Dai 56 12 - Chuong 4 — Nguyén ham. Tich phan - Tric nghi¢m va tw lugn 4 phén cé 1oi gidgi Dung chung 3 b sdch
CHUONG 4
NGUYEN HAM. TICH PHAN

BAI 1
NGUYEN HAM

1. Khéi niém nguyén ham

Cho ham s f (x) xéc dinh trén K. Ham s6 F(x) duoc goi 1a nguyén ham cia ham sé f (x) néu
F'(x)=f(x), v6imoi xe K.

Cho F(x) la mot nguyén ham ciia ham s6 f (x) trén K. Khi do:

e VV6i mdi hing s6 C, hamsé F(x)+C ciing 1a mot nguyén ham ciia ham s f (x) trén K.
e Néu G(x)la mot nguyén ham cia ham sb f (x) trén K thi ton tai hing s6 C sao cho

G(x)=F(x)+C voimoi xe K

Nhu vdy, moi nguyén ham cua ham so f (x) trén K déu c6 dang F(x)+C, v6i C Ia hing sb. Ta goi
F(X)+C,C eR laho tht cd cac nguyén ham cua hamso f (x) trén K, ki hiéu J. f(x)dx va viét:

[ fO0)dx=F(x)+C

Cha y:

e Bicu thic f(x)dx duoc goi 1 vi phan ciia nguyén hamF (x) cua f (x), ki hiéu 1a dF (x)
Vay, dF (x)=F"dx= f (x)dx

e Moihamso f () lién tuc trén K déu c6 nguyén ham trén K.

e Khi tim nguyén ham cua mot ham s6 ma khoogn chi 18 tap K thi ta hiéu 1a tim nguy@n ham cia
ham sb d6 trén tap xac dinh ctia no.

o [ F1(x)dx=f(x)+C
2. Céc tinh chat ctia nguyén ham

o [Kf (x)dx =k [ f (x)dx, véi k Ia hang s6 khc 0

OJ[f (x)+ g(x)]dx:j f (x)dx+Jg(x)dx

OJ[f (x)—g(x)]dx:jf(x)dx—Ig(x)dx
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3. Nguyén ham ciia mt ham sé so cip

Nguyén ham ciia mdt ham so so cap

Nguyén ham ciia ham so liy thira

j0dx=c

Idx=x+C

a+l

Ix“dx:

a+l

+C (a ;t—l)

an ha S oA 1
Nguyén ham ciia ham sé y ==
X

dx
I7—|”|X|+C (x=0)

Nguyén ham ciia ham sé lwong giac

Icosxdx:sinx+C

Isin Xdx=-cosx+C

jcos.2 X

jsinzx

dx=tanx+C

dx=-cotx+C

Nguyén ham ciia ham s6 mii

J.exdx=eX +C

X

a
Ina

jaxdx= +

C (0<a=#1)
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PHAN A
TU LUAN PHAN DANG TOAN

CHUDE 1

NGUYEN HAM CUA MOQT SO HAM SO CO BAN

DANG 1
NGUYEN HAM HAM LUY THUA

1. Bang nguyén ham ham sé lity thira

deXZC

de=x+C

a+l

J.x“dx: +C (a=-1)

a+l

Nguyén ham ham sé liiy thira 1 1

j—zdx =——+C
X X

J.%dX:Z\/;+C

d—)z(zln|x|+C (x=0)

Cha 'y : DUng cdng thikc sau lam triac nghiém cho nhanh
X" (n-1)x"
(ax+b)"
n+1

oj(ax+b)ndx:§ +C

3. Cong thic liy thira:

° —n:X
X

° Xmlxn:Xm+n
X" _

o —n:Xm n
X
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Bail. Tim:
a) [3xdx

d) J'Xx/Fdx
Bai2. Tim:

2024
a) | <X

d) sz dx

Bai3. Tim:

a) [(x* —2025)dx

X x>

0 I( 2024 2025
Bai4. Tim:
a) IZX(1+3X3)dx
d) J.xz(x—z)2 dx
Bai5. Tim:

2x* -3
a) | o

d) j@dx

+ 2026] dx

b) [ 2/x"dx
e) [3x*¥x*dx

C) J.Z(‘/;dx
f) J'szi‘/gdx

dx

0 J- 2025

f) Iﬂdx

N | (3& —%+2024]dx

¢) [(x-3)"dx

f) J.(x+1)(3—x)2 dx

x?+3x-1
C) J.—\&

(x-1)°
) .[ 32 dx

dx

https://www.facebook.com/truongngocvy8/

Trang 4

Truong Ngoc Vy 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai 56 12 - Chuong 4 — Nguyén ham. Tich phan - Tric nghi¢m va tw lugn 4 phén cé 1oi gidgi Dung chung 3 b sdch

DANG 2

NGUYEN HAM HAM LUQNG GIAC

1. Bang nguyén ham ham s6 hrong giac

Icosxdx:sinx+C

Isin Xdx=-cosx+C

dx=tanx+C

Nguyén ham ham sé lugng giac J.

cos? x

1
j_z dx=-cotx+C
sin“ x

Ch0 y: Can thudc cac cong thirc luong gidc sau:

e sin’x +cos°x =1

e tan’x = -1

cos%x

e COt’X =

H Y

= =sin®x

. X x 1. ., X X 1
® SIN—.C0OS— = —SINX = SIN° —.c0S" —=—
2 2 2 2 2 4

2 X 2 X

® COSX =CO0S” ——SIn“ —
2 2

e COSX = 2C0s° g—lzl— 2sin?

N | X

Bail Tim:
a) J'(sin X +3¢0s X )dx b) J'coszgdx c) I(sin x+cosx)2dx

2
X X . X X
d) IZSIHECOSEdX Isinzxcoszx X f) j(s1n5+cos5] dx

Bai2. Tim:

a) [(4x+3cosx)dx b) | (2x+ e ]dx o) | (2025x—23in2§jdx
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. X
sin® =

1 1 1 tan®x
d) [| =x?—2x+=tan?x |dx e) | x| 1- 2 | dx X2 1+=— dx
) I(s’ 2 j ) j X " j X X
Bai3. Tim:
&) [ b) jx(2024—i3+ﬂ]dx
sin? X .cos? X X
2 2
2
(sinx+cosxj
3 2 2 1 2 1 3 4
C) jx 3 —2x+X2024 dx d) jx X +F_7 dx

L, X
x?sin? ~.cos? =
2 2
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DANG 3

NGUYEN HAM HAM MU

J.exdx=eX +C
Nguyén ham ham sé mii )
Iaxdx= a (0<a=1)
Ina
Cha y : Dung cdng thikc sau lam triac nghiém cho nhanh
.J‘eax+bdx :éeaxm +C
ax+p
Ia“x+ﬂdX—a alna +C (0<a=1)
Bail Tim:
a) [2025 dx b) e dx c)jé%dx
d) jeixdx e) jei dx f J‘%dx
Bai2. Tim:
a) j(2024*+1)dx b) j(ze c) j(z.s*—%.w]dx
d)j( -—de e) [8.2" " dx f [(9"-2+9~
Bai3. Tim:
X n2x 2t 5t X _gX +2024
a) [2%3dx b) | TR c) j
X 2 X —X

d) | (ez X‘lj dx ) | fx—:lldx N e (2024—2025e ]dx
Bai4. Tim:
a) I(2x+3x)dx b) J‘esx+2024dx C) I3X+2.22X+1dx
d) [ (3 +5") dx e) (e +e™) dx Djfi;}d
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DANG 4

NGUYEN HAM CO PIEU KIEN

Bail. Cho F(x) la mot nguyén hamcua f(x). Tim F(x), biét:
a) f(x)=2"va F(e)=1.

b) f(x)=e* va F(0)=2025.

c) f(x)=e*(e*- 1) va F(In2)=2024.

d) f(x)=€".3 va F(l)=0.

Bai2. Cho F(x) la mot nguyén ham cia:
a) f(x)=x°-4x+2024.Biét F(1)=0, tinh F(0).
3

b) f(x)= sz_l .Biét F(-2)=0, tinh F(2).

3-5x?

c) f(x)= . Biét F(e) =1, tinh F(2).

_14+2x%°

d) f(x) . Biét F(-1)=3,tinh F(1).

Bai3. Cho F(x) la mot nguyén ham cia:

a) f(x)=3-5cosx. Biét F(z)=2, tinh F(%)
b) f(x)=sinx+1.Biét F(%jzo,tinh F(%)
0) f(x):2024—sin2§ .Biét F(27)=0,tinh F(0).
d) f(x)=sin?>.cos? 2. Biét F(r) =1, tinh F(Ej.
) £(x) n ;B () 5

2x -1 khix>1

W2 Khix<l Gia st F la nguyén ham cua f trén R thoa méan
X% — ix<

Bai 4. Cho ham so f(x):{
F(0)=2.Tinh F(-1)+2F(2).

Bai5. Cho F(x)=cos2x la mot nguyén ham ciia ham s6 f (x)tanx. Tim ho nguyén ham cia ham sé

_ tanx

ST
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r r r 1
Bai 6. Tim gia tri cua tham s6 m biét F(x) la nguyén ham cua ham s6 f (x)= +m-1 théa
gia tri (x) la nguy (x) e

mén F(0)=0 va F(3)=7.

Bai 7. Hamsé f(x) co dao ham lién tuc trén R, théa mén:

a) f'(x)=2-5sinx va f(0)=10. Timham f(x).

b) f'(x)=2e+1va f(0)=2.Timham f(x).

Bai8. Cho ham so y = f(x) c6 dao ham la f'(x)=6x"-2,vxeR va f(0)=1. Biét F(x)la mot
nguyén hamcua f(x) va F(2)=0.Tinh F(4).

_3x%+1
X

Bai9. Chohamsé f(x) c6 dao ham f'(x) . Khi d6 hay tinh gia tri biéu thac f (-3)+ f (3)

biét f(1)=2, f(-1)=3.
Bai 10. Timhamso y = f(x) biét f'(x)=3x"+2x-m+1, f(2)=1 va dd thi cia ham s6 y = f ()

cit truc tung tai diém c6 tung do bang 5.
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DANG 5
NGUYEN HAM CUA HAM AN

I. Can nhé céc cong thirc dao ham ciia ham hop

o [ F1(x)dx=f(x)+C

._f'(x):— 1 }
00 (%)

. (%) :_ 1 }
) L= f (0]

)
o £(x).0(0)+ f(x).9'(0=[(x).9(x)]

: f'<x>-g<x>—f<x>-g'<x>{f<x>}'
9° (x)

I1. Cac dang ham an thwong gip

1. Ham 4n ¢6 dang: f'(x)- f (x)= p(x)

() [,
ity A0

Phwong phap giai:

2. Ham 4n c6 dang: f'(x)=p(x)- f(X)

Phwong phap giai:

Chia hai vé véi f (x) ta duoc ff () _ p(x)

Suy ra j%dx:j p(x)dx < In| £ (x)I= [ p(x)dx

Tur déy ta dé dang tinh dugc f (x)
3. Ham an c6 dang: f'(x)= p(X)-[f (X)}n

Phwong phap giai:
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f(x)=p(x)-Lf(x)]

. n f'
Chia hai vé voi [f (X)} ta dugc () =p(x)

Suyra 14d jp _(:—E:Ip(x)dx

4. Ham an ¢6 dang: u(x) f'(x)+u’(x) f (x)=h(x)
Phuwong phap giai:
D& dang thiy ring u(x) f'(x)+u’(x) f (x)=[u(x) f(x)]
Do dé u(x) f'(x)+u'(x) f(x)=h(x)< [u(x) f (x)] =h(x)
Suy ra u( J'h
Tir day ta d& dang tinh duoc f (x)

5. Ham 4n c6 dang: A(x) f (x)+B(x) f'(x)=h(x) (1)

Y tuéng giai:
e Ta can nhan thém mot lugng u(x) vao (1) dé tao thanh u'(x) f (x)+u(x) f'(x)=u(x).h(x) va

l0c nay:

(
< [u(x) f(x ]':u(x .
:>J.[u(x)f

e Céach tim u(x)

u(x)dugc chon sao cho :{
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+ Bwéc 2: Nhan u(x) vao (1) = f(x):M
u(x)
Hai dang dic biét ciia (1)
o f'(x)+ f(x)=h(x)
Phwong phap giai:
Nhan hai vé voi & ta duge e*- '(x)+e*- f (x)=e*-h(x) = [e*- f (x)] =e"-h(x)
Suyra e*- f (x):J'eX-h(x)dx
Tir dy ta d& dang tinh duoc f(X)
o £ (x)-f(x)=h(x)
Phwong phap giai:
Nhan hai vé véi e ta duge e f'(x)—e™- f(x)=e™-h(x) <[ e f(x)]' =e*-h(x)
Suyrae™- f(x) =J.e’X -h(x)dx

Tur day ta dé dang tinh duge f ()

Bail. Chohamso f(x) théaman: f'(x).f (x)=x* véimoi xeR va f(0)=+2024.Tinh f2(1).

Bai2. Cho ham sé f(x) théa man f(In2)=0 va f'(x)=

voi moi xeR. f(x)=#0. Tinh

f(x)
£2(0).

B&i3. Chohamsb f(x) thoaman f(e)=1va xf'(x)=[ f(x)] voimoi xeR. Tinh f(e).

Bai4. Cho ham s6 y= f(x) dong bién trén (0;+); y=f(x) lién tuc, nhan gia tri duong trén
(0;-+50) v thoa man f(3)=g va[£'(x)] =x.f(x). Tinh £ (1).

Bai5.  Gid st ham s6 y=f(x) lién tuc, nhan gia tri duong trén (0;+e0) va théa man f(1)=1,
f(x)=f'(x)~/3x, véi moi x> 0. Tinh f(4).

Bai6. Cho ham s& f(x) thoa man [xf'(x)] +1=x*[1-f (x).f"(x)] véi moi x duong. Bit
f(1)=f'(1)=1. Tinh gidtri f*(4).

Bai7. Cho ham s6 y=1f(x) lién tuc trén R théa man (x+1)f'(x)+f(x)=x, ¥xeR va

f (0)=2024. Tinh f(2).
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PHAN B

TRAC NGHIEM VA TU LUAN TONG HQP GOM BON PHAN

PHAN I Céu tric nghiém nhiéu phwong 4an lya chon. Mdi cAu héi thi sinh chi chon mdt phuong
an.
Caul. Chohamsd F(x) 1a mot nguyén ham cia ham sé f(x) trén K. Céc ménh dé sau, ménh dé ndo

sai.

A [ 1(0dx =F(9+C. B. (] F(0dx) = (.

C. ([ o) = £(0). D. ([t (dx) = F'(x).
Cau 2. Ho tét ca cac nguyén ham ciia ham so f (x)=2x+6 Ia

A x*+C. B. X*+6x+C. C. 2x*+C. D. 2x*+6x+C.
Céu 3. Ixzdx bang

A. 2x+C. B. %x3+C. C. x*+C. D. 3x*+C

Cau 4. Ho tat ca cac nguyén ham cia hamsb f(x)=2x+4 la

A. 2x* +4x+C. B. X* +4x+C. C. x*+C. D. 2x*+C.
Cau5. Ho nguyén ham caa ham s f(x) =3x*+1 la

X3

A x*+C B. §+X+C C. 6x+C D. x*+x+C
Cau 6. Chohamsd f(x)=x*+4.Ménh d& nio sau day ding?

A [ f(x)dx=2x+C. B. [ f(X)dx=x"+4x+C.

X3

C. J.f(x)dx:?+4x+c. D. [ f(x)dx=x"+4x+C.

Cau 7. Ho tat ca cac nguyén ham ciahamsb f(x)=x"-2 la

3
A. [ f(x)dx=2x+C. B.If(x)dx:%—2x+c.

C. J.f(x)dx=x2—2x+C. D. J.f(x)dx=x3—2x+C.
Cau 8. Nguyén hamciahamsé f(x)=x>+x la

A.%x4+%x2+c B. 3x* +1+C C. xX*+x+C D. x*+x*+C

Cau 9. Ho nguyén ham ciia ham sé f (x)=4x° - 2024 la

A. x*—2024x+C. B. 4x* —2024x +C. C.12x3+C. D. x*+C.
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Cau 10. Nguyén ham ciahamsé f(x)=x"+x Ia

A. %x5+%x3+c B. x*+x*+C C. x’+x’+C. D. 4x* +2x+C

Cau 11. Cho hamso f(x)=3x*+2x. Trong cac ham so dudi day, ham s6 nao 1a mot nguyén ham cua

f(x) trén R?

Cau 12. Nguyén ham caa ham s f (x) = %xs —~2x*+x~-2024 la

1 2 2 2
A —x_Sx3i X ic B. 1yt _ 242 X o0oaxicC.
127 37 "2 9" 37 "2
2 2
ety 20, X sooaxic. D. 15425 X ooaxsc.
127 3" 72 9" 3" 2

Cau 13. Ho tat cd cac nguyén ham cia ham sé f (x)=5x* -8x°-6x la

A. F(x)=x"-2x"-3x*+C. B. F(x)=x"-x"-x*+C.
C. F(x)=x"-4x*-2x*+C. D. F(x)=x"+2x*-3x*+C.
Cau 14. Cho hams6 f(x)= x—%. Trong cac ham sb dudi ddy, ham s6 ndo 1a mdt nguyén ham cua
X
f (x) trén (0;+wx)?
X2 X2
A. Fl(x):?+\/§. B. F, (x) =2 =,
x? X2
C. Fs(x):?+2&. D. F4(x):?—2\/§.

Cau 15. Cho ham s6 f(x)=3+=. Trong cic ham s6 du6i day, ham so6 nao la mot nguyén ham cua
X

f (x) trén (0;+x)?

A. Fl(x)=3x—%. B. F,(x)=3x+Inx. C. F3(X)=3X+Xi. D. F,(x)=3x-Inx.

A N A1 . g 3
Cau 16. Tim nguyén ham cia ham s6 j(xz - Z&jdx.

3 3
A.X—+3In|x|+£\/F+C. B.X—+3In|x|—ﬁ\/F+C.
3 3 3 3
3 3
C. %+3lnx—g\/?. D. %—3ln|x|—g\/F+c.

Cau 17. Ho nguyén ham cua ham sb f (x)=3v/x + x** I
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\/7 2023 1 X2024
A. VX + +C. B. —+ +C
Jx 2025
2025
c. 20X +>—+cC. D. X 1 6054x7% 1 C .
2025 2Jx

iy 1 . A N ; A . .
Cau 18. Biét F(x)=x>+=+1 la mot nguyén ham cua ham so f(x) trén mién (0;+). Khang dinh
X

nao sau day la dung?

A. f(x)=1x4+lnx. B. f(x)=3x2—i2.
4 X
2 1 1,
C. f(x)=3x"+—=. D. f(x)zzx +Inx+x+C.
X

Cau 19. Biét J(ZLJF xsjdx=aln|x|+bx6+c Véi (a,b e Q,C eR). Tinh a*+b?
X

A. i B.9. C. l D.
12 13

o~

Cau 20. Ham s nao trong cac ham s sau day khong 1a nguyén ham cua ham sé y = x*%%2?

X2023 X2023 X2023
A. +1. B. : C. y=2022x*%, : -1
2023 2023 2023
Cau 21. Ho nguyén ham ciia hamsé f (x)=(x+1)(x+2) la
3
A. 2x+3+C. B.X——Ex2+2x+C.
3 3
3 3
C.X—+Ex2+2x+C. D.X—+§x2+2x+C.
3 3 3 2
Cau 22. Tim nguyén F (x) ciahamsé f (x)=(x+1)(x+2)(x+3)?
¥, 11, i s ,
A. F(x):7—6x +?X —-6x+C. B. F(x)=x"+6x’+11x*+6x+C.
x* . 11, s ,
C. F(x):?+2x +EX +6x+C. D. F(x)=x*+6x"+11x* +6x+C.
Cau 23. Ho cac nguy@n ham cta ham sb y=x(x+1)5 la
7 6
A. (X;l) +(X;1) +C. B. 6(x+1)5+5(x+1)4+C.
1)’ 1)°
C. 6(x+1)5—5(x+1)4+C. D. (XJ; ) —(X; ) +C
Cau 24. Tim nguyén ham caa ham sé f (x)=(5x+3)’.
6 4
A. (5x+3)°+C. B. (5x+3)" +C. C. %+C. D. %+C.
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A N A Ls . . 2
Cau 25. Tim nguyén ham cia ham s6 f (x) = x? toz

:—+ +C

dx_———+C

AJT(x
c.Jr(x

Cau 26. Trén khoang (0;+w), cho hamso f (x)= x>

=2 _Z4C.

B [(x
D. [ f(x

:—+ +C

. Ménh dé nao sau ddy ding?

A. I dx—gx2+C j dx jfdx
2 5
C. I dx:gx2+C D. I dx:—x2+C
Cau 27. Tim nguyén ham cua ham s6 f (x)=x**%
A. dx = X291, C B. X) dx = X Ve o
J. \/202 -1 I
C. [ f(x)dx=+/2024x"% 1C. D. ___L1 e
I J. 2024 +1
4
Cau 28. Chohamsé f(x)= X +2.Ménh dé nao sau day dang?
A J.f(x)dx—x—s—1+C B J.f(x)dx—X—3+E+C
' 3 x ' 3 X
C. If X dx_j(x +7]dx. D. J. dx————+C
Cau 29. Tim ho nguyén ham cua hamso f (x)= 5+§X
X
5 5
A :—+ +C. B. === _Z4C.
1o x Jrx x

C. I :—+5Inx +C.
Cau 30. Tinh j \xa/xy/xdx .

A isxlxs/x—7+c. B %xlxs/x—7+c.

Ix=23x2 +1
— —  “dx
4/x

A, xx —2x5/x¢ +4x¢ +C.
C. xf 1\/_ ¥ t+c.

Cau 31. Tinh j

D. _[ dx 2x3 —§+C
X

C.£x15x+C. D.ix15x+C.
15 15

B. ix?/;—ﬁx1\7/x_5+i‘\‘/g+c.
5 17 3
D. %XW—ZXW+%W+C.
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Cau 32. Khang dinh nao day sai?

A. J.sinx dx =—cosx+C. B. J.cosx dX =—-sinx+C.
C. J.cosx dx =sinx+C. D. J.cosx dx =—tanx +C.

Cau 33. Cho J. f (x)dx =—cosx+C . Khing dinh nao dudi day diing?

A. f(x)=-sinx. B. f(x)=-cosx. C. f(x)=sinx. D. f(x)=cosx.

\ A N ~ N N 4 . A T
Cau 34. Hamso F(x)=cotx la mot nguyén ham ciia ham so6 nao dudi day trén khoang (O; EJ

1 1 1 1
A. f (x)= ) B. f(x)=- . C. f,(x)= ) D. f.(x)=- )
2 (%) sin? x :(x) cos? x «(x) cos? X (%) sin? x

Cau 35. Chohamsé f(x)=1+sinx. Khang dinh nao duéi day ding?

AI dx X—C0sX+C. BI dx X+sinx+C.

CI dx X+cosx+C. DI dx cosx+C.
Cau 36. Chohamsé f(x)=1-—-—. Khang dinh nao du6i day ding?

COS* X

AI dx X+tanx+C. BI dx X+cotx+C.

CI dx X—tanx+C . DI dx X—cotx+C.
Cau 37. Nguyén ham cua ham so f (x)=3cosx —4sinx la:

A. 3sinx—4cosx+C. B. —3sinx+4cosx+C.

C. 3sinx+4cosx+C. D. -3sinx+4cosx+C.
Cau 38. Nguyén ham ctia hamsb f(x)=2sinx+—— la:

sin‘ x

A. —2cosx—3cotx+C. B. 2cosx—-3tanx+C.

C. —2cosx+3cotx+C. D. 2cosx—3cotx+C.
Cau 39. Ho nguyén ham ciia ham sé f (x)=cos x+6x la

A. sinx+3x*>+C. B. —sinx+3x’+C. C. sinx+6x>+C. D. —sinx+C.
Cau 40. Tim nguyén ham cia ham s6 f (x)=2sinx+3x.

A. I(ZSinx+3x)dx:—2cosx+%x2+C B. I(Zsinx+3x)dx:2cosx+3x2+C

C. I(Zsinx+3x)dx:sin2x+gx+c D. I(ZSinx+3x)dx:sin2x+%x2+C

Cau 41. Tith'(x —sin x)dx.
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X2 X2 X2 X2
A. ?+sinx+C. B. ——-cosx+C. C. ?—sinx+C. D. —+cosx+C.

CAau 42. Ho nguyén ham cua hamsb f (x)=3x*+sinx la

A. X* +cosx+C. B. 6x+cosx+C.

C. x*~cosx+C. D. 6x—cosx+C.
Cau 43. Ho nguyén ham cta ham sb f(x)=£+sinx la
X
A. Inx-cosx+C. B. —iz—cosx+C. C. In|x|+cosx+C. D. In|x|-cosx+C.
X

R : 1
Cau 44. Chohamso f(x)= ;+ p—c

A. If(x)dx=|n|x|+tanx+C. B.

. Chon khang dinh dang;

J.f(x)dx=lnx+tanx+C.

C. If(x)dx=|nx+tan|x|+C. D. J.f(x)dx=ln|x|+tanx.

Cau 45. Cho hamsé f (x) = [ cosgsing. Khéng dinh nao du6i day ding?

A, J‘cosisinizisin X+C . B. J‘cosisinizicosx+c
2 2 2 2 2 2

C. J‘cosisiniz—isin x+C. D. jcosisiniz—icosx+c
2 2 2 2 2 2

Cau 46. Tim nguyén ham F (x) cuahamso f(x)= coszg

A F(x)=2005+C B, F(x):%(1+sinx)+c

C. F(x)=2sin2+C D. F(x):%(l—sinx)+c

. . X .
Cau 47. Nguyén ham cia ham s6 f (x)=2cos’= la:

A. 4cos§+C. B. Xx+sinx+C. C. Zsin2§+c. D. %cos3§+c.

Cau 48. Nguyén ham cua ham s6 ¢6 f (x)=tan®x +cot® x la:

1
A. 2tanx +2cotx+C . B. gtan3x+§cot3x+c.

C. tanx+cotx—2x+C. D. tanx—cotx—-2x+C.

2
A s . g X XY .
Cau 49. Nguyén ham cta ham so6 f(x):(cos—+sm—j la:

A. sin%—cos§+c. B. x—cosx+C.
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2

C. sini—cosi +C. D. sin§+cosi+c.
2 2 2 2
2X
Cau 50. Tim JL dx
sin?x.cos?x

A. cosx +sinx+C. B. —cosx —sinx+C.
C. —cotx —tanx+C.. D. cotx —tanx +C.

Cau 51. Nguyén ham cta ham sé y = tan?x 1a

A. tanx—x+C. B. —tanx—x+C. C. —tanx+x+C.
Cau 52. Khang dinh nao duéi day dung?

A jexdx=xeX+C. B. jexdx=ex+1+C. C. jexdx=—ex+1+C.

Cau 53. Ho nguyén ham ctia ham sé f (x) = e* 1a ham sb nao sau day?

D. tanx+ x+C.

D. jexdx=ex +C.

A 3¢ +C. B. %e3X+C. C. %eX+C. D. 3e* +C.

Cau 54. Nguyén ham caa ham sb y=e" 14
2x-1 2x-1 1 2x-1 1 X

A. 267 +C. B. e +C. C.Ee +C. D.Ee +C.
Cau 55. Chohamsé f(x)=1+e". Khing dinh nao dudi day dung?

AJ. dx X+xe*t+C. BJ' dx 1+e*+C.

CJ. dx x+e*+C. DJ' dx 1+xe** +C.
Cau 56. Cho hamsd f(x) =e* +2. Khang dinh nao duéi day 1a ding ?

A [ f(x)dx=e?+C. B. [ f(x)dx=€"+2x+C.

C. [ f(xdx=e"+C. D. [ f(x)dx=e-2x+C.
Cau 57. Ho nguyén ham ciia ham sé f (x)=e* —2x la.

A e*+x*+C. B.e*—x*+C. C. Le*—x2+C. D. e*-2+C.

X+1

Cau 58. Chohamsé f(x)=e"+2x. Khang dinh ndo dudi day dung?

AJ' dxe+x+C BI dxe+C

CI dx e*—x*+C. DJ' dx e’ +2x° +C.

Cau 59. Cho hamséd f(x) =1+e?. Khang dinh nao duéi day dung?

A. J‘f(x)dx:x+%ex+c. B. [ f(x)dx=x+2e"+C.

C. jf(x)dx:x+%e2X+c. D. [ f(x)dx=x+e"+C.
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Cau 60. Hamsd F(x)=x*+e* +2024 la mot nguyén ham ciia ham sb

3
A. f(x):%—%e‘zx+2024x. B. f(x):2x+2e‘2X+2024.
C. f(x)=2x—-2e" +2024x. D. f(x)=2x-2e>.

3
~ \ 4 X X 1A A A Y 5 Y A \ A
Cau 61. Hamso F(x)= 3 +e” la mot nguyén ham cia ham so f (x) nao sau day?

A. f(x)=x*+e". B. f(x)=3x"+e". C. f(x)::—2+ex. D. f(x):%+ex.
Cau 62. Mot nguyén ham cia ham sé f(x)=e>" - 2x° 1a
3x+1 3x+1 3x+1_ 3 3x+1_ 3
A S o B.& . c & - p.& X
3 3
Cau 63. Két qua I(x+e2°2°X)dx bing
X2 eZOZOX 2020x 2020x 2020x
A —+ +C. B. x*+ +C. C. x*+ +C. D. x+ +C.
2 2020 2020 2020 2020
Cau 64. Tim nguyén ham cta ham sé f (x)=¢" [2017— 201858_ ]
X
2018 2018
A [ f(x —+C. B. [ f(x —+C.
C. [ f(x)dx=2017¢" +5045+c. D. [ f(x)dx=2017¢" —50‘}5+c.
x* X
Cau 65. Ho nguyén ham ciia ham s6 y =e [2+ ] J la
cos? X
x x « 1 v, 1
A. 2e" +tanx+C B. 2¢" —tanx+C C. 2" —+C D. 2e*+——+C
COS X COS X
Cau 66. Tim nguyén ham cta ham sé f (x) =e‘X[2+ ¢ - J
cos?x
2 X
A. F(x)=—§+tanx+c. B. F(x)=2e"-tanx+C.
2 X
C. F(x)z—g—tanx+C. D. F(x)=2e™ +tanx+C.

Cau 67. Tim nguyén ham cia ham sé f (x)=7".

X X+1

A J.7de= " c B. j?*dx=7x+1+c C. j?*dx= " .c b j?*dx:?*lnnc
In7 X+1
Cau 68. Nguyén ham ciahamsé y=2" la
X X X 2" X 2"
A.j2*dx=|n2.2X+c. B.jz dx=2"+C. C. jz dx=—--+C. D. jz dx=——+C.
In2 X+1
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Cau 69. Mot nguyén ham ciia ham s f (x) =2025* la
A. F(x)=x2025"". B. F(x)=2025.2024".

C.F(x)= 2025
' " In2025°

D. F(x)=2025%In2025.

Cau 70. Tt ca cac nguyén ham caa hamsé f(x) =37 la

3 +C B. -37*+C C. 3"In3+C D. 3
In3 In3

+C

Cau 71. Ho tat cd cac nguyén ham ciia ham sé f (x)=5" la
AL
2In5

Cau 72. Chohamsé f(x)=2"+3. Khing dinh nao sau ddy ding?

571+C. B. 25”"In5+C. C. 57 %In5+C. D. %.52*‘1.In5+C-

AJ. X)dx =27 +C. B.J.f(x)dx:li2

DJ. X)dx = 2°In2+3x +C..

C. I x)dx_

Cau 73. Tim nguyén ham cia ham s f (x)=3"+2x.

X

AJ. +2x dx = 2 +x2+C BJ. +2x dx=2%In2+x*+C
In2

Cj “+2x)d +x+C DJ. “+2x)dx=2"In2+x+C
n2

Cau 74. Tim ho nguyén ham caa ham sé y = x* — 3" ey
X

3 X 3
AX 3 1.ccer. B.X 3+1ic cer.
3 In3 x 3 x?
3 X 3 X
X +In|x|+C, CeR. D. x_ 3 -In|x|+C, CeR.
3 1In3 3 1In3
Cau 75. Ho nguyén ham ciia ham sé f (x)=4" +cos2x la
A4S, B. #'ln4+ N2 ¢
In4 2
c 4na-S"2 ¢ D, A, Sin2x . o
' In4 2
Cau 76. Nguyén ham cia hamsb f(x) =2"(1+2sinx) Ia
X+1 X X X—1
A. —cosx+C B. +sinx+C. C. —cosx+C. D. +cosx+C.
X+1 In2 In2 X+1

Cau 77. Cac ménh dé sau day, ménh dé nao sai?
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3 1 1 1
A. (\S/XZ+x—2)dx:—\3/x5+—x2—2x+C B. dx = +C
J 5 2 J 2023x0% " 0232 x X%
2 e +1 1,
C. [(2x—2024)" dx =x-1012+C D. [S—dx="e”—e +x+C
e*+1 2
Cau 78. Cac ménh dé sau day, ménh dé nao ding?
A. J'(2+cot2 x)dx:x—cotx+C. B. J'(l—coszijdx:i(x+sinx)+c
2 2
X x ) X x )
C.J' Sin=+cos— | dx=xX+cosx+C. D.J' sin=—cos— | dx=x—cosx+C
2 2 2 2
Cau 79. Cac ménh dé sau day, ménh dé nao sai?
A. J'idx:lnx+c. B. | 12 dx=tan x+C.
X cos’® X
C. J.sinxdx=—cosx+C. D. J.exdx=eX+C.

Cau 80. Cac ménh dé sau day, ménh dé nao sai?

4
A F(x):xj—gx2+ln|x|+c la nguyén ham cta ham séf(x):x3—3x+£.
X
6
B. F(x):%+c la nguyén ham cua ham sb f (x) = (5x+3)’.

C. F(x):gx x+%x3x+%x4x+c la nguyén ham ciia ham s6 f (x) = vx +3/x + ¥/x .

1.

3_
D. F(x):gx —2024x+C la nguyén ham cua ham séf(x):ﬂ.

X
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PHAN II. Ciu trac nghiém ding sai. Trong mdi y a), b), ¢), d) & mdi cu, thi sinh chon ding hoic

sai.

Cau 81. Cho ham s6 f(x):%x4+4x3.

a) f'(x)=x*+12x".

b) Phuong trinh f’(x)=0 c6 hai nghiém x=-12 va x=0.

0) I(%x4+4x3]dx:%xs+%x4+C,Véi C la hang sb.

d) Goi F(x) la mot nguyén ham cua f (x). Biét F(0)=2024 thi F(x):2—10x5+%x4—2024.
Cau 82. Chohamsé f(x)=x+1.

a) If(x)dx =x*+x+C, véi C la hang sb.

b) j[(x—l).f(x)]dx:%x3+x+c,v<’yi C la hing sb.
c) I%X:XHMXHC,V& C lahing sb.

d) Goi F(x) la mot nguyén ham cua f (x). Biét F(1)=2 thi F(x):x?+x—5.
Cau 83. Chohamsé f(x)=4x’-6x.

a) I(4x3—6x)dx:x4—6x+c,véi C la hang sd.

b) Biét F(x) la mot nguyén ham cua f(x) va F(0)=2.Khidé F(x)=x*-3x>+2.
c) If(x—l)dx:x4—4x3+3x3+2x+C,véi C la hang sb.

d) Biét G(x) la mot nguyén ham cua f (x-1) va G(1)=0. Khid6 G(0)=-2.

Cau 84. Chohamséd f(x)=x>.

a) [ f(x)dx =x*+C, véi C Ia hiing sb.

b) Goi F(x) la mot nguyén ham cua f (x). Biét F(3)=1 thi F(4):4—??.

c) jf(2x+1)dx :%x3+2x2+x+C,v<’yi C la hang sb.

4 3
d) [[xF (x-2)] dx =224 2¢ +C, Wi € la g 56

Cau 85. Cho hamsé f (x)=3.

a) If(x)dx:3x+C,véi C la hang sb.
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f .
b) j%x:%%,v@i C 12 hing sb.

c) j[f (x)+x]2dx =x*+3x2+9x+C, v6i C la hang sb.
d) Goi F(x) la mot nguyén hamcua f(x), biét F(1)=1thi F(1)+F (2)+...+ F(2024)=303550.
Cau 86. Cho ham sb f(x):%x+1.
a) If(x)dx =x*+x+C, véi C la hang sb.
b) J'fz(x)dx:ix3+1x2+x+c,v<’yi C la hang sb.
12 2
c) Goi F(x) la mot nguyén ham cua f (x). Biét F(0)=1thi F(2)=6.
d) Goi F(x) la mot nguyén ham cua f(x). Biet F(1)=2 va

L+i+...+ ! ! (a beZva E la phan sb tbi gian), khi d6 a+b =4049.

FQ) F(2) 7 F(2024) F(2025)

Cau 87. Chohamsé F(x)=x*+x—6 la mot nguyén ham cua f(x).

3 2

a) f(x):%+%—6x+c,v<’yi C I hing sé.

b) Ham s6 G(x) la mot nguyén ham cua f (x)va G(1)=3 thigiatri G(4)=21.

c) Ham s6 H(x-1) la mot nguyén ham cua f(x-1)va H(0)=3 thi gid tri cua bicu thuc
H(Z)—H(4)=—14.

d) f(1)+f(2)+...+ f (2024)+ f (2025) = 4104675

Cau 88. Chohamsé f(x)=x*—4x+5.

a) I(x3—4x+5) dx =x*—2x?+5x+C, véi C la hing sb.

b) Goi F(x) 1a mot nguyén ham cua f (x). Biét F(1)=3, khi do F(O):-l

4
c) j[f (x)+f'(x) ] dx=XZ+x3—2x2 +9x+C, véi C 13 hing so.

x* 1 .
d) ~|.f(x+1)dx :Z+x3—§x2+2x+C,v<’yi C 1a hiing sb.

x*+1

X

Cau89. Ham hai s6 f(x) va g(x) xac dinh trén R\{0} thoa méan: f(x)= va

J.g ) dx = X+In X|+C V6i C la hang sé.

a) f'(x)=1-=.
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b) g(x):l—%+C,Véi C la hang sd.
c) Goi F(x) la mot nguyén ham cia ham sé f(x)+g(x) va théa manF(-1)=3. Khi d6
F(x)=x2+2In|x|—1.

2
d) Goi G(x) la mot nguyén ham cua hams6 f (x)+g(x). Biét G(2)=2In2 va G(4)+G(-4)=2. Khi
d6 G(-6)=aln2+bIn3+c, vsi a,b, c lacic so thuc. Vay a+b+c=-2.

x> +5x—7

Cau 90. Hamsb f(x) xac dinh trén R\{0} thoa man f(x)= »

, 7
a) f (X):1+?.

b)J. dX:—+5x+7In|X|+C V6i C la hang sb.
c) Goi F(x) la mot nguyén ham cua ham sé f(x) va théa min F(1)=5. Khi d6
2
F(x):x—+5x—7ln|x|+£.
2 2
d) Goi G(x) la mot nguyén ham cua ham s6 f (x). Biét G(1)=4 va G(3)+G(-9)=20. Khi d6 tim
duoc G(—6) aln2+bIn3+c, v4i a,b, ¢ la cac s6 hiru ti. Vay a+b+c—§

3 —2x3 + %2 +5x+4
X3

Cau 91. Hamsb f(x) xac dinh trén R\{0} thoa man f(x)=

1 1 4
a) f(X):3X2—2+;+?+F.

b) jf(x)dx:x3—2x+ln|x|—%+2—12+c,Vc’yi C la hang sb.

c) Goi F(x) la mot nguyén ham cia ham so f(x) va thea man F(-1)=0. Khi d6 tim duoc

1 1 3
F(x)=x—2x+Inlx|-=—— -2
(x)=x°—2x+ n|x| o

d) Goi G(x) la mot nguyén ham cua ham s6 f(x). Biét G(1)=0 va G(-3)-G(3)=2. Khi d6

S , V61 a, b, ¢ 1a cac s6 nguyén duong va % la phan sb tbi gian. Vay a+b+c=1090.
og, e

(x+1)(3x-2) |

Cau 92. Hamsb f(x) xac dinh trén R\{0} thoa man f(x)= ,

) 1(x)=3+>

2
b) J.f(x)dx:%+x—2ln|x|+c,véi C la hang sb.
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c) Goi F(x) la mot nguyén ham cia ham s6 f(x) va théa man F(3)=15. Khi d6

2

F(x)=%+x—2ln\x\+15_
d) Goi G(x) la mot nguyén ham cua ham s6 f (x). Biét G(2)=1 va G(5)+G(-5)=10. Khi d¢ tim

dugc G(-10)=aln2+bIn5+c, véi a, b, c 1acéc so hiru ty. Vay a+b+c=70.

2
Cau 93. Hamsd f(x) xac dinh trén R\{0} théa man f(x):(XT_lj .

2 2
a) f (X):?'FF.

b) J'f(x)dx:x—ZInx—£+C,Vc’yi C la hang sb.
X

¢) Goi F(x) la mot nguyén ham cua ham sb f(x) va théa manF (3)=5. Khi do ta tim duoc
F(x):x—ZIn|x|—1+2In3+Z.

X 3
d) Goi G(x) la mot nguyén ham cia ham sé f (x). Biét G(1)=5 va G(2)+G(-4)=2025. Khi d6 tim
duoc F(—8):%, v6i a, b 1a cac sb nguyén vé% la phan sb tdi gian. Vay a+b =16000.
Cau 94. Cho ham s F(x):j(%)dx (V6i x> 0).

3

a) F(x):J.xgdx

b) F(x)+C = [(¥x*)dx, vei C 1a hing s6.

2
c) F(X):gx 5+C, Voi C la hang sd.

d) Biét F(l):—g,khidé F(x):gs x8+g

Cau 95. Cho ham sé F (x) = [(2x+/x)dx (vsi x>0).
a) F(x):ZJ.xdx+J.\/;dx+C voi CeR.

b) Néu G(x)=F(x)+1 thi G(x):j(2x+\/§)dx

c) F(x):x2+§x x+C.

d) Néu F(1)=§thi F(4):%

Cau 96. Cho hamsd f (x)=sinx.

a) [ f(x)dx=—-cosx+C,voi C lahang so.
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b) Goi F(x) la mot nguyén ham cia hams6 f (x) trén R théamén F(z)=1.Khido F(0)=-1.
¢) [F(x)dx=sinx+C,, voi C, Ia hiing s6.

d) Phuong trinh F (x) = f (x) c6 dung 4 nghiém trén doan [0;47].

Cau 97. Chohamsé f(x)=sinx+cosx. Goi F(x) la nguyén ham cia hamsé f (x) trén R.

a) F(x)=sinx+cosx+C, véi C la hing sb.

b) Biét F(x) thoa min F(0)=-1. Khido, F(x)=sinx—cosx.
c) Biét F(x) théamdn F(0)=-1. Khidé, Ham sé F(x) nghich bién trén khoang (0%)

d) Biét F(x) thoaman F(0)=-1. Khi d6, Ham s F(x) dat gia tri nho nhit 1a —/2 .
Cau 98. Cho F(x):—J'sin xdx vathoamén F(0)=1.

a) F(x)=cosx.

b) Ham s6 F(x) lahams6 1é trén R

0 F(a)="2% g skn keZ.
SN

b T T T T 1
d) F(Zzozsj'F(Zzom]'F(Zzozs]"'F(§j'F(?jzm

22025

Cau 99. Cho hamsd f (x)=cos*x va F(x)=| f(x)dx.
a) F'(x)=sin2x

1+cos2x

b) F(x)z_[de

SINXCOSX+X . . A b La A
c)flamotnguyen ham cia ham s6 f (x)

d) Biét F(0)=0. Suyra F(z)=2x.
Cau 100.Cho ham sd f (x)=tan”x va F (x)=[ f (x)dx.
a) F'(x)=tan’x.

b) tan x la mot nguyén ham cua f(x).

c) F(x):J.(Cosl2 " —1)dx.

d) Néu F(0)=0 thi F(7)=r.

dx
sin?x

Cau 101.Cho F(x)=|
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a) F(x)=-cotx+C, Vvéi C lahang so.

b) Néu F(%)zo thi F(x)=1-cotx.
c) Néu F(%jzo thi ham s6 F (x) la ham s6 1¢ trén tap xac dinh ciia F(x).

d) Phuong trinh F (x)=0 c6 cac nghiém 1 x:%+k%,v<’yi kel.

Cau 102.Cho F (x Itan xdx vathoaman F(0)=0.

a) F(x)=x+tanx.

b) Ham s6 F (x) 1a ham s6 chin trén tap xac dinh cua F ().

c) Ham s6 F(x) dong bién trén mdi khoang x4c dinh ctia né.

d) Phuong trinh F(x)+x =0 c6 cac nghiém 1a x=kz, keZ.

Cau 103.Cho ham sb f (x)=€*+x°.

a) Néu F(x) la mot nguyén ham cua f(x) thi F(x)+2024 ciing 1a mot nguyén ham cia f(x).
b) F(X)=€*+X®+C laho nguyén hamcia f(x).

c) Néu F(x) la mot nguyén ham cua f(x) va F(0)=1thi F(1)=2e.

d) Néu F(x),G(x) lan luot la cac nguyén ham cua f(x) va F(0)=1G(1)=e thi ta ludn co
G(x)=F(x)+2e.

Cau 104.Goi F(x) la mot nguyén ham cua ham f(x) =e* —2x trén R thoa mén F(0)=1.
a)F'(0)=0.

b) F(1)=e-1.

3

c)J'F X)dx =e —X?+C

d)jf(x)dx In|x| 26" +C

Cau 105.Cho ham sb f(x)=2x+e*. Biét F(x)la mot nguyén ham cua ham sé f(x) théa mén
F(0)=2025.

a) f(2)=4+e

b) [ f(x)dx=x*+e"+C.

) F(x)=x*+e*+2024.

d)J.xf dx x2 +xeX +C
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Cau 106.Cho hams6 f (x) =e*(2+e*) va F(x) la nguyén ham cua hams6 f(x).
a) Jf dx 2" +e* +C.

X 1 2x
b) F(x)=2e +§e +C.

e’ +1

¢) Néu F(0)=3 thi F(1)=
d) Néu F(0) =g thi phuong trinh F(x) =0 c6 nghié¢m.

Cau 107.Cho ham sb F () = [ (4" +2* +1)x.

a) F I4 dx+I2de+Idx

2X X
b) F(X):2 In+22 +Xx+C.
, 4 12
Néu F(1)=— thi F(2)=—-1.
€) New () In2 ! () In2

X
d) Néu G(x j—”d thi G(x)=F(x)+C.

Cau 108.Cho ham s6 F(x) 1a mot nguyén ham ciia ham s f () = %
0 F(- T

b) F(x)= I (GI;?;X p

0 F(x)= ;[g.@* %gﬂdx.

d) Néu F(0)=0 thi F(1)= |n32—9|n2'

2% 1+ cos2x
2* +sinx

Cau 109.Cho ham s6 F(x) la mot nguyén ham cua ham so f (x) = trén [0;+) thoa

mén F(O)=é+2.

a) f(r)=2""-1.

b) F'(0)=2

c) Hé s6 goc cua tiép tuyén voi dd thi ham s6 F (x) tai diém c6 hoanh do X, =% la k=2v2" -2

d) F(-1) =%+ 2cos1.
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Cau 110.Cho hams6 f(x)=2x+m va G(x)=x>+mx’+3x+m véi meR.

a) Khi m=3 thi [ f(x)dx=x"+3x+C.

b) Khi m=2 thi G(x) la mot nguyén ham cua f (x).

¢) Khi m=-1 thi I(G(x)— i (x))dx:%x4+%x3+%x2+c

d) Goi F(x) lam mot nguyén ham cua f (x) sao cho F(0)=1. Khi dé, c6 4 gia tri nguyén cua tham so
m thi F(x)>0,vxeR.

Cau 111.Cho ham sé f (x) thoaman f (x)=0 va f'(x)=4x’[ f(x)] véi moi xeR.

a) Khi f(1)=2 thi f'(1)=16

b) Ham s6 f(x) ludn dong bién trén khoang (0;-+o)

!

[«
1

d) Khi 1 (2)=- thi f(l):%.

Cau 112.Cho ham s6 y=f(x) lién tuc trén R\{-10} théa méan diéu kién: f(1)=2 va
X(x+1).£/(x)+ f (x)=x*+2x+1.

a) Khi f'(3)=1thi f(3)=-3.

b) [L.f(x)} -1

x+1
c) f(2)=3.

dx=x+2In|x|+C , v6i C la hang so.

f(x)

X

Cau 113.Cho ham sé y = f (x) c6 dao ham lién tuc trén (0;+ o) thoa man f'(x)+ =4x* +3x va

f(1)=2.
a) Khi f'(3)=1thi f(1)=8.

b) [ xf (x)]’ = 4x°% + 3%

c) Phuong trinh tiép tuyén cua do thi ham s6 y = f (x) tai diém c6 hoanh d§ x =2 lay =16x+20.
d) I f(x-1)dx=x*-2x>+x*+C , vi C I hang so.

Cau 114.Cho hams6 f (x) theaman f(x)+ f'(x)=e™ vxeR va f(0)=2.
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. . 1-¢?
a) Khi f(1)=e thi f'(1)= :
e

b) (f(x)ex),:e‘x

c) f(In2)=In2+1

d) Nguyén ham cua f (x)e* la %xz +2x+C , voi C la hiang sb.
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PHAN III. Cau trac nghiém tra 10i ngan. Mdi ciu héi thi sinh chi tra 1oi dap an.

Cau 115.Cho ham s6 y = F (x) la mot nguyén ham cia ham sé y = x*. Tinh F'(25).

Traloi: ....................

Cau 116. Mot nguyén ham cia ham s f (x) = x> +2x c6 dang F(x)=ax*+bx*. Tinh T =4a+b.
Traloi: ....................

Cau117.bé ham s6 F(x)=mx’+(3m+2)x’-4x+3 & mot nguyén ham cua ham s
f (x)=3x*+10x -4 thi gia tri thyc cua tham s6 m béng bao nhiéu?

Traloi: ....................
N N 1 « ]
Cau 118.Nguyén ham F(x) cua ham s6 f(x) = §x3—2x2+x—2024 thoa mdn F (1) =-2024. Tinh

F (0) (lam tron két qua dén hang thap phan thi nhat).

Traloi: ..................
Cau 119.Goi F(x) 1a mot nguyén ham cua ham sé f(x)=(2x—3) thoa F(O)z%. Tinh gid trj cua

biéu thac T =1log, | 3F (1)-2F(2)].
Traloi: ....................
Cau 120.Cho F(x) la mot nguyén ham cua ham sé f(x):2x+3\/§ thoa man F(1)=0. Tinh F(4).

Traloi: ....................
Cau 121.Ham s6 F(x) la mot nguyén ham caa ham so y:l trén (—o0;0) thoa mén F(-2)=0. Tinh
X

F(-2e).
Traloi: ...coovveeeeea. ..

2x-1 khix>1

3¢ -2 Khix<l’ gia st F la nguyén hamcia f trén R thoa man
X2 — ix<

Cau 122.Cho ham sb f (x) :{

F(0)=2.Giatricia F(-1)+2F(2) bang bao nhiéu?
Traloi: ....................

2x+3  khi x=>1

, _ . Gia stt F 1a nguyén ham cua ham sé f trén R
3x“+2 khi x<1

Cau 123.Cho ham s6 f(x) :{

thoa man F(0)=2. Gia tri cia F(~1)+2F(2) bang bao nhiéu?
Traloi: ...oooooeeeeenne.n,

2X+5 khix>1

e ad Khix<l’ Gia st F la nguyén ham cua f trén R thoa méan
X%+ iXx<

Cau 124.Cho ham s6 f (x) :{

F(0)=2.Giatricia F(-1)+2F(2) bang bao nhiéu?

Traloi: ....................
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2x+2 khi x>1

341 khi L Gia st F la nguyén ham cua f trén R thoa man
X* + i X<

Cau 125.Cho ham sb f(x):{

F(0)=2. Gi4 tri ctia F(-1)+2F (2) bang bao nhiéu?
Traloi oo,

Cau 126.Ham s6 F(x) la mot nguyén ham cua ham sé f (x)=sinx+cosx théa man F (%) =2. Tinh

F(ﬂ)
Traloi: ..o.ooovvvvennnen.

Cau 127.Ham s6 F(x) la mot nguyén ham cia ham sé f(x)=sinx+1 thoa méan F(%jzo. Biét

, V61 a,b,c € Z. Tinh gia tri biéu thic a+b—c.

F(Ej_ a.ﬂ+b.\/§+c
3 6

Traloi: ....................

Cau 128.Ham s6 F(x) la mot nguyén ham cua ham sé f (x)=sinx + 2cosx théa mén F(%) =0. Tinh

F(—ﬂ).
Traloi: ..ooooovvveinnnen.

Cau 129.Ham s6 F(x) la mot nguyén ham cua ham s6 f (x) =2sinx —cosx thoa man F (%) = —%.

Tinh F(—ﬂ).

Traloi: ....................

Cau 130.Biét F(x) la mot nguyén ham cia cua ham s6 f (x)=sinx va do thi ham s6 y = F (x) diqua
diém M (0;1). Tinh F(%j

Traloi: ....................

Cau 131.Cho F(x) la mot nguyén ham cia ham sé f (x)=—-—. Biét F(%+ kﬂ') =k voimoi keZ.
cos? x

Tinh gia tri cua biéu thuc T =F (0)+ F (7)+F (27).

Traloi: ....................

N

thoa man F (Ej =—. Tinh
4 2

Cau 132.Cho F(x) la mt nguyén ham ciia ham s6 f () =sinx+—
c0s?x

F (0) (1am tron két qua dén hang thap phan thir nhat).

Traloi: ....................
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Cau 133.Goi F(x) la mot nguyén ham cia ham so6 f(x)=2*, thoa mén F(O):E' Bict
2°+b

O]+ F (5. F (2020 2025) -2

, V6i a,beZ va % la phan thac téi gian. Tinh gia tri

biéu thirc a—b.

Traloi: ....................

Cau 134.Biét F(x) la mot nguyén ham cua ham sé f (x)=e> va F(0)=0. Gia tri cia F(In3) bing
bao nhiéu?

Traloi: ....................

Cau 135.Cho ham s6 f(x)=2x+e*. Goi F(x) la mot nguyén ham cua ham s6 f(x) théa mén
F(0)=2024. Biét F(2)=e*+b, véi a,beZ va % la phan thrc toi gian. Tinh gia tri bieu thirc a+b .

Traloi: ....................

Cau 136.Cho ham so f (x)=e*+2e*-2x. Goi F(x) la mot nguyén ham cua ham s f (x) thoa mén

a b
F(0)=1. Biét F(1)=2"""Zv6i a,b,c e Z. Tinh gia tri bidu thic a+b+c.
e

Traloi: ....................

Cau 137.Cho ham s6 f(x)=2"+x+1. Goi F(x) la mot nguyén ham cua ham s6 f(x) thoa mén

F(0)=1. Biét F(—l):%+ﬁ, Vi a,b,ceZ va % la phan thic téi gian. Tinh gia tri biéu thic
n

a+b+c.

TrA IO oo

Cau 138.Cho F(x)=(ax’+bx+c)e™ la mot nguyén ham cia ham sé f(x)=2x"e*. Tinh tong

a+b+2c.

Traloi: ....................

Cau 139.Biét F(x)=e*+2x* la mot nguyén ham ciia ham s f(x) trén R. Gia st G(x) la mot
nguyén ham ctiia ham sé f (2x)+coszx. Khidé G(2)-G(0)=ae’+c, a,b,ce Q. Tinh abc.
Traloi: ....................

Cau140.Cho ham s F(x)=(ax®+bx+c)e™®* 1a mdot nguydn ham caa ham  sb
f (x) = —(2x*> —8x+7)e 2. Tinh tbng a+b +c.

Traloi: ....................

Cau 141.Cho F(x) la mot nguyén ham cua ham sb f(x):ax+£2(x¢0), v6i a,b e Q. Biét rang
X

F(-1)=1F(1)=4,f(1)=0,tinhtong a+b.

Traloi: ....................
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Cau 142.Cho ham s6 y= f(x) c6 dao ham la f'(x)=12x*+2,vxeR va f(1)=3. Bié¢t F(x) la

nguyén ham cia f (x) théamdn F(0)=2, khidé F(1) bang bao nhiéu?
Traloi: ....................

Cau 143.Cho ham sé f(x) xac dinh trén khoang (0;+o), thoa man f’(x):3\/§+3i va f(1)=1.
X

Ix
Biét f(2)=a~2+b¥4+c, voi ab,ceZ . Tinhgi tri biéu thic a+b+c.

Traloi: ....................

Cau 144.Cho ham s6 f (x) thoa mén f’(x):ax2+£3, f'(1)=3, f(1)=2, f(ljz—é. Tinh gia tri
X

2
2a+b.
Traloi oo,
Cau 145.Cho ham sé f(x) xac dinh trén R\{0} théa mén f’(x):xx—tl, f(—z):g va
f(2)=2In 2—; Biét f(-1)+ f (4):@, voi a,b,ceZ va % la phan thuc toi gian. Tinh gia tri

biéu thac a+b+c.
Traloi: ....................
Cau 146.Cho ham s f(x) thoa man f'(x)=3-5sinx va f(0)=10. Biét f(n)=an+b, Voi
a,beZ va % la phan thtc téi gian. Tinh gia tri biéu thuc a+b .
Traloi: ....................
A N A 9 ~ T \ 1 - 2X 2X Ve T
Cau 147.Cho ham s6 f (x) thoa méan f(zjzo va f'(x)sin Ecos E:1. Tinh f(?j'
Traloi: ...l

Cau 148.Ham s6 f(x) c6 dao ham lién tuc trén R, thoa man: f'(x)=2024-2sin’= va

f (Ej =297 tinn £ (0).
2) 2

N | <

Traloi: ....................

Cau 149.Ham s6 f(x) co dao ham lién tuc trén R théa man: f'(x)=1+e* va f(0)=2. Biét
f(In 2):a+lnb,véi a,beZ vé% la phan thuc téi gian. Tinh gia trj biéu thac a+b .

Traloi: ...l

Cau 150.Ham s6 f (x) c6 dao ham lién tuc trén R thoa man: f'(x)=2"+ 3" va f(O):%. Bict

f(l):i+i, voi a,b,ceZ va 2, phan thie toi gian. Tinh gié tri biéu thac a+b+c.
bin2 cIn3 b
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Traloi: ..................
Cau 151.Ham s f(x) c6 dao ham lién tuc trén R, théa man: f'(x)=e>"** va f(-675)=1. Biét

_e"+be+c

3 , V61 a,b,c e Z . Tinh gia tri biéu thirc a+b+c.
e

£(0)
Traloi: ..................
Cau 152.Ham s6 f(x) c6 dao ham lién tuc trén R, thoa man: f'(x)=3"22%" va f(1)=0. Biét

f(O):ﬁ,Véi acZ .Tinhgiatri a.

Traloi: ....................

Cau 153.Cho ham s6 y = f(x) c6 dao ham la f'(x)=e"+2x+1, vxeR va f(0)=1. Goi F(x) la
~ N ) , o .z a , . La A , Le =y
nguyén ham cua f(x) thoa man F(1)=e. Biét F(O):E’ véi a,b,ceZ va o la phan thirc toi gian.

Tinh gié tri biéu thirc a+b .

Traloi: ....................

Cau 154.Cho F(x)=cos2x la mot nguyén ham cia ham s6 f (x).tanx. Biét nguyén ham cua ham sé
tan x
£(x)

tri biéu thac a—2b .

) a . - N S SU
c6 dang Etanx+C véi a, b la cac so nguyén duong, b la phan so6 toi gian va C e R . Tinh gia

Traloi: ....................

https://www.facebook.com/truongngocvy8/ Trang 36 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai 56 12 - Chuong 4 — Nguyén ham. Tich phan - Tric nghi¢m va tw lugn 4 phén cé 1oi gidgi Dung chung 3 b sdch

PHAN IV. Cau tu luan. Mbi ciu héi thi sinh trinh bay cach giai tu luan.

Cau 155.Cho hams6 y = f (x) théaman f'(x).f (x)=x"*+x*. Biét f(0)=2.Tinh f?(2).

Cau 156.Cho ham s6 y=f(x) c6 dao ham lién tuc trén doan [-2;1] théa man f(0)=3 va
(f (x))z.f’(x) =3x* +4x+2. Tinhgid tri cua f (1).

Cau 157.Cho ham s6 f(x)>0 théa man f(z)=e* va f'(x)—f(x)sinx=0 véi moi xeR. Gia tri

cua f (%) bang bao nhiéu?

Cau 158.Cho ham sé f(x) thoa man f(2)=—% va f'(x)=x[ f(x)] véi moi xeR. Giatricua f(1)

bang bao nhiéu?

Cau 159.Cho ham s6 y = f(x) dong bién trén (0;+w); y= f(x) lién tuc, nhan gia tri duong trén

(
(0;40) vathoa mén (3)=5 va [ £°(x)] =xf(x). Tinn f (8).

Cau 160.Cho ham sé f(x)>0 vdi moi xeR, f(0)=1va f(x)=+/x.f'(x) véi moi xeR. Tinh
f(3).

Cau 161.Cho ham s6 f(x) c6 dao ham cap hai trén doan [0;1] déng thoi thoa man cac didu Kién
£(0)=-1 f'(x)<0,[ f'(x)] = £"(x),vxe[0;1]. Tinh gia tri cia f'(2).

Cau 162.Cho ham sb f(x) dong bién c6 dao ham dén cip hai trén doan [0;2] va thoa mén
[f(x)] = f(x).£7(x)+[ f'(x)] =0.Biét f(0)=1, f(2)=e*. Khido f (1) bing bao nhiéu?

Cau 163.Cho ham s6 f(x) thoa man f(0)=1 va f’(x)+f(x)=e™ véi moi xeR. Gia trj cua
f (In2) béng bao nhiéu?
Cau 164.Cho ham s6 f(x) théa man f(In2)=1 va f’'(x)—f(x)=e> véi moi x e R. Gia tri cua
f (1) bang bao nhiéu?
Cau 165.Cho ham s6 y= f(x) thoa man f(0)=1 va f'(x)f(x)-sinx=0,vxeR. Gia tri cua
f?(z) béng bao nhiéu?
Cau 166.Cho ham s6 y = f (x) thoa méan f(2)=—% va f'(x)=x*f*(x) vxeR. Gia tri cua f (1)
bang bao nhiéu?

Cau 167.Cho ham s6 f (x) thoa man f(z):—% va £'(x)=x[ f(x)]" véi moi xeR. Gié trj cia

f (1) bang bao nhiéu?
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Cau 168.Cho ham s6 f(x)>0 xdc dinh va lién tyc trén R dong thoi thoa man f(O):%,

f'(x)=-e"f?(x), vxeR. Biét f(In 2)=%, voi a,beZ va % la phan s téi gian, tinh gia tri cua
a+b.

Cau 169.Cho ham s f (x)#0 théa mén diéu kién f'(x)=(2x+3)f*(x) va f(0)=—%. Biét rang

tong f(1)+f(2)+f(3)+...+f(2024)+f(2025):% véi (aeZ, beN') va % la phan s6 t5i gian.
Tinh gid tricia b—a

Cau 170.Cho ham s6 f (x) =0, lién tuc trén doan [1;2] va théa mén f (1)==; x°.f'(x)=f?(x) véi

Wk

vxe[L;2]. Tinh f(2).
Cau 171.Cho hams6 y = f (x) thoaman y'=xy* va f(-1)=1. Tinhgidtri f(2)(két qua lam tron dén
chir s6 thap phan hang thir nhat).

Cau 172.Cho ham s6 y = f (X) thoa man f (X) >0,Vx>0 va cd dao ham f’(x) lién tuc trén khoang

f(x .

(0;+00) thoa méan f’(x)—#:o,w>0 va f(l):—%. Bict f(%]:% v6i a,beZ vé% la phéan
X

s6 toi gian. Tinh gié tri ciia a+b .

Cau 173.Cho ham s y = f (x) théa mdn f(x)<0,¥x>0 va c6 dao ham f’(x) lién tuc trén khoang

0;4+0 thoa man f'(x)=(2x+1) f?(x),¥x>0 va f(1 :—l. Biét
(0;+) (x)=(2x+1) £*(x) (1)=-3

f(1)+f(2)+..+ f(2023)+ f (2024):% Véi acZ,beN" va % la phan s toi gian. Tinh gi4 tri cia
b-a.

Cau 174.Cho ham s f(x) thoa mdn f(0)=1-In2 va e*f’(x):2*[f(x)]2 voi moi xeR. Biét
f(1)=5(a+bIn2) véi abeZ va % la phan s6 i gian. Tinh gia tri ctia a—b.

Cau 175.Cho ham s6 y=f(x) dong bién va c6 dao ham lién tuc trén R théa man
(f’(x))2 = f(x)€*, vxeR va f(0)=2. Tinh f(2) (két qua lam tron dén chit sé thap phan hang thir

hai).

Cau 176.Gia st ham s y = f(x) lién tuc, nhan gia tri duong trén (0;+e0) va théa man f(1)=1,

f(x)=f'(x)~/3x, véimoi x>0. Tinh f(5) (két qua lam tron dén chit sb thap phan hang thir hai).
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Cau 177.Cho ham s6 f(x) c6 dao ham trén R thoa méan e'™ X

f'(x)

=0 véi vxeR. Biét f(1)=1,
tinh £ (e?)

Cau 178.Cho ham s6 f(x) nhan gia tri dwong va théa man f (0)=1, (f’(x))3 —e*(f (x))2 VxeR.
Tinh f(3) (két qua lam tron dén chit s6 thap phan hang thi nhat).

Cau179.Cho ham s6 y=f(x) c6 dao ham lién tuc trén R va thoa méan dicu Kién
X[ £'(x)] +27[ f(x)-1] =0,vxeR va f(1)=0. Tinhgia tri cia f(2).

Cau 180.Cho ham sé f(x) thoa man [ f'(x)] + f (x).f"(x)=x"-2x, ¥xeR va f(0)=f'(0)=1.
Biét f2(2):% V6i a,beZ vé% la phan sé toi gian. Tinh gia tri cia a—b.

Cau18l.Cho ham sb f(x) thoa man [f'(x)] +f(x).f"(x)=2x*~x+1, vxeR \a
f(0)=f'(0)=3. Giatricua [f(l)]2 bang bao nhiéu?

Cau 182.Cho ham sé f(x) thoa man [xf'(x)] +1=»x*[1—f (x).f"(x)] véi moi x duong. Bit
f(1)=f'(1)=1. Biét 2(2)=2(a+bIn2) véi a,beZ vé% la phan sb t6i gian. Tinh gid tri cia a-+b .

Cau 183.Cho ham s6 f (x) thea man f(x)+ f'(x)=2e,vxeR va f(0)=2024. Biét f(In 2):%

/o La A K g Ahs =o P s,
Véi a,beZ va b Ia phan so toi gian. Tinh giatricua a+b.

Cau 184.Cho ham s f(x) thoa man f(1)=1 va f'(x)-f(x)=2024 v6i moi xeR. Biét

1) a+be . N Tt PR
f(lnE]: Véi a,b,ceZ va a la phan so toi gian. Tinh giatricua a+b+c.
ce C

Cau 185.Cho ham s6 y = f (x) lién tuc trén R thoa man f'(x)+2x.f (x)=e*X2, vxeR va f(0)=0.

Tinh f (1) (két qua 1am tron dén chit s6 thap phan hang tht hai).
Cau 186.Cho ham s y = f (x) lién tuc trén (0;+w0) thoa man 2xf'(x)+ f (x) =3x*V/x . Biét f(l)z%.
Tinh f(4).

Cau 187.Cho ham s6 f(x) thoa man f()=4 va f(x)=xf'(x)—2x*-3x* v&i moi x>0. Gia tri cua

f (2) bang bao nhiéu?
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Cau 188.Cho ham s6 y=f(x) lién tuc trén (0;+o) thoa man 3x.f (x)—x*f'(x)=2f%(x), véi

f(x)=0,Vxe(0;+0) va f (1)=§. Goi M, m lan luot la gia tri 16n nhat, gia tri nho nhat cia ham so6

y = f(x) tréndoan [1;2]. Tinh M — m.
Cau 189.Cho F(x) la mot nguyén ham cia ham so f(x)=e* (x* -4x). Ham s6 F(x* +x) c6 bao

nhiéu diém cyc tri?

Cau 190.Cho ham s6 y = f (x). Do thi cia ham s6 y = f '(x)trén [-5;3] nhu hinh v& (phan cong cia do

thi Ia mot phan cua parabol y = ax® +bx +c ).

Biét f(0)=0, giatricua 6f(-5)+3f(2) bang bao nhiéu?
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CHUONG 4
NGUYEN HAM. TICH PHAN

BAI 1
NGUYEN HAM

1. Khéi niém nguyén ham

Cho ham s f (x) xéc dinh trén K. Ham s6 F(x) duoc goi 1a nguyén ham cia ham sé f (x) néu
F'(x)=f(x), v6imoi xe K.

Cho F(x) la mot nguyén ham ciia ham s6 f (x) trén K. Khi do:

e VV6i mdi hing s6 C, hamsé F(x)+C ciing 1a mot nguyén ham ciia ham s f (x) trén K.
e Néu G(x)la mot nguyén ham cia ham sb f (x) trén K thi ton tai hing s6 C sao cho

G(x)=F(x)+C voimoi xe K

Nhu vdy, moi nguyén ham cua ham so f (x) trén K déu c6 dang F(x)+C, v6i C Ia hing sb. Ta goi
F(X)+C,C eR laho tht cd cac nguyén ham cua hamso f (x) trén K, ki hiéu J. f(x)dx va viét:

[ fO0)dx=F(x)+C

Cha y:

e Bicu thic f(x)dx duoc goi 1 vi phan ciia nguyén hamF (x) cua f (x), ki hiéu 1a dF (x)
Vay, dF (x)=F"dx= f (x)dx

e Moihamso f () lién tuc trén K déu c6 nguyén ham trén K.

e Khi tim nguyén ham cua mot ham s6 ma khoogn chi 18 tap K thi ta hiéu 1a tim nguy@n ham cia
ham sb d6 trén tap xac dinh ctia no.

o [ F1(x)dx=f(x)+C
2. Céc tinh chat ctia nguyén ham

o [Kf (x)dx =k [ f (x)dx, véi k Ia hang s6 khc 0

OJ[f (x)+ g(x)]dx:j f (x)dx+Jg(x)dx

OJ[f (x)—g(x)]dx:jf(x)dx—Ig(x)dx
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3. Nguyén ham ciia mt ham sé so cip

Nguyén ham ciia mdt ham so so cap

Nguyén ham ciia ham so liy thira

j0dx=c

Idx=x+C

a+l

Ix“dx:

a+l

+C (a ;t—l)

an ha S oA 1
Nguyén ham ciia ham sé y ==
X

dx
I7—|”|X|+C (x=0)

Nguyén ham ciia ham sé lwong giac

Icosxdx:sinx+C

Isin Xdx=-cosx+C

jcos.2 X

jsinzx

dx=tanx+C

dx=-cotx+C

Nguyén ham ciia ham s6 mii

J.exdx=eX +C

X

a
Ina

jaxdx= +

C (0<a=#1)
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PHAN A
TU LUAN PHAN DANG TOAN

CHUDE 1

NGUYEN HAM CUA MOQT SO HAM SO CO BAN

DANG 1
NGUYEN HAM HAM LUY THUA

1. Bang nguyén ham ham sé lity thira

deXZC

de=x+C

a+l

J.x“dx: +C (a=-1)

a+l

Nguyén ham ham sé liiy thira 1 1

j—zdx =——+C
X X

J.%dX:Z\/;+C

d—)z(zln|x|+C (x=0)

Cha 'y : Dung cdng thikc sau lam triac nghiém cho nhanh
X" (n-1)x"
(ax+b)"
n+1

oj(ax+b)ndx:§ +C

3. Cong thic liiy thira:

[} —n:X
X

° Xmlxn:XfTH—n
X" _

[} —n:Xm n
X
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Bail. Tim:

a) [3xdx

d) [ x/xdx

b) [ 2/x"dx
e) [3x*¥x*dx

c) J.Z(‘/;dx
f) J'szi‘/gdx

Léi giai
X3+1
a) I4x3dx:4 +C=x+C
3+1
5
4 1 4,
b)jZ\/_dx ij =—X2+C==x"Vx+C
5., 7 7
1+1 11
_ 8.4
c)jzfdx ZIX 1 1 C_EX Xx+C
=+1 =+1
4
5
3 5 w2
d)jxﬁdx:jx.xzdx:szdx: +C==x’vx+C
5
—+1
2
10
4 10 w3
e) jszi/Fdx:Bsz.x3dx:3jx3dx:3.10 +C=—x"3x+C
—+1
3
3
3 3 4"
f)J'szi‘/gdx:ZIXS.X“dx:ZIx“dx:2. 2)(3 rCc="x4x s
—+1
4
Bai2. Tim:
2024 2 2025
dx b) | ——dx C)
s I5e Fa™
2\/}dx ) j—?’x dx f [ 4
X %/X—2 3X4
Léi giai
—5+1
) j 2024olx 2024 x *dx = 2024 cz—ﬁm
-5+1 X
—g+1
b)j dx = zjxsdx 2. X ic=6Yx+C
3 —§+1
—Z+1
4
2025 dx 2025 x ik = 20255+ C 22700 +C

x4 _Tl \/X7

https://www.facebook.com/truongngocvy8/ Trang 4

Truong Ngoc Vy 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 4 — Nguyén ham. Tich phan - Tréc nghiém va tw ludn 4 phén cé 1oi gidi Dung chung 3 b sdch

3
—7+1
2
2Jx Kix=2%" tco- 4 .c
X _§+1 \/;
2
3x ot g
3 _ I3
e)jg/fdx 3dex 3 ?1 C_4x Xx+C
1
X~/ X < X6
f) J'de:jx dx = T +C==x¥x+C
Bai3. Tim:
a) j(xz—zozs)dx b) j( +——2024]d

d) | (2024 2025 2026]d e) | (3x2—§—2\/§] dx
X X
Léi giai
3

) I(x2—2025)dx:%—2025x+c

b) | x“+%-2024jdx:1x5—i—2024x+c
X 5 X

, 3 X3
c)J. X +——1]dx:—+3ln|x|—x+C
X 3

2024 2025
d) j

2026] dx = 2024In || +£+ 2026x+C
X x?

3
) [[ 3% =2 -2Jx | dx =2 —3m|x| -~/ +C
X 3 3

C) J.( +——1jdx

N | (3& —%+2024]dx

1 P 65 3° 34
[| 3%~ =+2024 |dx = [| 3x2 ~x * + 2024 dx:gxz—Ex3+2024x+czzxf—EJx_+2oz4x+c

Ix
Bai4. Tim:
a) IZX(1+3X3)dx b) j(x—%)z dx
d) J.xz(x—z)2 dx e) J.x(l—x)3 dx

Léi giai
5

a) IZX(1+3X3)dx :I(2x+6x4)dx: X2 +6%+C

¢) [(x-3)"dx
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1Y 2 1 X3 1
b) J'(X—Fj dX:J.(X2 —;+7]dng—2|n|X|—§+C

4
c) J.(X—3)3dX:J.(X3—9X2 +27x+27)dx:)(7—3x3+%x2 +27x+C

d) J.xz(x—Z)2 dx:J.xz(x2 —4x+4)dx:j(x4—4x3+4x2)dx :§—X4+%XS+C

e) J.x(l—x)sdx:J‘x(l—3x+3x2 —xs’)dx:J.(x—3x2 +3x3—x4)dx:x—;—x3+%x4—§+c

) [(x+1)(3=x)°dx = [(x+1)(9—6x+x?)dx = [ (x* —5x% +3x +9 dx:x—4—§x +3x2+9x+C
(1) (3-x)" b= (1) € 00,3

d) Taco F(x)=]f(x :%ln|2x—l|+C

e) Taco j4X2_3dx=j2X1_3 dx:%ln2x—%+c

Bai5. Tim:

a) jzx;‘3dx b) I—Xz_ix+2dx 0) J.—th/?’;x_ldx

d) j@dx ¢) j(P’XX*lT dx ) j(j;)z dx
Lo gisi

2x* -3 , 3 2x® 3
a)J. X2 dX:J‘(ZX —FJdX:?'F;'FC

b)J' —3+2 J.(x 3+— jdx_ix —3x+2In|x|+C
X 2
)Ix +3X— 1d _I(X x+3f—i]dx—j x%+3x%—i dX_EX§+2x§_2\&+C
7 %)%
:%x2 X +2X7X = 24/x +C

2
d) dex:j(Qx—12+£]dx:gx2 ~12x+4In|x[+C
X X 2

2 2
0) j(3XX+1] dx=f(3+%] dx:I(9+g+x—12]dx:9x+6ln|x|_§+c

_1 B 4 1 2 Z f 1

f) JA(X J’X 2X+1 J. 2X3+X 3 dX:§X3 —§X3+3X3+C
%/X_z 7 2

:%XQ&—%XS x+3€/§+C
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DANG 2

NGUYEN HAM HAM LUQNG GIAC

1. Bang nguyén ham ham s6 hrong giac

Icosxdx:sinx+C

Isin Xdx=-cosx+C

dx=tanx+C

Nguyén ham ham sé lugng giac J.

cos? x

dx=-cotx+C

J'sinzx

Ch0 y: Can thudc cac cong thirc luong gidc sau:

e sin’x +cos°x =1

e tan’x = -1

cos%x

e COt’X = -1

sin?x

osinz X _ 1= CoSX
2 2

» X 14cosx
® COS" —=
2 2

= =sin®x

. X x 1. ., X X 1
® SIN—.COS— =—SINX = SIN“ —.C0S" — = —
2 2 2 2 2 4

X, X
® COSX =C0S° ——Sin* =
2 2

o COSX = 2008% X —1=1-2sin? X
2 2

Bail. Tim:

a) J'(sin X +3¢0s X )dx b) J'coszgdx c) I(sin x+cosx)2dx

2
d) J‘Zsingcosgdx X f) j(sin§+cos§] dx

J‘sinz X C0S? X

Léi giai

a) J'(sin x+3cosx)dx:J'sin xdx+3fcosxdx:—cosx+3sinx+C :
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b) _[cos j(lﬂ;osxjdx=%j(1+cosx)dx:%(x+sinx)+C.
. 2 . . . 1
c) _[(smx+cosx) dx=j(sm2x+25|n X COS X + COS” x)dx:J.(1+sm2x)dx: x—Ec052x+C.

d) IZsin X cosXdx = Isin xdx =—-cosx+C
2 2

sin? X 4+ cos® X 1
= dx:j

e)J' — —d —J‘ — > dx+I dx=tanx—cotx+C.
sin“ xcos” x sin“ x cos” x cos® X

sin? x

2
X X DX XX X)) . ~ .
ﬂj(s1n5+cos5] dX:I(sm E+2s1nzcos§+cos E]dx—j(l+smx) dx—jl dX+Isz dx

=X—-cosx+C

Bai2. Tim:
1 . o X

a) | (4x+3cosx)dx b) || 2x dx c) || 2025x —2sin? = |dx

)J.( * ) )J.( +sinzxj )J.( 2)
)

1, 1., sin 2 ) 1 tan®x

d) J'(gx —2x+Etan xjdx e) jx 1- . dx f) Ix 1+;— 2 dx

Loi giai

2

a) I(4x+3cosx)dx :%+3sinx+c = 2x° +3sinx+C .

b) J(2x+ jdx x> —cotx + C.
sin’x

c) || 2024x+2sin® = dx (2025x +1- cosx)dx_%x +X—sinx+C
2

d)J' L oxsl tan X |dx = I Lo ox il gty X0t anxac
3 9 2 2

., X
sm — 2
e)jx 1- 2 dx:j x—sin? X dx:j x—l+£cosx dx:X——§+lsinx+C
2 2 2 2 2 2
f) IXZ 1+l_tan2x dx—j(x2+x—tan2x)dx—j X2+ X+1- dx—X—3+—2+x—tanx+C
X x - - C0S°X 3 2
Bai3. Tim:
8) [ dx b) jx(2024—i3+ﬂ]dx
2 X X X
sin? X cos? X
2 2
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X x\?
(sm2+coszj
c) jxs

X3 X2024

Léi giai
1

——dx=-4cotx+C
sin‘ x

Q) [ =[x =4

. . X X 1.
sin? = .cos® = =sin? x
2 2 4

X X

2
. X X
(sm +COSj

. 1 _ 1
o) J'Xs 2 - 2 _2X+X2%24 dx:J.XS(l-FS;nX_ZX"'X2024]dxzI(l-"SInX_ZXA"'W]dX

b) jx(2024—i3+ﬂ]dx - j(2024x—i2+sin x]dx ~1012%° + £ —cosx+C
X X

X X

2 1
:X—COSX—EXS—W'FC

4
d) sz : +%—i4 dx:jx2 ;+%—14 dx = 1 L3 4
xzsinzg.coszg X X ixzsinzx X X 1 X

=4tan x+3|n|x|+§+C
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DANG 3

NGUYEN HAM HAM MU

J.exdx=eX +C
Nguyén ham ham sé mii )
‘ a
Ia dx = (0<a=1)
Ina
Chay : Dung cﬁng thic sau lam triac nghiém cho nhanh
J‘eax+bdx ax+b +C
a
ax+p
J.a”‘“'ng—la +C (0<a=1)
a Ina
Bail. Tim:
1
a) 12025 dx b) |e ™ dx c) | =dx
)] ) | ) 3
1 1 1
d)fgdx @jewdx ngzzdx
Loi giai
a) [2025" dx= 2025 |
In2025
C) J.e’X dx=—"+C
5
b)jld _I(ljdx_s— = 1 +C
3" 3 Inl *In3
3
8l
1 e
d) [=-d I(jdx— C=-—+C
e e Inl e
e
@j dx=[(e” _ic--L.c
3 Ine 3>
25" _3 25X 52X+1
dx =(5.25"dx=5——
f) I 2 I 25 = 2125~ 2In25

Bai2. Tim:
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a) j(2024*+1)dx b)J' ~3")dx c) j(z.s*—%.w]dx
d) j( ——]dx e) [8.2" " dx N [(9"-2+9~
Loi giai
a) j (2024" +1)dx = Ii%‘; +C
b) j(2e*—3*)dx=2e*—|§3+c.

5)( 7X
c 2.5 - dx=|25%dx—|=.7"dx = — C
)I( ] J I 15 37
1 1
d —— ldx==e*+=+C
)J.( j 2 X
X Al-2x 3x Al-2x X 2X 2X+1
e) [8.2 7 dx=[ 22" dx = [22"dx =2~ +C==—-+C
In2 In2
D [(9'~2+97 )k =~ 2X T4 C = _2x4C
n9 9%In9 2In3  2.9%In3
Bai3. Tim:
x+1_ x-1 _
a) [2%3dx b) j—z > i c)j &+ 2024
2
e -1 e +1 2025¢
d d e) [—=d x| 2024 — d
[5G e ) [ we( =
Loi giai
a) [2¥3dx=[8"9"dx= [ 72"dx _ 2 e
In72
5 .0
X+1 xl X - " _
b)j2 o jz(] j (ijdx:z. 5) 1\2) o2, 1
2 1 5 1 5In5 5.2%In2
In= In=
2
)I X g +2024d ZI( _1+_jdx_ 2034+c.

d)j[ ]d—j -2y, j( —2+—jdx_le“ 2x—2§2X+C.

0 [ o= (e e eape= Lot et
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e) [e [2024 _ 2025 }1 = (2024 2925, 2004+ 202 ¢

X° X
Bai4. Tim:
a) [(2+3")dx b) [ e dx c) [32.27dx
d) [(3*+5") dx e) (e +e™) dx o

Lo giai
a) I(2X+3X)dXZIZXdX+I3XdXZ|ixz+|nX3+C

3 X
€ 1
3x+2024 2024 2024 ( ) _ 3x+2024
b) J'e dx = Ie dx e —Ine3 +C—§e +C

¢) [3°2.2" " dx = [8.3"2.4"dx =18[12"dx =18 122 oo 1% .
Inl 2In2+1In3
9 2 15¢ 25" 9 2.15" 25"
+ +C= + + +C
In9 In15 In25 2In3 In5+In3  2In5

e) j(eX +e‘x)2 dx =I(ezx +2+e‘2x)dx=%ezx +2x—%e‘2X +C :%e2X

d) [(3+5") dx = (9" +2.15" + 25" )dx =

> -1 e*-1)(e"+1 e“le* —1)(e*+1 X [ ~X 2x X
ex

_leieic
2
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DANG 4
NGUYEN HAM CO PIEU KIEN

Bail. Cho F(x) la mot nguyén hamcua f(x). Tim F(x), biét:

a) f(x)=2"va F(e)=1.

b) f(x)=e* va F(0)=2025.

c) f(x)=e*(e*- 1) va F(In2)=2024.
d) f(x)=e*.3va F(I)=0.

Léi gii
2)(
Taco: F(x)=|f dx=|2"dx = C.

a) Tacé: F(x) J' (x)dx I X=i o+
Ma F(e):1<:>i+C:1<:>C:1—i nén F(x)= 2 +l—i.

In2 In2 In2 In2

i ) er er
b) Ta co: F(x):J'f(x)dx:J'e dx:lnez+C: 5 +C.
2.0 2X

Ma F(0)=2025©%+022025@cz$ nén F(x):e2 +$.

c) Ta co: F(x):j f (x)dx=je*(ex— 1)dx=j(e2x—ex)dx=%ezx—ex+c.

Ma F(In2) = 2024 @%ez'”z —e"?+C =2024 < C =2024 nén F(x) :%e2X —e*+2024.

d) Taco: F(X):J.f(X)dX:J.esx 3XdX:I(3eS)XdX: (393)X oo 3X93x N
| | n(3’)  3+In3
8 3 X 43X 3 X 43X 3
Ma F()=0o - 1C=0oC=—F penF(x)=—ot & _Fe7 -3
3+In3 3+In3 3+In3 3+In3 3+In3

Bai2. Cho F(x) la mot nguyén ham cia:

a) f(x)=x*-4x+2024.Biét F(1)=0, tinh F(0).

3

b) f(x):xxzl .Biét F(-2)=0, tinh F(2).

3-5x?

c) f(x)= . Biét F(e) =1, tinh F(2).

_14+2x%°

d) f(x) . Biét F(-1)=3,tinh F(1).

Loi giai
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a) Taco F (x)=[(x*—4x+2024) dx:%x“—sz +2024x+C.

Ma F(l):0<:>%—2+2024+C:0<:>C:_$ nén F(X)Z%X4—2X2+2024x_$_
Do do: F (0) = - 2209

4

. x* -1 1 1
b) Taco F(X):J. " dx:j(x—yjdx:x2+;+c.
Ma I:(—2)=0<:>X2+£+C:0<:>C:—Z nén F(x):x2+l_zl
X 2 X 2

Dodé: F(2)=22+2-T 1

2 2

2
c) Taco F(X):J-3—X5x dx:j(g—SXde:3ln|x|—gx2 +C.

Ma F(e):1<:>3ln|e|—ge2+C:1<:>C:ge2—2 nén F(x):3ln|x|—gx2+%e2—2.

Do do: F(l)zéez—g
2 2
2
d) Taco F(x):J.1+2X x:j(l+2x]dx:ln|x|+x2+c.
X X

Ma F(-1)=3< In|-1+(-)*+C=3< C=2 nén F(x)=In|x+x*+2.
Do do: F(1)=Inf+1*+2=3

Bai3. Cho F(x) la mot nguyén ham cia:

a) f(x)=3-5cosx. Biét F(rz)=2,tinh ng

b) f(x)=sinx+1.Biét F(%)zo,tinh F(%)

0) f(x):2024—sin2§ .Biét F(27)=0, tinh F(0).

d) f(x)=sin?>.cos > . Biét F —1.tinh | Z 1.
) f(x) 2 ;B (7) (2

Loi giai
a) Taco F(x):J'(3—5cosx) dx =3x-5sinx+C.

Ma F(r)=2<3r-5sin7+C=2<C=2-37 nén F(x)=3x-5sinx+2-3r.

Do dé: F(Ej __3m g
2 2
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b) Taco F(x):J'(sin x+1) dx = —cosx + x+C .

V3 @ V3 @

MaF|Z |20 —cosZ+Z+C= 0<:>C———— nén F( ):—cosx+x+———
6 6 6 6 2 6

Dods: F[Z]=Y3,7
2) 2 '3

c) Taco

F(x)= [ 2024 sin* 2 | ax = [ 2024~ 2= dx:j(ﬂ—lcosx]d _A4047x 1 nxec.
2 2 2 2 2 2

40472x 1 4047x 1.

Ma F(27)=0< & —58in2r+C =0 C =-4047x nén F(x)= nx—4047x .

Do d6: F(0)=-4047x

1-cosx dx:lx—lsinx+C.
8 8

1
d) Taco F sin? cos —dx—— sin? dx=—
) x)=] +Jsin % ax= [
Ma F(ﬂ')=1<:>1ﬂ'—18inﬂ'+c:1<:>C=1—17T nén F(x):lx—lsinxﬂ—lﬂ.
8 8 8 8 8 8

Dodé:F(ﬂ] 716

2)"8 8"

.. . P 2x -1 khix>1 . | . e , . , .
Bai4. Cho hamso f(x)= 3 _2 hix<l Gia sd F la nguyén ham cua f trén R théa méan
— ix<

F(0)=2.Tinh F(-1)+2F(2).

Loi giai
Ta co: J.(Zx—l)dx= X*—X+C; J.(Sx2 —2)dx= x° —2x+C,

x> —x+C,  khix>1

, . matacd F(0)=2=C,=2.
X*=2x+C, khix<l

Suyra F(x)=If(x)dx={
Mit khac ham s6 F languyén ham cia f trén R nén y = F (x) lién tuc tai x=1

Suyra: limF(x)=limF(x)=C, =1

x—1" x—1"

.Viy F(-1)+2F(2)=9.

2 i X > F(-1)=3
Khi @9, ta co F(x)z{X x+1 khlX_lsu ra{ (

x}—2x+2 khix<l

Bai5. Cho F(x)=cos2x la mot nguyén ham ciia ham s6 f (x)tanx. Tim ho nguyén ham cia ham sé

Léi giai

Taco: F'(x)=-2sin2x=—4sin xcos X
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Vi F(x)=cos2x la mot nguyén ham ciia ham s6 f (x)tanx nén:

F'(x)=f(x).tanx < —4sinxcosx = f (x).tanx < f (x)=—4cos’ x

Suyra f’(x)=8sinxcosx

tan x tan x 1
Va dx = dx = |———d
ang(x) X I X J.83inxcosx J.80052X

t'(x)

Bai6. Tim gid tri ctia tham s6 m biét F(x) la nguyén ham cua ham s6 f (x) =

dx:%tanx+c

+m-1 thoa

1
2Jx+1
mén F(0)=0 va F(3)=7.

Loi giai
Ta co:

F (x) :J'(Z\/%+m—1]dx :j(ﬁm]dx+j(m—l)dx :J'(Z\/%]d(x+l)+j(m—l)dx

=Jx+1+(m-1)x+C.

... . |F(0)=0
Theo dé bai ta co: =

C+1=0 cC=-1
F(3) 7

o .
C+3m=8 m=3

Vay m=3 khido F(x)=+/x+1+2x-1.
Bai 7. Hamsé f(x) co dao ham lién tuc trén R, théa mén:
a) f'(x)=2->5sinx va f(0)=10. Timham f(x).
b) f'(x)=2e+1va f(0)=2.Timham f(x).
Léi gii
a) Taco f(x)zj'(2—53inx)dx=2x+5003x+C.
Ma f(0)=10=C =5 nén f(x)=2x+5cosx+5.
b) Ta co: f(x):J'(Zezx+1)dx:e2X+x+C.
Suyra f(x)=e*+x+C.
Ma f(0)=2=1+C=2C=1.
Vay: f(x)=e”+x+1.
Bai8. Cho ham so y = f(x) c6 dao ham la f'(x)=6x"-2,¥vxeR va f(0)=1. Biét F(x)la mot
nguyén hamcia f(x) va F(2)=0.Tinh F(4).
Loi giai

Ta co: J.f'(x)dx =J.(6x2 —2)dx =2x*-2x+C.
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Suyra f(x)=2x*-2x+C.

Theo bairatacod f(0)=1=C=1 = f(x)=2x"-2x+1.
1
Khido: F(x)=|f(x)dx=[|(2x}-2x+1)dx==x*-x° C'.
ido (x)_[(x)xj(x x+)x2x X2+ X+
Ma F(2)=0=6+C'=0=C'=-6 suyra F(x)=%x4—x2+x—6:>F(4):110.

Vay F(4)=110.

3
Bai9. Chohamsé f(x) c6 dao ham f'(x)= 3XX+1. Khi d6 hay tinh gia tri biéu thac f (-3)+ f (3)
biét f(1)=2, f(-1)=3.
Léi giai

xX*+Inx+C,  khix>0
x*+In(-x)+C, khix<0

3
f (x):j f'(x)dx :J'3XX+1dx :j(?,xz +%]dx = +In|x|+C :{

f(l):l+C1:2:>C1:l ; f(—l):_1+C2:3:>C2:4.

x> +Inx+1 khix>0

nén f(-3)+ f(3)=2In3+5.
X°+1In(=x)+4 khix<0 (-83)+1(3)

Suy ra f(x):{

Bai 10. Timhamso y = f(x) biét f'(x)=3x"+2x-m+1, f(2)=1 va dd thi cia ham s6 y = f ()
cit truc tung tai diém c6 tung do bang 5.
Loi giai

Tach f(x)=J.(3x2+2x—m+1)dx=x3+x2+(1—m)x+C

,{f(z):l {2(1—m)+C+12:1 {m:4
Theo d¢ bai, ta co =

£(0)=-5  |c=-5 C=-5

Véy f(x)=x"+x*-3x-5
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DANG 5
NGUYEN HAM CUA HAM AN

I. Can nhé céc cong thirc dao ham ciia ham hop

o [ F1(x)dx=f(x)+C

(1 00)]

X

)
. f'x):_ 1]
() f(XJ

C0) 1, ]
'm_[sz
o £°(x)-9(0)+ f(x).9"(x)=[ f (x)-9(x)]

. f'(x).g(x)—f(x).g'(x){f(xq
9°(x)

I1. Cac dang ham an thwong gip

1. Ham 4n ¢6 dang: f'(x)- f (x)= p(x)

Phwong phap giai:

2. Ham 4n c6 dang: f'(x)=p(x)- f(X)

Phwong phap giai:

Chia hai vé véi f(x) ta duoc ff () _ p(x)

Suy ra j%dx:j p(x)dx < In| £ (x)I= [ p(x)dx

Tur déy ta dé dang tinh dugc f (x)

3. Ham an c6 dang: f'(x)= p(X)-[f (X)}n
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Phwong phap giai:
(x)=p(x)-[f(x)]

. n f'
Chia hai vé voi [f (X)} ta dugc () =p(x)

Suy ra 14d jp _(:—E:Ip(x)dx

4. Ham an ¢6 dang: u(x) f'(x)+u’(x) f (x)=h(x)
Phwong phap giai:
D& dang thiy ring u(x) f'(x)+u’(x) f (x)=[u(x) f(x)]
Do dé u(x) f'(x)+u'(x) f(x)=h(x)< [u(x) f (x)] =h(x)
Suy ra u( J'h
Tir day ta d& dang tinh duoc f (X)

5. Ham 4n c6 dang: A(x) f (x)+B(x) f'(x)=h(x) (1)

Y tuéng giai:

e Ta can nhan thém mot luong u(x) vao (1) dé tao thanh u'(x) f(x)+u(x)f'(x)=u(x).h(x) va

l0c nay:

u'(x) f(x)+u(x)f'(x)=u(x).h(x)

=[u(9(4] ~u(9 (3

:>J.[u(x)f x)] dx = ju() (x)dx
h

e Céach tim u(x)

u(x)dugc chon sao cho :{

)
u(x)=B(x)

IA(X) dx
B(x)

X)dx:>ln‘u X)| = IA( )dx:u() e

B(x)
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Dung chung 3 bg sdch

+ Buwéc 2: Nhan u(x) vao (1) = f(x)=

Hai dang dic biét caa (1)

o f'(x)+ f(x)=h(x)

Phwong phap giai:

Nhan hai vé véi e* ta duge e*- f'(x)+e”-

Suyra e*- f (x) :J'ex-h(x)dx

Tur day ta dé dang tinh duge f ()
o f'(x)—f(x)=h(x)

Phwong phap giai:

Iu(x).h(x)dx
u(x)

f(x)=e*-h(x)= [ f(x)] =¢"-h(x)

Nhan hai vé véi e ta duge e - f'(x)—e™ f(x) =™ -h(x) < e - f (x)]' =e*-h(x)

Suyra e f(x) =J‘e’x.h(x)dx

Tur day ta dé dang tinh duge f ()

Bai 1.

Ta co:

f'(x).f(x)

X2

Cho hamso f (x) thoa mén: f'(x).f (x)=x* véimoi xeR va f(0)=+2024 . Tinh f*(1).

Loi gidi

2 ’
<:{—f (X)} =X
2
2
:>f (X):J.xzdx
2
2 3
:>f (X):X—+C.
2 3
Do f(0)=+/2024 nén: %24=C:>C=1012
2 3
BN CI ST
2 3
2
Vay f (1)=3+1012:> f2(1)=%.
2 3 3
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X

Bai2. Cho ham sé f(x) thoa man f(In2)=0 va f'(x)=—

f(x)

voi moi xeR. f(x)=#0. Tinh

Loi giai

Do f(In2)=0nén: 0=e"*+C=C=-2

2
= (X):eX—Z
2

2
Vay f2(0)=1—2:>f2(0)=—2.

B&i3. Chohamsb f (x) thoaman f(e)=1va xf'(x)=[ f(x)] voimoi xeR. Tinh f(e).
L i giai

xt'(x)=[ f(x)]

IR
[FOl
SOk

= —— —_

f(x) X

)

:>— [ ——
f(X) X

S N £ 9
f(x) X

:>——£—-:—4n|xL+C
f(x)

Méf(ﬂzlzﬂz—mM+C:>C:2
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:i:—ln|x|+2
f(x)
Do do: L:—In‘e3‘+2: f(eS):—l

f(e)
Bai4. Cho ham s6 y= f(x) dong bién trén (0;+); y = f(x) lién tuc, nhan gia tri duong trén
(0;-+50) v thoa man f(3)=g va[£:(x)] =x.f(x). Tinh £ (1).
Loi gidi
Ta co voi Vxe(0;+0) thi y=f(x)>0; x+1>0.
Hamso y = f (x) dong bién trén (0;+e0) nén f'(x)>0,Vx & (0;+x).

Do d6

= [T -2 208

3
= f (x):(%ﬁ+2_:\/§]

suyra f(1)=4-243.
Bai5.  Gid st ham s6 y=f(x) lién tuc, nhan gia tri duong trén (0;+e0) va théa man f(1)=1,
f(x)=f'(x)~/3x, véi moi x> 0. Tinh f(4).

L i giai

Taco:
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f(x)= f'(x)~/3x

LI
f(x) /3x
:Inf(x):%I%dx

:Inf(x):ix/;+c

NE

2
2 e
- f(x):eﬁ e

i+C 2
Ma f(1)=1nénl=e”®* —=C=-—
(1) 7

2 r2

= f(x)=eB B

Suy ra f(4):eéﬁ_é :e%.
Bai6. Cho ham s& f(x) thoa man [xf'(x)] +1=x[1-f (x).f"(x)] véi moi x duong. Bit
f(1)=f'(1)=1. Tinhgidtri f*(4).

Léi giai

Ta co: [xf’(x)]2 +1=x? [1— f(x).f (x)] x>0

e[ ()] +1=x[1- £ (x).£"(x)]

N +%:1_ f(x).17(x)
=[]+ (00700 =1
S[H(x.1(x)] =12

Do dé: I[f (x).f (x)] dx :J.(l—%j.dx: f(x).f'(x)= x+%+C.

Vi f(1)=f'(1)=1=1=2+C < C=-1.
Nén Jf(x).f '(x).dx=j(x+%—lj.dx <:>J f (x).d(f(x))=j(x+1—1).dx

X
2 2
:>f—(X):X—+InX—X+C.

2 2

Vi f(1)=1:>%=%—1+c < C=1.

2 2
Viy fT(X)z%Hn X—Xx+1=> f2(4)=10+4In2.
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Bai7. Cho ham s6 y=1f(x) lién tuc trén R théa man (x+1)f'(x)+f(x)=x, ¥xeR va

f (0)=2024. Tinh f(2).

Léi gii
Taco
(x+1) f'(x)+ f (x)=x

< (x+1) f’(x)+(x+1)’ f(x)=x

Vi f(0)=2024 Nén (0+1) f (o):%mc = C =2024

= (x+1) f (x):%xz +2024

= (2+1)1(2) :%.22 +2024
= 1(2)-22
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PHAN B

TRAC NGHIEM VA TU LUAN TONG HQP GOM BON PHAN

PHAN I Céu tric nghiém nhiéu phwong 4an lya chon. Mdi cAu héi thi sinh chi chon mdt phuong
an.

Caul. Chohamsd F(x) 1a mot nguyén ham cia ham sé f(x) trén K. Céc ménh dé sau, ménh dé ndo

sai.
A [ 1(0dx =F(9+C. B. (] F(0dx) = (.
C. ([ o) = £(0). D. ([t (dx) = F'(x).
Loi gidi
Chon C

Tach I f(x)dx=F (x)+C < F'(x) = f (x) nén phuong 4n A, B, D dlng.
Cau 2. Nguyén hamciahamsé f(x)=2x+6 la
A x*+C. B. xX*+6x+C. C. 2x*+C. D. 2x* +6x+C.
Loi gidi
Chon B.
I(2x+6)dx:x2+6x+C
Céu 3. Ixzdx bang
A. 2x+C. B. =x*+C. C. xX*+C. D. 3x*+C

Lo giai

Chon B.

Taco szdx:lx%c.

3
Cau 4. Nguyénhamcuahamso f(x)=2x+4 la
A. 2x* +4x+C. B. X* +4x+C. C. x*+C. D. 2x*+C.

Lo giai

Chon B.

Taco J.f(x)dx=J.(2x+4)dx=2‘[xdx+4J‘dx=x2+4x+C.

Cau5. Nguyén ham cua hamsé f(x)=3x*+1 1a

3
X
A xX*+C B. §+X+C C.6x+C D. x*+x+C

Loi giai
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Chon D.

I(sz +1)dx: x> +x+C.

Cau 6. Chohamsd f(x)=x?+4. Ménh dé nao sau diy dang?

A [ f(x)dx=2x+C. B. [ f(X)dx=x"+4x+C.
3

C. jf(x)dx:%+4x+c. D. [ f(x)dx=x+4x+C.

Loi giai

Ta co: f(x):x2+4:>jf(x)dx=%3+4x+c

Cau 7. Nguyén hamcuahamso f(x)=x*-2 la
AJ dx 2x+C. BI :——2x+C
CI x)dx = X* —2x+C. DI x)dx = x*—2x+C.

Loi giai

Chon B.

TacoJ. X)dx = Ix —2 dx = Ixzdx Zfdx:—3—2x+C

Cau 8.

Nguyén ham cua hamsé f (x)=x>+x la

A.%x4+%x2+c B. 3x*+1+C C. x*+x+C
Loi gidi
Chon A.

I(x3+x2)dx :%x4+%x2+c.

Cau 9. Nguyén hamcuahamso f(x)=4x*-2024 la

A. x*—2024x+C. B. 4x* —2024x +C. C.12x*+C.

Dung chung 3 bg sdach

D. x*+x*+C

D. x*+C.
Lo giai
Chon A.
Ta c6 j (4x° - 2024)dx = x* — 2024+ C.
Cau 10. Nguyén ham ciahamsé f(x)=x"+x Ia
A.gx5+1x3+C B. x*+x*+C C.x°+x*+C. D. 4x®* +2x+C

Loi gidi
Chon A.
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1 1
f(x)dx=[(x*+x*)dx==x>+=x*+C.
JF)dx=[(x"4x)dx =25 42
Cau 11. Cho hamso f(x)=3x"+2x. Trong cac ham s6 dudi day, ham s6 nao 1a mot nguyén ham cua

f(x) trén R?

3 2

A F(x)=x*+x*-4. B. FZ(X):§+?. C. R(x)=x*-x*+1. D. F,(x)=3x"+x%.

Loi giai
Chon B.
Taco: F'(x)=3x*+2x; F(x)=x*+x; Fj(x)=3x*—2x; F, (x) =9x* + 2x.
Suyra: F'(x)=3x*+2x=f(x).

Vay F,(x)=x’+x* -4 la mot nguyén ham cua f (x)=23x"+2x trén R.

Cau 12. Nguyén ham caa ham s f (x) = %xs —2x*+x~-2024 la

1 2 2 2
A —x Sl e B.3x4—3x3+x——2024x+c.
127 37 "2 9" "3 "2
2 2
e Ly 20, X sooaxic. D. 15425 X ooaxsc.
127 3" 72 9" 3" "2
Loi gidi
Chon C.
Xn+l
Str dung cong thirc J. X”dX:n +C ta dugc:
4 3 2
j(lxtzxz+x—2024)dxzl.x——z.x—+x——2024x+c:ix4—3x3+1x2—2024x+c.
3 374 32 127 3772

Cau 13. Nguyén ham cua hamso f (x)=5x*-8x°-6x la

A. F(x):x5—2x4—3x2+C. B. F(x):xS—x4—x2+C.
C. F(x):x5—4x4—2x2+C. D. F(x):x5+2x4—3x2+C.
Loi gidi
Chon A.

Taco F(x)zj.(5x4—8x3—6x)dx= x° —2x* —=3x*+C..
Vay mot nguyén ham cua ham so f (x) la F(x)=x®-2x*-3x*+C..

A N 1 s g : SR A s
Cau 14. Cho ham s6 f(x)=x——=. Trong cdc ham so dudi ddy, ham s6 nao la mot nguyén ham cua

Jx

f(x) trén (0;+x)?
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x? x?
A. Fl(X):?'i'\/;. B. FZ(X):?—\/;.
x> x>
C. F3(X):?+2\/;. D. F4(X):?—2\/;.
Loi giai
Chon D.
, 1 1 1 , 1
Taco: F (X)=x+——; F(X)=Xx———; F/(X)=Xx+—; F, (X)=X———.
1( ) \/; 2( ) 2\/; 3( ) \/; 4( ) \/;
' 1
Suyra; F, (x)=x——= f(x).
y 2 (X) x (%)

2
Vay F4(x):x?—2\& la mot nguyén ham cua f (x)= X— o trén (0;+x).

Jx
Cau 15. Cho ham s6 f(x)=3+=. Trong cic ham s6 dudi day, ham so6 nao la mot nguyén ham cua
X

f (x) trén (0;+wx)?

A. Fl(x)=3x—i. B. F,(x)=3x+Inx. C. F3(X)=3X+i. D. F,(x)=3x-Inx.

NG X

Loi gidi
Chon B.

Ta co: Fl'(x)=3+%; Fz'(x)=3+§; Fs'(X)=3—X£; F (x)=3-=.

Suy ra: Fz'(x)=3+§: f(x).

Vay F,(x)=3x+Inx la mot nguyén ham cia f(x)=3+§ trén (0;+x).

A N A1 . g 3
Cau 16. Tim nguyén ham cia ham s6 J(xz - 2\/§jdx.

3 3
A.X—+3In|x|+£\/F+C. B.X—+3In|x|—ﬁ\/F+C.
3 3 3 3
3 3
C. %+3lnx—g\/?. D. %—3ln|x|—g\/F+c.
Loi gidi
Chon B.

Ta co; J(xz +§—2\/§jdx=%x3+3m|x|—§\/;+c.

Cau 17. Ho nguyén ham cua ham sb f (x)=3v/x + x** I

2023 1

A.\/;+ +C.
673

2024
X

B. —+ +C
Jx 2025
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D L +6054x*%* + C.

2025 NN

Loi giai

2025
C. 2\/7 +

Chon C.

3
2 52025 ¥ 2025

1 X
Ta co: J'(3\/;+x2°24)dx :I[3x2 +x2°24de 3 XX ic- 24 X3 +
3 7 2025

2

Cau 18. Biét F(x)=x>+=+1 la mot nguyén ham cua ham so f(x) trén mién (0;+). Khang dinh
X

nao sau day la dang?

A. f(x)=1x4+lnx. B. f(x)=3x2—i2.
4 X
2 1 1.,
C. f(x)=3x +7. D. f(x)zzx +Inx+x+C.
Loi giai
Chon C.

Taco F(x)=x3+§+1 la mot nguyén ham cia ham s6 f (x) trén mién (0;+w0) nén F'(x)= f(x) V6i

X 2

moi x & (0;+00) ma F’(x):(x3+1+1j :3X2_xi'

» 1 . .
Cau 19. Biét J(2—+ xsjdx=aln|x|+bx6+c Véi (a,b € Q,C eR). Tinh a*+b?
X

A2 B.9. c. L. D. L.
12 13 6
Loi gidi
Chon A.
1
Tacé_[ — +x° |dx =—In|x|+ x® +C nén a—1 bzlza +b—£+1=i
2X 2 (3] 4 6 12

Cau 20. Ham s nao trong cac ham s sau day khong 1a nguyén ham cua ham sé y = x*%%2?

2023 2023 2023

AX 41 B. X . C. y=2022x"2 D. X 1.
2023 2023 2023
Loi gidi
Chon C.

X2023
Ta co: Ix2°22dx =
2023

+C, C la hang sb.

Nén cac phuong an A, B, D déu 1a nguyén ham ciia ham sb y = x**%.

Cau 21. Ho nguyén ham ciia hamsé f (x)=(x+1)(x+2) la
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X 2,
A. 2x+3+C. B. ———x“"+2x+C.
3 3
3 3
C.X—+gx2+2x+C. D.X—+§x2+2x+C.
3 3 3 2
Loi gidi
Chon D.

3
Tach If(x)dx:f(x+l)(x+2)dx:f(x2+3x+2)dx:%+%x2+2x+C.

Cau 22. Tim nguyén F (x) ciahamsé f (x)=(x+1)(x+2)(x+3)?

4

A. F(x):%—6x3+%xz—6x+C. B. F(x)=x"+6x’+11x*+6x+C.
x* 11 ,
C. F(X):?+2x3+5x +6x+C. D. F(x)=x°+6x*+11x*+6Xx+C.

Lo giai
Chon C.
Taco: f(x)=(x+1)(x+2)(x+3)=x>+6x"+11x+6

4
= F(x)=j(x3+6x2+11x+6)dx= %+2x3+%x2 +6x+C.

Cau 23. Ho cac nguyén ham ciia ham s6 y = x(x +1)5 la

7 6
A. (X;l) +(X;1) +C. B. 6(x+1)5+5(x+1)4+C.
7 6
C. 6(x+1)°—5(x+1) +C. p. L) () o

7 6
Loi giai
Chon D.
Taco y= x(x+1)5 =(x+1—1)(x+1)5 =(x+1)6 —(x+1)5

7 6 6 5
Kiém tra F(x):(x;l) _(Xgl) +C tach F'(X)J(X;l) _G(Xgl) = (x+1) — (x+1)

Cau 24. Tim nguyén ham caa ham sé f (x)=(5x+3)’.

6 4
(5x+3) .C. D (5x+3)

A. (5x+3)°+C. B. (5x+3)*+C. C.
30 30

+C.

Loi gidi
Chon C.

6 6
EM'FC :M+

f(x)=(5x+3) = [ f(x)dx =] (5x+ 3) dx=2 0 +C
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A N A Ls . . 2
Cau 25. Tim nguyén ham cia ham s6 f (x) = x? toz

2
A. — C. B. ———+C.
J. + + J. X+
X} 1
C.J.f(x)dx=§—;+c. D. J. —+ +C.
Léi giai
Chon A.
3
Taco J.(x2+£2]dx:x——g+c.
X 3 X

Cau 26. Trén khoang (0;+), cho hamso f (x)=x2 . Ménh dé ndo sau dy ding?

AJ. dx—gx2+C j dx jfdx

5

C. I dx:gx2+C D. I dx:—x2+C
5
Loi giai
2
TacoJ. dx Ixzdx_gx2+C

Cau 27. Tim nguyén ham cua ham s6 f (x)=x"*%*.

«/M—l V2024 +1
A. dx = +C. B. dx X +C.
I \/202 -1 I
C. [ f(x)dx=+2024x"2**1.C D. _ 1 e
I I V2024 +1
Loi giai
Chon D.
1
Ap dung c6ng thirc nguyén ham co ban suy ra J' x)dx = W oo
\/—+1
. X' +2 .
Cau 28. Chohamsé f(x)= . Ménh dé nao sau day dung?
x* XX 2
A. ———+C. B. | f(x)dx=—+—+C.
I 3 I ( ) 3 X

C. If(x)dx:j(x2+£]dx. D. J.f(x)dX=X—3—E+C.
x? 3 X
Loi gii
Chon D.

Ta co: J. X ) dx J'X +2 j( jdx——s—é +C.
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4
Cau 29. Tim ho nguyén ham caa ham sb f(x):5+§X .
X
5 2x* 5
A. :—+ +C. B. | f(x)dx=——-—=+C.
J. X J. ( ) 3 X
C. j :—+5Inx +C. D. j x)dx = 2x° : S.c.
X
Léi giai
Chon B.
TacoI X)dx = I(Zx + 5]dx 2L—E+C.
X 3 X
Cau 30. Tinh j xxy/xdx .
4 8 8 4
A —x8x" +C. B. —x¥/x" +C. C. —x¥x+C. D. —x¥x+C.
5 \/— 15 \/— 15 15
Léi giai
Chon B.

Jxdx = xxzdx \/;dx x8dx_ 7+1 zixlé/Tm
Jualalx IV J J 15

\/;—Zi/?+ldx

4/x
A. XW—ZX%+W+C. B. —x\/— 1\/_+ \/_+C
fo 1\/_ I +C. D.%xé&—zx%%%m.

Loi giai

Cau 31. Tinh j

Chon B.

1 2 1 2
J'\/;—Zf/?ﬂdx Ixz 2x3+1 _I X2 2x5 1

{1/_ 1 —1'|'—1 dX
X x4 x4 X+ x4

:J‘(x‘l‘ x12+x4]dx_—xf 1\/7+ \/7+C

Cau 32. Khang dinh nao day sai?

A. Isinx dx =—cosx +C. B. Icosx dX=—-sinx+C.
C. Icosx dx =sinx+C. D. Icosx dx =—tanx +C.
Loi giai
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Chon B.

Ta co: |cosx dx = —sinx +C

Cau 33. ChoJ. X)dx =—cosx+C. Khang dinh nao duéi day diing?
A. f(x)=-sinx. B. f(x)=-cosx. C. f(x)=sinx.
Loi giai

Ap dung cong thirc [sinx dx = —cosx+C . Suyra f (x) =sinx.

D. f(x)=cosx.

. . T
Cau 34. Hamso F(x)=cotx la mot nguyén ham ciia ham so6 nao dudi day trén khoang (O; Ej

1 1 1 1
A. f (x)= : B. f,(x)=- . C. f,(x)= : D. f,(x)=- .
2 (X) sin? x 1 (%) cos? x «(x) cos? x (%) sin? x
Loi giai
Chon D.
T ,
Cé J' =—cotx+C suy ra F(x)=cotx trén khoang (O;Ej & mot nguyén ham cua ham so6
sm X
1
f.(x)=-
(%) sin? x

Cau 35. Chohamsé f(x)=1+sinx. Khang dinh nao duéi dy ding?
A JE(x B. [ f(x
C.Jt(x D. [ #(x

Loi giai

dx X—C0sX+C.

dx X+cosx+C. dx cosx+C.

Chon A.

Taco If X dx:j(1+sinx)dx:Ildx+fsinxdx:x—cosx+C.

Cau 36. Chohamso f(x)=1-
A (x
C.Jf(x

. Khang dinh nao dudi ddy ding?

B [ 1 (x
. [1(x

Loi giai

cos® X

dx X+tanx+C.

dx Xx—tanx+C.

Chon C.

Jf (x)dx:j(l— c0312 X)dx: X—tanx+C.

Cau 37. Nguyén ham cua ham so f (x)=3cosx — 4sinx la:

A. 3sinx—4cosx+C. B. —3sinx+4cosx+C.

dx X+sinx+C.

dx X+cotx+C.

dx X—cotx+C.

https://www.facebook.com/truongngocvy8/ Trang 9

Truong Ngoc Vy 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 4 — Nguyén ham. Tich phan - Tréc nghiém va tw ludn 4 phén cé 1oi gidi Dung chung 3 bg sdch

C. 3sinx+4cosx+C. D. —3sinx+4cosx+C.
Loi giai
Chon C.
If(x)dx:j(3cosx—4sin x)dx:3fcosxdx—4jsin xdx =3sin x—4cosx +C.

Cau 38. Nguyén ham caa ham sb f(x)=25inx+sin2x la:
A. -2cosx—3cotx+C. B. 2cosx—-3tanx+C.
C. —2cosx+3cotx+C. D. 2cosx—3cotx+C.
Loi giai
Chon A.
Ta coj dx J(25|nx+ jdx 2j5|nxdx+sj X =-2cosx—3cotx+C.
sin? x sin? x

Cau 39. Ho nguyén ham ciia ham sé f (x)=cos x+6x la

A. sinx+3x*+C. B. —sinx+3x*+C. C. sinx+6x*+C. D. —sinx+C.
Léi giai
Chon A.
TacoJ' X)dx = Icosx+6x)dx sinx+3x*+C.

Cau 40. Tim nguyén ham cia ham s6 f (x)=2sinx+3x.

A. J'(Zsinx+3x)dx:—2cosx+%x2+C B. I(Zsinx+3x)dx:2cosx+3x2+C
C. j(Zsinx+3x)dx:sin2x+gx+C D. j(25inx+3x)dx:sin2x+%x2+C
Loi gidi
Chon A.

J'(Zsinx+3x)dx:—2cosx+§x2 +C

Cau 41. Tith'(x—sin X )dX.
X2 X2 X2 X2
A. —+sinx+C. B. ——cosx+C. C. ——=sinx+C. D. —+cosx+C.
2 2 2 2
Loi giai
Chon D.

2
Tacod I(x—sin x)dx = X?+cosx+C.

CAau 42. Ho nguyén ham cua hamsb f (x)=3x*+sinx la

A. x> +cosx+C. B. 6x+cosx+C. C. x}*-cosx+C. D. 6x—cosx+C.

Loi giai
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Chon C.

Taco j(3x2+sin x)dx:x3—cosx+C.

Cau 43. Ho nguyén ham ciia ham s f (x) =£+sin x la
X

1
A. Inx-cosx+C. B. —— —cosx+C. C. In|x|+cosx+C.
X

Loi gidi
Chon D.

Tacoj X)dx = j( +smxjdx I dx+jsmxdx In|x|—cosx+C.

1

D. In|x|—cosx+C.

Cau 44. Chohamso f(x)==+ . Chon khang dinh dung;
X €0S? X
A. J. x)dx = In|x|+tanx+C . B.J.f(x)dx=lnx+tanx+C.
CI x)dx =Inx + tan|x|+C . DJ' x)dx = In|x| + tan x.

Loi gidi
Chon A.

Tacoj X)dx = J( jdx:ln|x|+tanx+C
X €0s%X

Cau 45. Cho hamsé f(x) = [ cosgsing. Khéng dinh nao duéi day ding?

A, jcosisinizisin X+C . B. jcosisinizicosx+c
2 2 2 2 2 2
X . X 1. X . X 1
C. J'cos—sm—:——sm x+C. D. jcos—sm—=——cosx+C
2 2 2 2 2 2
Lo giai
Chon D.

jcosisinizifsin xdx:—lcosx+C
2 2 2 2

Cau 46. Tim nguyén ham F (x) cuahamso f(x)= coszg

A F(x)=2005+C B, F(x):%(1+sinx)+c
C. F(x)=2sin>+C D. F(x):%(l—sinx)+c
Loi gidi
Chon B.

. 1+cosx
Taco: f(x)=cos’ E:>F jcos j

1 1 )
dx :Ej(1+ cos x) dx :E(l+sm x)+C
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. . X .
Cau 47. Nguyén ham cua ham so f (x) = 2c052§ la:

A. 4cos§+C. B. Xx+sinx+C. C. 25in2§+C. D. %cos3§+c.

Loi gidi
Chon B.

Taco_[ dx j2cos —dx Il+cosx)dx Idx+jcosxdx_x+5|nx+c

Cau 48. Nguyén ham cua ham so ¢6 f (x)=tan®x +cot® x la:

1 1
A. 2tanx +2cotx + C . B. gtan3x+—cot3x+C.
C. tanx+cotx—2x+C. D. tanx—cotx—2x+C.
Loi giai
Chon D.

TacoJ. dx J.tan xdx+J.cot xdx = J.1+tan X — 1 dx+J 1+cot X — 1)d

1
:J(coszx_ljdwrj(sm x_ljdx -[cos de+IS|n de—zjdx

=tanx—cotx—-2x+C.

2
Cau 49. Nguyén ham cia hamsb f(x)= (cos§+sin§j la:

A. sini—cos§+C. B. x—cosx+C.
2 2
X x X X
C.|sin—-cos—| +C. D. sin—+cos—+C.
2 2 2 2
Loi gidi
Chon B.

Tacoj dx I(c052+sm jdx I(cos 2+sm E+2cosE sz]d

:I(1+sinx)dx=J'dx+J.sinxdx=x—cosx+C.

COS2X

Cau 50. Tim _[— dx
sin?x.cos?x
A. cosx +sinx+C. B. —cosx —sinx+C.
C. —cotx —tanx +C.. D. cotx —tanx +C.

Loi gidi
Chon C.
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2 A2
T = oot @1 gasny ox=com-amsC.
Cau 51. Nguyén ham caa ham sé y = tan?x 1a
A. tanx—x+C. B. —tanx—x+C. C. —tanx+x+C.
Lo giai
Chon A.

Taco Jtanxdx j( —ljdx=tanx—x+C.

COS*X
Cau 52. Khang dinh nao duéi day dung?
A jexdx=xeX+C. B. jexdx=ex+1+C. C. jexdx=—ex+1+C.
Loi giai
Taco Iexdx =e"+C.
Cau 53. Ho nguyén ham ctia ham sé f (x) = e* 1a ham sb nao sau day?

A. 3e*+C. B. le3X+C. C. 1eX+C.
3 3
Léi giai

Chon B.

3\ «
Céach 1:Ie3xdx:f(e3)xdx:%+c :%+C

Céch 2: Trac nghiém j e¥dx = %e” +C, v6i C 1a hang sd bat ki.

Cau 54. Nguyén ham caa ham sé y =e** 14

A. 2%ty C. B. e +C. C. %e2“+C.
Loi gidi
Chon C.
ez X 2x-1
Céch 1: J'ez“dx Ie )dx=e ( )2+C:e +C
"Ine 2
1

Céch 2: _[ e dx = j e?d(2x-1)==e*"+C.

Cau 55. Chohamsé f(x)=1+e". Khing dinh nao dudi day dung?

AJ. dx X+xe1+C. BJ' dx 1+e*+C.
CJ. dx X+e*+C. DJ' dx 1+ xe*”
Loi giai
Chon C.

D. tanx+ x+C.

D. jexdx=ex +C.

D. 3e¥* +C.

D. 1eX+C.
2

+C.
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TacoJ. dx J'1+e dx Xx+e*+C.

Cau 56. Cho hamsd f(x) =e* +2. Khang dinh nao duéi day 1a ding ?

A [ f(x)dx=e?+C. B. [ f(x)dx=€"+2x+C.
C. [f()dx=e"+C. D. [ f(x)dx=e"-2x+C.
Loi giai
Chon B.

Ta cé: J'f(x)dx:J'(eX +2)dx =e* +2x+C

Cau 57. Ho nguyén ham ciia ham s f (x)=e* —2x la.

1
A. e+ x*+C. B.e*—x*+C. C. —1ex—x2+C. D.e*-2+C.
X +

Lo giai
Chon B.
Ta co: J.(ex —2x)dx=eX —x*+C

Cau 58. Chohamsé f(x)=e"+2x. Khang dinh ndo duéi day dung?

AJ' dxe+x+C BI dxe+C
CI dx e*—x*+C. DI dx e* +2x* +C.
Loi giai
Chon A.

TacoJ' x)dx = J'e +2x)dx e +x2+C.

Cau 59. Cho hamséd f(x) =1+e?. Khang dinh nao duéi day dung?

A. J'f(x)dx:x+%ex+c. B. [ f(x)dx=x+2e"+C.
1 2X 2X
C. jf(x)dx:x+5e +C. D. [ f(x)dx=x+e"+C.
Loi giai
ChonC.

Ta céj(1+ e?)dx = x+%e2X +C.

Cau 60. Hamsd F(x)=x*+e* +2024 [a mot nguyén ham ciia ham sb

3
A. f(x):%—%e‘zx+2024x. B. f(x):2x+2e‘2X+2024.
C. f(x)=2x—2e+2024x. D. f(x)=2x-2e>.
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Lo gidi
Chon D.
Ham sé F (x)=x"+e™ +2024 la mot nguyén ham ciia ham s6 f (x)=(x*+e™ + 2024)’ = 2x—2e7,

3
~ \ 4 X X 1A A A Y 5 Y A \ A
Cau 61. Hamso F(x)= 3 +e” la mot nguyén ham cia ham so f (x) nao sau day?

A. f(x)=x*+e". B. f(x)=3x"+e". C. f(x):x—+ex. D. f(x)=—+¢".
Loi gidi
Chon A.
Hamso F(x) la mot nguyén ham cia hamsé f (x) < F'(x)= f(x).

!

3
> A AN \ X
Suy ra ham so6 can tim la f(x):(?+exj =x*+e*.

Cau 62. Mot nguyén ham cia ham sé f (x)=e>" - 2x° 1a

3x+1 3x+1

3+l _ 9,3 3x+1 _ 3
A S o B.E . c & - p. & =X
3 3 3
Loi giai
Chon C.
If(x)dx:I(e3x+1—2x2)dx:lj.e3“1d(3x +1)—Ex3 :M.
3 3 3
Cau 63. Két qua I(x+e2°2°X)dx bing
X2 eZOZOX 2020x 2020x 2020x
A —+ +C. B. x*+ +C. C. x*+ +C. D. x+ +C.
2 2020 2020 2020 2020
Loi giai
Chon A.
X2 eZOZOX
Taco J'(x+e2°2°*)dx:—+ +C.
2 2020
Cau 64. Tim nguyén ham cta ham sé f (x)=¢" [2017— 2015.:>e‘ ]
X
A. [ f(x)dx=2017¢" 20418+C. B. [ f(x 2018+C.
X
C. [ f(x)dx=2017¢" 2043 e D. [ f(x)dx=2017¢" 045 e
x* X
Loi giai
Chon C.
If(x)dx:jeX[2017—201858_ ]d I(2017 X——2018jd X = 2017¢" 50‘t5+c
X x° X
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Cau 65. Ho nguyén ham ciia ham sb y =e* [2+ ¢ . J la
cos® X

A. 2e* +tanx+C B. 2e* —tanx+C C. 2e*—i+c D. 2e*+i+c
COS X COS X

Loi gidi
Chon A.

. e 1
Tach: y=e*| 2+——— |=2¢"+—
COS* X COS® X

Jydx=J 2e" + ! dx=2e* +tanx+C.
cos® X

Cau 66. Tim nguyén ham cta ham sé f (x) =e‘X[2 48 J

cos*X
A. F(x)=—§+tanx+c. B. F(x)=2e"-tanx+C.
C. F(x)z—e—zx—tanx+C. D. F(x)=2e™ +tanx+C.
Loi giai
Chon A.

Taco F(x):fe‘X 2+ ¢ dx:j 2e " + 1 dx:—2e‘x+tanx+C:—£+tanx+C.
cos*X cos? X e*

Cau 67. Tim nguyén ham cia ham sé f (x)=7".

7x 7x+l
A [Tdx=——+C B. [7dx=7""+C C.[T'dx=——+C  D.[7dx=7"In7+C
In7 X+1
Léi giai
Chon A.
Ap dung cong thirc J.aX dx = Ia +C ,(0<a=1)
na
Cau 68. Nguyén ham ciahamsé y=2" la
x x x 2 X 2"
A [2'dx=In22"+C. B.[2dx=2"+C. C.[2dx="2+C.  D.[2'dx=—"—+C.
In2 X+1
Léi giai
Chon C.
Do theo bang nguyén ham: I a*dx =2 +C.
Ina
Cau 69. Mot nguyén ham ciia ham s f (x) =2025" la
A. F(x)=x2025"". B. F(x)=2025.2024".
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C.F(x)= 2025"
' " In2025°

D. F(x)=2025"1n2025.
Léi gidi
Chon C.

2025"
+
" In2025

Ta co: J' dx I 2025*dx

Cau 70. Tt ca cac nguyén ham caa hamsé f(x) =37 la

A. _I?;13 B. —374+C C.3%In3+C D. ﬁ];+c
Lo giai
Chon A
Céch 1: [ f(q)dx=[37dx = [(3%) d(x) = |3_X_1 sco
n3 In3

—X

3 +C.
3

Cach 2: [ f(x)dx = [37dx =~

Cau 71. Ho tat cd cac nguyén ham ciia ham sé f (x)=5" la

1

A —— ) 1
2In5

571+ C. B. 257 %In5+C. C. 5> "In5+C. D. 2575+ C.

Loi gidi
Chon A.

12 czi.szx-uc.
5 In25 2In5

Cau 72. Chohamsé f(x)=2"+3. Khing dinh nao sau dy dung?

TacoJ' X)dx = J'52“dx— I25d

AJ. X)dx =27 +C. B.J.f(x)dx:li2

C. I x)dx_

DJ. X)dx = 2°In2+3x +C..

Loi gidi
Chon B.

Ta co: If(x)dx:j(zx+3)dx:%+3x+c.

Cau 73. Tim nguyén ham cia ham s f (x)=3"+2x.

X

AJ. +2x +x2+C BJ. +2x dx=2%In2+x*+C

n2

X

Cj +2x +x+C DJ. +2x dx=2%In2+x+C

n2

Loi giai
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Chon A.

2)(
I(3X+2x)dx: +xX°+C

In2

Cau 74. Tim ho nguyén ham caa ham sé y = x* — 3" ey

3 X 3
AX 3 1.ccer. B.X 3+1ic cer.
3 In3 x X
3 3 X
X X
. +In|x/+C, CeR. D. >————-In|x+C, CeR.
3 3 In3
Loi gidi
Chon C.
3 X
Tacé:f x2—3x+E x = 2 _3 +In|x|+C,CeR.
X 3 In3
Cau 75. Ho nguyén ham ciia ham sé f (x)=4" +cos2x la
A4S, B. #'ln4+ 3% ¢
In4 2 2
c #ina-"% . ¢ p, & sinex,
: 2 In4 2
Loi gidi
Chon D.
Taco J'(4X+coszx)dx: 4° sn2x o
In4 2
Cau 76. Nguyén ham cia hamsb f(x) =2"(1+2sinx) Ia
X+1 X 2x 2x—1
A. —cosx+C B. +sinx+C. C. —cosx+C. D. +cosx+C.
x+1 In2 In2 x+1
Loi gidi
Chon C.
Ta co: J' X)dx = IZ 1+2X sin x dx I2X+5|nx)d :2——cosx+C

In2
Cau 77. Cac ménh dé sau day, ménh dé ndo sai?

3/,2 _ _§3 5 1 2 1 _ 1
A. j(\/x_+x Z)dx_sx/x_+2x 2x+C B.j

2023x2% dx = 20232202 e

1
C. [(2x—2024) dx = x-1012+C e+l
I(x ) dx=x + Ie+1

X g+ x+C

Léi gii
Chon C.

J'(Q/?+x—2)dx:g€/x_5+%x2—2x+c
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1 1 1
dx = WAGy = .
j 2023x%%% ZOZSI 2023 x %%

_ (2x—2024
3

[ (2x~-2024)" dx +C

J‘Z :11 X = J'(eZX_eX+1)dx:%e2X—ex+x+C

Cau 78. Cac ménh dé sau day, ménh dé nao ding?

A. J'(2+cot2 x)dx:x—cotx+C. B. J'(l—coszijdx:i(x+sinx)+c
2 2
X x ) X x )
C.J' Sin=+cos— | dx=xX+cosx+C. D.J' sin=—cos— | dx=x—cosx+C
2 2 2 2
Lo giai
Chon A.

I(2+cot X dx I1+1+cot X dx I(l+ jdx:x—cotx+C

sin® x

J'(l cos —jdx Ism Xox = jl COSXdx=£(x—sinx)+C
2
X x )
I(SInE+COSE] dx:f(1+sm x)dx = x—cosx+C

2
X X .
J'(smi—cosgj dx :j(l—sm X )dx = X +c0s X+ C

Cau 79. Cac ménh dé sau day, ménh dé nao sai?

A. J'idx:lnx+c. B._[ —dx=tanx+C.
X COS” X
C. J.sinxdx=—cosx+C. D. J.exdx=eX+C.
Loi giai
Chon A.
J'ldx:ln|x|+C.
X
_[ —dx=tanx+C.
COS” X
J'sinxdx=—cosx+C.
J.exdx=eX+C.
Cau 80. Cac ménh dé sau day, ménh dé nao sai?
X4 3 2 R ~ R , R z 3 1
A F(X):I_EX +1In|x|+C la nguyén ham ciia ham s6 f (x)=x*-3x+=.
X
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8. F(x)= &+

+C languyén ham cia ham s6 f (x)=(5x+3)’.

C. F(x):gx x+%x3x+%x4x+c la nguyén ham ciia ham s6 f (x) = vx +3/x + ¥/x .

1.

3_
D. F(x):gx —2024x+C la nguyén ham cua ham séf(x):ﬂ.

X
Léi gidi
Chon C.

A. f(x)= x3—3x+l
X

4
= F(x):J.f(x)dx :I(x3—3x +%)dx :J.Xde—3J.xdx+Jédx:XI—gx2+In|x|+C

B. f(x)=(5x+3)" = F(x):J' f (x)dx :J’(5X+ 3)dx :J‘(5X+ 3’ d(5>;+3) _(x+3° -

30
11 50 3 g4 g5
C. f(x):«/;+§/;+(‘/;:>F(x):J‘(\/;+§/;+(‘/;)dx:j X2 + X3 + x4 dx:§x2+zx3+gx4+c
:gx x+§x3x+£x4x+C
3 4 5

3 3
D. f(x):ﬂjp(x)zj‘ﬂdxz
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PHAN II. Cau trac nghiém ding sai. Trong moi y a), b), ¢), d) & moi ciu, thi sinh chon ding hoic

sai.

Cau 81. Cho ham s6 f(x):%x4+4x3.

a) f'(x)=x*+12x".

b) Phuong trinh f’(x)=0 c6 hai nghiém x=-12 va x=0.

0) I(%X4+4X3]dx:%x5+%x4+c,véi C la hang sb.

d) Goi F(x) la mot nguyén ham cua f (x). Biét F(0)=2024 thi F(x):z—lox5 +%x4 —2024.

Loi giai
A. B. C. D.
SAI SAI PUNG PUNG

a) f'(x)=x*+12x".

x=0

b) f’(x):0<:>x3+12x2:0<:>x2(x+12):0<:{x_ 1o

c) I(%x4+4x3]dx:2—10x5+%x4+c

d) Taco F(x):ix5+£x4+c

20 3
F(0)=2024 & C =2024 = F(x):2—10x5+%x4+2024
Cau 82. Chohamsé f(x)=x+1.

a) If(x)dx =x*+x+C, véi C la hang sb.

b) j[(x—l).f(x)]dx:%x3+x+c,v<’yi C la hing sb.

C) J.X4+1dx X+In|X|+C V6i C la hang s6.

2
d) Goi F(x) la mot nguyén ham cua f (x). Biét F(1)=2 thi F(x):x?+x—%.
Léi gii
A. B. C. D.
SAI SAI PUNG PUNG

https://www.facebook.com/truongngocvy8/ Trang 21 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 4 — Nguyén ham. Tich phan - Tréc nghiém va tw ludn 4 phén cé 1oi gidi Dung chung 3 bg sdch

a) J.f(x)dx:J.(x+l)dx:X—22+x+C

b) j[(x—l).f (x) Jox =I(x—1).(x+l)dx:j(x2 -1) dx:%xs—x+C.

I X+1 jx+2 —I( ]dx x+In|x|+C.

2

d) Taco F(x):x?+x+C

F(l):2<:>%+l+C:2<:>C:—% vay F(x):x?z+x—%.

Cau 83. Chohamsé f(x)=4x’-6x.

a) I(4x3—6x)dx:x4—6x+c,véi C la hang sd.

b) Biét F(x) la mot nguyén ham cua f(x) va F(0)=2.Khidé F(x)=x*-3x>+2.
c) If(x—l)dx:x4—4x3+3x3+2x+C,véi C la hang sb.

d) Biét G(x) la mot nguyén ham cua f (x-1) va G(1)=0. Khid6 G(0)=-2.

Loi giai
A. B. C. D.
SAI PUNG SAI PUNG

a) I(4x3—6x)dx:j4x3dx—f6xdx:x4—3x2+C.

b) F(x)=x"-3x*+C

Theo gia thiét F(0)=2 suyra C =2= F(x)=x*-3x*+2

c) jf(x—l)dx:j[4(x—1)3—6(x—1)}dx:j(4x3—12x2+6x+2)dx: x*—4x*+3x* +2x+C
d) G(x)=x"-4x>+3x’+2x+C

Theo gia thiét G(1)=0 suyra C=-2=G(x)=x*-4x*+3x*+2x-2=G(0) =-2

Cau 84. Chohamsé f(x)=x>.

a) [ f(x)dx =x*+C, véi C Ia hiing sb.

b) Goi F(x) la mot nguyén ham cua f (x). Bict F(3)=1 thi F(4):4—??.

c) jf(2x+1)dx :%x3+2x2+x+C,v<’yi C la hang sb.

4 3
d) [[xF (x-2)] dx =224 2¢ €, Wi € la g s
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Loi giai
A. B. C. D.
SAI PUNG PUNG PUNG
3
a)J' x)dx = J'xzdx _§+C
3? NG 40

b) Ta c F(3):1<:>§+C:1<:>C:—8 vay F(x):§—8 nén F(4):?.
2 4
f(2x+1 = [(2x+1) dx = | (4X® +4x+1)dx = — x* + 2X? C.
c)j(x+)dx I(x+)xj(x+x+)dx 3x+x+x+

d)j[xf (x— 2]dx—j (x-2) “dx = I (X —4x-+4)dx

4
—J. —4x? +4x :X——ﬂ+2x +C
4 3

Cau 85. Cho hamsé f (x)=3.

a) If(x)dx:3x+C,véi C la hang sd.

b) I%XZ%C ,V6i C 13 hing sb.

c) j[f(x)+x]2dx =x*+3x2+9x+C, v6i C la hang sé.

d) Goi F(x) la mot nguyén hamcua f(x), biét F(1)=1 thi F(1)+F (2)+...+ F(2024)=303550.

Loi giai
A. B. C. D.
PUNG SAI SAI PUNG

a) If(x)dx:3x+C
b) I%ijx—idX:—§+C

o |[f (x)+x] dx =[(3+ x)zdx=J‘(x2 +6x+9)dx=)§+3x2 +9x+C

d) Taco: F(x)=3x+C

F(1)=1<3+C=1<C=-2 vay F(x)=3x-2.

Ta ¢6: F(x)=3x-2 nén F(1)=LF(2)=4F(3)=7;..;F(2024)=6070 la cip s cong voi
u,=1d=3.

(1+6070).100

Khi do: F(1)+F (2)+...+ F (2024) = = 303550.

https://www.facebook.com/truongngocvy8/ Trang 23 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dui 56 12 - Chuong 4 — Nguyén ham. Tich phan - Tric nghi¢m va tw lugn 4 phén cé 1oi gidgi Dung chung 3 bg sdch

Cau 86. Cho ham sb f(x):%x+1.

a) If(x)dx =x?+Xx+C, véi C la hing sb.

b) J'fz(x)dx:éx3+%x2+x+c,véi C la hang sb.

c) Goi F(x) la mot nguyén ham cua f (x). Biét F(0)=1thi F(2)=6.
d) Goi F(x) la mot nguyén ham cua f(x). Biet F(1)=2 va

1 1 1 1
+..+

F) F(2) " F(2024) F(2025)

:% (abeZva % la phan sb t4i gian), khi d6 a+b = 4049 .

Loi giai
A. B. C. D.
PUNG PUNG SAI SAI

a) If(x)dx =J‘(%x+1]dx:x2+x+c.

2
b) jfz(x)dx:j(%x+1] dx:j(%x2+x+1]dx:éx3+%x2+x+C

c)Tacod F(x)=x*+x+C

F(0)=1<0+0+C=1<C=1vay F(x)=x*+x+1=>F(2)=7.
d) Tacé F(x)=x"+x+C

F(1)=2<1+1+C=2<C=0 vay F(x)=x*+X.

Taco: F(x)=x"+x=x(x+1) néntacé:

1 1 1 1
— +..+

F) F(2) 7 F(2024) " F(2025)

1 1 1 1

=t —t..+ -
12 23 2024.2025 2025.2026

1 11 1 1 1 1 1 1 2025

=l-—+———+....+ - + - =l-——=—
2 2 3 2024 2025 2025 2026 2026 2026

Vay a=2025pb=2026 nén a+b=4051.

Cau 87. Chohamsé F(x)=x*+x—6 la mot nguyén ham cua f(x).

X x? C
a) f(x):§+?—6x+c,véi C la hang so.

b) Ham s6 G(x) la mot nguyén ham cua f (x)va G(1)=3 thigiatri G(4)=21.
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c) Ham s6 H(x-1) la mot nguyén ham cua f(x-1)va H(0)=3 thi gid tri cua biéu thuc
H(2)—H (4)=-14.

d) f(1)+f(2)+.+ f(2024)+ f (2025)= 4104675

Loi giai
A. B. C. D.
SAI PUNG PUNG PUNG

a) Taco f(x)=F'(x)=2x+1

b) Tacod G(x)=x*+x+C v6i G(1)=3=1+1+C=3<C=1
Khido G(x)=x*+x+1=G(4)=21.

0) H(x=1)=(x=1)"+(x=1) +C =x* = 2x+1+ x-1+C=x*—x+C
voi x=1tac6:H(0)=3<C=3nén H(x-1)=x*—x+3

H(2)=H
H(4)=H

(3-1)=9
(5-1)=23

Khi do: H(2)—H (4)=9-23=-14.

d) Taco f(x)=2x+1
f(x)=2x+1 lacapsocong voi u, = f (1) =3;d =2 U, = f (2025)=4051 nén

3+4051).2025

f(1)+f(2)+..+ f(2024)+ f (2025):(
Cau 88. Chohamsé f(x)=x*—4x+5.

a) I(x3—4x+5) dx =x*—-2x*+5x+C, v6i C la hang sb.

b) Goi F(x) la mot nguyén ham cua f(x). Biét F(1)=3, khi dé F(O):—%

4
c) j[f (x)+f'(x) ] dx=XZ+x3—2x2 +9x+C, véi C 12 hing so.

x* 1 .
d) jf(x+1)dx :Z+x3—§x2+2x+C,v<’yi C 1a hing sb.

Loi giai
A. B. C. D.
SAI PUNG SAI PUNG

a) I(x3—4x+5) dx =XI4—2x2+5x+C.
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4

b)TaaﬁF(x):§{—2x2+5x+C
F(l):3<:>%+0:3<:>0:—% vay F(O):—%.

4

4
c) ~|.[f(x)+ f(x)] dx=XZ—2x2+5x+x3—4x+C=XZ+X3—2x2+x+C,

4 4
d) jf(x+1)dx:(x+1) —2(X+l)2+5(X+l)+C=XZ+X3—%X2+2X+C.
2
Cau89. Ham hai s6 f(x) va g(x) xéc dinh trén R\{0} thoa man: f(x):x):rl va

J'g(x) dx=x+In|x|+C, véi C Ia hing s.

(x) =1+
a) f'(x)=1 7

b) g(x):l—%+C,Véi C la hang sd.
c) Goi F(x) la mot nguyén ham cia ham sé f(x)+g(x) va théa manF(-1)=3. Khi d6
1
F(x)=x*+2In|x|-=.
()= + 2l -3
d) Goi G(x) la mot nguyén ham cua hams6 f (x)+g(x). Bié¢t G(2)=2In2 va G(4)+G(-4)=2. Khi

d6 G(-6)=aln2+bIn3+c, vsi a,b, ¢ lacic so thuc. Vay a+b+c=-2.

Loi giai
A. B. C. D.
PUNG SAI SAI PUNG

X +1

f = = —

a) f(x) =X
, 1
= f (X):l—?

b) _[g(x)dx=x+|n|x|+C:>g(x):1+§.
c) Taco f(x)+g(x)=x+1+§.

. B A
Nenj.[f(x)+g(x)]dx_j(x+l+;jdx_ > +x+2In|x/+C.

2

Do F(—1)=3<:>C:Z nén F(x):x—+x+2In|x|+Z.
2 2 2
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2
X—+x+2|nx+C1 khi x>0

, X2
d) Taco I[f(x)+g(x)]dx:?+x+2In|x|+C:

2

X?+x+2In(—x)+C2 khi x<0
G(2)=2In2 C,=-4 C,=5

Do = =
G(4)+G(-4)=2 [8+4+4In2-4+8-4+4In2+C,=2 [C,=-8In2-10

Nén G(—6)=18—6+2In6—8|n2—10:2—6In2+2|n3:a|n2+b|n3+c.
Vay a+b+c=-6+2+2=-2.

X% + 5% — 7

Cau 90. Hamsb f(x) xac dinh trén R\{0} thoa man f(x)= »

, 7
a) f (X):1+?.

b)J. dx——+5x+7ln|x|+C v6i C 12 hang sd.

c) Goi F(x) la mot nguyén ham cua ham sé f(x) va théa min F(1)=5. Khi d6
2

F(x):x—+5x—7ln|x|+£.
2 2

d) Goi G(x) la mot nguyén ham cua ham s6 f (x). Biét G(1)=4 va G(3)+G(-9)=20. Khi d6 tim

duoc G(—-6)=aln2+blIn3+c, véi a,b, c lacac s6 hiru ti. Vay a+b+c:§.

Loi giai
A. B. C. D.
PUNG SAI SAI SAI

2) f(x) X +5x—7_ 5_1.
X X

, 7

= f (X)_1+?

b) If(x)dx:I(x+5—zjdx:x—22+5x—7ln|x|+c.

X

2

c) Taco F(x):x?+5x—7ln|x|+C .

2

Do F(1)=5<:>3+5+c:5@0:—l nén F(x):x—+5x—7ln|x|—3.
2 2 2 2

2

v X 45x-7Inx+C, khi x>0
d) J'f(x)dx:?+5x—7ln|x|+C: 22

X?+5x—7ln(—x)+C2 khi x <0
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3 3

6(1)=1 C=3 C=3
Do = 9 3 81 & 13
G(3)+G(_9):20 E+15—7|n3—E+?—45—14|n3+C2=20 C2:21|n3+3

Khi do: G(—6)z3—5—30—7ln6+21ln3+%:—7In2+14|n3—1—21.

Vay a+b+c:—7+14—1—21:§.

2

3 —2x3+ x* +5x+4
- .

Cau 91. Hamsb f(x) xac dinhtrén R\{0} thoa man f(x)=

X

1 1 4
a) f(X):3X2—2+;+?+F.

b) jf(x)dx:x3—2x+ln|x|—%+2—12+c,véi C la hang sb.

c) Goi F(x) la mot nguyén ham cia ham so f(x) va théa man F(-1)=0. Khi d6 tim duoc

1 1 3
F(x)=x*—2x+In|x|-=—— -2
(x)=x°—2x+ n|x| T

d) Goi G(x) la mot nguyén ham cua ham s6 f(x). Biét G(1)=0 va G(-3)-G(3)=2. Khi d6

a

G(—Z):E+I , V61 a, b, ¢ 1a cac s6 nguyén duong va % la phan sb tbi gian. Vay a+b+c=1090.
0g. e
Loi giai
A. B. C. D.
PUNG SAI PUNG SAI
-2+ X +5x+4 1 5 4
a) f(x)= =3 -2+ 4+ +— |
) f() " PRIV
1 5 4 1 1
b) | f(x)dx=||3X*—2+=+=+— dx=x-2X+In|x| -=——+C.
) 1 (o= (36202050 2 P
c) Taco F(x):x3—2x+ln|x|—l—i+c
X 2x°
Do F(—l):0<:>C:—§ nén F(x):x3—2x+ln|x|—l—i2—§.
2 X 2x° 2

11 x3—2x+lnx—£—i2+c1 khi x>0
d) | f(x)dx=x°-2x+In|x|-=——=+C = X X :
X 2x? 1 1 :
x3—2x+ln(—x)———7+02kh|x<0
X 2X
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5 5
c =2 c =2
{G(l)zo L2 o2
G(-3)-6G(3)=2 | _y746+m3+i-Lic,—2746-m3+i+ 122 |c 25
3 18 318 2

6

1 1,275_1013 1 _a_ 1
6 24 log,e b log.e

Nén G(—Z):—8+4+In2+5—§+

Vay a+b+c¢=1013+24+2=1039.

. 1 -2
Cau 92. Hamso f(x) xac dinhtrén R\{0} thoa méan f(x):%xgx).

) 1(x)=3+>

2
b) J.f(x)dx:%+x—2ln|x|+c,véi C la hang sb.

c) Goi F(x) la mot nguyén ham cia ham s6 f(x) va théa man F(3)=15. Khi d6

2

F(x) =3%+x—2ln\x\+15_

d) Goi G(x) la mot nguyén ham cua ham s6 f (x). Biét G(2)=1 va G(5)+G(-5)=10. Khi d¢ tim

dugc G(-10)=aln2+bIn5+c, véi a, b, c 1acéc so hitu ty. Vay a+b+c=70.

Loi giai
A. B. C. D.
PUNG PUNG SAI SAI
— 2 —
2) f(X):(X+l)(3X 2):3x +X 2:3X+1—g,
X X
= f’(x):3+£2

X

2
b) If(x)dx=j(3x+1—§}jx=3%+ x—2In|x|+C.

2

c) Taco F(x):%+x—2In|X|+C.

Do F(3):15<:>2—27+3—2In3+c =15 C :2In3—%

2

Suy ra F(x):%+x—2In|x|+2ln3—g.

2
2 X e x=2Inx+C,  khix>0
d) Ta co: f(x)dx:i+x—2In|x|+C: 2
2 3x?
T+x—2|n(—x)+C2khix<0
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G(Z):l 6+2+C, =1 C=7

=375 75 = .

G(5)+G(—5):10 —+5-2In5+C, +—-5-2In5+C, =10 C,=4In5-65
2 2

Nén G(—lO):150—10—2In10+4ln5—65:75—2In2+2In5:aln2+bln5+c.

Vay a+b+c=-2+2+75=75.

2
Cau 93. Hamsd f(x) xac dinh trén R\{0} théa man f(x):(XT_lj .
, 2 2
a) f (X):?'FF.

b) J'f(x)dx:x—ZInx—£+C,v<’yi C la hang sb.
X
¢) Goi F(x) la mot nguyén ham cua ham sb f(x) va théa manF (3)=5. Khi do ta tim duoc
F(x):x—ZIn|x|—1+2In3+Z.
X 3
d) Goi G(x) la mot nguyén ham cia ham sé f (x). Biét G(1)=5 va G(2)+G(-4)=2025. Khi d6 tim

dugc F (-8) :%, v6i a, b 1a cac sb nguyén va % la phan sb tbi gian. Vay a+b =16000.

Loi giai
A. B. C. D.
SAI SAI PUNG SAI

x—1Y  x?—2x+1 2 1

a) f(x)= = 1-Z4+=

) (9= X2 -5 2
, 2 2

f— f (X):?—F

¢) Ta co: F(x)=x—2|n|x|—%+c.
1 7
Do F(3):5<:>3—2In3—§+C:5<:>C:2In3+§.
Vay F(x):x—ZIn|x|—£+2In3+%.
X

1 x—2|nx—£+C1 khi x> 0.

d) Ta co: jf(x)dx:x—ZIn|x|——+C: X .
X X —2In(=x)—=+C, khi x<0.

X
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{G(l)zS <3{(:15 C =5

=
G(2)+G(-4)=2025 2—2In2—%+5—4—4|n2+%+€2:2025 02:6|n2+$
NénG(—8):—8—6In2+%+6ln2+$:16%:>a:16115;b:8.

Vay a+b=16115+8=16123.
Cau 94. Cho ham sb F(x):j(%)dx (v6i x> 0).

3

a) F(x):J.xgdx

b) F(x)+C = [(¥x*)dx, vei C 1a hing s6.

2
c) F(X):gx 5 +C, voi C la hang sd.

d) Biét F(1)=—§, khi do F(x):%%/?%

Loi giai
A. B. C. D.
PUNG PUNG SAI SAI

3
a) F(x):j(sxs)dx:jxgdx
b) Néu F(x),G(x) languyén ham cia hamsé f (x) thi F(x)=G(x)+C
3 5 &
—((5/x3\dx = _
c) F(x)_J.( X )dx_jxsdx_§x5+C
8
d) F(x):§x5+C,F(l):§+C:—§:>C:—l:> F(x):%f’x8 -1.
Cau 95. Cho ham sé F (x) = [(2x+/x)dx (vsi x>0).
a) F(x):ZJ.xdx+J.\/;dx+C voi CeR.

b) Néu G(x)=F(x)+1 thi G(x):j(2x+\/§)dx

c) F(x):x2+§x Xx+C.

d) Néu F(1)=§ thi F(4):%
Loi giai
A. B. C. D.
PUNG PUNG PUNG PUNG
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a)F 2J'xdx+J'\/—dx+C véi CeR.
b) F(x),G(x) languyén ham cua hamso f (x) thi F(x)=G(x)+C

nén G(x)=F(x)+1 thi G(x):j(2x+\/§)dx
c) F(x):J‘(2x+«/;)dx:j(2x+x;]dx:x2+§x\/§+c

d) Tacd F(x):x2+§x x+C

Ma F(l):1+§+C :E:C:—lz F(x):x2+§x\/§—1:> F(4):%

Cau 96. Cho hamsé f (x)=sinx.

a) [ f(x)dx=—-cosx+C,voi C lahang so.

b) Goi F(x) la mot nguyén ham cia hams6 f (x) trén R théamén F(z)=1.Khido F(0)=-1.
C) IF dx sinx+C,, véi C, 1a hang sd.

d) Phuong trinh F (x) = f (x) c6 dung 4 nghiém trén doan [0;47].

Loi giai
A. B. C. D.
PUNG PUNG SAI PUNG

a)I x)dx = Ismxdx——cosx+C

b) Tir gia thiét, ta duoc —cosz+C =1<1+C=1<C=0
Suyra F(x)=-cosx= F(0)=-1.

c) IF dx——J.cosxdx——smx+C

d) Taco F(x)= f(x)<:>—cosx:sinx<:>tanx=—1<:>x=%+kﬂ, keZ.

Ta xét 0§%+kﬂ'§4ﬂ'©%ﬁkﬁ%.v1 keZ nénke{l2; 3; 4}.

Phuong trinh dé cho ¢6 ding 4 nghiém thudc doan [0;47].
Cau 97. Chohamsé f(x)=sinx+cosx. Goi F(x) la nguyén ham cia hamsé f (x) trén R.
a) F(x)=sinx+cosx+C, véi C la hing sb.

b) Biét F(x) thoa man F(0)=-1. Khido, F(x)=sinx—cosx.
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c) Biét F(x) théamédn F(0)=-1. Khidé, Ham sé F(x) nghich bién trén khoang (0%)

d) Biét F(x) thoa man F(0)=-1. Khi d6, Ham s6 F(x) dat gi tri nho nhit 1a —/2 .

Loi giai
A. B. C. D.
SAI PUNG SAI PUNG

a) Taco F(x)zj.f(x)dx=J.(sinx+cosx)dx=—cosx+sinx+C.

b) Tur gid thiét, ta dugc sin0—cos0+C =-1<>C =0 nén F(X)=sinx—cosx.

c) Tacod F'(x)=sinx+cosx>0, VXE(O;%] nén F(x) dong bién trén khoang (0%)
d) F(x):sinx—cosx:\/fsin(x—%)

ma _ﬁgﬁsm(x_gjgﬁ

:>MinF(x):—\/§
Cau 98. Cho F(x):—J'sin xdx vathoamén F(0)=1.
a) F(x)=cosx.

b) Ham s6 F(x) lahams6 1é trén R

0) F(a)="2% g skn keZ.
SINx
T T T T T 1

d) F(Zzozsj'F(Zzom]'F(Zzozs]"'lz(g}F(?jzm
W

Loi gii

A. B. C. D.
PUNG SAI SAI PUNG

a) Taco F(x)=—jsinxdx=cosx+C. Ma F(0)=1néntacé C=0= F(x)=cosX.

b) Tacoé F(-x)=cos(-x)=cosx=F(x), vxeR nén F(x) laham chintrén R.

¢) Ta c6 sin2a = 2sina -Cos o = C0Sot = % hay F (&) =C0sar = ol
2sina 2sina
, T T T T T
d) Taco F(WJF(WJF[WJF[EJF(?j
sin—~ sin—— sin——_ sin” sint
22024 22023 22022 22 2 1
-t .2 . Z. —
25N s 251N ey 28N s 28I 05 2sin 5 2% sin 2078
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Cau 99. Cho hamsd f (x)=cos*x va F(x)=] f(x)dx.
a) F'(x)=sin2x

1+cos2x

b) F(x)z_[de

SINXCOSX+X . . A b La A
c)flamotnguyen ham cia ham s6 f (x)

d) Biét F(0)=0. Suyra F(z)=2x.

Loi giai
A. B. C. D.
SAI PUNG PUNG SAI
a) F'(x)=f(x)=cos’x.
1 2
b) Do f(x)=c032x=M
sinxcosx+x) cos®x—sinx+1 2cos? X )
c) — = =C0S* X.
2 2 2
SINXCOSX + X |, N N . SIN XCOS X + X
d) Do % la mot nguyén ham ciia ham so f (x) nén F(x)=f++c
Talaico F(0)=C=0= F(x):—SInXCZSX+X:F(ﬂ):%.

Cau 100.Cho ham sd f (x)=tan’x va F (x)=[ f (x)dx.
a) F'(x)=tan’x.

b) tanx la mot nguyén ham cua f(x).

c) F(x):J.(CO;L2 " —1jdx.

d) Néu F(0)=0 thi F(7)=r.

Loi giai
A. B. C. D.
PUNG SAI PUNG SAI
a) Vi F'(x)=f(x)=tan’x
, , (sinx) cos?x+sin?x
b) Ta cé (tanx) :( ] = +2 =tan’x+1
COS X cos? X

https://www.facebook.com/truongngocvy8/ Trang 34 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 4 — Nguyén ham. Tich phan - Tréc nghiém va tw ludn 4 phén cé 1oi gidi Dung chung 3 bg sdch

¢) Do tan®x =

1 . 1
p—cw —1 nén F(x) =J' f (x)dx =Itan2 xdx :I(cosz . —1jdx.

d) Taco F(x)=tanx—x+C.
Khidé F(0)=C=0=F(x)=tanx-x=F(7)=-x.

dx
sin?x

Cau 101. Cho F(x)=|
a) F(x)=-cotx+C, Vvéi C lahang so.

b) Néu F(%)zo thi F(x)=1-cotx.
¢) Néu F (%) =0 thi ham s6 F(x) la ham s I¢ trén tap xé4c dinh cua F(X).

d) Phuong trinh F (x)=0 c6 cac nghiém 1 x:%+k%,v<’yi kel.

Loi giai
A. B. C. D.
PUNG PUNG SAI SAI

a) Ta co F(x)z_[si(:lz(x =—cotx+C.

b) Tt gia thiét, ta dwoc C —cot% =0 C=1nén F(x)=1-cotx.
c) Tacod F(x)=1-cotx.

Z T —7T R —7T T n N L oan ~ N < N~
Tathay F (Zj =0, F (Tj =2 nén F (Tj #+F (Zj nén ham so da cho khdng la ham chan ma ciing
khong la ham lé trén tap xac dinh ciia F(X).

d) Tacé F(x)=—-cotx+C
F(x)=0<1-cotx=0<cotx=1< x=%+k7z, keZ.

Cau 102.Cho F (x) = [tan® xd x va thoa man F(0) =0.

a) F(x)=x+tanx.

b) Ham s F(x) 1a ham so chén trén tap x4c dinh cia F(x).

c) Ham s6 F(x) dong bién trén mdi khoang x4c dinh ctia no.

d) Phuong trinh F(x)+x =0 c6 cac nghiém 1a x=kz, keZ.

Loi gidi
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A

B.

C.

D.

SAl

SAl

PUNG

PUNG

1
cos’ X

a) Ta co F(x)zjtanzxdx=j( —1jdx:tanx—x+C.

Mat khac F(0)=0 néntacé C =0 nén F(x)=—x+tanx.

b) F(Xx)=-x+tanx

Ta thiy rdng F(-x)=x-tanx =-F(x) nén ham s6 da cho la ham I¢ trén mdi khodng xé4c dinh cta
F(x).

) F(x)=-x+tanx=F'(x)=-1+ = tan® x

cos® X
Taco F'(x)=tan’x>0 v6i moi x thudc tap xéc dinh cua F(x) nén ham sé F(x) dong bién trén mdi
khoang xac dinh cuia no.

d) Taco F(x)+x=0< —x+tanx+x=0<tanx=0< x=kr, keZ.

Cau 103.Cho ham sé f (x)=€*+x°.

a) Néu F(x) la mot nguyén ham cua f(x) thi F(x)+2024 ciing 1a mot nguyén ham cia f(x).

b) F(X)=€*+X®+C laho nguyén hamcia f(x).

c) Néu F(x) la mot nguyén ham cua f(x) va F(0)=1thi F(1)=2e.

d) Néu F(x),G(x) lan luot Ia cac nguyén ham cua f(x) va F(0)=1G(1)=e thi ta ludn co

G(x)=F(x)+2e.

Loi giai
A. B. C. D.
PUNG SAI PUNG SAI

a) Pung: Do F(x) la mot nguyén ham cua f (x) nén ta co:
(F(x)+2024) =(F(x)) +(2024) =F'(x)= f (x).
Do d6 F(x)+2024 ciing la mot nguyén ham cua f (x).
b) Taco: [ f(x)dx=[(e*+x°)dx=e*+ex**+C.
Suyra F(X)=e*+ex**+C laho nguyén ham cia f (x).
¢) Taco: F(x)=[(€*+x°)dx=e* +ex**+C va F(0)=1=1+C =1<C=0.

Suyra F(x)=e*+ex* ' = F(l)=e+e=2e.
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d) Néu F(x) la mot nguyén ham cua f (x) va F(0)=1thi F(x)=e*+ex*" (1)

Néu G(x) la mot nguyén ham cua f (x) va G(1)=e thi
G(x)=e*+ex*1+C
{ (x) " =2+C=eoC=-e=G(x)=*+ex*"-e (2).

T (1) va (2) suyra G(x)=F(x)-e.
Cau 104.Goi F(x) la mot nguyén ham cua ham f(x) =e* —2x trén R thoa mén F(0)=1.

a)F'(0)=0.

C)IF X)dx=e —X?+C.

d) JﬂdX= In|x| - 2¢* +C
xe”

Loi giai
A. B. C. D.
SAI PUNG PUNG SAI

a) Taco F'(x)=f(x)=e"-2x=F'(0)=e"-2.0=1
b) [ f(x)dx=[(e* —2x)dx=€"—x*+C = F (x)=e* ~x* +C..

F(0)=1<e"-0°+C=1C=0=>F(x)=e"-xX*=> F(1)=e-1

3

¢) [F(xdx = [(e" ~x*)dx =¢’ —X?+c

d)_[;(exx)dX:I Xxe dx —I(%—Ze‘x]dx j dx 2] (e

- In|x|—2(e‘1)X Ine™ +C =In|x/+2e™+C

Cau 105.Cho ham sb f(x)=2x+e*. Biét F(x)la mot nguyén ham cua ham sé f(x) théa mén
F(0)=2025.

a) f(2)=4+e

b) [ f(x)dx=x*+e"+C.

) F(x)=x*+e*+2024.

d)jxf dx x2 +xe¥ +C

Loi giai
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A

B.

C.

D.

SAl

PUNG

PUNG

SAl

a) f(2)=4+e”.
b) J.f(x)dx=J.(2x+eX)dx=x2+eX+C.
c) Tacd F(x) la mot nguyén ham cua f(x) va F(0)=2025.

F(x)=x*+e*+C
Suyra
F(0)=2025

=1+C=2025< C=2024.
Vay F(x)=x"+e"+2024.

4 ' 2 _ x? w2 1 x?
d) Taco _[xf (x )dx_jx(2+e )dx_x +e +C
Cau 106.Cho hams6 f (x) =e*(2+e*) va F(x) la nguyén ham cua hams6 f(x).
a) J.f'(x)dx=2ex+e2X+C.

X 1 2x

b) F(x)=2e +§e +C.

e’ +1

¢) Néu F(0)=3 thi F(1)= >

d) Néu F(0) =g thi phuong trinh F(x) =0 c6 nghié¢m.

Loi giai
A. B. C. D.
PUNG PUNG SAI SAI

a) J.f'(x)dx= f(x)+C=2¢e"+e*+C.
1
b) F(x)=|f(x)dx=|e*(2+e*)dx=|(2e*+e*)dx=2e*+=e*+C.
) F(X) _[ (x)dx je(+e)x I(e+e )alx e+ e+
X 1 2X
c) F(x)=2e +Ee +C
2
Ma F(O):3:>C:£:> F(X):Zex+1ezx+£:>F(l):2e+1e2+£:L"e+l.
2 2 2 2 2 2

;. 5 X 1 2X
d) Véi F(0)=53C=0: F(x)=2e +Ee
Taco: F(x)=0< 2¢” +%e2X =0 nén phuong trinh vd nghiém.

Cau 107.Cho ham s6 F () = [(4" +2* +1)x.
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a) F I4 dx+I2de+Idx

¢) Néu F(1)=% thi F(2)= %—1.

X
d) Néu G(x j—”dx thi G(x)=F(x)+C.

Loi giai
A. B. C. D.
PUNG SAI SAI SAI

a) F(X):J.(4X + 2% +1)dx:J.4de+I2de+Idx

y y 4x 2x 22x X 22x—1 2x
b) F(X):I(4 +2+1)dx =——+——+x+C = +——4x+C="—= 1 x+C.
In4 In2 2In2 In2 In2

2x-1
c) Do F(x)= u+x+c va F(1)=i nén i+1+C:i<:>C:—1
In2 In2 In2 In2

2x-1 X

:F(x)=ﬂ+x—1:> F(2):£+1.
In2 In2
8% 11 23X 4 1 (2X+1)(4X—2X+1) .
d) Tac6: G(x) = [ o dx = [ S—dx=| o0 = (-2 1k F(x)+C.
X+1 2X

Cau 108.Cho ham s6 F(x) 1a mot nguyén ham ciia ham s f () = 62++33

6x+1 32x
8) F'(X)= —m

J‘(6x+1+32x)dx
b) F(X)=
) () J‘22x+3dx

3(3) 1(9Y)
or00=[2(E 3¢ s

, 29
d) Néu F =0thi F(1)= )
) Ne (0) 0 thi () InNn3-In2
Loi giai
A. B. C. D.
PUNG SAIl PUNG SAIl
6x+1 32x

a) Theo dinh nghta nguyén ham suy ra F'(X) = f (x) =

22x+3
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otegr J(67+3px
22x+3 J‘22x+3dx !

N LRl

d)F(x):J’liE_(ij+l(g]X:ldx4'(2] 8'(4j +C:4'(2] +16'(2] C

b) Theo tinh chit nguyén ham suy ra F (X)=

3 9 INn3—-1In2

Do F(0)=0 nén L+C=O <:>C=—L.
16(In3—|n2) 16(In3—|n2)

3 (3] s (3]
suyra F(x)= 412/ _1612) 13

INn3—1In2 16(In3-1n2)

81 13 29

Khido F(1)= - = )
1o () 64(In3—|n2) 16(In3—|n2) 64(In3—|n2)

221 _1 4 cos2x
2 +sinx

Cau 109.Cho ham s6 F(x) la mot nguyén ham cua ham so f (x) = trén [0;+) thoa

mén F(O)=é+2.

a) f(r)=2""-1.

b) F'(0)=2
A Az N ¥4 J4 re A [N £ .20 R , . n V[N =
c) Hé s6 gdc cua tiep tuyen voi do thi ham s6 F (x) tai diém co hoanh d6 X, = la k=2v2" -2

d) F(-1) =i2+ 2cos1.

In
Loi giai
A. B. C. D.
SAl PUNG PUNG PUNG

22x+1 _ 9¢in? x _ 2(2X —sin X)(ZX +5sin X) 29 _9sinx

T f
a.co ( ) 2" +sinx 2" +sinx

a) f(x)=22"-2sing =271,

b) F'(x)=f(x)=2.2"-2sinx= F'(0)=2.2°-2sin0=2.

A <A X Y g X . 4R , . n T .
c) Hé s6 goc cuia tiép tuyen voi do thi ham s6 F (x) tai diém co hoanh d6 X, = > la

K = FI(E]: f(E]: 222 —2sinZ=2+2" 2.
2 2 2
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X X+1

. 2
d) | f(X)dx=]|2.2"-2sinx |dx = 2. +2c0sx+C = F(x)= +2cosx+C.
)I 9 I[ } In2 ( ) In2
i 2 0+1 2 X+1
Gia thiet F(0)=—+2< +2c0s0+C=—+2=C=0=>F(x)= + 2C0S X
In2 In2 In2 In2

0

= F(-1) :Ir21_2+ 2cos(-1) :$+ 2cosl.

Cau 110.Cho hams6 f(x)=2x+m va G(x)=x>+mx’+3x+m véi meR.
a) Khi m=3 thi [ f(x)dx=x*+3x+C.
b) Khi m=2 thi G(x) la mot nguyén ham cua f (x).
¢) Khi m=-1thi j(G(x)— f (x))dx:£x4+lx3+1x2+c
4 3 2
d) Goi F(x) lam mot nguyén ham cua f (x) sao cho F(0)=1. Khi dé, c6 4 gia tri nguyén cua tham so

m thi F(x)>0,vxeR.

Loi giai
A. B. C. D.
PUNG SAI SAI SAI

a) Khi m=3 thi J.f(x)dx=J.(2x+3)dx=J.2xdx+J3dx=x2+3x+C

b) Khi m=2,tacé: f(x)=2x+2;G(x)=x"+2x*+3x+2

Taco G'(x)=3x"+4x+3=G'(1)=10= f (1) nénkhi m =2, G(x) la khdng phai la mot nguyén ham
cua f(x)

c) Khi m=-1,tacé: f(x)=2x-LG(x)=x>-x*+3x-1
_[(G(x)—f(x))dx:j(xs—xz+x)dx:J‘x3dx—J'x2dx+J'xdx:%x4—%x3+%x2+c

d) Tacd F(x)zj.f(x)dx=J.2xdx+J.mdx=x2+mx+C ma F(0)=1suyraC=1

= F(x)=x"+mx+1.

F(x)20,VxeReo A=m’-4<0< -2<m<2.

Vi m nguyén duong nén me{-2;-1,0;1;2}

Vay ¢6 5 gia tri nguyén ciia tham s6 m thi F(x)>0,¥xeR.

Cau 111.Cho ham sé f (x) thoaman f (x)=0 va f'(x)=4x’[ f(x)] véi moi xeR.
a) Khi f(1)=2 thi f'(1)=16

b) Ham s6 f(x) ludn dong bién trén khoang (0;-+0)
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!

[«

. 1 .. 1
d) Khi f(2)=—2—5 thi f(1):5.
Loi giai
a) b) c) d)
PUNG PUNG SAIl SAIl

a) Khi f(1)=2 thi f'(1)=4[f(1)] =4.2?=16
b) Tir hé thuc dé cho: f’(x):4x3[f(x)]2 ,suyra f'(x) =0 véi moi x e (0;+).

Do d6 hamso f (x) ludn dong bién trén khoang (0;+)

c) Taco f’(x):4x3[f(x)]2:>—[:;(x);)]2 :—4x3:{%} =-4x®
NI : 1,
d) Ta co: {f(x)} =-AX" = f(X):J.(—4x )dx: f(x):_x +C

Dof(z)z—zis,néntacé C=-9.

1
x*+9

1

Do dé f (x)=-— f(1)=-15-

Cau 112.Cho ham s6 y=f(x) lién tuc trén R\{-10} théa méan diéu kién:

X(x+1).£'(x)+ f (x)=x*+2x+1.
a) Khi f'(3)=1thi f(3)=-3.

b) [L.f(x)} -1

x+1
c) f(2)=3.

dx=x+2In|x|+C , v6i C la hang so.

Loi giai
a) b) c) d)
SAI PUNG PUNG PUNG

a) Khi f'(3)=1thi 3.(3+1).f'(3)+ f(3)=3 +2.3+1= f(3)=3

b) Chia ca hai vé cuia biéu thic x.(x+1).f'(x)+ f (x)=x*+2x+1 cho (x+1)2 ta cé

f(1)=2 va
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X , .
_x+1'f (X)+(x+1)2 f(x)=1
X '
. X ’
X
:>m f(X):J.dX
X
:>m f(X):X+C

Do f(l):z nén ta co ﬁ.ZZHC:C:O.
+

Khi do ﬁ.f(x):x: f(x)=x+1.

Vay taco f(2)=3.
dytacé f(x)=x+1= f(x+1)=x+2

f(X+1)dX=IX+2

Khi d6 j N -

Cau 113.Cho ham s6 y = f (x) c6 dao ham lién tuc trén (0;+ o) théa man f'(x)+

f(1)=2.

a) Khi f'(3)=1thi f(1)=8.

b) [ xf (x)]’ = 4x°% + 3%

dx:j(1+gjdx:x+2In|X|+C
X

f(x)

X

=4x*+3x va

c) Phuong trinh tiép tuyén cua do thi ham s6 y = f (x) tai diém c6 hoanh d§ x =2 lay =16x+20.

d) If(x—l)dx:x4—2x3+x2+C , V6i C 1a hang sd.

Loi giai
a) b) c) d)
SAI PUNG SAI SAI

a) Khi f'(1)=1thi 1+ f(1)=7= f(1)=6.

b) Ta co:

f’(x)+m:4x2 +3X
X
< xt'(x)+ f(x)=4x"+3x2.

=N [xf (x)]’ =4x° +3x°
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c) Taco: | xf (x)]’ =4x° +3x*

LAy nguyén ham hai vé ta duoc: xf (x)= J.(4x3 +3x2)dx =x'+x*+C.

Véi x=1tacé: f(1)=2+C.

Theobaira f(1)=2 ©2+C=2<C=0.

Vay xf (x)=x"+x’ < f (x)=x*+x°.

Taco: f'(x)=3x*+2x; f'(2)=16; f(2)=12.

Phuong trinh tiép tuyén ctia d6 thi ham so y = f (x) tai diém c6 hoanh d6 x =2 la:
y=16(x—2)+12 < y=16x-20.

d) Ta co: f(x):x3+x2:>f(x—l):(x—1)3+(x—l)2:x3—2x2+x

nén: jf (x—l)dx:j(xs—ZX2 +x)dx:%x4

1 . Ll £
3+EX2+C , V&i C la hing so.

2
~Zx
3
Cau 114.Cho hams6 f (x) thoaman f(x)+f'(x)=e™ vxeR va f(0)=2.

1-e?

a) Khi f(1)=e thi f'(1)= -

b) (f(x)e*)’:e‘x

c) f(In2)=In2+1

d) Nguyén ham cua f (x)e* la %xz +2Xx+C, Vi C la hang so.

Loi giai
a) b) c) d)
PUNG SAI SAI PUNG
) . , i , 1—e?
a) Khi f(1)=e thie+f'(I)=e"= f'(1)= -

= f(x)e" :dex

o f(x)e*=x+C
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Vi f(0)=2 nén C=2.

= f(x)e*=x+2
Do d6: = f(In2)e" =In2+2= f(In2):%In2+l
d) Taco: f(x)e*=x+2

:>j f (x)exdx:j(x+2)dx:%x2+2x+C
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PHAN III. Céu tric nghiém tra 16i ngan. Mi ciu héi thi sinh chi tra 1oi dap an.
Cau 115.Cho ham s6 y = F (x) la mot nguyén ham cia ham sé y = x*. Tinh F'(25).
Traloi: ....................

Loi giai
Dap an: 625
Tacod F(x) la mot nguyén ham cuahamsé y =x* néntacd F'(x)=x*,¥xeR.
Do d6 F'(25) =25 =625.
Cau 116. M6t nguyén ham cia ham s f (x) = x> +2x c6 dang F(x)=ax*+bx>. Tinh T =4a+b.
Traloi: ....................

Loi giai
Pap an: 2
Taco: F(x)=ax"+bx* la nguyén ham cia hams6 f (x)=x*+2x nén

4a=1 a=

1
F'(x)=f(x),vxeR < 4ax’ +2bx=x> +2x,Vxe R < o 4
2b=2 1

Dodo T :4a+b:4%+1:2.

Cau117.bé ham s6 F(x)=mx’+(3m+2)x’-4x+3 & mot nguyén ham cua ham s
f (x)=3x*+10x -4 thi gia tri thyc cua tham s6 m béng bao nhiéu?
Traloi: ....................
L i giai
Pap an: 1
Vi F(x) la mot nguyén ham cua ham s6 f (x) nén ta co

E/(X) = f(X) < 35 4 2(3M+ 2) X —4 = 31 410X —4 e 4= 3 m=1
()=f0)= (8m-+2)x-4= “l2(Bm+2)=10"""

N N 1 « ]
Cau 118.Nguyén ham F(x) cua ham s6 f(x)= §x3—2x2 +X—2024 thoa mén F(1)=-2024. Tinh

F (0) (lam tron két qua dén hang thap phan thi nhat).
Traloi: ....................

L i giai
Pap an: 0,08

Taco j(%ﬁ N x—2024jdx =%Jx3dx - 2jx2dx +jxdx - 2024J'dx
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1 x* X x? 1 2 1

== 2 42 _2024x+C =—x*-=x}+=x*-2024x+C.
3 4 3 12 3 2

F(1)=-2024 & i.l4 —2.13 +£.12 -20241+C=-2024 < C :i.
12 3 2 12

Ly 25,1y —2024x 4+
3 2 12

:>F(x):12

= F(0)=—=~0,08
12
Cau 119.Goi F(x) la mot nguyén ham cua ham s6 f(x)=(2x—3)2 thoa F(O)z%. Tinh gia tri cua

biéu thac T =1log, | 3F (1)-2F(2)].

Traloi: ....................
Loi giai
Pap an: 2
‘. 2 1 2 1 (2X—3)3
Taco: F(x)=[(2x—3) dx==[(2x-3)"d(2x-3) == +C.
2 2 3
3

Taco F(O):1<:>l (0-3) clocl®

3 2 3 3 6

3

Do d6 F(x):l.(zx_g) +§ nén F(l)=1.—1+§:E;F(2):1.l+§:5.

2 3 6 2 3 6 3 23 6

=T =log,[3F (1) - 2F (2)]=log, (3%— 2.5) =log,4=2.

Cau 120.Cho F(x) la mot nguyén ham cua ham sé f(x):2x+3\/§ thoa man F(1)=0. Tinh F(4).
Traloi: .................ee.
Loi giai
Dap an: 17
Taco: [(2x+3Vx)dx=x"+2x/x +C ma F(1)=0=C =-3.
Vay F(x)=x*+2x/x -3.
= F(4):17
Cau 121.Ham s6 F(x) la mot nguyén ham caa ham so y:% trén (—o0;0) thoa mén F(-2)=0. Tinh
F(-2e).
Traloi: ....................
Loi giai

Pap an: 1
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Taco F(x):jidx:ln|x|+C:In(—x)+C Véi Vx e (-;0).
X
Laico F(-2)=0<1In2+C=0<C=—In2.

Do d6 F(x):ln(—x)—InZ:In(_?Xj.

Viy F(x):ln(_?x] vxe(=0;0)

2e

= F(-2e)= In(?] =1

2x-1 khix>1

3¢ -2 Khix<l’ gia st F la nguyén hamcia f trén R thoa man
X2 — X<

Cau 122.Cho ham sb f (x) :{

F(0)=2.Giatricia F(-1)+2F(2) bang bao nhiéu?
TrAIOE oo

Loi giai
Pap an: 9
Ta co:

I(Zx—l)dx:xz—x+C1;
I(sxz—z)dx:x3—2x+c2

x*—x+C, khix>1
Suyra F(x)=[ f(x)dx= L
x* —2x+C, khix<1
Mataco F(0)=2=C,=2
Mt khac ham s6 F languyén hamcia f trén R nén y=F(x) lién tuc tai x =1

Suyra limF(x)=limF(x)=C,=1.

x—1" x—=1"

e x> —x+1 khix>1 F(-1)=3
Khidé taco: F(x)=1 | _ suy ra :
X°—2x+2 khix<1

Vay F(-1)+2F(2)=9.

2x+3  khi x=>1

Cau 123.Cho hamsé f(x) =1, .
3x“+2 khi x<1

. Gia st F la nguyén ham cua hamsé f trén R

thoa man F(0)=2. Gia tri cia F(~1)+2F(2) bang bao nhiéu?
Traloi oo,
Loi giai
Pap an: 21
Khi x>1 thi F(x) = [ f(x)dx = [ (2x+3)dx =x* +3x+C,
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Khi x<1 thi F(x) = [ f(x)dx = [(3x* +2)dx = x* +2x+C,

Theo gia thiét F(0)=2=C,=2 Taco lim f(x)=lim f(x)=f(@1)=5 nén ham s6 f(x) lién tuc tai
x—1" x—1"

x=1.

Suy rahamsé f(x) lién tuc trén R.

Do dé ham sé F(x) lién tuc trén R = lim F(x) = lim F(x) = C,+4=C, +3=C, =1
x—1* x—1"

Vay F(-1)+2F(2)=-3+C, +2(10+C,)=21

2X+5 khix>1

e ad Ihix<l’ Gia st F la nguyén ham cua f trén R thoa méan
X%+ iXx<

Cau 124.Cho ham s6 f (x) :{

F(0)=2.Giatricia F(-1)+2F(2) bang bao nhiéu?
Traloi: .................ee.

L i giai
Dap an: 27

Theo gia thiét F [a mot nguyén ham cua f (x) trén R nén ta co

2x+5  khix>1 X* +5x+C, khix>1
F(x)=1,, .= F(x)= .
3x*+4  khix<l1 x*+4x+C, khix<l

Vi F(0)=0=C,=2.
Mat khac, F(x) lién tuc trén R nén lién tyc tai x =1 nén ta co:

limF(x)=limF(x)<6+C =5+C,=C,=C,-1=1

x—1" x—1"

vy £

x2+5x+1 khix>1
=

F(-1)+2F(2)=-3+2.15=27.
X} +4x+2 khix<l (-1)+2F(2) "

Cau 125.Cho ham s f(x)=

2x+2 khi x>1 . L ) N
. Gia st F la nguyén ham caa f trén R thoa méan

3x*+1 khi x<1
F(0)=2. Gi4 tri ctia F(—1)+2F (2) bang bao nhiéu?
TrRAIDE oo,
Loi giai
Pap an: 18
x> +2x+C, khi x>1

F la nguyén hamcua f trén R nén F(Xx)= .
o “ () {x3+x+C2 khi x<1
Taco: F(0)=2=C,=2. (1)

Do F lién tuc tai x=1 nén limF(x)=limF(x)="F(1)

x—1" x—1"

o
<C +3=C,+2C +3=4<C =1,
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) X2 +2x+1 khi x>1
Do d6 F(x)=

X +x+2  khi x<1'
Suyra F(-1)+2F(2)=18.

Cau 126.Ham s6 F(x) la mot nguyén ham cua ham sé f (x)=sinx+cosx théa man F (%) =2. Tinh

F(ﬂ)
Traloi: ..ocoovveeevee. ..
Léi gii
Pap an: 0
Co F(x):jf(x)dx:j(sin X+cos x)dx = —cosx+sinx+C
T T . T .
Do F(E)=—COSE+SIHE+C=2<:>1+C=2<:>C=1:> F(x)=-cosx+sinx+1.
:>F(7T)=0
i

Cau 127.Ham s6 F(x) la mot nguyén ham cia ham sé f(x)=sinx+1 thoa médn F(szo. Biét

F(Ej_ a.ﬂ+b.\/§+c

, V61 a,b,c € Z. Tinh gia tri biéu thuc a+b—c.

3 6
Traloi: ....................
Loi giai
Pap an: 7
F(x)=[(sinx+1)dx = x—cos x+C
Do F(EJ:O:E—COS(£]+C=0<:>C=£—E
6 6 6 2 6
F(x):x—cosx+£—Z
2 6
(ﬂj 7+3J3-3
S F|Z =2
3 6

= a=1b=3,c=-3=a+b-c=7
Cau 128.Ham s6 F(x) la mot nguyén ham cua ham sé f (x)=sinx + 2cosx théa mén F(%)zo. Tinh
F(—ﬂ).
Traloi: ................eel.
Loi giai

Dap an: -1
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Taco J.(sinx + 2cosx)dx =—COSX + 2sinx +C .

Do F(%)zo nén C =-2 nén F(x):25inx—cosx—2.

:>F(—7T)=—1

Cau 129.Ham sb F(x) la mot nguyén ham ciua ham s f (x)=2sinx—cosx thoa mén F(%]:—g.
Tinh F(—ﬂ).

Traloi: .....ocovvveennn.

Loi giai
Pap an: 3

F(x):I(Zsinx—cosx)dx=—2cosx—sinx+C.

3

F| Z|=-2cosZ-sinZ+c=-=cC=1.
3 3 3 2

Vay F(x)=-2cosx—sinx+1.
= F(-7)=3

Cau 130.Biét F(x) la mot nguyén ham cia cua ham s6 f (x)=sinx va do thi ham s6 y = F (x) diqua
.2 , T
diém M (0;1). Tinh F(Ej

Traloi: .........ocoeene
Loi giai
Pap an: 2

Theo baira f(x)=sinx nén F(x)=-cosx+C, véi C lahing s tuy y.

Do thi ham s y = F(x) di qua diém M (0;1) nén 1=-c0s0+C < C =2= F(x)=—cosx+2.

Do do6 F(ﬁj=2.
2

Cau 131.Cho F(x) la mot nguyén ham cia ham s6 f (x)=

. Biét F(%+kn)=k véi moi ke Z .
COS™ X

Tinh gia tri cia biéu thuc T =F (0)+ F (7)+F (27).

Traloi: .........ocoeene
Loi giai
Pap an: 2

Taco F(x):J' f (x)dx:jcods)zx =tan x+C.
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tan x+C,, XE(—E;Ej F(£+0ﬂ']:1+C0:0:>CO:—l
2 2 4
Suyra F(x)=1tanx+C,, Xe(%;?’?ﬂ] = F(%+n]z1+€1:1:q:0
37 b7 Vs
tanx+C,, xe TRy F Z+2;r =1+C,=2=C, =1

Vay F(0)+F(z)+F(27)=tan0-1+tanz +tan 2z +1=2.

thoa man F (%) = ﬁ Tinh

Cau 132.Cho F(x) la mot nguyén ham cua ham so f (x)=sinx+ >

cos’X
F (0) (1am tron két qua dén hang thap phan thir nhat).
Traloi ..ooooeeeeeennn,
Loi giai
Pap an: 0,6

2

Taco F(x) =I(sinx+
cos’x

jdx =—COoSX + tanx+C .

Vi F(%):g nén C =2 -1 nén F(x)=—cosx + tanx + v2 - 1.
F(0)=-1+y2-1=v2-2~-0,6

Cau 133.Goi F(x) la mot nguyén ham cua ham sé f(x)=2*, théa man F(O)z%. Bict

2°+b

F(0)+F(1)+...+F(2024)+F(2025):W, voi a,beZ va % la phan thac téi gian. Tinh gia tri

biéu thac a—b.

Traloi: ... vvvvennn.
L i giai
Piap an: 2027
2)(

Taco F =| f(x)dx=|2"dx= C
aco F(x) I (x)dx I X In2+

1 2"
A F(0)=——=C=0=F(x)=—.
ma F(0) |n2:>C 0= F(x) i

B 1 22026 —l B 22026 —l

In2° 2-1 In2

= F(0)+F (1)+...+ F (2024) + F (2025) :%(1+2+ 2" 4.+ 274 27

= a=2026b=-1=a-b=2027
Cau 134.Biét F(x) la mot nguyén ham cua ham sé f (x)=e> va F(0)=0. Gia tri cia F(In3) bing
bao nhiéu?

Traloi: ....................
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Loi giai

Dap an: 4

Tach F(x):jezxdx:%ezx +C.

ma F(0)=0=C=—1= F(x)= e~ =
2 2 2
Khi d6 F(In3):£e2'”3—£:4.
20 2

Cau 135.Cho ham s6 f(x)=2x+e*. Goi F(x) la mot nguyén ham cua ham s6 f(x) théa mén
F (0)=2024. Biét F(2)=e*+b, véi a,beZ vé% la phan thrc toi gian. Tinh gia tri bieu thirc a+b .
Traloi: ....................

Léi gii
Pap an: 2025
Taco If(x)dx:f(2x+ex)dx:x2+ex+c.

C6 F(x) la mot nguyén ham cua f (x) va F(0)=2019.

F(x)=x*+e"+C
Suyra =1+C=2024 < C =2023.
F (0)=2024
Vay F(x)=x*+e*+2023.
= F(2)=€?+2027
= a=2;b=2023=a+b=2025

Cau 136.Cho ham s6 f (x)=e*+2e*—2x. Goi F(x) la mot nguyén ham cua ham s f (x) thoa mén

a b
. ef+e’+c . PRy
F(0)=1. Biét F(l):;,vél a,b,c € Z. Tinh gia trj biéu thaec a+b+c.
e
Traloi: ....................
Loi giai
Pap an: 1

F(x) la mot nguyén ham cua f (x)=e*+2e™ - 2x.
:>F(x)zj.f(x)dx=J.(eX+2e’x—2x)dx=ex—2e’x—x2+C.
Vi F(0)=1nénsuyrae’-2e°-20+C=1=C=2nénF(x)=¢e" -2 - x> +2.

2
S F(l)=e-241=81872
e e

=a=2b=Lc=-2=a+b+c=1
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Cau 137.Cho ham s6 f(x)=2"+x+1. Goi F(x) la mot nguyén ham cua ham s6 f(x) thoa mén

F(0)=1. Biét F(—l):%+ﬁ, Vi a,b,ceZ va % la phan thic téi gian. Tinh gia tri biéu thic
n
a+b+c.
Traloi: ..o,
Loi giai
Pap an: 2
F(X)ZI(ZX+X+1)dX:i2X+£X2+X+C.
In2 2
:F(X):i2x+lx2+x+c.
In2 2
F(O):1:>1:i2°+£02+0+c:>C=1—i
In2 2 In2
:>F(X):i2x+£x2+x+l—i
In2 2 In2
= F(— ):i2_1+£_1+1_i: (_ )zl_i
In2 2 n 2 2In2

—a=Lb=2c=-1=a+b+c=2
Cau 138.Cho F(x)=(ax’+bx+c)e™ Ia mot nguyén ham cia ham sé f(x)=2x*e*. Tinh tong
a+b+2c.
Traloi: ....................
Lo giai
Pap an: 1
Taco F'(x)=(2ax+b)e”™ +2(ax’ +bx+c)e”™ =| 2ax* +(2a+2b) x+b+2c |e”".

Ma F (x)=(ax”+bx+c)e’ la mot nguyén ham cia ham sé f (x)=2x"e>

2a=2 a=1
= F'(x)=f(x),VxeR<<2a+2b=0<b=-1.
b+2c=0 1

c==—

2

Vay a+b+2c=1.
Cau 139.Biét F(x)=e*+2x* la mot nguyén ham ciia ham s f(x) trén R. Gia st G(x) la mot
nguyén ham ctiia ham sé f (2x)+coszx. Khidé G(2)-G(0)=ae’+c, a,b,ce Q. Tinh abc.
Traloi: ..................

Loi giai
Pap an: 62
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Taco F(x)=e"+2x* lamot nguyén ham cia hamsé f (x) trén R
Suyra f(x)=F'(x)=2e"+4x = f(2x)=2e" +8x

Khi d6 _[( i (2x)+cos;:x)dx = I(Ze‘“ +8X +C0S nx)dx = %e“* +4x? +%sin 7x+C.

Suy ra G(x) =%e4x +4x? +£sin zx+C.
T

Do d6 G(2)-G(0) = lesteac]-[2ic|-te 3L
2 2 2 2
Vay abc=62.
Cau140.Cho ham s F(x)=(ax®+bx+c)e™®* 1a mdot nguyen ham caa ham  sb

f(x)=—(2x?—8x+7)e ?*. Tinhténg a+b+c.
Traloi coeenneee,

Loi giai
Pap an: 0

Vi F(x) la mot nguyén ham caa ham sé f(x) nén F'(x) = f(x).
Taco: F(x)= [(ax2 +bx+c)e‘2XJ = (2ax+b)e 2 —2(ax? + bx + c)e ¥

= —[Zax2 —(2a-2b)x-b+ ZC}E_ZX

2a=2 a=1
Do F'(x)=f(x) nén s—2a+2b=-8<<b=-3=a+b+c=0.
-b+2c=7 c=2

Cau 141.Cho F(x) la mot nguyén ham cua ham sb f(x):ax+£2(x¢0), v6i a,b e Q. Biét rang
X

F(-1)=1F(1)=4,f(1)=0,tinhtong a+b.

Traloi: ...coovveeeeea. ..
Loi giai
Pap an: 0
. b 1 b
Tach F(x)z_[f(x)dx=j(ax+7)dx=§ax2—;+C.
1a+b+C=1 b=—E
F(-1)=1 |2 2
Theo baira {F(1)=4 < %a—b+C=4<:> azg
f(1)=0 _
() a+b=0 ng

=a+b=0
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Cau 142.Cho ham s6 y= f(x) c6 dao ham la f'(x)=12x*+2,vxeR va f(1)=3. Bié¢t F(x) la
nguyén ham cia f (x) théaman F(0)=2, khidé F (1) bang bao nhiéu?
Traloi: ........ooooiiii,
Loi giai
Pap an: 1
Taco: f'(x)=12x*+2,vxeR = f(x)=4x>+2x+C,.
Ma f(1)=3=3=6+C,=C,=-3= f(x)=4xX"+2x-3 = F(x)=x"+x*-3x+C,.
Laico: F(0)=2=C,=2= F(x)=x"+x"-3x+2.

Khi do: F(1)=1.

1
Céach khac: Ta co: F(l):jf(x)dx+F(0) (4x +2X— 3)dx+2_—1+2 1.
0

O'—.I—‘

Cau 143.Cho ham sb f (x) xac dinh trén khoang (0;+o), thoa man f’(x):3\/§+% va f(1)=
X
Biét f(2)=a~2+b¥4+c, voi ab,ceZ . Tinhgi tri biéu thic a+b+c.

TrAIOE cvoeeneeie
Loi giai

Pap én: 3
f(x)= j(3«/§+ ]dx I(3\/;+\/7]dx 2xx +33x% +C

Ma f(1)=1¢2+3+C =1 C=—4 = f (x) = 2x/x +3x? -4
f(2)=4v2+3Y4-4

=a=4b=3c=-4=a+b+c=3
Cau 144.Cho ham s6 f (x) thoa mén f’(x):ax2+£3, f'(1)=3, f(1)=2, f(ljz—é.ﬁnh gia tri
X

2a+b.
Traloi: ...,
Loi giai
Pap an: 5
Tacod f'(1)=3=a+b=3(1).

\ X , \ -n A 5 r < R 1 A A A
Ham s6 c6 dao ham lién tuc trén khoang (0; +oo), cac diem x=1, x= 5 déu thuoc (0; +oo) nén

If dx jax +b dx_ai—i+c.
x3 3 2x°
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* f(1):2:>%—%+0:2(2).

+ f(ijz—i:i—zmcz—i(s).
2)" 12 24 12
a+Z:3 a-2
Tir (1), (2) va (3) ta dugc hé phuong trinh %—Tczz e{b=1 =2a+h=22+1=5.
11
2 _prc--t |C=%
24 12

Cau 145.Cho ham sé f(x) xac dinh trén R\{0} théa man f’(x):X—Jrl f(—z):g va

aln2+b
(4=

f(2)=2In 2—; Biét f(-1)+ f Vi abceZ va 2 ia phan thuc toi gian. Tinh gia tri
C

biéu thac a+b+c.

Traloi: ...coovveeeeea. ..
Loi giai
Pap an: 15
Xx+1 1
Co f(x)=|f'(x)dx = dx=Inx-—=+C
6 f(x) I (x)dx IXZ X =Inx X+

In|x|—£+C1 khix <0
= f(x)= Xl
In|x|—;+C2 khi x >0

Do f(-2)=2=In2+424C =2 =C,=1-In2
2 2 2
3 1 3
Do f(2)=2In2-2 =In2-+C,=2In2--=C,=In2-1

In|x|—l+1—ln2 khi x <0

Nhu vay, f(x)= Xl

In|x|-=+In2-1  khix>0
X

8In2+3

Vay f(-1)+f (4):(Z—In2)+(ln4—%+ln2—1j: 1

—a=8b=3c=4=a+b+c=15
Cau 146.Cho ham s f(x) thoa man f'(x)=3-5sinx va f(0)=10. Biét f(n)=an+b, Voi
a,beZ va % la phan thtc téi gian. Tinh gia tri biéu thuc a+b .

Traloi: ....................

Loi giai
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Pap an: 13
Taco f(x):J'(3—5sinx)dx:3x+5cosx+c
Theo gia thiét f (0)=10 nén 5+C =10=C =5.
Vay f(x)=3x+5c0sx+5.
= f(n)=3n+10
—a=3b=10=a+b=13
Cau 147.Cho ham s6 f (x) thoa man f(%jzo va f'(x)sinzgcoszgzl. Tinh f(%)
Traloi: ....................
Loi giai
Pap an: 0

Ta co:

= f(x)=4 %dx
sin? x
= f(x)=4cotx+C
Do f(ﬁjzo:cz—4
4

= f(x)=4cotx—4

Ma f (Ej :4cot£—4:0
2 2

Cau 148.Ham s6 f(x) c6 dao ham lién tuc trén R, théa méan: f'(x)=2024-2sin’= va

f (Ej - 2023” . Tinh f(0).

N | <

2
Traloi: ....................
Loi giai
Pap an: 1

f’(x):2024—25in2§
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= f(x)=] 2024 - 2sin® = |dx = [(2023+cos x)dx = 2023x —sin x+C
2

= f (x)=2023x-sinx+C

f(zj_ 20237
2 2

20237

= ~2023. 2 —sinZ+CeC=1
2 2
= f (x)=2023x-sinx+1
= f(0)=1
Cau 149.Ham s6 f(x) co dao ham lién tuc trén R théa man: f'(x)=1+e* va f(0)=2. Biét

f(In2)=a+Inb, véi a,beZ vé% la phan thic t6i gian. Tinh gia tri biéu thac a+b .

Traloi: ....................

Loi giai
Pap an: 5
f'(x)=1+e*

:>f(x):J'(1+e2X)dx:x+%e2X+C

Ma f(0)=1+C<2=1+C=C=1
1 2X

:>f(x):x+ze +1

= f(In2)=3+In2

=a=3b=3=a+b=5

Cau 150.Ham s6 f (x) c6 dao ham lién tuc trén R thoa man: f'(x)=2"+ 3" va f(O):%. Bict

f(l):i+i, véi a,b,ceZ va 2 1a phan thic i gian. Tih gid trj biéu thic a+b+c.
bIn2 ciIn3 b
Traloi: .....ovvevveennn.
Loi giai
Pap an: 5
f'(x)=2"+ 3
2)( X
= f(x)=(2"+ 3) dx=|2"dx+ | 3dx = + +C
() I( ) J. I In2 In3
= f(x)= 2 + 3 +C
In2 In3
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f(0)= 1 1.1 coc-L
In3 INn3 In2 In3 In2
:>f(x): 2 +3 + 1
In2 In3 In2
)=y 3
In2 In3

=a=3b=Lc=1=a+b+c=5
Cau 151.Ham s6 f(x) c6 dao ham lién tuc trén R, théa man: f'(x)=e>"** va f(-675)=1. Biét

_e"+bhe+c

3 , V61 a,b,c € Z . Tinh gia tri biéu thirc a+b+c.
e

£(0)
TrAIOE cvoeeneeee

Loi giai
P4p 4n: 2027

f ’(X) — e3X+2024

1
f — 3x+2024d _ = 3x+2024 C
= f(x) j e X 3 e +

f (—675)=1
:1:193.(—675)+2024 1C=>C :1_i
3 3e
— f (X):1e3x+2oz4 +1_i
3 3e
= f (0) :l62024 +1_i:w
3 3e 3e

=a=2025b=3c=-1=a+b+c=2027
Cau 152.Ham s6 f(x) c6 dao ham lién tuc trén R, thoa man: f'(x)=3"22%" va f(1)=0. Biét
f(O):i,véi acZ .Tinhgiatri a.

In12
Traloi: ....................

Loi giai

Dap an: -198
f ’(X) — 3x+2.22x+l

12*
f(x)=|3"%2""dx = [3°.3".2.4*dx =18|12"dx =18 C
= (x) I X I X I X Inlz+
:>f(x):18 12 +C
In12
f(l):0:>0:18£+C:C:—ﬁ
In12 In12
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¢ (x) ~18.12% B 216 18.12" -216
In12 In12 In12

= f(o):%:a:_lgs

Cau 153.Cho ham s6 y = f(x) c6 dao ham la f'(x)=e"+2x+1, vxeR va f(0)=1. Goi F(x) la
~ N ) , o -z a , . Loa A , Le =y
nguyén ham cua f(x) thoa man F(1)=e. Biét F(O):E’ voi a,b,ceZ va o la phan thtrc toi gian.

Tinh gié tri biéu thirc a+b .
Traloi: ....................

L i giai
Pap an: 7

Taco f'(x)=e"+2x+1 VxeR = f(x)zj.(ex+2x+1)dx=ex+x2+x+C

Vi f(0)=1<e"°+0+C=1<C=0nén f(x)=e"++x’+x
Vi F(x) languyén ham cua f(x) nén F(x)z_[(ex+x2+x)dx=ex+%x3+%x2+c

3 2
Laico F(1)=e<:>C:—§ suy ra F(x):ex+%+x?—%
Khido F(0)=¢’~2=1-2=1,
6 6 6

—a=Lb=6=a+b=7
Cau 154.Cho F(x)=cos2x la mot nguyén ham cia ham s6 f (x).tanx. Biét nguyén ham cua ham sé

tan x
f'(x)

tri biéu thirc a—2b .

) a . - N S SU
c6 dang Etanx+C véi a, b la cac so nguyén duong, b la phan so6 toi gian va C e R . Tinh gia

Traloi: .....ocovvvvvennn.
Léi gii
Pap an: -15
Tacd F'(x)=-2sin2x =—4sin xcosx.
Vi F(x)=cos2x la mot nguyén ham cia ham s6 f (x).tanx nén:
F'(x)=f(x).tanx < —4sinxcosx = f (x).tanx < f (x)=—-4cos*x.

Suyra f'(x)=8sinxcosx.

Khidétacé:jtanXdX:I .tanX dx I 12
8sin X cos X 8cos” x

F'(x)

Vay a—2b=-15.

dx=%tanx+C suyraa=1, b=8.

https://www.facebook.com/truongngocvy8/ Trang 16 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 4 — Nguyén ham. Tich phan - Tréc nghiém va tw ludn 4 phén cé 1oi gidi Dung chung 3 bg sdch

PHAN IV. Cau tu luan. Mbi ciu héi thi sinh trinh bay cach giai tu luan.
Cau 155.Cho hams6 y = f (x) théaman f'(x).f (x)=x"*+x*. Biét f(0)=2.Tinh f?(2).
Loi giai
Ta co:
fr(x).f(x)=x"+x?

2
2

f (X) +C.
2 5 3

Do f(0)=2 nénsuyraC=2.

Vay f2(2):2(% % 2) 3;3:52

Cau 156.Cho ham s6 y=f(x) c6 dao ham lién tuc trén doan [-2;1] théa man f(0)=3 va
(f(x))z.f’(x):3x2+4x+2. Tinh gid tri cua f (1).
Loi gidi
Ta co:
(f(x))z.f’(x)=3x2+4x+2

!

c{(f(x)f} =3x° +4x+2

= J.(:%x2 +4x+ Z)dx

=x*+2x*+2x+C

=x3+2x*+2x+C

<:>(f(x))3:3(x3+2x2+2x+C) (1)
Theo dé bai f(0)=3 néntir(1)taco (f(0)) =3(0°+2.0°+2.04C) = 27=3C & C =9

:>( f (x))3 :3(x3+2x2 +2x+9)

= f(x) :3/3(x3 +2x? +2x+9).

= f(1)=¥42
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Cau 157.Cho ham s6 f(x)>0 théa man f(z)=e* va f'(x)—f(x)sinx=0 véi moi xeR. Gia tri

cua f (%) bang bao nhiéu?

Loi giai

:In‘

<sin f x):—cosx+C

Theo dé bai f (7)=e” nén Ine*=1+C=C=1

= In f (x)=—cosx+1

= f(x)=e“"'=f (Ej —e

Cau 158.Cho ham sé f(x) thoa man f(2)=—% va f'(x)=x[ f(x)] véi moi xeR. Giatricua f(1)

bang bao nhiéu?

Loi giai
Céch 1: lay nguyén ham
/() =x[ (9"
L 100
[f ()]
LY
=|-———| =X
o)
LY
=| ——| =—x
)
:i: —xdx
f(x)
2
:L:——+C
f(x)
1 1
Ma f(2Q)=—==>—=2+Ce - =2+C=>C=-1
3 (2 21
3
2
:L:_X__l
f(x) 2

https://www.facebook.com/truongngocvy8/ Trang 18 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dai s6 12 - Chuwong 4 — Nguyén ham. Tich phan - Tréc nghiém va tw ludn 4 phén cé 1oi gidi Dung chung 3 bg sdch

Dodé: ———=-1-1e f(l):—%

fQ 2
Céch 2: Lay tich phan

Chia 2 vé hé thic (1) cho [f(x)]2 = ' =x,Vxe[L2].

[f ]
LAy tich phan 2 vé trén doan [1; 2] hé thic vira tim dugc, ta duoc:
2 2
J' ) dx = I xdx
1 f (X)] 1
2
=
! [T
2
-1
@ —_— [rg—
f(x), 2

f(x):%

1 1 E

I @ 2
Do f(2):—% nénsuyra f()=—=
Cau 159.Cho ham s6 y = f(x) dong bién trén (0;+»); y=f(x) lién tuc, nhan gia tri duong trén
(0;-+50) v thoa man f(3)=g va [ +'(x)T =x.f(x). Tinh £ (8).
Loi giai
Ta co voi Vxe(0;+0) thi y=f(x)>0; x+1>0.
Hamso y = f (x) dong bién trén (0;+e0) nén f'(x)>0,Vx & (0;+x).

Do d6

[£/(x)] =xf(x)
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2-3J3

Vi f(3)=g nén C = 3

= |/ f (x):%\/x73+#

= f<x>={§m2—3ﬁ]2

3

 43-2443

suyra f(8) S

Cau 160.Cho ham s6 f(x)>0 véi moi xeR, f(0)=1 va f(x):\/;.f’(x) voi moi xeR. Tinh

Loi giai
Ta co:
f(x):\/;.f’(x)
_f)_ 1
f(x) Jx

:Inf(x):j%dx
< 1n f(x):Z\/;+C
Ma f(0)=1nén C=0= f(x)=e*" = f(3)=e>"
Cau 161.Cho ham s6 f(x) c6 dao ham cap hai trén doan [0;1] déng thoi thoa man cac didu Kién
£(0)=-1 f'(x)<0,[ f'(x)] = £(x),vxe[0;1]. Tinh gia tri cia f'(2).
Loi giai
[0 = (%)

)
[1/00)]

=
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Cau 162.Cho ham sb f(x) dong bién c6 dao ham dén cip hai trén doan [0;2] va thoa mén
[f(x)] = f(x).£7(x)+[ f'(x)] =0.Biét f(0)=1, f(2)=e°. Khido f (1) bing bao nhiéu?

Loi giai

Theo dé bai, ta c6
[ ()] = f(x).F7(x)+[ £ (x)] =0

B AKCORRACIN
[f(0]

5

Suyra: f(x):exzzm = f(1)=e2.
Cau 163.Cho ham s6 f(x) thoa man f(0)=1 va f’(x)+f(x)=e™ véi moi xeR. Gia tri cua
f (In2) béng bao nhiéu?

Léi gii
taco f'(x)+f(x)=e™

!

Nhan hai vé véi e* ta duge: e*- f'(x)+e*- f (x):lc[ex-f(x)} =1
:>ex-f(x):J.dx

=e*- f(x)=x+C

Ma f(0)=1néne’1=0+C=C=1

Do dé: e* - f (x) = x+1=> " (In2) =1+In2 = f(InZ):%+%In2
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Cau 164.Cho ham s6 f(x) théa man f(In2)=1 va f'(x)—f(x)=e> véi moi x e R. Gia tri cua

f (1) bang bao nhiéu?
Léi gii
taco f'(x)—f(x)=e*

!

Nhan hai vé véi e ta duge: e f'(x)—e - f(x)=e* < [e™ f(x)] =¢’
:e‘*-f(x):jexdx

=e - f(x)=e"+C

Ma f(In2)=1nén =e ™ .1=e"+C=C =—g

Do do: et f (1):e—g: f(l)zez—%e

Cau 165.Cho ham s6 y= f(x) thoa man f(0)=1 va f'(x)f(x)-sinx=0,vxeR. Gia tri cua
f?(z) béng bao nhiéu?
Loi giai
Pap an: 3
Taco
f'(x) f(x)-sinx=0
x) f (x)=2sinx
x)] =sinx
= ['sin xdx
=-cosx+C

(
(
Ma f(0)=1nénl1l=-1+C=C=2
(
(

Cau 166.Cho ham s6 y = f (x) thoa méan f(2)=—% va f'(x)=x*f?(x) vxeR. Gia tri cua f (1)

bang bao nhiéu?

Loi giai
Tacéf’(x):x3f2(x)<:>f’(x):x3<:> — ’:x3:— ! :jx3dx<:>_ 1 :X_4+C
f2(x) f () f(x) f(x) 4 '
4 19 16 3 4
Ma f(2)=—— > ="4C=C="2, f(x)=—
a f(2) =2 21¢=C=] Suyra f(x) s
Vay f(1)=-1.
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Cau 167.Cho ham s f(x) thoa man f(z):—% va f/(x)=x[ f(x) ]2 v6i moi xeR. Gia tri cua

f (1) bang bao nhiéu?

L(‘)’igiﬁi
X 7
T £/( d *d
a co: )=x[ f( ] (x) :>I X = Ix X
1 15 1 1 15 4
—_ = — —_— _— = flz——=—0,8.
‘D( f(x)]l T T e 0

Cau 168.Cho ham s6 f(x)>0 xdc dinh va lién tyc trén R dong thoi thoa man f(O):%,

f'(x)=-e"f?(x), vxeR. Biét f(In2)= b ,V6i a,beZ va E la phan s téi gian, tinh gia tri cua

a+b.

Loi giai

Taco £/(x)=—e*17(x) &) __ex (do £ (x)>0)

£2(x)

f'(x) ) 1 )
:>I f2(X)dx:f—e dx:—f(x):—e +C
Ma f(O):%:—%:—1+C:>C:—1

2
1 1
f = f(In2)= ==
= 1(x) e+1:> (In2) e"? 41 3

=a=3b=1=a+b=4

Cau 169.Cho ham s f (x)#0 théa mén diéu kién f'(x)=(2x+3)f*(x) va f(0)=—%. Biét rang

tong f(1)+f(2)+f(e;)+...+f(2024)+f(2025):B véi (aeZ, beN') va % la phan s6 t5i gian.

Tinh gid tri cia b—a

Loi giai

Taco f'(x)=(2x+3) f*(x) & () =2X+3

5 (x)

f/
@Iﬂdx:1(2x+3)dx @—i:x2+3x+c.

f(x) f(x)
1

Vi f(0)=-J=C=2.
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R 1 1 1
Vay f(x)=- = —~ :
(x+1)(x+2) x+2 x+1

Dung chung 3 bg sdach

11
f(l)=2-=
-3
11
f(2)==-=
(=373
11
Taco: {f(3)==-=
aco (3) £ 2

f(2025)zi_i

2026 2025

Dodo f(L)+ f(2)+f(3)+..+ f(2024)+ f (2025) =~ 24—~ =200

22026 1013
Do acZ,beN = a=-506,b=1013=b—-a=1519

Cau 170.Cho ham s6 f (x)#0, lién tyc trén doan [1;2] va théa man f (1)=

Wk

;x5 E(x)=f2(x) voi
vxe[L;2]. Tinh f(2).

L i giai
Taco
X2 £'(x) = f2(x)

fo) 1

f2(x) x°

SOk
N DL
f(x)) x°
= [

f(x) “x

1
=>——=—+
f(x) x

Ma: f(l):% nén =3=1+C=>C=2
:i:£+2
f(x) x
:L:£+2:>f(2):3:0,4
f(2) 2 5

Cau 171.Cho hams6 y = f (x) thoaman y'=xy* va f(-1)=1. Tinhgidtri f(2)(két qua lam tron dén
chir s6 thap phan hang thar nhat).

Loi giai
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Lo 2 y'_ 2 y' _ 2 _X3 _ XT:+C
Tacd y=xy’ =>=—=X :>J'7dx—‘|'x dx<:>|ny_§+C<:>y—e

y

—}+C

s . 1
Theo gia thiét f (-1)=1nén e 3 =1<:>C=§.

3

1
Vay y=f(x)=e? ®.
Do dé f(2)=¢’~20,1.

Cau 172.Cho ham s6 y = f (X) thoa man f (X) >0,Vx>0 va cd dao ham f’(x) lién tuc trén khoang

f .
(0;+) thoamén f'(x)— gx) =0,vx>0 va f(l):—%. Biét f(%]:% véi a,beZ vé% la phan
X

s6 toi gian. Tinh gié tri ciia a+b .
Loi gii

Taco

f'(x) X1

2Jt(x) 2¢
=[JT0] -5
=100 = [0
=X = 5+C

Theo gia thiét f(l):4 nén J_:—%+C:C:%

(1] 4 13 9 (1] 81

= |fl=|=—=+—===1|=|=—

2 6 6 6 2) 36

= a=8lLb=36=a+b=117

Cau 173.Cho ham s y = f (x) théa mdn f(x)<0,¥x>0 va c6 dao ham f’(x) lién tuc trén khoang
(0;+) thoa man f'(x)=(2x+1) f*(x),vx>0 va f(l):—%. Biét

f(1)+f(2)+..+ f(2023)+ f (2024) :% véi aeZ,beN va % la phan sé téi gian. Tinh gia tri caa

b-a.
Loi giai

Ta co:
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f'(x)=(2x+1) f*(x)

f’(x) =2Xx+1

1
f(l)==-1
(1)=3
1 1
f(2y=1_1
(2)=3-3
1 1
Taco: |f(3)==-1
aco (3) 173
f(2024) =~ L
2023 2024
ST = F(1)+ £ (2) 4.t (2024) =14 == 2024
2025 2025

Do aeZ,beN = a=-2024,b=2025= b—a=4049

Cau 174.Cho ham s6 f(x) thoa man f(0)=1-In2 va e*f'(x)=2*[ f(x)] véi moi xeR. Biét
f(1)=5(a+bin2) véi abeZ va % I3 phan s6 i gian. Tinh gia tri cia a—b.
Loi giai
Tir gid thit ta co: f’(x):i—:[f (x)] véimoi xe(12].
Do dé f(x)>f(1)=1>0 véimoi xe[1;2].

Xét véi moi x €[1;2] ta cé:

et (x)=2"[ f(x)]
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- (i)

f (x) Ini
()
f(x) 1-In2

Ma f(0)=1-In2=C=0.

o

f(x) 1-In2

= f(x)

=

~1-In2
H
e

Vay f(l):g(l—ln 2).

=a=1lb=-1=a-b=2

Cau 175.Cho ham s6 y=f(x) dong bién va c6 dao ham lién tuc trén R théa man

(f’(x))2 = f(x)€*, vxeR va f(0)=2. Tinh f(2) (két qua lam tron dén chit sé thap phan hang thir
hai).

Loi giai
Vihamsb y = f (x) dong bién va c6 dao ham lién tuc trén R dong thoi f(0)=2 nén f'(x)>0 va
f(x)>0 v6i moi x e[0;+).

X

= f(x)€e", vxeR suyra f'(x)=./f(x)e?, Vxe[0;+mx).

2

Tir gid thiét (f'(x))
f'(x) 1%

Zm =—e5, VXe[0;+oo).

L4y nguyén ham hai vé, ta duoc / f (x) =e2 +C, Vxe[0;+x) véi C 1a hang s6 nao do.
y nguy

Do do,

N
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Két hop voi f(0)=2, taduoc C =2 -1.

Tir do, tinh duge f(2)=(e+2-1) ~9,81.

Cau 176.Gia st ham s y = f(x) lién tuc, nhan gia tri duong trén (0;+e0) va théa man f(1)=1,

f(x)=f'(x)~/3x, véimoi x>0. Tinh f(5) (két qua lam tron dén chit sb thap phan hang thir hai).

Loi giai
Taco:

f(x)= f'(x)~/3x
1

T P
:Inf(x):%I%dx

2
=Inf(x)=—+vx+C
RN

2
2 e
:>f(X)=e*@ ¢

i+C 2
Ma f(1)=1nénl=e”®* —=C=-—
@ V3
2 r2
= f(x)=e® B

2/5-2

N
Boe B 417,

2
Suyra f(5)=e"

Cau 177.Cho ham sé f(x) c6 dao ham trén R thoa man e -

f'(x)

=0 véi VxeR, f'(x)#0 va

y L A g
f(1)=1.Bict f(2)=e® véi a,beZ va ™ la phan so toi gian. Tinh gidtricta a+b.

Loi giai
o __ X _
e — =0
t(x)
e f "(x)=x
@(ef(x)) =X
—e' :jxdx
se®-tyic
2
R R 1 1
Ma f(1)=1néne==+C=C=e-=
2 2
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ool t
2 2

1,1 5
= f(x)=e? 2= f(2)=¢?

—a=5b=2=a+b=7
Cau 178.Cho ham s6 f(x) nhan gia tri dwong va théa man f (0)=1, (f’(x))3 —e*(f (x))2 VxeR.
Tinh f(3) (két qua lam tron dén chit s6 thap phan hang thi nhat).

Loi giai

(100 | =24

L

@(f(x))gzéjg/e_xdx

1 X

o (f(x))p=e3+C

f(0)=1=1=1+C=C=0

Wl

=(f(x)) :eg
= f(x)=¢"
= f(3)=e"~2011
Cau179.Cho ham s6 y=f(x) c6 dao ham lién tuc trén R va thoa méan dicu Kién
X[ #'(x)] +27[ f(x)-1] =0,vxeR va f(1)=0. Tinhgiatricia f(2).
Léi gii

Taco

[/ (x)] +27[ f(x)-1] =0
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ex[t(x)] =-27[ f (x)-1]'

LW
[fo-1] ¢

P X €]
[Fo-1J[f(x-1] X

- () __3
(f(x)-2)3f(x)-1  x°

- f'(x) _1

. 1 11
Do do I{W}dx J. de X+C.
Suyra ;:—£+C.
JfF(x)-1 X

C6 f(1)=0=C=0.

Do d6 f(x)=1-x".

Khido f(2)=-7.

Cau 180.Cho ham sé f (x) thoa man [ '(x)] + f (x).f"(x)=x"-2x, ¥xeR va f(0)=f'(0)=1.

Biét f2(2):E V6i a,beZ vé% la phan sé ti gian. Tinh gia tri cia a—b.
Lo giai

Tacd

[£1(x)] + f (%) "(x) =% —2x

S[FX).f (0] =x-2x

= f(x).F'(0) = [ (< ~2x)dx

= f(x).f'(x):%x4—x2+C

Tu f(0)=f'(0)=1.Suyra C =1.

Vay f(x).f'(x) =%x4 —x*+1
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Tiep dén co:

2f(x).f'(x):%x4—2x2+2
2 ' 1 4 2
< (F(x)) :EX —2X°+2
2 1 4 2
= f (x):J.(Ex —2X +2jdx
= fz(x):ix5—3x3+2x+c
10 3
Tu f(0)=1.Suyra C =1.
Vay fz(x)=%x5—§x3+2x+l.

_8
15

=a=43b=15=a-b=28

Do d6 f*(2)

Cau18l.Cho ham sb f(x) thoa man [f'(x)] +f(x).f"(x)=2x*~x+1, vxeR \a
f(0)=f'(0)=3. Giatricua [f(l)]2 bang bao nhiéu?

Loi giai
Taco [ £(x)F'(x)] =[ £/()] +(x) (x).

Do d6 theo gia thiét ta duoc [ f (X) f '(X)]’ =2x* —x+1.

2

Suyra f(x) f'(x)=§x3—x7+x+c .Honnira f(0)=f'(0)=3 suyraC=9.

Tuong ty Vi [fz(x)]’ =2f(x) f'(x) nén [fz(x)]’ =2[§x3 —X?z+x+9j.

3

2 2 3 X’ 1., X 2
Suyra f (x):IZ 5x —7+x+9 dx:gx —?+x +18x+C,

3
cing vi f(0)=3 suyra fz(x)=%x4—%+x2+18x+9.

Dodo [ f(1)] =28.
Cau 182.Cho ham sé f(x) thoa man [xf'(x)] +1=»x*[1—f (x).f"(x)] véi moi x duong. Bit
f(1)=f'(1)=1.Biét f?(2)=2(a+bIn2) véi a,beZ vé% la phan sé téi gian. Tinh gia tri cia a+b .

Loi giai

Ta co: [xf’(x)]2 +1=x? [1— f(x).f (x)] x>0
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e[ F(0)] +1=x[1- £ (x).£"(x)]

e[ ()] +==1- 1 (x).F"(x)

S[F0]+ (0.0 =1
S[H(x.1(x)] =12

Do dé: I[f (x).f (x)] dx :J.(l—%j.dx: f(x).f'(x)=x+=+C.

Vi f(1)=f'(1)=1=1=2+C=C=-1.

Nén _[f(x).f '(x).dx=j(x+%—lj.dx <:>_[ f (x).d(f(x))=j(x+%—1).dx

2 2
f—(X):X—+In X—x+C.
2 2

Vi f(1)=1:>%=%—1+c < C=1.

2 2
Vay fT(X):X?Hn x—x+1= f?(2)=2(1+In2).
=a=1lb=1=a+b=2

Cau 183.Cho ham s6 f (x) thea man f(x)+ f'(x)=2e,vxeR va f(0)=2024. Biét f(In 2):%

. N B S S I
Véi a,beZ va b Ia phan so toi gian. Tinh giatricua a+b.
Loi giai
f(x)+ f'(x)=2e">

o f(x)e*+ f'(x)e =27,

<:>(f(x)e*)’ =2e%

= f(In2)e"? =—-e?"*+2= f(In2) :%

=a=7b=8=a+b=15
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Cau 184.Cho ham s f(x) thoa man f(1)=1 va f'(x)-f(x)=2024 v6i moi xeR. Biét

f(|n5]2a+be Véi a,b,ceZ va a la phan so toi gian. Tinh giatricua a+b+c.
ce C

Loi giai
ta co
f'(x)— f(x)=2024
oe - f'(x)—e™ f(x)=2024e""
e 1(x)] =2024e
= e f(x)=[2024¢dx

=e - f(x)=-2024e7* +C

Ma f(l):l néne'.1=-2024e'+C =C :%
e
=e " f(x)=-2024e"" L 205
e
1 _int _
e "2 ¢ Ini — _2024e " 2_,_%: f(mi]:w
2 e 2 2e

= a=2025b=-4048;c=2=a-b+c=6075
Cau 185.Cho ham sb y = f (x) lién tuc trén R thoa man f'(x)+2x.f (x)=e™, vxeR va f(0)=0.
Tinh f (1) (két qua 1am tron dén chit s6 thap phan hang tha hai).
Loi giai
Taco

f'(x)+2x.f(x)=e"

2

o e f’(x)+2x.ex2.f (x)=1

@(exz.f(x)) =1

Suyra [(e”.f (x))' dx = [ dx

—eX . f (x)=x+C
= f(x)= XJ;C
e

Vi f(0)=0=C=0.

Do d6 f(X)=—x.
€

Viy f(l)z%z0,37.
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Cau 186.Cho ham s y = f (x) lién tuc trén (0;+w0) thoa man 2xf'(x)+ f (x) =3x*Vx . Biét f(l)z%.

Tinh f(4).
L i giai
Trén khoang (0;+) ta co:
2xF '(x) + f (x) =3x*/x
1

o xf '(x)+m:gx2'

:>(\/;.f(x))v :%x2
:>J.(\/;.f (x)) dx :ngzdx

:&.f(x):%x%C. (*)

2
Ma f(l):inéntfr (*) co: ﬁ.f(l):£.13+c @£:£+C@C:O:> f(x):X \/;.
2 2 2 2 2
2
Vay f(4):4f:16.

Cau 187.Cho ham s6 f(x) thoa man f()=4 va f(x)=xf'(x)—2x*-3x* v&i moi x>0. Gia tri cua

f (2) bang bao nhiéu?

Loi giai
f (x) - xf'(x) = -2x°> —3x?
LIf(x)-xf'(x) —2x3-3x°

S LTO-xf(_-2x-

X X
@[ﬂ} =2X+3

X

f(X) A ~ N ) N £
Suy ra, e la mot nguyén ham ciia ham s6 g(x)=2x+3.
Taco I(2x+3)dx=x2+3x+C, CeR.
Do d0, ﬂ=x2+3x+C1, (1) v6i C, e R nao do.

X

Vi f(1) =4 theo gia thiét, nén thay x =1 vao hai vé ctia (1) ta thu dugc C, =0, tir d6 f(x) = x> +3%%.
vay f(2)=20.
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Cau 188.Cho ham s6 y=f(x) lién tuc trén (0;+o) thoa man 3x.f (x)—x*f'(x)=2f%(x), véi
f(x)=0,vxe(0;+0) va f (1)=%. Goi M, m lan luot Ia gia tri I6n nhat, gié tri nho nhat cua ham sb

y = f(x) trén doan [1;2]. Tinh M —m.

Loi giai
Ta co:
3x.f(x)=x%f'(x)=21%(x)
= 3% (x)-x*.f'(x) =2x.f*(x)
:>3x2.f(x)—x3.f’(x)

()

=2x Vi f(x)#0,vxe(0;+x).

x* X3 )
= =2X= :I 2xdx=x“+C.

f(x)

3

N 1 X
Ma f(1)=§:>C=2:>f(x)=X2+2.
3 4 2
Taco: f(x)=—— = £/(x) =% - 0,vxe(0;+0).
X" +2 (x*+2)
. XX .
Vay, hamso f (x)= T dong bien trén khoang (0;+ ).

3

Ma [l;2]c(0;+oo) nén hamsé f (X) = 717 dong bién trén doan [1;2] .

Suyra, M = f(2):%;m:f(l):%:M -m=1.

Cau 189.Cho F(x) la mot nguyén ham cia ham s6 f(x)=e* (x* -4x). Ham s6 F(x* +x) c6 bao
nhiéu diém cyc tri?
Loi gii

Ta o F'(x)= 1 (x)

= B )= 1 (6 x) (1 +x) = (2x2) (¢ x)e ) (o 4 -4)
~(@x+ (e (e x-2) (¢ +x42)

- @) (e 2) (- 4 x2)d T —0 xe] 2170

F’(x* +x) =0 c6 5 nghi¢m don nén F (X* +x) ¢ 5 diém cyc tri.
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Cau 190.Cho ham s6 y = f (x). Do thi cia ham s6 y = f '(x)trén [-5;3] nhu hinh v& (phan cong cia do

thi Ia mot phan cua parabol y = ax® +bx +¢ ).

Biét f(0)=0, giatricua 6f (-5)+3f(2) bang bao nhiéu?
Loi giai
Parabol y =ax’ +bx+c qua cac diem (2;3),(L4),(0;3),(-10),(3;0) nén xac dinh duoc

3
y=-x*+2x+3,Vx>-1suyra f(x):—%+x2 +3x+C,.

3

Ma f(0)=0=C, =0, f(x):—%+x2+3x.

06 f(-1)=->: f(2)=2—32 1)

*Do thi f'(x) trén doan [-4;-1] qua cc diém (—4;2),(-10) nén
2
f'(x):_?z(x+1): f(x):%z(%+x]+cz.
. 5 5 2( 1 —2( x? 14
Ma f(—l):—§<:>C2 :—§+§(—§]:—22 f (X):?(?'F X]—Z, hay f(—4)=T

* Do thi f'(x) trén doan [-5;-4] qua céc diém (—4;2),(-5;-1) nén

2

f'(x)=3x+14= f (x):%+l4x+C3.

|
A —
N
+
[EEN
N~
-I
N
A —
+
(@)
w
Il

- -14 82
Ma f(-4)= — C,=-2,
a f(-4) 3 SuyraC, ==

3 2
2
Taco f(x) :%+14x+%:> f (-5) :-% @).

Tir (1) va (2) ta dugc 6 (-5)+3f (2)=-31+22=-9.
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CHU PE 2
UNG DUNG THU'C TIEN CUA NGUYEN HAM

PHAN A
TU LUAN PHAN DANG TOAN

DANG 1
UNG DUNG NGUYEN HAM TRONG BAI TOAN CHUYEN PONG

Gia str v(t) la van toc cua vat M tai thoi diém t va s(t) I qudng duong vat di dugc sau khoang
thoi gian t tinh tir lac bdt dau chuyén dong. Ta c6 moi lién hé gitra s(t) va v(t) nhu sau:
e Dao ham cua quang duong 1a van toc: s'(t) =v(t)
e Nguyén ham ciia van toc 1a quang duong: s(t) = J.v(t)dt
Néu goi a(t) la gia toc ciia vat M thi ta co moi lién hé gifra v(t) va a(t) nhu sau:
e Dao ham cua vén toc 1a gia toc: V'(t)=a(t).

e Nguyén ham ciia gia toc 1a van toc: v(t)=|a(t)dt

Bai 1. Mot chiéc 6 t6 dang chay véi van tdc 72 km/h thi nhin thdy chuéng ngai vat trén duong cach
d6 40m, ngudi lai xe hdm phanh khan cap. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu véi van
toc v(t)=-10t+20(m/s), trong d6 t (gidy). Goi s(t) la quing dudng xe 6 o di duoc trong thoi gian t

(giay) ké tir lac dap phanh.

1 B ; = .
a) Thoi gian ké tir lac dap phanh dén khi dirng han 1a bao nhiéu giay?
b) Hoi tir lic hdm phanh dén khi dirng han, 6 t6 di chuyén dwoc bao nhiéu mét? Xe 6 t6 c6 gap tai nan do

va cham véi chudng ngai vat khong?
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c) Néu nguoi lai xe nhin thay chudng ngai vat trén duong, sau d6 1 gidy mai phan tng dap phanh khan

cap thi xe 6 t6 c6 gap tai nan do va cham vai chuéng ngai vat khong?
Bai 2. Mot vién dan duoc bin 1én theo phuong thing dung tir mat dat. Gia sir tai thoi diém t gidy (coi

la thoi diém vién dan dugce ban 18n), véan tdc cua né dugce cho béi v(t)=24,5-9,8t(m/s).

a) Tinh quéng dudng vién dan di sau 2 gidy dau.

b) Tinh quing dudng vién dan di tir lac ban 18n cho t6i khi roi xudng dat.
.. : Y . . R , . 3
Bai3. Mot xe 6t0 chuyén dong véi gia toc phu thude vao thoi gian theo cong thirc a(t)=sin (t +—”j,

Voi (m / 32) . Biét tai thoi diém t =0 thi van téc bang 2(m/s)va quang duong di duge clia vét bang 0.

a) Thiét 1ap cong thirc tinh van toc cua xe 6t6 theo thoi gian t.

b) Tinh quing dudng di duoc ca xe 6t6 trong thoi gian t =7 gidy dau tién.

(m/s).

a) Thiét 1ap cong thirc tinh quing duong s(t) cua vat theo thoi gian t.

At A A A A s A X \ 1 Sin(ﬂ:t)
Bai4. Mot vat chuyén dong vai van toc la V(t) = 2— +—
T T

b) Goi s, 1a quing duong vat d6 di trong 2 gidy dau va s, 1a quing duong di tir gidy thir 4 dén gidy thu 6.

Sosanh s, va s,
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DANG 2

MOT SO BAI TOAN UNG DUNG NGUYEN HAM TRONG THU'C TIEN

Bail. Mot vuon wom cdy canh ban mot cay sau 8 ndm trdng va uén tao dang. Toc do ting trudng
trong sudt 8 nam duoc tinh xap xi béi cng thic h'(t)=2t+7, trong d6 h(t)(cm) la chiéu cao cua cay

khi két thlic t (ndm) . Cay con khi dugc trong cao 25 cm.

a) Tim cdng thic chi chiéu cao cua cay sau t niam.

b) Sau bao nhiéu ndm trong, cdy cao duoc 1,03(m).

¢) Khi dugc ban, cay cao bao nhiéu centimét?

Bai2. Ky hiéu h(x) lachiéu cao cua mot cay Xoai lai ( tinh theo mét) sau khi trong x nam. Biét rang

sau mot nam dau tién cay Xoai lai cao 2,5 mét. Trong 10 nam tiép theo cay Xoai lai phét trién véi toc do

h'(x)= 2—3)( (mét /nim).

a) Xac dinh chiéu cao cua cay Xoai lai sau x nam.

b) Sau bao nhiéu nam cay Xoai lai cao 4,5 mét?
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Bai3. M0t cong nhan bom nudc vao bé chira nudce dé sir dung trong qua trinh san xuét. Goi h(t) 1a

thé tich nuéc bom dugc sau t gidy. Cho h'(t)=3at® +bt (m3 /S) va ban dau bé khong cé nudc. Sau 2

giay thi thé tich nudc trong bé 1a 12m?®. Sau 12 gidy thi thé tich nudc trong bé 1a 1872m?.

a) Xac dinh thé tich nudc bom duqc sau t giay.
b) Hoi bom trong bao 1au thi thé tich nuéc trong bé bang 27900(m3) ?
¢) Hoi thé tich nudc trong bé sau khi bom dwogc 1 phit?

Traloi: ..................

Bai4. Mot loai vi khuan dang phat trién véi toe do f (t) :%, trong d6, t la thoi gian tinh bang

ngay. Véi t =1 thi sé lugng vi khuan 1a 1000 con. Héi sau 3 ngéy s6 lwong vi khuan 1a bao nhiéu?

Bai5.  Vikhuan HP (Helicobacter pylori) gay dau da day tai ngay thir t voi s6 lugng 14 F (t), biét néu

phét hién som khi s6 luong khong vuot qua 4000 con thi bénh nhan s& dugc ctru chira. Biét F' ( ) 600

va ngay dau tién bénh nhan c6 2000 con vi khuan. Sau 15 ngdy bénh nhan phat hién ra bj bénh. Hoi khi
d6 ¢ bao nhiéu con vi khuén trong da day (ldy xap xi hang thap phan th hai) va bénh nhan ¢ ctru chira

duoc khong?
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Bai 6. Mot dam vi trung tai ngay thir t ¢6 sb luong 1a N (t). Biét raing N'(t) = fOOz(z
+

va luc dau dam

vi triing ¢6 300000 con. Tim sb s lwgng Vi tring sau 10 ngay.

5000

Bai 7. Mot quan thé virut Corona P dang thay doi véi téc do P'(t) =

, trong d6 t la thoi gian
1+0,2t

tinh bang gio. Quan thé virut Corona P ban dau c6 sé luong 1a 1000 con. Tim sé luong virut Corona sau

3 gio.

Bai 8. Mot chiéc coc chira nwdc & 95°C duogc dit trong phong c6 nhiét ¢6 20°C. Theo dinh luat lam

méat caa Newton, nhiét do ciia nudc trong coc sau t phat (xem t=0 la thoi diém nude & 95°C ) 1a mot
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ham sé T (t). Toc do giam nhiét do cua nuéc trong cdc tai thoi diém t phit duge xéc dinh bai cong thirc

t
T'(t) = —%e 50 (°C/phat). Tinh nhiét do caa nudc tai thoi diém t =30 pht.
Bai 9. Cuong do dong dién (don vi: A) trong mot day dan tai thoi diém t gidy la:
I(t)=Q'(t)=3t"-6t+5
Véi Q(t) 1a dién luong (don vi: C) truyen trong day dan tai thoi diém t. Biét khi t=1 gidy thi dién
lugng truyén trong day dan la Q(1) = 4. Tinh dién lugng (don vi: C) truyén trong day dan khi t=3.
Bai 10. Trong lugng cta mot bao thai nguoi nang khoang 0,04 ounce (1 ounce = 28,3485 gram) sau 8
tuan tudi. Trong sudt 35 tuan tiép theo, trong luong cua bao thai ndy dugc du doan ting voi téc do
2436 %1%

B'(t)= >, 8<t<43 véi B(t) la can nang tinh bang ounce va t 1a thoi gian tinh bing
(1+784e 0%

tuan. Hay tinh trong lwong cua bao thai sau 25 tuan tudi (Lam tron két qua dén chir sé hang phan tram).
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PHAN B

TRAC NGHIEM VA TU LUAN TONG HOP GOM BON PHAN

PHAN I. Céu tric nghiém nhiéu phwong an lya chon. M&i cAu héi thi sinh chi chon mdt phwong
an.

Caul. Mot o to dang chay véi van toc 20(m/s) thi nguoi nguoi dap phanh. Sau khi dap phanh, 6 to
chuyén dong cham déan déu véi van toc v(t)=-40t+20(m/s), trong dé t Ia khoang thoi gian tinh bing
gidy ké tir lic bang dau dap phanh. Goi s(t) la quang dudng xe 6 t6 di duoc trong thoi gian t (gidy) ké
tir lac dap phanh. Hoi tir lac dap phanh dén khi dirng han, 6 t6 con di chuyén bao nhiéu mét?

A. 4(m). B. 7,5(m). C. 2,5(m). D. 5(m).

Cau 2. Mot 6 to dang chay voi van toc 12(m/s) thi nguoi lai dap phanh; tir thoi diém do6, 6 t6 chuyén
dong chim dén déu véi van toc v(t)=—6t+12(m/s), trong do6 t 1a khoang thoi gian tinh bang gidy, ké tir
lc dap phanh. Hoi tir luc dap phanh dén khi 6 t6 dimg hén, 6 t6 con di chuyén duoc bao nhiéu mét ?

A. 24(m). B.12(m). C. 6(m). D. 18(m).

Cau 3. Mot 6 t6 dang chay véi van toc 70km/h thi hdm phanh va chuyén dong cham dan déu véi téc

do v(t)=-10t+30 (m/s).

Tinh quing duong 6 t6 di duoc sau 3 gidy ké tir khi hdm phanh?
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A. 51(m). B. 43(m). C. 54(m). D. 45(m).

Cau 4. Mot 6 to dang chay véi van the 36(km/h) thi tang toc chuyén dong nhanh dan déu véi gia toc

a(t):1+%(m/sz) .

Tinh quing duong 6 t6 di duoc sau 6 gidy ké tir khi 6 t6 bat dau tang tdc.

A. 90(m) B. 85(m) C. 80(m) D. 100(m)
Cau 5. Mot vat chuyén dong voi van toe 10(m/s) thi tang toc véi gia toc dugc tinh theo thoi gian t 1a
a(t)=3t+t’ (m / Sz) . Tinh quang duong vat di dugc trong khoang 10s ké tir khi bat dau tang tdc.

A %(m). B. 130(m). . #(m). D. %Oo(m).

Cau 6. Mot vat chuyén dong vai van toc v(t)(m/s) c6 gia toc V' (t) :§( m/s?). Van toc ban dau cia

vat 1a 6(m/s). Hoi van téc cua vat sau 10 gidy (lam tron dén két qua dén chit s6 thap phan thir nhét) co
gia tri bang bao nhiéu?

A.11,9(m/s). B.12,9(m/s). C.14,2(m/s). D. 13,2(m/s).
Cau 7. Mot cand dang chay trén hd véi van toc 20(m/s) thi hét xang; tir thoi diém d6, ca nd chuyén
dong cham dan déu véi van toc v(t)=-5t+ 20, trong d6 t 1a khoang thoi gian tinh bang gidy, ké tir lac
hét xang. Hoi tir 1ac hét xang dén IGc ca nd ding han di duoc bao nhiéu mét?

A. 50(m). B.45(m). C. 30(m). D. 40(m).
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Céau 8. Mot may bay cat canh tir sn bay Cam Ranh v&i vAn toc chuyén dong ctia may bay la

v(t)=3t*+5(m/s). Quang duong may bay bay tir gidy thir 4 dén gidy thtr 10 1a:
A.36m. B. 252m. C. 1134m. D. 966m.

Cau 9. Tai mot noi khong c6 gi6, mot chiée khi cau dang dimg yén ¢ do cao 162 (mét) so v4i mat dat
d& dugc phi cong cai dit cho né ché do chuyén dong di xudng. Biét rang, khi cau d4 chuyén dong theo
phuong thing dimg véi vén tdc tuan theo quy luat v(t) =10t —t*, trong d6 t (phut) I3 thoi gian tinh tir lc
bat dau chuyén dong, v(t) duoc tinh theo don vi mét/phut (m/p). Néu nhu vay thi khi bt dau tiép dét
van tdc v cua khi cau 1a

A. 6(m/p). B. 7(m/p). C. 9(m/p). D. 8(m/p).

Cau 10. Mot vién dan dugc ban 1én theo phuong thang dimg tir mat dat. Gia st tai thoi diém t gidy (coi
la thoi diém vién dan duoc ban 1én), van téc ciia nd duge cho boi v(t)=25-9,8t(m/s). Quang dudng
vién dan di duoc tir lac ban cho dén khi cham dat gan bang két qua ndo nhat trong cac két qua sau:

A. 30,9(m). B. 64,8(m). C. 61,8(m). D. 31,9(m).
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Céau 11. Mot qua bong dugc ném Ién tir @6 cao 20m véi van toc duoc tinh boi cong thirc sau day

v(t)=-10t+16 (m/s). Cong thirc nao sau day tinh d6 cao cia qua béng theo thoi gian t?
A. h(t)=-5t*+16t+C . B. h(t)=-5t* +16t + 20.

C. h(t)=5t"-16t+20. D. h(t)=5t*-16t+C.

Cau 12. Ngudi ta bom nudc vao mot bon chira, luc dau bon khéng chira nudc, mirc nudc ¢ bon chira sau
khi bom phu thugc vao thoi gian bom nuéc theo mot ham s6 h=h(t) trong d6 h tinh bang cm,t tinh
bing gidy. Biét ring h'(t) = ¥/3t . Muc nu6c & bdn sau khi bom dugc 10 gidy Ia bao nhiéu cm? (Lam tron
dén chir s6 thap phan thi nhat)

A. 25,6(cm). B. 42,1(cm). C. 21,2(cm). D. 23,3(cm).
N B et

Cau 13. Su san sinh vi rat Zika ngay thir t ¢6 sb luong 1a N (t) con, biét N'(t) :@ va luc dau dam

vi rat ¢6 s lugng 250.000 con. Tinh sb lwong vi rat sau 10 ngdy (Lam tron két qua dén hang don vi).
A. 272304 con B. 212302 con C. 242102 con D. 252302 con.
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Céau 14. Mot vuon vom cay Bach Pan cung cap trong rimg dé pha doi troc. Biét toc do tang truong

trong sudt t ndm duoc tinh xap xi bai cong thirc h'(t) :%t+4, trong d6 h(t)(cm) la chiéu cao cua cay

khi két thic t (nim) . Cay con khi dugc uom co chiéu cao 20 cm. Sau 5 niam, cdy dugc wom cao bao
nhiéu centimét?

A. 7,25(cm). B. 6,25(cm). C. 5,5(cm). D. 8,5(cm).
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PHAN II. Cau trac nghiém ding sai. Trong moi y a), b), ¢), d) & moi ciu, thi sinh chon ding hoic

sai.

Cau 15. Mot chiéc 6 t6 dang chay véi van téc 15m /s thi nhin thiy chudng ngai vat trén dudng cach do
50m, ngudi lai xe hdm phanh khan cap. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu vai van téc
v(t)=-3t+15(m/s), trong do t (gidy). Goi s(t) la quang duong xe 6 to di dwoc trong thoi gian t
(giay) ké tir lac dap phanh.

2
a) Quang dudng xe 6 t6 di duoc trong thoi gian t (gidy) ke tir luc dap phanh theo ham s(t) = —3% +15t

b) Thoi gian ké tir lac dap phanh dén khi dirng han 14 5 giay.

c) Xe 6 t6 gap tai nan do va cham véi chudng ngai vat.

d) Néu nguoi lai xe nhin thdy chuéng ngai vat trén duong, sau d6 1 gidy méi phan tng dap phanh khan
cap thi xe 6 td khdng va cham véi chudéng ngai vat.

Cau 16. Mot chiéc xe dang chuyén dong déu véi toc do v, =15m /s thi gap chudng ngai vat rdi phanh
gép voi gia toc khong doi 1a a=-3m/s?. Ki hiéu v(t) 1a toc do cua xe, a(t) 1a gia toc xe, s(t) a

quang dudng xe di duge cho dén thoi diém t gidy ké tir lac phanh xe.

a) v(t)=a'(t).

b) a(t)=s"(t).

¢) Tinh tir lac phanh xe, sau 6 gidy thi xe ding han.

d) Quang duong xe di duoc tinh tir lic phanh xe dén khi dirng han 1a 39 mét.
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Cau 17. Mot xe dap chuyén dong véi gia téc a(t) = 4cost(m/sz). Tai thoi diém bat dau chuyén dong

vat ¢6 van toc bang 0.

a) Van toc cuia xe dap duoc bicu dién bai ham sb v(t) = 4cost (m/s).

b) Van téc ciia xe dap tai thori diém t =% la 2(ms)
¢) Tai thoi diém t = %(S) sau khi xuat phat thi van tdc cta xe dap 1a JE( m/s)

d) Gia toc cua xe dap tai thoi diém t =% (s) la 22 (rn/sz)

Cau 18. Mot vat chuyen dong véi ham s6 gia toc [a a(t) va ham so van téc la v(t). Biét ring do thi
ham s6 a(t) trén doan [0;6] dugc cho nhu hinh duéi ddy va van toc tai thoi diém t=0 la

v(0)=1(m/s).

{1

\fir" i 'ui:[l'.'_l
i L

o p) 6

a) Tai thoi diém t=2 gidy, gia toc cua vat 1a 1,4 (m/s?) (1am tron két qua dén hang phan chuc).
b) Gia téc cua vat bing /3 (m/s®) tai thoi diém t=6 giay.

2

—t*+1 khio<t<?2
c) Van téc cuia vat dugc biéu dién theo ham v(t) = N 5B , Vi C 1A
3; 22,3 22_ 3(+C khi2<t<6

hang s6 thuc.
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d) Tai thoi diém t =6 gidy, van toc ciia vat 1a 1,73(m/s) ( lam tron két qua dén hang phén tram).

Cau 19. Mot xe 6 t sau khi cho hét dén do da bat dau chuyén dong véi van tée duoc biéu thi bang do
thi 1a dudng cong parabol nhu hinh bén duéi. Biét rang sau 5 phut thi xe dat dén van toc cao nhat 1000
mét/phat va bat dau giam van toc, di dugc 6 phut thi xe chuyén dong déu. Goi s(t) 1a ham sé quang
dudng va v(t) Ia ham sb van toc cua chuyén dong 6 to.

[ ¥
1000 ------=--

v

a) Trong 6 phut du tién, van toc clia xe 0 t0 dugc bicu dién béi ham s6 v(t) = —40t* +100t, Vi t € [0;6].

b) Trong 6 phit dau tién, quang duong cua xe 8 t8 dugc bicu dién bsi ham s6 s(t) = —4—Ot3 +50t%, véi

te [O; 6] .
c) Trong khoang 6 phut dau, 6 to di duoc quang duong la 4320(m).
d) Quang duong xe da di dugc trong khoang 10 phut déu tién la 8160(m).

Cau 20. Mot qua cau 16ng duoc danh 1én tir 46 cao 2,2m Vvéi van te duoc tinh bai cong thic sau day

v(t)=-0,8t+4,16 (m/s).

-—=

a) Cong thire tinh d9 cao cua qua cau theo t 1 h(t)=-0,4t*+4,16t+2,2(m), véi t > 0.

> awm

b) Qua cau dat do cao cao nhit tai thoi diém t =5, 2(s).
¢) D6 cao cao nhit ctia qua cau bang 13,016 (m)

d) Thoi diém qud cau cham dat 1a t =10,5 (s).

https://www.facebook.com/truongngocvy8/ Trang 14 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

Dui 56 12 - Chuong 4 — Nguyén ham. Tich phan - Tréic nghi¢m va tw lugn 4 phan cé i gidi Dung chung 3 bg sdch
Céau 21. Cay keo lai la mot trong cac loai cdy khdng chi la nguyén liéu giay quan trong ma con la loai

cay cung cap gd nguyén liéu cho cac nganh khac nhu ché bién van nhan tao, ché bién do6 moc xuat khau,
g bao bi, gb xay dung. Cay phat trién véi toc do nhanh, hiéu qua kinh té. Ki hiéu h(x) 1a chiéu cao caa

mot cay (tinh theo mét) sau khi trong x nim. Biét rang sau nim dau tién cay cao 8m .Trong 10 nim tiép

theo cy phat trién véi toc do h'(x) = 9 (mét/nam).
X

a) Chiéu cao cua mot cay sau khi trong x nam h(x) la: h(x)=9Inx+C (m), véi x> 0.

b) Sau 4 ndm cdy cao 20,5(m) (két qud 1am tron dén chit s hang thip phan thir nhat).

¢) Téc do phat trién cia cdy trong 10 nim dau s& ting dan.

d) Nguoi ta thuong thu hoach cay keo lai khi no c6 do cao trong khoang tir 26 dén 28 mét. Khi do, cay
keo duoc trong tir 10 hodc 11 nam.

Cau 22. Cay ca chua khi trong c6 chiéu cao 5cm. Tdc do tang chiéu cao cua cdy ca chua sau khi trong

duoc cho bai ham s6 v(t)=-0,1t> +t*, trong d6 t tinh theo tuan, v(t) tinh bang cm/tuan. Goi h(t) (tinh

. . . -ttt
a) bo cao cua cay ca chua ¢ tuan thr t 1a h(t)=—+§,v()'l t>0.

b) Chiéu cao toi da cua cdy ca chua d6 1a 2—25(cm) .

¢) Giai doan ting trudng cia cdy ca chua dé kéo dai trong 8 tuan dau tién.
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4405

cm).
% (cm)
Cau 23. Tai mot I8 hoi dan gian, téc do thay doi lugng khach tham du duoc biéu dién bang ham sb

B'(t) = 20t> —300t* +1000t . Trong d6 t tinh bang gio (0 <t <15), B'(t) duoc tinh bang khach/gid. Sau

d) Vao thoi diém cay ca chua phat trién nhanh nhat thi chiéu cao cay ca chua dat duoc

mot gio, 500 ngudi dd cd mat tai 1€ hoi.

a) SO luong khach tham du 18 hoi dugc bicu dign ham B(t)=5t* —100t® +500t* + 95, v6i 0<t <15.

b) S Iuong khach tham du 18 hoi sau 3 gio 14 2300 khach.

¢) Sb Iugng khach tham dy I8 hoi 16n nhat 1a 28220 khéch sau 10 gio.

d) Toc do thay doi lwong khach tham du 18 hai 1a I6n nhat tai thoi diém 15 gio.

Cau 24. Trong thi nghiém nudi cay mot loai vi sinh vat, ki hiéu f(t) Ia tong s6 luong vi sinh vat sau t
gio. Biét rang sau 3 gid dau tién thi tong s6 luong vi sinh vat 12 50 con. Trong 7 gio tiép theo, sb luong vi

sinh vat thay doi véi téc do f'(t) =t> -8t (con/gio).

3
a) f(t) :%—Stz +C (CeR).
b) S6 luong vi sinh vat ting trong khoang tir 3 gior dén 8 gid, sau d6 giam dan trong khoang 8 gio dén 10
gio.
¢) Sb lwgng vi khuan 12 nho nhit sau 8 gid tinh tir luc bat dau 1am thi nghiém.
d) Sau 6 gio thi s6 lwgng vi khuan 13 5 con.
Cau 25. Vao nim 2014, dan sé Viét Nam khoang 90,7 triéu nguoi. Gia st dan sé Viét Nam sau t nim
dugc xac dinh boi ham sé S(t) (don vi: triéu nguoi), trong d6 toc do gia ting dan sé duoc cho bsi
S'(t)=1,2698.e>™ , véi t lasé nam ke tir ndm 2014, S'(t) tinh bang triéu ngudi/ ndm.
a) S(t) la mot nguyén ham cua S'(t)
b) S(t)=90,7.e""* +90,7
¢) Theo cong thuc trén, téc do ting dan s6 Viét Nam nam 2034 (Iam tron dén hang phan muoi cua triéu
nguoi/ nam) khoang 1,7 triéu nguoi/ nam
d) Theo cong thirc trén, dan s6 Viét Nam nam 2034 (lam tron dén hang don vi cia triéu ngudi) 1a khoang

100 triéu nguoi/ nam
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PHAN III. CAu trac nghiém tra 1oi ngan. Moi cAu héi thi sinh chi tra 1oi dap an.

Cau 26. Mot chat diém thuc hién chuyén dong thang trén truc Ox, Vi van tdc cho boi cong thic
v(t)=3t> +4t(m/s) véi t 1athoi gian. Biét rang tai thoi diem bat dau cua chuyén dong, chat diém dang

& vitrico toadd x =1. Toa dd cua chat diém sau 1 gidy chuyén dong la bao nhiéu mét?

Traloi: ....................
Cau 27. Mot xe tai dang chuyén dong déu voi gia toc v, =15m/s thi tang toc véi gia tdc
a(t)=t*+ 4t(m / sz). Tinh quang duong (1am tron két qua dén phan chuc cua mét) xe tai di duoc trong

khoang thoi gian 3 gidy tir l0c bat dau ting tdc.

Traloi: ....................
Cau 28. Mot xe modtd dang chuyén dong véi van téc v,=15(m/s) thi tang téc véi gia toc

a(t)=t*+4t(m/s?). Van téc xe motd do tai gidy thir 3 ké tir lic bat dau tang van téc bang bao nhiéu

mét/giay?
Traloi: ....................

Cau 29. Mot xe taxi chuyén dong trén duong thang nam ngang véi gia téc phu thudc thoi gian t (gidy)
la a(t)=2t-7 (m/s*). Biét van tc dau bang 10(m/s), hoi sau bao nhiéu gidy thi xe taxi dat van toc

18 m/s?
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Traloi coooooeeevnninnn,
Céau 30. Mot van dong vien dap chiéc xe dap dang chay vai van toc v, = 10(m/s) thi tang téC Vai gia toe
khong doi la a= 2(m/sz). Tinh quing dudng (don vi mét) van dong vién dap chiéc xe dap do di dugc

trong 3 giay ké tir khi bat dau ting toc.

Traloi: ....................
Cau 31. Mot chiéc 6 t6 dang chay véi van téc 15m/s thi nguai 1ai xe hdm phanh. Sau khi hdm phanh, 6
to chuyén dong cham dan déu véi van toc v(t)=—3t+15(m/s), trong dé t (gidy). Hoi tir lic hdm phanh

dén khi dirng han, 6 t6 di chuyén duoc bao nhiéu mét?

Traloi: .................e

Cau 32. Mot vat chuyén dong voi gia téc phu thuoc vao thoi gian theo cbng thic

a(t)=cos x(t+%) (m/s?). Biét tai thoi diém t=0 thi van toc va quing duong di duoc ciia Vit déu

bang 0. Tinh quing dudng (lam tron két qua dén phan chyc cua mét) di dugc cua vat do trong % giay

dau tién.
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Traloi: ....................

Cau 33. Mot vién dan duoc ban 1én theo phuong thang dung tir mat dat. Gia s tai thoi diém t gidy (coi
la thoi diém vién dan dugc ban 18n), van toc ciia né dugc cho boi v(t)=24,5-9,8t(m/s). Tinh quang

duong (mét) vién dan di sau 2 gidy dau.

Traloi ..o
Cau 34. Mot vién dan dugc ban 1én troi véi van toc 1a 72(m/s) bt dau tir d cao 2(m). Hay xac dinh

chiéu cao (mét) cua vién dan sau thoi gian 10 gidy dau tién ké tir lic ban biét gia toc trong truong l1a
9,8(m/s?).

Traloi: ....................

Cau 35. Mot xe gdn may dang chuyén dong véi van toc 6(m/s) thi ting toc véi gia toc

a(t):til(mISZ), trong d6 t la khoang thai gian tinh bang gidy ké tir luc bit dau tang téc. Hoi van toc
+

cuia xe gan may sau 10 giay bang bao nhiéu mét/giay (1am tron két qua dén hang don vi)?

-

Traloi: ....................
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Cau 36. Goi h(t) (don vi: mét) [ muc nuée & bon chira sau khi bom nuéc duge t gidy. Biét ring

h'(t)= %%/f (m/s) va lac dau bon khong c6 nuéce. Tim mirc nude & bon sau khi bom nude duge 6 gidy

(1am tron két qua dén hang phan tram ctia mét).

Kythuatdo.vn

Traloi: ...,
Cau 37. Goi h(t) la chiéu cao ciia ciy keo (tinh theo mét) sau khi trong t nim. Biét rang nim dau tién

R iy .2 . X 1
cay cao g(m), trong nhitng ndm ti€p theo, cay phat trien véi toc do h'(t)=—= (mét /ndm). Sau bao

2

A - A 16 , \ N A 5 A A - ) -
nhiéu nam cay cao duoc 3 mét (lam tron két qua dén phan tram cua nam)?

Traloi: ...

Cau 38. Ki hiéu h(x) la chiéu cao ciia mét cdy cao su (tinh theo mét) sau khi trong x nam. Biét rang

sau ndm dau tién cly cao su cao 3(m). Trong 15 ndm tiép theo cdy cao su phat trien véi téc do

h'(x) _2 (mét/nam). Xac dinh chiéu cao cta cdy cao su sau 12 nim trong (Iam tron két qua dén hang
X

don vi ciia mét).
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Traloi: ..................

Cau 39. S6 dan caa mot thi tran sau t nam ké tir naim 1990 duoc uwéc tinh theo mot ham sb theo thoi

gian f (t) (f(t) duoc tinh bang nghin nguoi). Biét rang f'(t)= (nghin nguoi/ndm) biéu thi

_ 4
t? +4t+4
téc do tang dan sd cua thi trin. S6 dan cua thi tran d6 vao nam 2035 13 bao nhiéu? (két qua liy chinh xac
dén hang phan chuc cua nghin nguoi) biét dan sé caa thi tran d6 nam 1990 1a 3 nghin nguoi.

Traloi: ....................

Cau 40. Mot quan thé vi khuan ban dau gom 500 vi khuan, sau d6 bit dau tang truong. Goi P(t) la s6
lwong vi khuan cia quan thé do tai thoi diém t, trong d6 t tinh theo ngay (0 < t <10). Tc do ting truéng
cua quan thé vi khudn d6 cho bsi ham sé P'(t)=kw/t, trong do k Ia hing sb. Sau 1 ngay, s6 lugng vi
khuan cta quan thé d6 da tang 1én thanh 600 vi khuan. Tinh s6 lwong vi khuan caa quan thé d6 sau 9
ngay.

Traloi: ....................
A nr s . . s , Lz . o 800 . o
Cau 41. Mot dan con trang, 6 ngay thir t ¢6 so lwong la K (t). Biet K'(t) == va ngay dau tién, dan

con tring ¢6 500 con. Hoi sau 10 ngay thi dan co khoang bao nhiéu con? (lam tron két qua dén hang don

Vi).
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Traloi: ....................

Cau 42. Ngudi ta truyén nhiét cho mot binh nudi cay vi sinh vat tir 1°C. Téc do ting nhiét o caa binh
tai thoi diém t phit (0 <t <5) duoc cho bdi ham sé f (t)=3t* (°C/phit). Biét rang nhiét d cua binh
d6 tai thoi diém t 12 mot nguyén ham ciia ham so f (t). Nhiét d6 cua binh tai thoi diém 3 phit ké tir khi

truyén nhiét bang bao nhiéu °C?

Traloi: ....................

Cau 43. Toc do tang truong ciia mot dan giu meo tai thoi diém t thang ké tir khi ngudi ta tha 100 ca thé
dau tién vao mét khu rimg duge uée lugng bai cong thuc P’(t) =8t +30 (con/thang), vsi P(t) la sb
lwong cé thé trong dan tai thoi diém t thang twong (mg. Dua vao téc do ting truong dd cho, hay tinh sb

ca thé cua dan gdu méo nay tai thoi diém 3 thang ké tir khi ching duoc tha vao rung.

Traloi: ...
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Cau 44. Toc do phat trién cua s6 lwong vi khuan trong hd boi duwgc md hinh bai ham sé
1000

B'(t) :m V6i t>0, trong d6 B(t) Ia s luong vi khuan trén mdi ml nuéc tai ngay thir t. S6

luong vi khuan ban dau 1a 500 con trén méi ml nuéc. Biét rang mirc do an toan cho ngudi st dung hd boi
la s6 vi khuan phai dudi 3000 con trén mdi ml nuéc. Hoi sau bao nhiéu ngay thi nguoi ta phai xur 1i va

thay nuéc mdi cho ho boi.

Traloi: ....................

Cau 45. Dbi voi cac du an xay dung, chi phi nhan cong lao dong duoc tinh theo sé ngay cong. Goi
m(t) 2 s6 lwong nhan cdng duoc sir dung & ngay thir t (ké tir khi khai cong dy an). Goi M (t)1a s6 ngay
cong nhan dugce tinh dén hét ngay thir t ( ké tir khi khoi cdng du an). Trong kinh té xay dung, nguoi ta da
biét rang M’(t)=m(t). Mot cong trinh xay dung du kién hoan thanh trong 400 ngay. S6 luong cong
nhan dugc sir dung cho bsi ham s6 m(t)=800- 2t. Trong d6 t tinh theo ngay (0<t <400), m(t)tinh
theo ngudi. Pon gia cho mot ngay cong lao dong la 0,4 triéu dong. Chi phi nhan cong lao dong cua cong
trinh d6 (cho dén Idc hoan thanh) bang bao nhiéu ti ddng?

Traloi: ....................
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PHAN IV. Cau tu ludn. Moi cau héi thi sinh trinh bay cach giai tw luén.

Cau 46. Mot xe gan may chuyén dong véi van téc ban dau la 5(m/s) va co gia toc duge xéc dinh béi

cong thic a(t):t—zl(m/sz). Tinh van téc cua xe gin may tai gidy thar 20 (la tron két qua dén hang
+

don vi caa mét/giay).

Cau 47. Trong mot dot xa i, nhd may thay dién da xa li trong 40 phit v6i toc do luu lwong nude tai
thoi diém t gidy 1a h'(t)=10t +500(m3 /S) . Hoi sau thoi gian xa Iii trén thi hd thoat nudc ciia nha may

da thoat di mot lwgng nudce 1a bao nhiéu m*?

Cau 48. Muc nudc trong hd chira ciia nha mdy dién thay triéu thay doi trong suét mot ngay do nudc

chay ra khi thay triéu xudng va nude chay vao khi thuy triéu 1én (nhu hinh v&). Téc do thay ddi ciia muc
nude duoe xac dinh bai ham sé h'(t) = 9—];)(t2 ~-17t +60), trong d6 t tinh bang gio (0<t<24), h'(t) tinh

bang mét/gio. Tai thoi diém t =0, muc nudc trong hd chira cao 8m. Goi |"1(m) la myc nudc trong hd

cao nhat va h, (m) 1a muc nude thap nhét , tinh gié tri h, +h,.
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My
l it didn

Cau 49. Mot béac tho xay bom nude vao bé chita nue. Goi h(t) 1a thé tich nuéc bom duge sau t gidy.
Cho h'(t)=3at’+bt (m3/ S) va ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nudc trong bé 1a

150m?. Sau 10 gidy thi thé tich nudc trong bé 1a 1100m*. Hoi thé tich nudc trong bé sau khi bom dugc

20 gidy la bao nhiéu m*?

Cau 50. Mot bac tho xay bom nuéc vao bé chira nuéc. Goi h(t) 1a thé tich nuée bom duoc sau t gidy.
Cho h'(t) =6at” + 2bt va ban dau bé khong c6 nuéc. Sau 3 gidy thi thé tich nuéc trong bé 1a 90m* va

sau 6 giay thi thé tich nudc trong bé 1a 504m?®. Tinh thé tich (m®) nudc trong bé sau khi bom duoc 9

giay.

Traloi: ...
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CHU PE 2
UNG DUNG THU'C TIEN CUA NGUYEN HAM

PHAN A
TU LUAN PHAN DANG TOAN

DANG 1
UNG DUNG NGUYEN HAM TRONG BAI TOAN CHUYEN PONG

Gia str v(t) la van toc cua vat M tai thoi diém t va s(t) I qudng duong vat di dugc sau khoang
thoi gian t tinh tir lac bdt dau chuyén dong. Ta c6 moi lién hé gitra s(t) va v(t) nhu sau:
e Dao ham cua quang duong 1a van toc: s'(t) =v(t)
e Nguyén ham ciia van toc 1a quang duong: s(t) = J.v(t)dt
Néu goi a(t) la gia toc ciia vat M thi ta co moi lién hé gifra v(t) va a(t) nhu sau:
e Dao ham cua vén toc 1a gia toc: V'(t)=a(t).

e Nguyén ham ciia gia toc 1a van toc: v(t)=|a(t)dt

Bai 1. Mot chiéc 6 t6 dang chay véi van tdc 72 km/h thi nhin thdy chuéng ngai vat trén duong cach
d6 40m, ngudi lai xe hdm phanh khan cap. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu véi van
toc v(t)=-10t+20(m/s), trong d6 t (gidy). Goi s(t) la quing dudng xe 6 o di duoc trong thoi gian t

(giay) ké tir lac dap phanh.

1 B ; = .
a) Thoi gian ké tir lac dap phanh dén khi dirng han 1a bao nhiéu giay?
b) Hoi tir lic hdm phanh dén khi dirng han, 6 t6 di chuyén dwoc bao nhiéu mét? Xe 6 t6 c6 gap tai nan do

va cham véi chudng ngai vat khong?
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c) Néu nguoi lai xe nhin thay chudng ngai vat trén duong, sau d6 1 gidy mai phan tng dap phanh khan

cap thi xe 6 t6 c6 gap tai nan do va cham vai chuéng ngai vat khong?
Loi giai

a) Quéang dudng xe 6 t6 di duoc trong thoi gian t (gidy) la mot nguyén ham cua v(t) nén:
5(t) = [v(t)dx = [(~10t+20) dx =—5t* + 20t +C
= s(t)=-5t>+20t+C
Chon t=0=15(0)=0
=C=0
= s(t) =-5t* + 20t
Khi xe ding han thi v(t)=0< -10t+20=0=t=2,
Thoi gian ké tir lac dap phanh dén khi dirng han 1a 2 giay
b) Sau khi dap phanh dén khi dirng han, xe di duoc quing duong:

s(2)=-5.22+20.2=20(m)
Do 40> 20 nén xe 6 td ding han trudc khi va cham chudng ngai vat. Vi thé tai nan khong xay ra.
c) 72km/h=20m/s
Nguoi lai xe nhin thdy chudng ngai vat trén dudng, sau d6 1 gidy méi phan tung dap phanh nén xe di
duoc quang duong 20m trong 1 giay
Tong quang duong xe di duge dén khi ding han [a : 20+ 20 =40(m)
Do chudng ngai vat trén duong cach d6 40m xe khi bat dau dap phanh nén xe 6 t6 va cham chudng ngai
vat. Vi thé tai nan xay ra.
Bai2. Mot vién dan duoc bin 1én theo phuong thang dimg tir mat dét. Gia st tai thoi diém t gidy (coi

|a thoi diém vién dan dugce ban 18n), véan tdc cua né dugce cho béi v(t)=24,5-9,8t(m/s).

a) Tinh quéng dudng vién dan di sau 2 gidy dau.
b) Tinh quing dudng vién dan di tir lic ban 18n cho t6i khi roi xudng dat.
Loi giai

a) Quang dudng vién dan di duoc 1a: s(t) = J.(24, 5-9,8t)dx =24,5t—4,9t’ +C
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=s(t)=24,5t-4,9t* +C

Chon t=0=15(0)=0

=C=0

= s(t)=24,5t—4,9¢t*

sau 2 gidy dau quang duong vién dan di 13 s(2)=24,5.2-4,9.2% = 29,4m

b) khi vién dat dat do cao 16n nhat thi V(t)=0<24,5-9,8t=0 = t=2,5(s)
quang dudng vién dan di tir lac ban 18n cho téi khi roi xudng dat 1a:

5(2,5)=2(24,5.2,5-4,9.2,5° ) = 61,25m
Bai 3. Mot xe 0td chuyén dong véi gia téc phu thude vao thoi gian theo cong thire a(t)=sin (t +37ﬂj,

voi (m / SZ) . Biét tai thoi diém t =0 thi van téc bang 2(m/s)va quang duong di duoc cla vat bang 0.

a) Thiét lap cong thirc tinh van toc cua xe 6t theo thoi gian t.
b) Tinh quang dudng di dugc cia xe 6td trong thoi gian t =z gidy dau tién.

Loi giai
. 3r
a) a(t)=sin (t +7j = —cost

Van toc ciia xe 6t tai thoi diem t 1a: v(t):ja(t)dtzj—costdt:—sint+C.
Taco: v(0)=2<2=-sin0+C<=C=2

= v(t)=-sint+2.

b) Quéng dudng cua xe 6t6 di duoc tai thoi diém t la:
s(t):J'(—sint+2)dt:—cost+2t+C1.

Khi do: s(0)=0<>0=-c0s0+2.0+C, = C, =1 néntasuyra s(t)=—cost+2t+1
= s(7)=—-cosz +27+1~6,28(m)

i+sm(7rt)

Bai4. Mot vat chuyén dong véi van toc la v(t) = 5
T T

(m/s).

a) Thiét 14p cong thire tinh quang dudng s(t) cia vat theo thoi gian t.
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b) Goi s, 1a quing duong vat d6 di trong 2 gidy dau va s, 1a quing duong di tir gidy thir 4 dén gidy thu 6.
Sosanh s, va s,

Loi giai
a) Goi thoi diém ban ddu t=0;5=0

Khi do: s(t)=j(i+sm(”t)]dt=2it—i2cos(nt)+c

T T T T
. 1 1
Taco: s(0)=0=C-==0=C=—=
T T

2

Suy ra S(t)zit—%cos(mﬁﬂi

b) Ta co: s(t) :Zit—%cos(m)Jri
T

2

T T
x R Ap ar a A aX s 1 1 1 1
Quéng duong vat do di trong 2 gidy dau la s, =s(2)=——2-—-cos(27)+— ==
2r Vs n° o
1 1 1 1 1 1 1
3223(6)—3(4):—277:.6—?COS(GE)-F?—[5.4—?C03(4ﬂ')+?}:;
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DANG 2

MOT SO BAI TOAN UNG DUNG NGUYEN HAM TRONG THU'C TIEN

Bail. Mot vuon uwom cdy canh ban mot cdy sau 8 niam trong va udn tao dang. Toc do ting truong
trong sudt 8 nam duoc tinh xap xi béi cng thic h'(t)=2t+7, trong d6 h(t)(cm) la chiéu cao cua cay

khi két thlic t (ndm) . Cay con khi dugc trong cao 25 cm.
el 7 o it

a) Tim cong thtc chi chiéu cao cua cay sau t nam.
b) Sau bao nhiéu ndm trong, cdy cao duoc 1,03(m).
¢) Khi dugc ban, cdy cao bao nhiéu centimét?
Léi giai
a) h(t) 1a mot nguyén ham cua ham s6 h'(t)=2t+7.
Taco: h(t)=[h'(t)dt=[(2t+7)dt=t*+7t+C.
Khido h(t)=t*+7t+C.
Vi cay con khi dugc trong cao 25 cm nén h(0) =25 suyra C =25 nén h(t)=t>+7t+25.
b) cay cao 1,03(m)=103(cm)

2 2 t= _13( L)

Do do: t°+7t+25=103=t°+7t-78=0<
t=6(N)

Vay sau 6 nam trong, cdy cao dugc 1,03(m).

C) Sau 8 ndm trong va udn tao dang. Cay c6 chiéu cao l1a: h(8) =8 +7.8+25=145(cm).

Vay khi duoc bén, cay cao 145(cm)

Bai2. Ky hiéu h(x) lachiéu cao cua mot cay Xoai lai ( tinh theo mét) sau khi trong x nam. Biét rang

sau mot nam dau tién cay Xoai lai cao 2,5 mét. Trong 10 nam tiép theo cay Xoai lai phét trién véi toc do

h'(x)= 2—3)( (mét /nam).
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a) Xac dinh chiéu cao cua cay Xoai lai sau x nam.
b) Sau bao nhiéu nam cay Xoai lai cao 4,5 mét?
Loi gidi

a) Chiéu cao cua cay Xoai lai sau x nam (1< x<11).

Taco h(x)=[h'(x) :I—dx_gln|x|+c_glnx+c (Vi 1< x<11)

Vi h(1)=2,5 nén In1+C:2,5:>C:g.

Chiéu cao cuia cay Xoai lai sau x nim (1< x<11) la h(x):glnx+g (m)

b) Ta c h(x):glnx+g (m)

4
Xoai lai cao 4,5 mét nén gln x+E:4,5<:>Inx:g<:> X =e% ~ 3,8(nam).

Vay sau 3,8 nam thicay cao 4,5 mét.
Bai 3. Mot cong nhan bom nudc vao bé chira nuéc dé sir dung trong qua trinh san xuét. Goi h(t) 1a
thé tich nuéc bom dugc sau t gidy. Cho h'(t)=3at® +bt (m3 /S) va ban dau bé khong cé nudc. Sau 2

giay thi thé tich nudc trong bé 1a 12m?®. Sau 12 gidy thi thé tich nudc trong bé 1a 1872m?.

a) Xac dinh thé tich nudc bom duoc sau t gidy.

b) Hoi bom trong bao 1au thi thé tich nuéc trong bé bang 27900(m3) ?
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¢) Hoi thé tich nudc trong bé sau khi bom duoc 1 phut?
Léi giai

Taco: h'(t)=3at’ + bt
Suy ra h(t) = [(3at’ +bt)dt = at’ +%bt2 +C = h(t)=at’ Jr%bt2 +C

Chont=0:>h(0)=0:>C=0:>h(t)=at3+%bt2

Sau 2 giay thi thé tich nuéc trong bé 1a 12m°: h(2) =12 < 8a+2b =12

Sau 12 gidy thi thé tich nu6c trong bé 1a 1872m*: h(12) =1872 < 1728a+72b =1872

h(t)=t°+t

, 8a+2b=12 a=1
Taco hé:

& =
1728a +72b =1872 b=2
b) Tacé h(t)=27900 < t* +t* = 27900 <t =30 gidy
Viy bom trong 30 gidy thi thé tich nuéc trong bé bang 27900(m3)

¢) Thé tich nuréc trong bé sau khi bom dugc 1 phit = 60 gidy la h(60) = 60° +60° = 219600(m")

Bai4. Mot loai vi khuan dang phat trién véi toe do f (t) :%, trong d6, t la thoi gian tinh bang

ngay. Vi t =1 thi s6 lwong vi khuan 13 1000 con. Héi sau 3 ngay s6 luong vi khuan 12 bao nhiéu?

Do vi khuén dang phét trién véi toe do f (t)= 300

nén ham so luong vi khuan P (t) tai thoi diem t la

, 300
mot nguyén ham cia hamso f(t)=——.
ot nguy Y o f(1) 0, 25t
Tirds oo P(t)=| 300 4 _ 390 1h¢ic=1200.It+C.
0, 25t 0,25

Taco voi P (1) =1000 < 1200.In1+ C =1000 = C =1000.
Ham s6 biéu dién sb luong vi khuan theo thoi gian t 1a: P(t) =1200.Int+1000.

Sau 3 ngay so luong vi khuan 1a P (3) =1200.In3+1000 ~ 2318 (con).
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Bai5.  Vikhuan HP (Helicobacter pylori) gay dau da day tai ngay thir t voi s6 lugng 1 F (t), biét néu

600

phat hién sém khi s6 lugng khong vugt qué 4000 con thi bénh nhan s& duge ctru chita. Biét F'(t)=

va ngay dau tién bénh nhan c6 2000 con vi khuan. Sau 15 ngdy bénh nhan phat hién ra bi bénh. Hoi khi
d6 ¢ bao nhiéu con vi khuén trong da day (ldy xap xi hang thap phan th hai) va bénh nhan ¢ ctru chira

duoc khong?

Loi giai

Taco F(t IF t)dt_j@dt_GOOIn|t|+C.

F (1) =2000 <> 6001In 1|+ C = 2000 <> C = 2000
= F(t)=600Inlt|+2000
Sau 15 ngay, sb vi khuan trong da day bénh nhén 1a: F (15) = 6001In |15+ 2000 ~ 3625 (con)

Vi 3625 < 4000 nén bénh nhan c6 ctru chita dugc.

2000 va lac dau dam

Bai 6. Mot dam vi trung tai ngay thir t ¢6 s luong 1a N (t). Biét raing N'(t) =

vi triing ¢6 300000 con. Tim s6 s6 lwgng vi tring sau 10 ngay

Loi giai

Taco N(t)=[N' t)dt_j@dt_1000|n|1+2t|+c.
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N (O) =300000 <> 10001n |]1 +C =300000 < C =300000

= N (t)=1000In 1+ 2t|+300000 = N (10) =1000In{1+ 2.10|+300000 ~ 303044 .

Bai 7. Mot quan thé virut Corona P dang thay d6i véi téc do P’(t):%, trong d6 t 14 thoi gian
+U,

tinh bang gio. Quan thé virut Corona P ban dau c6 sé luong 1a 1000 con. Tim sé luong virut Corona sau

3 gio.

Loi giai

5000
1+0,2t

Taco P(t)=[P'(t)dt=] dt = 5000.$In(1+ 0,2t)+C = 25000.In(1+0,2t) +C.

P(0)=1000 <> C =1000.
Vay biéu thie tinh s6 Iwong virut Corona véi thoi gian t bat ky 1a
P(t) =25000.In(1+0,2t)+1000.
Vi t =3 giotacd P(3)=25000.In(1+0,2.3)+1000 ~12750,09 .
Vay s6 lugng virut khi t = 3gio khoang 12750 con.
Bai 8.  Mbat chiéc cdc chira nudc & 95°C duoc dit trong phong cé nhiét do 20°C. Theo dinh luat lam
mét cua Newton, nhiét d6 cua nudc trong cbc sau t phat (xem t =0 Ia thoi diém nuée ¢ 95°C ) 1a mot

ham sé T (t). Toc do giam nhiét 6 cua nuéc trong cdc tai thoi diém t phit duge xéc dinh bai cong thirc

t
T'(t)= —ge 0 (°C/phat). Tinh nhiét d6 cta nudce tai thoi diém t =30 phut.
Loi gii
Ta c6 nhiét d6 cua nudce trong coc sau t phut 1a:
_t
_t 50 _t
T(t)=[T'(t)dt= j[—ge 5°]dt :—%. 4 C=T5e%+C
Ine 50

Vit=0 lathoi diém nuéc & 95°C nén ta co:
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t
T(0)=95<75+C=95<C=15=T(t)=75¢ ¥ +15.

30

Vay nhiét do cua nudc tai thoi diém t =30 phat la: T(30)=75. ® +15~56,16°C.
Bai 9. Cuong do dong dién (don vi: A) trong mot day dan tai thoi diém t gidy la:
I(t)=Q'(t)=3t"-6t+5
Vé6i Q(t) 1a dién luong (don vi: C) truyen trong day dan tai thoi diém t. Biét khi t=1 gidy thi dién
lugng truyén trong day dan 1a Q(1) = 4. Tinh dién lugng (don vi: C) truyén trong day dan khi t=3.
Loi giai
Taco: Q(t) = [Q/(t)dt = [(3t* —6t+5)dt =t° ~3t* +5t + C .
ViQ(1)=4=1-3+5+C=4<C=1=0Q(t)=t>-3t*+5t +1.
Suy ra dién luong truyén trong day dan khi t=3 la Q(3)=3°-3.3* +5.3+1=16(C).

Bai 10. Trong luong cta mdt bao thai ngudi nang khoang 0,04 ounce (1 ounce = 28,3485 gram) sau 8
tuan tudi. Trong sudt 35 tuan tiép theo, trong lwong cua bao thai ndy dugc du doan ting voi téc do
2436 %1%

B'(t)= , 8<t<43 véi B(t) la can nang tinh bang ounce va t la thoi gian tinh bang
(1+784e 02’

tuan. Hay tinh trong lwong cua bao thai sau 25 tuan tudi (Lam tron két qua dén chir sé hang phan tram).
Loi giai

Theo gia thiét, trong luong cla bao thai ndy dugc du doén ting véi toc do 1a ham sé B'(t) nén B(t)

chinh la nguyén ham cua B'(t):

-0,193t
Khi d6: B(t) = [B(t)dt = [ dt
(1+ 784e 02’

Dit u=1+784¢ " = du =784.(-0,193).e ***'dt = —151,312e ***dt

2436 du 2436 C 2436

- =i, TC= C
(1) 1513120 W 1513120 151,312.(1+784e‘°'193t)+

Sau 8 tuan tudi thi bao thai can ning khoang 0,04 ounce nén:

2436 2436
= +C=0,04C=0,04- —
151,312(1+ 784e ) 151,312(1+ 784¢ )

B(8)=0,04 =

Do d6 ta c6 ham sb can niang cua bao thai la:
B (t) = 245 ooy T VA 245 1544
151,312(1+ 784e7 t) 151,312(1+ 784e7" )

8<t<43.

Can ning cua bao thai sau 25 tuan tudi 1a:

B(25) 2436 2436

= +0,04 - ~215.
151,312(1+ 784e *1%%) 151,312(1+ 784e %)
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PHAN B

TRAC NGHIEM VA TU LUAN TONG HOP GOM BON PHAN

PHAN I Céu tric nghiém nhiéu phwong 4an lya chon. Mdi cAu héi thi sinh chi chon mdt phuong
an.

Caul. Mot 6 to dang chay véi van toc 20(m/s) thi nguoi ngudi dap phanh. Sau khi dap phanh, 6 t6
chuyén dong cham déan déu véi van toc v(t)=—-40t+20(m/s), trong dé t Ia khoang thoi gian tinh bing
gidy ké tir lic bang dau dap phanh. Goi s(t) la quang dudng xe 6 t6 di duoc trong thoi gian t (gidy) ké
tir lac dap phanh. Hoi tir lac dap phanh dén khi dirng han, 6 t6 con di chuyén bao nhiéu mét?

A. 4(m). B. 7,5(m). C. 2,5(m). D. 5(m).

Loi giai

Chon D.
Taco: v(t)=20(m/s)=20=-40t+20=>1t=0

v(t)=-40t+20

= s(t) = [v(t)dt = [ (40t + 20)dt = ~20t” + 20t +C

= s(t)=-20t* +20t+C

V6it=0=5(0)=0 =C=0

= s(t) =—20t* + 20t

Khi xe ding han thi v(t)=0< —40t+20=0=1t=0,5.

Tir lac dap phanh dén khi dimng hén, 6 t6 con di chuyén duge: s(0,5)=-20(0,5)" +20(0,5)="5(m)

Cau 2. Mot 6 t6 dang chay véi van toe 12(m/s) thi ngudi 1ai dap phanh; tir thoi diém do, 6 t6 chuyén
dong chim dén déu véi van toc v(t)=—6t+12(m/s), trong do6 t 1a khoang thoi gian tinh bang gidy, ké tir

lac dap phanh. Hoi tir luc dap phanh dén khi 6 t6 dimg han, 6 t6 ¢dn di chuyén duoc bao nhiéu mét ?
A. 24(m). B.12(m). C. 6(m). D. 18(m).
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Loi giai

Chon B.
Taco: v(t)=12(m/s)<12=-6t+12=t=0

v(t)=—6t+12(m/s)

= s(t) = [v(t)dt = [ (-6t +12)dt = -3t* +12t+C

=s(t)=-3t*+12t+C

V6it=0=5(0)=0 =C=0

= s(t)=-3t* +12t

Khi xe dirng han thi v(t)=0<0=—-6t+12<t=2.

Tur luc dap phanh dén khi dirng han, 6 t6 con di chuyén duge: s(2)=-3.2° +12.2=12(m)

Cau 3. Mot 6 t6 dang chay véi van toc 70km/h thi hdm phanh va chuyén dong cham dan déu véi téc

do v(t)=-10t+30 (m/s).

Tinh quing duong 6 t6 di duoc sau 3 gidy ké tir khi hdm phanh?
A. 51(m). B. 43(m). C. 54(m). D. 45(m).
Loi giai
Chon D.
Goi s(t) la quéng duong xe 6 t6 di dugc trong t gidy ké tir khi hdm phanh.

Taco: s(t)=[(~10t+30)dt =—5t* +30t+C .

Do 5(0)=0=C =0.

Khi d6: s(t)=-5t* + 30t = s(3) = -5.9+30.3=45(m).
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Cau 4. Mot 6 to dang chay véi van toe 36(km/h) thi tang toc chuyén dong nhanh dan déu véi gia toc

a(t):1+%(m/sz) .

Tinh quing duong 6 t6 di duoc sau 6 gidy ké tir khi 6 t6 bat dau tang tdc.
A. 90(m) B. 85(m) C. 80(m) D. 100(m)
Loi giai
Chon A.
Goi s(t) 1a quang duong xe 6 t6 di duoc trong t gidy ké tir khi 0 to bat du ting tdc.
Ta co: v(t):ja(t)dtzj(l+£jdt:t+£+C
3 6
v=36(km/h)=10(m/s)

Chon t =0 ltic 6 t6 bt dau tang tdc, khi d6 v(0)=10(m/s)

2

Do do: v(O):0+%+C = C =10
:>v(t):3+t+10

B ot ottt
Ta lai co: s(t)_Iv(t)dt_I[E+t+1ojdt_ﬁ+?+10t+cl.

Do s(0)=0=C,=0.

3 2 3 62

Khido: s(t)=— +- 110t= s(6) =2 + % 1106 =90(m)
18 2 18 2
Cau 5. Mot vat chuyén dong voi van tde 10(m/s) thi tang toc véi gia toc dugc tinh theo thoi gian t 1a

a(t)=3t+t’ (m / Sz) . Tinh quang duong vat di dugc trong khoang 10s ké tir khi bat dau tang tdc.

A 20 (m). B. 130(m). c. #%0m). p. 2% ).
3 3 3
Léi giai
Chon D.

Goi s(t) 1a quang duong xe 6 t6 di duoc trong t gidy ké tir khi vat bat dau tang toc.
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, 3, 1
Taco: v(t)=[a(t)dt=[(3t+t*)dt =JrstiaC

Chon t=0 Iic 6 td bat dau tang tdc, khi d6 v(0)=10(m/s)

Do dé: v(0) :%.O2 +%.03 +C=C=10

Do s(0)=0=C,=0.

Khi do: s(t) :ét“ +%t3 +10t = s(10) _ 4300

(m)
A A A R A r A A 7 H A 1] 3 2 A A A 5
Cau 6. MGt vat chuyén dong vai véan toc v(t)(m/s) cd gia toc v'(t) :?( m/s ) Van toc ban dau cua

vat 1a 6(m/s). Hoi van téc cua vat sau 10 gidy (lam tron dén két qua dén chit s6 thap phan thir nhét) co
gia tri bang bao nhiéu?
A.11,9(m/s). B.12,9(m/s). C.14,2(m/s). D. 13,2(m/s).
Léi giai
Chon B.

Gié sir tai thoi diém ban dau t =0;v(0) =6(m/s)

Taco: v(0)=6(m/s)=v(t)= [v'(t)t :j§dt:3|n|t|+c
v(0)=6=C=6=v(t)=3In|t|+6=v(10)=3In10+6~12,9(m/s)

Cau 7. Mot cand dang chay trén hd véi van toc 20(m/s) thi hét xang; tir thoi diém d6, ca nd chuyén
dong cham dan déu véi van toc v(t)=-5t+ 20, trong d6 t 1a khoang thoi gian tinh bang gidy, ké tir lac

hét xang. Hoi tir 1ac hét xang dén IGc ca nd ding han di duoc bao nhiéu mét?

A. 50(m). B.45(m). C. 30(m). D. 40(m).
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Loi giai

Chon B.
Taco: v(t)=20(m/s)«<20=-5t+20=1t=0

v(t)=-5t+20

= s(t) = [v(t)dt = [(-5t+20)dt =—gt2 +20t+C

:s(t):—gt2+20t+c
V6it=0=5(0)=0 =C=0
S,
:>s(t):—§t + 20t
Khi ca nd dimg han thi v(t)=0<0=-5t+20 < t=4.

Tur luc hét xang dén lic ca nd dirng han di duoc: s(4)= —2.42 +20.4=40(m)

Cau 8. Mot may bay cit canh tir san bay Cam Ranh V&i van téc chuyén dong cia may bay 1a
v(t)=3t*+5(m/s). Quang duong may bay bay tir gidy thir 4 dén gidy thtr 10 1a:
A.36m. B. 252m. C. 1134m. D. 966m.

Loi giai

Chon D.

Ta co:

v(t)=3t*+5

= s(t) = [v(t)dt=[(3t* +5)dt =t°+5t+C

=s(t)=t>+5t+C

Chon t=0=5(0)=0 =C=0

=s(t)=t>+5t

Quang duong may bay bay tir gidy tht 4 [&: s(4)=4° +5.4=84m

uan uong ma a ay tu giay thu a. S = + 0. = m
Quéng dudng may bay bay tir gidy thir 10 1a: s(10) =10° +5.10 =1050
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Quéng dudng may bay bay tir gidy thir 4 dén gidy thir 10 1a: s(10)—s(4) =966m

Cau 9. Tai mot noi khong c6 gié, mot chiée khi cau dang dimg yén ¢ d6 cao 162 (mét) so v4i mat dat
d& duogc phi cong cai dit cho né ché do chuyén dong di xudng. Biét rang, khi cau dd chuyén dong theo
phuong thing dimg véi vén tdc tuan theo quy luat v(t) =10t —t*, trong d6 t (phut) I3 thoi gian tinh tir lic
bt dau chuyén dong, v(t) duoc tinh theo don vi mét/phut (m/p). Néu nhu vay thi khi bt dau tiép dét
van tbc v cua khi cau 1a

A. 6(m/p). B. 7(m/p). C. 9(mip). D. 8(m/p).

Loi giai
Chon D.
Taco: v(t)=10t-t*>0=0<t<10
v(t)=10t—t?
= s(t) = [v(t)dt = [(10t—t* )dt = 5t° e
3
3

:>s(t)=5t2—§+C
Chon t=0=5(0)=-162=-162=C

e
:>s(t)=—§+5t2 ~162

, tz—4,93(L)
Khi bt du tiép dét thi: s(t)=0< —%+5t2 -162=0=|t~10,93(L)
t=9(N)

Khi bt dau tiép dat van toc v cua khi cau 1a: v(9)=10.9-9? =9(m/p)

Cau 10. Mot vién dan dugc ban 1én theo phuong thang ding tir mat dat. Gia st tai thoi diém t gidy (coi
la thoi diém vién dan duoc ban 1én), van téc ciia nd duge cho boi v(t)=25-9,8t(m/s). Quang dudng
vién dan di duoc tir lac ban cho dén khi cham dat gan bang két qua nao nhat trong cac két qua sau:

A. 30,9(m). B. 64,8(m). C. 61,8(m). D. 31,9(m).
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Loi giai

Chon B.

Quéng dudng vién dan di duoc 14: s(t) = [(25-9,8t)dx = 25t —4,9t* +C
=s(t)=25t—4,9t*+C

Chon t=0=15(0)=0

=C=0

= s(t)=25t—4,9t*

_125

>

Khi vién dat dat d cao 16n nhat thi v(t)=0<>25-9,8t=0 <t

Quéng dudng vién dan di tir luc bin 1&n cho tdi khi roi xudng dat 1a:

2
s(—125] 22524, 9.(—125j ~64,8(m)
49 49 49

Cau 11. Mot qua bong dugc ném Ién tir d6 cao 20m véi van téc dugc tinh boi cong thiac sau day
v(t)=-10t+16 (m/s). Cong thirc nao sau day tinh d cao cia qua béng theo thoi gian t?
A. h(t)=-5t>+16t+C. B. h(t)=-5t* +16t + 20.

C. h(t)=5t*-16t+20. D. h(t)=5t*-16t+C.

Loi giai

Chon B.
Goi h(t) la d§ cao cua qua bong tai thoi diém t.

Suyra: h'(t)=v(t) do dé h(t) la mot nguyén ham cua v(t)
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Taco: [(-10t+16)dt=—5t* +16t +C.

Do qua bong dugc ném 18n tir 46 cao 20m nén tai thoi diém t =0 thi h=20.
Hay h(0)=20=>C =20 nén h(t) =5t +16t + 20.
Cau 12. Ngudi ta bom nudc vao mot bon chira, luc dau bon khéng chira nudc, mic nudc ¢ bon chira sau
khi bom phu thugc vao thoi gian bom nuéc theo mot ham s6 h=h(t) trong d6 h tinh bang cm,t tinh
bing gidy. Biét ring h'(t) = ¥/3t . Muc nu6c & bdn sau khi bom dugc 10 gidy & bao nhiéu cm? (Lam tron
dén chir s6 thap phan thi nhat)

A. 25,6(cm). B. 42,1(cm). C. 21,2(cm). D. 23,3(cm).
XL ===

Chon D.

Ta co: h(t):jh’(t)dt:jﬁdt:%ﬁw.

Luc dau t =0, bé khong co nudc =h(0)=0=C=0
:h(t):%-iﬁ:h(lo)zzas.

Cau 13. Sy san sinh vi rat Zika ngay thir t c6 s6 luong 1a N (t) con, biét N '(t):@ va lic dau dam

vi rat ¢6 s lugng 250.000 con. Tinh sb Iwgng vi rat sau 10 ngay (Lam tron két qua dén hang don vi).
A. 272304 con B. 212302 con C. 242102 con D. 252302 con.
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Loi giai
Chon D

1000

Taco:N'(t)= t

j@dt 10001Inft|+C

= N (t)=1000In|t|+C

Chon t =1=> N (1) = 250000 = C = 250000

= N (t)=10001n t| + 250000

s6 lugng vi rat sau 10 ngdy Ia: N (10) =10001In10+250000 = 252302

Cau 14. Mot vuon wom cdy Bach Pan cung cip trong rimg dé pha ddi troc. Biét toe do ting trudng
trong sudt t ndm duoc tinh xap xi boi cong thirc h'(t) :%t+4, trong d6 h(t)(cm) la chiéu cao cua cay
khi két thic t (nim) . Cay con khi duoC uwom co chiéu cao 20 cm. Sau 5 niam, cdy dugc wom cao bao

nhiéu centimét?

A. 7,25(cm). B. 6,25(cm). C. 5,5(cm). D. 8,5(cm).

Loi giai

Chon B.

h(t) 1a mot nguyén ham cia ham sé h'(t) :%t+4.
t)=[h(t) dt_j( t+4]dt_—t +4t+C.
4
Khi d6 h(t):%t2+4t+C.
Vi cay con khi dugc trong cao 5cm nén h(0) =20 suy ra C =20 nén h(t):%t2 +4t-20.

Sau 5 nam, cdy ¢ chiéu cao la: h(5) :%52 +4.5-20=6,25(cm).
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PHAN II. Cau trac nghiém ding sai. Trong moi y a), b), ¢), d) & moi clu, thi sinh chon ding hoic

sai.

Cau 15. Mot chiéc 6 to dang chay vé&i van toc 15m/ s thi nhin thiy chudéng ngai vat trén duong cach do
50m, ngudi lai xe hdm phanh khan cap. Sau khi hdm phanh, 6 t6 chuyén dong cham dan déu véi van téc
v(t)=-3t+15(m/s), trong do t (gidy). Goi s(t) la quang duong xe 6 to di dwoc trong thoi gian t
(giay) ké tir lac dap phanh.

2
a) Quang duong xe 6 t6 di duoc trong thoi gian t (gidy) ke tir luc dap phanh theo ham s(t) = —3% +15t

b) Thoi gian ké tir lac dap phanh dén khi ding han 1 5 giay.
c) Xe 6 t6 gap tai nan do va cham véi chudng ngai vat.
d) Néu nguoi 1ai xe nhin thiy chudéng ngai vat trén dudng, sau d6 1 gidy méi phan ang dap phanh khan

cap thi xe 6 td khdng va cham véi chuéng ngai vat.

Loi giai
a) b) c) d)
PUNG PUNG SAI SAI

a) quang dudng xe 6 to di duoc trong thoi gian t (gidy) la mot nguyén ham cia v(t) nén:
3t2
s(t) = Iv(t)dx = I(—3t +15)dx = —7+15t +C

2
:s(t):—%+15t+c

Chon t=0=15(0)=0
=C=0

2
= s(t):—%+15t

. 3t
b) Tacé: s(t)= — +15t

Khi xe dimng han thi v(t)=0< -3t+15=0=>1t=5.

Thoi gian ké tir lac dap phanh dén khi dirng han 1a 5 giay
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2

¢) Sau khi dap phanh dén khi ding han, xe di duge quang dudng: s(5)=— 325

+15.5=37,5(m)

Do 50 > 37,5 nén xe 6 t6 ding han trudc khi va cham chudng ngai vat. Vi thé tai nan khong xay ra.

d) Nguoi 1ai xe nhin thiy chuéng ngai vat trén duong, sau d6 1 gidy méi phan tng dap phanh nén xe di
dugc quéng duong 15m trong 1 gidy

Tong quang duong xe di duge dén khi ding han 13 : 15+37,5=52,5(m)

Do 50<52,5 nén xe 0 t6 va cham chudng ngai vat.

Cau 16. Mot chiéc xe dang chuyén dong déu vai toc do v, =15m /s thi gap chudng ngai vat rdi phanh
gép voi gia toc khong doi 1a a=-3m/s?. Ki hiéu v(t) 1a toc do cua xe, a(t) 1a gia toc xe, s(t) la

quang dudng xe di duge cho dén thoi diém t gidy ké tir lac phanh xe.

a) v(t)=a'(t).

b) a(t)=s"(t).

¢) Tinh tir lac phanh xe, sau 6 gidy thi xe ding han.

d) Quang duong xe di duoc tinh tir lic phanh xe dén khi dirng han la 39 mét.

Loi giai
a) b) c) d)
SAI PUNG SAI SAI

a) v(t) = [a(t)dt

¢) v(t)=[a(t)dt = [-3dt =-3t+C.
v(0)=-3.0+C=15=C =15. Suy ra v(t) =3t +15.
Xe ding han khi v(t)=0= -3t +15=0=t =5 giay.
d) s(t)zjv(t)dt=I—3t+15dt=_73t2 +15t+C.

s(o)z_—go2 +15.0+C=0=C=0= 5(5)=37,5 mét.
2
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Cau 17. Mot xe dap chuyén dong véi gia téc a(t) = 4cost(m/sz). Tai thoi diém bat dau chuyén dong

vat ¢ van toc bang 0.

a) Van toc cuia xe dap duoc bicu dién bai ham sb v(t) = 4cost (m/s).

b) Van téc ciia xe dap tai thori diém t =% la 2(ms)
c) Tai thoi diém t = %(s) sau khi xut phat thi van téc ciia xe dap 1a /2(m/s)

d) Gia toc cua xe dap tai thoi diém t =% (s) la 22 (rn/sz)

Loi giai
a) b) c) d)
SAI PUNG SAI PUNG

a) Taco v(t)= Ia(t)dt = I4cosdt = 4sint + C. Ma tai thoi diém bt dau chuyén dong, xe dap c6 van toc
bing 0 néntac6 v(0)=0 hay C =0.

Vay v(t) =4sint.

b) Van téc cua xe dap tai thoi diém t =% la v(%) - 4sin% =2 (m/s).
¢) Van toc cua xe dap tai thoi diém t =% la v(%) = 4sin% = 2\/§(m/s)

d) Gia téc cua xe dap tai thoi diém t =% ) la: a(%) - 4cos%= 242 (m/s?)

Cau 18. Mot vat chuyen dong véi ham s6 gia toc [a a(t) va ham so van téc la v(t). Biét ring do thi
ham s6 a(t) trén doan [0;6] duoc cho nhu hinh duéi ddy va van toc tai thoi diem t=0 Ia

v(0)=1(m/s).
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[ 3 Ei-—

a) Tai thoi diém t =2 gidy, gia téc cua vat la 1,4 (m/sz) (1am tron két qua dén hang phan chuc).

b) Gia tdc cua vat bang «/§(m/sz) tai thoi diém t =6 giy.

gt2+1 khio<t<2
c) Van téc cua vat dugc biéu dién theo ham v(t) = , Vi C 1A
ﬁ;ﬁt2+3ﬁ2—\/§t+c khi 2<t<6

hang s6 thuc.
d) Tai thoi diém t =6 gidy, van toc cua vat [a 1,73 (m/s) ( lam tron két qua dén hang phan tram).
Léi gii
a) b) c) d)
PUNG PUNG PUNG SAI

a) Tir do thi, ta co: Tai thoi diém t = 2 gidy, gia téc cia vat 1a V2 ~1,4(m/s?)

b) Tur dd thi, ta co: Gia téc cua vat bing /3 (m / sz) tai thoi diém t =6 giay.

%t khio<t<2
c) Tirdo thi, taco : a(t)= .
ﬁ_ﬁug’ﬁ_ﬁ khi2<t<6
4 2
%t2+1 khio<t<?2
Ma v(0)=1(m/s) nén v(t)=|a(t)dt= , Vi C lahang s6
©O-1(m/s) e v(o-faa- £ o
3 t°+ 5 t+C khi2<t<6

thuc.

d) Vi van téc la ham sé lién tuc nén :

limv(t)=limv(t) & V2 +1= ‘/g‘ﬁ+3ﬁ—@+c &C =%.

t—>2" x—2" 2

Do d6 v(6):1+3\/§+2\/§z8,71 (m/s).
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Cau 19. Mot xe 6 t6 sau khi cho hét dén d6 da bat dau chuyén dong voi van téc duoc biéu thi bang do
thi 1a duong cong parabol nhu hinh bén dudi. Biét rang sau 5 phut thi xe dat dén van tc cao nhat 1000
mét/phit va bat dau giam van toc, di dugc 6 phit thi xe chuyén dong déu. Goi s(t) 1a ham sé quang
dudng va v(t) Ia ham sb van toc cua chuyén dong 6 to.

f ¥4

1000F===========z :

(&)

5 6 10 ¢
a) Trong 6 phat du tién, van toc clia xe 0 t0 dugc bicu dién béi ham so v(t) = —40t* +100t, véi t €[0;6].

A Lea ~ A ia 2 4ex N . 4 -
b) Trong 6 phut dau tién, quing duong cua Xe 6 td duoc bicu dién boi ham so s(t)= —?Ots +50t%, véi

te [0; 6] .
¢) Trong khoang 6 pht dau, 6 to di duoc quing duong la 4320(m).

d) Quang duong xe da di dugc trong khoang 10 phut déu tién la 8160(m).

Loi giai
a) b) c) d)
SAI SAI PUNG PUNG

a) Trong 6 phat dau tién, van toc cia xe 6 td dugc biéu thi bang dd thi 1a duong cong parabol:
v(t) =at? +bt, voi t €[0;6].

Duya vao d6 thi ta tinh duoc: a=—40;b =400

Do d6 ham s6 van toc cua 6 t6 la: v(t) = —40t* + 400t véi t € [0;6]

b)Trong khoang 6 phut du, ham s quang duong 12 :s(t) = j(—40t2 +400t)dt = —4—??t3 +200t2 +C.

Tai thoi diém xe 6 t0 xuat phattaco t=0 va s(0)=0 suyra C =0 nén s(t)= —%Oﬁ +200t?.

c) Taco: s(t)= —%Oﬁ +200t?

Do d6, trong khoang 6 phut dau, 6 to di dugc quing duong la: s(6) = —4—??.63 +200.6% = 4320m

d) Trong 4 pht, tiép theo xe chuyén dong thang déu véi van toc: v(6) = —40.6” +400.6 =960(m/s)
Do d6, 4 phut tiép theo 6 t6 di dugc quing duong 1a 960.4 = 3840(m)

Viy quang duong 6 6 di dugc trong 10 phit diu [ 4320 +3840 =8160(m) m.
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Céau 20. Mot qua cau long dwoc danh 1én tir @6 cao 2,2m vai van toc dugc tinh bai cdng thie sau day

v(t)=-0,8t+4,16 (m/s).

-—=

a) Cong thire tinh d¢ cao cua qua cau theo t 12 h(t)=-0,4t*+4,16t+2,2(m), véi t > 0.

> am

b) Qua cau dat do cao cao nhit tai thoi diém t =5, 2(s).
¢) Do cao cao nhit ctia qua cau bang 13,016 (m)

d) Thoi diém qud cau cham dat 1a t =10,5 (s).

Loi giai
a) b) c) d)
PUNG PUNG PUNG SAI

a) h(t)=[v(t)dt = [(-0,8t+4,16)dt =-0,4t" + 4,16t +C .

Ma h(0)=2,2 nén C=2,2 nén h(t)=-0,4t> + 4,16t +2,2(m).

b) Xét h(t)=-0,4t> +4,16t+2,2 ,v6i t > 0.

Max[ h(t)]=-0,4(t*~10, 4t + 27,04) +13,016 = -0,4(t —5,2) +13,016 13,016
Quaé cau dat do cao cao nhit tai thoi diém t=5,2(s).

c) g cao cao nhét cia qua cau bang h(5,2) =13,016 (m).

d) Qua cAu cham d4t khi h(t)=0 < —0,4t> + 4,16t +2,2 = 0 ﬁ fl_(())gs .

Vi t>0 nénchon t~10,9(s).

Cau 21. Cay keo lai 1a mot trong céc loai cay khong chi 1a nguyén liéu gidy quan trong ma con 1a loai
cay cung cap gd nguyén liéu cho céc nganh khac nhu ché bién van nhan tao, ché bién do6 mdc xuat khau,
g bao bi, b xay dung. Cay phat trién véi toc do nhanh, hiéu qua kinh té. Ki hiéu h(x) 1a chiéu cao caa
mot cay (tinh theo mét) sau khi trong x ndm. Biét rang sau nim dau tién cay cao 8m .Trong 10 nim tiép

theo cy phat trién véi toc do h'(x) = 9 (Mét/niam).
X
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a) Chiéu cao cua mot cay sau khi trong x nam h(x) la: h(x)=9Inx+C (m), véi x> 0.
b) Sau 4 nam cy cao 20,5(m) (két qua lam tron dén chir s6 hang thap phan thtr nhét).

¢) Téc do phat trién caa cdy trong 10 nim dau s& ting dan.
d) Ngudi ta thuong thu hoach cay keo lai khi n6 ¢6 do cao trong khoang tir 26 dén 28 mét. Khi do, cay

keo dugc trong tir 10 hodc 11 nam.

Loi giai
a) b) c) d)
PUNG PUNG SAI SAI

a) Ta co: h’(x):%:h(x):I%dX:QIn|X|+C:9In(x)+C (Vi x>0)
b) Tacé: h(x)=9Inx+C (m)

Vi sau nam dau tién cay cao 8mnén h(1)=8=9In()+C=8=C=8
= h(x)=9Inx+8=h(4)=9In4+8~20,5(m).

Vay sau 4 nam cay cao khoang 20,5(m).

c) Ta co toc d phat trien cua cay la ham s h'(x) =%: h"(x) =;—?< 0 nén h'(x) la ham nghich bién.

Do d6 téc do phat trién cua cay s& giam dan trong 10 nim dau.

d) Tacd 26 <h(x)<28=26<9In(x)+8<28=7,39<x<9,23

Vay sau 8 hodc 9 nam sau khi trong.
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Cau 22. Cay ca chua khi trong c6 chiéu cao 5cm. Tdc do tang chiéu cao cua cdy ca chua sau khi trong

duoc cho bai ham s6 v(t)=-0,1t> +t*, trong d6 t tinh theo tuan, v(t) tinh bang cm/tuan. Goi h(t) (tinh

4 3
A s p R t .
a) bo cao cua cay ca chua ¢ tuan thr t 1a h(t):EJFE’ Voi t>0.

b) Chiéu cao toi da cua cay ca chua d6 1a 2—25(cm) .

¢) Giai doan ting trudng cia cdy ca chua dé kéo dai trong 8 tuan dau tién.

d) Vao thoi diém cay ca chua phat trién nhanh nhat thi chiéu cao cay ca chua dat duoc 4425 (cm).
Léi giai
a) b) c) d)
SAI PUNG SAI PUNG
a) Do h(t) la mot nguyén ham cua v(t) nén
3 2 3 2 _t4 :
h(t)=[v(t)dt = [(-0.1°+t*)dt = [(-0,1° +t* )it =25*3°C
~t*
Nén h(t)=——+—+C
40 3

Cay ca chua khi trong c6 chiéu cao 5 cm nén h(0)=5 suyra C =5.

it 3

Vay h(t):E+%+5,t20.

4 .3
b) Ta chi can tim gia tri 16n nhét caa h(t):4—t0+%+5 VGi t>0.

3 2
Ta co: h'(t):%ﬂ2 :;_0(_”10) suyra h'(t)=0 khi t=0 hoic t=10.

Bang bién thién:
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h(t) \\ T 0 -
\

0 +00

N

.z N . o s 2 .
T bang bien thién ta thay h(t) dat gia tri lon nhat bang ? tai t=10.

Vay chiéu cao tbi da ciia cdy ca chua do Ia %( cm).

c) Cay tang truong khi v(t)>0< -0,1t° +t* >0=1<10.
Viy giai doan ting truong cua cdy kéo dai 10 tuan.

d) Ta chi can tim gia tri I6n nhat cua ham s6 v(t)=-0,1t* +t* véi t> 0.
oy 2 20 . . 20
Taco: V'(t)=-0,3t" +2t =-0,3t t-= ) suyra V'(t)=0 khi t=0 hozc t="

Bang bién thién:

‘&

v(t)&\\\\\\\\\“ + 0 -
-

N

i n . . oy 4 . 2
Lap bang bién thién ta thay v(t) dat gia tri ln nhat bang g tai tzgo.

(20] (20]
Khi do: h(ZOj 3 + 3 +5:4405.
3 40 3 81
Cau 23. Tai mot I8 hoi dan gian, toc do thay d6i lwong khach tham dy duoc biéu didn bang ham sé

B'(t) = 20t> —300t* +1000t . Trong d6 t tinh bang gio (0 <t <15), B'(t) duoc tinh bang khach/gi. Sau

mot gio, 500 ngudi dd cd mit tai IE hoi.
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a) SO luong khach tham du 18 hi dugc bicu dign ham B (t)=5t* —100t® +500t* + 95, v6i 0<t <15.

b) S6 lwong khéach tham dy I8 hoi sau 3 gio 1a 2300 khach.
¢) Sb Iugng khach tham dy I8 hoi 16n nhat 1a 28220 khéch sau 10 gio.
d) Toc do thay doi luong khach tham du 18 hai 1a I6n nhat tai thoi diém 15 gio.

Loi giai
a) b) c) d)
PUNG PUNG SAI PUNG

a) TacB(t) la mot nguyén ham cua ham s6 B'(t) = 20t® —300t* +1000t .

Do dé B(t) = [(20t* ~300t* +1000t jt = 5t* ~100t° +500t" + C .

Nén B(t)=>5t*—100t* +500t* + C .

Vi sau mot gio, 500 nguoi da c6 mit tai I¢ hoi nén B(1) =405+ C =500= C =95.

Vay B(t)=>5t* —100t° + 500t* + 95, 0<t<15.

b) S6 Iwgng khach tham du I8 hoi sau 3 gio 1a: B(3) =5.3* —100.3° + 500.3” + 95 = 2300 (khéch).
c) Gia tri I6n nhat cua ham s6 B(t) trén doan [0;15].

t=0
Taco: B'(t) = 20t° —300t* +1000t =0 = |t =5 .
t=10
Tacé: B(0)=95;B(5)=23220;B(10) =95,B(15) = 28220.
Vay S6 lugng khéch tham dy I hai 16n nhat 1a 28220 khach sau 15 gio,
d) Tatim t dé hams6 B'(t) = 20t* —300t* +1000t dat gid trj I6n nhat trén doan [0;15].

15-53
3

154543
3

t
Ta c6: B”(t)=60t’ — 600t +1000 = 0=

t
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Ta co: B'(0)=0; B'(@] ~ 962,25, B'(@] ~-962, 25;B'(15) =15000.

Khi d¢, gié tri Ién nhét cua ham s B'(t) = 20t® — 300t +1000t trén doan [0;15] bang 15000 tai t =15.
Vay toc do thay ddi lwong khéch tham du 18 hoi 12 16n nhit tai thoi diém 15 gio.
Cau 24. Trong thi nghiém nudi cdy mot loai vi sinh vat, ki hiéu f(t) Ia tong sb luong vi sinh vat sau t
gio. Biét rang sau 3 gid dau tién thi tong s6 luong vi sinh vat 12 50 con. Trong 7 gio tiép theo, sb luong vi
sinh vat thay doi véi toc do f'(t) =t> -8t (con/gio).
t3
a) f(t) =§—8t2 +C (CeR).
b) S6 luong vi sinh vat ting trong khoang tir 3 gior dén 8 gid, sau d6 giam dan trong khoang 8 gid dén 10
gio.
¢) Sb Iwgng vi khuan 12 nho nhit sau 8 gid tinh tir luc bat dau 1am thi nghiém.
d) Sau 6 gio thi s6 lwgng vi khuan 13 5 con.
Loi giai
a) b) c) d)
SAI SAI PUNG PUNG

3

a) Ta co: j(t2 —8t)dt:%—4t2 +C.

b) Tacé: f'(t)>0 khi 8<t<10 va f'(t)<0 khi 3<t<8.

Nén sb luong vi sinh vat giam trong khoang tir 3 gid dén 8 gio, sau d6 tang dan trong khoang 8 gio dén
10 gio.

c) Taco: f'(t)>0 khi 8<t<10 va f'(t)<0 khi 3<t<8.

Bang bién thién cua f (t):

t|3 8 10

f(t - 0 *
() \ /
f(8)
3

d) Ta c6: f(t):%—4t2+c.

3

Do f(3):50:>%—4.32+c:50:>C:77.

Suy ra f(t)=%t3—4t2+77: f(6)=5.

Cau 25. Vao nam 2014, dan s Viét Nam khoang 90,7 triéu nguoi. Gia st dan sé Viét Nam sau t nim
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dugc xac dinh boi ham sd S(t) (don vi: triéu nguoi), trong do tbc do gia ting dan sé duoc cho boi
S'(t)=1,2698.e>™ , véi t lasd nam ke tir ndm 2014, S'(t) tinh bang triéu ngudi/ ndm.
a) S(t) la mot nguyén ham cua S'(t)
b) S(t)=90,7.e""* +90,7
¢) Theo cong thuc trén, téc do ting dan s6 Viét Nam nam 2034 (Iam tron dén hang phan muoi cua triéu
nguoi/ nam) khoang 1,7 triéu nguoi/ nam
d) Theo cong thirc trén, dan s6 Viét Nam nam 2034 (lam tron dén hang don vi cia triéu ngudi) 1a khoang
100 triéu nguoi/ nam
Loi giai
a) b) c) d)
PUNG SAI PUNG SAI

a) Taco S(t) la mot nguyén ham cua S'(t).

1,2698.e%04

b) Ta cd ['S'(t)dt = [1,2698.°"“'dt =1,2698 [ (e ) dt = oLl

+C=90,7e"™ 4+ C

Vi $(0)=90,7 nén C =0.
Suy ra S(t)=90,7.e"*".
c) Téc do tang dan s6 Viét Nam nam 2034 1a S'(20) =1,2698.6>"**° ~1,7 (tr nguoi/ nam).

d) Dan s6 Viét Nam nim 2034 I3 S (20) =90,7.6%% ~120 (trigu ngudi).
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PHAN III. CAu trac nghiém tra 1oi ngan. Moi cAu héi thi sinh chi tra 16i dap an.

Cau 26. Mot chat diém thuc hién chuyén dong thang trén truc Ox, Vi van tdc cho boi cong thic
v(t)=3t> +4t(m/s) véi t 1athoi gian. Biét rang tai thoi diem bat dau cua chuyén dong, chat diém dang
& vitrico toadd x =1. Toa dd cua chat diém sau 1 gidy chuyén dong la bao nhiéu mét?
Traloi: ....................
Léi giai

Dap an: 4
Phuong trinh toa d6 cua chat diém 1a nguy@n ham cua phuong trinh van téc nén ta co:

X(t)=Jv(t)dt =J(3t* + 4t)dt =t>+2t° + C
Tai thoi diém bat dau caa chuyén dong, chiat diém dang & vi tri c6 toa dd x=1 nén khi t=0 c6
C=1=x(t)=t"+2t*+1.
Toa do cua chat diém sau 1 gidy chuyén dong 1a x =4(m).
Cau 27. Mot xe tai dang chuyén dong déu voi gia toc v, =15m/s thi tang toc véi gia toc
a(t)=t*+4t(m/s*). Tinh quang duong (Iam tron két qua dén phan chyc caa mét) e tai di duoc trong

khoang thoi gian 3 gidy tir l0c bat dau ting toc.

Traloi: ....coooeeiennne,

Loi giai

Pap an: 69,8

1
Taco v(t)=|a(t)dt=[(t>+4t)dt==t>*+2t>+C.
aco v(t)=[a(t)dt = [(t*+4t) SU 2t

Ma v(0) =15=> C =15 nén v(t)=%t3+2t2 +15.

4 3

s(t)zj@ﬁ +2t2 +15]dt =;—2+%+15t+c1

4 3
S(O):0—+ 20 +15.0+C,=0<C, =0
12 3
4 3 4 3
= S(t) :t—+2i+15t:> 8(3):3—+ 2.3 +15.3:&z69,8(m)
12 3 3 4
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Cau 28. Mot xe mdtd dang chuyén dong véi van toc v, =15(m/s) thi tang toc véi gia toc

a(t)=t*+4t(m/s’). Van téc xe motd do tai gidy thir 3 ké tir lic bat dau tang van téc bang bao nhiéu

mét/giay?

Traloi: ...,
Loi giai
Dap an: 41
3
Taco a(t):t2+4t:>v(t)zj.a(t)dt:%+2t2+C(Ce]R).

3

3
Theo gia thiét v(0)=15=C :15:>v(t):%+2t2 +15 nén v(3) =%+ 2.3 +15=41(ms).
Cau 29. Mot xe taxi chuyén dong trén duong thang nam ngang voi gia tbc phu thudc thoi gian t (gidy)
la a(t)=2t-7 (m/sz). Bict van toc dau bang 10 (m/s), hoi sau bao nhiéu gidy thi xe taxi dat van toc

18 m/s?

Traloi: ..................

Loi giai

Pap an: 8
Taco v(t)=[(2t-7)dt=t* -7t +C.
Van tdc ban dau bang 10(m/s) nén v(0)=10 < C =10= v(t)=t* - 7t +10.

4 did : t=—1 (loai
Chét diém dat van téc 18(m /s) khi va chi khi t? -7t +10 =18 < [ (loai)
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Vay sau 8s thi chét diém dat van toc 18(m/s).

Céau 30. Mot van dong vien dap chiéc xe dap dang chay vai van toc v, = 10(m/s) thi tang téC Vai gia toe
khong doi 1a a= 2(m/sz). Tinh quing dudng (don vi mét) van dong vién dap chiéc xe dap do di dugc

trong 3 giay ké tir khi bat dau ting toc.

Traloi: ..................

Loi giai

Dap an: 39

Taco v(t)=[a(t)dt=[ 2dt=2t+C.

Vi v(0)=10 nén C =10= v(t) =2t +10.

Khidé s(t) =[v(t)dt=[(2t+10)dt =t* +10t +C,.

Vis(0)=0 nén C, =0=>s(t)=t*+10t (m)

Quéng dudng xe d6 di duoc trong 3 gidy ke tir khi bt dau tang toc I3 s(3)=3?+10.3=39( m).

Cau 31. Mot chiéc 6 t6 dang chay véi van téc 15m/s thi nguai 1ai xe hdm phanh. Sau khi hdm phanh, 6
to chuyén dong cham déan déu voi van toc v(t)=—3t+15(m/s), trong dé t (gidy). Hoi tir lic hdm phanh

dén khi dirng han, 6 t6 di chuyén duoc bao nhiéu mét?

Traloi: ..................

Loi giai

Pap an: 37,5

Ta c6 quang dudng xe di duoc 12 s(t) = [v(t)dt = [(-3t+15)dt = —gtz +15t+C.
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Do s(0)=0 nén C =0. Khi xe ding han thi v(t)=0=t=5.

Suy ra quang duong di dugc 1a s(5)=37,5(m).

Cau 32. Mot vat chuyén dong véi gia toc phu thuoc vao thoi gian theo cbng thic

a(t)=cos x(t+%) (m/sz). Biét tai thoi diém t=0 thi van téc va quing duong di duoc cua vat déu

bang 0. Tinh quing duong (1am tron két qua dén phan chuc cua mét) di duoc caa vat dé trong % giay

dau tién.
Traloi: ..........ooeenee

Loi giai
Pap an: 0,57

a(t):cosx(t+%]:sint

Ta c6 van toc cua vat tai thoi diem t la:v(t) :J'a(t)dt :Isintdt =—cost+C
= v(t)=-cost+C

Taco v(0)=0<C=1=v(t)=—cost+1.
:>s(t):J'(—cost+1)dt:—sint+t+C1 va s(0)=0<C,=0.

= s(t)=-sint+t

=s| Zl=—sinZ T s 0,57(m)
2 2 2

Cau 33. Mot vién dan duoc ban 1én theo phuong thang dung tir mat dat. Gia si tai thoi diém t gidy (coi
la thoi diém vién dan dugc ban 18n), van toc ciia né duoc cho boi v(t)=24,5-9,8t(m/s). Tinh quang

duong (mét) vién dan di sau 2 gidy dau.

Traloi: ....................

Loi giai

Pap an: 29,4
Quang dudng vién dan di duogc la: s(t) = j(24,5—9,8t)dt =24,5t—4,9t° +C = s(t)=24,5t—4,9t* +C.

Chon t=0=5(0)=0=C =0=s(t)=24,5t - 4,9
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Vay sau 2 gidy dau quang duong vién dan di la s(2)=24,5.2-4,9.2% =29,4(m)

Cau 34. Mot vién dan dugc ban 1én troi véi van toc 1a 72(m/s) bt dau tir d cao 2(m). Hay xac dinh
chiéu cao (mét) cua vién dan sau thoi gian 10 gidy dau tién ké tir lic ban biét gia toc trong truong l1a

9,8(m/32).

Traloi: ....................

Loi giai

Pap an: 232
Ta c6 van tc cia vién dan tai thoi diém t 1a: v(t) = [-9,80t =-9,8t +C,
Do v(0) =72 nén v(0)=-9,8.0+C, =72 C, = 72=>v(t)=-9,8t +72.
D¢ cao cua vién dan tai thoi diém t 1a:
s(t)=[v(t)dt=[(-9,8t+72)dt =-4,9t* + 72t +C,
Vis(0)=2nén s(0)=-4,9.0°+720+C,=2<C,=2=5(t)=—4,9t* + 72t + 2.
Vay sau khoang thoi gian 10 gidy ké tir lic ban, vién dan ¢ d6 cao:
5(10) = —4,9.10? + 72.10+2 = 232(m).

Cau 35. Mot xe gdn may dang chuyén dong véi van toc 6(m/s) thi ting toc véi gia toc

a(t) :t%(m/sz), trong d6 t la khoang thai gian tinh bang gidy ké tir luc bit dau ting téc. Hoi van toc

cuia xe gan may sau 10 giay bang bao nhiéu mét/giay (1am tron két qua dén hang don vi)?

Traloi: ....................

Loi giai

Pap an: 13
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Taco v(t):j% dt=3Injt+1/+C.

Tai thoi diém Idc bt dau tang to¢ t =0 thi v=6(m/s) néntaco 3Inl+C =6<C=6.

Suyra v(t)=3In|t+1[+6 (m/s).

Tai thoi diem t=10s = v(10) =3In11+6 ~13(m/s).

Cau 36. Goi h(t) (don vi: mét) I muc nuée & bon chira sau khi bom nuée duge t gidy. Biét ring
h'(t)= %%/f (m/s) va lac dau bon khong c6 nuéce. Tim mirc nude & bon sau khi bom nude duge 6 gidy

(1am tron két qua dén hang phan tram cia mét).

Kythuatdo.vn

Traloi: ..................

Loi giai

Pap an: 1,64
Taco :h'(t):%i/f

1a
:h(t)zj%%dx:%jt;dx:%f—+c:%ti/f+c

—+1
3

3
h(t)=—t3t+C
= h(t) = Wi+
Chon t=0=h(0)=0=C=0

:h(t):%t%

Mtre nuée & bon sau khi bom nuée duge 6 gidy: h(6)= 2—3063/6 ~1,64m
Cau 37. Goi h(t) la chiéu cao ciia cay keo (tinh theo mét) sau khi trong t nim. Biét rang nim dau tién
cay cao g(m) trong nhitng nam tiép theo, cdy phét trién véi toc do h'(t) :% (mét /nam). Sau bao

A - A 16 , \ \ A 5 A A - ) -
nhiéu nam cay cao duoc 3 mét (lam tron két qua dén phan tram ctia nam)?
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Traloi: ...

Dap an: 6,35

Tac6h'(t) =—

%

—1+1
4

1
:h(t):J.%dt:J.t fdt="1

—=+1
4

+C:%d§+c

:h(t):gi‘/t_s+C

nén h(l) =2 < 2
373

Nam déau tién cay cao g(m)

:h(t):gi‘/t_s

16

cay cao duoc %(m) nén h(t)zg 4

dn 4 phan cé loi gidi Dung chung 3 bg sdch

3

Loi giai

gé/i+C:>C:0

@54/5:%@4/?:4:”%,35 (nim)

Cau 38. Ki hiéu h(x) la chiéu cao ciia mot cdy cao su (tinh theo mét) sau khi trong x nam. Biét rang

sau ndm dau tién cly cao su cao 3(m). Trong 15 ndm tiép theo cdy cao su phat trien véi téc do

h'(x)

don vi ciia mét).

2 z - ’ . A 5 A - A )Y Y A 5 A Y
— (meét/nam). Xac dinh chiéu cao cua cdy cao su sau 12 nam trong (lam tron két qua dén hang
X
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-'/\.. i T : _..' . i

Traloi: ..................

Loi giai

Pap an: 8
Chiéu cao cua cay sau x nam la h(x):jgdx:Zln|x|+C:2lnx+C ,do x>0
X

Sau nam dau tién cay cao 3(m)do d6 tacé h(1)=3< 2In1+C=3<C =3.
Vay h(x)=2Inx+3=h(12)=2In12+3~8(m)

Cau 39. S6 dan cua mot thi tran sau t nam ké tir naim 1990 duoc uwéc tinh theo mot ham sb theo thoi

gian f (t) (f(t) duoc tinh bang nghin nguoi). Biét rang f'(t)= 2 (nghin nguoi/ndm) biéu thi

t? + 4t +
téc do tang dan sd cua thi tran. SO dan cua thi tran d6 vao nam 2035 13 bao nhiéu? (két qua liy chinh xac

dén hang phan chuc cua nghin nguai) biét dan sé caa thi tran d6 nam 1990 1a 3 nghin nguoi.

Traloi coveeeeeenn,
Loi giai
Pap an: 19,3
Taco: f'(t)=- 4 34 - = f t)=—3—4
U +4t+4  (1+2) t+2
Chon méc thoi gian 1a nim 1990. Dén s6 cua thi tran d6 nam 1990 1a 3 nghin nguoi néntaco f (0)=3
Khi d6 —3—4+C=3<:>C=20 nén f(t):—£+20
2 t+2
Tu nam 1990 dén nam 2035 1a 45 ndm nén dan sb cua thi tran nam 2035 1a
34 906 . .
f(45)= ——+20=——-~19,3 (nghin nguoi).
(45)=-77 17 (nghin nguoi)

Cau 40. Mot quan thé vi khuan ban dau gom 500 vi khuan, sau d6 bit dau tang truong. Goi P(t) la s6
lwong vi khuan cia quan thé do tai thoi diém t, trong d6 t tinh theo ngay (0 < t <10). Tc do ting truéng

cua quan thé vi khudn d6 cho bsi ham sé P'(t)=kw/t, trong do k Ia hing sb. Sau 1 ngay, s6 lugng vi
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khuan cua quan thé d6 da tang 1én thanh 600 vi khuan. Tinh s6 lugng vi khuan cta quan thé d6 sau 9

ngay.

Traloi: ..................

Loi giai

Pap an: 3200

1
Taco: P(t)=[P'(t)dt = [kvtdt = [kt?dt = k%t\ﬁ+c .

P(0)=500 k20J0+C=500 (C=500 C —500
Tt gia thiét suy ra: { = 2 =12 K =100 = {k _150
P (1) =600 k.§.1\/i+c ~600 |3°° -

= P(t) =100/t +500.
Do d6, s6 lwgng vi khuan ciia qun thé d6 sau 9 ngay la: P(9)=100.9v/9 +500 = 3200 .

A nr s . . s , Lz . o 800 .
Cau 41. MGt dan con trang, 6 ngay thir t ¢6 so lwong la K (t). Biet K'(t) == va ngay dau tién, dan

con tring ¢6 500 con. Hoi sau 10 ngay thi dan c6 khoang bao nhiéu con? (lam tron két qua dén hang don

Vi).
Traloi: ...
Léi giai
Dap an: 2342
S6 lwgng con tring ngay thir t 1a K (t):f%t =800In|t|+C.
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Vi ngay dau tién, dan con tring c6 500 con nén K (1) =500 < 800In{1]+C =500 <> C =500

= K (t)=8001In t|+500

S6 lugng con tring ngay thir 10 14 K (10)=8001In[10|+500 ~ 2342 con.

Cau 42. Ngudi ta truyén nhiét cho mot binh nudi cay vi sinh vat tir 1°C. Téc do ting nhiét o caa binh
tai thoi diém t phit (0 <t <5) duoc cho bdi ham sé f (t)=3t* (°C/phit). Biét rang nhiét d cua binh
d6 tai thoi diém t 1a mot nguyén ham ciia ham s6 f (t). Nhiét d6 cua binh tai thoi diém 3 phit ké tir khi

truyén nhiét bang bao nhiéu °C?

Traloi: ..................

Loi giai

Dap an: 28

Ta c6 nhiét d6 cua binh Ia F(t)=[ f (t)dt = [3t* dt=t*+C.

Vi nguoi ta bat dau truyén nhiét cho binh nudi cay tir 1°C nén ta co:
F(0)=1<C=1=F(t)=t*+1(°C)

Vay nhiét do ciia binh tai thoi diém 3 pht ke tur khi truyén nhiét la F (3) =3° +1=28(°C).

Cau 43. Toc do tang truong ciia mot dan giu meo tai thoi diém t thang ké tir khi ngudi ta tha 100 ca thé
dau tién vao mét khu rimg duge uée lugng bai cong thuc P’(t) =8t +30 (con/thang), vsi P(t) la sb

lwong cé thé trong dan tai thoi diém t thang twong (ng. Dua vao téc do ting truong dd cho, hay tinh sb
ca thé cuia dan gdu méo nay tai thoi diém 3 thang ké tir khi ching duoc tha vao rung.
' AR £ = N
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TrAI0T e,
Loi giai
Dap an: 226
S6 luong ca thé trong dan gdu meo tai thoi diém t thang 1a
P(t)=[P'(t)dt = [(8t+30)dt = 4t* + 30t + C(con)
Vi ban dau tha 100 c4 thé gau méo nén P(0)=100 < C =100 = P(t) = 4t* + 30t +100 (con).
Suy ra s6 ca thé caa dan gdu meéo nay tai thoi diém 3 thang ké tir khi chung duoc tha vao ring 1a
P(3)=4.3+30.3+100 = 226( con)
Cau 44. Téc do phat trien cua sb lwong vi khuan trong hd boi dwgc md hinh boi ham sé
1000

B'(t) :m V6i t>0, trong d6 B(t) Ia sb lugng vi khuan trén mdi ml nuéc tai ngay thir t. S6

luong vi khuan ban dau 1a 500 con trén méi ml nuéc. Biét rang mirc d6 an toan cho ngudi st dung hd boi
la s6 vi khuan phai dudi 3000 con trén mdi ml nuéc. Hoi sau bao nhiéu ngay thi nguoi ta phai xur 1i va

thay nuéc mdi cho ho boi.

Traloi: ....................

Loi giai

Pap an: 10

Theo gia thiét thi s6 lugng vi khuan tang véi toc d6 1a ham s6 B'(t) nén B(t) chinh la nguyén ham cia

B'(t):

1000 2 1000
Khi d6: B(t)=|B'(t)dt = | ————dt =1000{(1+0,3t) "dt = —————+
S6 lwong vi khuan Iuc ban dau 1a 500 con trén mdi ml nudc nén:
B(0)=500 > - 200, o500 =20
0,3(1+0,3.0) 3

1000 11500
- + :
0,3(1+0,3) 3

Suy ra ham s6 biéu thj cho s6 lugng vi khuan tai ngdy thir t 1a: B(t)=

S6 lwong vi khuan dudi 3000 con trén mdi ml nude thi ngudi boi van an toan, ta co:
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B(t) <3000 & —— 200 150044,
0,31+0,3t) 3

1000 2300

= - < <1+0,3t<4 <= t<10.
0,3(1+0,3t)

Viy vao ngay thir 10 hd boi khong con an toan, can phai thay nudc méi.
Cau 45. Ddi voi cac dy an xay dung, chi phi nhan cong lao dong dugc tinh theo sé ngay cong. Goi
m(t) 2 s6 lwong nhan cong duoc sir dung & ngay thir t (ké tir khi khai cong dy an). Goi M (t)1a s6 ngay
cong nhan dugce tinh dén hét ngay thir t ( ké tir khi khoi cong du an). Trong kinh té xay dung, nguoi ta da
biét rang M’(t)=m(t). Mot cong trinh xay dung du kién hoan thanh trong 400 ngay. S6 luong cong
nhan dugc sir dung cho bsi ham s6 m(t) =800 2t. Trong d6 t tinh theo ngay (0<t <400), m(t)tinh
theo ngudi. Pon gia cho mot ngay cong lao dong la 0,4 triéu dong. Chi phi nhan cong lao dong cua cong
trinh d6 (cho dén Idc hoan thanh) bang bao nhiéu ti ddng?
Traloi: ....................

Loi giai
Pap an: 64
Tacé M'(t)=m(t)nén M (t) la mot nguyén ham cia ham sé m(t)=800- 2t .
Do dé: M (t) = [(800 - 2t)dt =800t —t* +C .
Suyra: M (t)=800t—t? +C, 0 <t <400.Vi M (0)=0=C =0.
Vay M (t) =800t —t*.
S6 ngay cong duge tinh dén hét ngay thir 400 1a: M (400) = 800.400 — 400* =160000.

Chi phi nhan cong lao dong cua cdng trinh do 1a: 0,4.160000 = 640000 ( triéu ddng) hay 64 (ti dong)
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PHAN IV. Cau tu ludn. Moi cau héi thi sinh trinh bay cach giai tw luén.

Cau 46. Mot xe gan may chuyén dong véi van téc ban dau la 5(m/s) va co gia toc duge xéc dinh béi

cong thic a(t):t—zl(m/sz). Tinh van téc cua xe gin may tai gidy thar 20 (la tron két qua dén hang
+

don vi caa mét/giay).

Loi giai

Ta c6 van toc ciia xe gdn may tai thoi diem t 1a v(t)= Ia(t)dt = j%dt =2Injt+1+C.

Vivan toc ban dau 1a 5(m/s) nén v(0)=5<«2In|0+1|+C =5« C =5.

Nén v(t)=2Int+1+5.

Vay van téc cua xe gan may tai gidy thir 20 1a v(20)=2In|20+1+5~11(m/s).

Cau 47. Trong mot dot xa i, nhd may thay dién da xa 1 trong 40 phit v6i toc do luu lwong nude tai
thoi diém t gidy 1a h'(t) =10t +500(m3 /S) . Hoi sau thoi gian xa Iii trén thi hd thoat nudc ciia nha may

da thoat di mot lwgng nudce 1a bao nhiéu m*?

Loi giai

Taco:
h'(t) =10t +500

= h(t) = [ (10t +500)dx =5t +500t +C
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= h(t) =5t* +500t + C

Chon t=0=h(0)=0=C =0

= h(t) =5t + 500t

thuy dién da xa 1o trong 40 phat = 2400 gidy thi thoat di mot lwong nude 1a:
h(2400) =5.2400 +500.2400 = 3000(m°)

Cau 48. Muc nudc trong hd chira ciia nha mdy dién thay triéu thay doi trong suét mot ngay do nudc

chay ra khi thay triéu xudng va nude chay vao khi thuy triéu 1én (nhu hinh v&). Téc do thay ddi ciia muc
nude duoe xac dinh bai ham sé h'(t) = 9—];)(t2 -17t +60), trong d6 t tinh bang gio (0<t<24), h'(t) tinh

bang mét/gio. Tai thoi diém t =0, muc nudc trong hd chira cao 8m. Goi |"1(m) la myc nudc trong hd

cao nhat va h, (m) 1a muc nuée thap nhét , tinh gia tri h, +h,.

Meiy
it didn

Taco

h'(t) = %(t2 ~17t+60)

= h(t) = g—loj(t2 ~17t+60)dt :%(%ﬁ —%tz +60tj +C

= h(t) =i(1t3 L +60tj+C

90\ 3 2
Tai thoi diém t =0, muc nude trong hd chira cao 8m nén h(0)=8=C =8
= h(t) = i(lﬁ L +60tj+8 (0<t<24)

90\ 3 2

t=5

Taco: h't)=0=t*-17t+60=0 <
t=12

Lap bang bién thién:
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t 0 5 12 24

7o) " 0 - 0+
1019 104
108 5

h(2)

g 4
5
. A A 104 N . P A
Muyc nudce trong ho cao nhat : h = e 20,8m va myc nudce trong ho thap nhat h, =8m

= h, +h, =20,8+8=28,8(m)

Cau 49. Mot béac tho xay bom nude vao bé chita nuée. Goi h(t) 1a thé tich nuéc bom duge sau t gidy.
Cho h'(t)=3at’+bt (m3 /S) va ban dau bé khong co6 nudc. Sau 5 gidy thi thé tich nudc trong bé 1a
150m?. Sau 10 gidy thi thé tich nudc trong bé 1a 1100m*. Hoi thé tich nudc trong bé sau khi bom dugc

20 gidy la bao nhiéu m*?

Taco:

h'(t)=3at® +bt
1
h(t)=|(3at?+bt)dt =at®+=bt*+C
:>()_[(a+)d a+2 +
:>h(t):at3+%bt2+C
Chont=0=h(0)=0=C =0
3 1 2
=h(t)=at +Ebt
Sau 5 giy thi thé tich nuéc trong bé 1a 150m*: h(5) =150 < 125a +2—25b =150

Sau 10 gidy thi thé tich nu6c trong bé 1a 1100m°: h(10) =1100 <> 1000a +50b =1100
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125a+§b:150 {azl
2 =

Taco hé: b2
1000a +50b =1100 B

= h(t)=t*+t

thé tich nude trong bé sau khi bom dugc 20 gidy 1a h(20) = 20° + 20* =8400m’

Cau 50. Mot bac tho xay bom nuéc vao bé chira nuéc. Goi h(t) 1a thé tich nuée bom duoc sau t gidy.
Cho h'(t) =6at” + 2bt va ban dau bé khong c6 nuéc. Sau 3 gidy thi thé tich nuéc trong bé 1a 90m® va
sau 6 giay thi thé tich nudc trong bé 1a 504m?®. Tinh thé tich (m®) nudc trong bé sau khi bom duoc 9

giay.

Loi giai

Tur gid thiét suy ra h(t) = J‘(Gat2 + 2bt)dx =2at® +bt* +c.

a2

c=0 3
Laic6 h(0)=0;h(3)=90;h(6)=504 nénsuyra <54a+9b=90 < <b=6.
432a + 36b =504 c=0

Vay h(t):gt3+6t2 — h(9)=1458m°

https://www.facebook.com/truongngocvy8/ Trang 37 Truong Ngoc Vi 0978 333 093


https://www.facebook.com/truongngocvy8/

	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 1-ĐỀ BÀI-Tự luận và trắc nghiệm
	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 1-LỜI GIẢI phần A-Tự luận phân dạng có lời giải
	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 1-LỜI GIẢI phần B01-Trắc nghiệm và tự luân 4 phần có lời giải
	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 1-LỜI GIẢI phần B02-Trắc nghiệm và tự luân 4 phần có lời giải
	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 2-ĐỀ BÀI-Tự luận và trắc nghiệm
	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 2-LỜI GIẢI phần A-Tự luận phân dạng có lời giải
	Đại số 12-Chương 4-Bài 1-Nguyên hàm-Chủ đề 2-LỜI GIẢI phần B-Trắc nghiệm và tự luân 4 phần có lời giải

