD |[Cauy. @DPb)S()PSs
Cau10. @2 Pb)Pc)P(dS

BAI 14. XAC SUAT CO BIEU KIEN

Cau 1. Lép 12A ¢6 40 hoc sinh, trong dé c6 25 hoc sinh tham gia cau lac bo Tiéng Anh, 16 hoc
sinh tham gia cau lac bo Toan, 12 hoc sinh vira tham gia cau lac bo Tiéng Anh vita tham gia
cau lac bo Toan. Chon ngiu nhién 1 hoc sinh. Xét céc bién cb sau
A: “Hoc sinh dudc chon tham gia cau lac b Tiéng Anh”;
B: “Hoc sinh dudc chon tham gia cau lac bo Toan”.
a) P(A)=0,4. b) P(B) =0,625. c) P(A|B)=0,75. d) P(B|A)=0,48.
Loi gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

................................................................................................

Cau 2. Mét ctta hang c6 hai loai béng den Led, trong d6 ¢6 65% béng den Led 1a mau trang
va 35% bong den Led la mau xanh, cac bong den cé kich thuéc nhu nhau. Cac bong den Led

mau trang cé ti 16 hong 1a 2% va cac béng den Led mau xanh c6 ti 16 hong 1a 3%. Mét khach
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hang chon mua ngiu nhién 1 béng den Led tit cita hang. Xét cac bién cb:
A: “Khach hang chon dudc béng dén Led mau trang”;
B: “Khach hang chon dudc bong dén Led khong hong”. Khi d6
a) P(A)=0,65. b) P(B|A)=0,02. c) P(B|A)=0,3. d) P(B)=0,9765.
Loi gidi

................................................................................................
------------------------------------------------------------------------------------------------
................................................................................................

Cau 3. Cho hai bién ¢6 A va B ¢6 P(B) =0,5; P(A | B)=P(A | B) = 0,4. Khi d6

a) X4c suit ctia bién c¢b AB 14 0,02. b) Xac suét ca bién c6 AB 12 0,2.
¢) Xac suat ctia bién c6 A 12 0,8. d) A va B 1a hai bién cb doc lap.

Loi gidi

................................................................................................
................................................................................................
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Cau 4. Lép 124 c6 40 hoc sinh, trong dé c6 25 hoc sinh tham gia cau lac bo Tiéng Anh, 16 hoc
sinh tham gia cau lac bé Toan, 12 hoc sinh vita tham gia cau lac bo tiéng Anh via tham gia
cau lac bo Toan. Chon ngau nhién 1 hoc sinh. Xét cac bién cb sau
A “Hoc sinh dudc chon tham gia cau lac b Tiéng Anh”;
B “Hoc sinh dudc chon tham gia cau lac bo Toan”.
Khi d6

a) P(A)=0,4. b) P(B)=0,625. c) P(A|B)=0,75. d) P(B|A)=0,48.

Loi gidi

................................................................................................
------------------------------------------------------------------------------------------------

................................................................................................

Cau 5. Lép 12B c6 45 hoc sinh, trong d6 c6 28 hoc sinh tham gia cau lac bo Thé thao, 18 hoc
sinh tham gia cau lac bé Vin hoc, 10 hoc sinh vita tham gia cau lac bo Thé thao vita tham gia
cau lac bo Van hoc. Chon ngau nhién 1 hoc sinh.
Xét cac bién cb sau:
A: “Hoc sinh dugc chon tham gia cau lac bo Thé thao”;
B: “Hoc sinh dudc chon tham gia cau lac bo Van hoc”. Khi dé

a) P(A)=0,5. b) P(B)=0,55. c) P(A|B)=0,56. d) P(B|A)=0,36.

Loi gidi

................................................................................................
................................................................................................
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Cau 6. Mét cong ty truyén théng dau thau 2 du an. Kha néing thang thau cta du 4n 113 0,5
va du an 2 1a 0,6. Kha nang thing thau cta ca 2 du 4an 1a 0,4. Goi A, B 1an ludt 1a bién cb
thing thau du 4n 1 va du an 2.

a) A va B 1a hai bién cb doc lap.

b) X4c suét cong ty thang thau ding 1 du 4n 12 0,3.

¢) Biét cong ty thang thau du an 1, xéac suit cong ty thang thau du an 2 12 0,4.

d) Biét cong ty khong thang thau du an 1, x4c suit cong ty thing thau du 4n 212 0,8.

Loi gidi

................................................................................................
................................................................................................
------------------------------------------------------------------------------------------------

Cau 7. Cho hai con xtic xic can d6i va dong chit. Gieo 1an ludt tiing xdc xic trong hai xic
xac d6. Khi dé
a) X4c suit xdc sic thi nhit xuit hién mat 4 cham la %
b) Xac suét tong s6 chAm xuit hién trén hai xic sic bang 6 1a 6
¢) X4ac suat tong s6 chAm xuit hién trén hai xdc xic bang 6, biét rang xdc xic thid nhat
xuat hién mét 4 cham 1a %
d) X4c suat tong s6 chAm xuét hién trén hai xic xic 1a sb chn, biét rang xic xic thi nhét
xuat hién mét 4 cham la 1—12
Loi gidi
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................................................................................................
................................................................................................
------------------------------------------------------------------------------------------------

Cau 8. Ldp 12A c6 30 hoc sinh, trong d6 ¢6 17 ban nit, con lai 12 nam. C6 3 ban tén Hién,
trong d6 c6 1 ban ni va 2 ban nam. Thay gido goi ngau nhién 1 ban lén bang. Khi d6

a) X4c suat dé ban lén bang c6 tén Hién 1a o

- A 2 A 2 s LA X 4. « X .« A » ~ 1N 3
b) Xac suat dé ban 1én bang ¢6 tén Hién, nhung véi diéu kién ban d6 ntu 1a 7
¢) Xac suat d€ ban 1én bang c6 tén Hién, nhung véi diéu kién ban d6 nam la 3

d) Néu thay gido goi mot ban nit 1én bang, thi xac suat dé ban dé c6 tén 1a Hién 1a 17

Lo gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 9. Trong hop ¢6 3 vién bi mau trang va 7 vién bi mau d6. Lay 1an ludt méi 1an mot vién
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theo cach 14y khong tra lai.
Goi A 12 bién cb “vién bi 1ay 1an thi nhat 1a mau d6”,
Goi B 1a bién c6 “vién bi lay lan thi hai 1a mau d6”.

Khi d6 1
a) P(A)=0,7. b) P(AB)= . ¢) P(B)=0,. ) PAB)= .

Lo gidi

Cau 10. Khao sat thi Iuc 100 hoc sinh gom 60 hoc sinh nam va 40 hoc sinh nit. Trong d6 hoc
sinh nam c6 tat khiic xa 1a 18 hoc sinh, hoc sinh nit c6 tat khic xa 1a 12 hoc sinh. Chon ngau
nhién 1 ban trong 100 hoc sinh trén. Khi dé

Goi A la bién cb “Hoc sinh dudc chon bi tat khic xa”.

B 1a bién ¢6 “Hoc sinh dude chon 1a nam”.

a) Xac xuat hoc sinh dude chon 1a nit bang 0,4.

b) Xac xuét hoc sinh dudc chon bi tat khic xa bang 0,3.

¢) Biét réng ban d6 1a nit, x4c xuit dé hoc sinh d6 bi tat khic xa bang 0,4.

d) Biét rang ban d6 bi tat khic xa, xac xut dé hoc sinh d6 14 nam bang 0,6.
Loi gidi

................................................................................................
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................................................................................................

................................................................................................

Cau 11. Mot xa tha bén vao bia s6 1 va bia s6 2. Xac suat d€ xa tht d6 ban tring bia s6 1, bia
s6 2 1an luot 1 0,8; 0,9. Xac suat dé xa tht d6 ban tring ca hai bia 1a 0,8. Xét hai bién cb

e A:“Xa thu d6 ban trung bia s6 17;

 B:“Xa thua d6 ban tring bia sb 2”.

Khi dé

a) Hai bién c¢6 A va B c6 doc lap.

b) Biét xa thu d6 ban tring bia s6 1 thi xdc suit xa thu d6 ban tring bia s6 2 14 0,72.

¢) Biét xa thu d6 khong ban tring bia s6 1, thi xac suat xa tha d6 ban tring bia sb 2 bang

0,9.

d) Biét xa thtu d6 khong bén tring bia sb 1 thi xéc suit xa thi d6 ban khéng tring bia sb 2

bang 0,9.

Lo gidi

................................................................................................

------------------------------------------------------------------------------------------------

................................................................................................

................................................................................................

BANG DAP AN

Caul. (@s®b)s(e)pdD

Cau2. (@s®b)s(ec)s@P

Cau3. (s Ple)s@P

Cau4. a)S(b)S(e)P@P

Caus5. a)sS(b)s(e)PdP

Cau6. a)sb)Pe)s(@ds
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Cau7. (@)sSbSeP@PD ||Cau8. @PDb)Se)P@P ||[Cau9. @DPb)S(ePS
Cau10. @ Pb)P(c)S(@P | |Caull. @DPDb)S(c)P)S

BAI 15. CONG THI'C XAC SUAT TOAN PHAN VA CONG
THU'C BAYES

Cau 1. Mot 16 linh kién c6 chita 40% linh kién do nha may I san xuét va 60% linh kién do nha
may II san xuat. Biét ti 1é phé pham ctia nha may I, II 1an ludt 1a 3%, 4%. Mot khach hang lay
ngau nhién mét linh kién tit 16 hang d6. Goi céc bién co:

A: “Linh kién dudc 14y ra la linh kién chinh pham”.

B: “Linh kién dudc 1ay ra do nha may I san xuat”.

fehi do 2 24 97 241
a) P(B)=. b) P(AB)= 5. c) P(AIB)ZM. d) PA)= .

Loi gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 2. Mot xét nghiém Covid — 19 cho két qua duong tinh véi 90% cac trusng hop thuc su
nhiém virus va cho két qua Am tinh véi 80% cac trudng hop thuc su khong nhiém virus. Biét
rang ti 16 ngudi nhiém Covid — 19 trong mét cong dong nao d6 1a 1%. Mot ngudi trong cong
dong d6 cho két qua xét nghiém duong tinh. Goi cac bién cb:
A: “Nguoi d6 bi nhiém Virus”.
B: “Ngudi d6 cho két qua duong tinh”.
Khi do

a) P(4)=0,01. b) P(B|A)=0,2. c) P(B)=0,207. d) P(A | B)=0,05.

Loi gidi
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................................................................................................
................................................................................................

................................................................................................

Cau 3. Ty 1é nguoi nghién thubc 14 tai mét vung 14 30%. Biét ring ty 16 ngudi bi viém hong
trong s6 nhitng ngudi nghién thudc 1a 60%, con ty 1é ngudi bi viém hong trong s6 nhitng ngusi
khong nghién 14 40%. Liy ngau nhién mot ngudi thay ngudi 4y khong bi viém hong. Goi cac
bién cb:

A: “Ngudi nay bi nghién thubc 14”.

B: “Ngudi nay khong bi viém hong”.
Khi do
a) P(4)=0,3. b) P(B|A)=0,6. c¢) P(B) =0,54. d) P(4 |B)=0,3.

Lo gidi

................................................................................................
................................................................................................
................................................................................................
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Cau 4. Tai mét dia phuong c6 500 ngudi cao tudi, bao gom 260 nam va 240 nit. Trong nhém
ngudi cao tudi nam va ni 1an lugt c¢6 40% va 55% bi bénh tiéu dusng. Chon ngau nhién mét
ngudi. Goi cac bién cb:
A: “Chon dugc ngudi khong bi bénh tiéu duong”.
B: “Chon dudc ngudi cao tudi 1a nam”.
Khi do

a) P(B)=0,52. b) P(A |B)=086. ¢) P(A|B)=04. d) P(A)=05.

L&i gidii

................................................................................................
................................................................................................
................................................................................................

Cau 5. C6 hai hop bong ban, cac qua bong ban ¢6 kich thuée va hinh dang nhu nhau. Hop
thi nhat ¢6 3 qua béng ban mau tring va 2 qua béng ban mau vang. Hop thi hai ¢6 6 qua
béng ban mau trang va 4 qua béng ban mau vang. Ly ngu nhién 4 qua béng ban 6 hop thi
nhét bé vao hop thi hai réi 1dy ngdu nhién 1 qua béng ban 6 hop thi hai ra. Goi cac bién cb:
A: “Lay dudc qua béng ban mau vang tit hop thi hai”.

B: “Lay dudc 4 qua béng ban & hop thi nhat, trong d6 c6 1 qua béng ban mau vang”.

Khi do

_. 3 3 — 5 2
a) P(B) =z b) P(AB)= . c) P(A|B) =T d) P(4)= .

Ldi gidi

................................................................................................
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................................................................................................

................................................................................................

Cau 6. Trong mot dot nghién ciu ty 16 ung thu do hit thubc 14 giy nén, nguoi ta thay rang
tai tinh Nam Ha ti 1é nguoi dan cta tinh nghién thubc 14 14 20%; ti 1&é nguosi bi bénh ung thu
trong s6 nguoi nghién thudc 14 1a 70%, trong s6 ngudi khong nghién thudc 14 1a 15%. Gap ngau
nhién mo6t ngudi tai tinh nay. Goi cac bién c6:
A: “Gap ngudi nghién thubc 148”.
B: “Gap ngudi bi bénh ung thu”.
Khi do

a) P(4)=0,2. b) P(B|A)=0,15. ¢) P(B)=0,7. d) P(A|B)=0,5.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

................................................................................................

Cau 7. Mot d6i ban stng gom c6 8 nam va 2 nit. Xdc suat ban tring cia cic xa thi nam 1a
0,8 con caa cac xa thi nit 14 0,9. Chon ngau nhién mét xa tha ban mét vién dan va xa tha d6
da bén trang. Goi cac bién cb:
A: 1a bién c6 “Xa thu dudc chon 14 ni”.
B: la bién c6 “Xa thi dude chon ban tring”.
Khi d6

a) P(4)=0,2. b) P(B|A)=0,8. c) P(B)=0,82. d) P(A |B)=04.
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Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 8. Mot nha may san xuat béng den cé ti 16 bong den dat tiéu chuén 1a 80%. Trudc khi
xuét ra thi trudng, méi béng den déu dude kiém tra chét luong. Vi su kiém tra khong thé
tuyét d6i hoan hao nén ti 1é cong nhan moét béng den dat tiéu chuén 1a 0,9 va ti 1é loai bé mot
béng héng 1a 0,95. Goi cac bién cb:
A: “Béng den dat chuén sau khi qua kiém tra chét luong”.
B: “Béng den dat tiéu chuan”.
Khi do

a) P(B)=0,8. b) P(A|B)=0,9. c) P(A|B)=0,1. d) P(A)=0,73.

Loi gidi

................................................................................................
................................................................................................
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Cau 9. S6 khén gia dén xem budi biéu dién Am nhac ngoai tréi phu thudc vao thoi tiét. Gia
stt, néu troi khong mua thi xac suit d€ ban hét vé 1a 0,85; con néu troi mua thi xac suat dé
ban hét vé 1a 0,45. Du béo thoi tiét cho thiy néu xac sult dé troi mua vao budi biéu dién 1a
0,6. Goi cac bién cb:
A: “Nha td chic su kién ban hét vé”.
B: “Trdi mua vao budi biéu dién”.
Khi do

a) P(B)=0,6. b) P(A|B)=0,45. c) P(A|B)=0,85. d) P(A)=0,65.

Loi gidi

................................................................................................
................................................................................................
................................................................................................

Cau 10. Tilé ngudi dan da tiém véc xin phong bénh cim & mét dia phuong 1a 65%. Trong sb
nhitng nguvi da tiém phong, ti 1é mic bénh cim 1 5%; trong sb6 nhitng nguvi chua tiém, ti 16
méc bénh cim 14 17%. Chon ngau nhién mét nguvi § dia phuong d6. Goi cac bién cb:
A: “Nguoi dan dudc tiém phong bénh cum”.
B: “Ngudi dan mic bénh cim”.
Khi d6

a) P(A) =0,65. b) P(B|A)=0,5. ¢) P(BIA)=0,17.  d) P(B)=0,05.

Loi gidi

................................................................................................
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BANG PAP AN
Caul. @Pb)S(c)s@DP Cau2. @Pb)Pe)PdS
Cau3. (@Pb)s(c)sds Cau4. @PDb)P(e)SdS
Caus. @Pb)s(c)s@P Cau6. @Pb)P(e)SdsS
Cau7. (@PbDP)PS Cau8. @PbP()S@P
Cau9. @Pb)Pe)P(@S Cau10. @DPDb)S ()P S
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