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Chng &

NGUYEN HAM-TICH PH
UNG DUNG

NGUYEN HAM

e Tém tit li thuyét

$® Dinh nghia 1.1. Cho ham s6 f(z) xac dinh trén K. Ham s6 F(z) duge goi 1a nguyén ham ctia
ham s6 f(z) trén K néu F'(z) = f(x) v6i moi z € K.

$® Dinh i 1.1. Néu F(z) Ia mot nguyén ham ctia ham sé f(z) trén K thi véi méi hang s6 C, ham
s6 G(z) = F(z) + C ciing la mot nguyén ham ctia ham s6 f(z) tréen K.

> Dinh Ii 1.2. Néu F(z) la mot nguyén ham ctia ham s6 f(x) trén K thi moi nguyén ham ctia
ham s6 f(z) trén K déu c6 dang F(x) + C, véi C' la mot hang so.

< Dinh Ii 1.3. Moi ham s6 f(x) lién tuc trén K déu c6 nguyén ham trén K.
1. Tinh chét ctia nguyén ham

$® Tinh chat 1.1. /f’(x) de = f(x) +C

$> Tinh chit 1.2. /kf(ac) dz = k/f(a:) dx (k 1a mot hing sb khac 0).

<><>Tmhchat13/ z)tg(x dx—/f da::l:/ (x)dz

2. Phuong phap tim nguyén ham

2.1. Phuong phap doi bién s6

$> Dinh i 1.4. Néu /f(u) du (u) + C vau = u(zr) la ham s6 c6 dao ham lién tuc thi
/f = F(u(z)) + C.

2.2. Phuang phdp titng phan

> Dinh i 1.5. Néu hai ham s6 u = u(z) va v = v(z) ¢6 dao ham lién tuc trén K thi

/ w(@)v'z() dz = u(z)(z) — / o (2)0(z) da.

I & cHuoNG 3. NGUYEN HAMTICH PHAN VA UNG DUNG




BNGm hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

A Luu g: Vid(z)de = dv,o/(2)dz = du nén ding thic trén con duge viét & dang

/udu:uv—/vdv.

Dé tinh nguyén ham /f () do bing ting phan ta lam nhu sau:

® Budc 1. Chon u,v sao cho f(x) de = udv (cha y dv = ¢/ (x) dx). Sau d6 tinh v = / dv va

du = - dz.
© Budc 2. Thay vao cong thiic (x) va tinh /vdu.

A Luu 4j: Can phdi lua chon u va dv hop li sao cho ta dé dang tim duge v va tich phan /Udu dé

tinh hon /udv.

Ta thuong gap cac dang sau:

& Dang 1. [ = /P(x) { zg;:; } dz. V6i dang nay, ta dat
u= P (z)
do — [SIHJL‘ } e
cos T

& Dang 2. [ = /P (z) e dz, trong d6 P (z) 1a da thitc. V6i dang nay, ta dat

u= P ()

dv = ety

& Dang 3. [ = /P (z)In (mz + n) dz, trong d6 P (x) la da thic. V6i dang nay, ta dat

u=In(mx + n)
sin 7 dv =P (z)dx
& Dang 4. [ = / { cos } e” dz. Véi dang nay, ta dat

B { sin x
cos x
dv =e*dx

BANG NGUYEN HAM

@/dx:x—l—C @/kd:c:ka:+6’

" vt n 1 (az + b)"*!
@/m dx—n+1+C’ @/(a:v—}-b) dx_an—ﬂ+0

dz 1 dx 1 1
@/F__EjLC @/(axjtb)?__a'ax%—b

1

@/%:lnm—i—C’ / do =—Inlax +b|+C

x ar+b a

n
@/cosxdx:sinx+0
@/Sinxda::—cosaH—C

ax . l
@/a e = -
/Cos(ax +b)dx = 2sin(aa: +b)+C
/sin(ax + b)dz

e th

+C
Ina

1
= ——cos(ax +b)+C
a

1. NeuveN HAM [
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dz dx 1
=t B b
@/cos?x anz + C /COSQ(ax+b) - an(az + b) + C
dx dx 1
.€E> = — cot C ‘e:’ ————— = ——cot b) +C
/sian cotr+ /sinz(ax—i—b) aco (az +b) +
1
@/tanxdx = —Injcosz| + C @ /tan(ax—i—b)dx = ——lIn|cos(ax + b)|+C
a
1
t zdz = In |si C t b)dx = —In [si b)| +C
@/coxzz n [sinz| + /co(ax+ )dz an]sm(ax+ )| +

1 1 Tr—a 1 1 T
@/mdl’zﬁln +C /mdx:aarctana—l—C

e Cac dang toan

r+a

& Dang 1. Tinh nguyén ham bdng bdng nguyén ham

Phuong phdp gidi:

@ Tich ctia da thic hoac liy thira M khai trién.

. . N .. Phuo ha 3 o oR ~ a ~
(2) Tich cac ham mi ——=2", khai trién theo cong thitc miL.

. . Phuo ha 2 N e N
(3) Chita cin ——=2% chuyén vé liy thira.

.z ~ o 2 . N Ph ha 2 ~ 2 - N 2
(4) Tich lugng giadc bac mot ciia sin va cos — RS PR st dung cong thiic tich thanh tong.

1

© sinacosb = 5 [sin(a 4+ b) + sin(a — b)]
1

® sinasinb = 5 [cos(a — b) — cos(a + b)]

1
® cosacosb = > [cos(a + b) + cos(a — b)]

(5) Bac chén clia sin, cos S TG, ha bac.
1 1 1 1
@sinQa:§—§c052a @COS2(I:§+§COSQQ

. P
(6) Nguyén ham ctia ham s6 hitu ty / El; dz v6i P(z), Q(z) la cac da thiec.

Qx

5 ? 2 PN @ = Ph ha
@ Néu bac ctia tit P(z) > bac clia mau Q(r) ——=L2P,

chia da thiic.
@ Néu bac ciia tit P(z) < bac ctia mau Q(z) 28 P, bhan tich mAu s6 Q(z) thanh tich
s6, roi st dung dong nhat thic dua vé tong clia phan sb
1 A Bz +C
4 = + Tt , v6i A = b% — 4ac.
(x —m)(ax?+br+c) z—m ax?+br+c
1 A B C D

©—0P@—0P 7—0 @—cp  @—0) @—0F

4

1. Vi du minh hoa

Tinh cac nguyén ham ctia ham sb sau:

1
a) f(z) =32+ 37 b) f(z) = (z* — 3z) (z + 1).
BAI GIAI

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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1 2
a) Ta co: F(:L'):/(?):L'z—l—gx) do=2*+ 2 +C.

6
4 23 32
b) Tac():F(x):/(x2—3x)(x+1)dx:/(x3—2x2—3x)dx=%—%—%—1—0
_Nguyén ham hiru ty -
P
Nguyén ham ctia ham hiu ty / (z) dx.
Q(x)
viby @
Tim céc nguyén ham ctia cac ham sb sau:
222 — 3x +1 2r+1 21 — 1
a) (@—T b) f(z) = P c) f(ﬂf)—m
222 — 1 1
a) F(g;):/wdx:/(2x—3+;)dx:x2—3x+ln1x\+(]
T
b) Thuc hién chia da thic 2z 4+ 1 cho x + 1 ta dudgc.
20+ 1 1
flz) = r+1 :2_:10-1-1'
(Sap zép phép chia da thic hinh bén) 0 _1
) 20 —1 20 —1 A B (A+ B)x —2A+ B
T ‘At = = = —
o) Taviet f@) = s T T @2 atl -2 (z—2)(z +1)
Déng nhét thiic 2 vé ta duge: 4 0 2 1=
ong nha ¢ 2 vé ta dugc: YA+ B—_1 B
. 2¢ — 1 1 1
Ta viet lai: = = .
a viet lai: f(z) (22— —2) x+1+a:—2
Khi d6: F(x) /—2‘75_1 d /( L )d In|z+ 1| +Injz —2[+C
: — — r=1In|x nlr—
Haos e 22 _g_2 " r+1 x—2

Tim moét nguyén ham

Q

/ Tim mot nguyén ham F(x) clia ham s6 f(z) théa man dieu kien F(zg) = k.

vibu @
Tim moét nguyén ham F(z) ciia cac ham so sau:
a) f(r) = —2% + 32% — 22 thoa man F(1) = 1.

b) f(z) = f(z) = Qxl_ - thoa man F(1) = 2In3.

o) f(z) = % biet £(0) = 2 va f(2) — 4. Tinh gia tri P = f(—2) + £(5).
4

a) Ta c6 F(x):/(—x3+3$2—2x)dx:—%—l—x?’—xZ%—C’.
1

) 1 5
Theogiéthiét:F(1)=1<:>—Z+13—12+C'=1<:>C:Z

1. Neuven HAM [
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2. Bai tap tuong tu
Bai 1. Tinh cac nguyén ham clia cac ham s6 sau:
a) f(x) =223 —b2% —4x +7
c) flz)=(z—1)(@*+2)
D Loi

1 2

3 x?

4

Bai 3. Tinh céc nguyén ham ctlia cac ham s6 sau:

8) f(z) = — ’

+ —
3—2x cos? x
2
¢) flx) =3z —e* + ——
JIE & cHuoNG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

sin? 4x

1
' Vay F(:c):—%—ir:c?’—xz—i—g
] 1 1
b) Ta co: F(:L‘):/2 5dx:—.ln|2x—5|+0
Theogiéthiét:F()-anS@ 1n|21—5|+0—21n3<:> ln3+C’:21n3
(:)C:gln&
1 3
Vay F(x)zﬁln\Zx—5|+§ln3.
2
c) Taco: [ fl(x)dr = f(x)+C<:>f(:v):/ 1dx—C':21n|x—1|—
Tz _
0)=2 22In|0-1|-Cy =2 C,=-2 =21 —1/+2
=2 wmlo-i-ciSr (G2 ffn)=2mle—1]+2
F2)=4" 2m2—1-Co=4 " |Co=—4  |f(z)=2n]c—1|+4
Taco: P= f(—2) + f(5) = (2In3 + 2) + (2Ind + 4) = In 144 + 6.

b) f(x) = 6x° — 1223 + 2* — 8
d) f(z) =z (2 +1)°
gidi.
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® Ldi gidi.

Bai 4. Tinh cic nguyén ham clia cic ham s6 sau:

a) f(x) =sin*z + g

¢) f(z) =cos2x.cosx + 1.

b) f(x) = = + cos® 2.

d) f(z) = cos.cos3z + sin* L.

® Loi gidi.

Bai 5. Tinh cic nguyén ham ctlia cadc ham s6 sau:

) fla) = T

T2

c) f(z)=(1-3x)"

Bai 6. Tinh céc nguyén ham ctia cac ham s6 sau:

2 _
2 fla) = b) f(e) = o
3+ 2 2
) flo)=—"—"5" D) fl@) = 55
) flo) = gt f>ﬂ@:m@i@~
 Loi gidi.

1. Neuven HAM [
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Bai 7. Tim nguyén ham F(x) ctia ham s6 f(x) thoa diéu kién cho trudc:

a) f(x) =24z +1; F(1) = 3.

b) f(z) =3 —cosz; F(m) = 2.

Bai 8. Tim nguyén ham F(x) clia ham s6 f(z) thoa diéu kien cho trudc:

W) flr) = 5

c) fl(z) = va f(1) = 1. Tinh f(5).

F(2) =3In2.

20— 1

b) (o) = 5

d) f(z) = 2;_ — biét f(0) = 1 v f(1) = 2.
Tinh gia tri P = f(—1) + f(5).

F(0) = 2. Tinh F(e).

D Ldi gidi.

LUYEN TAP @

Tinh cac nguyén ham c%a cac ham s6 sau:
a) f(z)=32>—2+ e

— _1)\2
=] U EE NG TBE AR cH PHAN vA UG DUNG
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1 e flz)=(Be—1).

2 1 ,
f) f(x) Eﬁ-mﬁ-v&%—l.
LUYEN TAP @

Tinh cidc nguyén ham clia cac ham s6 sau:
3
a) f(z) =3z —e't* +

SEWrS b) f(z) = 3" +sin (5 — 10z) + 9.
c) fla) =cos (5 = 5a) +er L D) fa) = (e - 1),
Y N\ ;
¢) fla)=¢ (2 + CESQx)' ) fla)=2% (g) T o S
LUYEN TAP ©

Tinh cic nguyén ham clia cac ham s6 sau:
a) f(x) =1— sin®2x.
¢) f(x) = 2sin3z. cos2x.

LUYEN TAP @

b) f(x) = cos? 3z — 3.
d) f(z) = 4sin6zsinx.

Tinh cac nguyén ham ctia cac ham s6 sau:
203 + 22 + 1
a) f(z) = ——.

r+2°
3

3r—1

Tim nguyén ham F(z) thda diéu kién cho trude

9 1w ="t re2) =0

2

¢) flx) = 2* + 322 +2; F(2) = 14 Tinh d) f(z) = (1 — 22)"; (_%)
F(-2)

UYENTAP @

-

Tim nguyen ham F(z) thoa diéu kién cho trudce

) flr) = VE T F(1) =

b) f(r) = VI F(-2) =
2 1
c) f(x):ﬁ§F(3) 3V11 d)f(w):\/ﬁ;f?@):\/g
3 6x
e) f(x) = N o F(1)=v2 f) f(z)= YT Bt F(2)=1
Tim nguyen ham F(z) thoa diéu kien cho trude .
2) f(z) = &% F(0) = 1 b) f(x) = e F(0) = &
) f() = 2+ F(0) = 5 D) () = e (26 +1); F(0) = 1
e) flx)=e"(3+e"); F(In2) =3

I

1. NeuveN HAM [
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Tim nguyen ham F(z) thoa diéu kien cho trudce
o (T a2t (TN T
a) f(x)—81n2$.smx,F(3> 0. b) f(z) =sin 2,F(2> 1
3 6z
= s F(1) =+/2 d = P F(2)=1
VIO = oy W= V2 D) = s e )
o (T3 ol wad (T ST
| e) f(z) =cos*x 81113:,F<4>—2. f) f(x)=cos*x 81nx,F<4)—16
VAN DUNG @
Tim nguyen ham F(z) thoa diéu kien cho trude
1 1
2
¢) f(x) = 472215 F(0) = — = Tinh A = d) f(x):mil;F(2)=3—ln3
n2.F(1))?
910
) 1) = s F2) = 0 fe) = -5 F(-3) = 0. Tioh F(-1)
| R L VT ey - ‘
VAN DUNG @
Tim nguyén ham F(z) thda diéu kién cho trude
Sr+3 9z — 10
= ———; F(-2)=18In2 b =———; F(1)=In2
2) J@0) = o P72 = 18 ) @) = s ez FU =
4r + 11 1
= ——; F(1) = In2. Tinh = —; = 0. Tinh
) fr) = ol F(1) = M2, Tah d) f(z) = s F@) = 0. Tin
o ()
F(2
2
) (2) = ——— biét rhing db thi ham ) f(z) = ———: F(1) = —21n?
O I = ey gy Vi Tane o R AR -3
s6 y = F(z) cit truc tung tai diem co
.2
tung do bang gln2.

& Dang 2. Tim nguyén ham béng phuong phép ddi bién sé

Cho /f(u)du = F(u) 4+ C va u = u(x) 1a ham s6 ¢6 dao ham va lien tuc thi

[ @) (@)au = Plu@) + €
Phuong phdp gidi:

dao ham 2 vé

bat t = u(x) dt =/ (z)dz.
A Luu y: Sau khi bién déi va tinh nguyén ham zong, can trd lai bién ca ban dau la x.

Mot s6 dang bién déi thuong gip

Dang toan Cach dat t

I & cHuONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG
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@/f (az™*! + b)m. t =az™ + b= dt = a(n + 1) 2"dz |
@/f( xﬂ) dz t =ax"™ = dt = a(n + 1)z"dz.
axr”
@/f(aa:2+b)nda: t =ax?+ b= dt = 2axdx.
@ / T @) (@) t= YT = 1" = f(x) = nt"Adt = f(x)da.
1 1
@/f(lnx).—dx t=Inzr = dt = —dzx.
x x
@/f (e¥) .e*dx t=e" = dt = e*du.
@/f (cos ) .sinzdx t =cosx = dt = —sinzdz.
sinx).cosxdr t =sinxr = dt = cosxdw.
[ #sing) .cosad i = dt = cosd
1
@/f(tan:v). dz t =tanz = dt = dz = (1 + tan?z) du.
cos? x cos? x
1 1
/f((:otyc)..2 dz t=cotx = dt = ————dz = — (1 + cot? z) d.
sin® sin®
t = cos’z = dt = —sin2zd
@/f (sin2 x; cos® m) .sin 2zdzx C?SZ . 'sm v )
t =sin"z = dt = 2sinz coszdx
@/f (sinx £ cosx).(cosz £sinz)dr | t =cosx £sinx = dt = (cosz Fsinz) dz.

1. Vi du minh hoa

{ Tinh cac nguyén ham ctia cac ham s6 sau:

a) A= /(1 — )™ zdz. b) B = / («* + 1)5xda:.
c) [:/Vx2+3xda:. d) D:/sin?’x.cosxdx

BAI GIAI
a) batt=1—-zr=20=1—-t=doe = —dt.
t2023 t2022

A= _ 2021 (1 _ :_/ 2021 42022 _ _
/t (1—t)dt (t £29%2) dt 5053~ 2025 T C

(1—2)P  (1- )™
= — C
2023 2022 *

t
b) Datt::c2+1:>dt:2xdx:>§:xdx.

dt 1 ¢°
B=[t— =< [dt=—
/ 2 2/ ntc

2 16
=—<x1+2 L ic

c) Dat t = V22 +3= 1?2 =22+ 3 = tdt = zdx.

(\/l’2 + 3)3

[ t3
I=[ttdt= [ Pdt=5+C=———+C.
/ / 3 3 1. NeuveN HAM [
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d) Dit t = sinx = dt = cosxdx

t4 <4
D:/t3dt:Z+C:SIH el

{ Tinh cac nguyén sau:

/ln—xdx b) J = /\/5—67” e’dz.
! +ta,nx d) H= /Sin3 xdx.

K 2
COSs

d
a)Déttzlnxédzz—x.
x
t2 In?z
I=[td=—+C= C
/ 5 * 7

b) Dat t =5 —e* = t? =5 — e” = 2tdt = —e%dx

2 2
J:—/t.tht:—2/t2dt:—§t3+C:_§<1/75_ex)3+0.

d
¢) Dat t = /1 +tanz = t* = 1 + tanz = 2tdt = f
COs“
2 2 3
Kz/t.?tdtzZ/tzdt:§t3+0:§(\/1+tan$) +C

d) Ta viét lai H = /sin3 zdxr = /sin2 r.sinzdr = / (1 — cos? x) .sinx dz

Dat t = cosx = dt = —sinxdx

t3 3
H:—/(l—tZ)dt:§—t—|—C’: 8T cosz+C.
2. Bai tap tuong tw
Bai 1. Tinh cdc nguyén ham sau:

2 7 X
a)[z/(Qx +1) zdaz. b)J:/x2+5dx.
)H:/v3$2+1xdx d)K:/3—x2dx

' V5 + 223
® Loi giai

I & cHuoNG 3. NGUYEN HAMLTICH PHAN VA UNG DUNG
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ex
- da.
2) N
eV
c) H= dz.

b) J = /ew2+1xdx.

tanx
d) K:/e xdw.

cos?

 Loi gidi.

In’ 1+ In?
A = [ 24 b)J:/ T,
T Xz
1 1 VAT
o H— [3mrtl, Q) K= [ YT,
rz.Inz T
® Loi giai

1. Neuven HAM [
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Bai 4. Tinh cic nguyén ham sau:

cos? x

a) I = /0032021 z.sinzdu. b) Jz/ S

c) H= /Sin2x.cos2xdx. d) K = /\/1+4cosm.28inxdx.
® Loi gidi.
wintar © L
Tinh cac nguyén ham clia cac ham s6 sau:
3d
a)I:/Lde. b)J:/x—x?’.
(x+1) (1+ 22?)
4 3 5
c) H= %dx. d)K:/ T da.
(2% +2) 2+ 1

Tinh cac nguyén ham ciia cac ham s6 sau:
20 — 3
a) I = ( )

Vaz -3z -5

2x
c) H= dz.
) / Va2 +4
UYENTAP ©

-

Tinh cac nguyén ham ctia cdc ham so sau:

2) I — Inz

——dx.
zvV1+Inzx
dx

c) H= | —————dux.
) /x\3/1+lnx

1
e) M:/

rlnzV6 + 31In%z

UYENTAP @

-

Tinh cidc nguyén ham clia cac ham s6 sau:

e$
a) I = dz.
) /\/ez—l—?v

dz
o) H= [ ———da.
R rs/1 X Inz I
B CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

dz. b) J = / Va? —2021.x dx.

d) K:/\/lxi_xdx.

dzx.

b) J_/lnx\/l—l—?)lnx

x
In? z
d) K= | ———dux.
) /x\/1+lnx !
1
f) N:/dex
z(2+Inx)

x.

b) J:/lnx\/l—i-Slnxd

X

d)K:/ v,
et +e 7"

x.
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LUYEN TAP @

[
Tinh cac nguyén ham ctia cdc ham so sau:

sinx
I = dzx.
2) /COS2 .
) H = / 5sin® x
1-— cos:c

2
M /sm T. cosx

1 —cosx

LUYEN TAP @

[
Tinh cac nguyén ham ctia cdc ham so sau:
a) I = /cos‘g’:cdx.

) H = / Ccos T
4+smx

| e M= /sin2:v.sin5 xdx

LUYEN TAP @

. 9
sin” x
a) I = o dz.
costx
H
cos4
cos? Z
) ) M =
sin? :c

Tinh cac nguyén ham sau:

a) I:/mdx.
) H=/x2de.

Tinh cac nguyén ham ctia cdc ham so sau:

f)N:/ © s
et e %

b) J:/ﬂdx.

2+cosw
d) K = /sin2 x.tanx dx.

sin 2z
f) N —dx.
) /4—008293 o

b) J=/(1+2sinx)cosxdx.

sin 2z

e~
1—smx

f N = / CcoS T
24 +3sinx+1

b) J:/de.

cos? x
9 _ 2
Q) K — [Gcotel g,

s~ T

cos? 4
N =
sin® x

& Dang 3. Tim nguyén ham bdng phuong phdp tirng phan

Phuwong phap

dao ham
. dwobim,
a) Cach dat

nguyén ham

b) Chon cach dat u va dv

u=---dz

dv=-.--de ——v="---

Néu hai ham s6 v = u(z) vd v = v(x) c¢6 dao ham va lién tuc trén K thi

I / (@) (z) de = u(z)o(z) — / o(z) da

1. Neuven HAM [
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./P(x).e’”da: / P(z).cos xdx /P(:v).sinxdx ./P(x).lnxdx
u P(x) P(x) P(x) Inx

dv e’ dz cosx dx sin z dx Inxdz

1. Vidu

{ Tinh céc nguyén ham ctia cdc ham s6 sau:

a) I/(Qx + 1).e*dz. b) J = /(3 — z).sinzdz.
—4
c) K= [ 2z.Inzdz. d) H:/&x 5—dx.
. cos? x
BAI GIAI

{u:2x+1 {duz?dx

=
dv =¢e*.dz £

a) Dat
v=e

I:(2x+1)ex—2/exdx:(2x+1)ex—2ex+0

=2z —-1)e"+C
u=3—zx du = —dx
b) Dat ) =
dv = sin xdz V= —COSZ
J = (x—3)cosx—/cosxdx: (x —3)cosz —sinx + C
{uzlnx duzldx
c) Dat = x
dv = 2zdz v = 22
Inz Inz 22
u=3r—4 du = 3dz
d) Dat 1
dv = dx v =tanx

ViDU 9 H=(3r—4tanxr — 3 /ta.nmdm: (32 — M tanz + 3Inlcosxl + C

(f) Tim nguyén ham ctia ham f'(z)Inx.

Cho F(z) = Inz la mot nguyén ham ctia ham s6

Ta viét I = /f’(m) Inzdz.

®* Vi F(z) = Inz 13 mot nguyén ham cua @) nén F'(x) = =
x3 x3 x

JIIEEI & cHuoNG 3. NGUYEN HAMTICH PHAN VA UNG DUNG
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Dit u=Inx N du = ldac
a x
| dv = f'(z)de _

I:f(x)lnx—/@dx:ﬁlnx—/xdx

:x21nx—x—+0.

2

2. Bai tap tuong tu
Bai 1. Tinh cac nguyén ham sau:

a) I:/(Zx-i—l)lnxdx. b) J = /wsinxdx.

c) K = /xcosxd:v. d) H = /(3 — 2z) sin 2zdz.

® Loi gidi.

Bai 2. Tinh cic nguyén ham sau:

a) I :/(4—1—90) e*dz. b) J = /a:cos?:cdx.

c) K = /lnxdx. d) H = /x.dea:.
® Loi gidi.

1. Neuven HAM [
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Bai 3. Tim mot nguyén ham ctia ham s6 F(z) ctia ham s6 f(z) = z cos 3z thdéa man F(0) = 1

® Loi gidi.

Bai 4. Cho F(x)

= Inz 13 mot nguyén ham ctia ham so6

® Loi gidi.

Bai 5. Cho F(x)

= Inz 13 mot nguyén ham ctia ham s6 z. f(z). Tim nguyén ham ctia ham f'(x) In z.

® Loi gidi.

LUYEN TAP @

Tinh cac nguyén ham sau:

) 1:/(1 _ ) ¥ da.

)i | (=
LUYEN TAP @

Tinh cac nguyén ham sau:

a) I = / (2% +1) e*da.

) In zdzx.

c) K = /3372 sin 4xdz.

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

1
/ D7

d) H = /(333 —1).3%da.

b) J = /(:L"—I—l)ln(?x)dx.

d) H= /(4 — 3z) cos 2zdz.
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LUYEN TAP ©

a) Cho F(r) = 2> + 1 1a mot nguyén ham ctia ham s6
f(x)Inz.
Lo s o f@
b) Cho F(z) = — la mot nguyén ham ciia
x
)

f(z)

. Tim nguyén ham ctia ham

. Tim nguyén ham cta f'(z) (x* — 2?)

c¢) Cho F(z) = 2% 1a mot nguyen ham clia f(z).e*. Tim nguyén ham ctia f'(x)e*®

). Tim nguyén ham cia f'(z) (3 + 1)

1
d) Cho F(x) = ) 14 mot nguyéen ham cta UG
VAN DUNG @
' 2

Cho F(x) = (1 — %) cosw + rsinz 1A mot nguyeén ham ctia ham s6 f(z)sinz. Tim nguyen

ham ctia ham s6 f/(x) cosx

[

22
2
ham ctia ham s6 f/(x)sinx

2
Cho F(z) = (% —x+ 1) e” 1a mot nguyén ham ctia ham s6 f(z)e”. Tim nguyén ham cta

ham s6 f/(z)e”

e Bai tap trac nghiém

Cho F'(z) = (

— 1) sinx + xcosz 1a mot nguyén ham cta ham s6 f(z)cosz. Tim nguyén

1. Dung bang nguyén ham Cdu 3. Cong thitc nao sau day la sai?
1.1. Miic do nhén biét (A) / nade = =+ C.
x
Cadu 1. Ho nguyén ham ctia ham 86 f(z) = e +x / — tanz + C.
1a cos?x

(Ae” + a2+ C. @/sinxdx=—cosx+0.
1
B e +§x2—|—C’. @/exdxzex—l—C.

@ ! e“’+lx2+C’.

r+1 2
Der+1+C. Cdu 4. Néu/f(a:)dx=4x3+x2+0thi ham s6
CAu 2. Trong cac khing dinh sau, khéng dinh | /(%) bang
nao sai? 3
@f(:v) :x4+%+0x.
@/de:2ln2+C. (B) f(z) = 1222 + 22 + C.
e 2
/ehdx:——i—C. @f(x):12x + 2.
2 ,
1 = —.
@/Cos2xdx:§sin2x+C. @f(x) v 3

1 .
@/ de=Inlz+1/+C (Vx# —1). | Cdub. Honguyén ham ctia ham s6 f(r) = 322—1

r+1 N
la
1. Neuven HAM [EE
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3

(A)ad+C. %—l—x—i—C.
(C6z+C. D)ad—z+C.

Cdu 6. Ham s6 F(z) = 2* + sinz 1a mot nguyén
ham cta ham 86

@f :—a: + cos .
f( —2x+cosa:

@f( =—a: — COS .
D) f(z)

Cau 7. Tim ho nguyén ham ctia ham s6 f(z) =

= 2z—cosx

2cos .
@sian—i—C. —QSinx-i-C.
©QSinx+C’. @—sian—l—C.

Cadu 8. Ham s6 nao sau day la mot nguyén ham
clia ham s y = sin z?
@y:—cosx. B)y = cosz.
@y:tanx. @y:cotx.

Cdu 9. Ham s6 F(z) = cos 3z 1a nguyén ham ctia

ham s
@ f(x _ s 333- f(z) = —3sin 3.
@f —381113:70- @f (x) = —sin 3z.

Cau 10. Ho nguyén ham ctia ham s6 f(z) =
»+r+11a
4 2

(A)3a? +C. %-I—%—I—C.
4 2 2
©%+%+x+0. @x4+%+x+0.

Cau 11. Tinh nguyén ham /x2 dz.

2£L‘+O.
@%x?’—i—C.
Cdu 12. Nguyén ham cta ham s6 f(z) =
/Sin?)xdx la

@/f :—cos3x—l—C

/fx dz = —cos3z + C.

@/f:c )dz = cos3z + C.

@/f :——C083£U+C

Cau 13. Ho nguyén ham ctia ham s6 f(z) = cosx
la

IR & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

@—sinx—i—C. (B) cotaz +C.
@tanx+C’. @sin:c—l—C.

Cadu 14. Ho nguyén ham ctia ham s6 f(z) =
322 +11a
3

(A2 +C. %4—:154—0.
(C6x+C. D)+ +C.

Cau 15. Ho nguyén ham ctia ham s6 f(z) = cosz

la
@—sinx—i—C. (B) cota +C.
@sinx—i—C.

@tanx+ C.

Cadu 16. Tim nguyén ham /

)da:
2 + 3

@§ln|2x+3|+0. §ln(2x+3)—|—0.
(C2m2z+3|+C. (D)In|2z+3|+C.

Cadu 17. Nguyén ham ctia ham s6 f(z) = sin 3z
la

1
@§COS3I—|—C.
1
@—gcos?mc—l—C.

cos 3z + C.
@—cos?)a:—i—C.

Cdu 18. Ho nguyén ham ctia ham s6 f(z) =

»+r+11la

xt a2? 2t 2?
@Z—Fg-f—C. Z+7+x+0.
©x4+%+0. (D) 322+ C.
Cdau 19. NguyénhamI:/2x+1dxbing

@—%ln|2x+1|+0.
(B) —In|2z + 1| + C.

@%ln|2x+1|+0.
(D)In |2z + 1] + C.

Cadu 20. Ho nguyén ham ctia ham s6 f(z) =
e’ +cosx + 2019 la

(A)F(z) = e” +sinz + 2019 + C.
(B) F(z) = ¢* —sinz + C.
(C)F(z) = ¢® +sinz + 2019z + C.
(D) F(z) = e® — sinz + 2019z + C.

Cdu 21. Nguyen ham cha ham s6 y =

e—l?
e’ (2 +— ) la
Cos*

1
(A)2e” + — 4 C.
COST

2e” +tanx + C.
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©2e"”—tanx+0.
2
- 2 — .
Cdu 22. /?)x—;—f?)dx bang

@x3+xz—3x+0.

x
3x+21n]:€|—%+0.
@3(933—1—:82—3@_'_0

3

3
@3x+21n|x|+—+0.
T

Cdu 23. / (3-2% +/x) dz béng

@ ln2 3

—312+ 2/EaC,

(©)3- —+ \/_ +C.
@ 2
In2
Cdu 24. Tim meénh dé sai trong cac ménh dé
sau

@/2e“”dx=2(e“”+0).
/a:3d1::x4+c.
@/idlemm—l—C.
@/sinxdx:—cosx—i-C.

Cau 25. Tim ho nguyén ham cta ham s6 f(z) =

5%
@/S%dx:2~5211n5+0.
‘c, ) gm
v e =2 .
/5 x 1n5+C
25%
QId. —
©/5 2ln5+
25x+1
@/52% —~ +C.
z+1
Cadu 26. Tinh nguyen ham clia ham s6 f(z) =
2018e™*
e (2017— Dise )
x
2018
@/f(x) e
2 18
/f:v )d 018 ¢
50 5
© [ 1@

L
@/fx ) dz = 2017¢" —5(10—45+0.

CdAu 27. Tim nguyén ham ctia ham s6 f(x) =
2

dry — 3’

2 1
’ P §ln(2x—§)+0.
2 1 3
— Zlnlox -2
©/4x— 9 AT 2’+C
3
der =2In|2x — =
ir —3 v 2‘+C
CdAu 28. Ho nguyén ham ctia ham s6 f(z) =
2x +sinx la
@zZ—cosx-l—C. (B) 2+ cosz + C.
(C)2—cosz+C. (D) 2% + cosz + C.

Cadau 29. V6i C 1a hing s6. Tim /(ez + z) da.

2

@/(ea’—i—x) dm:ex—%—i—C.
/(em—i—x) dz =e"+ 22+ C.

2

@/(ex-l—a:) dx:ex—l-%-l—C.
@/(e‘”—i—x) dor =e" + 2%+ C.

Cadu 30. Ho nguyén ham ctia ham s6 f(z) =
e + 22 la

@F(x):ezx—kx?’—i-C
eQw $3

F(m)—7+§—l—6’

@F(m)zQeQI—I—Zx—l—C
3

D) Flz) =e* + 2 1 C.

CdAu 31. Ho nguyén ham ctia ham s6 f(z) =
e’ +sinx la
@ez —cosx + C.
re* !+ cosx + C.
@ef‘ +cosz + C.
(D) ——e™*! 4 cosz + C.
T+ 1
Cdu 32. Tim ho nguyén ham clia ham s6 y =
1
r? =3+ =,
x

503
L
3

In3

3 3z
ey _F
3

In 3

3

1

©Z —3+—+0C,CeR.
3 2

xT

—In|z|+C,C eR.

+1Injz|+C,C e R.

1. NeuveN HAM R



BNGm hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

Cadu 33. Ham s6 ndo trong cac ham sé sau day
khong 14 nguyén ham ciia ham s6 y = 229197
2020 2020

@y—2020+1- y— %

_ 2018 _
(C)y = 201922018, Dy= 2020

Cdu 34. Cho ham s6 f(z) = x® ¢6 mot nguyén
ham I F(z). Khing dinh nao sau day 1a ding?

(A)F(2) — F(0) = 16. F(2) — F(0) =1.
(CF@2)—F0)=8. (D) F(2)-F(0)=A4.

Cadu 35. Ham s6 nao trong cac ham s6 sau day la
mot nguyén ham ctia ham s6 y = e =227

e—2x
®y--=
Bly=—2c24+C(CeR).
©y—2e—2m+0(c€nz<)

Dy==

Cdu 36. Ham s6 nao trong cic ham s6 sau day
c6 mot nguyén ham bang cos? 2?

3

cos® _cos’w
@y:—siHQ:I;. @y—sm2x+0.
Cau 37. Ho cic nguyén ham ctia ham s6 f(z) =

20 . 5% +11a
(A10° + 2+ C. =UNG)
107 In 10
© g +o D)z -10°In10.

Cdu 38. Cho ham s6 f(x) c6 dao ham f’(z) liéen
tuc va c6 mot nguyén ham la ham s6 F(z). Tim

nguyén ham [ = / 2f(z) + f'(x) + 1] dz.

(AT =2F(z) + ()+x+C.
(B) I =2F(x) 4 xf(z) +

@IzQxF() (x)+x+1
(D)1 =22F(z) + flz) +z + C.

Cau 39. Tim ho nguyén ham cta ham s6 f(z) =

3r — sinx.
@/fx )dz = 32* 4 cosz + C.
/f :——cosx—l—C’

@/fa: dx:TqLcosx—l—C.

I & cHuoNG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

@/f($)dz:3~l—cosx—l—0.

Cdu 40. Cho ham s6 y = 2019%. Khing dinh nao
sau day la khing dinh ding?

2019*
)dx = .
@ / f@)de = { 50T
/f 2019*
" 2020
() dx =2019” - In2019 .
2019*
dr = )
© / fla)de = S
Cdu 41. Ho nguyén ham ctia ham s6 y = 22 —
1
3r+— la
x

3
3
%—%—lnm—kc
———+1nx+C’
%
3
@%3—%+1n|x|+0
x 322 1
3y T2t

CdAu 42. Nguyén ham ctia ham s6 f(x) =z + 3°
la

D) F(x) =—+3’”ln3+0

CAu 43. Ho nguyén ham ctia ham s6 f(z) =
20+ 1 1a

@a:2+x+0. x2+m.

©)2. D) cC.
CdAu 44. Ho nguyén ham ctia ham s6 f(z) =
23 + 3z 1a

4
@x4+3x2+0. B L +3224C.

3
©— —+C (D)322+3+C.
2

Cdu 45. Tim nguyén ham ctia ham s6 y = 2% —

1
3xr 4+ —.
X
3 32
1
-2 Ll
@———+lnx+C
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@———+ln|x|+C’

Cadu 46. Goi F(x)la mot nguyén ham cua f(x) =

2z + €” théa man F(0) = 2019. Tinh F(1).
(A)e+2018. (B) e — 2018.
(Cle+2019. (D)e — 2019.

Cdu 47. Ho tat ci cac nguyén ham ctia ham s6
3
f(x) = 2® + = trén (—o0;0) va (0; +00) 1a
T
x3 x3
(A)Z +3Inz| + C. L 3|zl +C.

3 3
3 3

©% +3mz+C. D)% +3hfd+C.

Cdau 48. Ho nguyén ham ctia ham s6 f(z) =

e’ — 2z la
(A)e* + 22+ C. B)e"—a24C.
1 T _ .2 T __
©$+1e - +C. @e 2+C.

Cau 49. Cho cac ham s6 f(z), g(x) c6 dao ham
trén R. Ménh dé nao sau day sai?

@/f'(x)dx—f( )+
/ (@) — gla)] de
(x)dx.

/ flz)de —

g
@/k:f(x)dx_k/f(x)dx, (k € R,k #0).
@/Md /f(x)d:r

9() x:/gmdx‘

Cadu 50. Ho nguyén ham ctia ham s6 f(z) = cosx

la
@cos:v—i—C’. (B) —cosz +C.
@sinx+0.

@—sina:—l—C.

1.2. Mitc d6 théng hiéu

Cdu 1. Cho ham s6 f(x) théoa man f'(z) =
—cosx va f(0) = 2019. Meénh dé nao dudi day
ding?

@f(x) —sinx + 2019.
(B) f(x) = 2019 + cos .
@f(x): sinz + 2019.
@f(a:): 2019 — cos z.

274 +3

Cdu 2. Chohamsoy =

sau day la ding?

. Khang dinh nao

3
@/f(x)dx:%—l—%—l—@
/f:vdx—2—x3—§—|—C.
3
@/f :—+E+C.

@/fx )do = 22° —%—kC.

CdAu 3. Tim nguyén ham clia ham s6 f(z) =

cos 6.
@/coszdx = 6sin6x + C.
/cos6xdx _ snGe +C.
sin 6

@/coszdx:— +C.
@/coszdx—sinGx—l—C.

Cdu 4. Cho F(x) la mot nguyén ham ctia ham
s6 f(r) = 4e** + 2z théa man F(0) = 1. Tim

F(z) = 4e* 4+ 2% — 3.
(B) F(z) = 2% 4+ 2% — 1.
(C)F(z) =2e* + 22 + 1
@F(x) =2e* — 2% -1

CdAu 5. Mot nguyén ham cta ham s6 f(z) =
23z +2) I

@x3+x2+1. 3x3+2x2+1.
(C)ad + 222 + 1. (D) a® — 2%+ 1.
Cadu 6. Tim ho nguyen ham cta ham s6 f(z) =
e’ (1+e™").

A [ fa)do -
/f(x)dx:ez+x+C.
@/f(a:)dx:e’”—i-ez—l—()'.
@/f(a:)dx—ex—l—C.

Cadu 7. Biét F(z) la mot nguyén ham cta f(z) =
1
- va F(2) = 1. Tinh F(3).

(A)F(3)=In2—1. F(3)=In2+1.
CFE) = DFE) =+

Cadu 8. Biét rang F(r) 1d mot nguyén ham cla
. 1
ham s6 f(z) = sin(1 — 2z) va thdéa méan F (5) =

e’ +C.

1. Ménh dé nao sau day la ding?

1. NeuveN HAM I
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@F(:U) = ——cos(l —2z)+ =
F(z) = cos(1 — 2x).
©F(x) =cos(l —2z)+1
@F(m) = %COS(1—2$)+—

Cdau9. / cos 3z cos x dx bang

1 1
@§sin2x+%sm4x+0.
5 sin2e + o sinde +C.

1 1
©§sin2x— gsin4x+0.

1 1
@Zsin2x+§sin4x+0.

2
Cdu 10. (376 - 3%) dz bang

9$
_ _9 .
@21113 2-9°In3 z+C
1/ 3 1
§<1n3_3w1n3) +C.
9 In9

4+ .
©ln9 T+ % +C
3* 1n3>
@(1n3_ 3v +C.

Cadu 11. Cho ham s6 f(z) xac dinh tren R\ {1}
1

2018. Tinh S = f(3) — f(—1).
(A)S = In4035. B) S =4.
(©)S =2 D)5 =1.

Cdau 12. Tim nguyén ham F(z) cia ham sb6
f(x) = sin (7 — 2x) théa méan F (g) =1

@F(x) __cos (72— 2x) N %
B F(z) = cos (7?2— 2x) N %
@F (2) = Cos (7‘(’2— 2x) Y
_cos(m—2x) 1
DIF@)=—5""-73

Cau 13. Cho ham s6 y = f(x) ¢6 dao ham
f'(z )—390 —e"+1—m. Biét f(0) =2, f(2) =

1 — e?. Gia tri ctia m thuoc khodng nao dudi
day?

(A (4:6). B) (5 +00).
©)(-24). D) (3:5).

Cdu 14. Ham s6 y = F(x) 13 mot nguyén ham

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

. 1
ctia ham 80 y = — trén khoang (—o0;0) théa man
T

F (=2) = 0. Khang dinh nao sau day ding?

T
Are=m(-3)
(B) F(z) =In|z| + C.
@F(x ln]$|+ln2
(D) F(z) =In(-2) + C.
Cadu 15. Biét F(:L') 14 mot nguyén ham ctia ham
£ o T N - .
sO f(x) = o va F'(0) = 1. Tinh F(1).
(AF(1)=mm2+1. (B F(1) = %1112—1—1.
(CF(1) = D) F(1)=In2+2.

Cau 16. Tim mot nguyén ham F(z) clia ham s6
b R

f(x) = ax + e (x # 0), biét rang F(—1) = 1,

F) =4 f(1) =

322 3 T
T
Py
T
CrT Ty
T
DR =" 5,73
Cau 17. Cho ham s6 f(x) c¢6 dao ham f'(z) =
a:v—l—a%, f(=1) =2, f(1) =4. Tim b.
(A)b=-3. Bl b=1.
Cb=-1. D)b=3.

Cadu 18. Cho F(z) la mot nguyén ham ctia ham

. . )
sO f(x) = sindx. Tim F(x) biét F (%) =7
1 1
@F(a:) = gsin22x—|—1.
F(x)=-.
Brw=3
@F(m) = ——cos® 21 — T
7
@ F(z) = Zsin2 2r — 3 cos4dx + 3
Cau 19. Ho nguyén ham ctia ham s6 f(z) =
1
1\
sin2x0082x :
1
BD-—— - ic

cosr sinz
—tanx + cotx 4+ C.

(I

sin® x
tanx — cotz + C.
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Cdu 20. Biét F(x) 1a mot nguyén ham ctia ham
s6 f(x) = 1+ 207 thda man F(—1) = 3. Khang
dinh nao sau day duang?
(A F(x)
F(x)
C©F(@)
D) F(x)

1.3. Miic do van dung thip

Cadu 1. Goi F(z) 1a mot nguyén ham ctia ham s
f(z) = 42% — 3z + 2 théa man F(—1) = —g. Khi
d6 phuong trinh F(x) = 2z + 1 ¢6 s6 nghiém thc

la
® 1. (©2. D) 3.

=In|z|+z+2.

=1In|z|+ 2% —2.
=In|z| + 227 + 1.
=1In|z|+ 2% +2.

(A)o.

Cdu 2. Cho ham s6 f(z) x4c dinh tren R\ {—2}
-1

thoa man f/(z) = 3;+ S f0)=1va f(-4) =2

Tinh gia tri clia bicu thic f(2)+ f(—

®1n2. 10+1n2.

(C)3—20In2. D) 12.

Cadu 3. Két qua ctia phép tinh /

3) bang

1
e? —2-e 41

bang
1 e’ —1
@3111 e + 2
e’ —1
ln e
Cn (e

— 2"+ 1)+
1
D)3
3

-1
1.
Cdu 4. Cho ham s6 f(z) xac dinh va lién tuc trén

R

+C.

C.

et + 2

9 — R\{0}. Biét f'(z) é v f(e) = f(—1) = 2.
Tinh S = £(2) + f(-2).
(A)S =2In2+1. (B)S=2In2+3.
(C)S =2In2+4. (D)S =2n2+2.

Cdau 5. Cho F(z) 1a mot nguyén ham ctia ham
s6 f(x) = e (2* — 4z). Ham s6 F(22 + ) ¢6 bao

nhiéu diém cuc tri?
(A) 3. B 4. (©)o. D)s.

2. Phuong phép doi bién sb

Cau 1. Déi bién t = 2 — 1 thi /Ldz trd
(x—1)*
thanh

b ® [ s

t—l

t+1)*
./udt
t+1
o[
Cau 2. Khi tinh nguyén ham / ;dx, ban
o Vitl i
r+1 ta dugc nguyén ham
V guy

t+1

cach dat u
nao?

B [r - ® [ -
@/(u2—3)du. @/2u(u2—4)du.

Cdu 3. Cho ham s6 f(x) = sin? 2z -sin z. Ham s6
nao dudi day la nguyén ham ctia ham f(z)?

4) du.

4 4
Ay = gcos3x—gsin5x+0.

4 4
B y= —gcos3x+gcos5:r+0.

4 . 4
@y—?)zm ‘
@y:—gsin3x+gsin5x+0.

CdAu 4. Tim nguyén ham ctia ham s6 f(r) =
sin x

14+ 3coszx’

x— —cos®x+ C.

%1n|1+3cosx|+0.
/f(x)d$=1n|1+3cosx|+c_

@/f$d$=31n|1+3608x|+0,
D [ s

Cau 5. Tim ho nguyén ham ctia ham s6 f(z) =
Inx

@/fa: )dz = In’z + C.
® [t
@/f:ndlen:erC.
@/f(x)dxzeuc.

Cdu 6. Tim nguyén ham /

@§M+C.
B)vinz+1+C.
C L /mat P+ C.
D)2yInz+1+C.

——ln|1+3cosx| +C.

——ln z+C.

a:\/lnx +1

1. Neuven HAM IR
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l1+Inz

Cdu 7. Nguyen ham / dz (z > 0)
béang
@%ln2x+lnx+0. x+%ln2x+0.
C?z+nz+C.  Dz+n’z+C.

Cdu 8. Cho /f(m)dx = azvVa?+1. Tim [ =
/xf(x2) dx.
(AT =a2/s"+1+C.

4
I:%\/:p4+1+0.

2
@I:%\/a:‘l—l—l—i—C’.

D I=a3Va"+1+C.

Cau 9. Cho /2.25(33: —2)%dz = A3z —2)% +

B3z —2)" + C v6i A, B,C € R. Tinh gi4 tri ciia
biéu thitc 124 + 7B.

52 7

5 D5

23 e 241
Cdu 10. Nguyéen ham ctia ham s6 f(z) =

252 252
3sin? z cos z 1a
@sin3:1:+C’. (B) —sin®z + C.
D) —cos®z + C.

©c0s3x+ C.

Cau 11. Xac dinh ho nguyén ham F(z) cia ham

s0 f(x) = (x4 1) +20-3,
2 +2x—3
AP =0 cer
ex2+2x—3
(B) F(z) = —+C.CeR

(C)F(x)
D) F(x)

Cau 12. Biét F(z) 1a mot nguyén ham ctia ham
6 f(x) = va F(0) = 1. Tinh F(1).

(A)F(1)=In2+1. F(l):%1n2+1.
(C©F(1) = (D) F(1) =In2+2.
Cdu 13. Tim cac ham s6 f(z) biét f'(x) =

= 2¢"*t22=3 L O ' e R,
= t203 L 0 C e R,

x
241

cos T
(2 +sinx)?
sin x
@ S (24 sinx)?

1
fx :2—|—cosx+0
©f@) =-

1t C
2+sinx

IS & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

sin
2 +sinzx

D) f(x)

Cadu 14. Ho nguyén ham ctia ham s6 f(z) =
1

—(22 —1 12

x( r—Inz) la

In?

@Zx—— C.
@21n|x| —l—l—C’.

X T

2x—i-|-C’.

@Qx—ln—x—i-C’

Cﬁu '|5 Khi tinh nguyén ham cua ham s
dz. Bang cach dat u = vz + 1 ta ducc
vr+1 8

nguyén ham nao?

@/2(u2—4)udu. /2(u2—4)du
©fw-vu. ® f-nu

Cadu 16. Ho nguyén ham ctia ham s6 f(z) =

On

22V4 + 23 1a
(A) 2V +4+C. 3\/(4—1—3:3)3—1—0.

©2y/d+23)°+C. (D) %\/(4+x3)3+0.

Cau 17. Cho I = /x(l—xQ)w dz. Dat u =

1 — 22, khi d6 viét I theo u va du ta dudc
1
@I: —§/u10du. 9 I=-2 [ u'"du.
1
©I:/2u10du. @]zﬁ/umdu.

Cdu 18. Tim nguyeén ham F(z) ctia ham s

flz) = Cosa:\/sin:r; + 1.

(A) F(z) sm:c—i— 1)y/sinz + 1+ C.
F 1—251n:n—3sm x

2v/sinz + 1
2
@F =3 (sinx 4 1)v/sinx + 1+ C.
1
@F(m) = gsinx\/sinx +1+C.

Cau 19. Tim ham s6 F(z) la mot nguyén ham
ctia ham s6 f(z) = —sinz(4cosx + 1) thoa man

@F(x) = cos2z +cosx — 1.
F(z) = —2cos2x + cosx — 3.
@F(m) = C0S 27 + cos .
@F(m) = —cos 2z — cosx — 2.

Cadu 20. Tinh /x(a:z +7)¥da.
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2

1
@/$$2+715d$_§($ +7)16—|—C’. @I:%ez+ex+0.
1 . .
/ r(2? +7)Pdr = 3—(x2—|—7)16+0. Cdu 6. Ho nguyén ham ctia ham s6 f(z) = sinz+

zlnz 1a

@ a:+715dx——— +7) "+ C. 22 2
/ 32( ) (A)F(z) = —cosx+5 lnx—%~|—0
)is
@/37$+7 dz = - ( ) +C. (B) F(z) = —cosz +Inz + C.
72 72
, N PN F - +_ 1 __+C

3. Phuong phap ting phan ©F@) = cosc o Ty

. ) @F(:E = —cosx + C.
Cdu 1. Ho nguyén ham cta ham s6 f(z) =
4z (14 1nx) 1 Cadu 7. Ho nguyén ham ctia ham s6 f(z) = (2z+

Inzx la

(A)222Inz + 322, (B) 202 Inx + 22, )

©2x21nx+3x2+C. (D) 22%Inz + 22 + C. @(x2+1:)lnm—5—x+0
Cau 2. Tim tat cd nguyen ham ctia ham sb6 (*+x)lnz —22—z+C
= (322 + 1) Inx. 2
f(f) ($+)DJI p @(1‘2+$)1n$—%+$+c
@/f 934'1)1“93—?"‘0 D) (2 +2)lnz—22+2+C
x ~
/fl' r=ux lnx—§+C. Cdu 8. TimhonguyénhamF(:I;):/(x2—33—|—
3 T
@/f x—i—l)lnx—%—x—l—C’ 1)e® dz.
. (A)F(z) = (2% - 3)e” + C.
@/fa:dx:xlnx—g—x—i—C. B) F(z) = (2> + z + 4)e” + C.
Cdau 3. Tim ho nguyén ham f(z) = @F(m) (x2—|—3x 4)e” + C.
x cos 2z d. @F(JJ) (x* — 3z +4)e” + C.
@xsm2x _ cos2w +C. Cdu 9. Ho nguyén ham cta ham s6 f(z) =
2 4 l+Inz
) cos 2x la
xsm2x— 5 +C. 2
2 Inx 2 Inz 2
@xSin2x+COSQ x‘i‘c- —74—5—#0. _7_5_‘_0'
i 1 2 1 2
@$sm2x+cos2m+0. ﬂ+_+0' ﬂ——+0.
2 4 x T x x

Cau 4. Tim ho nguyén ham ctia ham s6 f(z) = | Cau 10. Ho nguyen ham ctia ham s6 y = f(z) =
re?®, 2z (e* — 1) 1a

@/fx dx:2e2’”(a:—%)+0. @—x2—2xex—26x—|—0.
—2? + 22e® — 2e* + C.

/f Qx(x—2)+0 ©)—a + 206" — " 4 C.

@/fx dx——ex(a:—%)+0, @—$2+2xem+26‘"’3+0.

@/f 2 (x—2)+0C, cau . Mot nguyen hé(L;n_ a)cos3z 1
/(37_2)81113xdx:——+Esin3x+2017

Cdu 5. Két qua cta I = /xe” dz 1a thi tong S = a + b + ¢ bang

A)S = 3. B) S =15.
@I:xe —e"+C. @S:l(), @5:14.

I:a:em+e””—|—0. ~ .
Cdu 12. Ho nguyén ham cia ham s6 f(zx) =

x?
@I = ?ex +C. z(e” —sinz) la
1. Neuven HAM IR
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e®* +xcosx —sinz + C.
e +xcosx —sinx + C.

e +xcosx +sinx + C.

8
+
=

x—1)e" —xcosz —sinz + C.

Cau 13. Ho nguyén ham ctia ham s6 f(z) =
z(1l+sinz) la

% —xcosx +sinz + C.
2
©7 —xcosx —sinx + C.

2
@? —zsine —cosz + C.

Cdu 14. Biét /:17 - cos2xdxr = axsin2x +

bcos2z + C v6i a, b 1a cac sb hitu ti. Tinh tich
ab.

@ab:——
@gabzé1

Cau 15. Cho F(zr) la mot nguyén ham ctia ham

s6 f(z) = (bx+1)e” va F(0) = 3. Tinh F(2).
(AF(2)=e*+T. F(2) = 11e* + 3.
(CF@2)=52+7. (D) F(2)=6e*+7.

Cdu 16. Ho nguyén ham ctia ham s6 f(z) =
?Inz la

1 1
@Zﬁ lnx—l—Gx +C.

Cau 17. Tim mot nguyen ham F(x) clia ham s6
In 2z

f(ZL‘): 2

——(In2x —1).

——(In2x 4+ 1).

al»—‘alr—‘alr—‘

——(1—=1n2z).
=—(In2 1).
Lmar 1)

Cau 18. Két qua tinh/2xln(x—1)dx bang

@(m2+1)ln(x—1)—%2—x+0.

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

2
(x2—1)1n(x—1)—%—|—x—|—0.
2
@x“n(m—l)—%—x—l—C’.
2

@(xQ—l)ln(x—l)—%—x—i—C’.

Cau 19. Ho nguyén ham cta ham s6 f(z) =
2xe®t 1a

@ %(m —1e"t 4 C. (x —1)e" 4+ C.
(©)2(x—1)e* 1 +C. (D) (22 — 1)e*! 4 C.

Cadu 20. Biét F(z) 1a mot nguyen ham ciia ham
s6 f(x) =2xInz va F(1) = 0. Tinh F(e).

A Fle) e +1 F(e):3622_1.
@Fe = (D) Fe) = 3¢z — 1.
CAu 21. Tim ho nguyen ham F(z) clia ham sb

f(x)=mfg—2f)-
@F(x):—i(ln2m—l)+0.
F(x):—é(1n2x+1)+c.
© F(z) = —i (1—1In2z)+C.
D) F(z) = i(anx-l—l)-l—C’.

(\iglljn%f Tim nguyén ham ctia ham s6 f(z) =
@/f(x)dx % 5(3Inz —2) + C.
/f(a:)d ; {3z —2)+C.
@/f(x)d g 5(3Inx — 1)+ C.
@/f(x)d g 2(3Inz —2) + C.

Cdau 23. Tinh F(x) /a:cosxda: ta duge két

qua
@F(m) =zsinz —cosz + C.
(B) F(z) = —zsinz — cosz + C.
@F(m) xsinz + cosx + C.
@F(a:) —xsinx + cosx + C.
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Bt 9 TICH PHAN .
\/

Q Tém tit li thuyét

$® Pinh nghia 2.1. Cho f(x) 13 ham s6 lién tuc trén doan [a;b]. Gia st F(z) 1A mot nguyén ham
ciia f(z) trén doan [a;b]. Hieu s6 F(b) — F(a) duge goi 1a tich phan tit a dén b (hay tich phan xac
b

b
dinh trén doan [a;b]) clia ham s6 f(z), ky hi¢u la /f(x) dx. Ta con dung ky hieu F(z)| dé chi

a

hi¢u s6 F(b) — F(a). Ta viét

b
[ t@)de=F@)
b a

Ta goi / la dau tich phan, a la can du6i, b 1a can trén, f(x)dx 1 biéu thitc duéi dau tich phan va

a

f(z) 1a ham s6 dudi dau tich phan.
@ Nhan zét.

@ Tich phan ctia ham s6 f tit a dén b c6 thé ky hiéu bdi / f(z)dz hay / f(t)dt. Tich phan d6

chi phu thuoc va f va cac can a, b ma khong phu thudc vao bién s6 z hay t.

@ Y nghia hinh hoc cta tich phan:
Néu ham s6 f(z) lien tuc trén doan [a; b thi Y
b

/|f(a:)| dz la dién tich S cta hinh thang

cong giéi han béi do thi f(z), truc Oz va 2
dudng thing v = a;z = b.

O Tinh chat 2.1.

a) /bk:.f(x)dx:k/bf(x)dx. b) /af(x)d:v:O
) / I / f(z) do Q) / [F(2) + gla)] do = / f(w) do & / 9(z) da.

e)/f dx_/f dx+/f f /f’(a:)dx:f(:c)

1. Phuong phap tinh tich phan

1.1. Phuéng phdp doi bién s6

2. icH PHAN BN



BiNam hoc 2021-2022 BTAI LIEU HOC TAP-GIAI TICH 12

Trong d6 u(z) c6 dao ham lién tuc trén K, y = f(u) lién tuc va ham hgp f [u(x)] xéc dinh trén I,
a,be

1.2. Phuong phép titng phan

Néu u,v 1a 2 ham s6 c¢6 dao ham lién tuc trén K, a,b € K thi

b b b
/udv:u.v —/vdu
Q Cac dang toan
& Dang 1. Dung dinh nghia tinh tich phén

thmng phdp:

@/kf )dz = k. /f @/b[f(x):I:g(:r)]dxz/f(x)dx:l:/bg(x)dx

@/f(x) da:/f(x)der/f(x) dz, trong d6 a < ¢ < b @/f'@;) dr = f(z)

1. Vi du minh hoa

1

Cho/lf x_QVa/lg(a:)dx:a Tinh[:/[f(x)—Qg(x)]dx

0
2

b) Cho ham s6 f(z) ¢6 dao ham tren [1:2], £(1) = 1, f(2) = 2. Tinh J = /f’(a:) dz.

1
3

2 3

c) Cho/f($)d:v:—2 Va/f@)dx:l. TinhK:/f(x)dx

a) Taco: I = | [f(z) —29(x)]de= [ f(z)dz —2 [ g(z)dzr=2—-25=2—-10=—-8. O
/ [z

b) Ta c6: J:/f’(:v)dx:f(x)‘j —F2) - f(l)=2-1=1. 5
c) Tac():K—/f(x)dx—/f(x)dx—l—/f(x)dx——2+1——1. O

) 1 1 2

1
Cho ham s6 f(z) lien tuc trén [0;1] va /f(a:) dr =2. Tinh I = / [5f(z) — 32%] da
0 0

BAI GIAI

IEZI & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG



BiNam hoc 2021-2022 BTAI LIEU HOC TAP-GIAI TICH 12

1

1

1

ITacé:I:/[5f( ) — 327 5/f dx—/3x2dx:5.2—x3 =10—-1=09. O

0
0 0

2. Bai tap tuong tu
1

Bai 1. Biét /f(x) de = -2 va /g(x) dz = 3. Tinh /[f(x) — g(z)] dz.

o
o

1 1 1
Bai 2. Biet | f(z)dz =3 va [ g(z)de = —4. Tinh [ [f(z) + g(x)]dx
[rimem] /
® Loi giai
.................. [ —
Bai 3. Biet | f(z)dz =2va [ g(z)de =6. Tinh [ [f(z) — g(z)]dx
[rimezn] I
® Loi giai
.................. et Fem—
Bai 4. Biet | f(z)der =4. Tinh [ 3f(x)dx
/ /
® Loi giai
___________________________________________________________________ e
Bai 5. Cho ham s6 f(z) c6 dao ham tren [1;4], f(1) =1 Va/f’(x) dx = 2. Tinh f(4).
1
® Loi gidi.
__________________ e | e
Bai 6. Cho [ f(x)dz =1, [ f(z)dex =—4. Tinh | f(x)dx
Jromr] /

2. TICH PHAN
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LUYEN TAP @
1

1
[f(z) + 2z]dx = 2. Tinh [ f(x
[om

/
3 3
b) Biétg/lf(x)dx?)va?/g x1—1 T1nh2/
0/2 [f(z) + 22] dz = 3. Tinh / f(z)dz
/

2
d) Biét

f(z)dz =3 va /g(x)d:c = 2. Tinh /[f(x) — g(z)|dz

1

LUYEN TAP @
1

a) Biét /[f(:v) + 2x]dz = 4. Tinh /f(x)dx

0

—_

2 2
b) Biét f(a:)da:zZva/g dz = 3. Tmh/
1 1

c) Biét [ [f(z)+ 2z]dz = 5. Tinh /f(x)dx
0

o O — L T—

d) Biét / fla)de = 2 va /2 g(z)dz = 6. Tinh /2 [f(z) — g(z)]de

1
UYEN TAP ©

-

1 1

a) Biét tich phan /f(x) dr =3 va /g(m) dz = —4. Tinh/[f(x) + g(z)] da
0

0 0

b) Biét /f(x)dx =2va /g(x)d = —4. Tinh [ [f(z) + g(z)]dx

[f(x) = g(x)]dz

O\H O\H

) Biét f =—2va /g )dx = 3. Tinh

l )Cho/f( )dx = 5. Tinh/[f(x)—I—Qsincc]dm

Bj CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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2

2
b) Cho /f(a:) de =2 va
S

-1

c) Cho/[4f(a;) — 2z

1

2
dz = 1. Tinh /f(x) dz.
1

2

/g(a:) dr =—1. Tinh I = / [z 4+ 2f(z) — 3¢g(x)| dx

-1

& Dang 2. Tinh tich phdn bdng bdng nguyén ham

Phuong phap:
St dung bang nguyén ham dé tinh cac tich phan.

a

I= /bf(a:) dz = F(x)

1. Vi du minh hoa

0

{ Tinh cac tich phan sau:
3 1
1
a) I = 37 — 4z + 5) du. b :/
) /( ) ) (14 )
1 0
3 e
K = inzdz. d = dx.
c) /smx x ) /3:c+1 x
T 5
3
/ 3
a) I:/(3x2—4x+5)dx: (x3—2a:2+5m)‘ =(3-23+53) - (1°-21>+5.1) =
1
1
= 20. Vay [I = 20] D
1 1
1 s (14+2)7 " (1412 (1402 3
b dr = l1+z) "der = = — =-. m
>/(1+x)3 /< ) -2 |, -2 —2 8
0 0
p T )
c)K:/Sinxdx:—cosx :—<cosz—cosz>:— 0
. 2 3/ 2
z 3
-2 3 -2
d) H:/3$+1dx:1n|3x+1| =In|3.(=2)+ 1| = In[3.(=5) + 1| =
_5 -5
5
=In5—-—Inl4=In—. O
‘ 14
viou ©
| @) Tim s6 thyc m thoa man /(2x+5) dz = 6.

2. TICH PHAN
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: 1
. 2
b) Biét/sinSa:dxza—l—bg véi a,b € Q. Tinh gia tri P =ab+ b — a.
0
Taco/ (2 +5)d 6(:(x2+5x)‘::6®m2+5m:6®m2+5m—6:0®
0
<:>[ - Vay gid tri m can tim la: m = 1 hodc m = —6. m
1 x
1 4 1 1 2 1 12
b) Ta co: /Sln5xdx——gcos5x ) =3 (cos%—cos()) =73 (—%—1) :5+3\/7_
0
/s 1
. 2 =5 11 1 1 1
Theo de: inbrdxr = b— = P=a+b—a=—--+-—-=—.
€0 e/smxm a+ 7 b_l + a 55+5 5 95 O
, i
' 5
2. Bai tap tuong tw
Bai 1. Tinh cac tich phan sau:
3 4
a)A:/(4x3—3x2—|—10)dx b)B:/(x2+3\/E)dm
—2 1
2 4
c)C:/x(x—irl)d d)D:/(x—l——)dx
x
0 2
® Loi giai
Bai 2. Tinh cac tich phan sau
3 - 1
a)Az/(———Q)dx b)B:/eg’”‘"dx
r
1 0
1 6 .
c) C /7 x ) /£+6 x
0 0
® Loi giai
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Bai 3. Tinh céc tich phan sau:

2r

a) A= [ cos (395— 2%) dz

Bai 4. Tinh céc tich phan sau:

1
a) A:/\3/5+3a:d:v
0

5
5%
c— d
c) /\/8x+1—\/3x-|—1 v
1

5
4
b) B — d
) 3/\/5as+1—\/39:+1 *

5
1
d) D= d
) /\/x+2+\/x—2 o
2

 Loi gidi.

Bai 5. Tinh céc tich phan sau:

a)A:/ > dz
3xr+5

2

2
1
C)O:/de

X

® Loi gidi.

2. TICH PHAN
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Bai 6. Tim tham s6 m théa man diéu kién:

m

a) /e“ldx = 1.

-1

Ja—1

b

2
a) Biét /\/Zx—ldxz
1

b) /m2 (5 —2%) do = —549.

2
d) /(3x2—12m+11)dx:6.
0

véi a, b 1a cac sd6 nguyen duong. Tinh a — b3

3
. — Vb .
b) Biét /\/8 —2zxdx = q véi a, b la cac so nguyén duong. Tinh P=ab+a+ b
1

3
. 1 .
c) Biét /\3/3x—5dx = Va — i véi a, b la cac so nguyén. Tinh P=ab+a — 0
2

6
2dx

Q) Bist [ =25
) Biet | e
2

=+a— Vb véi a,b 1a cac s6 nguyen duong. Tinh P =ab+a + b

® Ldi gidi.
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LUYEN TAP @

-

Tinh cac tich phan sau:
V2 2
a) /(x3+2(13—|— 1) dx. b) /(az2 + 3 +e3x+1> dr
x
1 1
2 . . 1
C)/xx_z dz d)/(x+—+—2+x2)dx
! 1

UYENTAP @

Tinh cac tich phan sau:

a) /ﬂsin (2m - E) dz. b)

(2sinz + 3cosx + x) dz

¢) [ (sin3z + cos2zx)dx d) [ (2cot’z+5)dx

o\@lﬂ
Sl S,

LUYEN TAP ©

Tinh cac tich phan sau:
1 1
a) / (¥ + 1) da. b) /(3Z —2)dx
0
3
)5 ) [
oT + 1 2%
0
LUYEN TAP @
2 4
a) Tim m, biét / [m? 4+ (4 — 4m)z + 42°] do = /2:c dx.
1 2
1
1 1
b)/( — )dxzaan-l—blni%véia,bEZ.TinhP:a-l—Zb.
r+1 x+2
0

2. TICH PHAN
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0 1
c) Biét /sinxcosxdx =T Tim a

0
2

) d 1
d) Biét/3 xl:—lnbvéib>O.TinhS:a2+b.
a

€xr —

[
1

VAN DUNG @

q
1

. 2r + 3
a) Biét/ 2x+ dr =aln2+bvéia, b€ Q. Tinh P =a + 2b+ 2% — 2°.
-

0
1
> 20 —1 o .
b) B1ét/ +1dxza—l—banVOla,bE@.TlnhP:ab—a—i-b.
x
0
-
c) Biét/ +2dx:%+bln3+cln2vc’ﬁa,b€@. Tinh S = 2a + 4b* + 3¢3.
x
0
03 Z4+5r—1 2
d) Biét/“—a;_da::alngvéi a,b € Q. Tinh S = a + 4b.
x_
~1
VAN DUNG @
'1 dz L. . 2
a) Biét 5 =alnb+bln3 véi a,b € Q. Tinh S = —2a + b+ 3¢°.
2 -z
9 3 ” ]
b) Biét 5 dr =alnb5+4+bln2 véia,b € Z. TiInh P =a + b — ab.
x* + 3w

2 x
Biet dr =aln2+bIn3 In5 véi a,b € Q. Tinh S = b+c.
c) Bié G+ 1) 2z +1) r=aln2+06Iln3d+clno val a, Q. Tin a+0o+c
P dx _
d) Biét [ ————— =aln2+bIn3 véia,b€Z. Tinh S =a+b.
22 —br+6

S Tt T S,

b
& Dang 3. Tich phén ham sb chita tri tuyét déi / |f(x)] dx

Phuong phap
St dung tinh chat citia tich phan

/b|f(x)|dwZ/le(x)ldﬁ/clf(ﬂf)ldx

dén day ta c6 2 cach dé pha dau gia tri tuyet doi.
® Cach 1. Xét dau biéu thitc dé khit dau gia tri tuyet déi.
© Cach 2. Giai phuong trinh f(z) = 0 trén (a;b). Gia st phuong trinh f(z) = 0 ¢6 céc nghiém

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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x1, %2, Ty € (a;b). Khi do

/blf(z)ldl“:7|f(x)ldx+7|f($)ldx+---+/b|f(fﬂ)|d1‘
1 72f(x)dx |

z)dz| + +- 4 (ac)dac‘

1. Vi du minh hoa

{ Tinh tich phan sau

2
—/|1—x|dx

Cach 1: Xét dau biéu thitc: 1 —
Giai phufdng trinh 1 —x =0& 2 =

2
:/|1—x]dx_/1—xdx+/x—1 1—90‘
1

0
1 2
Dt
—\"7 3 \2 v B

Cach 2: G1a1 phuong trinh 1 —z =0< x = :2).
1 2

/1—.7cdx /1—x

0

+

Ta co: I—/|1—x\dx—

2. Bai tap tu’dng tu

Bai 1. Tinh cac tich phan sau:
3

a)I:/|$2—2x|dx b)K:/|x2+4x—5}dx

2 4
:/|x2—x}dx d)Hz/‘Q—xﬂdx
0 2
® Loi gidi.

2. TICH PHAN
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LUYEN TAP o ..........................................

[
Tinh cac tich phan sau:

3
a) I:/\/I3—2x2+xdm.

0
1
c) K=/|2x—2_“|dx
¢ 1

LUYEN TAP @

Tinh cac tich phan sau:

4
a) I:/|3—:E|d$.
0
3

) Kz/(|x+1|+|x—2|)dx

Cac budc doi bién so

® Bién ddi dé chon phép dat t = u(z) = dt = v/(x) da.

® Doi can

b) J:/|x2—3$+2}da:.

0

d)H:i]m]—ldx
0

u(b)

@ Dua vé dang [ = / f(t)dt don gidn hon va dé tinh toan.

u(a)

1. Vi du minh hoa

{ Tinh cac tich phan sau:
1

a) I = /x(ac— 1) dz.

0

e3
Inz
c) K= | ——————dz.
) /:L’Vln:c—kl

1

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

1
b) J=/\/2—x2mdm
0

3
d) H:/\/Bsinx—i-lcos:c dz
0
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a) Ditt=zr—1=zr==der=dt

Ta (:é:1 0 Déi can
I:/x(x—1)2°dx:/t20(t+1)dt v ] o 1
0 21 t ‘ -1 0

0

0
t22 t21 0 0 (_1)22 (_1)21 1
/( - ) 22 + 21 . 22 * 21 22 * 21 462

-1
b) Datt =v2 -2 =t*=2—2? = tdt = —zdx

Ta co: 2.
) Y I|)01ocan 1
x
:/\/2—x2xdx:—/t.tdt:/t2dt
) % / t|vz !
V2
P _2v2 1 2v2-1
3 3 3 3
1
1
c) Datt=vVinz+1=t*=Inz+1=Ihz=¢—1= —dz=2tdt.
x
Ta co:
In“z 2 —1)2
K=| —dox= | —~—dt = 35 cF
/x o1 / n Dol can
1 1 T | 1 e’
2 A 2 ;
t
/(t3—2t—|— )dt (Z—t2+lnt)| = +mn2 b 2
1 1
2t
d) Datt:\/?)sinsc—{—l:>t2:3Sinx+1:>2tdt:3cosxdx:>gdt:cosxdx
Taco
2 2
H = /\/3s1nx~|—lcoszc de = - /tzdt D&i can
1 1 0 T
2 14 v b
‘ t]1 P
V|Du0
2
Cho/f )dz = 16. Tinh :/f
’
dt
Détt:2x2>dt:2dx=>52dx. Déi can:
Khld() T 0 2
dt 1 1
I—/f2:v x—I—/f zi/f()d:alG:. t‘O 4
2. Bai tz}p tuong tu
Bai 1. Tinh cac tich phan sau:
2 2
)I/xgd b) I /(1 )z dzd
= T. = — x)xdzdx.
& 1+ 22
0 1

2. icH PHAN [
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1 1
5
I={ (1+2%) " vda. S —
c) /( + %) xdx d) /x2+1dx
0 0
® Loi giai
Bai 2. Tinh céc tich phan sau:
9 1
a)I:/\S/l—x.xdx. b)[:/\/l—x.xdx
1 0
1 _— 3
T+ T
¢c) [ = | ————=du. d) I = dz
) 1\/x2+:v+1 ) 0/ r+1
® Loi gidi.
Bai 3. Tinh céc tich phan sau:
3 VT
a) Iz/\g/:ﬁ—l.xdx. b) I = [ V1+22.0de
1 0

A & CHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG
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1
c) I:/\/1+x2.x3dx.
0

Bai 4. Tinh céc tich phan sau:

a) I—/e In o dz
_1 Vi+hhrer

In® 2z

e
/ zv/143In%z

c) I =

e

b) I_/lnx\/l-i—?)lnxdm‘

T

d) _/elna:\3/2—|—ln2x

dax.

2. icH PHAN [ EEIR
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Bai 5. Tinh céc tich phan sau:

Inb
e2z d
a) I = T.
V1= [ =
In2
In2

c) I:/\/5—eﬂfe’”dx.
0

® Loi gidi.
Bai 6. Tinh céc tich phan sau:
3 7
sin
I= [ sin® dz. b)I=[| ——
a) /sm xcosxdr ) /1—1—3(:osx x
0 0
; Ly (2 +1)
sinz (2 cosx
c) I = [ sinxv1+coszdr d I:/ dx.
) / ) V14 3cosx
0 0

SIE

COS T

) I = dzx.
) /2+\/3sinx—|—1 *
0

 Loi gidi.
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Bai 7.
4 4
a) Cho [ f(z)dz =4. Tinh [ f(4z)dx
/ / 0

3

c) Biét /f(?)x — 1)dz = 20. Tinh
1

® Loi gidi.

LUYEN TAP @

Tinh cac tich phan sau:

1
a) Iz/a:(l—x)lgdx.
0
P
x
c) I—/$2+1dx.
0

8 1
/f(x) dz. d) Cho / f(z) = 2022. Tinh
2 0

2. icH PHAN VIR
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1 1
I e) [=/\/1—x2.xdx. f) I= [ V1-z22%da.
0 0
LUYEN TAP @
Tinh cac tich phan sau:
v3 5 2 3 |
x° + 2z 6
a) [ = | ——=duz. b) I = [ 2°(1—2) dx
) ) V14 22 ) 0/ ( )
1 1
c) I = /(1 + 32) (1+2x+3x2)10dx. d) [ = /2 [z (1 —xz)]5dx
0 0
LUYEN TAP ©
Tinh cac tich phan sau:
0 1
a)[:/(x—l)Q\/x+1dx. b)I:/x3\/1+a:2dx.
21 0
V3 . V7 .3
c) I = dx. d) I = dzx.
) 0/\/1+$2 ) 0/13/1_’_%2
LUYEN TAP @
Tinh cac tich phan sau:
[1+ In? (1421
a)[:/ﬂdm b)]:/ﬂdx,
x x
1 1
[ In(z) — 2 [ 1
C)I:/de. d)I:/ﬂdx.
zln(z) +x rlnx +1
1 1
e\/4—|—lnx elnxm
e) [ = | ——dz f) I= dx.
x x
1 1
LUYEN TAP ©
Tinh cac tich phan sau:
1 1
a) I = /Jce"”2 dz. b) I = /(2:6 —1)e* " da.
0 0
Inz . Inb5
c)I:/e—de. d)]:/\/efv—ye%dx.
(e 4+1)
0 In2
2 o
e) I:/ecosx.sinxdx f) I = ﬁdl‘.
0 1

LUYEN TAP @
[ ]

Tinh cac tich phan sau:
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(1 —3cosx)sinxde.

1+ tanz)?
(1+ 82una:) dz
COS“

/g
0
3
c) I = / (e + cosz) cosz da.
0
/%
0

LUYEN TAP @

1
a) Biét
0

b) Biét [ f

—

x)=1va

o o
L= w
D=
N[

c) Biét

I—\"\
=
w

1

VAN DUNG @

Biét réng f(z) > 0,Vz € [1;2]. Tinh f(2)

-~

AN DUNG @

i

~

AN DUNG ©

i

1 1

0
VAN DUNG @

9
Cho f(x) lién tuc trén R thoa / NG
1

~

AN DUNG ©

i

Tinh cac tich phan sau:

1
a) I:/\/l—xzdx.
0

8
d) Biét /f(z) dr =5. Tinh [ = /I'Qf (2°) dz
1

Cho f(z) c6 dao ham va lién tuc trén [1;2] théa man /f’(x) dz = 10 va /
1
1

NG

V3cos?z +1

sinz — cosx
—dz.

sinx + cosx

i

0

2 -
d)I:/&dx.

0

7

1

f(x)de =9. Tinh [ = / [f(3z) + 2z dx
1
f(2z)dx = 13. Tinh / 2 f (2%) dx
0

4
f(z)dx =2022. Tinh I = /f(?)x +1)dz
0
2

2

@)
@) dz = In2.

2

Cho f(x) c6 dao ham va lién tuc trén [1;2], f(2) =2 va f(4) = 2018. Tinh [ = /f’(2x) dz.

1

2
Cho /f(x) dz = 2022. Tinh [ = /xf (2 + 1) da
1

5 5
4Vé,/f(sinx).cosxdx:2. Tinh[z/f(a:)dx.
0 0

2
b) J:/x2x/4—x2dx.

0

2. icH PHAN VIR
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1 2V/3 9
l C)K:/l d)H:/x2+4dx
0 2

& Dang 5. Phuong phép tirng phén

Phuong phap:
Néu u = u(x) vd v = v(z) la 2 ham s6 c6 dao ham va lién tuc trén [a;b] thi
b b b b

I= /u(a:)v’(x) dr = u(x).v(x)| — /u’(:v).v’(x) dz hay I = /u dv = u.v

Thue hanh:
® Nhan dang: Tich 2 ham khéc nhau.

b

b
—/Udu

a

dao ham b b
- u:...—>du:...dx b
© Dit ysuyra I = [ wdv=wu.v| — [ vdu.
dv = d nguyén ham . a
V= Qr —mMp = - - . o

u : loga, da, luong, mu
© Tht tu wu tién chon: s . g.,
dv = phan con lai

1. Vi du minh hoa

{ Tinh cac tich phan sau:
1 e

a) I:/(I—S)e””dx. b) J:/x21nx dz.
0 1
3 I
c) K= /(Qx—l)cosxdx d) H—/ 57 dz
) cos?z
0 0

dx
b) Dt u=Inz du = —
) Da dv:x2:> a3
V= —
3
J = % —dx— —1ne—§1n1> 5

. _é_(e__l) 2¢' —1
3 9 9 9
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du =2dxz

v =sIinx

u=2r—1

|

K =2z —1)sinx

1 o Dat{

dv =cosz

ol

-2
0

o\wlﬂ

:7r—1+2<cosg—cos()):7r—2.

u = 3x
dz :>{

cos? x

du = 3dz

d) bat
v=tanx

dv

) — (3.0tan0)] + In |cos z|

T T
3.—.tan —

tanx dxr = [( 1

2

Cho ham sb f(z) ¢6 dao ham tren [1;2] thoa f(1) =0, f(2) =2 va /f(:c) dz =1.

1
2
Tinh[z/
_saiclAl B

pat 44=7
"= f(x)dz -
Ta c6 I =x.f(x)

xf'(z)dx

{du:dx
v=f(z)

—/f(x)dx:Z.f(Q)—1.f(1)—1:2.2—1.0—1:3.

2. Bai tap tuong tw

Bai 1. Tinh cac tich phan sau:

1 2
a) I = /a:.e’” dz. b) J = /(2x+ 1)e” dz.
0 0
1 1 _—
c) H:/(4x 1)e* du. d) K:/ xe; dz.
0 0

 Loi gidi.

sinxdr = [(2% - 1> sing —(2.0-1) sinO] +2cosx

e

0

N

0

2. icH PHAN [ IR
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Bai 2. Tinh céc tich phan sau:
1

a) [ = /(2x_ 1) Inz da.

0

e

c) H= /(m+2)lnmdx.

2
b) Jz/a:lnxdxdx.
1
1

d) K = /(4@0 —1)In(2z + 3) dz.

-1

® Loi gidi.
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LUYEN TAP @

Tinh cac tich phan sau:

2
3 _
a) [:/ﬂdx.

1172
1
31 1 1
C)H:/wdx.
Xz
1

-

UYENTAP @

Tinh cac tich phan sau:
s

a) [ = [ xsin2xdz.

c) I = a:(e2“+\3/a:+1) d.

L\o O\M

-

UYEN TAP ©

Tinh cac tich phan sau:
2

a)I:/de.

xr2
1
1

c) I = /me_% dz.

VAN DUNG @

IO

Tinh I = /(m —1)f(z)dz

b) J:/Zx(l—lnx)dx.
1
In2

d) K = /e’”ln(e’”%—l)da;.

2
Cho ham s6 f(z) ¢6 nguyén ham 1a F(z) trén [1;2], F'(2) =1 va /F(a:) dz = 5.
1

2. icHPHAN IR
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2

1
Cho ham s6 f(z) lién tuc tréen R va f(2) = 16, /f(x) dz =4. Tinh I = /ccf’(Zx) dz.
0

0
VAN DUNG ©

Cho ham s6 ¢6 dao ham lién tuc trén doan [0;2] thoa man /f(x) de =3va f(2) =

4
Tmh I = [ f'(Vz)da
/

AN DUNG ©

~

i
L -4

2
Cho ham s6 f(z) c6 dao ham lien tuc trén [1;2] thoa /f'(x) In[f(z)]de =1 va f(1) =

1

f(2) > 1. Tinh f(z).

Cho ham s6 f(z) c6 dao ham lién tuc trén [0; 1] tho a/ (x+1)f(z)de =10va2f(1)— f(0) = 2.
0
1
TinhI:/f(a:)dx
0

Cho ham s6 f(z) = {

| khi x > 2

x? —2x+3 khix<2'TinhI:/f(231H$+1)cosxdx,
0

3. Tich phén qua cdc dé thi Pai Hoc

i
. ) 1 — 25sin?
@ (Khdi D-2003). T = / |22 — 2| dz. @ (Khéi B-2003). I = / 1= 2sn
1+ sin2x
0
2v/3 d 3
2 Xz 2
(3) (Khéi A-2003). [ = / —_— (4) (Khéi D-2004). [ = / In (z* — z) dz.
a2 4
V5
e 2
) V1+3hz.l
(5) (Khéi B-2004). [ = / t3meInT ;% (Knéi A-2004). T — /
xr

sin 2x.cosx
——dzx

(@) (Khéi D-2005). [ = [ (¢ + cosz) . cosz daf8) (Khoi B-2005). 1

1+ cosx

O\wlﬂ -
Il
O\MI:\

I & cHuoNG 3. NGUYEN HAMTICH PHAN VA UNG DUNG



BNGm hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

sin 2x + sinx

Khéi A-2005). [ = | —————~—
@( ol ) vV1+3cosx

O\wm

Inb5

dx

Khéi B-2006). [ = [ ————
11) (Khoi ) /ez+2ew—3

22 1In? z dz.

(13) (Khéi D-2007). [ =

) ¢
(15) (Khéi A-2008). T = [ " da.
Cos 2x
) d
(17) (Khéi D-2009). T = ’
e — 1

(Khdi A-2009). I =

o T T S S T —,

o
s

(z — 2)e** du.

(Khdi D-2006). I =

IR O\H

dx.

2
(12) (Khdi A-2006). / Sin 2
/ Vecos? z + 4sin’

Inz

—dx

(Khéi D-2008).

(Khébi B-2008).

1/
1
/s1n2x+2 (1 +sinx + cosx)
0

34+ Inxzx
(x +1)2

(Khdi B-2009). I = /

1

(cos® z — 1) cos® z du. @ (Khéi D-2010). [ = / <2;1: - §> Inxdx.

T
1

1

1 L 2 X 2 2 T
(21) (Khéi B-2010). :/ ST de. (22) (Khéi A-2010). [:/"” te tare g
/ x( lnx+2 / 2e® + 1
3
2 4 — 1 . 1+ xsinx
Khoi D-2011). [ = | — dz Khoi B-2011). [ = | —— d=.
@( ) V2r +1+2 ( ) / cos2

(25) (Khéi D-2012).

o\u;l:\ o\u;

(27) (Khéi B-2012). /
x4+ 31‘2 +2
0

2
/(332—{— D) dzx.
2 +1

0

2
(31) (Khéi A-2013). / v
1

/35 +3x+1
24z
1

(Khéi D-2013). T

(33) (Khéi B-2014).

(35) (DH-2016). [ = /3a: (z+ V22 +16)d

0

Q Bai tép trac nghiém

x(1 + sin 2z) dz.

dz. (Khdi A-2012).

lnxd:c.

i 1
rsinz + (x + )cosxdx

(Khéi A-2011). I =

rsinx + cosx

1 l 1
/ +n$—|— dx.
1

o\»m ©

V2 — z2da.

O\mn O\

(Khéi B-2013). [
(32) (Khéi D-2014). [ =

e

(Minh hoa-2015). [ = / (22° + Inz) dz.

1

(x + 1) sin 2z dx.

3)e” dzx.

(DH-2015).

2. TichprAN I
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1. Sit dung dinh nghia, tinh chit va tich
phan co ban

1.1. Miic d6 nhan biét

1
-~ 1 .
Cadu 1. Tich phan / dx ¢6 gia tri bang
r+1
0

(A)ln2—1. (B) —In2.
(C)n2. D)1 -1In2.

2
Cdu 2. Tich phan I = / dz bang
0
(A) 4. 0. ©1. D) 2.
Cadu 3. Gia tri cia [ coszdx bang

(A)o0. ® 1. @f. D).

3 3
Cdau 4. Cho /f(x)dx 2 va /g

o
INE]

0
3. Tinh gid tri cua tich a
3
[ 1) - o)) as
0
(AL =4 L=-1
(©OL=-4 DL=1

A -2. ®2 (©)3. D) 4.
~ Y _ dr
Cdu 6. Gia tri tich phan /— bang
r+1

0
@logQ. ln2. @1. @—ln2.

1

Cau 7. Tinh [ = /(3x2 — 2z + 3)dz.

A1, ; ©)3. D) 4.

Cdu 8. Cho ham s6 f(z) lien tuc trén R va F'(z)
By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

9
la nguyén ham cta f(x), biét / f(z)dz = 9 va
0

F(0) = 3. Tinh F(9).

(A) F(9) = —6. F(9) = 6.
(C)F(9) = 12. (D) F(9) = —12.
1
CdAu 9. Tinh tich phan / ! dz bang
r+1
0

(A)log2. (B 1. (©m2. (D) —In2

Cau 10. Cho hai ham s6 y = f(z), y = g(x) liéen

tuc trén [a; b] va s6 thuc k tiy ¥. Trong cac khang
dinh sau, khing dinh nao sai?

® [arwir=s [ s
@7[f<x>+g<x>] d - / Jayde +
@}f(x)dx—b/af(x)dx

Cdu 11. Cho ham s6 y = f(x) c6 dao ham lién
tuc trén doan [0; 1] va f(1) — f(0) = 2. Tich phan
1

I= [ [f(z) — e"]dz bing
/
@l—e. .1—|—e @3—e @3+e.

Céu 12. Cho/f dx—2va/29( )dz = 8.

1
2

Khi do6 /[f(x) + g(x)] dz bang

(A) 10. 6. ©18 (Do

Cadu 13. Cho tich phan I = /f(x) dz = 2. Tinh

2

tich phan J = / [3f(z) — 2] da.

0
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AJ=6 B J=2 (©J=8 D J=4

Cadu 14. Cho /f(x) dz = 3 va /g(x) de =7,
0

0
2

khi d6 /[f(x) + 3g(z)] dz béang

0
(A) 16. ~18. (C)24. (D) 10.
2
Cadu 15. Tich phan/ do béang
3x — 2
(A)2In2. g1r12. ©1n2. @%mz

Cdu 16. Cho ha,m s6 f(x hen tuc tréen R

Ry
/f( ) da.

3 va

théa man / f(z)
1

8
/f )dxz = 5. Tinh
4

A1 = ®I=1
©1I= DI="1.

1 2
Cau 17. Cho /f(x)dx =6 va /f(a:)dx = 3,
5 1

2
khi do /f(x)dx bang
1

(A :’: B 2. (©)o9. D) 18.

Cau 18. Gid st f(r) la mot ham s6 bat ki lien tuc
trén khoang (a; 8) va a,b,¢,b+ ¢ € (o; 8). Ménh
dé nao sau day sai?

A /b f(z)da = / f(z)da + /b f(x)da

b+c

/f dx—/f dx—/f

b+c

@/f dx—/f dx+/f

@/f dx—/f dx—/f

Cdu 19. Cho/f x—2va/f —1.

4
Tich phan / f(x)dz bang

A -3. | (B 3. ©1. D) -1.

2
Cadu 20. Cho /f(a:) de = 3 va /g(:zc) de =7,

0
2

khi d6 / [f(x) + 3g(z)] dz bang
(A)16. (©24. (D) -18.

Cau 21. Cho/f dx—3va/g(x)dx:

0

B) 10.

_27

2

khi do / 2f(z) — g(x)] dz bing

@50.

(B) 4. (©)s. D) 1.
Cdu 22. Cho ham s6 y = f(z) lien tuc trén
khodng K va a,b,c € K. Ménh dé nao sau day
sai?
B [ flape -

/bf(a:)da:+/ dx—/f
@/f / f)dt.

a
a

_ / f(z)da.

b

© / fw)da =

1 1
Cdu 23. Biét /f z)dr =3 va /g(x) de = =2,
0

1

gia tri clia / )+ 2¢(x)] dz bang
0
A)7. ~1. @5 D) 1.
Cdu 24. Cho ham f(z) théa man
/f dx:5va/f x = 1. Tinh tich
phan [ :/ f(z)dx
-1
(AT =—6. I=6.

2. icH PHAN [ IEEIR
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C)I=4. D1I=-4
Cadu 25. Cho ham s6 y = f(z) lién tuc trén [a; b]
va / f(z)dz = F(z) + C. Hay chon khing dinh
ding.
b
@/f(x)dx:b—a.
"
[ @) de = Fla) - P1).
"
@/f(x)dx:a—b.
"
©) [ f@)de = F(b) - Fa)
1
Cdau 26. Gia tri ciia / (20192*°'%—1) dz bing
0
(A)0. 92017 4 ]
(©)2207 1 D)1.

0
Cadu 27. Tinh tich phan I = /(Qx +1)dzx.

Ao, ® 1. ©2. @—%.

Cdu 28. Cho ham s6 f(z) lién tuc trén khodng
K va céac hing s6 a,b,c € K. Meénh dé nao dudi
day sai?

@/k:f

/f dx—/f dx+/()d

@/f(w)dxz—/f(w)dw

0) /b f(z) do # /b Jt)dt

In2
Cdu 29. Tinh tich phan I = / (e4x +1) dz.

0

b

/f(a:) dz véi k € R.

@1_—+1 2. (B)I=4+1n2.

- 55 [3 CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

@I:%an. @1:§+1n2.

Cadu 30. Biét /f x)dr = 3,

5

Tich phan / | dz bang
2

(A)10. (B3 (C)s. (D) 12.

Cau 31. Gia st f(x) va g(z) 1a cac ham s6 bat
ky lien tuc trén R va a, b, ¢ 1a cac s6 thie. Ménh
dé nao sau day sai?

/ R / ot
©7f<x>g<x>dx =
© / (f(x) -

CaAu 32. Cho ham s6 f(z) lien tuc trén khodng
(—2;3). Goi F(x) la mot nguyén ham cua f(z)
2

g
_|_
—
=
=
(o
g
I

trén khoang (—2;3). Tinh I = /[f(x) + 2z] dz,
21
biét F(—1) = 1, F(2) = 4.
(AT =6. I =10.
(©1=3. D)I1=09

Cadu 33. Cho hai s6 thuc a, b tuy y, F(x) 1a mot
nguyén ham ctia ham s6 f(z) trén tap R. Ménh
dé nao dudi day 1a ding?

B [ fla)de = F®) - Fla).
[ f@)de=Fl@) - F).
© [ @) de = 10) - f(a)
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CaAu 40. Cho ham s6 f(z) lien tuc trén R va c6
® / () de = F() + F(a). : 4
/f(x) de =9, /f(x) dz = 4. Tinh gia tri cla
2 0 2
4

P s ~ 2 >

Cadu 34. Tich phan /(x + 3)° dz bang [ /f(x) e
1
0
61 61
We.  ® 5 5 @4 AI=5 (B) I = 36.
9
Céu 35. Cho ham s6 y = f(z) o6 f(2) = 2,| ©I=17. Dir=13
1) = 53; ham 50 y = f(x) lien tuc trén [2;3]' Cau4l. Cho ham s6 f(z) lien tuc tren doan
3 3

. z ! N

Khi do /f () dx bang [0;3]. Néu /f(x)dx = 2 thi tich phan /[a: -
2
0 0

(A) 3. ®-3. (©10. D7 3f(x)]dx ¢6 gid tri bing

Cau 36. Cho ham s6 f(z) va F(z) lien tuc tren R _3 . § _§,
1 @ 3 @ 2 2

5

5
Cdu 42. Cho /f(x) dez =6 va /g(m) dz = 8.
1

1

théa man F'(z) = f(z), Vo € R. Tinh /f(:l;) dz

biét F(0) =2 va F(1) = 5.

A / f(z)dz = -3, / fa)de =7, | Gidtricia / 4f(z) — g(x)] dx bing

1

! ! (A)16. 4. (C)12. (D10
©O/f(m> dz = L. @O/f<x> dz = 3. Cdu 43. Cho cac ham5 s6  f(z), g(x) lien

Cdu 37. Cho ham s6 f(z) théa man f(0) = 1, |tuc tréen R thoa man /[2f(x)+3g(x)] dz =
3
“1
f'(z) lién tuc trén R va /f’ dr = 9. Gia tri p
9 —5; /[3f(x) —b5g(z))dez = 21. Tinh
ciua f(3) la |
5

(A)6. 3. ©10. (Do /[f(x) T g(@)] do.

1
N 2
Cdu 38. Tich phan I = /
2z +
0

el
p dv bing A -5 (B ©)s. D) -1.

T

(A) =22 (B)I=2mn3. X / 7
@I —1n2 @ [ —1n3 Cdu 44. Két qué cla tich phan [ = /COS.’/E dz
0
Cdu 39. Cho ham s6 f(z) lien tuc trén doan | hing
0; 3] Va/fx /f dr = 4. Tinh @]:' BI=-2
0 @I = U @] =—1.
2 Cau 45. Cho cac sb thuc a, b (a < b). Néu ham
/f r)dz. s6 y = f(r) c6 dao ham 1a ham lien tuc tréen R
0 thi
@ = I - —3 / /
O )4 W [ fa)de= 1) - £

2. icHPHAN [IEIR
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/b f(z)da =

© /b f(a)de =
) / flz)dz =

5

Cdu 46. Cho

1

7
h(z)dx = 4 va / h(z)dz =
1
7
10, khi d6 / h(x)dz béng
5

A7, ®) 2. ©)6. D)5

Cdu 47. Cho ham s6 y = f(z) lién tuc tren R va
c6 mot nguyéen ham 1a ham s6 F(x). Ménh dé nao
i day 1a ding?

® / e )+ Fla)
/ () do = F(8) - F(a)
@“/bm) de = f(b) - f(a).
@}f(x) dz = F(a) = F(b)

Céu 48. Cho / f@)de = 3 v

3

khi do / 4f(x) — g(2)] dz biing
1
(A)16. (B8 ©11. (D19
1 1
Cau49. Cho [ f(x)dex =4 va [ g(x)dx = 3.
/ /
-1
Tinh tich phan I — / 2f(z) — 5g(x)] da.
1
(A)I=-— I=T1.
CI=- D)1 =14
2019 2019
Cadu 50. Biét flz)de = -2, / g(x)dzr = 6.

2018 2018
By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

2019

[ s

2018

(A10. (B -2

1.2. Mitc d6 théng hiéu

Tich phan — g(x)] dx bang

(©22. (D) -10.

1
Caul. Cho/f(x)dx:2va/g(x)dx=5, khi

0
1

d / [f(2) — 29(2)] dz bing

(;)—3. B 12. (©)-8 (D1

Cau 2 Cho ham s6 y = f(z) lién tuc tren R théa

man/f dx-?/f dx—8/f

9. Gia tri ctia [ = /f x) dz bing

(A)5. ©.

Cau 3.

B) 6.

2
Cho /
1

Q va la cac phan sb toi gidn. Gia tri m +p + ¢
bang

D)s.

¥ 1dr = m(e? —e?) v6i m,p,q €

22

(A)10.  (B)6. = D)s.
2
Cdu 4. Tich phan /[4f(x) — 2z|dz = 1. Khi d6
) 1
/f(x)dx bang
1
(A)1. -3. (O3 D) —1.
16
Cdu 5. Cho /f(x) dz = 20.  Tinh
. 4
/f(4rc) dz
1
(A)g0.  (BJ24.  (C)5. (D) 16.

Cau 6. Blet/f ,/f(m)dx:5. Tinh
5
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5 1
I:/f(:c)da:. Cadu 13. Tich phan / dx—a—l—b\@ v6i
1 0
@12—2 B)I=2 a,b € Q. Khi d6 a — b bing
C©rI=1. D)I=-1. A1 ®-1. ©-4 D4
5
Céu 7. Biét /—$2+x+1dx — a+1n2 véi | COU 4. Glasu’/f x_37"a/9( )da =
r+1 2 5
3
12 cac s6 nguyén. Tinh S = a — 2b. g .
16. Khi d / z) + 3¢g(x)] dz bang
(A)S =-2. B) S =5 J
©s ©s5=10 (AT =122, (B) I =58.
2 (C)1=143. (D) I = 26.

Cadu 8. Tich phan /em dz bing

(Ae—e2 B e2—e. (e (D) e .

0
Cadu 15. Gia st /f(:v) dz = 37 va /g(:z:) dz =
9

5
7
5 / 16. Khi d6, I = 3g(x)] dz b3
0
2 5
: (AT =122, (B) =58
/f(a:)dx bang @1-:143. @1226.

Cdu 16. Cho ham s6 f(z) c¢6 dao ham lien

2
@3. B) 6. @12. @—6. tuc trén doan [1;4] vA théa man f(1) =

4
Cau 10. Cho ham s6 f(x) hen tuc trén [0;10] 127/ () dz = 17. Tinh gié tri ctia f(4t) =7

théa man [ f(z f(z = 3. Tinh '
/ / A fa) =19 B r()=5
©f)=2 D)) =9
giétricﬁaP:/fmdx—l—/fx s
0 0 Cdu 17. Cho hai tich phan /f(:v) dr = 8 va
WP =®P =©P =DP = %
3. 1. 4. 2. -2 5
d d /g(a:) dz = 3. Tinh/[f(x) —4g(z) — 1] dz
Cdu 11. Néu /f(x)d =5, /f ydz = 2, v6i | 5 -2
a b (AT =13. B) I =21
C)1=-11. D)I=3

a<d<bth /f(a:)dx bang

D=

2z — 1

@_2_ 3' @8. @0' Cdu 18. Biét / 1 dr = aln3 +bln2 + ¢
0

(a, b, c € Z). Gia tri a + b — ¢ bang

Cau 12. Cho s6 thuc a théa man /e”l dz = @2' (B) —4. @3 D) -1.

21
e? — 1, khi d6 a c6 gia tri bang

A1, B -1.  (Co. D) 2. Cdu 19. Cho /f =1, /f(x)dx = 4
i 2. ichprAN XN
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4
Tinh [ = /f(a:) dz.

(AT =5 ® 1
(©1=-3. D1

—9.
3

2
Cdu 20. Tich phan I = /Sin4 rdz bang
0

3
W=7 ®1=-1.
m 3T
©I:E @I:_E

2
khi do / — 3¢g(x)] dx bang

0y 1(? (B) 5. (©)s. D) -1.

Cau 22. Cho ham s6 f(z) lién tuc trén doan

[0; 10] Va/f dx-?va/f )dz = 3. Tinh

Cdu 23. Cho hai ham s6 f(x), g(z) lien tuc trén

3
[1;3] théa man [ f(z)dx = 1, | g(x)dz = 3.
Sy P

Tinh / () — 29(2)] da.

(A)1. g ©-1. (5.

Cdu 24. Cho ham s6 f(z) lien tuc trén R va
4

/f = 10, /f(x)da; = 4. Tich phan
3

%

/f )dz bang

(A) 4. ® 7. (©)3. D)6.

I & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

m

Cadu 25. Cho /(3:152 —2x+1)dz = 6. Gi4 tri cia

0
tham s6 m thuoc khoadng nao sau day?

(A) (~1;2). (—o00; 0).
(©)(0;4). D) (-3;1).

CCIU 26. Cho ham s6 f(z) lién tuc tréen R va

/(f( )+ 32%) dz = 10. Tmh/f

0

(A)-18. (B)-2. (©18. (D2

Cau 27. Cho f(z), g(x) 1a cdc ham s6 lien
2

tuc tréen R théa man /[f(a:) — 3g(z)]dz = 4,

1 2
O/f(m;)d =3, va O/ z)]dz = 8. Tinh
[:/f(x)dx.

(AWI=0 B I=1 (CI=3 DI=2

1
Cadu 28. Néu céc 6 hitu ti a, b thoa man /(ae’”—l—

0
b) dr = e+2 thi gia tri clia biéu thitc a+b bing

(A) 4. (B) 5. (C)6. D)s.

Cdu 29. Cho ham s6 f(z) thoa man f(1) = 12,
1

f'(z) lien tuc trén doan [1;4] va /f'(:ﬂ) dz = 17.

Tinh f(4).

(A)29. (B)o. ©2. (D)5

2
- d .
Cau 30. Tich phan / o bang

r+3

0
) 16 ) 2

2

N 2
Cau 31. Tinh tich phén[z/2x+1dx.
0
1
(A)I =In5. 1:“75.

(C)I=2n5. (D)I=4In5.



BiNam hoc 2021-2022 BTAI LIEU HOC TAP-GIAI TICH 12

X A (A) P = —36. B P=o

Cau 32. Cho/x2+2$da: = aln2 + bIn3 véi @P:lg. @P:_
1
a, b 1a cac s6 hitu ti. Gia tri ctia 2a + 3b bang R ;
Cau 40. Cho/f(x) der =1, /g(a:) dz = 5. Tim

(A) 5. 1. (©-1. (D) -5. J J

) 5 tat cd cac gia tri cia a dé
Cau 33. Cho / fz)dz = 10, khi d6 [ —

2 3 3
2
_/ Af(z) dz bing /[a + 2ax + 3f(x)] dz — /(a —2)g(z) dz = 10.
5 2 2

(A)12. 0. (©)—40. (D) -12.

Cdu 34. Cho ham s6 f(x) c¢6 dao ham lien tuc @ 2. B -3. @ L. @ 3.

tren [2;3] dong thoi f(2) = 2, f(3) = 5. Khi d6
3

/f’(:v) dr bing Cau 41. ChO/f x—3va/[3f( ) — ()] da =

2

A3 B -3 (©10. (D7  |10khido / o) dz biing

1

Cdu 35. Cho biét /ng(:c)dx =3, /O5f(t)dt =l W17, ®1L ©-1. D-4
4

5
10. Tinh | 2f(2)d X 1
" /3 flz)dz Cdu 42. Cho /f(x) de = 36 Tinh I =
(A) 7. 4. (©13. (D7 .
1

o R

Cdu 36. Biét/gc i idx:g—élln—,véia,b (z+1)?
(x +3) 4 b 0

la cac s6 nguyen duong. Gia tri ctia biéu thic @I = —12. I'=0.
a® + b* bang @Iz— D=1

@25. (B) 41. @20 @ 34. Cdu 43. Blet rang ham s6 f( ) = ax2+br + ¢

thoa man/f Ydr = —= /f = —2 va
Cdu 37. Cho/f x—3va/ (x)dz = 1.

2

1
: /f(:r) dz = 13 (v6i a, b, ¢c € R). Tinh gia tri clia
Tinh T — / &+ 2f(x) — 3¢(x)] de. 2
5

0
biéu thitc P =a + b+ c.

21 26 7 5 3 4
5 3- @5- @5 @P:;Z' P=——
5 _ = 2
_ P 224+x4+1 b . ©P_3' @P_4
Cdu 38. Biet | ————dr=a+In-véia, b|
J r+1 2 Cdud4. Cho f, g 1a hai ham s6 lién tuc trén
3
1a cac sb én. Tinh S = a — 2b. N
@ ¢aC =0 ngtyen. S ¢ [1; 3] théa méan didu kien / [f(z) + 3¢(x)] da = 10
(A)S=2. S =-2.
(©)S=5. (D) S = 10. 3 3
5 dong thoi /[2f(x) —g(z)]dx = 6. Tinh /[f(x)+
N -2
Cau 39. Cho/ ‘ dr =aln3+bln2+c véi 1 1
r+1 g(x)] dz.
1
a,b,c 1a cac s6 nguyén. Gia tri P = abc 1a @ 9. 6. @ 7. @ 8.

2. icHPHAN IR
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1
_ , 34222 1
Céu 45. Biét/Lde:—+bln§véi
T+ 2 a 2
0

a, b > 0. Tinh gia tri cia S = a + 2b.

(A)S=5 (B)S=6. (C)§=9. (D)S=3

Cdu 46. Cho biét /f )dz =3 va /g(a;) dz =

0
—2. Tinh tich phan

2

/ 22 + f(z) — 2¢(x)] dx.

0

(A)T =11
(C©)I=5.

(B) I =18.
D)I=3.
2

Cdu 47. Cho /f(m) dz =2 va /g(m) dz =

-1

—1,

2
khi do / [z + 2f(z) + 3¢(z)] dz bang

-1

5 7 17 11
@z ®; 7 O3
5
Cdu 48. Tinh tich phﬁn]z/ da .
1—-2z
(A)T=—1no. (B) I =Ino.
(C)I=—-3. (D)I=3.

2

3, /f(:c) dz = 2. Khi

1

Cdu 49. Cho/f(:c) de =

2

d6 [ f(z)dx bang
/
(A)6. 1. (O

2 5
Cau 50. Cho /f(x) de=5va /f@) do = —
0

D)s.

5
Khi d / f(z) dx bang

(A) 8.2 15. (C)-8. (D) —15.

I & cHuONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

1.3. Mitc do van dung

1
zdx

caul. Cho/—2

( 5 =a+bln2+cln3 véi a,
T+

b, c 1 cac s6 hitu ty. Gia tri clia 3a+b+c bang

A-2. ®-1. (©z2 D) 1.
5
Céu 2. Biét /M

b
po dx:a+ln§ véi a,b

w

14 cac s6 nguyén. Tinh S = a — 2b.

(A)S = -2, (B) S =5.
C)s=2 (D) S = 10.

2 2
Cau 3. Biét / vk ord 2
0 x2+4l'+3
cIn’b, (a,b,c € Q). Gia tri ctia abc bang

(A)—=8. (B -10. (C)-12. (D) 16.

. -2
Cadu 4. Cho tich phan/‘Z—H' dr =a+bln2+

de = a + bln3 +

cln3véia, b, cla cac s6 nguyen. Tinh P = abe.

(A) P =—36 (B) P =0.
CP=-18 D) P =18
/ 1 11
Cdu 5. Biét/—4x2—4x+1dxza+g thi a va

1
b la nghiém cua phuong trinh nao sau day?

(Aa?—50+6=0. (Bla?—9=0.
(Ca?+4z-12=0. (D222 —z—1=0.
Cadu 6. Cho hai tich phan /f(x) dr = 8 va

5 5
/g(m) dz = —3. Tinh /[f(a:) —4g(x) — 1] dz.
-2 —2
(AT =—11. B I=13.
(©1=21 D)I1=3

2
1
/(xz—l—%ﬂ) dx—?o—i-lng vol
1
a,b e Q. Tinh P=a+0b.

WP =®P =©P = DP =
1. 5. 7 2

Cau 8. Cho f, ¢ la hai ham liéen tuc trén

Cdu 7. Cho
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3

1:3] thod / [F(z) + 3g(2)] dz — 10, / 2f(x) —

1

g(z)]dz = 6. Tinh /[f(a;) + g(x)] de.

1
(A)7. (B) 6. (©)8. D)o.
3
Cdau 9. Cho /2f+3dx = aln2 + bIn3. Tinh
22+

2
gié tri biéu thic a®> — ab — b.

(A1, B2, (C)31

2
Céu 10. Cho /de
1

(D) 41.

1) =a+bln2+ cln3,

v6i a, b, ¢ 1a cac s6 hitu ty. Gia tri ctia 6a + b+ ¢

bang
A -2. ®1L ©)2. D) -1.
1

Cau 1. dz,m 1a sd thuc

1
Cho I = -
0 /m
0

duong. Tim tat ca cac gia tri ciam dé I > 1.
1 1
0<m< —. > —.
Ao<msl  @ms!

m > 0. lgmgl
© OF

Cau 12. Cho ham s6 y = f(z) lien tuc,
luon duong trén [0;2] va théa man I =
2

JECIE

K = / (e2+1nf<w> +3) dz 1a

5. Khi d6 gia tri cta tich phan

0
(A)5e? 4 6. (B) 52 — 6.
(C)6e? + 5. (D) 5e? +9.
1
Cdu 13. Biét/( R )dzzzaln?)—
r—3 x—2
21
bIn2 v6i a, b 1a cac sd nguyen. Tinh gia tri P =
a? + b*.
(AP =32 (B) P =130.
cr=2 (D) P = 16.
/ 1
Cadu 14. Biét /deleng—gvéi a, b,
(r + 2) b d

. a c
¢, d la cac so nguyén duong va Al la cac phan

s6 toi gidn. Tinh T'=a + b+ ¢+ d.
(A)T =13 (B) T = 10.
T =12 D)T =11.

4
Céu 15. Biét T = / L R Y
e+
3

clnb véi a, b, ¢ 1a cac s6 nguyén. Tinh S =

a+b+c.
(A)S =6. B S=2
C)5=-2 D)5 =0
Céu 16. Blet/\/ﬁ_\/_—ax/ﬁ+b\/§+c
véi a, b, ¢ 1a céc s6 hitu ty. Tinh P = a+b+c.

16 13
@P_? P_27
CP=>5 @P:5

1
Cdu 17. Biét/\/;__‘_l = %( \/_—l—c) vGi

0
% 14 phan s6 tdi gian. Tinh a + b + c.

wn-1. ®7 (©)3.

Cadu 18. Cho tich phan /

2
bIn2+¢, véia,b,c € Q. Tinh S =a+b+c.

D) 1.

md&? = aln3—|—

2 7
@S———. S———.
2 7
S=-. S =-.
©s=3 Ds=g
h 2
~ T+
19. =
Cdu Cho /2x2—3x+1dx alnb +
2
bIn3+3In2 (a,b € Q). Tinh P = 2a — 0.
(AP =1. B P=T.
1
@P——— @P:;.
/ 3zd
. xdz
Cdu 20. Biet I = =
° /(2x+2)\/5+2a:\/x+1
/. .
\/_#\/—c véi a, b, ¢ la cac sO nguyén duong.
Tinh P=a—-b+c.
(A) P =24. B) P =12
CP=18 D) P =22

2. icH PHAN [ IEEIR
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2. Phuong phép doi bién sb

Cdu 1. Chotich phan I = / V1 — xdx. V6i cach

dat t = /1 — z ta ducc

1
@1:3/t3dt. B)I=
0

1
/t3 dt.
0

e

, Inz
Cdu 2. Biet | ——dx = aln=
€ /x(lnx+2) v ey
1

o1

b € Q). Ménh dé nao sau day dung?

(Aa—b=1. (B)2a+b=1.
©a2+b2:4. @a—l—Qb:O.
8

~ . 1
Cdu 3. Biét / = aln2 + bln3 +
3

——dx
zvr+ 1
cln4. Tinh S = a® + b? + 2.

(AS=2 (B)S=3 (C)S=4 (D S=5.

Cadu 4. Cho /f(:v2 + Dadz = 2, khi d6
5
/f(x)dx bang
2
A)2. 1. ©-1. Da
2
Cdu 5. GléS{I/%\/mdl’:a"‘bh’lC Tinh
1
S =3a+2b+c.
(A)S =5, S =1
(C©)S=3. D) S =11.

e

. 1
Cadu 6. Tich phan / e

L p——
z(lnz + 2)? v = a3+
1

bln2 + g v6i a, b, c € Z. Khang dinh nao sau day
la ding?

(Aa?+0*+ 32 =1.
Cla2+bh+2=09.

(B) a2+ b2+ =11

(D)a?+ b+ 2 =3.

dz = a + bV2 véi

1
Cdu 7. Tich pha
el

0
By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

a,b € Q. Khi d6 a — b bing

(A) 1. -1. (©-4 (D4
3
. . T B -
CGU 8 Néu !mdx = 1/f(t) dt véi

t =+/1+x thi f(¢) 1a ham s6 ndo trong cac ham
s6 duéi day?

(A)F(t) =262+ 2t. FO) =1 —t.
Cf(t) =12 +t. (D) f(t) = 22 — 2t.
2
Cdu 9. Tich phan / oS dz bang
0
1 7 7
—log — In —.
s ',
Caig Dighg
Cau 10. Cho ham s6 f(x) thoa méan
2
/f 2z) dz = 2. Tich phan /f( ) dz bang
0 0
(A)8. ®) 1. @ 2. D) 4.
Cau 11. Cho ham s6 y = f(z) lién tuc tren R va
6

3
/f(:n) dz = 10, thi /f (2z) dr bang
0

(A) 30. 20. (C)10. (D)5

Cadu 12. Cho ham s6 y = f(z) c6 dao ham trén
R dong thoi thoa man f(0) = f(1) = 5. Tinh tich

1
phén]z/f’(:v)ef(x) dz.
0
(AT =10. B I=-5
©1=0. D)I=>5

Cdu 13. Cho tich phan I =

Tinh tich phan J = /f(Zx) dz

(A)J =64.
(©)J=32

Cdau 14. Cho /f(x2 4+ 1Daodr = 2. Khido I =

(B) J =38,

(D) J =16.
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5

/f(:c) dz béng
2
(A)1. ® 2. (©)4. D) -1.
1
Cadu 15. Cho /f(x)dx = —1. Tinh gia tri cta
0
1
I:/f(4x)d:)3
0
@1:% B®I=-2
©1I= 1 D)1= Y
2
2v2

Cdu 16. Cho tich phan I = / V16 — z2dx va
0

x = 4sint. Ménh dé ndo sau day ding?

™

4
@128/(1+cos2t)dt.

0

sin’t dt.

@)
Il

—_
(@)
=~ o
k““xﬁqﬂ

(1 — cos2t) dt.

©
~
|
o Q

s
4

@I = —16/cos2tdt.

0

1
Cdu 17. Tinh tich phan / B duoc két
0 r+1
qua
1 4 —2+4/2
WL 22
2v2 +4 1
) In2 ——.
©=3 Dm2-¢

4
Cadu 18. Cho tich phan I = / xvx? + 9dz. Khi
0
dat t = v/x2 + 9 thi tich phan da cho tré thanh

@I:/:tdt. I=/4tdt.

0
4 5
@I:/ £2 dt. @I:/ £2 dt.
0 3

4
Cau 19. Cho I = / F(#)dt = 9. Tinh tich phan
1

Jz/olf(?)x—l—l)dx.

(A)9. ®27. (O3 D) 1.
Cau20. Cho ham s6 f(z) théoa man
2017
/f(x) de = 1. Tinh tich phan I =
0
1
/f(2017x)dx
0

(AI=0 B I=1

@I:m (D) I = 2017

. / Inx
Cdau 21. Biét | ————dz = a + bV2 véi q,
1€ x\/m i a VOl a
1
b 1a cac s6 hitu ty. Tinh S = a + b.
1
(A)S =1. Bs=3.
3 2
©S_Z @s_g.

1
Cadu 22. Tinh tich phan I = /xv x?+ 1dux.
0

@1:2\/53_1. I:?.
CIr=2y2-1. @I:z\/?l.
Cdu 23. Cho I =

4
/x\/1+2xdx va u =
0

V2x + 1. Ménh deé nao sau day sai?

u5 U3 ’
(5-5)
1

©1I= %/:ﬂ(x? —1)dx.

1
3

@1:%/#(&—1)@.

1

Cdu 24. Cho ham s6 y = f(z) lien tuc trén

3
doan [2;3] thoa méan /f(x) dz = 2019. Tinh
2

2. icH PHAN IR
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V2

I= /fo(x3—|— 1)dz.

1
(A)I = 6057.
(C)I=673.

Cdu 25. Tich phan I

I = ¥/2019.
(D) I = 2019.

[

0
¢, trong do6 a, b, ¢ 1a cac s6 nguyén. Tinh gia tri
ctia biéu thitc a + b + c.

©3 Do

(A)2. ® 1.

2.1. Phuong phdp titng phan

dx =aqalnb+

3
Cdu 1. Biét rang I = /xlnx dr = mIn3 +
2

nln2 + p, trong d6 m, n, p € Q. Tinh m +n +

2p.
@Z. B g. ©o.

2

Cdu 2. Tich phan / (sin /& — cos /x)dz = A+

0

0
Brvéi A, B € Z. Tinh A+ B.

(A)7. B) 6. (©)s. D) 4.

Cdu 3. Cho ham s6 f(z) lien tuc va c6 dao ham

lien tuc tren [1;e] biét /de =1, fle) =2
T

-Inxzdx.

©)2.

s6 thyc duong

Tinh tich phan / f'(z)

(A)1. B)o.

Cdud. Cho b la
b

/a:ev 22+l qp = 2eV0* L Tinh b.
0

(D) 3.

sao cho

(B) b = 3v2.
(D) b =3V3.

Cau 5. F(z) 13 mot nguyén ham ctia ham s
= Ham s6 nao sau day khong phai la

Yy = ze
F(z)?
@F(x) = %e‘”2 +2
T, .
F(x):§(e$ +5).

IS & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

Inz

Cadu 6. Cho tich phan /— der = lz + aln?2 véi
a 1a s6 thuc va b, ¢ 1a cac s6 nguyén duong, dong
thoi b la phan s6 t6i gian. Tinh gia tri ctia biéu
thﬁ’ciD: 2a + 3b + c.
(A) P =6. (B) P = —6.
(©P=5. D) P=4
Cadu 7. Cho ham s6 f(r) thoa man f'(z) =
1)e* va f(0) = 1. Tinh f(2).
W) £(2) f(2) =2+ 1.
©re D@ =e+1.
3

Cdu 8. Biét I = /

2z 0 2
a, b 1a cac sO nguyén duong. Tinh gia tri ciia bieu
thic T = a® + b.

(o +

=4e? + 1.
=3e? + 1.
x

3
dr = V3 b, e
COS“ a

) a
Cdu 9. Biét J = 1 =16 — Gi
iet J /3: og,x dx 6 AR vé6i
1
a,b e N*;% 1a phan s6 t6i gian. Tinh T' = a+».

(AT = 11. B)T =19.
©T=13 D)T =17

Cau 10. Cho /(m—?)ew dz = (a2’ + bz + ¢) "+
C. Tinh gia tri a + b+ c.

A-2 ®-1 (©-3.

Cau 11. Biét m 1a s6 thyc théa man /:E(cosx +

D)o.

0
2m)dr = on? 4 g — 1. Ménh dé nao duéi day
ding?

(A)m <0. B 0<m<3.
(C)3<m<6. D)m > 6.

Cdu 12. Cho ham sé y = f(x) lién tuc trén R.

4va/f -

Biét f(2) = 5. Tinh I =
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p @I:e. I:—eQ.
/
/xf(x)dx @I:eQ. (D) I = 32 — 2e.
- R a? =2
@ _ I—3. Cdu 20. Gia tri cia I = . -Inxde
(C©1I=-1. D)I=09. bang
¢ @ 9 x? x?
Cdu 13. Biét I = /:v2lnxdx = ae® + b véia, b I'=2In a:+§2~lnx—z2—|—0.
1 ]:—ln2a:—|—$—-lna7—$——|—0.
1a cac s6 hitu ti. Gia tri ciia 9(a + b) bang , 2 x24
@3. B) 10. ©9. @6. @I_ln v+ = 2 lnx—ZZJrC.
! @I:hl2x % lnx—%—l—c
Cdu 14. Cho biét /1n(x +1)de = a+ bln2,
0 3. Tich phan ham hop
trong do a, b 1a hai so hitu ti, thi , ;
@a+b:2. Blatb=1. Cau 1. Cho /f(x)da: = 2 v /g(x)dx =
(Cla+b=3 Da+b=—1. )
1 Tinh gla tri cua tich phan L =

Cadu 15. Cho /(:c—f—Z)exdx = ae + b véi a, b la /[2f

0
s6 nguyén. Tinh S = a? + b2

(A)S =—1. B) S = 10. @L_4~ B L=-1
(C)S=5. D)5 =0. ©L=-4 Dr=1
Cadu 16. Biét rang /lnmdx =14 2a, (a > 1). Cau 2. Cho /f(x2 + Dzdz = 2, khi d6 [ =

1

1
Khing dinh nio sau day 1a khing dinh dtng? ;
/ f(z)dx bang

(A)a € (18;21). (B)ae (1;4).
(Ca e (11;14). (D)a € (6,9).

Cadu 17. Cho /(a? + 3)e"dx = a + be véi a, b la

0
cac s6 nguyen. Ménh dé nao dudi day dung?

2 A) 2. ®) 1. ©-1. D4

2017

Cdu 3. Cho ham s6 f(x) théa man / f(z)dr =

1
(Aa-b=6. Bla-b=—6. 1. Tinh tich phanfz/f(zom) dz.
(Cla+b=—5. Dia+b=—1. )

/ A= —. B)I=0.

Cdu 18. Két qua ctua tich phan I = /(2:1: - 2017
/ (C) 1 =2017. D=1

1)Inz dr bang
(A)I =2In2. B)I==:.
@I:anz—%. @1:21n2+%. L

tich phan I = /xf (x2 + 1) dx theo a.
0

(AT = 4a. B)I=

Cadu 4. Cho tich phan /f(x) dz = a. Hay tinh

hDI —

1

2
Cadu 19. Tinh tich phan I = /a:ezdm.

1

a
1
2

. ticHrHAN [IEER
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@[:% (D) I = 2a.

Cdau 5. Cho ham s6 f(z) lien tuc tren R va

’7T2 ™

/f(x) dz =2018. Tinh I = /xf(a:z)dx
0

0

(A)T = 1008. I = 2019.
(©)1=2017. (D) I = 1009.
Cdu 6. Cho /f(x) dr = 2019. Tinh /f(?w +
1)dx. ’
(A) —2019. 2019.
(C)6057. (D) 673.

Cdau 7. Cho ham s6 y = f(z) c6 dao ham trén
doan [—1;4], f(4) = 2017, 4
Gia tri ctiia f(—1) la

(A) 3. 1. (©)-1.

3
Céu 8. Cho / fl@)de =
1

/26f (g) dz bing

(AT =24, (B) I =10.
(CI=6. D)I=14.

Cau 9. Cho ham s6 f(z) ¢6 dao ham lien tuc
1

f'(z)dx = 2016.
-1

D)2.

12, gia tri cia I =

tren doan [—1;1] thoa méan /f’(x) dz = 5 va
f(=1)=4. Tim f(1)?
A1) =~ 1) =1
©rm=o. D) (1) =-o.
Cdu 10. Cho /f(a:) dz = 3. Tinh
/(f(x) +1) dx
(A) 4. 5. ©n. D) 1.

Cdu 11. Cho ham sb f(x) lien tuc tren R

16/f2x = 2.

théa man f(2) =

2

Tinh /xf'(a:) dz

0

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

(A)16. (B)28.  (C)36. (D) 3o.

3
Cdu 12. Cho /f(a:)dx = 4, /f(x)da: = —
1

/43f(x —1)dz.

(A)-4. (B12. (C)-12.

Cadu 13. Cho /f(a:) dz =

Izl/f(Zx—l)dx

(AT =1
(C)I=5.

Cédu 14. Cho /f(.z’) dz

Tinh

(D) —24.

10. Tinh tich phan

3. Tinh tich phan

1

- /[2f(m) 1] da

(AI=5 B)I=
©I=-3 D1I=
Céu 15. Cho / f@)de = 2018. Tinh I —
4
/f(sin?x) cos 2z dx.
0
(A) T =2018. (B) T = —1009
(C)I=-2018. (D) I = 1009
Cadau 16. Biét f(x) 1a ham lien tuc tren R va
9 5
/f(a:)dx = 9. Khi d6 tinh I = /f(3x —
0 2
6) dx.
(AT =27 B)I=
C1=2. D)1=

2018

Cadu 17. Tinh tich phan [ =

1
1
2
[

e’ + 1

@ 22020
I=0. I = .
- 010
©I:2019' @122018’
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2 1
Cau 18. Cho ham s6 f(z) thoa mén/f(:c) dz = /f(x) dx
21 0

3

o _ ) (AT =-8. ’]_8
5,/f(x)dx——2. Tlnh/f(x)dx. @Izl?. @I—

2 21
A)7. 7. (©3 D) -3 Cau 24. Cho ham sb y = f(z) ¢6 dao ham kien

tuc trén R va théa man f(3) =7, / f(x
Cau 19. Cho /f(4x) dr = 4. Tinh I = . 0
4 Gia tri ctia /xf’(Bx) dx bing
/f(:L’) dz. 0
8
0 A =. (B) 6. (©)s. D) 2.
@ = I = 8 ~ 3 £
@ @I 16 Cdu 25. Cho ham s6 f(z) lien tuc trén R va
: 1 f 1o
Céu 20. Cho / f)de = 10 va / g(z) dz = 5. 9
4 2 2 Tinh I /33 (2
Tinh [ :/ — 5g(x)] dx. 0
) AI=1. B)I=12.
(A)I =5, (B)I=-5. ©1=20. Dr=13
@[ = 10. @ I =15. Cadu 26. Cho ham s6 y = f(z) liéen tuc va ¢6 dao
Cau 21. Cho ham s6 f(x) lien tuc tren R, thoa | ham tren R thoa man f(2) = —2, / @
1 1
2
man /f(tan x)dr =4va / fo(m) dz = 2. Tinh p
J s & +1 Tinh tich phan [ = /f’(\/ac +1)dz.
1
.
I:/f(x)dx' (A)I=-5. B I=0
(C)I=-18 D)I=-

@I_6 Bir=2 ©[:3' D=4 Cadu 27. Cho ham s6 f(x )liéntuctrén]R. Biét
~ 2 In2
Cadu 22. Cho ham s6 y = f(z) c6 f/'(z) lién tuc _

@ (@) /fe+ ydz =5 v /(Qxx_?’)if(x)dx:a
trén doan [0; 2] va f(2) = 16, /f(x) dz = 4. Tinh

1 ’ Tinh I = [ f(z)dz.

/C(If/(QI)d(E. 2/

0 AI1=2. B I=4
AI=T. (B) I = 20. Cr1=-2. D=8
C1=12 (D)I=13.

1
Cdu 23. Cho ham s6 f(z) thoéa man /(a: +

) f'(z)de = 10 va 2f(1) — f(0) = 2. Tir(l)h I =

2. icHPHAN [N
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5«2’9 UNG DUNG TICH PHAN
—_

@ Tém tit li thuyét

1. Hinh phang giGi han b&i dudng cong y = f(z) va truc hoanh

$> Dinh Ii 3.1.

Cho (M) Ia hinh phang gi6i han bdi do thi ham s6 y = f(z) lién tuc trén doan
[a,b], truc hoanh va hai duong thing x = a,r = b.

Dien tich hinh phang (H) dugc tinh theo cong thiic

SZ/blf(m)Idx-

2. Hinh phang giGi han béi hai dudng cong

$% Dinh Ii 3.2.
Cho (M) 1 hinh phang gi6i han bdi do thi hai ham s6y = f(x),y = g(x)
lién tuc trén doan |a,b] va hai duéfng thing v = a,z = b.

Dién tich ctia (H) bing|S /|f r)|dz|.

3. Thé tich vat thé

<>‘> Dlnh li 3.3. Cat vat the V bdi hai mat phang (P)

dien tich S( ) Vi S( ) lién tuc trén doan ] Thé t1ch clia vat
thé V gidi han bdi hai mit phang (P) va (Q) tmh bdi cong thiic

V—/S(az)dx

4. Thé tich khdi tron xoay

> Dinh Ii 3.4.
Hinh thang cong gi6i han béi do thj ham s6 y = f(xz), truc Yy
Ox va hai duong thing x = a va x = b (a < b) quay quanh
truc Oz tao thanh khoi tron xoay.

Thé tich ctia khéi tron xoay dé duoc tinh béi cong thiic:

b
V= 7T/f2(x) dz. 2

I & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG
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$® Dinh i 3.5.

Hinh phing dugc gidi han béi do thi ham séy = f(x),y = g(z) v
va 2 duong thing x = a va z = b (a < b) quay quanh truc Oz

tao thanh khéi tron xoay.

Thé tich ctia khéi tron xoay dé dugc tinh theo cong thiic

V=r [|£@) - #@)do

e Cac dang toan

y = f(=)(C)
Hinh (H) dugc gi6i han béi: z i Z : y
y = 0 (truc hoanh) k D=5
Khi d6 dién tich hinh () duge tinh béi: o (H)
b AN b x
5= [ 1f@]ds

Cach tinh S

® Cach 1: Xét dau biéu thic f(z) dé pha dau gia tri tuyet doi.
® Cach 2: Dung dinh nghia tich phan
Tim nghiém phuong trinh: f(x) = 0; 21,29, - , 2, € (a;b). Khi d6

s=jmmm=7wmm+7wmm+m+jwmm

Tn

— 7f(x)dx + 72f(x)dx +--- 4+ /bf(x)dx

L,

1. Vi du minh hoa

Tinh dién tich hinh phéng giéi han béi cac duong: y = 23, truc hoanh, z = 0 va z = 2.
BAI GIAI

Phuong trinh hoanh do giao diém

2?=0c21r=0.

Dién tich hinh giéi han la

2 2
_ 3 _ Sd _ZL’4
S—/|x|dx—/:€ :c_z
0 0

— 4. -0

2
0

3. UNG DUNG TICH PHAN
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ViDu @

Tinh dién tich hinh phing giéi han béi cac duong: y =22 — 22 —3,y=0,z=—1, z = 4.
BAI GIAI

Ta c6 phuong trinh hoanh do giao diém

) z
e —2r—3=0%
T = 3.
Dién tich hinh gi6i han la
4

S:/|x2—2x—3‘ dz =

3 4

3 3
(%—xQ—Bx) (%—xQ—Bx)

2. Bai tap tuong tu

+

-1 3

Yy y=12>—-2x -3

5 4 3 4
:/‘x2—2x—3}dx—|—/|x2—2$—3|dx: /(x2—2x—3)dx+/(x2—2a:—3)dx =
-1 3 —1 3

= 13.

Bai 1. Tinh dién tich hinh phang gisi han béi cac dudng: x = —1, v =2, y = 0 v y = 2% — 22.
o Loi gidi.

Bai 2. Tinh dién tich hinh phéng giéi han béi cac dudng: y = 2® —4da, r = =2, v =4, y = 0.
® Loi gidi.

Bdi 3. Tinh dién tich hinh phéang gidi han béi cac duong: y = x(z + 1)(x — 3), y = 0.
® Loi gidi.

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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Bai 4. Tinh dién tich hinh phéng gi6i han bdi cac duong: y = cosz, t =0, z =7, y = 0.

® Loi gidi.

Bai 5. Tinh dién tich hinh phéng giéi han bdi cac dusng: y = 2° — 3,

=—1l,z=2,y=0.
® Loi gidi.
SR e ARSI IR IR L
Bai 6. Tinh dién tich hinh phing giGi han bdi cac duong: y = i1 x=4,y=0.
x
® Loi gidi.

LUYEN TAP @

Tinh dién tich hinh phang giéi han béi cac dudng:
(= a* — 327 — 4 (y = a3 — 4x
a) (H):{ae=0;2=3 b) (H):{x=-2,2=5
ly=0 ly=0
vithe (y = cose
x
c) (H): r—lir—e d) (H):zx=0,z=m7
\y:O \y:O
LUYEN TAP @
Tinh dién tich hinh phing giéi han béi cac dudng:
- 1
y=2 Y= -
a) (H): Qe =0,x=2 b) (H) : r=11=2
y=20 y=0
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Inz

c) (H):{zx=e d)(H){

y =@+ 1)@ —2)
y=20

& Dang 2. Tinh dién tich hinh phéng giéi han bdi hai dd thi ham sé

Mubn tinh dién tich hinh phang gi6i han béi hai do y

thi ham s6 y = f(z) va y = g(x) ta thuc hién theo

cac bude nhu sau:

Budc 1: Xét phuong trinh f(z) —g(z) =0 (1). (1) I,
Phuong trinh (1) ¢6 nghiem 1 < xs < ... < 2. Y= ()

Budc 2: Goi S 1a dién tich can tinh, ta co:
a o b x
g = / £(z) — g(2)] da.

- /If(x) |dx+/\f 7)| do + .. +/\f 2)| da.

Tk

+ ...+ /(f(:c)—g(x)) dz|.

k—1

_|_

/ G @)

r1

/ V)~ s

2

1. Vi du minh hoa

Tinh dién tich hinh phéng giéi han béi: y = 2% + 2 va y = 3z.
BAI GIAI

Xét phuong trinh hoanh do giao diém ta cé:
P +2-3r=0c2"—32+2=0& [ o

Dién tich hinh phing can tinh la:

2

2
3 2 5 1
= 22—301—/ —3z+2)d —( ——22) = | —=| == (dvdt
/|x+ z| do 2 — 3z + 37 2a:+:c1 376 6(v)
) 1
viou ©
Tinh dién tich hinh phing giéi han béi: y> —3y+2x=0vaz —y = 0.
BAI GIAI
Xét phuong trinh tung do giao diém ta co:
y2—3y+y=0©y2—2y=0@wig
Dién tich hinh phing can tinh la:
2 2
2 2 Ls 5 —4 4
= [y =3y+yldy=| [ (V" =29 dy| = |3y’ —¢")| | = |5 —0] =3 (dvdp)
0
0

«
B CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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vVibu @

(d2> LYy = —2.

Phuong trinh hoanh do giao diém ctia (P) va
(di)la2? —br+4=4<2=0hay z=>5.
Phuong trinh hoanh do giao diém ctia (P) va
(do) la2? —br+4=-2s2=2hayr=3.
Theo hinh vé ta suy ra dién tich hinh phang
can tim la

2. Bai tap tuong tu

Tinh dién tich hinh phang dugc gisi han bdi cac duong (P) :

y=a?—5x+4, (d):y=4va

(P):y=x*—bx+4

2 3 5
S = /(4—(a;2—5x+4))dx+/(4+2)dx—|—/(4—(332—5x+4))da:
02 5 2 5 3
= /(—x2+5x))dx+/6dx—|—/(—a:2—|—5a;) da
C1, 5N B (1., 5.\ 37
= (g5 [ roel+ (5o 32) [ - 5

Bai 1. Tinh dien tich hinh phang giéi han bdi: y = 2° — 222 vy = = — 2.
® Loi gidi.

Bai 2. Tinh dién tich hinh phéng giéi han béi: y = 2® — 122 vh y = 22,
® Loi gidi.

Bai 3. Tinh dién tich hinh phéng giéi han béi: y = 2 va y =

1
_7y:()ay:e
X

D Li gidi.

3. UNG DUNG TICH PHAN
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® Loi gidi.

Bai 5. Tinh dién tich hinh phéng giéi han béi: y = 2 — 22 + 2 vy =22 + 4o + 5, y = 1.
® Loi gidi.

LUYEN TAP @

Tinh dién tich hinh phang giéi han béi:

_ S y=1>—z
a) (H):{z;;_ll‘ b) (H):{y=2x

(y =z _ s
&) (H): dy=2—uz. @(Hy{y_ .
=0 y=x—x
'y:x—l
o 1y { ot D(Hy{zzm_n
ly =0

-

UYEN TAP @

Tinh dién tich hinh phéng giéi han bdi:
y=a?+ 2

a) <H>:{ o

)
By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

y=—22"+2*+x+5
y=1—-2+5 '

b) (H) : {
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y=vaz+2 y=1"—3x
c) ((H):y=4—a . d) (H):{y==x
y=1 y=
LUYEN TAP ©
Tinh dién tich hinh phing giéi han béi:
( 1, 1
y=-z y=
1+ a2
a) (H): 4 . b) (H) : ;
= ——2*+3 y:x—
S 2
ry:em
—x yzl—\/l—xQ
c) (H):{y=¢e". d)(’)—l):{_2
y=2x
(z =1
VAN DUNG @
Tinh dién tich hinh phing giéi han bdi cac duong sau:
(2
x
72 (y =8 — 3z — 227 y = 22°
a) (H): 437 - b) (H):{y=2+92—22*. ¢) (H):{y=2"—4x—4
y:ﬁ (y=2+10 Y=
, (y = 22
y = a° 22 y=—x"+6xr—25
d) (H):{y=4a? e) (H):q¥= % f) Cy=—a*+4x -3
y=+41 8 y =3z —15
\ y=—
3 x
VAN DUNG @
Tinh dién tich hinh phang giéi han bdi cac dusng sau:
y =4z Yt =2z T=VY
a) (H): . b) (H) : : ¢) (H):{z+y—3=0
y—x Yy =2x—2
y=20
v -y +1=0 2’ +y* =38
20 4+2y+1=0. e) (H): . f) (H):< ,
r+y—1=0 y© =2
y=20
2
Yy =2
y ( y* = 6x
h : k :
y=0y=3
VAN DUNG ©
Tinh dién tich hinh phing giéi han bdi cac duong sau:
y=|z —4:(;—1—3‘ y = |z|
H b) (H):
a) (H): {y—x—l—i’) ) (H) y=2— a2
y = |a? —4x—|—3‘ y = |2? —43:—|—3|
H d) (H
0) () {y_3 NCORR S

3. UNG DUNG TICH PHAN



BiNam hoc 2021-2022 BTAI LIEU HOC TAP-GIAI TICH 12

& Dang 3. Thé tich khéi tron xoay

® Loai 1
Vat thé tron xoay sinh ra khi quanh quanh tryc Yy
Oz hinh phéng dugc giéi han bdi céc duong y = F(z)
f(z),y =0,z =a,z = b vé6i f(z) lién tuc trén doan
[a; b].

@_“,,,“
N
S

Ap dung cong thic: |V =7 / fP(z) da O a

® Loai 2
Vat thé tron xoay sinh ra khi quanh quanh truc Yy
Oz hinh phéng duge giéi han bdi cac duong y =
flz),y = g(x),x = a,x = b véi f(x),g(x) lién tuc
trén doan [a; 0]

Ap dung cong thic:

V=r [ [Fa) - ¢ ds

A Luu j: Nén vé hinh dé zdc dinh cong thic thé tich cho chinh xdc nhat

1. Vi du minh hoa

Tinh thé tich khéi tron xoay do hinh phang giéi han béi cac duong y = 7,y = 0,7 = 2 va
x = 4 quay quanh truc Oz.

BAI GIAI
24

Ap dung cong thic ta c6: V = W/(\/E)2 de =m- % = 6 (dvtt).

[ 2

viou @
! Tinh thé tich khoi tron xoay do hinh phing giéi han béi cac dusng y = z; y =4a; 2 = 1; . = 2
quay quanh truc Ozx.

2

2
32
Ap dung cong thic ta c6 V = 7r/ [(42)* — 2?] da = 7T/ 152 dz = 157 - % = 357 (dvtt).
1

1

4

2

2. Bai tap tuong tu

Bai 1. Tinh thé tich vat thé xoay sinh ra bdi hinh phing quay quanh Oz

y=2"—-1 y =z y=z-2
a) (H):{z=—-1,z=1. b) (H):{z=4 . ¢) (H):{x=—-1,z=4.
y=0 y=0 y=

Bj CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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d) (H): {

y =2z — a? ‘ y=V2+coszx

y=V2+sinx

T f) (H):{x:Ox:W

Bai 2. Tinh thé tich vat thé xoay sinh ra béi hinh phang quay quanh Oz

VE 1 (y=2" — 22
A (H): YT VET b) (H):dae=0,0=1.
=0,z =
) \yzo
2 /
y=- y =
c) (H): r=11=4 d) (H):q«x
y=0 S
® Loi giai

Bai 3. Tinh thé tich vat thé xoay sinh ra béi hinh phang quay quanh Oz

y =1’
y:4x2.
y=4

3. UNG DUNG TICH PHAN



EBNGmM hoc 2021-2022

ETAI LIEU HOC TAP-GIAI TICH 12

LUYEN TAP o ..........................................

P
()=
r=0,z=1.
(v =0

(y = cosz
r=0,z=m.

l \y:()

LUYEN TAP @

y=x*—4r+6
y=—a’>—22+6

a) (H): {

Y=
.TSI

c) (H):

[ y:§

Tinh thé tich vat thé xoay sinh ra bdi hinh phang quay quanh Ox

Tinh thé tich vat thé xoay sinh ra bdi hinh phing quay quanh Oz

y =1’

b) m)'{x—w—\/;

= (v —1)?
y:

d) (H): {

& Dang 4. Thé tich clia vat thé

Thé tich cia vat thé

® Nhan dang: C6 chit "Thiét dien"
© Tinh dién S(x)
® Xac dinh 2 can a, b

b
@ Tinh theo cong thic: V = /S(m) dz.

1

1
1
1
1

1. Vi du minh hoa

c6 hai kich thuéc bang 3z va 2v/322 — 2.
BAI GIAI

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

Tinh thé tich ctia phan vat thé gisi han béi hai mit phang = 1 va = 3, ¢6 thiét dien bi cét
bdi mat phing vuong géc véi truc Oz tai diém c6 hoanh do z(1 <z < 3) 14 mot hinh chit nhat
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Thé tich vat thé tao thanh la V =

3
/337\/ 322 — 2dx.
1

5

t3 124
V= |[tdt=—| ==,
‘ / 3], 3

1

2. Bai tap tuong tw

. Dién tich hinh ch@ nhat S(z) = 3zv/322 — 2.

/3 S(z)dz = &

Doi can

1 3

t‘l 5

Datt=v312 —-2=1*=32>-2=tdt =3zdx
5

Bai 1. Tinh thé tich ctia phan vat thé giéi han bdi hai mat phang z = 0 vi = 3, ¢6 thiét dién bi
cat bdi mat phang vuong goc vé6i truc Ox tai diém c6 hoanh do x(0 < z < 3) 1a mot hinh chit nhat

c6 hai kich thudée bang x va 2v/9 — 2.

® Loi gidi.

Bai 2. Tinh thé tich ctia phan vat thé giéi han béi hai mat phing x = 0 va © = , biét ring thiét
dién ctia vat thé bi cit bdi mat phédng vuong goc véi truc Oz tai diém c6 hoanh do (0 < x < 7) la

mot tam giac déu canh 13 24/sin z.

® Ldi gidi.

Bai 3. Thé tich vat thé nam giita hai mit phing = 0 va & = 2 biét rang thiét dién ctia vat thé bi
cat bdi mat phang vuong goc véi truc Oz tai diém c6 hoanh do x(0 < 2 < 2) 1a mot nika hinh tron

duong kinh /522

® Loi gidi.

3. UNG DUNG TicH PHAN I
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Bai 4. Xét trong khong gian Ozyz, tinh thé tich clia vat thé nim gitta hai mat phang z = —1 va
x = 1 biét ring thiét dien clia vat thé bi cit béi mat phang vuong goc véi truc Oz tai diem cé hoanh
do (-1 <z < 1) la mot hinh vuong canh la 2v/1 — 22.

® Loi gidi.

Bai 5. Xét trong khong gian Oxyz, tinh thé tich cia vat thé nam giita hai mat phdng z = 1 va x = 4
biét riing thiét dien ctia vat thé bi cit bdéi mit phing vuong goc véi truc Oz tai diém cé hoanh do

z(1 <z <4) 1a mot hinh vudng canh la /.

® Loi gidi.

& Dang 5. Bai todn thuc té: Tim van téc, quéing dudng

Khi do:

Chat diém chuyén dong véi van toc va quang dudng, gia tdc duge bicu dién: v(t), S(t), a(t).

1. Vi du minh hoa

Theo gia thiét: v(0) = 5 nén C = 5.

JIEI & cHuoNG 3. NGUYEN HAMLTICH PHAN VA UNG DUNG

Mot vat dang chuyén dong véi van téc 5 m/s thi ting tdc véi gia toc a(t) = 2t + 3t% m/s%. Hoi
trong khodng thoi gian 10 giay sau khi ting toc, quang duong vat di duge 1a bao nhieu?

Van toc ctia vat v(t) = /a(t) dt = /(2t +3)dt =+ + C.
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Vay quang duong vat di duge trong khoang thoi gian 10 giay sau khi tang toc la:

10

s:/(t2—|—t3+5) dt:(

0

oto chuyén dong cham dan véi van toc v(t)

6

o7 — /(—6t ) dt.

0
¢ Tu day ta giai dudc vy = 18 (m/s).
2. Bai tap tuong tw

B ) 10 8650
4+ 45t = —
gttt — 5

! Mot 6t6 dang chuyén dong déu véi van toc vy m/s thi ngudi lai xe dap phanh. Tit thai diém do,

—6t + vo m/s. Tinh van téc ban dau vy, biét ti

lac dap phanh dén khi dimg han 6 to di duge 27 m.

Xe dimg hén ting véi t thoa v(t) = 0. Hay —6t + vy =0 < t = %.
Quang duong xe di dugc tit lic dap phanh dén lic dimg han:
2o

Bai 1. Mot vat chuyén dong cham dan déu véi van téc v(t) = 150 — 10t (m/s). Hoi trong 4 s trude

khi dimg hén, vat di chuyén duge bao nhiéu mét?

 Loi gidi.

B&ii 2. Mot nha méy thity dien xa 1§ véi toc do xé tai thoi diém ¢ giay 1 v(f) = 2¢ + 100 (m?/s). Hoi
sau 30 phit ké tit lac bat dau x4, nha méy x4 duge bao nhieu mét khoéi nude?

® Loi gidi.

Bai 3. Mot vat dang chuyén dong vdi van téc 10 m/s thi tang toc vé6i gia téc a(t) = 3t + t2 m/s2.
Tinh quang duong vat di duge trong khoang thai gian 10 giay ké tit lic bat dau ting toc.

® Loi gidi.

3. uNG buNG TicH PHAN I
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Bdi 4. Gia stt mot vat tit trang thai nghi (khi ¢t = 0 s) chuyén dong véi van téc v (t) = 5t — t2 m/s.
Tinh quang duong vat di duge cho t6i khi né ding lai (két qua duge lam tron dén chit sé thap phan
th hai).

® Li gidi.

Bai 5. Mot 0 to dang chay véi van toc 15 m/s thi ngudi lai hdm phanh. Sau khi ham phanh, 6 to
chuyén dong cham dan déu vé6i van toc v(t) = —5t + 15 m/s trong d6 t 1a khodng thai gian tinh bing
giay ké tir Iic bat dau ham phanh. Héi tir Iic ham phanh dén khi dimg han, 6 t6 con di chuyén duge
bao nhiéu mét?

® Loi gidi.

LUYEN TAP @

Mot vat chuyén dong trong 3 gio véi van téc v km/h phu thude

vao thoi gian ¢ h ¢6 do thi 14 mot phan ctia duong parabol c6
. 325\ | P »

dinh [ oty va truc doi xiing song song vd4i truc tung nhu

hinh bén. Tinh quang duong ma vat di chuyén dudc trong 3 gic

do.

t(h)

L5 3

Mot vat chuyén dong cham dan véi van toc v(t) = 150 — 15t m/s. Héi ring trong 5 s trude khi
ding hin vat di chuyén dugce bao nhiéu mét?

Mot 6 to6 dang chay déu v6i van téc b m/s thi nguoi 1ai xe dap phanh. T thoi diém d6 o to
chuyén dong cham dan déu véi van toéc v(t) = —4t +b m/s. Biét tit khi dap phanh dén lac dimg
hén thi 6 to6 di chuyén duge 50 m. Tim van téc ban dau b.

LUYEN TAP @

q

Mot 6 t6 xuat phat véi van téc vy (t) = 2t + 12 m/s sau khi di duge khoang thoi gian ¢; thi bat
ngd gip chudéng ngai vat nén tai xé phanh gap véi van toc ve(t) = 24 — 6t m/s va di them mot
khodng thoi gian t, nita thi ding lai. Hoi tit khi xuat phat dén luc ding lai thi xe 6 to da di
dugc bao nhiéu mét?

Mot chat diem dang chuyén dong v6i van téc vy = 18 m/s thi tiang tdc véi gia toc a(t) =
t2 + 5t m/s?. Tinh quang dudng chat diém dé di duge trong khodng thoi gian 3 s ké tit ltc bat
dau tang toc.

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG
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Mot vat chuyén dong véi van téc 10 m/s thi tang toc véi gia toc a(t) = t2+ 5t m/s2. Tinh quang
dudng vat di duge trong khoang thai gian 10 s ké tit lic bat dau tang toc.

LUYEN TAP @

Trong mot dot x4 1fi, nha may thiy dién da x4 I trong vong 40 phit véi téc do dong nude tai
thoi diém ¢ giay 1a v(t) = 10t + 500 m?/s. Hoi sau thoi gian x4 it trén thi hd thoat nude ciia
nha may da thoat di mot lugng nuée la bao nhiéu?

San truong c6 mot bon hoa hinh tron c¢6 tam O. Mot nhéom hoc sinh
16p 12 dudc giao thiét ké bon hoa, nhém nay dinh chia bon hoa thanh
bén phan, béi hai dusng Parabol c6 cting dinh O va dbi xting nhau qua
O. Hai duong Parabol nay cit duong tron tai bén diém A, B, C, D tao
thanh mot hinh vuong c6 canh bang 4 m (nhu hinh vé&). Phan dién tich
S1, S, ding dé trong hoa, phan dién tich S3, S, dung dé trong c6 (Dién
tich lam tron dén chit s6 thap phan thit hai). Biét kinh phi dé trong hoa
14 150.000 dong /1 m2, kinh phi dé trong cd 1a 100.000 dong /1 m2. Hoi
nha trudng can bao nhiéu tién dé trong bon hoa d6? (S6 tién lam tron
dén hang chuc nghin).

VAN DUNG @

[
Trong chuong trinh néng thon mdi,
tai mot xa X c6 xdy mot cay cau
bang bé tong nhu hinh vé. Tinh
thé tich khoi bé tong dé do du cay
cau. (Duong cong trong hinh 1 céc
duong Parabol).

Q Bai tp trac nghiém

1. Dién tich hinh phang dugc gi6i han béi ?
céc do thi ©s- / — fl@)d
1.1. Miic d6 nhan biét

Cdu 1. Dien tich S ctia hinh phang giéi han béi @ 5= /fl (z)de = /fQ(x) de
do thi ctia ham s6 y = fi(z), y = fo(x) lien tuc va “ “
hai duong thang © = a, * = b (a < b) duge tinh | Céu 2. Hinh phing giéi han béi dd thi ham sb
theo cong thic y = f(x) lien tuc trén doan [1;2], truc Ox va hai
duong thing o = 1, x = 2 ¢6 dién tich la
A)S = / | fi(z z)| d.

b @Szjf(x)dw- Szj!f(:r)!dfv-

S = [fi(z) = f2(2)] da|. h ;
a/ ©s=[lf@l e 5= [ )i
3. uNG buNG TicH PHAN I
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Cau 3. Cho ham s6 y = f(z) lien tuc trén doan
[a;b]. Dién tich S clia hinh phéng gidi han bdi do
thi ctia ham s6 y = f(x), truc hoanh va hai duong
thing z = a, z = b (a < b) dugc tinh theo cong
thic

@S:/b|f(:c)|dx. S:W/bf(x)dx.

@S:/bf(x)dx. DS = /bf(:v)dx.

Cau 4. Cho ham s6 y = f(z) lién tuc trén doan
[a; b]. Goi D la hinh phang gidi han bdi do thi ham
s6y = f(z), truc hoanh va hai dudng thang r = a,
x = b. Dién tich S ctia hinh D dugc tinh theo cong
thitc:

(A)S = /bf(:v)dx. S:/bf(x)dx.

©s=n / fAx)dz. (D) / ()] da

Cau 5. Cho ham s6 y = f(z) lién tuc trén doan
[a;b]. Dién tich S ctia hinh phéng gi6i han bdi do
thi ctia ham s6 y = f(x), truc hoanh va hai duong
thing = a, v = b dudc tinh theo cong thic

@S:/b|f(x)|dx. S:ﬂ/bf(x)dx.

@S:/bf(x)dx. D) S = /bf(x)dx.

Cdu 6. Dien tich hinh phing gi6i han béi y = 22,
y=0,z=1, =2 bing
©8
3

4 7
@g' g' D) 1.

Cdu 7. Dien tich S ctia hinh phang giéi han béi
duong cong y = f(x), truc hoanh va hai duong
thang x = —1;2 = 1 dudc tinh bdi cong thitc nao
dudi day?

A)S = /lf(x) dz. S =/1|f(x)|dx-

@Szw/lfQ(x)dx. @S:/lfQ(x)da:.

Cdu 8. Cho ham s6 y = f(z) lien tuc trén doan
[a;b]. Dién tich hinh phang gidi han bdi duong

JIEE & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

cong y = f(r), truc hoanh va cac duong thing
xr = a; v = b dugc tinh bang cong thitc nao?

A)S = / f(@)lda. S =- / f(z)da.

@S:/af(x)da:. @S:/bf(:z:)dx.

Cau 9. Dien tich hinh phéng gi6i han béi do thi
cac ham s6 y = Inx, y = 1 vh duong thang z = 1

bang

(A) e2. Be—2 (C)2e D)2 —e.
Cdu 10. Tinh dién tich S ctia hinh phing (phan
gach soc) trong hinh bén

Y

B S =
D s =

Cau 11. Cho ham s6 y = f(z) lién tuc tréen R va
c6 do thi (C) 1a dudng cong nhu hinh bén.

1=

W =

Dién tich hinh phéng giéi han bdi dd thi (C), truc
hoanh va hai duong thang z = 0, z = 2 (phan
gach chéo trong hinh la

1 2

A)S=— 0 fx)da + : fx)da
®s= [ fwar- [ s
©s=|[ s
D5= [ fa)d
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Cdu 12. Goi S la dién tich hinh phang giéi han
béi cac duong y =e*, y =0, x =0, x = 2. Ménh
dé nao dudi day dung?

2
@S = /ﬂe% dz.

2

S:/Wexdx.

0 0
2 2
@S:/ehdz. @S:/exdx.
0 0

Cau 13. Goi S la dien tich hinh phéng giéi han
béi cac duong y = e*, y =0, z = 0, z = 2. Ménh
dé nao dudi day ding?

2 2
@S—W/e%dx. S—/e””dx.
0 0
2 2
@Szw/exdx. @S:/ehdm.
0 0

Cdu 14. Goi S la dien tich ctia hinh phing gisi
han béi cac duong y = 2%, y =0, x =0, v = 2.
Menh dé nao dudi day dang?

2 2
@S:/ 27d. S:W/ 227y,
0

0
2 2
@S :/ 2% dz. @S = 7r/ 2°dx.
0 0
CdAu 15. Cho hinh phang D giéi han bdi cac
duongy = z—1,x = 0, x = 2 va truc Ox. Dién tich
S ctia hinh phang D dudc tinh béi cong thiic
2

(A)S = /(x—l)d:v

5:/2(1—95)(19;.
@5:/2|x—1\dx.
DS = /Qx—1 dz.

Cdu 16. Cho hinh phang (H) gi6i han béi do thi
ham s6 y = —2%+3x — 2, truc hoanh va hai duong
thaing z = 1, * = 2. Quay (H) xung quanh truc
hoanh duge khéi tron xoay c6 thé tich 1a

2

@V:/}x2—3x—|—2| dz.
1

2

V:/|x2—3x+2}2 dzx.

1
2

@V:W/(x2—3x+2)2dx.

1
2

@vzw/|x2—3x+2\ dz.

1

Cdu 17. Téng dien tich S = Sy + S, + S5 trong
hinh vé dude tinh bang tich phan nao sau day?
Yy

S:/Cf(x)dx—/df(x)dx—l—/bf(m)dx
@S:/cf(x)der/df(x)dx—/bf(a:)dx
@S:/cf(x)dx+/df(x)dx+/bf(x)dx

Cdu 18. Tinh dien tich hinh phang giéi han bdi
do thi ham s6 y = 23, truc hoanh va hai duong
thang = 1, x = 3.

(A)19. -
(C©)20. D) 18.

Cdu 19. Cho d6 thi ham sb6 y = f(z).
Y

Dién tich hinh phiang (phan t6 dam trong hinh)
la

@S:jf(x)dx

2186

— .

3. uNG buNG TicH PHAN IR
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S = ]3 flz)dz + /4 fz)dz.
@S:/lf(x)d:c+/4f(x)dx.

@S:/Of(m)dx—jf(x)dx.

Cdu 20. Ki hieu S la dién tich hinh phing gidi
han bdi d6 thi ham s6 y = f(x), truc hoanh,
duong thang v = a, = b (nhu hinh beén). Héi
khéng dinh nao duéi day la khing dinh ding?

)

. /)
N Ao

(A)S = /cf(.r)dx—i—/bf(x)dx.

S:/Cf(x)d+/bf(x)dx.
@S:—/cf(a:)dx+/bf(a:)dx.
@S:/bf(x)dx.

Cadu 21. Dien tich hinh phang giéi han béi hai
dudng thingz = 0, = 7, do thi ham sé y = cos z
va truc Oz 1a

™

@S: /cosxdx.

0
T

S: /cos2a:da:.

0
T

@S:/|cosx|dx.

0
g

@SIW/|COSLL”C1.T.

0

Cdu 22. Diéen tich S ctia hinh phéng gi6i han béi
do thi ham s6 y = 22, truc hoanh va cac dudng
thingz =1, 2 =21a

Bj CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

1.2. Mitc d6 théng hiéu

Cau 1. Dien tich phan hinh phéng gach chéo
trong hinh vé bén dugc tinh theo cong thiic nao
duéi day?

@/_21 (24% — 22 — 4) da.
/_21(—293—1—2)(1;1:.
@/i(Zx—Z)dx.
@/_21 (—222 + 22 + 4) d.

Cdu 2. Dien tich S ctia hinh phang giéi han bdi
dd thi ham s6 y = /7, truc hoanh va dudng thang
y=x—2la

16
©s=2 @5_177.

Cdu 3. Trong mat phing Oxy, cho hinh phang
(H) gi6i han bédi cac dudng 4y = 2 va y = x. Thé
tich V clia vat thé tron xoay khi quay hinh (H)
quanh truc hoanh bang

129 128 128 32

%ﬂ'. 9 1—57T. %ﬂ'. Bﬂ'.
Cdu 4. Cho do thi ham s6 y = f(z). Dién tich S
ctia hinh phang (phan gach trong hinh) la

y=f(7)

10
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Cau 5. Goi S la dien tich hinh phing H gi6i han
bdi cac dudng y = f(x), truc hoanh va hai dudng
thang * = —1, z = 2 (nhu hinh vé bén).

Yy y=f(z)
4
3
2
1
92 o1 2 3=
~1
92

0
Dit a = /f(x)da:,b = /f(a:)dx, ménh dé nao

0

(B)S=b+a.
@S:—b—a.

sau day duang?

@S:b—a.
©S=—-b+a.

Cdu 6. Cho ham s6 f(r) = —x? + 3 va ham sb
g(z) = 2% — 2 — 1 ¢6 do thi nhu hinh vé.

Ay =22 — 2z —1

y=—x>+3

Tich phan [ = /|f(a‘;) — g(z)| dz bang véi tich
1

phan nao sau day?

2

W= [

-1
2

B1= [l

-1
2

1= i@+

-1
2

1= [l
1
Cdu 7. Goi S la dién tich hinh phang (H) gidi
han béi cac duong y = f(x), truc hoanh, hai dudng
thang z = —1,x = 2 (nhu hinh vé bén).
y y=f(z)

) — g(x)] dz.
— f(x)] da.
g(x)] dx.

z)| = lg(x)|] dz

0
Dit a = /f(x) dx, b= /f(:v) dx. Ménh dé nao

- 0
sau day duang?

(A)S=b—a. B)S=b+a.
(C)S=-b+a. D)S=-b—a.

Cdu 8. Goi S la dien tich hinh phing giéi han bai
cac do thi y = 23 — 3z vay = 2. Tinh S.

(A)S=4 (B)S=8 (C)S=2 (D S=0.

Cau 9. Dien tich hinh phing dugc giéi han béi do
thi ham s6 y = 22 vi duong thang y = = bing

1 1 1 1

al @l oL ol
Cdu 10. Dien tich hinh phing dugc gisi han béi
d6 thi ham s6 y = f(z), truc hoanh va hai duong

thing z = a, z = b (a < b) (phan t6 dam trong
hinh vé) tinh theo cong thitic nao dudi day?

y=Ju

//////

—/Cf(x) d:v+/bf(x)dx

3. UNG DUNG TICH PHAN
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B)S = /bf(x)dx.
@Sz/cf(x)dx+/bf(a:)dx.
@S:/bf(a:)dx.

Cau 11. Tinh dién tich hinh phang giéi han béi
cac duong y? +r—-5=0,2+y—3=0.

19 15 37 9

b el o ol
Cdu 12. Dieén tich ctia hinh phang giéi han béi
cac dudng y = 23 va y = z* biang

9 1 1 1

n Py O Dy
Cdu 13. Dien tich phan hinh phang gach chéo
trong hinh vé bén dugc tinh theo cong thitc nao
duéi day?

Y

@/3 (2% — 22 — 11) du.
@/3(—:(;2 + 22 +11) da.

Cadu 14. Dien tich hinh phéng gi6i han béi hai do
thiy = 2? + 22, y = x + 2 bang

7 9 5 11

OF > ©3 5
Cau 15. Goi S 1a s6 do dién tich hinh phang gisi
han béi cac duong y = xsinz,y =0,x =0,z = 7.

Tinh cos —.
2

(A)o. B 1. (C)-1. @%.

I & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

Cadu 16. Dién tich hinh phang giéi han béi do thi
r—1

H):y=
(H):y T+ 1

va cac truc toa do 1a

(A)In2 — 1. (B)In2+1.
(C)2ln2—1. (D)2In2+ 1.

Cadu 17. Dién tich hinh phang giéi han béi do thi
2

2 L lS=a+bn2

r—1

v6i a, b 1a nhitng s6 hitu ty. Tinh a + b.

A-I ®2 ©-2 0L
3 3
Cadu 18. Tinh dien tich hinh phang giéi han béi

do thi ham s6 y = z1lnz, truc Oz va dudng thang
T =e.

e +3
(A)S = 0 B) S = )
@S:eg—l. @S:eil.

Cdu 19. Cho d6 thi ham s6 y = f(z) nhu hinh
Ve.

cua hai ham y =z° vay =

e?—1

Dién tich S ctia hinh phing dugc gidi han béi do
thi ham s6 y = f(x) va truc Oz (phan gach soc)
dugce tinh béi cong thiic

Cdau 20. Goi S la dien tich ctia hinh phing gisi
han béi do thi (¢) ctia ham s6 y = zv/1 + 22,
truc hoanh, truc tung va dudng thing = = 1. Biét
S = a2+ b, véi (a,b € Q) va a,b viét dang cac
phan s6 t6i gidn. Tinh a + b.
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@a+b—
©a+b—

Cdu 21.

a+b:
@a+b:

Goi S 1a dién tich hinh phang gi6i han

|>—tc>|>—t

1
5
0

boi 1do thl1 ham s6
flx) = §x3 —z? - 3¢+ 1 va truc hoanh nhu
hinh vé bén.

Y

75

Meénh dé nao sau day sai?

<Dszjumwm

Cadau 22. Cho ham s6 y = f(z) lien tuc tren R va
c6 do thi nhu hinh vé bén.

Y

Hinh phéng duge danh dau trong hinh vé bén cé
dién tich la
b

@S:/bf(a:)dx—/f(az)dx.

C
c

S:/bf(a:)da:—/f(x)dx.

b

@S:—/bf(x)dx—i-/cf(x)dx.

@S:/bf(x)dx+/cf(x)dx
a b

Cdu 23. Goi S la dién tich hinh phang giéi han
bédi cac do thi ham s6 y = 22+ 3,y = 4x. Xac dinh
ménh dé dung.

3
@S:/|x2+4x+3‘ dz.
1

S:/(x2+4x+3) d.

1
3

@S:/|$2—4x+3| dz.

3

@S:/(‘x2+3| — |4z]) dx

Cadu 24. Dien tich hinh phang gi6i han béi do thi
ham s6 y = f(z) = z(x — 1)(x — 2) va truc hoanh
bang

A

® [ s
@/f drc—/f
@/Ofxdx—/lfx

Cadu 25. Cho ham s6 y = f(x) lien tuc trén doan
[a; b], c6 dd thi tao véi truc hoanh mot hinh phang
gom 3 phan c6 dién tich S;; Sy; S3 nhu hinh vé.

Yoy =f@
am S3\ b
[N/ )7

Tich phan /f(x) dz bang

2

f(z)dz|.

0

(B) S1 — So + S;.
@51+S2—

Cadu 26. Tinh dien tich hinh phang giéi han béi
1

(A) Sy + S5 — 8.
(C)S1 + S, + Ss.

cac duong y = 22, y = —3% + 3 va truc hoanh

3. UNG DUNG TicH PHAN [T



BiNam hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

nhu hinh vé bén.y

2
\
1 7
7 56 39 11
@g. E. ?. g.

Cdu 27. Tinh dién tich phan hinh phing gach
chéo (tam giac cong OAB) trong hinh vé bén.

Yy
y=z y=(z—2)?
1E--X4
1 2 X
DE om il 57
6 6 15 15

Cdu 28. Dién tich hinh phing dugc gidi han béi
hai duong y = 22 — 3z va y = x bing
8 16 32
2. =. —. —.

® ® - 3 :

CdAu 29. Goi S la dien tich ctia hinh phing gisi
han béi do thi (€) ctia ham s6 y = zv/1 + 22,
truc hoanh, truc tung va dudng thang = 1. Biét
S = aV2+b, véi (a,b € Q) va a,b viét dang cac
phan sb t6i gié’nn Tinh a + b.

Na+b=x. Bla+b=
Cla+b=-. Da+b=

1
5
0

oo|>—nc:|

Cdu 30. Tinh dién tich hinh phéng giéi han bsi
do thi ham s6 y = zInz, truc Ox vh dudng thang
T =e.

@S:e2+3
1
e’ +1

e —1

®s=

e? +1
D) S = T

Cau 31. Cho hinh phang D giéi han béi do thi
ctia hai ham s6 y = f(z), y = g(z) (phan to dam

I & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

trong hinh vé).

y = f(x)

@)

Goi S 1a dién tich ctia hinh phang D. Ménh dé nao
duéi day duang?
0

W= [ 1#@) - g(o)] do.
S = / l9(x) = f(2)] da.
©s= / () + g(x)] da.
Ds= / f(2) = g()]* dx.

=3
Cdu 32. Tinh dién tich S ciia hinh phang gi6i han
bdi do thi ham s6 y = cosx + 2, truc hoanh va cac
dudng thang r = 0, r = —

i3

2 7
Rs=3-2  ®s=T+
@szg g @5_” ?

Cdu 33. Tinh dién tich S ctia hinh phang gi6i han
béi cac duong y = 22—z vay = x + 3.

@sz%. 5:13—6.
(C)S = 16. D) S = 32.

Cadu 34. Cho ham s6 y = f(z) lién tuc tréen R va
c6 do thi (C) 1a duong cong nhu hinh bén dudi.
Y

y = f(z)

Dién tich hinh phang gi6i han béi do thi (C), truc
hoanh V‘a hai duong thang z = 0,z = 2 (phan bi
boi den)

OFE /f dx—/f
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® S = 0
@S:—/Olf(x)dx—i—/le(x)dx
@Sz/jf(x)dx

Cdu 35. Dién tich hinh phéng giéi han bdi hai do
thi ham s6 y = 2% — 12z va y = 22 I

939 979
Clg=10 @s= 937

Cdu 36. Cho do thi ham s6 y = f(a:) Dién tich
S ctia hinh phang (phan t6 dam ctia hinh vé duéi)
la

x) dx|.

//////
277

Cadu 37. Dien tich mién D dugc gidi han bdi hai
duong: y = 222 vay = —2x — 4 1a

3 13 1

—. 9. —. —.

13 3 @ 9
Cadu 38. Hinh phang giéi han béi cac duong y =
22 +1,y=0,2 =0, x=1codién tich bang

) 7 4 3
Wy ®; ©; OF
Cdu 39. Dien tich S ctia hinh phang giéi han béi
do6 thi ham s6 y = 23, y = 2° bang
(A)S =1. S =2
1 1
S— 2. S— -
Cs= Ds=g
Cdu 40. Tinh dién tich mién phang gidi han béi

cac duong y = x® + 2z + 1, truc hoanh, x = 1 va
T = 2.

31 49 21 39

T &3 93 ©oF
Cadau 41. Dien tich hinh phang gi6i han béi do thi
ham s6 y = ———, truc hoanh va céc dudng

thang * = —1, x = 0 bang

(A)3In2— 1. ®) 2.
1. (D)2In3 — 1.

Cdu 42. Tinh dién tich S ctia hinh phéng giéi
han bdi do thi ham s6 y = —a® + 322 — 4 va truc
hoanh.

@S:%. sz%.
(©)s=4. D)S=1.

Cdu 43. Tinh dién tich S cia hinh phéng gi6i han
bdi do thi ham s6 y = 22 — 40 v y = 2.

25 125
@S:%. @Szg

Cdu 44. Tinh dién tich S cia hinh phang gi6i han
béi cac duong y = 2?> —x, y = x + 3.

@S:%. 5:2—6.
(C)S = 16. D) S = 32.

Cdu 45. Cho ham s6 y = f(z) lién tuc trén R va
¢6 do thi (C) 1a dudong cong nhu hinh ben.

Y

Dién tich hinh phang gi6i han béi do thi (C), truc
hoanh va hai dudng thing z = 0, = 2 (phan t6
den) 1a

@S=/1f(x)dw—/2f(w)dw
® s = /f

C)S§=-— /f dx+/f
3. uNG buNG TicH PHAN [
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@S:/Qf(a:)dx

Cadu 46. Dien tich ctia hinh phing giéi han béi
do thi ham s6 y = (z — 2)?> — 1 va truc hoanh

bang
3 4 2
®l ©f o

25
T
Cadu 47. Dien tich ctia hinh phang giéi han béi do
thi ham s6 y = 22+ 2 — 2 va truc hoanh biang

. B8 ©f o

Cadu 48. Dien tich ctia hinh phing giéi han béi
do thi ham s6 y = —Inaz, truc hoanh va duong
T

thing = e bing
1 1
@5. ® 1. ©Z‘ D) 2.

Cdu 49. Dien tich hinh phang duge giéi han béi
d6 thi ham s6 y = xe®, truc hoanh, hai dudng
thang r = —2; 2 = 3 ¢6 cong thitc tinh 1a

3 3

@S:/xezdx. S:/\xeﬂ dz.
2
3 3
@S: /xe”dx. @S—W/xewdx.
—2 —2

Cdu 50. Cho do thi ham s6 y = f(z). Dien tich
S ctia hinh phing thudc phan t6 dam trong hinh
vé bén la

N
I
—
=
o)
o,
S
_I_
S S O
’\H
&
o,
S

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

@S = /4f(af;)d:c

1.3. Mitc d0 van dung

Cau 1. Cho ham s6 y = f(x) ¢6 dao ham f'(z)
lien tuc trén doan [0; 5] va do thi ham s6 y = f(z)
trén doan [0; 5] dugc cho nhu hinh bén.

I 7T N
O 3 5 7
-5

Tim ménh dé dﬁng

(A) £(0) < f(3).
£(3) <0> = f(5).
<Dﬂ £(0) < £(5).
D) £(3) < £(5) < £(0).

Cdu 2. Trong mit phang toa do Ozy, cho parabol
(P): y = 2% va hai dudng thing y = a, y = b
(0 < a < b) (hinh vé bén).

e

e |

Goi 5] 1a dién tich hinh phéng gi6i han bdéi parabol
(P) va dudng thang y = a (phan t6 den); S, 1a dién
tich hinh phang giéi han béi parabol (P) va dudng
thang y = b (phan gach chéo). V6i dicu kién nao
ciua a va b thi S; = 557

(A)b = Via. (B) b= V/2a.
(©)b = ¥/3a. (D) b = V/6a.

Cdu 3. Cho ham s6 f(z) = 2* —52* + 4. Goi S
la dién tich hinh phing gi6i han béi do thi ham s
y = f(x) va truc hoanh. Ménh dé nao sau day la
sai?

CﬂzjV®Mw
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2

OFE (z) dz +2/f(x)d:c.

Cdu 4. Dién tich S ctia hinh phéng giéi han béi
do thi ctia hai ham s6 y = —22° + 22 + 2 + 5 va
y = 2?> —x + 5 bang

(A)S=r. B) S =0.

(©)8 = @S:%.

Cdau 5. Cho ham sb6
— 423, khi0<az<1

f(z) = 7 %O_x_ . Tinh dién tich
4 — 22, khi x >1

hinh phang gi6i han béi doi thi ham s6 f(x) va céc

dudng thing z =0, x =3, y = 0.
?. 9 ?. (D) 10.

Cdu 6. Cho ham s6 y = f(x) ¢6 do thi nhu hinh
vé
Y

7
/////

77
7
7
77
A
4
7
2
77 7
77 7
77 77

va dien tich hai phan A, B lan lugt bang 11 va 2.
0
Gia tri ctia [ = / f(3z + 1) dz bang
-1

@i  ®T ©s OB

Cau 7. Cho parabol (P) c6 phuong trinh y = 22
va duong thang d di qua diem A(1;3). Gia sit khi
dudng thing d c6 hé sé goc k thi dien tich hinh
phéng giéi han béi parabol (P) va dudng thang d
14 nhoé nhat. Gia tri thuc ciia k thuoc khodng nao

sau day?
(A) (—o00; -3). (3; +00).
©)(=30). D) (0;3).
Cadu 8. Dién tich mién hinh phing giéi han béi
cac duong y = 2%, y = —x + 3, y = 1 bang

1
1s ® -1

@

112 lri2
@ln2+1 @E+2

Cdu 9. Cho hai ham s6 y
(a,b,c € R). C6 do thi (C)
(m,n,p € R) c¢6 do thi (P)

= 2% + ax® 4+ br + ¢,
va y = ma® + nx + p,
nhu hinh vé.

Dién tich hinh phang gi¢i han béi (C) va (P) c6
gia tri nam trong khoadng ndo dudi day?

A)0;1). B (12). (©)(34). D) (23).

Cadu 10. Cho ham s6 y = f(x) ¢6 dao ham lien
tuc trén [—1;2]. D6 thi clia ham s6 y = f/(x) dugc
cho nhu hinh ve.

w2

) 5
Dién tich cac hinh phang (K), (H) lan lugt 1a —

19 12
—, tinh f(2).

8
va 5. Biét f(—l) =5

(A) £(2)
C©f2)

2. Van tbc, gia tdc, quang duong

Cau 1. Mot chiéc 6 to dang chay vé6i van toc 15
m/s thi ngusi lai xe hdm phanh. Sau khi ham
phanh, 6 t6 chuyén dong cham dan déu véi van
toc v(t) = —3t+ 15 m/s, trong do ¢ (giay). Hoi tit
lic ham phanh dén khi dimg hén, 6 t6 di chuyén

duge bao nhiéu mét?
37,2 m.

(A) 38 m.

(C)37,5 m. (D) 37 m.
Cdu 2. Mot 6 to dang chay v6i van toc 20 m/s thi
ngudi lai dap phanh; tit thoi diém do6, 6 to chuyén

3. uNG buNG TicH PHAN I
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dong cham dan déu véi van toc v(t) = —10t + 20
(m/s), trong d6 t la khodng thoi gian tinh bang
giay, ké tir lac bat dau dap phanh. Hdi tit lac dap
phanh dén khi ditng han, 6 t6 con di chuyén bao

nhiéu mét?
(A)5 m. 20m. (C)40m. (D)10m.

Cadu 3. Hai nguoi A va B ¢ cach nhau 180 (m)
tren mot doan dudng théng va ciing chuyén dong
thing theo mot huéng véi van téc bién thien theo
thoi gian, A chuyén dong véi van toc vy (t) = 6t+5
(m/s), B chuyén dong vé6i van toc vy(t) = 2at — 3
(m/s) (a 1a hing $6), trong d6 ¢ (giay) 1a khoang
thoi gian tinh tit lic A, B bat dau chuyén dong.
Biét ring lac dau A dudi theo B va sau 10 giay thi
dudi kip. Hoi sau 20 (giay), A cach B bao nhiéu

mét?
(B) 360 m.

@ 720 m.
(C)320 m. (D) 380 m.

CdAu 4. Mot vat chuyén dong véi van toc v(t) =
3t2 +4 (m/s), trong do6 t 1a khodng thoi gian tinh
bang giay. Tinh quang duong vat dé di dugc trong
khodng thoi gian tit giay thit 3 dén giay thit 10.

(A)945 m. 994 m.
(C)471 m. (D) 1001 m.

Cau 5. bé dam bao an toan khi luu thong trén
duong, cac 6 to khi dimg den do phai cach nhau
t61 thiu 1 m. Mot 6 to A dang chay véi van toc 16
m/s thi nguoi 14i xe thay o to0 B dang diing ding
den do nén ham phanh, 6 t6 A chuyén dong cham
dan déu véi van téc dude biéu dién béi cong thic
v(t) = 16 — 4t m/s. Hoi rang dé khodng cach gitta
hai 6 to A va B la an toan thi ngusi lai 6 t6 A
phai ham phanh cach 6 t6 B mot khoang it nhat
la bao nhiéu?

(A)33m. (B)12m. (C)31m. (D)32m.

Cdu 6. Mot tay dua dang diéu khién chiéc xe dua
ctia minh véi van téc 180 km/h. Tay dua nhan ga
dé vé dich ke tit d6 xe chay véi gia toc a(t) = 2t+1
(m/s?). Hoi ring 4 s sau khi tay dua nhan ga thi
xe dua chay véi van tdc bao nhieu km/h?

(A)200 km/h. 252 km/h.
(C)288 km/h. (D) 243 km/h.

Cdau 7. Mot chat diém thyc hién chuyén dong
thang trén truc Oz, véi van téc cho béi cong thiic
v(t) = 3t* + 4t m/s v6i t 1a thoi gian. Biét rang
tai thoi diém bat dau ctia chuyén dong, chat diém
dang & vi tri ¢6 toa do o = 1. Toa do clia chat
diém sau 1 giay chuyén dong la?

JIEE & cHuoNG 3. NGUYEN HAMLTICH PHAN VA UNG DUNG

@x:4. x:5. @x:ﬁ @9329.

Cdu 8. Mot chat diém chuyén dong thang véi gia
toc a(t) = 3t> +t m/s (v6i t 1a thoi gian tinh béng
giay). Biét van tdc ban dau ctia chat diém la 2
m/s. Tinh van toc ctia chat diém sau 2 s.

@ 12 m/s. 10 m/s.

@8 m/s. @16 m/s.
Cdau 9. Mot vat chuyen dong trong 4 gio véi van
toc v (km/h) phu thuoc vao thoi gian ¢ (h) c¢6 do
thi 14 mot phan ctia duong parabol c¢6 dinh I(1;3)
va truc doi xing song song vdéi truc tung nhu hinh
vé bén.

124------------

1

ol 1 4 #(h)
Tinh quing duong s ma vat di chuyén dudc trong
4 git ké tir lac xuat phat.

@3:% (km). (B) s =10 (km).
@s:20 (km). @5:% (km).

Cadu 10. Giad st mot vat tu trang thai nghi khi
t = 0 (s) chuyén dong thang v6i van toc v(t) =
t(5 —t) (m/s). Tim quang dudng vat di dugc khi
n6 dung lai.

@%m 25m.
%m. @5m.

Cau 11. Mot 6 to chuyén dong nhanh dan déu
véi van toc v(t) = 7t (m/s). Di duge 5 (s) ngudi
l14i xe phat hién chuéng ngai vat va phanh gap,
o t6 tiép tuc chuyén dong cham dan déu véi gia
toc a = —35 (m/s?). Tinh quang dudng cia o t0
di dugc tit lac bat dau chuyen banh cho dén khi
ditng han?

(A) 96,5 mét. 102,5 mét.
(C)105 mét. (D) 87,5 mét.

Cdu 12. Mot 6 to dang chay déu véi van toc
a m/s thi ngudi lai dap phanh. Tu thoi diém
do6, 6 to chuyen dong cham dan déu véi van tbc
v(t) = =5t + a trong d6 thoi gian tinh bang giay
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ké tit lic dap phanh. Hoi van téc ban dau a ctia 6
to bang bao nhiéu, biét tit lic dap phanh dén khi
xe dimg han 6 to di duge 40 m.

(A)a = 40. (B) a = 20.
(Cla=25. (D) a = 10.

Cadau 13. Mot 6 to bt dau chuyén dong nhanh
dan déu v6i van toc v(t) = 6t (m/s). Di duge 10 s,
ngudi lai xe phéat hién chuéng ngai vat va phanh
gap, 0 t0 tiép tuc chuyén dong cham dan déu véi
gia toc a = —60 (m/s?). Tinh quang duong S di
dugc ciia 6 t6 tit ldc bat dau chuyén banh cho dén
khi dimg han.

(A)S = 300 m.
(C)S =350 m.

Cadu 14. Mot vat dang chuyén dong véi van toc

) , 1
10 m/s thi tang toc véi gia toc a(t) = 2t + §t2

(m/s?), trong d6 ¢ la thoi gian tinh bing giay ké
tut lic bat dau tang tdc. Hoéi quang dudng vat di
dugc trong khoang thoi gian 12 giay ké tir lic bt
dau ting téc bang bao nhiéu mét?

(A)1272 m. 1372 m.
(C)1172 m. (D) 456 m.

3. Thé tich khoi tron xoay

(B) S =330 m.

(D) S = 400 m.

3.1. Mifc d6 nhén biét

Cdu 1. Cho ham s6 y = f(x) lién tuc trén [a;b].
Thé tich vat thé tron xoay sinh ra khi cho hinh
phéng gidi han béi cac duong y = f(z),y = 0,2 =
a,r = b quay quanh truc hoanh la

@V=7r/bf2(x)dx- V= /be(.r)dx.

@V:w/bf(x)dx. @V:W/qu(x)dx.

Cdu 2. Cho hinh phéang () gi6i han bdi do thi
ham s6 y = —2%+ 3x — 2, truc hoanh va hai duong
thang * = 1,7 = 2. Quay () xung quanh truc
hoanh dugce khéi tron xoay c6 thé tich 1a

2
@V:/}x2—3x+2|dx.
1
2

V:/}x2—3m+2|2dx.

1

2

@V:W/(x2—3x+2)2da:.

1
2
@V:W/|x2—3x+2‘dx.
1

Cau 3. Cho hinh phéng (H) gi6i han bdi cac
duong cong y = 2> +3,y =0, 2 = 0, x = 2.
Goi V 1a thé tich khéi tron xoay dugc tao thanh
khi quay (H) xung quanh truc Oz. Ménh dé nao
sau day duang?

2

@V:ﬂ/($2+3)2dm.

0
2

V:/(:r2+3)d:c.

0
2

Qv = /(:U2+3)2d3:.

0
2

@V:ﬂ/($2+3)dx.
0
Cdau 4. Cho ham s6 y = f(z) lien tuc trén R.
Khi cho hinh phang (D) gi6i han bdi do thi ham
s6y = f(x),y =0, x =7, v = e, quay quanh
truc Oz ta duge mot khéi tron xoay c6 thé tich V.
Khi d6 V' duge xac dinh bang cong thiic ndo sau
day?

@V=W]|f(x)dx|-
V= ﬂ7f<w) da.
evr e
ov e

Cdu 5. Tinh thé tich vat thé tron xoay khi quay
hinh phang (H) giéi han bdi do thi ham s6 y = %,
truc hoanh, va cac duong thing = = 1, x = 4
quanh Ozx.

(A)V = 6. (B)V =127

(C)V =In1272 (D) V = In256.

Cdu 6. Goi V 1a thé tich ctia khoi tron xoay thu
duge khi quay hinh thang cong, gi6i han bdi do

3. uNG buNG TicH PHAN [
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thi ham s6 y = sinz, truc Oz, truc Oy va dudng
, T R
thang © = > xung quanh truc Oxz. Ménh dé nao

dudi day dung?

3 3
@Vz/siandx. V:/Sinxdx.
0 0
g jus
@V:W/sin2xdx. @V:W/sinxdm.
0 0

Cdau 7. Cho hinh phing D giéi han bdi duong
cong y = /24 coszx, truc hoanh va cac duong
thaingz =0, v = g Tinh thé tich V ciia khéi tron

xoay tao thanh khi quay D quanh truc hoanh.

AV =r-1. B V=r+1

@VZ?T(?T—l). @V:W(W+1).
Cau 8. Thé tich cia khéi tron xoay thu duge khi
quay hinh phang dugc giéi han béi duong cong
y = sinz, truc hoanh va hai dudng thang z = 0,
x = m quanh truc Oz 1a

Br. B ©T. O

CAu 9. Cho (H) la hinh phéang gisi han bdi do thi
ham s6 y = v/—e® + 4x, truc hoanh va hai dudng
thang z = 1, x = 2; V 1a thé tich khéi tron xoay
thu duge khi quay hinh (H) quanh truc hoanh.
Khang dinh nao sau day ding?

2
@V:ﬂ'/ (e* —4x)dx .
"2
V—W/ (4dx — e”) dx.
1
@V:/ (" —4x)dx .
"2
@V:/ (4dx — e”) dux.
1
Cdu 10. Cho hinh phang trong hinh (phan gach

soc) quay quanh truc hoanh.
Y

V)
~ B
y=g(x)
@) a b ‘

Theé tich khéi tron xoay tao thanh dugc tinh theo
cong thiic nao?
By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

v =r [ - g) d.

a

b

OV=r / f(2) - g(x) de.

a

Cdu 11. Cho ham s6 y = f(x) lién tuc trén doan
[3;4]. Goi (D) la hinh phéng gi6i han bdi dd thi
ham s6 y = f(z), truc hoanh v& hai dudng thang
r = 3, = 4. Thé tich khéi tron xoay tao thanh
khi quay (D) quanh truc hoanh dugc tinh theo
cong thiic

Cdu 12. Cho hinh phang (H) giéi han bdi cac
duong y = 22+ 3,y =0, 2 =0, 2z = 2. Goi V
la thé tich ctia khdi tron xoay dudc tao thanh khi
quay (H) xung quanh truc Oz. Ménh dé ndo dudi
day ding?

2

@V—W/(a:2+3)2da:.

0
2

V:W/(a:2+3)da‘:.

0
2

Qv = /(I2+3)2dx.

0
2

@vz/(:c2+3)dx.

0

Cdu 13. Cho hinh phang (H) gidi han bdi cac
dudng thang y = 22+ 2,y =0,z = 1, v = 2. Goi
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V 1a thé tich ctia khéi tron xoay dugc tao thanh
khi quay (H) xung quanh truc Ox. Ménh dé nao
dudi day duang?

2

@V:w/(x2+2)2dx.

1
2

V:/(as2—l—2)2dx.

1
2

@V:W/(:v2+2)dx.

1
2

DV = /(9:2+2)d:1:.
1
Cdu 14. Cho hinh phang trong hinh bén (phan
t6 dam) quay quanh truc hoanh. Thé tich khdi
tron xoay tao thanh duge tinh theo cong thitc nao
trong cac cong thic sau day?

= f(x)

©v=r [l -

ov=r[[rw

Cau 15. Thé tich khéi tron xoay c6 dugc khi
quay quanh Oz hinh phang gii han béi cac dudsng
y=+/T,y=0,2=0,7 =1 bing

vz%ﬂ.
ov-]

Cau 16. Theé tich khéi tron xoay tao duge do hinh

— ¢*(z)] da.

phéng gi6i han béi cac duong y = %; y=0;x=1;
x = 4 quay quanh truc Oz la
21m 9 15 21 157
16 16° 16° 8

Cdu 17. Cho ham s6 y = 7 ¢6 do thi (C). Goi
D 1a hinh phing gidi han béi (C), truc hoanh va
hai duong thing v = 2, = 3. Thé tich ctia khoi
tron xoay tao thanh khi quay D quanh truc hoanh
dugce tinh béi cong thiic
3 3
@V—Trz/ﬂ'mdl’. .V—WS/dex
2 2
3 2
@V:ﬂ'/ﬂ'2zdl’. @V:W/W%dx.
2 3
Cdu 18. Cho hinh phéng H gi6i han bdi cac
duong y = /In(2x+1), y =0,z =0, r = 1.

Tinh thé tich ctia khéi tron xoay tao thanh khi
quay hinh H quanh truc Ozx.

@21113—1. ® =

2
@(W—i—%)lniﬁ—l. @37”1n3—7r

Cdu 19. Cho hinh phéng (D) dudc giéi han bdi
cac duong z =0,z = m,y = 0 va y = —sinx. Thé
tich V' ctia khoi tron xoay tao thanh khi quay (D)
xung quanh truc Ox dugce tinh theo cong thiic

@V = 7T/|SiI1£L‘| dz.

0
™

V:ﬂ/sin2xdx.

0

@V: /sinQ:vd:v.

0

In3 — 7.

™

DV=nr /(—sina:) dz|.

0
Cadu 20. Goi D la phan mit phéng gisi han bsi
cac duong + = —1,y = 0,y = 2. Thé tich khéi
tron xoay tao nén khi quay D quanh truc Oz

bang
v s T
®s ©F OF

2m
-
CdAu 21. Thé tich khéi tron xoay tao thanh khi
quay hinh phing giéi han béi do thi ham s6 y = ¢®
va cac duong thang y = 0; o = 0 va = 1 dude
tinh bdéi cong thic nao sau day?

3. uNG DuNG TicH PHAN I
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1
@V: /ezxdx.
0

1
@V: /e“zdx.
0

CdAu 22. Thé tich khéi tron xoay sinh ra khi
quay hinh phang giéi han béi do thi cac ham s6
y=a2—-2x,y=0,z=—1, x =2 quanh truc Ox
bang

167 9 177 187 5%

5 5 5 18"

Cdu 23. Tinh thé tich khéi tron xoay do hinh
phéng gi6i han béi cac dudng y = cosz,y = 0,2 =
0,x = ™ quay xung quanh Ozx.

(A)0. (B) 2r. @%2. D) 2.

Cdu 24. Goi (H) la hinh phang gidi han bdi do
thi ham s6 y = +/—e® + 4z, truc hoanh va hai
dudng thing x = 1; = 2. Goi V la thé tich cta
khéi tron xoay thu duge khi quay hinh (H) xung
quanh truc hoanh. Chon khing dinh ding trong
cac khing dinh sau day.

2

@V:ﬂ/(ex—élx)dx.

1
2

V:/(em—élsc)dx.

1
2

@V = /(4x—em)dx.

1
2

@V:ﬂ/(élx—e“)dx.

1

Cau 25. Thé tich khéi tron xoay tao thanh khi
quay hinh phéng giéi han béi cac duong y = xe®,
y =0,z =0,z =1 xung quanh truc Ox la

1

1
@V:/xthdx. V:W/xezdx.

0 0
1 1

@V:W/a:Qe%dx. @V:ﬂ'/lz
0 0
Cdu 26. Cho hinh phing 2 giéi han béi duong
cong y = €%, truc hoanh vi cac duong thing
r = 0,z = 1. Khéi tron xoay tao thanh khi
quay Z quanh truc hoanh cé thé tich V bang bao
nhiéu?

e dz.

IS & cHuoNG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

e+1)
2

@vzeQ_l. ®v=-2T
©v==_ (e _1>. @V:%.

Cdu 27. Cho hinh phéng (D) dudc giéi han bdi
cac duong r = 0,z = 1,y = 0 vay = v2x+ 1.
Thé tich V ctia khéi tron xoay tao thanh khi quay
(D) xung quanh truc Oz dugc tinh theo cong thic
nao dudi day?

1

(Dv—w/wﬁiTm.

0
1

VIW/(2£U+1)dSL'.

0
1

@V:/(2x+1) dz.

0

(DV:/%ETMm

Cadu 28. Cho hinh (H) gi6i han béi cac dudng
y = —x? + 2, truc hoanh. Quay hinh phang (H)
quanh truc Oz ta dugc khéi tron xoay cé thé tich
la

4967 32T A7 167

- Pn O3 05
Cdu 29. Thé tich khéi tron xoay do hinh phing
gi6i han bdi cac duong y = %, y=0,x=12z=4

khi quay quanh truc Oz bang
21

1 1
@ 2m. 9 IDLE T @ I

Cau 30. Goi V la thé tich ctia khéi tron xoay thu
dugc khi quay hinh thang cong, gidi han bdéi do
thi ham s6 y = sinz, truc Oz, truc Oy va dudng
thing r = g, xung quanh truc Ox. Ménh dé nao

duéi day dang?

0 0

3.2. Miic d6 thong hiéu

Cdu 1. Cho mién phang (D) gi6i han bdi do thi
ham s6 y = /7, hai duong thang x = 1, x = 2



BNGm hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

va truc hoanh. Tinh thé tich khéi tron xoay tao
thanh khi quay (D) quanh truc hoanh.

3m 2m 3
Cdu 2. Ki hiéu (H) la hinh phang gigi han béi
do thi ham s6 y = 2z — 2% va y = 0. Tinh thé tich
vat thé tron xoay dugc sinh ra béi hinh phing (H)
khi n6 quay quanh Ozx.

167

@V:1—5 V:E
@V_l&r @V_197T

Cdu 3. Cho hinh phiéng (H) gi6i han béi céc
duong y = /x va y = x. Tinh thé tich V cia
vat thé tron xoay khi quay hinh (H) quanh truc
Ox.

Cdau 4. Cho hinh phiang (H) giéi han bdi cac
duong y = 2% y = 0; = 2. Tinh thé tich V
ctia khoi tron xoay thu duge khi quay (H) quanh
truc Ox.

AV ="_. V:%
@V— @V:?’%ﬁ.

Cdu 5. Tinh thé tich khoi tron xoay tao thanh
tit viec quay hinh phéng giéi han béi cac dudong

OOOJIOO

y=tanz,y=0,2=0, 2= 1 quay quanh truc

Ozx.

A)s5. B (1 - g)

3 1
B O (5+7)
CdAu 6. Cho hinh phéng (H) giéi han bdi do thi
ham s6 y = 2z — 22 va truc hoanh. Tinh thé tich
V clia vat thé tron xoay sinh ra khi cho (H) quay
xung quanh truc Oz.

16
®V:}1_57T
@V:§

Cadu 7. Tinh thé tich ctia khéi tron xoay khi quay
hinh phang giéi han béi cac duong y = 2% — 4,

y=2xr—4, x =0, x =2 quanh truc Ozx.
327 9 327 327 221
7 5 15 5

Cadu 8. Thé tich khéi tron xoay dude tao thanh
khi quay hinh phing giéi han bdi do thi ham s6

y = 3x — 2% va truc hoanh, quanh truc hoanh.
81 41
Y= T (dvtt).
810 8g
bis T
— dvtt
©= D=5 (@vio),
Cdu 9. Cho hinh phéng (H) giéi han béi céc
O,x:Ovéx:g.Thé

(dvtt).
(dvtt).

duong y = cosz, y =

tich vat thé tron xoay c6 duge khi (H) quay quanh
truc Oz bang

71'2 s 7T2

Cau 10. Cho hinh phang D giéi han bdi duong
cong y = Inz, truc hoanh va duong thang = = e.
Tinh thé tich V ctia khéi tron xoay tao thanh khi
quay D quanh truc hoanh.

V=r-(e—2).

@ V=n-(e+1).

CV=r-e DV=r-(e—1).
Cdu 11. Tinh thé tich ctia vat thé tron xoay khi
quay hinh (H) quanh truc Ox véi (H) dugc gidi
han béi do thi ham s6 y = V4x — 22 va truc
hoanh.

3l 327 34m 35T

R T e
Cau 12. Theé tich V clia vat thé tron xoay sinh ra
khi hinh phang giéi han béi cac dudng y = o — 1,
truc hoanh va x = 2 quay quanh truc hoanh
bang

wv =< ® V=
©V =2n DV =

Cdu 13. Goi (H) la hinh phang giéi han bdi do
thi ham s6 y = Va2 — 4, truc Oz, dudng thang
x = 3. Tinh thé tich khoi tron xoay tao thanh khi
quay hinh phang (H) quanh truc hoanh.

AV = %ﬂ (dvtt). V= %ﬂ (dvtt).

@ V = 2m (dvtt). @ V = 3 (dvtt).
Cdu 14. Cho hinh phing glOl han béi cac duong
y=+tanz;y = 0;2 = 0; $—unayxungquanh
truc Oz. Tinh thé tich vat thé tron xoay dugc sinh

mln3

ra.
@% 1 @WIHQ @71’1112

Cdu 15. Cho hinh phéng (H) gisi han béi do thi
ham s6 y = 222 — x — 1 va truc hoanh. Thé tich
vat thé tron xoay khi quay (H) quanh truc hoanh
bang

1
2
2

3. UNG DUNG TicH PHAN  [JIELIH
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&1 81w 9_7T

w2 e slm |
8 80 80 8
Cau 16. Theé tich khéi tron xoay do hinh phang

gi6i han bdi cac duong y = %,yzo,x: lL,x=4

khi quay quanh truc Oz bang
21m s
16

™

Cdu 17. Cho hinh phang H (phan gach chéo
trong hinh vé).

Y

(
|
|
|
&

/ 1 \y—z—xéc

Thé tich khéi tron xoay tao thanh khi quay H
quanh truc Oz dugc tinh theo cong thitc nao dudi
day?

1 1

@V:w/(x4—4:32—|—4)dx—7r/$4dx.

-1 -1
1

1
V:/(x4—4x2+4)dx—/x4dx.
—1 -1

1

@V:W/(4l‘4—8$2+4)d$.

-1
1

1
@V—7r/$4dx—7r/(:r4—4x2+4)dx.
-1

-1

Cdu 18. Thé tich khéi tron xoay do hinh phang
gigi han bdi do thi ham s6 y = 22, y = —1 va cac
duong thang r = —1, r = 1 quay quanh truc Ox
dugc tinh béi cong thiic

1

@V—W/x4dx.

-1
1 1

V:W/x4dx—7r/(—1)2dx.

-1 -1
1

@Vzﬂ/ldx.

-1
1 1

@V:W/m4d:v+ﬂ/(—1)2dx.

-1 -1

I & cHuONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

CaAu 19. Tinh thé tich V ctia khéi tron xoay khi
quay hinh phéng (H) gi6i han bdi do thi ham s6
y = 22 — 1 va truc Oz quanh truc Oz.

@ 3.

3 16
@ i =" @47?.

Cdu 20. Tinh thé tich vat tron xoay tao bdi mién
hinh phang giéi han béi dd thi ham s6 y = x + 3,
y=—+vx+3, =1, xoay quanh truc Oz.

407
3

Cdu 21. Tinh thé tich V ctia vat thé tron xoay
quanh sinh ra khi cho hinh phang giéi han béi do
thi ham s6 y = 2v/In z, truc hoanh va dudng thing
x = e quay quanh truc Oz.

3
@V:269+17r. V:

3 3 _
@V:2e9 177. @V:263 17‘(’.

2¢3 4+ 1

.

Cdu 22. Cho hinh phing D giéi han béi cac
duong y =x+ 2,y =0, =1 vax = 3. Tinh
thé tich V ctia khdi tron xoay tao thanh khi quay
hinh D xung quanh Ozx.

98
@VZ%-
T
(:)V:—?) :

V:87r.

9872
Dv="5-

Cdau 23. Goi (H) la hinh phing gidi han bdi do
4 2

thi (C'): y = — va duong thang (d): y = 5 — .
x

Tinh thé tich V ctia khéi tron xoay tao thanh khi
quay hinh (H) xung quanh truc hoanh.

(A)V =5ln. V = 33r.
(©V =9r. D)V = 187

Cdu 24. Cho hinh phang giéi han béi do thi cac
ham s6 y = y/z, dudng thang y = 2 — o va truc
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hoanh (phan gach chéo trong hinh v&).

\2y

@)

;?\

Thé tich ctia khoi tron xoay sinh béi hinh phang
trén khi quay quanh truc Oz bang

om 4dm T o

Z. 9 ?. F. F.
CdAu 25. Goi (H) la hinh phang tao bdi dd thi
ham s6 y = Va3 — 22 — 2z va truc hoanh. Khi
cho (H) quay quanh truc hoanh ta duge khdi tron
xoay c6 thé tich la

13 9 ) 8
@ E’ﬂ'. 9 L_Lﬂ—. - @ gﬂ'.

12
Cdu 26. Cho hinh phang D giéi han bdi dudng
cong y = /2 -+ coszx, truc hoanh va cac dudng
thang x = 0, © = g Khéi tron xoay tao thanh

khi quay D quanh truc hoanh cé thé tich V' bang

bao nhiéu?
V=rn+1

@V:ﬂ'—l.
@V:ﬂ'(ﬂ'—l). @V:W(ﬂ+1).

Cdu 27. Tim cong thiic tinh thé tich ctia khoi
tron xoay khi cho hinh phang giéi han béi parabol
(P): y = 2% va duong thang d: y = 2z quay quanh
truc Ox.

@7‘(/ 7 — 2z) 2 da.

2zt dx.

7r/4:r2da:—7r
0

$4

/
@ﬂj4x2dx+7r/
@W/Q(Qm—xz) da

0

Cdu 28. Thé tich khéi tron xoay khi cho hinh
phéng gidi han bsi Parabol (P): y = 22 va dudng
thang (d): y = 2x quay xung quanh truc Oz
bang

®

©
©

7T

472 dx+7r/x4dx.

x —231; dzx.

7T/ r— )dx.

2
7T/4x2dx—7r/a:4dx.

0 0

™

\MO\M

Cau 29. Theé tich khéi tron xoay tao béi khi quay
quanh truc hoanh ctia hinh phéng giéi han béi cac
dothihamsby =22 —-2z;y=0;2=0;2=1c¢6
gia tri bang

@
©

?g (dvtt). %ﬂ (dvtt)
1
Zﬂ (dvtt). D) 877r (dvtt)

Cdu 30. Cho hinh phang trong hinh (phan gach

chéo)

quay quanh truc hoanh.

Yy
,,,,,,, Si(z)
i s/ fa(x)
o« b @

Thé tich ctia khéi tron xoay tao thanh duge tinh
theo cong thiic nao?

@
®
©
©

b

v:w/wmw—ﬁ@W

a
b

V—w/[ 2) = f2(2)] do

v_w/ (z) -

b

v_ﬂ/ (x) -

f(x)] d

f3(x)] dz

Cau 31. Tinh thé tich V ctia vat tron xoay tao

thanh

khi quay hinh phang (H) gi6i han bdi cac

duong y = 2%, y = v/ quanh truc Ox.

@

3T
V=1

V=1
3. UNG DUNG TicH PHAN [N
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T 9
Cv-3% Dv=3
CAu 32. Cho (H) la hinh phing gi6i han bdi
2

parabol y = % va dudng thing —2z + 3y = 0.
Yy

4 ,,,,,,,,,,,,,,,,,,,,,

Tinh thé tich V ctia khéi tron xoay khi quay hinh
phing (H) (phan t6 soc) quanh truc hoanh.

(A)V = 4r. V:%T”.

647 6251

Cau 33. Tinh thé tich khéi tron xoay tao thanh
khi cho hinh phing giéi han béi cac duong y =
2x — 2%, y = 0 quay quanh truc Ouz.

147 177 A8 167

15" ® 15 15 ° 15
Cdu 34. Goi (H) la hinh phang gidi han bdi do
thi ham s6 y = v/4x — €%, truc hoanh va hai dudng
thing x = 1, = 2. Tinh thé tich ctia khéi tron
xoay thu duge khi quay hinh (H) xung quanh truc
hoanh.

AV =r6-—e—¢e). BV =6—e+e.

@V:6—e2—e. DV =r(6-c+e).
Cdu 35. Cho hinh phang (H) gi6i han béi duong
cong y = 3e~% +z, truc hoanh va hai duong thang
x =0, 2 = In2. Thé tich khéi tron xoay tao thanh
khi cho (H) quay quanh truc hoanh dugc tinh
bing cong thiic nao sau day?

In2
@71‘2 / (37" + x)2 dx.

0
In2

/|3ez+x} d.
0
In2
@ﬂ/(?)e_x—l—:v)Q dz.
0

In2

@W/‘?)e_mth‘ dz.
0

Bi CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

Cdu 36. Cho hinh phing (H) giéi han béi céc
duong y = /x,z = 0,2 = 1 va truc hoanh Ozx.
Tinh thé tich V ctia khoi tron xoay sinh bdi hinh

(H) quay quanh truc Ox.
T 77
AL ®L ©n Oy
Cau 37. Cho hinh phing (H) gi6i han béi cac
dudng y = x vi y = 2. Thé tich ctia khoi tron
xoay tao thanh khi quay (H) xung quanh truc Ox
2m
25

1a
T
15° ® 30° @E'

Cadu 38. Tinh thé tich khoi tron xoay khi quay
quanh truc Oz ctia hinh gi6i han bdi duong thang
y=1—2?vaOux.

16 4 4

15 9 15 @ 3 3
Cau 39. Goi D la hinh phang gi6i han bdi do thi
ham s6 y = 22 — 4z + 3, truc hoanh va hai duong
théng * = 1, x = 3. Thé tich ctia khéi tron xoay
tao thanh khi quay D quanh truc hoanh bang

16 4 16 4
7 ©¥F ol

15 3 15

3T T

167

15
Cadu 40. Theé tich khéi tron xoay sinh ra béi truc
hoanh va hinh phing giéi han béi do thi ham s
y = ez, truc hoanh, truc tung vi dudng thing

xr = 2 bang
@ me?. m(e? —1).
(D)e? — 1.

@W(e —1).

Cdu 41. Cho hinh phang D giéi han bdi do thi
y = (4z — 1)vInz, truc hoanh va duong thing
x = e. Khi hinh phéang D quay quanh truc hoanh
duge vat thé tron xoay cé thé tich V dudgc tinh
theo cong thiic

e

@V: /(4x— 1)?Inz dz.

1

4
e

V= /(4:);— 1)?In z da.

1
e

@V:W/(ZL:U— 1) Inz da.

1

@V:ﬂ/(élx— 1)?Inzdz.

1

4

Cdu 42. Tinh thé tich V clia vat thé tron xoay
thu dugc khi quay hinh phéng gi6i han béi cac
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duong y = 22 +1, y = 2 +1 quay quanh Ouz.

@V:47 V:477T

2210' %10'
s
@Vzg- @V:£-

CaAu 43. Tinh thé tich V ctia khéi tron xoay tao
thanh khi cho hinh phéng giéi han béi do thi ham
s6 y = /7, dudng thing z = 4, truc Ox quay

quanh truc Ox.
V =A4r.

@ V = 8.
(C©)V = 16m. D)V =8x2.
Cdu 44. Goi (H) 1a hinh phang giéi han béi céc
dudng y = 2% — 3z, y = 0. Tinh thé tich khéi tron
xoay dugc tao thanh khi quay hinh (H) quanh
truc hoanh.
81w 8bm 81 417
o P ©% Pap
Cdu 45. Thé tich V ctia khéi tron xoay do hinh
phang giéi han béi cac duong y = zvx2 + 1, truc
hoanh va dudng théing = = 1 khi quay quanh truc
Oz la

9 8
@V——5 VZ—W-

8 9
ov=r Dv=—.

Cdu 46. Xét (H) la hinh phiang gidi han bdi do
thi ham s6 y = 2z + 1, truc hoanh, truc tung va
duong thang x = a (a > 0). Gia tri ciia a sao cho
thé tich ctia khéi tron xoay tao thanh khi quay
(H) quanh truc hoanh bang 577 1a

@azS. a=3>. @a—4 @a—2
Cau 47. Thé tich ctia khéi tron xoay dudc tao
thanh khi quay hinh phing gi6i han béi do thi
ctia ham s6 y = 22 — x va truc hoanh quanh truc
hoanh 1a

T T

Wz B3 w D5
Cau 48. Tinh thé tich vat thé tao thanh khi quay
hinh phéng (H) quanh truc Oz, biét (H) dugc gidi
han béi cac duong y = 422 — 1, y = 0.

8 167 4 2w

B Fa ©n P
Cdu 49. Khi quay hinh phéng giéi han bdi y =
V1 — 22 quanh truc Oz ta dudc mot khoi tron
xoay c6 thé tich bang

4 3 3m 2w

3 BT ©F Dy
Cadu 50. Goi 4 1a hinh gi6i han béi do thi ham

. x )
SOy = ”4——352’ truc Oz va duong thang z = 1.

™ ™

Tinh thé tich V ciia khéi tron xoay thu duge khi
quay hinh 7 xung quanh truc Oz.

@szlng. ®v=3
1 4

3.3. Mirc do van dung

Cau 1. Goi V la thé tich khoéi tron xoay tao
thanh khi quay hinh phéng gi6i han bédi cac
duong y = /x, y = 0 va x = 4 quanh truc Ox.
Duong thang = a (0 < a < 4) cit dd thi ham s
y = /T tai M (tham khao hinh v&). Goi V; 1a thé
tich khoi tron xoay tao thanh khi quay tam giac
OM H quanh truc Oz. Biét rang V' = 2V;. Khi d6

In

B o

Y

a = 2v/2.

@ a=3.

Cdu 2. Hlnh vuong OABC c6 canh bang 4 dugc
chia thanh hai phan bdi duong cong (C) ¢6 phuong
trinh y = iaz?. Goi S; 1a phan hinh phang khong
bi gach chéo (hinh veé).

Y24 (©)
4 B

Tinh thé tich V ctia khéi tron xoay tao thanh khi
quay hinh phéng S; xung quanh truc Oz.

1287 1287r
ov==F @v-%‘“
=

Cdu 3. Thé tich khéi tron xoay khi quay quanh
truc Ox hinh phang gi6i han bdi y = Inx, y = 0,
r=eclaV =mn(a+be) v6ia,b € Z. Tinh a+b.

3. UNG DUNG TicH PHAN [T
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(A) 3. ®-1. (©o. D) 2.

Cau 4. Tinh thé tich V clia khéi tron xoay dugc
sinh ra khi quay hinh phing giéi han bdi dudng
tron (C) : 2° + (y — 3)? = 1 xung quanh truc

hoanh.
@ 6. 6. @ 32, @ 6.

Cau 5. Quay hinh phang giéi han bdi parabol
(P): y*> = x va duong thang (D): x = 1 quanh
Oz thi dugc mot vat thé tron xoay co thé tich
la

Cdu 6. Cho hinh phang D gi6i han béi cac duong

T — .
cong y = ——, truc hoanh va truc tung. Khoi
r+1

tron xoay tao thanh khi quay D quanh truc hoanh
c6 thé tich V = 7(a + bIn2) v6i a, b 1a cac s6
nguyén. Tinh T'= a + .

T =3.

(A)T = 10.

©T=6 DT =-1.
Cau 7. Vat thé Parabolide tron xoay nhu hinh vé
ben, ¢6 day (phan gach chéo) c¢6 dien tich B = 3,
chiéu cao h = 4 (khoang céach tit dinh dén mat
day).

V =6.

D)V =38

Cadu 8. Cho hinh phang A giéi han béi do thi ctia
) 1 N

ham s6 y = z vay = 57 (phan to dam trong

hinh vé).
Y

I & cHUONG 3. NGUYEN HAMTICH PHAN VA UNG DUNG

Tinh thé tich V khéi tron xoay tao thanh khi quay
hinh A xung quanh truc Oz.

@ V= gﬂ'. V= %7?.
(C)V =0,533. (D) V =0,53r.

CAu 9. Cho (H) la hinh phang gi6i han bdi
parabol y = 22 v duong tron 2% + y* = 2 (Phan
t6 dam trong hinh bén).

y y = X

Tinh thé tich V ctia khéi tron xoay tao thanh khi
quay (H) quanh truc hoanh
447

221 s
B P 5 25
Cau 10. Cho hinh phang D gi6i han béi cac ham
2
SOy = %, y = v/2z. Khoi tron xoay tao thanh khi

%

quay D quanh truc hoanh cé thé tich V' bing bao
nhiéu?

@vz%ﬁ. V:Q%W.
367 127

Cdau 11. Tinh thé tich ctia khéi tron xoay khi
quay hinh phang gi6i han béi cac dudsng y = 22 —4,
y=2xr—4, x =0, x =2 quanh truc Oz.

32m 227 327 32m

7 ® 5 15 5

Cdu 12. Cho hinh (H) 13 hinh phang giéi han béi
parabol y = 2v/2z2%, cung tron c¢6 phuong trinh
y =9 — 22 (v6i 0 < z < 3) va truc hoanh (phan
to dam trong hinh vé).

Y
4

3
2

1

-1 0O 1 2 3
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Thé tich khoi tron xoay tao thanh khi quay hinh
(H) quanh truc Oz la

1637 9 164w 163 164
15 - 15 ° 15 15 °
Cau 13. Cho hinh phang D giéi han béi duong
3 — 2)e”
cong y = M, truc hoanh va hai
rer 4+ 1

dudng thang = 0,7 = 1. Khdi tron xoay tao
thanh khi quay D quanh truc hoanh cé thé tich

1 .
V=mnla+bln (1—|——)}, trong dé a, b la cac so
e
hitu ty. Ménh dé nao duéi day ding?

(A)a—2b=5, Ba+b=3
(Cla—2b=T. D)a+b=5.
Cau 14. Tinh thé tich khéi tron xoay do hinh
phang (H) gidi han béi cac duong y = /z vay =

x quay quanh truc Ozx.
70 T
©; O3

T
@’ﬂ'. 9 6
Cdu 15. Cho hinh (H) la hinh phang gidi han

béi do thi ham sb y = g ‘ , truc Oz va duong
thing x = 1. Thé tich ctia kh01 tron xoay thu duge
khi quay hinh (H) xung quanh truc Oz bang

@Wlﬂ%. z1n§.

/ o
s
Cau 16. Cho do thi (C): y = f(z) = Vz. Goi

(H) 1a hinh phang gi6i han béi (C), dudng thing
x =9, truc hoanh.

)

3 -

2 v y =\

1

0 | A

-1 1 H 9, T
r=29

Cho M 1a diém thuoc (C), A(9;0). Goi V; la thé
tich khéi tron xoay khi cho (H) quay quanh truc
Oz, V3 1a thé tich khdi tron xoay khi cho tam giac
AOM quay quanh truc Oz.

Tinh dién tich S phan hinh phéang gii han béi (C)
va OM biét V; = 2V5.

@S:ﬂ S:%
@5_27\[. D)5 =3

Cdu 17. Hinh phang D (phan gach chéo trén

hinh) giéi han béi do thi ham s6 y = f(z) = V2x,
duong thang d: y = ax +b (a # 0) va truc hoanh.
Y

NN
JNNN

SN

N

@)

777 74

Tinh thé tich khéi tron xoay
phang D quay quanh truc Oz.
8T 107 167 2m
3 9 3 3 3
Cdu 18. Beén trong hinh vuoéng canh a, dung hinh
sao bon canh déu nhu hinh vé (cac kich thude can
thiét cho nhu & trong hinh).
Y

thu duge khi hinh

[IS]

e
Q
wle

Nl

Tinh thé tich V ctia khéi tron xoay sinh ra khi
quay hinh sao d6 quanh truc Ozx.

57Ta3

BvV=—.

57Ta 77TCL

Ccv=20 DV ="o

Cdu 19. Cho hinh phéng giéi han b01 cac duong
y = x vi y = /T quay quanh truc hoanh. Thé
tich V' ctia khdi tron xoay tao thanh bang

wv=<. ®v=1.
CVv=n D)V =o.

Cdu 20. Hinh phing giéi han bai hai dd thi ham

s6 y = |z| vay = 2% quay quanh truc tung tao nén
mot vat thé tron xoay cé thé tich bing

7 T 2
Wz ®3

4. Thé tich tinh theo mat cat S(x)

57Ta

AV ="

47

15 15°

Cdu 1. Tinh thé tich vat thé nim gitta hai mit
phédng © = —1 va & = 1, biét rang thiét dien clia
vat thé d6 cit béi mit phang vuong géc véi truc
Oz tai diém c¢6 hoanh do x théa mén —1 <z <1

3. UNG DUNG TicH PHAN [N
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12 mot tam giac vuong can véi canh huyén biang

V1—azt

2 1 3

oL = ©7; O3

5) 4 4
Cadu 2. Trong khong gian véi hé toa do Oxyz, cho
vat the (T) nam gitta hai mat phang x =0, x = 1.
Tinh thé tich V ctia (T) biét ring khi cit (T) bsi
mat phing vuong géc truc Oz tai diém cé hoanh
do bang z, (0 < z < 1) ta duge thiét dién 14 mot
tam gidc deu c6 canh bang /1 + .

@V:;
y= V8 DV==2n
© 2

Cdu 3. Tinh thé tich V ctia phan vat thé giéi han
bdi hai mat phang x = 0 va x = 3, biét rang thiét
dién ctia vat thé bi cit bdi mat phang vuong goc
v6i truc Oz tai diém c6 hoanh do z (0 <z < 3) la
mot hinh tron c6 duong kinh bang v/36 — 322

81r 81
(©V =81n. D)V =8l.

Cadu 4. Viét cong thitc tinh theé tich V ctia vat thé
nim gitta hai mit phiang r = 0 v = In4, biét
khi cit vat thé bdi mat phéng vuong goc véi truc
hoanh tai diém c6 hoanh do x (0 < x < In4), ta
dugc thiét dién 14 mot hinh vuong c6 do dai canh

1a v/ xe®.
In4
@V: /a:e’”d:v.

0

| <

In4

V=m / xre” dx.
0
In4
@V = 7r/(me$)2 dz.
0
In4

@vz/\/ﬁdx.

CAu 5. Cho phan vat thé () gidi han bdi hai
mat phing c6 phuong trinh z = 0 va z = 2. Cét
phan vat thé (3) bdi mat phang vuong goc vdi
truc Ox tai diém c6 hoanh do z (0 <z < 2), ta
duge thiét dien 1a mot tam giac déu c6 do dai
canh bing /2 — z. Tinh thé tich V ctia phan vat
thé ().

@V:%. vz\?.

By CHUONG 3. NGUYEN HAM-TICH PHAN VA UNG DUNG

OV =43 D)V =3

Cau 6. Xét vat the (T) ndm gitta hai mit phang
r = —1 vd x = 1. Biét ring thiét dién ctia vat thé
cat béi mat phang vuong géc véi truc Oz tai diém
¢6 hoanh do z (—1 <z < 1) la mot hinh vuong c6
canh 2v/1 — 2. Thé tich vat thé (7)) bang

167 16 8

3 ® 3 @ . @ 3
Cdu 7. Tinh thé tich V ctia vat thé nim giita 2
mit phang v = 0,z = 3, biét thiét dien clia vat
thé bi cat bdi mat phang vuong goc véi truc hoanh
tai diém c6 hoanh do x (0 < x < 3) la mot hinh
chit nhat c6 hai kich thuée 1a x va 2v/1 — 2.

(A)V = 16. BV =17.
CV =18 D)V =19.

Cdu 8. Cho vat the (T) gi6i han bdi hai mat
phing # = 0, z = 2. Cat vat thé (T) bdi mat
phing vuong goc véi truc Ox tai (0 < z < 2) ta
thu dugc thiét dién 1a mot hinh vuong c6 canh
bing (z + 1)e”. Thé tich vat thé (T) bing

13et — 1
® ——.

(13e* — 1)
@ i 4

@ 2¢?. @ 2me?.

CAau 9. Tinh thé tich V ciia vat thé giéi han béi
hai mit phang z = 0 va @ = 4, biét rang khi cit
béi mit phing tuy ¥ vuong goéc véi truc Ox tai
diém c6 hoanh do z (0 < z < 4) thi dugc thiét dien
la ntta hinh tron c6 ban kinh R = zv/4 — x.

64 32
@V:g Vzg
T T
©V:T' @V:T.

Cadu 10. Cho vat thé (T) gidi han bdi hai mat
phing x = 0;z = 2. Cat vat thé (T)) bdi mot mat
phing vuong goc véi truc Oz tai x (0 < z < 2) ta
thu duge thiét dien 1a mot hinh vuong c6 canh
bing (z + 1)e®. Thé tich vat thé (T) bing

13et — 1
® =

4

@ 2me?.

A (13e* — 1)7r.
4
@262.
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@ Tém tit 1i thuyét

4> Dinh nghia 1.1. Mot s6 phic 14 mot biéu thitc dang a + bi, trong d6 a va b 1a nhitng s6 thue
va s6 7 théa man |i?> = —1|. Ki hiéu s6 phic dé 1a z va viét z = a + bi.

i dugc goi 1a don vi do, a dugc goi 1a phan thuc, b duge goi 14 phan do ctia sd phiic z = a + bi.
Tap hop céac s6 phitc duge ki hieu 1a C.

4

$SVidu 1. Tim phan thyc va phan 4o clia cac sd phiic sau:

a) z=23— 5. b) z = —/3 + 5i. c) z=2+(—4)i.
\
@ Loi gidi.
a) Phan thyc: @ = 3, phan d0: b= —5 b) Phan thic: @ = —/3, phan 4o0: b=5

¢) Phan thyc: a = 2, phan d0: b = —
1. S6 phiic bang nhau

$> Dinh nghia 1.2. Hai s6 phiic duge goi 1a bing nhau néu phan thitc va phan 4o ctia chiing tuong
ing bang nhau.

a==c

bi = di &
a+bt=c+dt {b:d

4
$OVidu 2. Tim céc s6 thyc z,y, biét
Br—y)+Ry—1i=(x+1)+(y+2)i

® Loi gidi.
Tu dinh nghia hai s6 phitc bang nhau, ta c6
3r—y=x+1 T =2
-~
2—1=y+2 y=23
Vay z =2 va y = 3.

A Luu y:
@ Maéi 56 thiuc a dude goi la mot s6 phitc vdi phan do bang 0, tic la a = a + 0i.
Nha viy, moi so thuc cing la mot so phic. Ta c6 R C C.
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© 86 phaic 0 + bi duge goi la s6 thuan do va viét don gidn 1o bi, tic la bi = 0 4 bi.

2. Biéu dién hinh hoc sd phiic

<% Pinh nghia 1.3.
Diém M (a; b) trong mot hé truc toa do vuong goc clia mat phang duge y
goi 1a diém biéu dién sb phiic z = a + bi. v
bi--------1
0 a 5
4 N
$OVidu 3.
Tim s6 phtic duge biéu dién béi diem M nhu hinh vé ben. . y
$----- 3
=3 lo =
\ y_
® Loi gidi.
Diém M(—2;3) la diém biéu dién ctia s6 phiic 2 = —2 + 3i.
3. Mddun ciia s phiic
Gia sit s6 phtic z = a + bi dugc bicu dién bdi diem M (a;b) trén mit phing toa do.
<% Pinh nghia 1.4.
Do dai ciia véc-to OM duge goi 1a mé-dun ctia s6 phiic z va ki hieu 1a y
|2]. . . u
Tit dinh nghia, suy ra |2| = ‘OM‘ hay |a + bi| = ‘OM‘. Khi d6 s ‘
la + bi| = Va? + b2. 0 0 -
4
$OVidu 4. Tinh mo-dun cla cac s6 phiic sau:
a) z=3+4i b) z=—-4-3 c) z=1+1 d) z=10:
\
@ Loi gidi.
a) |z| = V32 +4%2 =25 =5. b) |z] = v/(—4)? + (=3)? = /25 = 5.
) |z =vVI2+12 =2 d) |z| = v/02 + 102 = v/100 = 10.
4. Sb phiiclién hop
<% Pinh nghia 1.5.
Cho s6 phtic z = a + bi. Ta goi a — bi 1a s6 phiic lién hop ciia z y ‘
va ki hieu 14 Z = a — bi. Ttic la N A= Ol
a-+bi=a—bi| ‘
0) : a X
N -
zZ=a—W

I & cHuonG 4. 56 PHUC
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¢ Tinh chat 1.1. Z = 2.
$® Tinh chat 1.2, |z| = |2|.

$SVidu 5. Tim s6 phiic lien hgp clia cac sd phiic sau

a) z =2+ 3i b) z=1-5i c) z=10i d)z=5-2i
® Loi gidi.
a) Z=2-—3i b) Z=1+5i c) z=—10: d) z=5+2i

e Cac dang toan

& Dang 1. Xac dinh phén thuc - phén do cla sé phirc

S6 phtic z = a + bi, a,b € R ¢6 a 1a phan thuc, b 1a phan ao.

Bai 1. X4c dinh phan thyc, phan 4o clia cac sd phic:
a) z =2+ 3i. b) z =2i — 4. c) z=3. d) z = 15i.
® Loi gidi.

Bai 2. Xac dinh phan thic, phan 4o clia céc s6 phiic:
a) z = 4i. b) 2= —3i+4. ¢) z = 16. d) z = —43 + 15i.
® Loi gidi.

& Dang 2. Xdac dinh md-dun cla sé phirc

Mo-dun ctia s6 phiic 2 = a + bi 1a |z| = Va? + b2

Bai 1. Tim mo-dun ciia cac sb6 phiic sau:
a) z =1+ 2i. b) z =3 — bi. c) z=—5+4i. d) z = —4i. e) z=2.
® Loi gidi.

Bai 2. Tim mo-dun clia cac sd phiic sau:

1
a)z:§—\/7§@'. b) z =4i — 3. c) z=—3—4i. d) z = —6. e) z = —4i.

® Loi gidi.

el:"iel 110
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& Dang 3. Hai s6 phirc béing nhau

Hai s6 phtic z = a + bi, 2/ = a’ + Vi duge goi 1a bang nhau néu {

/
a=a

b=1"b.

Bai 1. Tim cac s6 thyc z, y biét:
a) x +2y+3i =4x — 5y + (6 — y)i.

b) =3z + 6y — (8 + 4y)i = 3x — 4+ (4o — y)i.

B&i 2. Cho z = (3a +2) + (b — 4)i. Tim céc 6 a,b dé

a) z la s6 thyc.

b) z 1a s6 thuan 4o.

® Loi gidi.

Bai 3. Tim céc s6 thuc x, y, biét:
a) 2r+1)+ By —2)i=(z+2)+ (y+4)i.

b) (1 —-3z)+ (y+1)i=(z+y) — (2x + 1)i.

® Loi gidi.

Bai 4. Tim céc s6 thuc xz,y, biét:
a) 2z +1+5i = —4+ (3y — 2)i.

b) (z —v2) —4i=3— (y+1)i.

® Loi gidi.

I = cHuone 4. 56 PHUC
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=]

(a® — 4b*) + (a + 2b)i. T

EBNGmM hoc 2021-2022
Bai 5. Cho s6 phiic z

a s 4o.

I

2
ez

bd

im céac sb a

N

oi gidi.

~

oL

~

2

4

C
‘@
©

=}
‘@
o]

£
‘@
‘o

Q

O-
=

(o}
«O-
—

£
=
<

O

c

q.
(a]
Qo

S6 phiic z = a + bi (a,b € R) duge biéu dién béi diém M (a;b).

6 phitc sau: 4 — 31, 3 + 2i, —5, bi.

oL

0 cac s

ang toa d

2

at ph

én trén m

Bai 1. Biéu di

oi gidi.

~

||||||||||||||||||||||||||||||| Qo e
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
r-----r--—-—"—"-"-"-"-"7T-"-"-"-"r-""~""""\9"-"~"""~"-""°9|-~"~~"~-°~- B e e e |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
| 1 T T e [ T |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
Lo ) A |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
[ el ettt it ettt il et el I e it et |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
y 1 1 1 1 1 1 1 1 1
T T T T T T T T T |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 O 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
| 1 T T e T T |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
T [ N H Y [ [ T |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
I T B R e s e T TSI
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
r-—-—~>" 1 ~-~"~-~""~"\aAa-"-"T"T" 79" " "“"r=-"~"~""~"~"»~"~""~"""~""79~"~"~° R e e R |
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
[ T T L
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
1 1 1 1 1 1 1 1 1 1
[ S S [ T T |

Bai 2. Biét A, B,C, D la bén diém trong mat phang toa do biéu di

4HD
B
m?w
xR
g2
>
(&)
Zm

theo thit tu biéu di

z

N

1m cac Sé 21,22, R34 24

~1-14,2,2—2i. T

oi gidi.

~

oL

(TN — 2mi YN — Yumr) ‘

MN =

1. SO PHUC
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Bai 3. Biéu dién trén mat phing toa do cac sé phic sau: —4 — 24, —3 + 5i, 4, —3i.

® Loi gidi.

Bdi 4. Cho ABCD la mot hinh binh hanh véi A, B, C, D lan luct la diém biéu dién ciia céc sé phiic
1 —2i,4—2i,5+14,2 Tim s6 phic z.

® Loi gidi.

& Dang 5. S6 phuc lién hop

S6 Z = a — bi dugc goi 1a s6 phiic lién hop clia z = a + bi.

Bai 1. Tim s6 phiic lién hop clia céc s6 phiic sau
a)z=3—z\/§; b)z:—\/§+z’\/§; c) z=3;
® Loi gidi.

d) z = —5i.

Bai 2. Tim s6 phiic lién hgp ctia céc s6 phic sau
a) z = —5+iV3. b) z =7 — 2mi. c)

Trén mat phang toa do, tim tap hop diém biéu dién cac s6 phitc thda man diéu kien:
a) Phan thuyc ctia z 16n hon hodc bang 1;
b) Phan 4o ciia z thuoc nita khoang (—1;2];

)
¢) Phan thyc thuoc doan [—1;2], phan 4o thuoc doan [—1;3];
d) |2[ =2;
e) |z] <2
f) |z| = 2 va phan thyc nhé hon 1;
g) |z] <2 va phan thyc thuoc doan [—1;1].

B CHUONG 4. 86 PHUC
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[

b=—-14+14i,c=5+mi(meR).

Cho hinh binh hanh ABCD. Ba dinh A, B, C lan lugt biéu dién cac s6 phic a = 2 — 24,

a) Tim s6 phtic d dugce biéu dién béi diém D;
b) Xéc dinh m sao cho ABCD la hinh chit nhat.

Cho A, B, C la ba diém lan lugt bicu dién cac s6 phitc 21 = —1 — i, 20 = i, 23 = 1 + ki (k € R).

Xac dinh k dé ba diém A, B, C' thang hang.

Cho s6 phiic z =m + (m — 3)i, m € R.

G Bai tap trac nghiém
1. Xdc dinh céc yéu td cd ban ctia s phiic
1.1. Miic d6 nhan biét
Cdu 1. S6 phtic z = —2i ¢6 phan thuc va phan
40 lan luct 1a

(A)—2va 0. —2i va 0.

(C)0va —2. D)0 va 2.

Cdu 2. S6 phiic lien hgp ctia s6 phiic z = 3 + 21

la

—3 4 2i. B)z=2-3i.
—3 -2 (D)z=3-2i.
Cadu 3. Tinh mo-dun clia s6 phiic z = 3+ 4i.

(A)3. B) 5. ©r. D) V7.

Cdu 4. Phan thyc va phan 4o clia s6 phiic 2z =
1 + 2¢ 1an lugt 1a
(B) 1 va 2i.

2 va 1.
1va 2. (D)1 vai.

u 5. S6 phiic lien hgp 7 clia s6 phiic z = 2 — 3i

(B)z=3-2i.
D)z =—-2+3i

(A)z
©)z

©>

C

la

o

=2+ 3.

z
Z =3+ 2i.

2 @)

Cdu 6. Tim s6 phtic lien hop cta sd phic z =
4 — 3i.
(A)z=—4-3i. B)z=—4+3i
@)= ¢ 3 D)z =3+ 4i.

a) Tim m dé diém biéu dién s6 phiic z nim trén dudng thing y = —a;
b) Tim m dé diém biéu dién s6 phitc z nam trén dudng tron 2% + y? = b;
¢) Tim m dé khoang céch tit diém biéu dién s6 phitc dén gbc toa do 1a nhé nhat.

Cdu 7. S6 phic lien hgp cta z = a + bi 1a

E:b—ai.
@E:a—bi.

—a + bi.

—a — bi.

(A)z
©)z

Cadu 8. Phan 4o ctia s6 phitc z = 3 —4i bang
—4. ® -4 (©a (D) 4i.
Cdu 9.
Diém M trong hinh y
vé bén la diém biéu
dién s6 phtic M .
- 4

(A)z=-2+1i. (B)z=1-2i
(Cz=2+i (D) z=1+2i

Cadu 10. Phan 4o ctia s6 phtic 2 = 3—4i bang

(A) —4. —4i.  (C)4. (D) 4i.

Cau 11. Sé phtic lien hgp 7z ctia s6 phitc 2 = 2—3i
la

Cadu 12. Phan 4o ctia s6 phiic 2 = 2 — 3i 1a

(A)-3i. B2 ©-3. D3

Cadu 13. Tim sb phiic lien hop ctia s6 phiic_z =

1780 PHUC
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w
+

i)(m —2i),m € R.

(A)Z = —(3m +2) + (m — 6)i.
B)z=3Bm+2)+ (m—6)i.
(C)z=—(3m+2) — (m—6)i.
D)z = (3m+2) — (m— 6)i.
Cdu 14. S6 phiic lien hop ctia s6 phtic z = 4+ 31
la
(A)z=—3+4i. (B)z=4-3i
Z =3+ 4i. (D)z=3—4i.

Cadu 15. Cho sb phiic z théoa man 7 = 3+2i. Tim
phan thye va phan 4o ctia s6 phiic z.
@ Phan thyc bang 3, phan 4o bing 2.
Phan thyc bang —3, phan 4o biang 2.
@Phén thic bang 3, phan 4o bang —2.
@ Phan thyc bang —3, phan 4o bang —2.

Cdu 16. Cho s6 phtic z = —12 + 5i. Mo-dun clia

s6 phiic z bang
©1r. D -7

(A)13. 119.
Cdu 17. Cho s6 phiic z c¢6 diém biéu dién trong
mit phing toa do Oxy la diém M (3; —5). Xac dinh
s6 phiic lién hop 7 cua z.

(A)z=—5+3i.
(C)z=3+5i.
Cadu 18. Cho s6 phiic z = 2 — 3i. S6 phiic lien

hop ctia s6 phic z 1a

(A)z=3—2.

(Cz=-2-3i
Cdu 19. Trong mit phing phiic, diém biéu dién
s6 phiic 2 = 3 — 27 1a

(A) M (3;-2). N (2;:-3).

©P(-2:3). D)Q(-3:2).

Cadu 20. Tim s6 phiic lien hop clia s6 phiic z =

1— 2i.
(A)z=1+2i. Bz=2-i
(Cz=-1+2i D)z=—-1-2i
Cdu 21. S6 phric lien hop ctia s6 phitc z = 2 + 14
la
Az=2-1i Bz=2+i.
Z=—2+i. D)z=-2—i.

Cdu 22. Phan thyc va phan 4o cia s6 phiic z =
1 + 2 lan lugt 1

ﬁE%HUONG 4. 56 P@Cl va i,

(C)1 va 2i. (D)2 val.
Cadu 23. Cho s6 phitc z = 10— 2i. Tim phan thyec
va phan 4o ctia s6 phic Z.
(A)Phan thic bing 10 va phan 4o biing 2.
Phan thyc bang 10 va phan 4o bang 2i.
@Phﬁn thire bang —10 va phan 4o bang —2i.
@ Phan thuyc bang —10 va phan 4o bing —2.
Cadu 24. Toa do diém biéu dién s phiic lien hop
clia s6 phiic z = 2 + 5i 1
() (2-5). (2;5).
©)(-2;-5). D) (-2:5).
Cdu 25. Gia st a,b, 1a hai s6 thuc théa man
2a + (b —3)i = 4 — 5i v6i ¢ la don vi do. Gia

tri ctia a, b, bang
a=28,0b=S8.

(Aa=1,b=38.
Cla=2b=-2. Da=-2b=2.

Cdu 26. S6 phiic z = 5 — 8i ¢6 phan 4o 1a
(A)5. B -8  (C)s. (D) 8.

Cdu 27. Tim phan 4o ctia s6 phtic z = 3— 4.
A -4 (B4 (©)3. D) -3.

Cadu 28. S6 phtic 2z théa man z = 5 — 8i ¢6 phan

ao la
(A) 8. 8. (©)s. (D) —8i.

Cdu 29. Trong cac s6 phiic 21 = —2i, zp = 2 — 1,
23 = 5i, 24 = 4 ¢6 bao nhiéu sd thuan 40?

(A) 4. ®) 1. (©)3. D) 2.

Cadu 30. S6 phiic z ¢6 diém biéu dién M nhu hinh

VE.
Y
M
31----- .
|
|
|
!
|
! x
0] 2
X 2 2 A . Z S
Phan ao ctia so phic - bang
z—1

@Z@'. ii. @Z @}1.

Cdu 31. Mo-dun ctia sé phitc w = 2—+/5i 1a

(W) fw| = V29, B Jwl=1.

©)fw| = V7. D) fw|=3.
Cdu 32. S6 phtc lien hgp ctia s6 phiic 2 = 2 — 3i
la
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C)

3 — 2.
-2+ 3.

(A)z=3+2i
(Cz=2+3i.

Cdu 33. Mo-dun ctia s6 phitc z = 4—3i bang

(A)7. ®)25. (s D) 1.

Cdu 34. Phan 4o ctia s6 phitc z = —1+1 1a

1. (). (D) —i.

. Cho s6 phiic z = 3 — 5i. Phan 4o clia z

B 3. © -5 (D) -5

Cadu 36. Mo-dun ctia s6 phiic z = 5—2i bang

(A)v29. (B)3. ©7. (D) 29.

Cadu 37. S6 phiic z = 5 — 7i ¢6 s6 phiic lien hgp
la
(A)z=5+Ti. B)z=—-5+Ti.
(©z=7-5i D)z =—-5-Ti.
Cadu 38. Tim céc s6 thuyc a, b théa man (a—2b) +
(a+b+4)i = (2a+b)+2bi v6i i la don vi do.
(Aa=-3b=1. Bla=3,b=—1.
@a:—?),b:— @a:3,b:1.

Cadu 39. Phan 4o ctia s6 phiic z = 5+2i bang
(A)5. ®2.  (©2 (D) 5i.

Cdu 40. Cho s6 phtic z = a + bi véi a,b € R.
Menh dé nao sau day la sai?

z
z

@ S6 phiic z c6 phan thic 14 a, phan o 13 bi.
S6 phtic z ¢6 mo-dun 1a v/a? + b2.
@Sé phiic lién hop ctia 2 14 Z = a — bi.
@ 2=0&a=0=0.
Cdau 41. Diém M(—1;3) 1a diém biéu dién ctia s6
phitc
(A)z=—1+3i. B) z=2.
@z:1—3i. @2227;.

Cdu 42. Phan 4o cua sb phic lien hop clia z =

4~ 71
AN-4 ®-7. ©71 D) 4.

Cdu 43. Mo-dun ctia s6 phiic z = —4+3i 13

A-1. ® 1L (©)s. (D) 25.

Cdu 44. Tim sb6 phtec lien hop ciia s6 phiic z =

1+ 3.
(A)z=—1+3i. B)z=1-3i
@)= 2 -i. D)z=-1-3i.

Cadu 45. Mo-dun ctia s6 phiic z = bi, b € R 13

(A)b. 2. (©p. (D) Vb

CdAu 46. S6 phitc —3 + 7i ¢6 phan 4o bang

(A) 3. ®-7. ©-3. O

CdAu 47. S6 phiic ¢6 phan thyc biang 3 va phan
4o bang 4 1a

(A)3+4i. (B)4—3i. (C)3—4i. (D)4+3i.

Cadu 48. S6 phtic 5+ 6i c6 phan thiyc bang

A -5  ®5 ©-6. (D6

Cdu 49. S6 phtic ¢6 phan thic bing 1 va phan
4o bang 3 1a

(A)—1—3i. B) 1 - 3i.
(C)—1+3i. (D)1 +3i.

Cau 50. Tim céac s6 thyc z, y théa man (2z +
5y) + (4o + 3y)i = 5 + 2i.

A= vay=-2
- 4V y= T
$: A ﬁ
@x———vay 8
7

@x-_iva -2
BV

—_

| Col

1.2. Mitc d6 théng hiéu
Cdu 1. Mo-dun s6 phiic z = 4 — 37 bang

A7 (B) 5. ©1. (D) 25.

Cdu 2. Cho s6 phiic z = 2 + 3i. Phan thuyc va
phan 4o ctia s6 phiic z lan luct 1a

(A)2va 3. B) —2 va —3.
(C)2 va —3i. (D)2 va —3.

Cadu 3. Cé6 bao nhiéu sb phiic z ¢6 phan thiyc bang

2va |z 41— 2i| =37
A) 3. B)o0. ©)2. D) 1.

CaAu 4. Tim hai s6 thyc z, y thoa man (3z+2yi)+
(3 — ) = 4z — 3, v6i i Ia don vi &o.

@x:B,y:—l. a::g,y:—l.
©x=3,y:—3. @x:—3,y=—1.

Cdu 5. Tim cac s6 thuc z, y thda méan (3z —2) +
(2y+1)i = (x+1)—(y—5)i, v6ii 1a don vi do.

3 3 4
@xzé,y:;Z 95:;5»3424—5-
@'T:Ly:_’ @xzivyzg

w

1. $O PHUC
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Cdu 6. Tim cac s6 thyc z,y théa man 3z + vy +
bai =2y — 1+ (z — y)i v6i i la don vi do.

1 4 2 4
@-77:?;192?4 ac:—?;y:?.ll
@x:—?y:;- @x:_?;y:_?

Cdu 7. Cho sb phiic z = —3 + 4i. Mo-dun clia z

1a
(A)|z] =1. B) |2| = 4.
D2 =3.

©)z| =>5.
Cadu 8. Biét rang c6 duy nhat mot cap so6 thuec
(z;y) théa man (z +y) + (z —y)i = 5+ 3i. Tinh
gia tri cia S = x + 2y.

(A)S=4. (B)S=6. (C)S=5. (D)S=3

Cau 9. biém M trong hinh vé dudi day biéu thi
cho s6 phiic z. Chon khang dinh diing.
Y

My 3

—2 + 3i.
—2 — 3.

Cau 10. Cho sb phiic z = —1—44. Tim phan thuc

clia s6 phiic Z.
A-4. ®-1. O D) 4.

Cadau 11. Cho s6 phitc z = —2 —5i. Néu z va 2’ 1a
hai s6 phiic lién hop ctia nhau thi

(A) 2 = /(=22 + 52. 2 =2 —bi,

(C)2 =2+5i. (D) 2/ = —2+5i.
Cau 12. Cho sb phtic z ¢6 diém biéu dién 1a M
trong hinh vé bén.

Y

&r

z

—2

Goi M’ 1a diém biéu dién cho s6 phic z. Toa do

m’ Bldone 4. s6 pruc

(A) M'(—3;-2). M'(3;2).
(C)M'(—3:2). (D) M'(3; -2).

Cadu 13. Modun ctia s6 phiic z = 4—3i bang:

(A)25. (B)5. (©)4. D) -3.

Cau 14.
Cho s6 phiic z c6 diém y
biéu dién la diém A trong A
hinh vé. Tim phin thucva 2777~ '
phan 4o ctia sd phiic z. i
L
@] 3

@Phén thiic bang 3, phan 4o biang —2.
Phan thuyc bang 3, phan 4o biang 2.
@Phén thiic bang 2, phan 4o bang —3i.
@ Phan thyc bang 3, phan 4o bing 2i.

Cau 15. Cho s6 phiic 2z thod man (2+43i)z = z—1.

Modun ctia z bang
1 1
— —. 1. v 10.
Cdu 16. Cho s6 phiic z = cos p+ising, (p € R).
Tim mo-dun cua z.
()] cosp| +[simpl.  (B) L.
@ | cos 2¢].

©|Cos<,0+sing0|.
Cdu 17. Tinh mo-dun ctia s6 phic z théa méan

[nh
(24 i)z + D=2 9,

(A2 =>5. ® =7

©)]z] = 5. D]zl =1.
Cdu 18. Cho cho hai s6 phiic 2 = 3 + 2i va
w = 3 — 2i. Khing dinh nao sau day la khing
dinh sai?

(A)]2] > [w].

2| = |wl.

(C)Néu A va B theo thit ty 13 hai diém biéu
dién ctia z va w trén hé toa do Oxy thi

AB = |z —w|.
@ S6 phiic 2z 1a sé phic lien hop ctia s6 phiic
w.

Cau 19. Tim hai s6 thuc z,y théa man 2 + (5 —
y)i=(z—1)+ 5.

@{x:Z’)

y=0 y=3
SITEE
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Cdu 20. Tim tat cd cac sd thyc z, y sao cho

22— 2+ yi = —2 + 5i.
x:—2,y25.

@x =0,y =05>.

@sz,yz& @x:2,y:—5.
Cdu 21. Tim s6 phtec lien hgp ciia s6 phiic z =
(1 —14)(3+ 29).

(A)z=—5+1i. B z=5—1i.
Cz=5+1. D)z=-5-1i.

Cau 22. Tim céc s6 thuc x, y théa man (z+y)+

(2x —y)i = 3 — 6i.
@x:—l;y:—4. y:—l;a::4.
@le;y:—él.

Cla=-1Ly=4
Cadu 23. Mo-dun ctia s6 phiic 2 = m—2i (m € R)
la

(A)vVmZ =2, B) vVmZ¥2.
@x/m2—4. D) vVm? +4.

Cdu 24. Cho sb phitc z = 5 — 44. Tinh mo-dun

clia s6 phiic Z.
(A) 3. 1. (©)o. (D) v/A41.

Cdu 25. Cho s6 phiic z = 2i — 8. S6 phiic lien
hop cta z la

(A)z=2i+8.
(Cz=2i+8.

Cau 26. Cho s6 phiic z = v/7—3i. Tinh |2|.

Az =5. ® 2 =3

©lz| =4 D]z =16.
Cdu 27. Cho s6 phiic z ¢6 phan 4o am va thoa
man 22 — 3z 4+ 5 = 0. Tim mo-dun ctia s6 phiic

w=2z—3++14.
(Av24. (B vIT. (©)4. D).

Cdu 28. Cho sb phiic z = a+bi (a,b € R). Ménh
dé nao dudi day luon dung?
@2—2:2(1. (B) 22 = a2 — b2
(C)z+z = 2bi. D) |22] = |2|2
Cdu 29. S6 phtic z nao sau day thoa man |z| =
V5 va 2 1a s6 thuan 40?
@z:\/g. z=\/§+\/§i.
©z=5z'. @22—\/52'.
Cdu 30. Diém M (3; —4) la diém bicu dién ctia 6
phiic z, s6 phiic lién hgp cia 2 1a

(A)z=3—4. B z=—-3+4i.
@ 2 (D) z=—-3—4i.

Cau 31. Cho s6 phiic z théa man z(1+4) = 3—5i.

Tinh médun cua z.
(A)]2| = 4. (B) |2| = VIT.
(©)z] = 17. (D) |2| = 16.

Cdu 32. Cho sb phiic z = 5 — 4i. Modun clia s6

phiic z bang
(A) 3. ® 9. ©v4l. (D1

Cdu 33. Cho s6 phitc z théa man z — 3 + i = 0.
Modun ctia z bang bao nhiéu?

(Avi0. ®10. (©v3 (D4
2. Biéu dién hinh hoc cd ban ctia s6 phiic
2.1. Mifc dé nhén biét

Cadu 1. Diém nao trong hinh vé beén la diém biéu
dién s6 phtic z = —1 + 2i?

Yy
Q
t=--12
|
22 S +N
L 1 l
-2 -1 [0 2 =¥
B s M

AN, ®P  ©M D

Cdu 2. Diém nao trong cac diém dusi day biéu
dién s6 phiic z = —1 +4?

(A Qs —1). M(=1;1).
(CIN(1;-1). (D) P(~1;0).

Cadu 3. Diém biéu dién s6 phitc z = 1 — 2i trén
mat phing Oxy c6 toa do 1a

(A) (1;-2). (—1;-2).
©)(2;-1). D) (2;1).

Cdu 4. Cho s6 phtic z = —4 + 5¢. Diém biéu dién

cua z ¢O toa do
(A) (=4;5). (—4;—5).
D) (45).

©)(4-5).
Cdu 5. Diém M trong hinh vé bén la diém biéu
dién ctia s6 phiic ndo trong cac so6 phiic cho sau
day?
Y
—————— 3

1. $O PHUC
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(A)3—2i. (B) -2+ 3i.
(C)2-3i. (D)3 +2i.

Cdau 6. S6 phic duge biéu dién bdi  diém

M(2-1) 1a

(A)2+i. 14 2i.

C2-i. (D) -1+ 2i.
Cdu 7. Diém M trong hinh vé bén la diém bicu
dién ctia s6 phitc z. Tim phan thuyc va phan o clia
sO phic z.

—4

(A) Phan thie 1a —4 va phan 4o la 3.
Phan thuc 1a 3 va phan 4o 1a —4i.
@Ph?xn thie 14 3 va phan 4o 14 —4.
(D) Phan thue la —4 va phan 4o la 3i.

Cadu 8. biem M trong hinh vé beén la diém biéu
dién ctia s6 phiic z. Tim phan thic va phan 4o clia
sO phtc z.

—4

ffffffffffff

(A)Phan thyc 1a —4 va phan 4o 1a 3.
Phan thuce 13 3 va phan 4o 1a —4i.
(C)Phan thyc 1a 3 va phin 4o 1a —4.
(D) Phan thic la —4 va phan o la 3i.

CdAu 9. Cho s6 phitc z = —4 + 5i. Biéu dién hinh
hoc ctia z 1a diém c6 toa do
(A)(~4;5). (—4;=5).
©)(4;-5). D) (4;5).

R 26 A Lpngdinh e 1a bidu dién hin

hoc ctia s6 phiic nao dudi day?

0
-1

(A)z=1+2i. B)z=2+i.
(Cz=—-1+2i D) z=—-1-2i
Cadu 11. Diém M trong hinh vé bén la diém biéu
dién ctia s6 phiic z. Tim phan thuc, phan 4o ctia
s6 phiic z

y
1
19) ‘ x
|
|
|
|
D) S .
M

(A)Phan thyc 1a —2, phan 4o 1a i.
Phan thuc 1a 1, phan 4o 1a —2.
(C)Phan thyc la 1, phan 4o 1a —2i.
(D) Phén thic la —2, phan 4o 1 1.
Cdu 12. Diém M trong hinh bén la diém biéu

dién ctia s6 phiic z. Ménh dé nao sau day ding?
Y

@)

—4

(A)S6 phitc z ¢6 phan thyc la 3 va phan 4o 1a

—4.

S6 phtic z ¢6 phan thyc 1a 3 va phan 3o la
—44.

@ S6 phiic z ¢6 phan thic 1a —4 va phan ao la
3.

@ S6 phiic z c6 phan thuc 1a —4 v phan do 1
31.

Cdu 13. Diém M biéu dién sé phitc 2 = 3 + 2i
trong mat phang toa do phic la
(A) M(2;3). M(=3;-2).
(©)M(3;2). D) M(3;-2).

Cadu 14. Diém M trong hinh vé bén la diém biéu
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dién ctia s6 phic z. Tim phan thic va phan 4o clia
sO phtc z.

)

3
O Pz

|

|

|

|

|

|

|

|

|

|

|

|

|

:

|
S/ S .

M

(A)Phan thyc 1a 3 va phan 4o la —4.
Phan thuce 13 —4 va phan 4o 1a 3i.
(C)Phéan thyc 1a —4 va phan 4o 1a 3.
@ Phan thyc 1a 3 va phan 4o 1a —44.
Cdu 15. Biét M(1; —2) la diém biéu dién s phiic
Z, s0 phiic z bang
(A)2+1. 142 (C)2—i. (D)1-—2i

Cadu 16. Diém biéu thi s6 phitc z = 3—2i 1a

(A) M(3;-2). N(=2;3).
© P(2;3). D) Q(3;2).
Cau 17. Diém nao sau day la diém biéu dién ctia
s6 phtic z = 3 — 447
(A) M(3;4). M(=3;4).
(C)M(3;—4). (D) M(—3;—4).
Cdu 18. Goi M va M’ lan luct la cac diém biéu

dién cho cac s6 phiic z vd z. Xac dinh ménh dé
ding.

@ M va M’ d6i xting v6i nhau qua truc hoanh.

M va M' d6i xting v6i nhau qua truc tung.

@M va M’ d6i xiing v6i nhau qua goc toa do.

(D)Ba diém O, M, M’ thing hang.

Cau 19. Trong hinh vé beén, diém P bién dién s6
phiic z;, diém Q biéu dién s6 phiic z,. Tim s6 phiic
z2=2z1+ 297

(C)—1+2i. D)2 +i.

Cadu 20. Cho sb phitic z = —1+2i. S6 phiic Z duge
biéu dién béi diém nao dudi day trén mit phing

toa do?
(A)Q(~1;-2). P(1;2).
(D) M(-1;2).

(CIN(1;-2).

Cadu 21. S6 phiic nao sau day c6 diém biéu dién
1a M(1;—2)?

(A)1+2i.
(C)—2+i.

(B)1—2i.
(D) -1 - 2i.

Cdu 22. Trong mat phang Oxy, diem nao sau day
biéu dién s6 phitc z = 2 + ?

(A) M (20). N(21).
(CIN(2;-1). (D) N(1;2).

Cdu 23. Diém M trong hinh vé bén biéu thi cho
s6 phtic nao dudi day?
Y

(A)3+2i.
(C)—2 +3i.

(B) 2 — 3i.
(D)3 —2i.

Cadu 24. Trong mat phang toa do, diém biéu dién

sO phitc z = 2 — 3i 1a
(2;-3).

(A)(2;3).
D) (3;2).

(©)(~3;2).

Cadu 25. Diém biéu dién s6 phrc lién hop ctia s6
phiic 2z =2 — 3 1a

(A) M(2;-3).
(C)M(-2;3).

M (2;3).
(D) M(—2; -3).

Cdu 26. Tren mat phang toa do, s6 phic z =

3 — 4i duge bicu dién bdi diém nao trong céc ﬁiié% PHUC
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A, B, C. D?

Yy A

41-------- .

B 1

- --- - 3 !
:
o

e —— -3 |

C |

[/ S .

D

(A)Diém D. Diém B.
@ Diém A. @ Diém C.

Cau 27. S6 phitc z = 2 — 3i ¢6 diém biéu dién

la
(A)N(-3;2). P(3;2).
(©)M(2;-3). D) Q23).
Cadu 28. Diém nao trong hinh vé bén la diém biéu
dién s6 phtic z = 1 + 377

Y
3r--M
P,,,,,} ”1””]\/
-3 O|1; 3
l
3lio

(A Q. B) P. ©M. DN.

Cau 29. Cho sb phitc z = 2 — 3i. Diém biéu dién
s6 phiic lién hop clia 2z 1

(A)(2;-3). (2:3).
(©)(-2-3). D) (-2;3).
Cadu 30. S6 phiic nao dudi day co diem bicéu dién
trén mat phang toa do la diem M nhu hinh bén?
Y

0

—2 L -

(AM1-2i. Bi+2 (©Ci-2. (D)1+2i

Cdu 31. Trong mat phang toa do Ozy, goi M, N
theo thit tu la céc diém biéu dién cho sb phtc z va
Z (v6i z # 0). Ménh dé nao dudi day ding?

IR & cHuone 4. 56 PHUC

@ M va N déi xting nhau qua truc Oz.

M va N dbi xting nhau qua truc Oy.

@ M va N dbi xitng nhau qua dudng phan giac
ctia géc phan tu thit nhat.

@ M va N dbi xitng nhau qua dudng phan giac
clia géc phan tu thit .

Cadu 32. Diém nao trong hinh vé dudi day bicu
dién s6 phtic lien hop ctia s6 phiic z = 2 — 34?

Y
I N
. P
2¢+---- \**:
|
| |
-2 9 L
\ 123 T
| |
| |
! |
S A
Q S M

AM.  ®P.  (©N Do

Cdu 33. Diém nao trong hinh vé bén la diém biéu
dién ctia s6 phiic z = 3 + 447

Yy A

B 4+---- '
FTT 3

. .

—4, @) 3.7

] .
C S/ G
D

Cdu 34. Diém M biéu dién s6 phitc z = 2—i trén
mat phing toa do Oxy la

(A)M = (1;-2). (B) M = (2;-1).
C©M = (=2;1). D) M = (2:1).

Cadu 35. Diém nao trong hinh vé beén la diém biéu
dién s6 phtic 2 = —2 + 1

Yy
2
Q___
I
I
P, I 1
AREE RN S N
I I !
I I !
L i | !
—2 —1 12 €T
I
S R—

AN ®P  ©M D

Cadu 36. Trong hinh vé bén, diém M biéu dién s6
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phiic z. S6 phiic z 1a

(A2—i (B)2+i (C1+2. (D)1-2i

Cadu 37. Diém nao trong hinh vé bén la diém biéu
dién s6 phiic z = 2 +3?

Yy
2t---- e B
|
|
Agp------- t{----t---4D
EE
—2 -1 1 2 =
|
T o C

Wp. ®B  (©c. DA

Cadu 38. Diém nao sau day la diém biéu dién ctia

s6 phtc z = —3 + 447
(B) M(-3

(A) M(3;4).

(©) M(3;-4). D) m(-3
Cadu 39. Diém M trong hinh vé bén
dién ctia s6 phiic nao duéi day?

)
2

13 diém biéu

1
-10

(A)z=—2+3i. (B)z=3+2i.
(C)z=2-3i (D) z=3-2i.

Cau 40. Diém M trong hinh vé bén duéi la diém
biéu dién ctia s6 phiic z. Tinh tong phan thuc va
phan 4o ctia s6 phiic z.

Yy

34,
24,

1{------ .

_10
11

An-1. ®3  (©s D)2 +i.

Cdu 41. biém M trong hinh vé bén biéu dién cho
s6 phiic

y
3 T
JE
P i
(A)z=3—4i. B) z=—4— 3

(C)z=3+4i.

Cdu 42. Cho sb phiic z = 6+ Ti. S6 phiic lien hgp
clia z ¢6 diém biéu dién 13
(6;=7).

(A)(6;7).
(D) (—6; 7).

©)(-6;7).

CdAu 43. Cho4diém A, B, C, D trén hinh vé biéu
dién 4 s6 phiic khac nhau.
Y
Ae--------1 1
i -1 1 x
—9 1 | 0] |
Y S 1
o R S ‘B
-2

Chon ménh dé sai.
(A) B 1a diém biéu din s6 phitc z = 1 — 2i.
D la diém biéu dién s6 phiic z = —1 — 2.
@ C la diém biéu dién s6 phic z = —1 — 2i.
(D) A la diém bidu dién s6 phiic z = —2 + .

Cadu 44. Trong mat phang toa do Ozy cho diém
M c6 toa do nhu hinh bén. Xac dinh s6 phiic z ¢6
diém biéu dién la diém M.

Y

0

-2

@223—1—21’.
(Cz=2+3i.

Cdau 45. Diém M trong hinh vé bén la biéu dién

777777777777

e TVl 122
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sO phiic
Y
3fF------ M
@) 2 x

(A)z =2+ 3i. B) z=3—2i.
(C)z=2-3i (D) z =3 +2i.

Cdu 46. Diém nao trong cac diém sau day la
diém biéu dién hinh hoc ctia s6 phtc z = —5 + 44
trong mat phang toa do Ozy.

(A)C(5;—4). B(4;-5).
(C) A(=5;4). (D) D(4;5).

Cdu 47. Cho s6 phic z 1 + 2i. Diém biéu
dién ctia s6 phiic lien hop clia z 1a diém nao sau

day?
N(1;-2).

(A) M(1;2).
(©) P(~1;-2). D) Q(2;-1).

Cdu 48. Diém M trong hinh vé beén la biéu dién
s6 phiic

Yy M
3fb----- .
ol |
1+ :
H—HO%F—{—:—}—>
-2 -1 1 2 37
114

(A)z=3+2i. (B) z=3—2i.
(C)z=2-3i (D) z=2+3i.

Cdu 49. Diém M trong hinh vé bén biéu dién sb
phiic z. S6 phitc z bang

(A)2+3i. (B)2—3i. (C)3+2i. (D)3—2i.

Cau 50. Trong hinh vé bén diéem M biéu dién s6

B CHUONG 4. 86 PHUC

phiic z. S6 phiic z bang

(A)2+3. (B)1+2i.
(©)1-2i. D)2 —i.

3. Biéu dién hinh hoc cd ban ctia sd phiic
3.1. Thong hiéu

Cau 1. Cho sb phtic z = 5 — 4i. S6 phiic dbi clia
2 ¢6 toa do diém biéu dién 1a

(A) (~5;4). (5;—4).

©) (=5 -4). D) (5:4),
Cdu 2. Cho s6 phtic z = 6 + 7i. S6 phiic lien hop
clia z ¢6 diém biéu dién la diém nao sau day?

(M) M(6; 7). N(=67).

) P(-6;-7). D)QE: 7).
Cau 3. Goi A, B lan luot la cac diém biéu dién
cho hai s6 phitc 2; =1 +1i va 20 = 1 — 3i. Goi M
la trung diém ctia AB. Khi d6 M biéu dién cho s6
phtic nao sau day?

(D) 1—1i.

(A)—i.  ®2-2. (C1+i.
Cdu 4. Cho s6 phiic z ¢6 biéu dién hinh hoc la
diém M & hinh vé bén. Khang dinh nao sau day
3 diing?

Yy
T 3 =z
0 l
) Ny -
M
(A)z=—-3—2 (B)z=3+2i.
(Cz=3-2i (D)z=—-3+2i
Cdu 5. Trong miat phang Oxy, goi A, B, C lan
lugt 1a cac diém biéu dién sé phic 2, = —3i,
29 = 2 — 21, z3 = =5 — 1. Goi G la trong tam

ciia tam giac ABC. Khi d6 diém G biéu dién sb
phiic
(A)z=2—1. B)z=1-2i.
(Clz=—-1-2i D) z=-1-i.
Cdu 6. Néu diém M (z;y) la diém biéu dién hinh
hoc ctia s6 phiic z trong mit phang toa do Ozy

thod man OM = 4 thi
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B) |2| = 4.
D)2 =2.

Cdu 7. Cho sb phtic z thod méan |z + 2 —i| = 3.
Tap hop cac diém trong mat phang toa do Oxy
biéu dién s6 phitc w =1+7% 1a
(A) duong tron tam I(—2;1) ban kinh R = 3.
duong tron tam I(2; —1) ban kinh R = 3.
(C)dudng tron tam T(—1; —1) ban kinh R = 9.
@ dudng tron tam /(—1; —1) ban kinh R = 3.

Cadu 8. Trong mit phang toa do Ozy, tim tap
hop cac diém biéu dién ciia s6 phiic z théa man

2| = V7.
@ Duong tron tam O
Duong tron tam O
@Duﬁmg tron tam O
@ Duong tron tam O

0;0), ban kinh R =
0;0), ban kinh R = 7.

0;0), ban kinh R = 49.
0;0), ban kinh R = /7.

Y

[\DI\I

P

I

Cdau 9. Cho cac s6 phiic z, 2’ ¢6 biéu dién hinh
hoc lan luot 1a cac diem M, M’ trong mit phing
toa do Ozy. Néu OM = 20M’ thi

. 2’222.
@z:Qz’. @|z’|:2|z|.

Cau 10. Trong mat phang véi hé toa do Ozy, goi
A, B,C lan lugt la cac diém biéu dién sé phic
—1 — 2i,4 — 44, —3i. S6 phtic biéu dién trong tam

tam giac ABC la
1— 3i.

(A)—1-3i.
(D)3 - 9i.

(C)—3+9i.
Cau 11. Goi M, N, P lan luct la cac diém biéu
dién clia cic sd phiic 2, = 1+ 14, 20 = 8 + 4,
23 = 1 — 3i trong mat phang phic Oxy. Khang
dinh nao sau day la khang dinh dang?

(A) AMN P vuong.

AMNP déu.

(C)AMNP can.

@ AMN P vudng can.

Cdu 12. Cho tam gidc ABC nhu hinh vé. Biét
trong tam G ciia tam giac ABC la diém biéu dién

ctia s6 phitc z. Tim phan 4o ctia sé phic z.

B O C

¢ >——> T
-2 2

~1. (C)—i.

(A) 1. D).

Cdu 13. Goi M va N lan lugt 1a diém biéu dién
clia cac sO phiic 2, 2o khac 0.
Yy
N
-]
M |
. T
| | v
O

Khi dé khang dinh nao sau day sai?

(A)|z1+ 25| = MN . (B) |2 =ON .
(C)lz1 — 2| =MN . (D)|z| =OM .
Cadu 14. Cho s6 phiic z = 1 + 2i. Diém biéu dién
clia s6 phic Z la
(A) M(~1;2). B) M(-1;-2).
(C)M(1;-2). @M (2:1).

Cdu 15. Trong mat phang Ozy, cho diém
A(2; —3) biéu dién sb phitc 24, diem B biéu dién
s6 phtic zg = (1 +14)z4. Tinh dién tich S clia tam
giac OAB.

@5:%. OFE
@S—%?. Ds=

Cadu 16. Cho cac s6 phiic 2, = 1+3i, 29 = —2+2i,
23 = —1 — 4 duge biéu dién lan lugt béi cac diém
A, B, C trén mat phang phtic. Goi M la diém thda
man AM AB — AC. Khi d6 didm M biéu dién
s6 phiic

(A) z = 6i. B) z = —6i
@Z:Z @z:—Q

Cau 17. Cho s6 phtic z théa man |z — 2i| =
|Zi + 3i|. Trong mat phing véi he toa do Oxy,
tap hop cac diém biéu dién sé phitc z la duong
thang c6 phuong trinh

6z — 4y = 0.

(A)6z 44y —5=0.
(C6r—4y+5=0. (D)6z+4y+5=0.

13
2

15
2

e TVl 124
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Cdu 18. Cho sb phiic z thay doi, théa man |z —
i| = |z — 1 + 2i|. Biét rang tap hop céc diém biéu
dién ctia s6 phiic w = z + 2i trén mat phang toa
do 13 mot dudng thang. Phuong trinh duong thang

do la
B)z+3y+4=0.

@x—4y—|—3:().
(Cz—3y+4=0. (D) —a+3y+4=0.

Cadu 19. Biét tap hop cac diém biéu dién sb phiic
z = x 4 yi la ntta hinh tron tam O(0;0) ban kinh
R = 2 (phan t6 dam, ké ca dudng giéi han) nhu
hinh bén.

Y
2

Trong cac khang dinh sau, khang dinh nio
dtng?
@xZOva|z|:\/§. B)y>0valz =2
©m20V3|z|§2. @y20V3|z|§2.

Cdu 20. Cho s6 phiic z = 5 — 44. S6 phiic lien
hop ctia z ¢6 diém biéu dién M la

(A) M(=5;—4). M(5;—4).
(C)M(5:4). (D) M(=5:4).

3.2. Mirc do van dung

Cau 1. Cho hai s6 phiic 2; v 2, thda man |z;| =
|zo] = 1; |21 + 20| = V3. Tinh |21 — 23]
OF}

(A)0. B 2. ©)1.

Cau 2. Trén mit phing toa do, tap hop tat ca cac
diém biéu dién s6 phitc 2 théa man 1 < |z| <2 1a
mot hinh phing cé dién tich bing

@ 3.

@ . 2m. @ 4.

Cadu 3. Cho s6 phiic z = m+3+(m?—1)i, véim la
tham s6 thuc thay doi. Tap hop céc diém biéu dién
s6 phitc z thuoc duong cong (C). Tinh dién tich
hinh phang gidi han bdi (C') va truc hoanh.

2 0 e} o

Cau 4. Goi A, B, C, D lan luot 1a cac diém biéu
dién cac s6 phitc 1424, 14++/3+4,1+v3—i, 1 —2i
trén mat phing toa do. Biét ti giac ABC'D noi

S = cHuonG 4. 56 PHUC

tiép dugce trong mot dudng tron, tam ciia dudng
tron d6 biéu dién sbé phiic c6 phan thuyc la

AV B2 ©v2. D1

Cau 5. Trong mat phing toa do, dudng tron to
dam nhu hinh vé beén 1a tap hop diém biéu dién
s6 phtic z. Héi s6 phiic z théa man dang thiic nao
sau day 7

0

(A)|z—2—2i| =2 2 —2|=2.
©z—1-2i|=2. (D)]z—2i|=2.
Cdu 6. Cho s6 phtic z théa |z — 1] = 2. Biét
rang tap hop céc diém biéu dién s6 phic w =
(1 +1iv/3)z + 2 la mot duong tron. Tinh ban kinh
r cua dudng tron do.

(A)r=09. B) r = 16.

@7‘ = 25. @ r=4.
Cdu 7. Cho s6 phiic z, biét rang cac diem bicu
dién hinh hoc ciia s6 phiic z, iz v& 2 +iz tao thanh
mot tam giac c6 dién tich bang 18. Tinh mo-dun
clia s6 phic z.

()]s =2v3. 2] = 3v2.
Clzl =6 Dzl =0.
Cdu 8. Trén mat phang toa do, tap hop céc diem
biéu dién s6 phiic z théa man |z — (3 — 44)| = 2
la
@Du’bng tron tam 7(3;4), ban kinh R = 2.
Duong tron tam [(—3; —4), ban kinh R = 2.
@Du’dng tron tam I(3; —4), ban kinh R = 2.
(D) Duong tron tam I(—3;4), bén kinh R = 2.

Cdu 9. Trong mit phang phiic, goi A, B, C la ba
diém lan lugt bicu dién ba sbé phiic 21, 29, 23 thoa
man |z;| = |z2| = |z3] = 1 va |21 — 22| = 2. Khi d6

tam giac ABC'
vuong.

(A) déu.
@can. @ c6 mot goc tu.
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Bal 9 CONG, TRU VA NHAN SO PHUC
_

Q Tém tat Ii thuyét

1. Phép cong va phép tru hai s0 phiic
Cho hai s6 phtic z = a + bi, w = ¢ + di. Khi d6

© Phép cong hai s6 phic: z; + 2z = (a +b) + (c + d)i.

® Phép trir hai s6 phitc: z; — 2 = (a — b) + (c — d)i.

® V6i moi s6 phtic luon cé: z +w =z + w.

@ S6 ddiclia z=a+bi la —z = —a — bi.

@ z+zZ=2a

@ z—z=2

@ Y nghia hinh hoc ctia phép cong va phép trir sé phic.
Néu z = a +bi, w = c+di (a,b,c,d € R) lan lugt duge biéu dién béi y
cac véc-to w, U thi z + w duge biéu dién bdéi ¥ + U, 2 — w duge bidu
dién béi 7 — 7. atw

$Vidu 1. Cho 2 sb phitc 2z = 2+ 2i, w = —4 + 5i. Tinh
a) z+w b) z —w

® Loi gidi.

a) z+w
b) z —w

2+ (—4)] + (24 5)i = -2+ Ti.
2 — (—4)] 4 (2 —5)i = 6 — 3i.

4

2. Phép nhan hai so phirc
® Tich ctia hai sé phitc: Cho hai s6 phiic z = a + bi vi w = ¢ +di (a,b,c,d € R). Khi d6 ta c6
2w = (a + bi)(c+ di) = (ac — bd) + (ad + bc)i.

@ Nhan zét. V6i moi s6 thuc k ta ¢ kz = ka + kbi. Dic biét 0z = 0.
® Véi moi sb6 phiic z, w ta déu co
W =% -,
2z

|2 = 22 = a® + b*.

OVidu 2. Cho 2 s phitc z =3 — i, w = —2 + 3i. Tinh
a) z.w. b) z.w. c) z.Z.

® Loi gidi.

a) zaw = (3 —14).(—2+3i) = —6+9i + 2 — 32 = —6 + 11i — 3(—1) = —3 + 11i.
2. cone, TRU VA NHAN 56 PHUC  [IEEZIR
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b) 20 = (3 —i)(—=2 —3i) = —6 — 9i + 2i + 3i2 = —6 — Ti + 3(—1) = =9 — 7.
) 22=32+(-1)2=9+1=10.

Q Cac dang toan

2 Dang 1. Cong trir hai s6 phirc

a) Phép cong hai s6 phiic.

Cho hai s6 phiic z = a + bi va 2/ = a' + V'i:
z+2 =(a+d)+ b+ V)i
Tinh chét:
-Két hop: (2 +2')+2" =2+ (2 + 2).
- Giao hoan: z+ 2/ = 2/ + 2.
-S6dbiciaz=a+bilasd —z=—a— bi.
b) Phép trir hai s6 phic.

z—2 =(a—a)+ (b-V¥)i.

Bai 1. Thyc hién phép tinh
a) (24 3i) + (5 — 3) b) (=5 + 2i) + (3) ¢) (2 3i) — (5 — 4)
® Loi gidi.

a) (4— i)+ (24+30) — (5+1) b) (3—1i)+(——+2i>—%i

® Loi gidi.

Bai 4. Tim tap hop diém M théa: |z + z + 3| = 4.
o Loi gidi.

B&i 5. Tim tap hop diém biéu dién s6 phiic z théa man diéu kién |z — 1+ i| = |z + 2i].
® Loi gidi.

B CHUONG 4. 86 PHUC
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VAN DUNG @

I Cho hai s6 phiic 21, 2, théa man |z1] = |23 = 1, |21 + 22| = V3. Tinh |21 — 22].

VAN DUNG @

[ Trong cac s phiic z théa man dieu kién |z — 2 4 31| = 3 tim so phitc c6 moé-dun nho nhat.

VAN DUNG ©

Cho céc s6 phiic z,w thdéa man |z + 2 — 2i| = |z — 4i| ,w = iz + 1. Gia tri nh6 nhat cta |w| 1a
bao nhiéu?

VAN DUNG @

I Cho s6 phiic z théa man diéu kién |z — 2 — 4i| = |z — 2i|. Tim s6 phiic z ¢c6 mo-dun nho nhét.

VAN DUNG @

Cho s6 phiic z thod man diéu kién |z + 1| = |z — ¢|. Tim 86 phiic w = 2z + 2i — 3 ¢6 mo-dun nhd
nhat.

VAN DUNG @

V6i hai s6 phiic 21, 2o théa man 2y + 2o = 8 4+ 6i va |21 — 25| = 2, tim gid tri 16n nhat K cia
biéu thitc P = |z1| + |22].

VAN DUNG @
[
V6i hai s6 phiic 21, 2, théa man z; + 23 = 8 + 6i v |21 — 29| = 2, tim gi4 tri 16n nhat K cla
biéu thitc P = |z1| + |22

~

AN DUNG ©

i

Z A . 2 ~ |Z - ,L| - |Z - 1| z
Xét s0 phiic z théa méan . Tinh |z|.

|2 = 2i] = |7]

2 Dang 2. Phép nhan hai sé6 phirc
e Thic hién phép nhan tuong tit nhu nhan hai da thic v6i cha ¥ i2 = —1:
(a+ bi)(c+ di) = (ac — bd) + (ad + be)i.

o (14)2=2i,(1—14)2=—2i
o Vn € N* ta c6: i = 1; ¢4+l = j; 4nt2 = _1.44n43 = _j = jn € {41 +¢}.

2. cone, TRU VA NHAN 56 PHUC  [EEEIN
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Bai 1. Thyc hién phép tinh

a) (1+2i)(—3 + 5i). b) —i(2 — 30).

¢) (=3 + 2i).

® Loi gidi.

Bai 2. Tim phan thuc, phan 4o, mé-dun va toa do diém biéu dién hinh hoc ctia sd phtic z biét

Z =543 — (2+)(1 — 4i).

 Loi gidi.

Bai 3. Tinh

a) z = 2017,

b) 2= (1 +4)2018,

® Loi gidi.

® Loi gidi.

Bai 5. Tim tap hop céc diém biéu dién s6 phitc z théa man diéu kien |zi — 2 — i| = 2.

® Loi gidi.

IR & cHuonG 4. 56 PHUC




BiNam hoc 2021-2022 BTAI LIEU HOC TAP-GIAI TICH 12

LUYEN TAP @

! Chiing minh z = (14 2i)(2 — 3:)(2 +4)(3 — 2¢) 1a mot s6 thue.
LUYEN TAP @

Tim phan thuc, phan 4o, mo-dun, s6 phic lien hop va toa do diém biéu dién hinh hoc clia s6
phtic z biét
a) z= (=74 2i)(2+ 5i). b) z = 3i(2 — i) (3 + 4i).

UYEN TAP ©

-

Tim s6 phic z biét
a) z =14'%, b) z = (1+i)%. ¢) z = (1— )2

LUYEN TAP @

! Tim mo-dun clia 6 phiic z thoa méan 2z(1+4) + (Z + 2)(1 —4) = —1 + 5i.
LUYEN TAP @

! Tim s6 phtc z biét 22 = 3 — 4.
LUYEN TAP @

! Tim s6 phtic z biét |2| = 3v/2 v 22 1a 6 thuan 4o.
VAN DUNG @

|2 + 227 + |2 = 52

Tim s6 phtic z théa man B
z+7z=6.

VAN DUNG @)

I Tim s6 phitc z biét 22 + 2 (|z]? +Z) = 9 va 2 khong 1a s thuc.

VAN DUNG ©

Cho s6 phiic z théa méan |z| = v/5. Xac dinh phuong trinh dudng chita cac diém biéu dién s6
phitc w = (2 +1i)z — 3i.

AN DUNG @

i

Trong céac sb6 phtic z théa méan |iz — 3| = |z — 2 — 4|, tim phan thuc clia s6 phic z sao cho |z|
nhé nhat.

VAN DUNG ©

Trong céac s6 phtic z théa méan |iz — 3| = |z — 2 — 4|, tim phan thuc clia 6 phic z sao cho |z|
nhé nhat.

Bai tap tong hop

Tim tap hop cac diem M trong mat phang phic biéu dién sé phitc z trong céc truong hgp sau
a) |z| = |z — 3+ 4il. b) |z —i| + |z +i| = 4. ¢) 2% =7

e Tim s6 phitc 2z thoa man cac dieu kién sau
a) |z—2-=3i|=|z+1—1.
b) w=(—2%—4iz) (22 + 16) la s6 thyc khong am.

2. CONG, TRU VA NHAN s& PHUC [REKL)
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Goi X 1a tap cac so phiic z théa man |z —i| > 3 va |z — 2 — 2i| < 5. Tim cac s6 phiic 2,20 € X

sao cho |z1| 1a nhd nhat va |22| 1a 16n nhat.

o Cho s6 phitc z thdéa méan |z — i| = 2. Tim gia tri 16n nhat va gid tri nhé nhat ctia biéu thitc

= |2+ 2|+ |z +2—2i|

e Cho sb phtic z thoa man |z — 1 — 2i| + |z — 4 — 3i| = v/10. Tinh gia tri 16n nhat va gia tri nho

nhat cta |z|.

o Cho s6 phitc z théa man |z| =
P=2*+32+47z—|z+7|

Q Bai tip trac nghiém
1. Thuc hién phép tinh

1.1. Miic d6 nhan biét

Cdu 1. S6 nao trong cac sd phic sau la s6
thue?
(A) (V3 +2i) — (V3 -2i).
(B) (3 + 2i) + (3 — 2i).
@(5 2i) (f 2i).
@( (=1 +29).
Cadu 2. Cho s6 phiic z = —1 + 2, w = 2 — 1.
Y
N 7771 77777 P
l oz
—1 o 1
Mo 1| i)

Diém nao trong hinh bén biéu dién sé phiic z +

.@P. B N. ©Q. (D) M.

Cdu 3. Cho s6 phitc z = (1+14)%(1+ 21). S6 phiic
2 ¢6 phan 4o 1a
A2 B4 (©2. D) —4.

Cdu 4. Cho hai s6 phtic 2; = 3—7i va 2y = 2+ 3i.
Tim s6 phiic 2 = 2; + 2».

(A)z=1-10i. (B) 2 =5— 4i.
(C)z=3—10i. (D) z =3+ 3.

Cdu 5. Cho sb phiic z théa z + 2z = 2 + 34, thi
|z| bang
29

Cdu 6. Cho s6 phitc z khac 0 1a s6 thuan &o.

DR

B CHUONG 4. 86 PHUC

1. Tim gia tri 1én nhat v gia tri nhé nhat clia biéu thic

Meénh dé nao dudi day dang?
@5 1a s6 thuc.
9 zZ=7Z.
@ z2+7zZ=0.
(D) Phan 40 ciia z bing 0.

Cdau 7. Cho 2,2 la hai s6 phiic tuy §. Khing
dinh nao duéi day sai?

A)z-z =
|21+ 22| = [21] + |22].
21+ 29 =721 + 2.

D) |21 - 25| = |21] - |2a].

CdAu 8. S6 nao trong cac sd phiic
thue?

(A)(1+2i) +
(3+2i) + (3 — 24).
(C)(5+2i) — (V5 — 2i).
D) (V3 —2i) — (v/3 + 20).

Cadu 9. Cho sb phtic z = 2 + 3i. Tinh
5— 061

-5+ 12
@5 1132' | %1 122
—12i —5—12i
©—= ©—F—
Cau 10. Cho haisé phiic 2; = 2—24, 29 =
Khi d6 s6 phiic z; — 2 1a
— 5.

(A) =5 + 5i.
(C)5 — 5i. (D) —1+i.

Céu 11. Téng 2 s6 phitc 144 va V341 bang

sau la sb

(=1 + 2i).

IS RS

—3+3u.

(A1 + V3 +2i. (B) 2i.
©1+v3+i. D)1+3.
Cdu 12. Cho i la don vi 0. Gia tri ctia biéu thic

z=(1+14)?1la
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(A)2i. —i.  (©-2. (D).
Cadu 13. Cho s6 phitc z = 2 — 3i. S6 phitc w =

i-z+zla
@w:—1+i. w:5—z’.
@w:—l—i.

(Clw=—1+5i.

. . 1 .
Cadu 14. Cho s0 phiic z = 1 — §Z Tinh s6 phiic

w =1z + 3z.

Bt
@w——+z

Cdu 15. Cho s6 phiic z thoa man (1+2)(1+4) —
5+ = 0. S6 phtic w = 1 + z bang

(A)—1+3i. (B)1-3i.

(C)—2 +3i. (D)2 —3i.

Cadu 16. Thu gon s6 phiic z = i+ (2—47)—

ta dudgc:
(A)z=—-1-i. B z=1-1i.
(Clz=-1-2i. D)z=1+i.

Cadu 17. Cho s6 phiic z = 2+ bi. Tinh 2z - Z.

(Az-z=VITP. =
@z-iz— @ _:4+b

Cdu 18. Sé phiic z +7 1a

(A)S6 thye. S6 4o.

©o. D) 2.
Cdu 19. Tinh mo-dun ctia s6 phiic nghich do
clia 56 phtic z = (1 — 24)2.

@%, %. © V5. @g.

Cadu 20. Cho s6 phtic z = 2 + 5i. Tim s6 phiic

w=1z+7Z.
(A)w=—3—3i. (B) w=3+T7i.
©w=—7—7i. @w:7—3i.

Cdu 21. S6 phiic z = (1 + 2i)(2 — 3i) bang

B) 8.
(D) —4 +1.
Cau 22. Cho z; = 1+ 2i, 20 = 2 — 3i. Khi do
w = 2, — 2z bang
(A)w =5+ 8i. (B) w=—3+8i.
Cw=3-i. D) w=—3— 4.
Cdu 23. Tim sb6 phic w =
z1=14+2iva 29 =2 — 3i.

(3_22)a

@‘

21 — 22y, biét rang

(B) w =5+ 8i.
@w=—3—4z’.

—4—51.

@w=3—z’.
(Cw=—3+8i.

Cadu 24. Cho hai s6 phiic z; = 2+3i, 29 =

Tinh z = 21 + 2.
(B) 2z = —2+ 2i.

(A)z=-2—2.
(Clz=2+2i (D) z=2-2i

Cdu 25. Cho hai s6 phitc 21 = 2+ 3i va 2 =
—4 — 5. Tim s6 phtic z = 2z + 2.

(A)z=2+2i B) z=—2—2i.
(Clz=2-2i D) z=—-2+2i

1.2. Mitc d6 théng hiéu
Cdu 1. Tim s6 phiic w = 3z + z biét z = 1 +

21.
w=4—4z'.

(A)w =4+ 4i.
(Clw=2—4i. (D) w =2+ 4.

Cdu 2. Cho s6 phiic z théa man (2 + 3i)z — (1 +
2i)Z = 7 — 4. Tim mo-dun cia z.

(A) 2] = 2| =1.
©)lz] = D2l =2.
Cadu 3. Cho sb phiic z # 1 théa man 2® = 1. Tinh
D) 2.

(A)1. B 3. (©4

. ) 1 )
Cadau 4. Cho s6 phic z = 1 — §Z Tinh so phiic

w =1z + 3z2.

Bw=>2. Bw=:+i
@w———l—z @w—%

Cdau 5. Cho s6 phtc z théoa man |z| — 2z =
—7+ 3i+ z. Tinh |z|.
25

(A)5. ®) 3. T T

Cdu 6. Néu s6 phiic z = 1 — 4 thi 2! bang

(A)32i.  (B)—32. (C)—32i. (D)32.

Cdu 7. Néu 2 s6 thuc z, y théa man z (3 + 2i) +
y (1 —44) =1—32¢ thi x +y béng
D) -3.

A 2. (B) 4. (©)s.
Cdu 8. Cho (2 — 2:)*® = q + bi;a,b € R. Tinh
gia tri cia bicu thitc P = a + b.

@ _ 1009 {1009

@ _ 41009 @ 41009

2. CONG, TRU VA NHAN SO PHUC
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Cdu 9. Cho s6 phiic 2y, 29 thoa man |z + 25| = 3,
|z1] =1, |22| = 2. Tinh z; - Z5 + 71 - 2.
O

A)2. B)8. ©o.
Cau 10.

Diém nao trong y
hinh vé dué6i day
la diém biéu dién |
clia s6 phic z }
(1+4)(2—1)? |

@M- P. i ;1

O~ D@  p]

Cadu 11. Déng thiic nao trong cac dang thitc sau
dang?

@ (1 + §)2018 = 21009;
(1 + Z')2018 — 91009,
@ (1 + §)2018 = 21009,
@ (1 + Z')2018 — 91009

Cadu 12. Biét z 1a mot nghiém ctia phuong trinh
) 1
1. Tinh gia tri bieu thitc P = 23+ -
2

(AP =-2. B P=0.
©P=4 @P:Z.

Cadu 13. Cho hai s6 thyc x, y théa man 2z + 1 +
(1 —2y)i = 2(2 —1i) 4+ yi —x. Khi d6 gia tri cta

22 — 3zy — y bing
©-2. DO-1

A-3. ® 1L
(1 —4)?°18 ¢6 phan thuc

Cadu 14. S6 phiic =
91009

bang

(A)1.

(C) —2t009. D)o.
Cadu 15. Tim s6 phiic lien hop clia s6 phiic z =
i(3i-1) I

(A)z=3—1i.

(©z=3+1i D)
Cdu 16. S6 ndo trong cac s6 sau la so6 thuan
ao?

(A) (V3 +2i) (V3 —2i).

(V3+2i) + (V3 —2i).

@1—41

1+4i
(D) (3 + 3i)%

Cdu 17. Rit gon biéu thiic P = 72000 442021

—_

z+-=
z

-3+ 1
-3 —1

z
z

B CHUONG 4. 86 PHUC

(AP =1+i. B P=1-i
CP=-1+i. D) P=-1-i
Cdu 18. Diém biéu dién ctia s6 phiic z 1a M (1;2).
Toa do ctia diem biéu dién cho sb phiic w = z — 2%

1a
(2;1).
D) (2;3).

‘1-1-\/52'

Cdu 19. Tinh
2018
i~

(AP =2 (B) P = 21010,
©P222019_ @p:4.

Cadu 20. Cho i la don vi d4o0. Goi S 1a tap hop tat
ca cac s6 n nguyen duong c6 hai chit s6 théa man
i" 13 s6 nguyen duong. S6 phan t1t ctia S 1a

(A)22. 23.  (C)45. (D) 46.

Cadu 21. Cho s6 phiic z; = 3 + 2i, 2o = 6 + 5i.
Tim s6 phtic lién hop clia 2 = 621 + 52.

(A)z =51+ 40i. (B) z = 51 — 40i.

(C)z = 48 + 37i. (D) z = 48 — 37i.

2. Xéc dinh cdc yéu t6 co ban ctia s6 phiic
qua cac phép toan

P +

)2018

2.1. Mifc dd nhén biét

Cdu 1. Cho sb phitc z = 1 + 2i. Tinh tong phan
thue va phan 4o ctia s6 phitc w = 2z + Z.

(A)3. B 5. ©1. D) 2.

Cdu 2. Cho s6 phiic z = 1 —i. Biéu dién sb phiic

22 1 diém
(A) M(=2;0). N(1;2).
D) Q(0; —2).

(C)P(2;0).

Cdu 3. Cho s6 phtic z théa man (3 + 2i)z + (2 —
i)> = 4+1. Hiéu phan thyc va phan 4o clia s6 phiic

z la
(A) 2. (B) 3. ©1 D)o.

Cdu 4. Tim sb6 phtc lien hop ctia s6 phic z =
i(3i + 1).

(A)z=3+i.
Cz=3—i.

Cau 5. Cho s6 phiic z = 3 —2i. Tim phan 4o clia

s6 phic w = (1 + 2i)z.
(A) 4. 7. ©-4. (D 4.
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Cdu 6. Cho hai s6 phiic 2 = 2+ 3i, 29 = 1 +i.
Tinh |2, + 32,

@|21+322| =V 11. |21+322| =11.
(C) |21 + 32| = V61. (D) |21 + 32o| = 61.
Cau 7. Cho s6 phic z = 1 — 2i. Diém nao dudi
day la diém biéu dién ctia s6 phitc w = iz trén mat
phang toa do?
(A) P(-2;1). Q(1;2).
©M(1;-2). DIN(@21).
Cdu 8. Cho s6 phiic z = 2 + i. Tinh mo-dun clia
s6 phitc w = 22 — 1.

(A2v5. (B)vE.  (C©5v5 (D20

Cdau 9. Cho s6 phiic z = 3 + 2i. Tim phan thuc
va phan 4o ctia s6 phic —2 - Z.
@ Phan thyc bang —6 va phan 4o bang —4i.
Phan thyc bang —6 va phan 4o bang —4.
@Phén thie bang —6 va phan 4o bang 4i.
(D) Phan thyc biing —6 va phan 4o bing 4.
Cau 10. Cho s6 phtic 2, = 1+ va 2o = 2 — 3.
Tim s6 phtic lién hgp clia s6 phitc w = 21 + 2».
(A)w =3 — 2i. B)w=1-4i.
Cw=—1+4i. D)w=3+2i.

Cau 11. Diém ndo sau day biéu dién s6 phic
z = i(7 — 44) trong mit phang toa do?

(A) P(—4;7). M(4;7).
(©)Q(—4:-7). (D) N(4; 7).
Cdu 12. Cho hai s6 phtic 2, = 2 + 3i va 2, =
—3 — 5i. Tinh tong phan thyc va phan 4o ciia s6

phtic w = 21 + 2.

(A)3. -3.

©o. D) —1-2i.
Cadu 13. Cho hai s6 phiic z =5+2i va 2/ = 1 —1.
Tinh mo-dun ciia s6 phic w = z — 2.

A5 ®3v5 ©vi. D)V

Cadu 14. Cho céc sb phitc 21 = 2+ 3i, zp = 4+ 5.
S6 phiic lien hop ctia s6 phitc w = 2(21+29) 1a

(A)w = 8+ 10i. B)w =12 — 16i.
(Cw=12+3i. D)w = 28i.

CdAu 15. Cho hai s6 phitc 2 = 3 — 51 vA w =
—1 + 2i. Diém biéu dién s6 phic 2/ = Z —w - 2
trong mit phang Oxy c6 toa do 1a

(A) (—4; —6). (4;6).

(C)(4;-6). (D) (—6; —4).

Cdu 16. Cho s6 phiic z = 2 — 3i. Tim phan o
ctia s6 phitc w = (14 1)z — (2 —)z.
(D) —9i.

(A)=5.  (B)-9. (C)—5i.

Cau 17. Cho hai s6 phitc 2, =2+ vi 2o = 1 — 1.

Tim s6 phiic z = z; + 22.
(©4-i. (D)2

(A1+i (B)L

Cau 18. Cho 2, = 2+3i; 29 = 4+5i. Tim s6 phiic
lien hop ctia s6 phiic w biét w = 2 (21 + 29).
(A)w =12 — 16i. (B)w =12 + 16i.
Cw=-14+44i. (D)W= —14— 44,
Cdu 19. Tim phan 4o ctia s6 phtic z = (a+bi)(1—
%) v6i a,b € R.
@ 2a +b. 2a — b.
@ a+ 2b. @ b — 2a.

Cadu 20. Cho sb6 phtic 2, = 1+2i, 20 = 3—1i. Tim
s6 phiic lien hgp ciia s6 phitc w = 21 + 2».
(Aw=4—i. B w=4+i.
Cw=-4+1. D)w=—-4—i.
Cadu 21. Cho z 1a mot s6 thuan ao khac 0. Ménh
dé nao sau day ding?
(A)7 1a s6 thic.
Phan 4o ctia z bang 0.
@z =Z.
@ z+7z=0.

Cdu 22. Cho s6 phiic z théa (141i)z = 3—i. Tim

phan 4o cla z.
(A)—2i. (B)2i. (O D) -2.

Cdu 23. Tim phan thuc a va phan 4o b clia s6
phitc z = (=2 + 3i)(—9 — 107).
(Aa=48vab="T.

(Bla=—-48vab=T.
(Cla=—48vab=—T.
D)a=48vab=—T.

Cadu 24. Tim mo6-dun cta s6 phic z = (=6 +
8i)%.
(A) |2] = 4v/527. 2| = 2V/7.

(©)|2] = 100. (D) |2| = 10.

Cadu 25. Diém A trong hinh vé biéu dién cho s6
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phtc z.

0 3 x

Tim phan thic va phan 4o ciia s6 phic z.

(A)Phan thyc 1a 3, phan 4o la —2i.
Phan thuc la 3, phan 4o 1a 2.
(C)Phan thyc la 3, phan 4o la —2.
(D) Phan thuc 1a 3, phan &o 1a 2i.

Cadu 26. Phan thyc ctia s6 phiic 2 = (a+1i)(1—1)

la
a—l.

@—a—i—l.
©a+1. @a2+1.

Cdu 27. Cho sb phitc z = a + bi. Khi d6 phan do
clia s6 phitc z? bang

@ b. 9 a.

(C)2ab. (D) a? — b2,
Cdu 28. Tim so6 phtc lien hgp ciia s6 phiic z =
(3 +24)(3 — 24).

(A)z =13. i.

©z=0. D)z =-13.
Cdu 29. Tim sb6 phtec lien hgp ciia s6 phiic z =
1—3i+ (1—i)2.

(A)z=—1-5i. B)z=1-5i.

(Cz=1+5i. D)z=5—1i.
Cdu 30. Téng phan thie va phan 4o ctia sé phiic
2= (1+14)*—(3+3i) la

(A)V/10. —4.

(©)4. (D) -3 —1.

Cadu 31. Cho s6 phitc z = —3 + 4i. Mo-dun cla

sO phic z 1a
(A)4. 7. (©)3. D)s.

Cdu 32. Phan thuyc va phan 4o clia s6 phiic 2z =
(1 + 24)4 lan lugt 1a

(A)1va2. (B)—2va 1.

(©)1va —2. D)2 val.
Cadu 33. Tim s6 phtc lien hop ctia s6 phiic z, biét:
dz+ (2+3i)(1 —2i) =4+ 3i

ISTEEENY]
I

IEEE = cHuonG 4. 56 PHUC

_ 5. —_ 4 D
@Z——I—Zz. z-l 1

)
@Z:—1+Zz’. D)z=-1-i.
Cadu 34. Tim céc s6 thyc a va b théa man a+ (b—
i)i =1+ 3i v6i i la don vi ao.
(Aa=-2b=3 Bla=1,b=3.
(Cla=2b=4. D)a=0b=3.

2.2. Mitc d6 thong hiéu

Cdu 1. Tim s6 phitc 3z + % biét z = 1 + 2i.
(A)3z+z=4+4i. (B)3z+7z=4—4i.
(©)3z+7=2—-4i. (D)3z+%=2+4i.

Cdu 2. Tinh mo-dun ctia s6 phiic z thoéa man
22—1)+ 131 = 1.

(A) 2] = v34. 2| = 34.
Q=2 -2

Cadu 3. Cho s6 phtic z = 2 — 3i. Mo-dun clia s6
phic w = 2z + (1 + )z bang

(A) 4. ®) 2. (©vi0. (D)2v2.

Cdu 4. Cho s6 phitc z = 2 — 3i. Mo-dun ctia s6
phitc w = 7 + 22 bang

(A) 3V/10. V206. (C)v/134. (D)3v2.
Cau 5. Cho s6 phiic z théa man (2 — 3i)z + (4 +
i)z = —(1 + 3i)?. X4c dinh phan thyc va phan 4o
cua z.

(A)Phan thie 1a —2; phan o la 3.

Phan thuyc 13 —3; phan 4o 1a 5i.

@Phén thie 1a —2; phan 4o 13 5i.

(D) Phan thye 1a —2; phan &o 1a 5.

Cadu 6. Cho s6 phiic z = a + bi, (a,b € Z) thoa
man (2 + 3i)[z| = (4 + 3i)z — 15(1 — 4). Tinh

a—b.
An-1. ®3. (©)s. D) 7.

Cdu 7. Cho s6 phiic z théa méan (1 +1i)z — (2 —

11— 2z |
- la

1—1

ViB - 3 VB T
W= = ©F @7

i)z = 3. Mo-dun ctia s6 phic w =

Cdu 8. Cho s6 phiic z théa man z + 3z =
(1— 22’)2. Phan 4o cia z la

(A) —2. % (©2. @_Z'
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Cdu 9. Cho s6 phiic z = a+bi (a, b1a cac s6 thuc)
thoa man (1+i)z+2%Z = 34-2i. Tinh P = a+b.

(AP =1. P:—%.
@P:%. D) P=-1.

Cau 10. Cho s6 phtic 2z théa man (1 — )z +

(3 — 1)z = 2 — 6i. Tim mo-dun cla s6 phiic
w =2z + 2.
Aovi B i OV D)2

Cau 11. Giatri ctia | (1T — i) (24 i) — 4| béng
AV, B V5 (©)s. D) V13.

- ) 1 )
Cadu 12. Cho 6 phiic z = 1 — §Z Tim s6 phtc

w =12z + 3z.
@wz?—i—i. w:?.
Cu=1 Dw=: +i

Cdu 13. S6 phtic z théa man 2z + 2z = 3 — 2i

la
(A1—2i. B)1+2i. (C2—i D2+

Cau 14. Goi a va b 1a cac sO6 thuc théa man
a-+2bi+b—3=—ai—1vdiiladon vi do. Tinh

a+b.
(A) 3. ®11. (©)-3 (D) -I1L

Cadu 15. Tim hai s6 z va y théa man (2z — 3yi)+
(3 —i) = bz — 4i véi i 1a don vi éo.

:)3 =-1;y=1
@x =Ly=1

Cdu 16. Cho hai s6 phiic 2 = 3 — 4i vA 2o =
—2 + 4. Tim s6 phiic lien hop clia 2 + 2.

(A)1+3i. 1—3i.
(C)—1+3i. (D) —1 - 3i.
Cdau 17. Cho hai s6 phiic 21 = 1 — 2 vA 2o =
3+ 4i. Tim diém M biéu dién s phiic 2 - 2o trén
mat phing toa do.

(A) M (—2;11). M(11;2).
(C)M(11;-2). (D) M(—2; —11).

Cadu 18. Mo-dun cia s6 phiic 2z = (1 + 2i)(2 —4)

1a

Az =5. B |2l = V5.

©)z| =10. D)zl =6.
Cau 19. Gia sit A, B theo thi tu 1a diém biéu
dién_ci’la céc sO phtic 21, zo. Khi d6 do dai clia véc-
to AB bang

(A |z1] = |2 -

|20 — 21| .

|21] + [22] -
@ |29 + 21]-
Cdu 20. Trong cac s6 phic (1 + 4)3, (1 + ),
(1 +14)5 (1 + )5 s6 phitc nao 1a s6 phitc thuan
ao?

(A) (1 +10)°. (1+4)°.

(©) (1 +1)3. (D) (1+4)*.
Cau 21. Goi a,blan lugt 1a phan thyc va phan 4o
clia s6 phiic z = (\/§ + 3@')2. Tinh T = a+2b.

(AT = —7+12V2. T=—7+6v2.
C©T=12-7v/2.  (D)T=-7-12V2.
Cadu 22. Cho sb6 phtic z = 2+ 5i. Goi a, b 1an lugt
13 phan thiyc va phan 4o ctia s6 phiic w = iz + Z.

Tinh tich ab.
(A)-9. (B —-6. (C)o. D) 6.

Cdu 23. Tinh modun cia sd phiic z biét z =
(2i — 1)(3 + ).

(A)]2] = 2/5. 2] = 5v2.

(©) 2] = VIO. D) |2| = V26.
Cdu 24. Cho s6 phic z = a + bi, a,b € R,
a > 0 théa ||z—1]+2—-2] = @« = b Tinh
12(1 + %))

A)3v2. BV ©vE  (D)Ve

Cdu 25. Trong mat phang phitc, diém M (1; —2)
bieu dién sb6 phiic z. Mo-dun ciia s6 phitc w =

iz — 2% bang

(A)26.  (B)V6.  (C©v26. (D6
Cdu 26. Cho s6 phtc z théa man z + 4z =
7+ i(z — 7). Khi d6, mo-dun ctia z bang bao
nhiéu?

Az = V3. OJEES

©)lzl = v5. Dz =s.

Cdu 27. S6 nao sau day 1a s6 thuan 4o?

(A) (1 +0)*. (1414)3.
(©)(1+1)°. (D) (1 +4)E.

Cadu 28. Tim s6 phiic thda man i(z — 2 + 3i) =

1+ 2i.
(B) z = —4 — 4i.
(D)z =4+ 4.

Cdu 29. Cho s6 phtic 2; = 3+2i, 20 = 6+5i. Tim
s6 phiic lien hop clia sd phiic 2 = 621 + 52».

(A)Z = 51 + 40i. (B) z = 48 — 37i.
(C)z =51 — 40i. (D) z = 48 + 37i.
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Cdu 30. Tinh gi4 tri ctia tong phan thic va phan
4o clia s6 phtic z biét z = (2 +14)2.
(A)7. 6. (©)s. D) -1.

Cadu 31. Cho s6 phitc z = —4 + 3i. Tinh mo-dun
clia s6 phitc w = iz + Z.
|w| =

(A) Jw| = 7v2. .

©)uw| =2V7. D) Jw| = 25.
Cdu 32. S6 phitc 2 = a + bi (a,b € R) théa méan
|z — 2] = |z| va (z + 1)(z — i) 1a 86 thuc. Gia tri
ctia biéu thitc S = a + 2b bing bao nhiéu?

(A)S = -3. S =1

(©)s=o. DS =-—
Cau 33. Cho s6 phitc w = (2 4 1)° —3(
tri cua |w| 1a

(A)V5L.  (B)2v10. (C)v43. (D) V58,
Cadu 34. Mo dun cia s6 phitc z = (1 + 27) (2 — 1)
la

(A)]z] =5. ®) |e| = V5.

©)]z] =10. D]z =6.
Cadu 35. Cho hai s6 phtitc 2 = 3 —1i v 2o = 4 — 1.
Tinh mo-dun clia s6 phitc 27 + Zs.

(D) 15.

(A)12. 10. (C)13.

Cdu 36. Cho s6 phiic z théa man z (1 +1)+12i =
3. Tim phan 4o ctia s6 Z.
15 . 15

9 15

Cdu 37. Cho hai s6 phiic 2 = 1+ 2i vA 2o =
2 — 3i. Phan 4o ctia s6 phtic w = 3z; — 22, 13

(A12. (B)1 ©1. (D12

Cadu 38. Tim phan 4o ctia s6 phiic z biét z — (2+

3i)z = 1 - 9i.

(A)1. ® -2 ©-1. D2
Cdu 39. Cho s6 phiic w = (2+41)* —3(2—1i). Gia
tri ctia |w| la

(A)vBi  (B) VB8 (C)2v10. (D) V43,

Cadu 40. Cho s6 phic z = a + bi, véi a,b € R.
Tim ménh dé ding trong cac ménh dé sau?

@z—k?z%i. B)z—7=2a.
@z-?zaz—bQ. @|z2| = |z

Cdu41. Tinh mo-dun ctia sd6 phic z =

2i)(2 — ).
&) |z| =5. || =

i). Gia

(1 +

B CHUONG 4. 86 PHUC

(©)|z] = 10. D) |2| = 6.

CaAu 42. Cho s6 phiic z thda man (2 —3i)z+6 =
5i — 1. Ménh dé nao sau day dung?

29 11,

@_:_+E BE= gt
_ 1 _ 29 1,

©z- ___1_3 Dz=-f+3t

Cdu 43. Cho s6 phiic z = (1—14)%(34-2i). S6 phiic

2 ¢6 phan 4o 1a
(A)6. B) —6i. (C)—6. (D4

Cdu 44. Cho s6 phiic z = (\/§ - 3i>2. Téng phan

thiic va phan 4o ctia s6 phiic 2z bang bao nhiéu?

(A) V2 +3. 6v/2 + 11,
C6v2-T. (D) 11.
Cadu 45. Trong mat phéng toa do Ozy, sd phic
= (2 —3i) — (34 1) dugc biéu dién bdi diém nao
sau day?
(A) M(—1;—4). (B) N(1; —4).
CP(;4). DlQ-14)
CaAu 46. Cho hai s6 thyc x, y théa man z(3 +
2i) +y(1 — 47) = 14 244. Tinh gia tri x +y.

@x+y:4. Blzty=3.
Cz+y=2 Dz+y=-
Cdau 47. Cho sb phiic z c6 diem biéu dién trong
mit phang toa do Ozy la diém M(1;—2). Tinh
mo-dun ctia s6 phitc w = iz — 22
Ds.

(A) V6. v26.  (C)26.

Cdu 48. Néu mo-dun ctia s6 phitc z la r (r > 0)
thi mo-dun ctia s6 phiic (1 — i) - z biing

@ V2. 9 3r. @ 2r. @ 2/2r.
Cdu 49. Cho s6 phitc z = 3 — 2i. Tim diém biéu
dién ctia s6 phic w = z + i - Z.

(A) M (5;—5). (B) M (1;—5).

(©)M(1;1). (D) M (5:1
Cadu 50. Tim sb phiic lien hop ctia s6 phiic 2z =
i(3i +1).

(Az=3—1.

(©z=-3+i.
Cau 51. Cho s6 phiic z = (2 —
biéu dién s6 phic z la

(A) M (6;17).

(C) M (—17; —6).

3i)(3 — 44). Diém

M (17:6).
M (—6; —17).

©®
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2.3. Muc d0 van dung

Cdu 1. Tinh modun ctia s6 phiic z thod méan
32742017 (2 — 2) = 48 — 2016

B)le| =4 o] =

(C) 2] = V2017. D) |z| = 2.
Cdu 2. Cho sb6 phtic z = a + bi, (a,b € R) thoa
man z +2+7— |2[(1 +¢) = 0 va |z| > 1. Tinh

P=a+b.
(AP =3 B)P=-1.
5 DP="1.

Sr=-
Cadu 3. Cho s6 phric z ¢6 phan thyc la s6 nguyén
va z théa man |z| —2Z = =7+ 3i + z. Mo-dun cla

s6 phitc w = 1 — z + 22.
(B) uw| =

A |w| =

©lwl = DJul =
Cau 4. Goi 21, 2 1a hai trong cic s6 phtic z thoa
man |Z—3+5Z| =5 v |21 — 23| = 6. Tim mo-dun
clia s6 phitc w = 2 + 29 — 6 + 10i.

(A) Jw| = 10. |w| = 32.
©)lw| = 16. D juw|=s.
Cdau 5. Cho sb6 phiic z théa man dong thoi hai
didu kien |z — 3 —4i| = VB va |z + 2 — |z —i|* =
33. Modun ctia s6 phtic z — 2 — 7 bang
(D) 5.

(AVE. (B9 (C)25.

Cdu 6. Cho s6 phic z = a + bi(a,b € R) thoa
man (z+1+14)(Z—1¢)+ 30 =9 va|z] > 2. Tinh

P=a+0.
(A)2. ®1. ©-3. D-L

Cau 7. Cho s6 phtic z = a + bi (a,b € R,a > 0)
théa man z -z — 12 |2| + (2 — Z) = 13 + 10i. Tinh

S =a+0b.
(B) S =17.

(A)S=T.
C)S=-1 D) S =5.

Cdu 8. Cho hai s6 phitic 21, 29 théa man |3z —i| =
3 +iz|. Biét réing |z, — 22| = v/3. Tinh gia tri bicu
thic P = |z + 2.

(A) P =2V2.
©p=3 ©P-=

Cdu 9. S6 phiic z=a+bi (a,b € R) théa man
|z — 2] = |z] va (z + 1)(z — 4) 1a s6 thuc. Gia tri
ctia biéu thiic S = a + 2b bing bao nhieu?

(A)S = -3. B)S=0.
©s=-1 D)S=1.

V/2016.

®

1
)
1

Cau 10. Cho s6 phtic z théa man |z — 1]
|z —4|. Tim mo-dun nhé nhéat ctia s6 phitc w
22+ 2 —1.

»3

3. Bai toan tap hop diém

Cadu 1. Cho hai s6 thyc z, y thod man phuong
trinh x + 2¢ = 3 + 4yi. Khi d6 gié tri ctia = va y

3v/2

(B) 3V2. @zi OE

Cau 2. Tim cac s6 thuc a va b théa man 2a+ (b+
i)t =1+ 2i v6i i la don vi do.

(Aa=0,b=2.
(Cla=0,b=1.

Cadu 3. Cho cap sb6 (z;y) théa man (2x — y)i +
y(1 — 24) = 3 + 7i. Khi d6 biéu thic P = 2% — xy

nhan gia tri nao sau day?
(©10. (D20

(A) 30. 40.

Cau 4. Tim s6 z théa man phuong trinh z+ 2z =
2 — 4.

2
= - —4i.
®) z % {
— + 4. = -+ 4.
3 + 41 @z 3—|— v
Cadu 5. Cho z,y la cac s6 thyc théa man (2z—1)+
(y+1)i = 142i. Gid tri ctia bicu thitc 224 2zy+y?

bang
A 2. ®)o. ©1 D) 4.

Cadu 6. C6 bao nhiéu s6 phtic z thoéa man |z| =
V2 va 22 13 s6 thuan 40?
(A) 4. B 3. ©)2. D) 1.

Cau 7. Cho s6 phiic z = a + bi, (a,b € R) thoa
man z — (2 +30)z = 1 — 9i. Gié tri cta ab + 1

bang
(A)-1.  (B)o. ©1 D) -2.

Cdu 8. Cho s6 phiic z théa man (2 + 3i)z — (1 +
2i)Z = 7 — 4. Tim mo-dun cla z.
W)z = V5. Bz =1.
©lel = Dl =2.
Cdu 9. Cho hai s6 thuc z, y thoa man z(3+2i)+
y(1 —44) = 1 + 244. Gia tri cia x + y bang
2. CONG, TRU VA NHAN SO PHUC
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A -3 B4 ©)2. D) 3.

Cadu 10. Tim m6 dun cta sé phic z biét (22 —
1)1 +4)+ (Z+1)(1—i)=2— 2.

1 V2 2 1
W ®%. ©F; O
Cau 11. Cho s6 phtic z = a+bi v6i a,b € R thoa

man z+ 1+ 3i — |z|i = 0. Tinh S = 2a + 3b.

(A)S =—5. (B) S =5.
(C)S = —6. D) S =6.

Cdu 12. C6 bao nhiéu s6 phiic z théa man |z| =

V2 va 22 1a s6 thuan 4o?
(A) 4. (B 3. (©2. D) 1.

Cdu 13. Tim s6 phtic z théa man z + 2 — 3i =

2z.
@z:2+i. B z=2-1.
@z:3+i.

(Cz=3-2i.
Cadu 14. C6 bao nhiéu s6 phiic z théoa man dicu
kien |z +i+ 1| = |z — 2] va |z| = 1.

D)4

(A)0. B 2. ©)1.

Cdu 15. Cho s6 phiic z théa méan diéu kien (1 +
20)?z +z = 4i — 20. Tim |z|.

(A)|z] = 25. 2| = 7.

(©)|z] = 4. (D) |2| = 5.
Cadu 16. Cho cac s6 phiic z; = 2 +1, 20 = T + yi.
Tinh tong S = x + y biét |z +i| = |20 — 1 + 2i]

va |z + |2 = |2 — 2|
4 2
ot ®2

2wl

Cadu 17. Cho a,b € R va théa man (a+bi)i—2a =
1+ 34, v6i i 1a don vi do. Gia tri a — b bang

A -4 ®4 (©10. (D) -10.

Cdu 18. Tong phan thie va phan 4o ctia s6 phiic
z théa méan iz + (1 — )z = —2¢ bang
D).

An-6. ® -2 (©z2
Cau 19. Néu hai s6 thuc z, y théa man z(3 +
2i) + y(1 — 4i) = 1+ 24i thi x — y béng

(A 3. ®-3. ©-1. O

Cdu 20. Cho sb phiic 2z thoa man 3z + (1+4)z =

1 — 5i. Tim mo-dun cua z.

(A2 = 5. B) |2| = V5.

©)]z| = V13, D]z = V0.
Cadu 21. Cho sb phitic z = a+bi véi a,b € R thoa
(144)z+22=3+2i. TInh P=a+0.

IEEM & cHuonG 4. 56 PHUC

Cdu 22. Cho s6 phiic z théa man z(1+2i) —z(2—
3i) = —4 4+ 12i. Tim toa do diém M biéu dién sd
phiic z.

(A) M(3;1). M(3; -1).

(C)M(-1;3). (D) M(1;3).
Cadu 23. Tim cac s6 thuc z, y théa man z + (y +
2i)i = 2414 v6i i 1a don vi do.

: Diz=0;y=

Cadu 24. Trong mit phang toa do Oxy, cho M,
N, P lan lugt la diém biéu dién ciia céc sé phiic
2 +3i,1—2i, =3 +1i. Toa do diém Q sao cho ti
giac M N PQ 1a hinh binh hanh la

(A Q(0;2). Q(6;0).

©Q(-26). D)Q(—4—4).
Cadu 25. Goi S la tap hop cac s6 phiic z thoéa man
diéu kien 2* = |z|. S6 phan ti cta 2 la

D) 4.

(A)7. B) 6. (©)s.

Cadu 26. Cho sb phitic z c6 phan thiyc 1a sé nguyeén

va z théa man |z| —2z = —743i+ 2. Tinh mo-dun
clia s6 phitc w = 1 — z + 22

(A) |w| = V/37. |w| = V/457.

(C) |w| = v/425. (D) |w| = V445.

Cadu 27. Cho s6 phtic z = a + bi (a,b € R) thoa
man z+ 341 — |z[i =0. Tinh S = a +b.

(A)0. ®-1. ©-3. D1

Cdu 28. C6 bao nhiéu s6 phiic z théa man
|z =1 + |2 —2|i + (2 + 7) 29 = 17
Ds.

(A) 4. ® 2. ©1.

Cadu 29. Cho hai s6 phiic 21, 2z, théa man cac dicu

kién |z1| = |z2] = 2 v |21 + 229| = 4. Gia tri cla
|22 — 25| bang
(A) 216 V6. (C)3v6. (D)8

Cadu 30. Cho s6 phic z théa man z — 4 = (i +
1)|z| = (3z+4)i. Ménh dé nao dudi day ding?
(A)]z] € (6:9). 2] € (4:6).
©lzl € (1:9). Dl € (0: ).
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z:.€) PHEP CHIA SO PHUC
N

Q Tém tat Ii thuyét

$> Tinh chat 3.1. Tong ctia mot sé phiic véi s6 phiic lien hop ciia né bing hai lan phan thuc cia s6
phiic dé.

$> Tinh chit 3.2. Tich clia mot s6 phiic véi sé phiic lién hop ciia né bing binh phuong modun ciia
s6 phiic do.

<> Pinh nghia 3.1. Néu ¢ + di = (a + bi)z thi s6 phiic 2z dugc goi 1a thuong ctia phép chia ¢ + di

cho a + bt khac 0.
B c+di

a+bi

A Luu : DE tinh thuong ¢+ di = (a + bi)z ta nhan cé ti va mau vdi s6 phic lien hgp cla a + bi.
c+di  (c+di)(a+ bi) ac+bd+ad—bc,
= = = VA
a+bi  (a+bi)a—bi) a*>+0>  a®+b?

A Ve ’ ].
$® Tinh chat 3.3. So phiic nghich dao ctia s6 phiic z la: —
z

’ 1 )
&OVidu 1. Thuyc hién phép tinh: 3 +4Z,.
— 43
o Loi gidi.
1+ (1+49)(3+4i) 34+4i+3i+4*> —1+7i 17
Ta co - = = = - 4
2—4i 3%+ (—4)? 25 25 25 ' 25
[ $SVidu 2. Cho s6 phiic z = 2 + 4. Tim s6 phiic nghich ddo cla z. ]
® Loi gidi.
. 1 1.(2—1 2—1 2 1
Ta ¢6 so phitc nghich dao cua z 1a — = = (2—) = L_Z_ 2
22412 5 5 5

z 24
Q Cac dang bai tap

& Dang 1. Phép chia sé phitc don gidn

Cho hai s6 phiic 2; = a + bi, 29 = ¢ + di trong d6 z, # 0. Khi d6 thuong ctia phép chia z; cho 2,
duge xac dinh nhu sau:

21 a+bi (a+bi)(c—di) (acH+ bd) — (ad + bc)i

2o c+di 2+ d? N 2 + d? '

Bai 1. Thyc hién phép chia 2 + i cho 1 + 2i.
® Loi gidi.

3. prer cHias6 pHoC [IEDIN
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Bai 2. Thuc hien phép chia v/2 + 2i cho v/2 — 2i.
® Loi gidi.

San . 2 1 2 £ - .
Bai 3. Tim nghich ddo — ctia s6 phiic z = 2 — 3i.
z

® Loi gidi.

® Loi gidi.
Bai 5. Tim nghich ddo ~ ctia s6 phiic z biét:
2
a) z =2 — 4. b) z = 3i. c) z=—3+bi. d) z=-3-2i.
® Loi gidi.
Bai 6. Thuc hién phép chia sau:
)2—52' )3—2z )\/§+i d)2+62
a . c
i 2 —3i V2 +i —1—i
® Loi gidi.
LUYEN TAP @
Tim s6 phiic z thoa man:
a) iz =141, b) (2 — i)z = —2—i.
¢) (=2+41i)z =3+ 2i. d) (V2+V2i)z=1—1.

& Dang 2. Cdc bai todn fim phan thuc va phén éo cla sé phirc

Dé tim phan thiyc va phan 4o clia s6 phiic z, ta can dua z vé dang z = = + iy v6i =,y € R. Khi
dé6 phan thuc ctia 2z 1a 2 va phan 4o ciia z 1a y. Dé thuyc hién duge ta can nim vitng mot sé kién

IO = cHuonG 4. 56 PHUC
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thic co ban da hoc:

2129

21 2
1) — = —— v6iz,% €C.

%) |ZQ
2) (1+40)2=2iva(1—i)?=

2" = (a+ bi)"

i2=-1, 43

—21 véi i la don vi ao.
3) Cong thic Nhi thitc Newton: Cho z = a + bi € C véi a,b € R van € N. Khi d6 ta c6:

ZCk "kbz

Dé viét duge két qua dusi dang dai s6 thong thuong, chi con phai ap dung cac cong thiec:
= —4, i* = 1. Tt d6, mot cach tong quat ta co:
1 néu n = 4k
inéun =4k +1
—1néun=4k+2
—inéun =4k +3

(k € N)

Bai 1.

V3 —i

Tim phan thic va phan 4o ciia s6 phic z =

1+ l

® Ldi gidi.

Bai 2. Tim phan thyc va phan 4o ctia s6 phiic 2 néu nhu ta c6
(14?2 —i)z=8+i+(1+2i)z

® Loi gidi.

® Loi gidi.

3. prer cHia s pHoc [N
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.. P 1 —2i)° .
Bai 5. Cho so phfrczthéaZ:< +Z> . Viét z du6i dang z = a +ib v6i a,b € R. Tinh S = a + 2b.
i
® Loi gidi.

LUYEN TAP @

a) Tim phan thyc va phan 4o ctia s6 phiic 2 biét z =

5+iv3

z

1=0.

{ b) Tim s6 phric z biét z —

_3+2i\/§+—3+2i\/§
V2 + 3i V2 — 3i

14 mot s6 thuc.

LUYEN TAP ©
l Tim phan thie va phan 4o ctia s6 phiic

144\ 1
z:(le) +(1—i)21+(3+2i)(3—2i)+;

LUYEN TAP @
5(% + i)
z+1

I Cho s6 phtic z théa man = 2—4. Tim phan thuc va phan 4o ctia s6 phiic w = 2?4+ z+1.

2 Dang 3. Mét s bai todn xdc dinh mddun cla sé phic

Modun s6 phitc z duge ki higu la |z
1) Modun s6 phtic 2 = a + bi (a,b € R) 1a |z| = Va? + b?
2) 2| >0, |2|=0<2=0
3) |z| = [7]

% e
1) |z = |z |z, |2 = H V6l 21,29 € C
2
N ~ ~ 2 £ -, < L 1
Bai 1. Tim modun ciia sO phic z biét z = -
V3+i
® Loi gidi.

B CHUONG 4. 86 PHUC
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.. . > 1
Bai 2. Tim modun ctia s6 phtic z biét z =

V3+i

® Loi gidi.

Tim modun ctia s6 phiic Z + iz.

® Loi gidi.

BAi 5. Tim mo6dun clia s6 phiic z biét (22 — 1) (1

+)4+EZ+1)(1—10)=2—2.

® Loi gidi.

3. prer cHiasO pHoC [N
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LUYEN TAP @

5(Z +1)
zZ4+1

I Cho s6 phiic z thda man

LUYEN TAP @

2(14+2¢

u:7+8i.
141

Tim modun cia s6 phitc w = z + 1 + 4.

LUYEN TAP ©

l Cho s6 phtic z thoa man (2 + i) z +

Cho s6 phtic z théa man (1 +4) (z — i) + 2z = 2i.
Z+2z+1

Tim modun ciia s6 phitc w = 5
z

LUYEN TAP @

= 2 — i. Tinh médun ctia s6 phitc w = 1 + z + 22.

! Cho s phtic z thoa man |z — 3 + 44| = 4. Tim gia tri 16n nhat va nho nhat cta |z|.

LUYEN TAP ©

& Dang 4. Tim tap hop diém-GTNN-GTLN

Bué6c 1 Goi M (z;y) 1a diém biéu dién sb phitc: 2z = x + yi, (z,y € R).
Budc 2 Bién doi dieu kien K dé tim méi lien hé gitta x, y va két luan.

Khi thic hién budc 2 ta can luu ¥ cic tinh chat sau:

Trong mit phing toa do Oxzy, hay tim tap hop diém M biéu dién céac s6 phiic z = = + yi thoa
méan diéu kién K cho truée.

! Cho s6 phtic 21, 2o théa man [2z —i| = |2+ iz], |21 — 25| = 1. Tinh Py = |21 + 2

1. z=7%. 3. 27 1= (z)",Vz #£0. 5.7 @ =7 %
2. -7 = |z|% 4. 21 F 20 =71 + 75 6. (2)22722#0.
<2 <2
r \
$SVidu 1. Tim toa do diém M biéu dién sb phic z = CITE
\ /

$SVidu 2. Tim tap hop cac diém ndm trong mit phing toa do Oxy biéu dién sb6 phic z thoa

z+1—2i
5—1iz

man =

® Loi gidi.

BB & cHuonG 4. 56 PHUC
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Cho s6 phric z thoa man (2+1)|z| =

V10

z

+1 — 2i. Biét tap hop cac diém biéu dién cho s6 phrc

w = (3 —4i)z — 1 + 2i la dudng tron tam I, ban kinh R. Tim toa do diém I va ban kinh R.

Lai gidi.

LUYEN TAP @

Cho cac s6 phitc z thod méan |(1 — i)z — 4 + 2i| = 2. Tap hop céc diém biéu dién céc s phiic 2
trén mat phéng toa do la mot duong tron. Tim toa do tam I cta dudng tron do.

LUYEN TAP @

Tap hop cac s6 phiitc w = (1 +1) 2+ 1 v6i z 1a 86 phiic thda man |z — 1| < 1 14 hinh tron. Tinh

dién tich hinh tron do6.
LUYEN TAP ©

) R 2 a2 5
[ Cho s0 phtc z thdéa man dieu kién z — (2 + 3i)z = 1 — 9i. Hay bieu dién s6 phic w = — trén
iz

hé truc toa do Oxy.

LUYEN TAP @

I Trén mat phang toa do, cac diem A, B,C lan lugt la diém biéu dién ciia cac so phic - T

4i

(1 —1)(1 + 2i), —2i*. Khi d6 tam giac ABC' 1a tam giac gi?

LUYEN TAP @

-

UYENTAP @O

mo-dun sd phic z.

Cho s6 phitc z thda méan |z +i| = 3. Biét tap hop diém biéu dién s6 phiic w = (3 + 4i)z — 2i la
mot duong tron. Tinh ban kinh R ctia duong tron do.

Cho s6 phitc z théa man diéu kien |z — 1 + 2i| = /5 va w = z + 1 +i c6 mo-dun 16n nhat. Tim

3. prer cHia s pHoc [N
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VAN DUNG @

Cho s6 phitc z thda man diéu kien |z — 14 2i| = /5 va Cho s6 phtic z thay ddi, théa man
|z — 1| = |z + 2i|]. Tim tap hgp diém biéu dién clia s6 phiic 2.

-~

AN DUNG ©

i

Goi (H) 1a hinh gdm cac diém M la biéu dién s6 phiic z théa man |z + 3|2+ |z — 3|2 = 50. Tinh
dién tich S cta hinh (H).

VAN DUNG @
Cho 21, 22, 23 1a cac s6 phitc théa man 2z + 2o + 23 = 0 va |21] = |20] = |z3| = 1. Goi 4, B, C 1a
ba diém biéu dién lan lugt cho ba sé phiic 21, 2o, 23. Tinh dién tich S ctia tam giac ABC.

VAN DUNG ©
Cho z la s6 phtic thay d6i va luon théa man |z — 2| + |z + 2| = 4v/2. Trong mat phéng toa do
Ozy, goi M, N lan lugt la diém biéu dién cho s6 phiic z va Z. Tinh dién tich 16n nhat Spay cla
tam giac OMN.

VAN DUNG @

. 5 3 s .
Cho s0 phiic z thoa man |z + 5~ 2i| = |z + 5 + 2i| . Hay tinh P = a — 4b, biet rang bieu thiic

Q = |z — 2 —4i| + |z — 4 — 6i] dat gia tri nho nhat tai z = a + bi (a,b € R).

VAN DUNG @
Cho A, B, C tuong ting la cac diém trong miit phang phitc biéu dién cac s6 phitc 2, = 1+2i, 25 =
—2 + 54,23 = 24 4i. Tim s6 phiic z biéu dién béi diém D sao cho ti giac ABCD la hinh binh
hanh.

AN DUNG ©

i

Trong mat phing toa do Ozy, goi M 1a diém biéu dién s6 phtic z = 3 — 4i; M’ 14 diém biéu dién
+ lz. Tinh dién tich tam gidc OMM’.

cho s6 phiic 2/ =

VAN DUNG ©

Cho ba diém A, B, C lan lugt bicu dién cho cic s6 phitc 2y, 29, z3. Biét |21 = |2| = |23] v&
21 + 25 = 0. Khi d6 tam gidc ABC' la tam gidc gi?

VAN bunG (@)

Cho s6 phitc z = m — 2+ (m? — 1)i véi m € R. Goi (C) la tap hgp cac diém biéu dién s6 phiic
2z trong mat phang toa do. Tinh dién tich hinh phing gidi han bdi (C) va Ox.

VAN byne P

Goi H 13 hinh biéu dién tap hgp cac s6 phiic z trong mat phang toa do 0zy sao cho |2z — z| < 3,
va 56 phiic z c6 phan 4o khong am. Tinh dién tich hinh H.

B CHUONG 4. 86 PHUC
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VAN DuNG (B

) L3 ) -
] Trong céc sO phiic z théa man |z — 2+ 3i| = 7 Tim s6 phtic ¢6 modun nhé nhat.

VAN DuNG (®

I Cho s6 phtic z thod |z — 3+ 4i| =2 va w =22+ 1 — . Tim |w| ¢6 gia tri 16n nhat.

VAN DuNG (@

Xét s6 phiic z va s6 phiic lien hgp ctia n6 c6 diém biéu dién 1a M, M’. S6 phiic z (4 + 3i) va s6
phtic lien hop ctia n6 c¢6 diém biéu dién lan luot 1a N, N'. Biét ring M M’'N’'N 1la mot hinh chit

nhat. Tim gia tri nhé nhat cta |z + 47 — 5.

vAN DuNG (B

ctia bidu thitc P = |2| + |z — 21| + |2 — z9|.

Bai tap trac nghiém

1. Thuc hién phép tinh

Cau 1. Cho s6 phiic z théa man (1+37)z—5 = 7i.
Ménh dé nao sau day ding?

B 13 4. _ 13 4,
z——lgg+§z. 2—135 452.
@Z:—g—Fg’l @Zzg—i‘gl
CAu 2. Cho sb6 hfrcz—ﬂ khi d6 sb phitc
) P (149 P

lien hop cua z 1a
(A)z=—3+i. B z=3—1i.
(Cz=-3-i (D)z=3+1.
Cdu 3. Tim s6 phtc z théa man z + 4 — 2i =
10 4 20z
3—1i
(A)z=—3+9i. (B)z=1-3i.
(C)z =46 — 52i. (D) z = 5+ 5i.

Cdu 4. Cho hai s6 phitc 21 = 1+ 24, 20 = 3 — 0.
2

Tim s6 phiic z = 2.
21
1 7 1 7.
~ 1
Cau 5. Cho z =1+ 3:¢. Tinh —.
z
1 3 . 1. 3
@E"‘EZ 1—OZ—E.

Cho céc s6 phiic z, 21, 2, théa man v2|z;| = V/2|z| = |21 — 22| = 63/2. Tinh gia tri nho nhat

1 3 1 3.

10 10"

N . 241
Cdu 6. So phiic z = F—i_i’j@ bang

11 2 11 2.
2 B
CEFEr 2
25 25 5 5

. . 4—31 .
Cadu 7. So phiic z = L 6 phan thuyc la

(A)3. ®-3 ©-4 D4

Cadu 8. Cho s6 phiic z = 1 + 4. S6 phtic nghich
dao cua z la

@)1= B)1—i.

1\/5" 144

—1 142

Cdu 9. Cho sb phtic z thoéa méan (143i)z—5 = 7i.
Meénh dé ndo dudi day dung?

(A)z= 153 4 E=+§—éi.

— i -
137 4
)

@z:—?—%i. D)z==+i.

5

Cau 10. Cho 3 s6 phiic 2, 2, 23 thdéa méan
21+ 22+ 23 = 0

22 -
3

Tinh A = |21 + 202 + |22 + 23]% + |23 + 21|

|21] = |22| = |23] =

3. prer cHiasO pHoC [IEEIN
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DRL

8 3
3 2v2. (C) 3 0), 3
Cau 11. Cho s6 phic z théa mén 2z =
1 44 2019
( ) . Tinh 2%

1—4
w-1. ®i ©-i. D1

Cdu 12. Cho sb phiic z théa man z + 2z = 3 + 4.

Gia tri ctia biéu thitc z + ~ bing
z
3 1 1 1.
54‘52 §+§Z.
3_1 11
2 2 2 2
Cdu 13. Cho s6 phiic z = 7 — 4. Tim s6 phiic
1
w=-.
2
7 1 1 7.
Buw=gs-gt  Bu=-gig
@wzi—i—li Dw=— +—
50 50 50 50

Cdu 14. Tim s6 phiic z théa man (1 —1i)(z+ 1 —

2i) —3+42i = 0.

5 3.
@2254—52. z—4—35z
©2:4+3@. @z=§+§z

Cdu 15. Cho s6 phtic z thoa man (1 + 2i)z =
(1+2i) — (—2+1). Mo-dun cta z bing

A2 ® 1. ©v2. (D vio.
14 i\ 208
Cdu 16. Tinh s6 phic z = (1 — z) +

7 k/’\t 2 1\

( T z) c6 két qua 1a
(A)2. B -2. (©2 D1+

Cau 17. Trong tap céc sb phiic, cho phuong trinh
22—4z+(m—2)? = 0,m € R (1). Goi mg la mot gia
tri ctia m dé phuong trinh (1) c6 hai nghiém phan
biét 21,2z, théa man |z| = |z3|. Héi trong doan
[0; 2018] ¢6 bao nhiéu gié tri nguyén ctia mg?

(A)2019. (B)2015. (C)2014. (D) 2018.
Cdu 18. Tinh téng S = 144304 - . 42016,
(A)S=1. S =1
©)s=i. (D) S = —i.
Cadu 19. Phan 4o ctia s6 phtic z = #__2)33
T2 n ’

5 5. 3. 3

B2 = cHuonG 4. 56 PHUC

Cdu 20. Cho s6 phtic z thoa min z =

3
(1+v3i) )
-~ Tinh mo6-dun ctia s6 phiic Z—iz.
141
(A)8V2. 8. (©16. (D) -8
Cadu 21. Cho s6 phitc z théa man (2 + i)z +
2(14+ 2 )
% = 7 4 8. Tinh mo-dun cia so phic
i
w=z+1-2i.
A)7. V7. (©2. (D4
Cdu 22. Cho s6 phiic 2z = 2 + 3i, khi d6 z
Z
bang
5—12i -5 —12i
@ 513)- 15 ) 1625))' |
- i — 61
@ 13 @ 11

Z3 4 (2-30) = 5-2i.

— 31

Cadu 23. Sé phiic z thoa 1

Mo-dun ctia z bang

(A) |z = 10v/2. 2| = V/10.
(C)|2] = 250. (D) |2| = 5V/10.

CdAu 24. Cho s6 phitc z théa man (2 + i)z =
2+114. Tinh gi4 tri ctia biéu thiic A = |z|+|Z|.

(A)5. B v10. (C©)10. (D) V5.
Cdu 25. Tim s6 phtic z théa man (3 —2i)z —2 =
z + 18i.

(A)z = —4 + 5i. (B) z=4+5i.

(C)z=4-5i (D) z = —4 — 5i.

Cadu 26. S6 phiic z = a+ bi, (a,b € R) 1a nghiem
cia phuong trinh (1 + 2i)z — 8 — 4 = 0. Tinh

S=a+b.
(A)S =—1. B)S=1
(D) S =5.

(C)S = —5.

Cadu 27. Trong tap hgp sb6 phiic, phuong trinh

4 . s

o =1 —14 c6 nghiém la
(A)z=2—1i. (B) z=5—3i.
(Cz=1+2. (D) z =3+2i.

CdAu 28. Tim s6 phtic z théa man (1 —2i)z =

3+
@z:ll—i.7 z:11+i.7

Cdu 29. Cho s6 phtc z, biét 2 = 2 —i +

141
Phan 4o ctia sd phiic 22 1a
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2 ®% ©-°

2. Xéc dinh cdc yéu td co ban ctia s6 phiic
qua cac phép toan
2.1. Mifc d6 nhan biét

Cdu 1. Cho s6 phtic z théa man phuong trinh
(3+2i)z+ (2 —4)? = 4 +i. Tim toa do diém M

biéu dién s6 phiic z.
M(—1;-1).

(A) M(-1;1).
(C)M(1:1). @M (1; -1).

Cdu 2. Tim phan thyc clia s6 phitc z théa man

(5—i)z=7— 17
A -2 ®3. ©-3. D2

Cadu 3. S6 phiic lien hop ctia s6 phiic z biét 2z =

1 (3 — 21 13
(T+1)( Z)+3+z’ A
53 9 13 9 .
010 ® 5t
©B42 2 Y
10 10 10 10

Cdu 4. Tim phan 4o ctia s6 phiic z, biét (1—14)z =

3+ .
A-1. ® 1 ©-2. D2

Cdau 5. Cho s6 phitc z théa man phuong trinh
(3+2i)z + (2 —1i)? = 4 +i. Toa do diéem M biéu
dién s6 phic z 1a

(A)M(=1;1). B) M(—1;-1).
(C)M(1:1). @M (1; —1).

Cdu 6. Cho s6 phiic z théa méan 2(2—4)+13i = 1.
Tinh mo-dun ciia s6 phic z.

(A)]2] = 34. 2| =
©z] = = OIFE

Cdu 7. Tim phan 4o ctia s6 phiic z biét 2(2 —

13i = 1.
(A) —5:. 5.  (C)—5. (D)5,

Cdu 8. Cho s6 phric z thdéa man z (2 — i)+ 13i =
1. Tinh mo-dun cta s6 phic z.

A J2| = 34, ®)sl = 2
(©) 2] = V3. @!I—T-

Cdu 9. Cho s6 phiic 2z théa man (2+1)z = 3—44.
Tim phan thuec cia z.

\/_

i)+

2 11 2 11
. 9 _g. @5. 3.

25
Cadu 10. Cho s6 phtic z = a + bi (a,b € R) thoa
man (1+3i)z—3+2i=2+7i. Gid tricitaa+b

la
11 19
—. 1. —. 3.
5) e 5) @
Cadu 11. Tim phan thyc, phan 4o ctia s6 phiic
T30 24
14 i

(A)Phan thyc 1a 2, phan 4o la —4.

Phan thuc la 2, phan 4o 1a 4i.

(C)Phan thyc 1a 2, phan 4o la 4.

(D) Phén thic la 2, phan 4o 1a —4i.
Cdu 12. Tim phan 4o cla sb6 phic z, biét z =
(1+14)3i

1—i =

A 3. -3, (C)o. D) —1.

Cdu 13. Tim phan 4o ctia s6 phiic z = 2017 —

2018i.
2017.

(A) —2018.
(C)2018. (D) —2018i.

Cadu 14. Tim phan 4o cia s6 phiic z =

A-1. ®1 (©)-3. @3.

Cadu 15. S6 phic lien hgp ctia s6 phiic z =

§

1414
14 s6 phiic nao trong cac s6 phitc dudi day?

B)1—i. D) 1+i.

Cadu '|6 Tong phan thuc va phan 4o clia sO phiic

A)3. ® -2. (©2 D) -3.

Cdu 17. Cho sb phtic z = 1+4. Tinh mo-dun ciia

s6 phtic w = it?
(A |w| = V2. ®) |w| = V3.

(C)|w| = 1. D) |w| =2.

Cdu 18. Cho s6 phtic z thoa man (2+4)z = 9—8i.
Mo-dun ctia s6 phitc w = z + 1 + 4 bang

3. (B) 5. (C)s. D) 4.

Cadu 19. Tim s6 phtc lien hop ctia s6 phiic z thoa
(=7 +6i)z = 1 — 2.

T=—— 4 —i. —————%

3. PHEP CHIA SO PHUC
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@_:—‘l‘g

Cadu 20. Cho hai s6 phtic z = a+bi va 2/ = a’+V'i
(2 £0,a,d, b b €R). S6 phitc Zi c6 phan thue

1a
aa’ + b 2bb
T A
aa’ + a+a
©a/2+b/2' @a2+b2'

2.2. Miic d6 thong hiéu

Cdu 1. Cho s6 phtic z = a + bi (a,b € R) thoa

1+ 3¢

man a+ (b—1)i = 1o Gia tri nao duéi day la
mo-dun cua 27

(A)5. 1. ©vio. D V5
Cdu 2. Tinh médun cta sd phic z biét 7+ 1 =
2—-3
L+i

V34
B |z| =~ B) |2 = V34
V34
©el = > Dzl =~

Cdu 3. Cho s6 phiic z théa méan z(2—i)+13i = 1.
Tinh mo-dun ciia s6 phic z.

(A) 2] =34, ®) 2| =
QuE=Y2 =2

Cadu 4. Cho hai s6 phtic z = a+bi va 2’ = o' +b'i.
. z R
SO phtc o ¢6 phan thuece la

aa’ + bb’
@ a/? + b/? '
a+a 20
©a2+b2' @a'Q—i—b’Q'
Cdu 5. Cho s6 phtic z thoéa man dieu kien (2 —
i)z = (4+1)z+ 3 —2i. Gia tri cta |4z + 1| 1a
(A) V6. V30, (©V17. (D) VI5.
Cdu 6. Cho sb phiic z thod man (1 — \/32)2 z =
3 — 4i. Mo-dun ctia z bang
) 5) 2 4
Wi ®; ©; O
Cdu 7. Cho s6 phitc z khac 0. Khang dinh nio
sau day sai?
(A) Z a s6 thudn Ao.
Z
@z -7 1a s6 thuc.

aa’ + b
a? 4+ b2’

(B) 2 — 7 1a b 4o.

D)z +7 la sb thuc.

BB & cHuone 4. 56 PHUC

Cadu 8. Goi z1, 25 13 hai nghiém phiic clia phuong
1 1
trinh 222—3244 = 0. Tinh w = —4+—41i2; 29.

21 22
3 , 3 .
@w:—Z—I—ZL w:z_1+22'
3 3
(Cw=2+ i, Dw=2+2i.
2 2
Cadu 9. Cho s6 phiic z théa man (2+3i)z = 2 —1.
Mo-dun ctia 7 bang
1 10
L ewm ©1. o
- L 2— 4 —
Cau 10. Viét s6 phic z = (2300 —1) duéi
3+ 21

dang z = a+bi v6ia, bla cac so thyce. Tim a, b.

(Aa=-1b=-4. (Bla=1b=—4
(Cla=-1;b=4. Da=1b=4

Cadu 11. Trong mit phéng phiic, cho s6 phiic z

| —

c6 diém biéu dién la M. Biét ring s6 phitc w =

duge biéu dién bsi mot trong bén diém N, P, Q,
R nhu hinh vé bén.

Y
br---- /7M
S
P S
o » }
\\ // : :I/'
/O/\\\ 1
. .\N
Q R

Héi diém biéu dién cta w 13 diém nao?

(WN. ®P. (©@ DR
Cau 12. Cho s6 phitc z thda man z(2—1i)+13i =
1. Tinh mo-dun ctia s6 phiic z.

Bl =2 -
Oz = == OIEE

Cdu 13. Cho sb phiic z théa man z + (2 + 1)z =
3 + 5i. Tinh modun clia s6 phic 2.

(A)|z| = 13. 2| = 5.
©)l2] = D) 2| =

Cau 14. Tim phan 4o ctia sd phic z, biét (2 —
i)z =1+ 3i.

A)s. 9;. @g @_g

Cau 15. Cho s6 phtic 2 = a + bi, (a,b € R) thoa
man |z|(2+1) = z—1+i(22+3). Tinh S = a+b.
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@ S=1. S = —5. Cdu 24. S6 phitc nao dudi day théa man phuong
@Sz—l. @527' trinh (1 — 2i)z = 32 — 247
1 1 1 1
N 1 B _ - T _ = s
Cadu 16. Nghich ddo — ctia s6 phic z = 1 + 3¢ @2—2—1—2@. B == 4+4Z‘
N “ 1 1 1 1
bang 1 ; 1 ; ©Z:_Z_é_li' @22_5_?'
— i — = =t Cdu 25. Ti han 4 la sd pht =
@\1/1—0 Bm \/1—0 \/E s im phan 4o cia sO phic =z
©) — + —i. — = 1+6i
00 10 10 - - o "
Cadu 17. Cho s6 phiic z thoéa man (34 24)z+ (2 — 37 B 37 37 37
i)?> = 4 + 4. Modun ctia s6 phic w = (2 + 1)z 1
bang Cadu 26. Gia st A= =a-+bi, a,b € R. Khi
— 1
A2 VIO, ©v5 D4 s
Cdu 18. Tinh mo6-dun cta sé phic z, biét (1 — @a = i-b — __1 9 a=0:b= i

32’ 32"

1 1
@azg—Q;b:O. @a:bzﬁ.

%)z 42 —i = —12i.

A5 BV @%. D) 2v32.

Cdu 27. Tim toa do diém M la diém biéu dién s6
Cdau 19. Cho sb6 phtic z = il - — 4. Mo-dun ctia phie z bict z thoa man phuong trinh (1 + i)z =
. 3+t 3 — bi.
sO phic z 1a @M(—1'4) M(— L
@A) Y310 V37 _ @. (C)M(1;4). (D) M(1; —4)
@ \/— @ I_é’) n 1_10 3@1228 Phan thyc va phan 4o ctia s6 phtic z =
) ) ) lan luot bang bao nhiéu?
Cadu 20. Tim diem bieu dién ctia s6 phiic z la s6
phtic lién hgp clia z, biét (4+37)z—(3+44)(2+1) = @ V3 —1vaV3+1.
9 — 9i. B VEo1, VEEL
) (2-1). (2:1). ﬁz R
©)(-2-1). D) (-21). ©¥ "l avirL
CdAu 21. Tim s6 phiic z, biét (2 — 5i)z — 3+ 2i = \/’+1
5+ Ti. © \/5 —lv
@—: __+@ Bz=—— — @ Cdu 29. Choséphuczthoamén (1421)z = 8+1.
9 5029 5029 S6 phiic lien hop Z cia z 1a
S R .
20 29" 29 (A)z=-2-3i B z=-2+3i
Cdu 22. Tim toa do ciia diém biéu dién s6 phiic @5 =2+ 3. @ zZ=2— 3i.
49 . .
z = 31+ trén mit phang toa do. Cau 30. Tinh mo-dun cta s6 phtic thod man:
- 2(2—4) + 13i = 1.
we(y-1). ®n(3l) ¥ 5v/31
22 22 B2 = 5~ o] = =5~
©r(-53)  ©u(-z-3) )}l =34 D)}e] = v3i.

Cau 23. Cho s6 phic z théa man (1+3i)z —5=| Cau 31. Sé phiic z = 2-
7i. Ménh dé nao sau day dung?

? X
— ¢6 mo-dun bang
7

@z———+%i. z___gi @Idz@. (B) 2| = 3v/26.
©z=3+3  @r=-T-%i ©) 2| = 2. OIFEREL

5
3. prer cHias6 pHiC [N
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Cdu 32. Tim phan thyc va 4o ciia sd phitc z =
3—1 241
-+ —.
1+ l
@ Phan thyc bang 2; phan 4o bang —4i.
Phan thyc bang 2; phan 4o bang —4.
@Phﬁn thuyc bang 2; phan 4o bang 4i.
(D) Phan thye bing —2; phan 4o bing 4.

Cdu 33. Tinh modun cia s6 phic z thda man
(1+14)z+3 = —2i.

Az = = ®) |2| =
©2] = OIFE

Cdu 34. Cho s6 phiic z thoa 2z + 3z = 10 + .

Tinh |z].
A2 =1. ®) |2| =3.
D)2 =

©)lz] =
Cadu 35. Cho sb phtic z; = a—2i, 25 = 1+bi. Tim
phan 4o ciia s6 phiic Z, biét 212+ 202 = 1 +14.
a+b-—1

(a+1)*+ (b—2)*
a—b+3

(a+1)"+(b—2)*
b—a—-3

(a+1)°+(b—-2)"

©
l—a—>

© (a+1)°+ (-2

Cdu 36. Tim phan 4o clia s6 phiic z théa man

2+ 22 =(2—14)3(1 —1).
(A) 9. 9. (©13. (D) -13.

Cdu 37. Cho s6 phiic 2 = 2 — 3i. Tim mo-dun
3

clia s6 phiic w = 7 + —.
z

V26
>

(A)V10. 2v5.  (C)4. (D) 2V/13.
Cdu 38. Tim sb6 phtec lien hgp ciia s6 phiic z =
13
12+ 50

®z- ®r=2_3;

13 5123 RN

Cdu 39. Cho s6 phiic z théa man (1+1)z + 2z =
3 — 2i. Tinh mo-dun ciia s6 phiic z.

Bl = 3vI06. Bl =2
©lel =5 Dzl =

Cau 40. S6 phic lien hgp ctia s6 phic z =
\3
(- va)
1—1
(A) 4+ 4i. (B) 4 — 4i.
(C)—4 —4i. (D) —4 + 4i.
CdAu 41. Cho s6 phiic z = mi v6i m # 0 1a tham

A X 2 2 £ - 1
sO thye. Tim phan ao cta s6 phic —-
z

1 1
Al ®l ol ol
Cdu 42. Cho s6 phite (1 — i)z = 4+ 2i. Tim mo-
dun ctia s6 phic w = z + 3.
D) V7.

(A)5. (B) v10. (C)25.

Cau 43. Goi z;, 29 la hal nghiém phitc cla
phuong trinh 222 — 3z +4 = 0.

la

1 1
Tinh w = — 4+ — 4+ 1z129.
21 z9

@w:—zmi. w:§1+2i.
©w22+gi. @w:g-l-%.

Cdu 44. Cho sb phic z théa man (14 3i)z —5 =
7i. Ménh dé nao sau day 14 meénh dé dang?

@Z———-l-—l 52?—é2
©E:—§—§z @Ez%-i—%lz

Cadu 45. Tinh mo-dun s6 phtic nghich ddo clia s6
phiic z = (1 — 27)2.

B ®v ©f

2.3. Mitc d0 van dung

o

Cdu 1. Cho s6 thuyc @ > 2 va goi 21,2 1& hai
nghiém phtc ctia phuong trinh 22 — 22 +a = 0.
Meénh dé ndo sau day sai?

@214—22 Ia s6 thue.  (B) z; — 2 1a s6 4o0.
@Zl+—lasoao @zl—i-—lasothu’c

) 21 zZ9 Z1

Cau 2. Cho céac s6 phtic 21, z; thda man |z| =
|20] = V3 VA |21 — 22| = 2. Tinh |21 + 2.

(A) 2. ®) 3. ©v2. (D2ve.

Cadu 3. Cho s6 phiic z théa man (z + 3 —1)(z +
3i+1) 1a mot s6 thye. Biét rang tap hop tat ca cac
diém bicu dién clia z 1a mot duong thing. Khoang
cach tit gbc toa do dén duong thing d6 bing

(A)4v2. (B)o. (©2v2. (D)3v2.
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- . 1 1
Cdu 4. S6 phic z théa mén |z — 1| =5, — 4+ =
z Z

5 R . R
T va z ¢6 phan ao duong. Tim tong phan thuc

~ X ? ?
va phan ao cua z.

A2 ®) 4. ©)6. D)s.

Cdu 5. Cho s6 phric z thoa % la 86 thuc, |z—z| =
2
3v/2. Tinh |z|.

(A)]z] = 3v2. || =
©) 2] =2v5. D) 2| =

Cau 6. Cho céc s6 phiic 21, 29 thoa man |z| = 3,
| 23| = 4 v& chiing dugc biéu dién trong mit phang
phtc lan lugt la cac diém M, N. Biét goc gitta hai
véc-to OM va ON bang 60°. Tim modun ciia s6

phiic z = at 22.
21 — 292
5
B2 = 2 =
1481
©l4 =3 D) |2| = 4v3.

Cdu 7. Cho sb phiic z = 1 —1 va 7 la s6 phtic lien
hop clia 2. Ménh dé nao sau day sai?

3
@ z] <2 =
@ 22 1a s6 thuan ao.

=1.
z
(D)#* 1a s6 thudn &o.
Cadu 8. Goi z1, 29 1a hai nghiém phiic ctia phuong
1 .
trinh az?4+24+—- =0 (a € RY). Biét |z1|+]2z| = 2,
a

khi d6 a nhan gia tri bang

@% B 2. (©)s. D) 1.

Cdu 9. Cho s6 phiic z théa man dicu kien z —

£ 5 2 ?
(2+3i)z =1 — 9i. SO phiic w = — ¢6 diem bieu
1Z
dién 1a diém nao trong cac diém A, B, C, D & hinh

bén?

Cau 10. Cho s6 phiic z = a+bi (a,b € R) c6 phan
thuc duong va théa méan z +2+i— |z|(1414) = 0.
Tinh P =a+0.

B P=-1.

(AP=T.
(CP=-s. D) P=3
3. Bai toan quy vé giai phuong trinh
Cdu 1. Cho s6 phtic z théa man he thic (i +

241 )
3)z + + - (2 —4)z. Tinh mo-dun cia s6 phiic
w=2z—1i.
2V/5 V26 V26 V6
® 5 5 © 25 © 5

Cdu 2. Cho s6 phiic z = a+bi, v6i a,b € R, thoa
man (1+4)z+2z2=3+2i. Tinh S =a+0b.

@S:%. B S=-
©s=1. @S:—%.

Cdu 3. Cho s6 phtic 2 a+ bi (a,b € R)
thod man (1 — 3i)z + (24 3i)z = 12 — ¢. Tinh

P =a% -0
AN-3. ®-1. ©OLL D).

Cdu 4. Tim s6 phtic z thoa man (34 )z + (1 +
2i)z =3 — 4i.
(A)z =2+ 5i. (B) 2 =2+3i.
(C)z=—1+5i. D)z = -2+ 3i.

Cdu 5. Cho s6 phic z = a + bi, (a,b € R) thoa
man (1+4)z+2Z=3+2i. Tinh S =a+0b.

@S:—%. B S =1
@S:% D) S =-1.

CdAu 6. Cho s6 phtic 2z théa man |z| = 5 va
|z + 3| = |2+ 3 —10¢]. Tim 86 phitc w = z — 4 +

34.
w=—3+8i.

(A)w=—1+Ti.
(Clw=1+3i. D) w = —4+38i.

Cdu 7. Cho s6 phic z = a + bi(a,b € R) thoa
man (1+2i)z+iz = 74+ 5i. Tinh S = 4a+3b.

(A)S="1. (B) S =24.
Cadu 8. Cho s6 thyc x, y thoa man 2z +y+ (2y —
x)i=x—2y+3+ (y+2x+1)i. Khi d6 gia tri ctia

M = 22 + 4xy — y? bing
©)o. D) -2.

A-1. B1

3. prer cHiasO pHiC [N
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Cdu 9. Cho sb phiic z = a + bi(a,b € R) thoa

z— 31
man

Tinh P =a +b.

(AP=1. B) P=-1.
cpr=1. DP=2

Cdu 10. C6 bao nhieu s6 phitc z thoa méan |z|* =
20z4+zZ|+4valz—1—1i| =]z —3+4 3|7

(A) 4. (B 3. ©1. D) 2.
Cau 11. Goi S 1a tap hop cac s phiic z thdéa man

54iV3

— 1 =0. Tong gié tri tat ci cac phan
tit cla g béang
(A)1. 1— 2v/3i.
(C)—3—2/3i. (D)1 - /3i.
Cdu 12. C6 bao nhiéu s6 phic z théa man
|z +2+3i =5 va zi 1a s6 thuan 4o0?

(A)0. B) Vo sb. (C)2. D) 1.
Cau 13. C6 bao nhieu s6 phiic z thdéa man |z +

2+ 3i| =5 va : — 1 s6 thuan 4o.

@0. VOSO @2. @1.
Cadu 14. Goi S 1a tap hop cac s6 phiic z thda man

5+iv/3
2
tit cua S
(A)1—2V3i. —3—2V/3i.
©)1. (D)1 —iV3.
Cau 15. C6 bao nhieu s6 phitc z théa man |z —

. N z N S X
3i| =5 va la 80 thuan &o.
Z _—

(A)0. 2. ©1. (D) Vo 6.

Cdu 16. Cho z, 2 1a hai s6 phic liéen hgp cla

N . » 2 N
nhau dong thoi théa méan —; €ER VA |z — 2 =
<2
21/3. Tinh mé dun cta sb phiic z;.

®lal =3 al = 2.
©lal =2 D]zl =5

Cdu 17. Tim phan thuc cta s6 phic z, biét
2
z+ u = 10.

@ 20. 10.

Cdu 18. Chosb phiic z =

— 1 = 0. Tinh tong tat ci cac phan

(©)s.

m+1
14+ m(2i —

1)’

(D) 15.

(m € R)

I = cHuonG 4. 56 PHUC

Tim cac gié tri nguyén ciam dé [z —i| < 11a

(A)0. ®) 1. (©)a. (D) Vo sb.

Cadu 19. Cho s6 phtic z = a + bi (a,b € R) thoa
2P L 2(240)
man — + 21z + ———

— 0. Tmh P =2
z — 19 b

P:%.
CP=5. @P:—%.

Cadu 20. C6 bao nhiéu sd6 phtc z théoa man z +

2+1i—|z[(14+4) =07
(A) 1. B)o. (©)2. D) 3.

4. Bai toan tap hop diém

Cdu 1. Cho s6 phitc 2z thay do6i thda man |z—1| =
2. Biét réing tap hop cac s6 phiic w = (1++/3i)z+2
1a duong tron c6 ban kinh bang R. Tinh R.

(AR =3, B R=2.
(CR=16. D R=4.

Cdu 2. Trong mat phang phic Oxy, tap hop cac
diéem biéu dién s6 phitc z théa man diéu kien
|(1+)z — 4 + 2i| = 4¢/2 1a mot duong tron. Xac
dinh toa do tam I va ban kinh R ctia duong tron

do.
(A)I(1;-3), R=4.
(B) I(4;-2), R =4V2.
(©)I1(1;-3), R=2.
(D)I(-1:3), R=4.
Cdu 3. Cho s6 phic z théa man |— 1 +1i| =

V5. Biét ring tap hop biéu dién sb phic w
1 — i)z + 2i ¢6 dang (x + 2)?> + 4> = m. Tim
( g y

(A)m = 96. B)m = 92.
(C)m = 50. (D) m = 100.

Cau 4. Cho s6 phiic z théa man |(1—4)z—4+2i| =
2. Tap hop cac diém biéu dién s6 phiic z trén miit
phéng toa do Oxy la mot duong tron. Tim toa do
tam [ va tinh ban kinh R ctia du’(‘ing tron do.

(A)I(3:—1), R = /2. = 2.
@I 3,1 ,R_\/_. @I 3,1 R
Cdu 5. Cho céc s6 phic z théa man |z — 1| =2.
Biét rang tap hop céc diém biéu dién cac s6 phiic
w = (1 + \/gz) 2+ 2 la mot duong tron. Tinh ban
kinh R ctia duong tron do.
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(AR=4. R =16.

(OR=3s. D) R=2.
Cdu 6. Trong mit phang toa do Oxy, goi (H) la
tap hop diém biéu dién s6 phitc w = (1 + \/gl) z+
2 théa méan |z — 1| < 2. Tinh dién tich ctia hinh

(H).
(A)8r. (B)18r. (C)16r. (D)4n.

Cdu 7. Trong mat phing toa do Oxy, tap hop cac
diém biéu dién cac sé phiic z thda man diéu kién
z

=313
z— 1) 4
N S22 9
@Du’dng tron z° +y — 1773 = 0.
9 9
Duong tron 22 + 3% — Zx + 3= 0.
9 9
@Du@ng tron z2 + y? + Zm + 3= 0.
9
@ Duong tron tam 7 (0; §> va ban kinh R =
1
3

Cadu 8. Tap hop tat ca cac diém biéu dién s6 phiic
z théa méan |2z —i| = 4 14 mot dudng tron cé ban

kinh bang
(A2v2. (B 4v2. (O D) 2.

Cdu 9. Cho s6 phiic z théa man |z + 1| = 1.
Biét rang tap hop cac diém biéu dién sb6 phic
w = (34 4i)z + 2+ i la mot duong tron tam I.

Diém I ¢6 toa do la
(6;2).

(A)(6;-2).

©@). D) (-2;-1).
Cadu 10. Cho sb phiic z thoa diéu kién |z| = 10
va w = (64 8i) -z + (1 — 24)2. Tap hop diém biéu
dién cho s6 phitc w 1a dudng tron c6 tam la

(A)I(—3;—4). 1(3;4).
(C)1(1;-2). (D) I(6;8).
Cadu 11. Cho s6 phtic z théoa man |z + 1| = 2.
Biét ring tap hop cac diém biéu dién céc sb phiic
w = (1 + z\/g) z 44 la mot duong tron. Ban kinh
r ctia duong tron doé 1a
©)o.

(A) 3. 6. (D) 36.

Cau 12. Cho s6 phiic 2z théa man diéu kién |z —
2 + 3i| < 3. Trong mit phang Oxy tap hop diém
biéu dién s6 phitc w = 2z + 1 — 4 1a hinh c6 dién

tich.
@52257r. S:167r.
(D) S = 367

@S:97T.

Cadu 13. Trong mit phang Ozy, goi A, B, C lan
lugt 1a cac diém biéu dién cac s6 phitc 21, 22, 21+ 2.
Xét cac ménh dé sau

Dzl = |2 & 2)latzl < |a+
21 = 29 | 225
21:—2’2,

3) Néu OA-OB =0 4) OC* + AB? =

0;
Trong cac ménh dé trén c6 bao nhiéu ménh de
ding?

(A)1. B 3. ©)2. D) 4.
Cdu 14. Cho sb phic z c6 mo-dun bing 2v/2.
Biét ring tap hop diém trong mit phéng toa do
biéu dién céc s6 phitc w = (1—14)(z+1)—i la dudng
tron c6 tam I(a;b), ban kinh R. Tong a + b+ R

bang
A 5. 7. o D) 3.
Cadu 15. Cho sb phiic z thoa man 22;—_7_?3@ =

3. Tap hgp cac diém M biéu dién s6 phitc z trén
mat phing phic la
@ Mot Parabol. Mot dusng thing.
@ Mot duong tron. @ Mot Elip.
Cdu 16. Cho s6 phtic z théa man (2 + i)|z| =

V17 . . e s
—— + 1 —3¢. Biet tap hgp cac diem bieéu dien cho
z

s6 phtic w = (3 — 44)z — 1 + 2i 13 dudng tron tam
I, ban kinh R. Khi d6

(A)I(—1;-2), R = /5.

1(1;2), R = /5.

(C)I(-1:2),R =5.

(D)I(1;-2), R =5.

Cdu 17. Trén miat phing toa do Oxy, tim tap

z—1
Z+1

hop diém biéu dién s6 phiic z théa man
1.

@Hinh cht nhat giéi han bdi cac duong x =
+1,y = +1.

Truc Oz.
@Dubng tron (x+1)2+ (y—1)2=1.
@ Hai duong thang y = £1, trit diem (0; —1).

3. prer cHia s pHoc [N
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5@'0 PHUONG TRINH BAC HAI VOI HE SO THU'C
>

e Tém tat Ii thuyét

1. Cin bic hai ctia s6 thu'c Am
Céc can bac hai ctia s6 thuc a am 1a +i4/]al.
2. Phuong trinh bac hai voi hée s6 thuc

Cho phuong trinh bac hai az? + bx + ¢ = 0 véi a,b,c € R,a # 0. Xét biet thitic A = b? — 4ac cla
phuong trinh. Khi dé:

b
® Khi A = 0, phuong trinh ¢6 mot nghiém thuyc x = 5o
a
—b+ VA
@ Khi A > 0, phuong trinh c6 hai nghiém thyc phan biét Tio = oy
a

—b+i /A

® Khi A < 0, phuong trinh ¢6 hai nghiém phic ., = —————.

2a
$OVidu 1. Gidi phuong trinh
?*4+x+1=0
® Loi giéi.
Taco A =0>—4dac=1>—4.1.1= -3 = 3i°.
; ~1+V3i -1 \/§Z.
1 = —-—m—h—mao---r_= — [E—
N ) . ; 2 2 2
Phuong trinh ¢6 2 nghiém phrtic:
g ghiem p __1_\/32,__1 /3
Ty Ty T

> Dinh Ii 4.1 (Dinh ly Vi-et). Cho z, 7, Ia hai nghiém ctia phuong trinh az® + bx + ¢ = 0 vdi
b

T1+T2=——
a,b,c € Rya # 0 thi &

1T = —
a

e Cac dang toan

& Dang 1. Gidi phuong trinh bdc hai hé s0 thuc

Ap dung cong thitc nghiém ctia phuong trinh bac hai da biét.
A Luu y: Vii phuong trink tring phuong az* +bx> + ¢ = 0,a # 0 ta cé thé dit t = 2% dé dua
vé phuong trinh bac hai va huw o rang trong tap so phiic thy khéng can dieu kien t > 0.

4 N

$SVidu 2. Giai phuong trinh 22 + 42 + 5 = 0 trén tap s phiic.

\ V

® Loi gidi.

Biét thiic thu gon ctia phuong trinh 18 A’ =22 —1 x5 = —1 =42
B CHUONG 4. 86 PHUC
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Do dé phuong trinh da cho ¢6 hai nghiém phtc: v1 = -2 — 1 va 29 = —2 + 4.
Bai 1. Giai phuong trinh 22 — 3z + 10 = 0 trén tap sb6 phic.
® Loi gidi.

Bai 2. Giai phuong trinh 2% + 522 +4 = 0 (%) trén tap s6 phic.
® Loi gidi.

Bai 3. Goi z; va 29 1an lugt 1a hai nghiem ctia phuong trinh 22 — 2z +5 = 0. Tinh F = |21| + |22/
® Loi gidi.

Bai 4. Goi 21,2, 23,24 14 bdn nghiem phtic ctia phuong trinh 2z* — 322 — 2 = 0. Tinh tong T =

21" Jaa " [ + 2l

® Loi gidi.

=i 22 N 5 £ -,
Bai 5. Giai phuong trinh 22 — 2 + 1= 0 trén tap s6 phic.

® Loi gidi.

LUYEN TAP @

! Giai phuong trinh 2z* + 322 — 5 = 0 trén tap sd phric.

LUYEN TAP @

|

Biét ring phuong trinh 2%+ az +b = 0 (trong d6 a,b € R) c6 mot nghiém phiic 1a 1 + 2i. Tinh

tich ab.
LUYEN TAP ©

Cho phuong trinh 2* + 222 — 8 = 0 ¢6 céc nghiém trén tap s6 phiic 1a 21, 29, 23, z4. Tinh gia tri

biéu thitc F = 27 + 22 + 22 + 22.

4. PHUONG TRINH BAC HAIVOI HE sO THUC [N
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LUYEN TAP @

I Giai phuong trinh 322 + (3 + 22\/§> z—

LUYEN TAP ©
1+14)3 .
(L+7) = i\/8z trén tap so phic.

I Giai phuong trinh 322 + (3 + 22\/5) P
i

1+41)3 ,
( 1+ Z.) — i1/82 trén tap sb phiic.

& Dang 2. Phuong trinh bac cao véi hé sé thuc.

Phuong phdp gidi:
® Phan tich thanh nhan ti dé dua vé phuong trinh tich.
® Dit an phu.

4

$SVidu 3. Giai phuong trinh z* — 222 — 8 = 0 trén tap s phiic.
V

\

® Loi gidi.

Dat t = 22, phuong trinh da cho tré thanh
t?—2t—8=0«t=—2hoic t = 4.

@ Véit=4suyra 22 =4 2= +2.
@ Véit=—2suyraz’=—-2& z==4iV2.

Ta c6 thé trinh bay theo céch sau:

22 = -2 z=+iV2
, & :
2t =4 z =12

z4—2z2—8=0<:>[

Bai 1. Giai phuong trinh 23 — 27 = 0 trén tap so phic.
® Loi gidi.

® Loi gidi.

Bai 3. Giai phuong trinh sau trén tap s6 phiic 2* 4+ 223 — 22 + 22 +1 = 0.
® Loi gidi.

I & cHuonG 4. 56 PHUC



BiNam hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

Bai 4. Giai phuong trinh sau trén tap so6 phiic 22* — 723 + 922 — 724+ 2 = 0.
® Loi gidi.

Bai 5. Giai phuong trinh sau trén tap s6 phiic 22* — 723 + 922 — 724+ 2 = 0.
® Loi gidi.

Bdi 6. Gii phuong trinh sau tren tap s6 phic 25 (522 + 2)* +4 (252 + 6) = 0.

® Loi gidi.

Bai 7. Ki hiéu 21, 29, 23 v& 2 1a bdn nghiém phtic ctia phuong trinh z* + 22 — 12 = 0. Tinh tong

T = |Zl| + |22| + |23| + |Z4|.

® Loi gidi.

LUYEN TAP @

! Gii phuong trinh (z +4)" + (z + 6)" = 82 tren tap sb phic.

LUYEN TAP @

! Giai phuong trinh 2* + 223 — 22 + 22 + 1 = 0 trén tap s6 phiic.

4. PHUONG TRINH BAC HAIVOI HE sO THUC [N
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!

Giai phuong trinh 2* — <1 + \/§> 23+ <2 + \/§) 22 — (1 + \/5) 241 =0 trén tap s6 phiic.

LUYEN TAP @

!

Phuong trinh 28 + 2° — 132% — 1423 — 1322 + 2 + 1 = 0 ¢6 bao nhiéu nghiém thuec?

!

Giai phuong trinh sau trén tap s6 phic (22 + 32 + 6)? 4+ 22(22 + 32 +6) — 32 =0

!

Gii phuong trinh sau trén tap s6 phic (22 + 32 + 6)? 4+ 2z(2? + 32 +6) — 322 =0

S6 phiic trong céc deé thi tot nghiép, DH-CD

2]
3
o
o
L6
7
8
o
©
o
12
®
14
1S)
16
17

=]

[TN THPT-2006] Giai phuong trinh 22 — 5z + 4 = 0 trén tap s6 phic.

[TN THPT-2007-Lan 1] Giai phuong trinh 2% — 42 + 7 = 0 trén tap sb phiic.
[TN THPT-2007-Lan 2| Giai phuong trinh 22 — 6z + 25 = 0 trén tap sb phiic.
[TN THPT-2008-Lan 1] Tim gia tri ctia biéu thiic: P = (1 + v/31)? 4+ (1 — v/3i)?

[TN THPT-2008-Lan 2] Tim gi4 tri ctia biéu thitc: Gidi phuong trinh 2% — 27 + 2 = 0 trén
tap s6 phiic.

[TN THPT-2009] Giai phuong trinh 822 — 4z + 1 = 0 trén tap s6 phiic.

[TN THPT-2010] Cho hai s6 phitc: 2; = 1 + 24, 2o = 2 — 3i. Xac dinh phan thyc va phan 4o
clia s6 phiic z; — 229

[TN THPT-2011] Giai phuong trinh (1 —d)z + (2 —17) =4 —5i
PR 250 :
[TN THPT-2012] Tim céc s6 phtic 2z + Z va —, biét z = 3 — 44.
z

[TN THPT-2012] Cho s6 phiic z théa méan (1 + i)z — 2 — 4é = 0. Tim s6 phric lién hop cia z.

[DH-Khbi A-2009] Coi 21, 2, 1 hai nghiém phiic ctia phuong trinh 22 + 2z 4 10 = 0. Tinh gi4
tri ctia bidu thic A = |z |° + | 2|

[DH-Khéi B-2009] Tim s6 phtic z théa man |z — (2 4+ 14)| = /10 va z - z = 25.

[DH-Khbi D-2009] Trong mit phing toa do Oxy, tim tap hop diém biéu dién cic s6 phiic z
thod man diéu kien |z — (3 — 41)| = 2.

[DH-Khéi A-2010] Tim phan 4o ctia s6 phitc z, biét: Z = (v/2 4 1)%(1 — v/2i).

[DH-Khbi B-2010] Trong mat phang toa do Ozy, tim tap hgp diém biéu dién céc s6 phic z
thod man dieu kien |z —i| = |[(1 +14)z|.

[DH-Khéi D-2010] Tim s6 phiic z théa man |z| = v/2 va 2% 14 s6 thuan 4o
[DH-Khéi A-2011] Tim tit ci cac sb phic z, biét 22 = |z|° + 2

CHUONG 4. & PHUC
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w=1+z+ 22

phicw =14+1+41

® © 66 6

_E—Qz—i—l
T2

Bai tap trac nghiém
1. Giai phuong trinh. Tinh toan biéu thiic
nghiém
1.1. Mitc d6 nhan biét

Cau 1. Goi 21, 29 1a cdc nghiém ctia phuong trinh
22 +22+5=0. Tinh M = |2?| + |23].

(A)M =234, M = 4v/5.
©M=12. (D) M = 10.
Cadu 2. Goi z1, 29 1a cac nghiém phiic cuia phuong
trinh 224+22+5=0. Tinh M = |21]2+ ]22]2.
(A)M =2y/34. M = 4v/5.
CM=12. (D) M = 10.

Cadu 3. Goi zy, 29 1a cac nghiém ctia phuong trinh
22 —22+45=0. Tinh P = |2 |* + |2|*.
(D) 14.

(A)10.  (B)5. ©12.

Cdu 4. Nghiém ctia phuong trinh 22 — 2+ 1 =10
trén tap so phfrc 1a
V3 o1,
@Zl _+§’L 22:7—52.
9 Z = \/_ 341 29 = \/g i
\/_ 1 V3
@Zl y B9 = 5 — —Z

@z1—1+\/_z 22—1—\/_2
V7. 3

7
7@ va 3~ 71 la nghiém
cua phuong trinh nao sau day?

(A)22—32—-4=0. (B)22+32+4=0.

(C)22—3244=0. (D)22+32—-4=0.

. . 3
Cadu 5. Hai so6 phiic §+

[DH-Khéi B-2011] Tim tat ca cac s phiic z, biét 7 —

[DH-Khéi A-2012] Cho s6 phiic z théa man

[DH-Khéi D-2012] Cho s6 phiic 2 théa man (2 +1i)z +

5+iv3

z

—1=0

[DH-Khbi D-2011] Tim tat ca cic s6 phiic z, biét z — (2 4+ 3i)z = 1 — 9i.

5 (%4 .
M = 2 — 4. Tinh mo6-dun cua s6 phic
z+1
2(1 + 24)

— 2 = 7+ 8. Tim mo-dun ciia s6
142

[DH-Khéi D-2013] Cho s6 phitic z théa man (1 +4)(z —4) + 22 = 2i. Tinh mo-dun ctia s6 phtic

Cadu 6. Goi 2; 1a nghiém phtic c6 phan 4o duong

ctia phuong trinh 22 — 22 +5 = 0. Tim s phiic
21

lién hop ctia w =

(A)w=1-3i. B)w=1.
Cw=-3+i. D)w = —i.
Cau 7. Goi z1, # lan lucgt la hai nghiém cua
phuong trinh z? + 5z 4+ 10 = 0. Tinh gia tri cta
biéu thitc A = |2 + |2o|*

(A) A = 10. (B) A = 50.
(C)A =20 (D) A = 40.

Cadu 8. Phuong trinh (22 — 1)(2% +8) = 0 ¢6 bao

nhiéu nghiém phiic?
(©)4. D) 2.

(A)5. ®) 3.

Cau 9. Goi z; va 2o la hai nghiém phtc cua
phuong trinh 422 + 32 + 5 = 0. Gia tri ctia biéu
thic |z1| + |22| bang

W5 ®aws ©s5 D3

Cau 10. Goi 2z, 2 la hai nghiém phtc cua
phuong trinh 22 — 2z + 2 = 0. Gia tri ctia biéu

thic |z7] + |23| bang
(©)4 (D) 8i.

(A)8. B) 0.

Cau 11. Cho 2z, 2z la hai nghiém phtc cta
phuong trinh 222 + 1 = 0 (trong dé6 sd phiic z
c6 phan 4o am). Tinh z; + 32,.

@z1+3z2:\/§z’. 21—1—3,22:
©21+3z2 = —/2i. @zl+3z2 =

Cau 12. Gid st 21,20 la 2 nghiém phic cuia

—q

—/2.

4. PHUONG TRINH BAC HAIVOI HE sO THUC BN
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phuong trinh 22 + (1 — 2i)z — 1 — ¢ = 0. Khi do

|21 — 22| bang
(A) 3. ® 1. (©)4. D) 2.

Cau 13. Goi 21, 23 (21 ¢6 phan 4o 16n hon 25) 1a
hai nghiém phiic ctia phuong trinh 22 —42+6 = 0.
Phan 4o clia (29 + 2221) 12

A -v2. ®v2 (©-v2i. D) V2

Cau 14. Cho phuong trinh 22 — 62+ 10 = 0. Mot
nghiém phiic ctia phuong trinh da cho 1a

(A)z=2+3i. (B) z=5—4i.
@z:1+z'. @223—2'.
Cadu 15. Goi z la nghiém phitc c6 phan 4o am
ctia phuong trinh 222 — 6z + 5 = 0. S6 phiic iz
bang

1 3 1 3.
@—5‘1'52 54‘52.
1 3. 1 3.
5 22. 5 22.

Cau 16. Goi zg 1a nghiém phtic ¢6 phan do duong
ctia phuong trinh 422 — 162 + 17 = 0. Trén mat
phang toa do, diém nao dudi day la diém bicu dién
clia s6 phitc w = i2y?

)
enlh) oully

Cau 17. Goi S 1a tap nghiém ctia phuong trinh
22+ z+1 =0 trén tap sd phitc. S6 tap con ciia S

la
A2, L. ©)o. D) 4.

Cau 18. Giai phuong trinh 2% + 2z + 2 = 0 trén
tap hop so phiic, ta c6 tap nghiem S 13
(A)S ={1—1i;1+i}.
(B)S={1—i—1+i}.
(C)S ={-1—i;—1+i}.
D)S={-1-i1+i}.
Cadu 19. Tap nghiém ctia phuong trinh 22+9 = 0
trén tap hop s6 phiic 1a tap hop nao sau day?
Ae. {~3;3}.
(©){0;3}. (D) {-3i,3i}.

Cadu 20. Tim sb6 phtic z ¢6 phan 4o duong thoa

22 —=22+410=0.
@z:1+3i. (B)z=—1+3i.
(C)z=2+6i. (D) z = -2+ 6i.

B CHUONG 4. 86 PHUC

Cadu 21. Goi 2z, 29 la hai nghiém phitc cla
phuong trinh 2% — 242 = 0. Tinh |2 |*+|2|?.

(A) 4. %. ©§ D)s.

CadAu 22. Giai phuong trinh 22 — 4z + 5 = 0 trén
tap sO phitic ta dudge cac nghiem

(A)—2+1, —2—1.  (B)2+1i, 2—1i.
(C)d+1i, 4—1. D) =441, —4—1.
Cdu 23. Goi z; la nghiém phiic c¢6 phan 4o am
ctia phuong trinh 2% 422+ 3 = 0. Toa do diéem M

biéu dién s6 phiic 2 1a

(A) M (-1;-v2). M (—1;2).
(C)M (~1;-2). D) M (-1;—v2i).

Cadu 24. Ky hiéu z; 29 1a hai nghiém phitc ctia
phuong trinh 2% —42+6 = 0. Gia tri clia | 2] + | 22|

bang
(AV6.  (B)2v6. (©12. (D4

Cau 25. Tim z va y thoa man x+ (y+2i)i = 2+

vdi 4 1a don vi do.
x:3;y:2.

Az =4y=1
@x:—l;yzz @xzo;yzl.

1.2. Miic d6 thong hiéu

Cadu 1. S6 phiic z = a + bi, (a,b € R) la nghiem
cia phuong trinh (1 4 2i)z — 8 — ¢ = 0. Tinh

S=a+b.
(A)S =—1. B)S=1.
(D) S =5.

(C)§ = -5.
Cdu 2. Ki hiéu z;, 2o 1a hai nghiém phtc ctua
phuong trinh 2% — 32 +5 = 0. Gi4 tri clia | 2] + | 22|

bang
(A)2v5. (B V5 (O3 (D) 10.

Cadu 3. Goi z; vA zy la hai nghiém phic cla
phuong trinh 22 + 2z + 10 = 0. Tinh gia tri clia
biéu thitc A = |2]* + |22

A= 15.

(A) A = 10.

(C)A =20 (D) A = 25.
Cau 4. Goi z1, 23 1a cac nghiém phtc ctia phuong
trinh 22—82+25 = 0. Gia tri clia |2, — 25| bang

A)s. (B) 5. (Cs. D) 3.

Cau 5. Goi sb phiic 2o 1a nghiém phiic c6 phan 4o
duong ctia phuong trinh 422 + 4z + 37 = 0. Trén
mit phang toa do, diem nao dudi day la biéu dién
clia s6 phiic w = 2.
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(A) M, (—3;%). B M, (3-—1).
em(sd) o (D)

Cdau 6. Goi z; va z 1a hai nghiém phiic cua
phuong trinh 422 — 4z 4+ 3 = 0. Gia tri clia biéu
thiic |2z1| 4 |2z2| bang

D) V3.

(A)3V/2. 2v3. (C)3.

Cau 7. Goi zg 1a nghiém phiic c6 phan 4o duong
ctia phuong trinh 422 + 4z + 37 = 0. Trén mat
phang toa do, diém nao sau day la diem biéu dién
clia s6 phitc w = iz ?

(A) My (—3;%). (B) M, (3'—1).
om(sd) oD

Cdu 8. Biét z = 1 — 2i 1a nghiém ctia phuong
trinh 2% + az +b=0 (véi a, b € R). Khi d6 a + b

bang
(A) 3. ® -3. (©u4 D) 4.

Cau 9. Goi z1, 29 12 hai nghiém phtic ctia phuong
trinh 22 + 22 + 10 = 0. Gia tri ctia biéu thiic
= |21|* + |22|* béng

(A)T = V/10. (B) T = 10.
(©)T =20. (D) T = 2V/10.
Cau 10. Goi M, N lan luct la diém biéu dién hai
nghiém phiic ctia phuong trinh 22 — 2z + 10 = 0.
Tinh do dai doan M N.
MN = 6i.

(D) MN =6.

Cau 11. Goi z,2 la cac nghiém phitc cua
phuong trinh 2% — 8z +25 = 0. Gia tri clia |2; — 23|

bang
(A)s. (B) 5. ©6. (D3

Cadu 12. Goi 2,2 la hai nghiém ctia phuong
trinh 22 — 4z +5 = 0; M, N lan lugt 1a cac diém
biéu dién ctia 21, 2, trén mit phang phic. Do dai

ctia doan thang MN la
©v2. D2

(A)2V/5. 4.

Cau 13. Goi 2,2 14 cac nghiém phitc cua
phuong trinh 22 + 42 + 7 = 0. S6 phtic 212, + Z1 29

bang
(A)2. 10. (©2. (D) 10

Cdu 14. Goi z;, z la hai nghiém phtc cla
phuong trinh 22422410 = 0. Gia tri ctia |2%|+ 23]
bang

(A)v10. (B)20.  (C)2v10. (D)10.

Cadu 15. Goi 2z, 2 la hai nghiém phtc cua
phuong trinh 22 —2z+10 = 0. Gid tri ctia | 21|+ 22|

bang
(A)2v10. (B) 2. (©v10. (D)20.

Cadu 16. Ki hiéu z;, 2 1a hai nghiém phic ctia
phuong trinh 322 — 24+ 1 = 0. Tinh P = |z| +
|22

@P:g P_g
cp-Y3 @P_2

Cdu 17. Trong tap sd6 phic, phuong trinh 2% +
3iz +4 = 0 ¢6 hai nghiém la z;, 2zo. Dat S
|z1] — |22|. Tim S.

(A)S € {3}. S € {3;-3}.

(C)S e {-3}. (D) S € {o}.
Cdu 18. Goi 2, 29 1a hai nghiém ctua phuong
trinh 22 — 22 4+ 5 = 0. Tinh |2(|? + 212».

(A)5. 0. (©15. Do

Cdu 19. S6 phitic nao dudi day 1a mot can bac hai

clia s6 phitc z = —3 + 447
(©1+2i. (D)1-2i

(A)2+i (B)2—i.

Cadu 20. Goi 21, 29 1a 2 nghiém ctia phuong trinh

222 + z+1 = 0. Tinh gia tri biéu thic A =
|21|2 + |22|2.
(A)2. ®) 1. (©)4. D) 3.

Cadu 21. Goi z1,2o 1a hai nghiém cta phuong
trinh 2% + 22 4+ 10 = 0. Gid tri T = |21]? + |22)?

bang
(A) 4. (B) 6. (©10. (D20

Cdu 22. Ki hiéu 2, 23 1a hai nghiém phiic cta
phuong trinh 2% = —1. Gi4 tri clia |z;] + |22

bang
A) 2. (B) 4. ©1. D)o.

Cdu 23. Ki hiéu z;, 2 13 hai nghiém ctia phuong
trinh 22 — 42 +5 = 0. Gid tri cla |z1]* + |22|?

bang
(A)6. B)10. (©)2v6. (D)4

Cdu 24. Goi z;, 2z la hai nghiém phitc cla
phuong trinh 222 + /32 + 3 = 0. Gia tri ctia bidu
thitc T = 27 + 23 bang

3 9
@T:E. T:—g.

4. PHUONG TRINH BAC HAI VO HE sO THUC  [EN
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©r=3 @T:-%.

Cdu 25. Ki hiéu z;, 2z la hai nghiém phitc cuia
phuong trinh 2% —22+47 = 0. Gia tri ctia | 21|+ | 22|

bang
(A)2V7. V7. (©14. (D10

Cadu 26. Ki hiéu 2y 1a nghiém phiic c¢6 phan thuec
am va phan ao duong ctia phuong trinh 22 + 2z +
10 = 0. Trén mat phing toa do, diém nao dudi
day 1a diém biéu dién sb phitc w = §29192,?

(A)M(3;-1). M(=3;1).
(C)M(3;1). (D) M(=3;—1).
Cadu 27. Phuong trinh 2% + 2z + 10 = 0 ¢6 hai
nghiém la z1; z5. Gia tri clia |27 — 25| la

(A) 4. (B 3. (C)s. D) 2.
Cdu 28. Goi z; va 29 la hai nghiém phtc cuia
phuong trinh 22 — 2z + 10 = 0. Tinh gia tri biéu
thic P = |Zl|2 + |Zg|2.

(A) P = 40. (B) P = /10.
(C)P=20. (D) P = 2V/10.
Cau 29. Goi z;; 2o la hai nghiém phiic cua
phuong trinh 22 — 62 + 10 = 0. Biéu thiic |z; — 2|

c6 gia tri la
(A6i. (B2 (C)6. D) 2.

Cadu 30. Goi 2z la nghiém phic c6 phan 4o am
ctia phuong trinh 2% + 2z +5 = 0. Trén mat phing
toa do, diém biéu dién cho sé phic z; ¢ toa do

12
(2;-1).
D) (15-2).
Cau 31. Goi 2,2z la hal nghiém phiic cua
phuong trinh 2? — 52 + 7 = 0. Tinh P = |z|* +

|22,
(A) 47, 56. (©14.  (D)2VT.

Cdu 32. Ky hiéu zj, 2o 1a hai nghiém phrc cua
phuong trinh 2?2 —4z+6 = 0. Gia tri clia | 21|+ | 22|

bang
(AV6.  (B)2ve. (©12. (D)4

Cdu 33. Ki hiéu 2z; vA 2o 13 hai nghiém phiic cuia
phuong trinh 22 — z +1 = 0. Gia tri clia |2;] + | 22|

bang
(A) 3. ® 1. (©2. D) V2.

Cdu 34. Goi 2,20 la hai nghiém phtc cla
phuong trinh 22 — 4z + 5 = 0. Gi4 tri ctia biéu
thic |z}| + |23] bang

I = cHuonG 4. 56 PHUC

(A)6 — 8i. (B) 20.
@ (D) 10.

Cdu 35. Cho phuong trinh 22 + az +b = 0 véi
a, b 13 cac tham s6 thuc nhan s6 phic 1 +4 13 mot

nghiém. Tinh a — b.
(©a. D)o.

A -2 ® -4

Cadu 36. C6 bao nhiéu s6 phiic z théa man z? +

2|z| =07
1. B 4. ©)2. D)3.

Cadu 37. Biét phuong trinh 22 +az +b = 0 véi a,
b € R ¢6 mot nghiém z =1 —2¢. Tinh a + b

(A) 1. ®-5. ©-3. (3.
Cadu 38. Goi 2z, 2z la hal nghiém phic cla
phuong trinh 22 — 52 + 7 = 0. Gia tri ctia biéu
thic |21 — 29| 1a

®vi ®-vii ©vi O

Cdu 39. Ki hiéu 2, 23 1a hai nghiém phiic ctia
phuong trinh 22 + 2z + 4 = 0. Gia tri clia |21| + | 22|

bang
A)2. ®) 4. ©1. D).

Cadu 40. Ki hiéu z;, 2z 1a hai nghiém phic cta
phuong trinh 22 —22+3 = 0. Gia tri clia |22 |+ 22|

bang
(A)3v3. (B)2v2. (©2v3. (D)3ve.

Cau 4l. Goi 2z; va 2z la hai nghiém phiic clia
phuong trinh 22 + 2z + 3 = 0.
Tinh P = 2|2z1| + 52/

(AP =13 (B) P =5V3.
©)P=3V3. D)P=17/3.

Cdau 42. Goi z; va z 1a hai nghiém phtc ctua
phuong trinh 22 — 8z + 17 = 0. Tim gia tri

(A)T = 34. (B)T = V1T
(©)T =2/17. D)T =17.

Cdu 43. Goi z la nghiém c6 phan 4o am cla
phuong trinh 22 — 4z 4+ 20 = 0. Tim toa do diém

biéu dién cta z.
(A) M (=2;—4). M(—4; -2).
(D) M(4;-2).

(C)M(2; —4).
Cdu 44. Goi z; v 2 = 3 + 44 1a hai nghiém cta
phuong trinh az? + bz +c=0 (a,b,c € R,a # 0).
Tinh T = 2|z1| — |22].
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(AT =0. T =5.

(©T=10. D)T=1.
Cau 45. Goi 2,2 14 cac nghiém phitc cuia
phuong trinh az? + bz + ¢ = 0, (a,b,c € R,a #
0,0 — 4ac < 0). Dat P = |21 4 20> 4 |21 — 22| —
2 |z1|° — 3|2/°. Menh dé nao sau day ding?

(AP =@+ B P=-°
a
a 2b
P=—. P=——.
@ 3¢ @ 3a
Cadu 46. Goi 2 1a nghiem phiic c¢6 phan do duong
cia phuong trinh 22 — 8z + 25 = 0. Khi do, gia st

Z2=a-+bithia+bla
(©24. (D31

(A)7. 7.

Cdu 47. Gia st 21, 29 1a cac nghiém ctia phuong
trinh 22 4+ 42 + 13 = 0. Tinh gia tri ctia biéu thtc

A= ‘21|2 -+ |22‘2.
(A)22. (B)20.  (C)26. (D18,

Cau 48. Goi 2z; vA 29 1a hai nghiém phitc cuia
phuong trinh 522 — 4z 4+ 2 = 0. Gia tri ciia biéu
thic 2725 + 2321 béng

2 —8
Cdu 49. Tim tham s6 m dé phuong trinh 2% +
(2—=m)z+ 2 =0 c6 mot nghiem la 1 — .

@m = 2. @ m = 4.
Cau 50. Goi z;, 2o la hai nghiém phiic cua
phuong trinh 22 + 2z + 10 = 0. Gia tri ctia bicu
thitc T = |21]? + |22|* bang
T = 10.

(A)T = 2V/10.
(©)T = V10. (D)T = 20.

1.3. Mitc d6 théng hiéu

8 -2

Cdu 1. Goi S la tong tat ci cac sd thuc m dé
phuong trinh 22 — 2z +1 —m = 0 ¢6 nghiém phtic
z théa méan |z| = 2. Tinh S.

(A)S =6. S = 10.
(©)S=-3. DS ="1.
Cdau 2. Goi 2z va z la hai nghiém phiic cua
phuong trinh z? + 2z 4+ 10 = 0. Tinh gia tri clia
biéu thic T = |2]? + |29|%.
(A)T = 2V/10.
(©T = 10.

(B) T = V/10.
(D) T = 20.

Cdu 3. Biét z = 1 — 2i 1a nghiém ctia phuong
trinh 22 4+ az +b =0 (v6i a,b € R). Khi d6 a + b

bang
(A)3. -3 (04 (D) —4.

Cadu 4. Trong mat phang toa do Ozy, cho sb phiic
z théa min |z—1+2i| = 3. Tap hop céc diém biéu
dién cho s6 phiic w = z(1 + 1) la dudng tron

(A)Tam I(3;—1), R = 3v/2.

Tam I(—3;—1), R = 3.

(C)Tam I(=3;1), R = 3v/2.

(D) Tam I(—3:1), R = 3.
Cau 5. Goi z 1a nghiém phiic c¢6 phan 4o am ctia
phuong trinh 22 4 22+ 5 = 0. Trén mat phang toa
do, diém nao duéi day la diém biéu dién s6 phrc

w = 20197
(A) M (=2;1). M(2;1).
(C)M(-2;-1). (D) M(2;-1).

Cau 6. Goi S 1a tap hop gia tri thyc ctia tham s6

m sao cho phuong trinh 22 — 2mz +2m? —2m = 0

c6 nghiém phitc ma modun ctia nghiem dé bang

2. Tong binh phuong céc phan ti ctia tap hop S

bang
(A)6. B 5. (©)4. D) 1.

Cau 7. Goi 21, 29, 23, 24 1& cac nghiém cuia phuong
trinh 2* —42% + 722 — 162412 = 0. Tinh biéu thtc
T=(Z44)(22+4) (22 +4) (22 +4).

(AT = 2i. B T=1.
©T=-2i. DT =0

Cadu 8. Goi 2z; vA 2 la hai nghiém phic cla
phuong trinh 22 — 2z + 5 = 0, trong d6 2 c6
phan 40 am. Tim phan 4o b clia s6 phiic w =

(21 — i) (2 4 20)]""%.
@ b — 21009 b — 92017
@ b — 92018

@ h— 92018
Cau 9. Goi S 1a tap hop gia tri thuc ctia tham s6
m sao cho phuong trinh 22 — (m+4)z+m?*+3 =0
c6 nghiém phtic zy théa méan |z| = 2. S6 phan ti

cua tap hop S la
(©2. D) 1.

(A) 4. 3.

Cau 10. Trén tap s6 phiic C, goi 21, 2o va 23 la ba
nghiém ctia phuong trinh 2% — 822 + 37z — 50 = 0.
Tinh gid tri biéu thitc P = |21] + | 2| + |23].

(A) P =10. B P=09.
(©pr=11 D) P =12

4. PHUONG TRINH BAC HAIVOI HE sO THUC [T
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Cdu 11. Biét rang phuong trinh 2% + bz + ¢ = 0,
b, ¢ € R ¢c6 mot nghiem phic 1a z; = 14 2i. Khang
dinh nao sau day la dung?
@b+c:0. Blb+c=2.
@ b+c=T.

©b+c:3.
. . 1
Cadu 12. C6 hai s0 phitic z théa man z i 5~
z
4=01a 2, 2. Tmh T = |2, —i|* + |2z — i|*.

(A)T = 10. BT =38
©T=>5 (D)T = 16.

Cau 13. Goi z; vA 29 l& cic nghiém phic cua
phuong trinh 22 — 22 + 5 = 0. Gia tri ctia biéu

thiic 2} + 23 béng
©-14. D7

A4 B -7

Cdu 14. Biét phuong trinh 22 + 2017 - 2018z +
22018 = () ¢6 hai nghiem 21, zy. Tinh S = |z] +
|22

@ 22018. 22019_ @ 21009. @ 21010.

Cdu 15. Néu z = i la mot nghiém phic cla
phuong trinh 2% + az +b = 0 v6i (a,b € R) thi

a + b bang
A-1. ®2 ©-2. D1

2. Dinh li Viet va itng dung

Cadu 1. Goi z1, 29 1a cac nghiém phiic ctia phuong
trinh 22 + (1 — 3i)z — 2(1 +4) = 0. Khi do
w = 2% + 22 — 32129 14 56 phiic c6 mo-dun 13

A2 B®VE (©2/18 (D) V.

Cadu 2. Goi z1, 29 12 hai nghiém phtic ctia phuong
trinh 322 — 2 +2 = 0. Tinh T = |z |* + | 22|*.

AT =2 _5
©T=2. or=-2

Cdu 3. Ki hiéu 21, 2z la hai nghiém phic cua

1
phuong trinh 222 — 42 +9 = 0. Tinh P = — +
21

W =Wl

Cdu 4. Phuong trinh bac hai nao dudi day nhan
hai s6 phtic 2 — 3¢ va 2 + 3i lam nghiem?

(A)z2+42z+13=0. (B)22+42+3=0.

B CHUONG 4. 86 PHUC

(C)22—42z+13=0. (D)22—4z+3=0.

Cadu 5. Biét phuong trinh 22 + bz + ¢ =0, (b, c €
R) c6 mot nghiem phiic 1a z; = 1+2i. Khing dinh

nao sau day la ding?
b+c=3.

@b+c:2.
Cbtc=1. Db+c="T.

Cdu 6. Ki hiéu z;, 25 13 hai nghiém cla phuong
trinh 22422410 = 0. Gia tri clia | 21| | 22| bang

(A)5. g (©10. (D20

Cadu 7. Goi z1, 29 1a hai nghiém phitic ctia phuong
trinh 22 — 22 4+ 2 = 0. Tinh gia tri ctia biéu thic
P = 2|Zl +22| + |21 - Z2|.

(AP =6. B P=3.
©P=2/2+2. D) P=v2+4.

Cdu 8. Goi z;, 2o 1a hali nghiém phic cla
phuong trinh 222 — 2 + 7 = 0. Tinh S =

|21 - Z2 + 22 - 7).
1 27 7
—. —. 2. —.
al ®7 ©» 0
Cau 9. Ki hiéu 21, 2z la cdc nghiém phitc ctia
phuong trinh 222 + 4z + 3 = 0. Tinh gia tri biéu
thic P = |z120 + (21 + 22)].

(AP =1 B P=
(©P=3. @P:Q.

Cadu 10. Biét phuong trinh 22 +az+b = 0vdi a, b
1a cac s6 thuc, c6 mot nghiem phic 1a z = 1 — 4,
gié tri cia biéu thitc a'® + b bing

(D) 1024.

(A)1026. (B) 4. ©1.

Cau 11. Ki hiéu z; va 2z, 13 hai nghiém cta
phuong trinh 2% + mz +m = 0 v6i m 1a s6 thyc.
Tim gia tri ctia tham s6 m dé biéu thiic P = 22422
dat gia tri nho nhat.

| oo

Cau 12. Goi 2; va 2z la hai nghiém phiic ctia
phuong trinh 522 — 4z +2 = 0 . Gia tri ciia biéu
thitc 2225 + 2521 bang

-8 2
25 25° 25°
Cdu 13. Biét z;, 2 la cac nghiém phic cla

25"
phuong trinh 22 — 2z +2 = 0. Tinh a2 + 2
22 2

-2 8



BNGm hoc 2021-2022

BTAI LIEU HOC TAP-GIAI TICH 12

1 3 5 3
Ny B g by
Cdu 14. Goi z, 29 14 cac nghiém cua phuong

trinh 422 4+ 42 +5 = 0. Tinh gi tri ctia biéu thitc
|21] + |z2]-

B ®viE ©%L o

Cau 15. Goi 21, 2o 14 hai nghiém cua phuong
trinh 22 — 2z —i = 0. Tinh gia tri ctia biéu thic

P = |Zl+22—2i|.
(AV5 (B9, ©2v2. (D)4

Cadu 16. Cho céc sb phiic 21 = 3+2i, 2o = 3 — 2i.

Phuong trinh bac hai ¢6 hai nghiém z; va z la
(A)22+62—13=0. (B)22+62+13=0.
(©)22-62+13=0. (D)z?—62z—13=0.

Cau 17. Goi z;, 2z la hai nghiém phitc cua
phuong trinh 22 — 4z +5 = 0. Gia tri ctia biéu

thiic 27| + |23| bang
Ce. (D)6 — 8i.

(A)10. 20.
Cadu 18. Goi 2z, 2o la hai nghiém phtic cua
phuong trinh 222 4+ /32 +3 = 0. Tinh gi4 tri cia

.z ., )
bieu thitc T'= — + —.

Z9 21
@T:gi. T:—§+;i.
@T:—?. @T:—g.

Cau 19. Goi 21, 2o la hai nghiém cta phuong
trinh 22 — 22 4+ 5 = 0. Tinh gia tri ctia biéu thiic

38 22
= _? - D) —12.

Cadu 20. Tréen tap so phiic, hai s6 phiic z; = a—3i
va 2o = a + 3i, a € R la hai nghiém ctia phuong
trinh nao dudi day?

@z2+2az+a2—9:0.

22+2a2+&2+9:0.

(C)22 =20z +a2—9=0.

(D) 22 —2az+a2+9=0.
Cadu 21. Goi z;, 2 la hai nghiém phiic cuia
phuong trinh 22 + 3z +5 = 0. Tim phan thue,
phan 4o ctia s6 phitc w = 2129 + (21 + 22)i.

@ Phan thyc bang 5, phan 4o bang 3.

Phan thyc bang 3, phan 4o bing 5.

@Phén thiie bang —5, phan 4o bang 3.
(D) Phan thyc bing 5, phin 4o bing —3.
Cdu 22. Trong tap s6 phic C, biét 2,2 1a
nghiém ctia phuong trinh 22 — 22 + 5 = 0. Tinh
gia tri ctia bieu thic (2 + 22)2.
D4

(A)0. B 1. (©2.

Cadu 23. Goi 2,20 la hai nghiém phic cua
phuong trinh 22 — 4z + 10 = 0. Khi d6 gia tri

cﬁaP:zl—l—zg—zl-lea
(B) P = —14.

(A)P = 14.

(©P=-6. D) P=6.
Cdu 24. Phuong trinh 22 + 32 +9 = 0 ¢6 hai
nghiém phitic z1, zo. Tinh S = 2129 + 21 + 25.

(A) —6. 6. ©12. (D) -12.

Cadu 25. Tréen tap s6 phic, tich 4 nghiém cua
phuong trinh z (22 — 1) (z + 2) = 24 béing

(A) —24. ~12. (©12. (D24

Cadu 26. Goi 21,2 la hai nghiém ctua phuong
trinh 22 — 42 + 5 = 0. Khi d6, phan thuc cta

w = 2% + 23 bang
(©16. (D)o

(A)6. 8.

Cadu 27. Goi 21,2z la hai nghiém phitc cla
phuong trinh 22 + 3z +5 = 0. Tinh |21 + 23]

(A) 3. g (©)s. D) V3.

Cdu 28. Goi 21,2 la hai nghiém ctua phuong
trinh 2% — 7z + 517290 = 0. Tinh gia tri biéu thiic

P= 221 — Z1%22 + 222.
P =58.

(A) P =-37.

(C)P = —65. (D) P = —44.
Cadu 29. Biét phuong trinh 22 +az+b=0 (a,b €
R) ¢6 mot nghiém z = —2+4. Tinh T' = a+b.

(AT =9. B T=1
Cadu 30. Phuong trinh nao sau day nhan hai s6
phtic z; = 14+v/2i vav 2 = 1—/2i lam nghiem?
(A)22—2:43=0. (B)22—2:-3=0.
(©2242:43=0 (D)z2+2:-3=0.
Cadau 31. Trong mat phing phitc, goi M, N la
diém biéu dién cta cac sé phtc la nghiem cta
phuong trinh 22 — 4z +9 = 0. Tinh do dai doan

thing MN.
MN =5.

(A)MN = 4.
(C)MN = 20. (D) MN = 2v/5.

4. PHUONG TRINH BAC HAIVOI HE sO THUC (BN
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Cadu 32. Cho sb phtic z = a + bi. Phuong trinh
nao dudi day nhan z va z lam nghiém?
@z2 — 2az + a*b* = 0.
(B) 22 — 2az + a® + b* = 0.
©22—2az—a2—b220.
(D) 22+ 2az + a2 + b2 = 0.

Cdu 33. Biét z; va 2, 13 hai nghiém ctia phuong
trinh 222 ++1/3243 = 0. Khi d6, gia tri clia 22 4 22

la
@, ®-; ©s @4

Cdu 34. Ki hiéu z;, 2o la cac nghiém phitc clia

phuong trinh 222 + 42 + 3 = 0. Tinh gia tri biéu
thic P = |212,’2 + Z(Zl + Zg)|

A P=1. ®P=-.
(©P=\3. D P=2.

Cau 35. Phuong trinh 22 +az +b = 0 véi a, b
13 cac tham s6 thuc nhan s6 phic 1 + 4 la mot

nghiém. Tinh a — b.
(©)4. D)o.

A -2. ® -4

Cadu 36. Ki hiéu 21, 29, 23, 24 1a bdn nghiém phic
cua phuong trinh

l\DI Oﬂ\Dl -~

(22—3z—|—6) (z2+3z+3)—z(9—|—222)—1—z220.

Gid tri ctia biéu thitc |21|+|za|+|23| +|24] bing

(A)2v/3(1+V2). B 2.

(©)2v2(1+ V2). D) 2v3(1+ V3).
Cadu 37. Biét z; = 2 — i 1a mot nghiem phiic clia
phuong trinh 22 +bz+c = 0 (b, ¢ € R), goi nghiéem
con lai 1& zy. Tim s6 phitc w = bz + czs.

(A)w =18 —i. (B)w=18+1.
Clw=2-09i D) w =2+ 9.

Cdu 38. Cho s6 phitc w va hai s6 thuc a,b. Biét
21 = w — 2 — 3t va z5 = 2w — 5 la hai nghiém
phﬁc ctia phuong trinh 22 + az + b = 0. Tinh

= |25] + |23
(AT =413, (B) T = 10.
(D) T = 25.

©T=5

Cdu 39. Biét z; va 2o 13 hai nghiém ctia phuong
trinh 222 ++/32 43 = 0. Khi d6 gia tri ctia 22 + 22

la
9 9
© ®o-2

(A)9. B 4.

IR & cHuonG 4. 56 PHUC

Cau 40. Biét 2,2 la cac nghiem phic cla
phuong trinh 22 — 4z + 5 = 0. Gia tri biéu thic
Rl R2 4o

—+ = 1a

22 1

w2

3. Phuong trinh quy vé bac hai

—4 16

6
= ©3 O3

®

Cdu 1. Biét rang phuong trinh 2* + 23 + 222 +
32z — 3 = 0 ¢6 hai nghiém thuan &o. Tich ctia hai

nghiém d6 bang
(©)s. (D) —3i.

(A) 3i. 3.

Cadu 2. Goi 2 la nghiém phtic c6 phan 4o duong
clia phuong trinh 422 + 4z + 37 = 0. Trén mat
phang toa do, diém nao dudi day la diem bicu
dién ctia s6 phiic izg?

(A) M, (—3;%). (B) Ms (3-3).
emlot) o)

Cdu 3. Téng cac nghiém phiic clia phuong trinh

B+2-2=01
(A 1. B -1 (©1-i ([D1+i

Cau 4. Goi z1, 29 12 hai nghiém ctia phuong trinh
i ‘4 +7Z = —4 (29 1a s6 phiic ¢6 phan 4o am). Khi
d?f) |21 + 22| bang
(A 1. (B) 4. (©)8. D) 2.
Cdu 5. Cho cac s6 phiic 2z, w khac 0 théa man
1,3__60 .Khidé‘g)b?mg

z24w # 0 va ;—F—
1

w ztw
ns.
Cdu 6. C6 bao nhiéu s6 phitc z thod man 22 +

1
® ;.
|z| =07

(A) 4. B 2. (©)3. D) 1.

Cdu 7. Cho hai s6 phiic 21; 2o théa man z;, zp #
N 1 1 21
0; 21422 # 0 va

—+z Tinh
2
®L

21+22

2
R

21 22

©§. D) 2v3.

22
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