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CHUONG II. NGUYEN HAM_TICH PHAN
VA UNG DUNG
BAI 1. NGUYEN HAM
Dang 1. Chitng minh ham sé F(x) 12 mot nguyén ham ciia ham s6 f(x).
1. Cho ham s6 F(x)=x"sinx+2017. Chimg minh F(x) 12 mot nguyén ham ctia
f(x)=x(2sinx+xcosx) trén R.

2. Chtng minh F(x)=In(sinx)+C 1a nguyén ham cua f (x)=cotx (0 <x < 7),véi C la hiang s.
Dang 2. Tim ho nguyén ham ciia ham sé f(x) ( hay tim _[f (x)dx).

1. — 5.3 2
1 I 2x X +3x)dx 1. I=.|.3 13. Iz‘[ (sinf_cosfj dx
1 x+1 2 2
2. I= J(_s__"' ) 8. Iz.[ tan” xdx 14.I=Iezxdx
27v . X 3 2
3. I=[21+5=|d 9. 7= sin®Zax _ (A o345
J ( \/;]x ] 2 15.7=] —
4, I=J. (sinx+cosx)2 dx 10. 1=I(x/;+4%/;+ijdx 16. 1= ILCJ
Jx 4x-5
1 1
5 (L, L), ) x+5 e
J‘(x+(‘/;j g 11']:J € [1 sin2 xjdx 1r.1= J.x —4x+4
6. [:J- 2'5"dx 12. I:I cot” xdx

Dang 3. Tim nguyén ham F(x) cia ham s0 f(x) théa diéu kién F(xo) = k.
1) (THPTQG 2017). Cho F(x) la mdt nguyén ham ctia ham s§ f(x) =e* + 2x thoa min F(0) = % .
Tim F(x).

2) (THPTQG 2017). Tim nguyén ham F(x) cua ham s6 f(x)=sinx+cosx thoa min F (%} =2.
3) Tim F(x) biét F(x) la mot nguyén ham ctia ham s6 £ (x) = L] va F(2)=1
x —
4) Tim F(x) biét F(x) la mot nguyén ham ctia ham s f'(x) = sin’ x va nguyén ham nay bang % khi
T
xX=—.
4 A e r
Dang 4. Tim nguyén ham bang phwong phap doi bién.

Bai 1. (THPTQG 2017). Cho F(x) 12 nguyén ham cta ham s6 f(x) = hl—x Tinh F(e)-F(1).
X

Bai 2. Tim cac nguyén ham sau:
1) J'l”_xdx 6) J' sin x 1) I:J- 3x° +2

cos’ x \/x +2x—

COS X
2) I:Ism X.cos xdx . 7) jl+smx 12) IZI 1 zdx
3) ]:_[ —dx 8) I=_[ xe" dx _T
Yx?+1 13) 1=j e&de
4) Izjx/Zx—ldx 9) 1=I xy1+xdx e
/ 14) I=
5) 1= lf;dx 10) 1= ~—"d Vixhnx . J.\/1+2cosx
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15) I:I §1—2x° x2dx 22) I:J' cos x +sin x .
Jsin x —cos x
er
16) I= dx _ 1 _ [ sinx
) -[ 1-3e™ 20) I—J. de 23) I—J. m
17) ]=.[ x*x =5.dx
21) I= j
18) 1= J. tanx e —e*
cos’ x

Dang 5. Tim nguyén ham bing phwong phap nguyén ham tirng phz‘?n.

Bai 1. (THPTQG 2017). Cho F(x)=x" 12 mdt nguyén ham ctia ham s6 f'(x)e**. Tim nguyén
ham ctia ham s f'(x)e**

Bai 2. Tim cac hg nguyén ham sau:

1) Iz_[xe"dx 6) I sin(2x +1)dx 10) [z.[ x*In(2x)dx

2) I:chosxdx. 7) =J (1-x)cosxdx

3) Iz.[xsinxdx 8) J'

4) 1=[xInxdx 9) 1= J‘xsm(zjdx

5 1= I x’e*dx

BAI 2. TICH PHAN
Dang 1. Tinh tich phin bang dinh nghia va cic phép bién ddi co ban
Bai 1. Tinh tich phan sau:

1) Ilzj.(x3+3x2—2)dx. 4) 1, —T \/_ 7) Igzjf(sinx—2coszgjdx
0 x

1 0

zj)‘x(l—xz)zdx. 5) 16=2|).\/€de

11) Izj X cos 2xdx

In2

3) ]3=j(x+%—%jdx 6) I,= (e -1) e%dx

Bai 2. (THPTQG 2017). Cho j F(x)dx=2 va j g(x)dx=-1.Tinh I = j [x+2/(x) —3g(x)]dx

/a2

Bai 3. (THPTQG 2017). Cho f S(x)dx=5. Tinh I = [[f(x)+2sinx]dx.

0

dx
x+1)\/)_c+x\/x+1

NI

Bai 4. (D& Tham Khao Nim 2018) Biét j =a—b—-c Vv6i a,b,c 14 cac sb nguyén

duong. Tinh P=a+b+c.
Dang 2. Tinh tich phan cic ham s chira diu gia tri tuyét doi | = J.:‘ f (X)‘dx .

Tinh cac tich phan sau:
2 0
1) 1 = []1-xldx 3) L=
s i ker
2 3
2) I,=|x*-xa 4 1,=[-2
) L, ﬂx xfx ) I, j2x+3}dx

Dang 3. Tinh tich phan bing phwong phap déi bién so.
6 2

Bai 1. (THPTQG 2017). Cho j f(x)dx=12. Tinh I = j F(3x)dx.
0 0
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Bai 2. Cho ham s0 f(x) lién tuc trén R va thod man f(x)+ f(-x)=+/2+2cos2x, VxeR. Tinh

3z

= j £ (x)dx.

2
Bai 3. Tinh cac tich phan sau:

ya

0

i 1
a)l = J.sin2 xcosxdx b)I, = .[x [\ +1dx o1, =IX(x—1)2°10 dx
-1 v

1 N3
dy 1, —jz”lnx ¢) 15=j1+1x2 dx f 1= [V16-xdx
0 0

Bai 4. Tmh cac tich phan sau:

1 1 1
Ilz'[( zx jdx I, = 2x—+12dx I3=J *
x +1 o(x2+x+1) o Vx? +1
1 V3 %
=Ix\/x +ldx I = .[xs x* +ldx I =J.e‘a“x (1+tan2 x)dx
0 0 0
1 e e
Inx Inx
= | x* 1+ xdx I, =|—dx Iy = | ——=dx
'([ ' '1[ X ’ ‘!x\/1+lnx
i
I, - J- \/1+tanx "
' cos’x
71 N Y
Dang 4. Tinh tich phian bang phwong phap tich phan tirng phan
* Tinh céc tich phan
3 3 !
1 = Ixcosxdx I, = Jx.sinxdx I, = jx.exdx
0 0 0
1 P 2
I, :j(x+l)e2xdx Iszjlnxdx I, = I(x+l)lnxdx
0 ! 1
tInx
I = dx
-
Dang 5. Ung dung tich phén trong cic bai toan vt ly.
Bai 1. (THPTQG 2017_ Md 101). Mdt vat chuyén dong * Y
trong 3 gio voi van toc v (km/h) phu thude vao thoi gian ¢
(h) c6 do thi van toc nhu hinh bén. Trong khoang thot

RN

gian 1 gio ké tir khi bat dau chuyén dong, do thi d6 la 9
mot phan ctia dudng parabol ¢ dinh 7(2;9) va truc dbi
xung song song vdi truc tung, khoang thoi gian con lai
dd thi 12 mot doan théng song song voi truc hoanh. Tinh
quing dudng s ma vat di chuyén duoc trong 3 gior d6 (két
qua lam tron dén hang phan trim).

A. 5=2325(km) B.s=2158 (km)

C. s =15,50 (km) D. s=13,83 (km)

i E & —
G 1. 283 g
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Bai 2. Mot 6 t6 dang chay véi van tbe 10m/s thi nguoi 1ai dap phanh; tir thoi diém do, 6t6
chuyén dong cham dan déu voi van tde v(f) = — 5¢ + 10(m/s), trong d6 ¢ 13 khoang thoi gian tinh
bang gidy, ké tir lac bat dau dap phanh. Hoi tir lac dap phanh dén khi dirng han, 6t6 con di
chuyén bao nhiéu mét ?
A.0,2m. B. 2m.‘ ) C. 10m. ) ’D 20m. R

BAI 3. UNG DUNG CUA TICH PHAN
Bai 1. Tinh dién tich hinh phang gidi han boi hai dudng:
a) y=2—-x> vd y=—x. b) y=—x*+4x va y=x.

c) y=x"—12x va y=x". d) y=—x’+3x*+1va y=1.
Bai 2. Tinh thé tich khdi tron xoay sinh ra khi quay hinh phang gi6i han boi cac duong sau quanh
truc Ox:

a) y=4—-x*, y=0. b) y=2x—x*, y=0. c) y=x(1+x)2, y=0.

d) y=x*-2x*, y=0. e) y=xvd4-x*, y=0.

Bai 3. (THPTQG 2017). Cho hinh phéng D gidi han bdi duong cong y =+/2 +cosx , truc hoanh
z

va cac dudng thing x =0,x = 5 Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé

tich ¥ bang bao nhiéu ?
Bai4. (Pé Tham Khao Niam 2018) Cho hinh (#) 14 hinh phang gidi han boi parabol y =+/3x2,
cung tron c6 phuong trinh y=+/4—x> (v6i 0<x<2) va truc hoanh (phéan t6 dam trong hinh v§).

A

Y

0 9
Tinh dién tich cua (H).
Bai 5. Tinh thé tich khéi tron xoay sinh ra khi quay hinh phing gi6i han bdi cac duong sau quanh
truc Ox:
a) y=x+1, y=0, x=0, x=1. b) y=x’-3x*, y=0, x=0, x=4.

C) yzﬁ,Ox, x=2,x=4.d) y=cosx, y=0, x=0 va ng.

< ON TAP CHUONG III
% CAC CAU HOI TRONG PE THI THPTQG 2017.
> THPTQG 2017- Pé 101.
Cau 1. Tim nguyén ham ctia ham s6 £ (x) = cos3x

sin3x sin 3x

A.jcos3xdx:3sin3x+C.B. jcosSxdx= +C.C. Jcos3xdx=— +C.D. Icos3xdx:sin3x+C.
Céu 2. Cho hinh phang D gi6i han boi duong cong y =~/2+cosx , truc hoanh va cac duong
thang x =0,x = % Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich ¥ bang bao

nhiéu ?
A.V=r-1 B.Vv=(z-Dx C.Vv=(z+Drx D.V=r+1

6 2
Cau 3. Cho [ f(x)dx=12. Tinh 1= f3x)dx.
0 0

A. =6 B. 1=36 C.1=2 D. =4
4
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Cau4. Cho ham sé f(x) théa man f'(x)=3-5sinx va £(0)=10. Ménh d€ nao dudi day la

ding?
A. f(x)=3x+5cosx+5 B. f(x)=3x+5cosx+2
C. f(x)=3x—-5cosx+2 D. f(x)=3x—-5cosx+15

Céau 5. Cho F(x)=x* 1a mdt nguyén ham ctia ham s6 f'(x)e**. Tim nguyén ham ctia ham s6

(e

A. _[f'(x)ez"dx =—x"+2x+C B. If’(x)ezxdx =—x"+x+C
C. Jf'(x)ezxdx =2x" -2x+C D. If'(x)ezxdx =2x*+2x+C
Cau 6. 7 ,
Mot vat chuyén dong trong 3 gio vaoi van toc v (km/h) A y

phu thudc vao thoi gian 7 (h) ¢6 db thi van tdc nhu hinh
bén. Trong khoang thoi gian 1 gio ké tir khi bat dau
chuyén dong, d6 thi d6 1a mot phan cua dudng parabol co 9
dinh 1(2;9) va truc d6i xiing song song vdi tryc tung,
khoang thoi gian con lai do thi 14 mot doan thang song
song voi1 truc hoanh. Tinh quang duong s ma vat di
chuyén dugc trong 3 gio d6 (két qua lam tron dén hang
phan trim).

A. 5=2325(km) B.s=2158 (km)

C.s=15,50 (km) D. s=13,83 (km)

e

—
t
Cau 7.
Cho ham sd y = f(x). D6 thi ciia ham sd y = £'(x) nhu
hinh bén. Pt A(x) =2/ (x) - x*. Ménh dé nao dudi day
ding ?

A. h(4) = h(=2) > h(2)

B. 1(4) = h(-2) < h(2)

C. h(2)> h(4) > h(-2)

D. h(2) > h(=2) > h(4)

THPTOQG 2017- Dé 102.

Cau 8. Tim nguyén ham ctia ham s £ (x)=

1

S5x-2
A | D _Linpse-g+c. B. | _ Lpsx-2)+c
5x-2 5 5x-2 2
C. | D Sinfsx-2+C. D. | D nfsx-2]+C.
S5x-2 S5x-2

Cau 9. Cho J.f(x)dx =2 va Ig(x)dx =-1.Tinh I = “x+2f(x)—3g(x)]dx

A T=> B./=_ c.1=V p. /=1
2 2 2 2
Inx

Cau 10. Cho F(x) 12 nguyén ham cta ham s f(x)=—>. Tinh F(e)- F(l)
X

5
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A l=e. B./-1. C.I:%. D. /=1,

e

Cau 11. Cho hinh phiang D giéi han boi duong cong y =~2+sinx, truc hoanh va cic dudng
thang x = 0,x = 7. Khdi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich ¥ bang bao
nhiéu?

A.V=2x+1) B. V=2r(x+1) C.v=2r D.V=2x
Cau 12. 9 )
Mot vat chuyén dong trong 3 gid voi vén toc v
(km/h) phy thude vao thoi gian # (h) c6 d6 thi la
mot phan cua duong parabol c6 dinh 7(2;9) va
truc d6i xtng song song voi truc tung nhu hinh
bén. Tinh quang dudng s ma vat di chuyén duoc
trong 3 gio do.

A. 5 =24,25 (km)

B. s =26,75 (km)

C. 5 =24,75 (km) P

D. 5 = 25,25 (km) O 231¢
Céau 13. Cho F(x)=(x-1)e" la mot nguyén ham cua ham s6 f(x)e*. Tim nguyén ham cua ham
s f(x)e™.

2—x

A. [f/(x)e™dr = (4-2x)e" +C B. [ f'(x)e"dx= e +C

C. [f'(xe*dx=(2-x)e' +C D. [ f(x)e”dx=(x-2)e" +C
Caul4. ‘ ,
Cho ham s6 y = f(x). B0 thi cia ham s6
y = f'(x) nhu hinh bén. Pat
g(x)=2/(x) - (x+1)>. Ménh d& nao duéi day
dang ?
A. g(=3)>g(3) > g
B. ¢(1)>g(-3)>¢g(3)
C. g3)>g(-3)> g
D. ¢(1)>g(3)>g(-3)

» THPTQG 2017- Pé 103. ,
Céau 15. Tim nguyén ham ctia ham s6 f(x) =2sinx
A. IZsinxdx=2cosx+C. B. IZsinxdxzsin2x+C

C. I2sinxdx =sin2x+CD. I2sinxdx =-2cosx+C

Céau 16. Cho F(x) la mot nguyén ham cua ham ) f(x)=e" +2x thoa man F(0) = % Tim F(x).
A. F(x)=ex+x2+% B. F(x)=2ex+x2—%

C. F(x)=ex+x2+§ D. F(x)=ex+x2+%
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1
Caul7. Cho j( - lzjdx:aln2+bln3 véi a, b 1a céc sb nguyén. Ménh d& nao duéi day
Wx+1 x+
dtng?
A.a+b=2. B.a-2p=0. C.a+b=-2. D.a+2b=0.

Cau 18. Cho hinh phang D gii han boi duong cong y =e, truc hoanh va cic duong thang
x=0,x =1. Khoi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich ¥ bang bao nhiéu?

2_1)

e’ (e’ +1) e’ -1 D. V- 7r(e2

A. V= > B. V= C.v=
Céau 19.
Mot vat chuyén dong trong 4 gid voi véan toe v
(km/h) phu thudc thoi gian ¢ (h) ¢ do thi van
tbc nhu hinh bén. Trong khoang thoi gian 3
gid ké tir khi bat dau chuyén dong, dd thi d6
12 mot phan cua dudng parabol co dinh 7(2;9)
v6i truc d6i xtng song song véi truc tung,
khoang thoi gian con lai dd thi 12 mot doan
thang song song voi truc hoanh. Tinh quing
duong s ma vat di chuyén dugc trong 4 gid d6

A. 26,5 (km) B. 28,5 (km)

C. 27 (km) D. 24 (km)

& 234+
Cau 20. Cho F(x)= —3% 14 mot nguyén ham cia ham s6 &. Tim nguyén ham cua ham s6
X X

£'()Inx.

' _1nx 1 ’ _lnx 1

A. J.f (x)lnxdx—?+§+C B. J.f (x)lnde—?—§+C
' _lnx 1 ' _ Inx 1

C' If(x)lnxdx— x3 +§+C D. J.f(X)lnXdX——x—3+§+C

Cau 21. ’ . )

Cho ham s6 y = f(x). P06 thi cua ham s6 y = f'(x) nhu hinh
bén. Pit g(x)=2f>(x)+x*. Ménh dé nao dudi day dang ?

A. g(3)<g(-3)<g(l)

B. g(1)<g(3) < g(-3)

C. gh)<g(-3)<g0)

D. g(-3)<g3)<g®

> THPTQG 2017- Bé 104.
Cau 22. Tim nguyén ham ctia ham s6 f(x)=7".

A. j7*dx=7*1n7+c B. j7de= T ¢
In
7x+1

C. J-7de=7"“+C D. j7de= e
x+1
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Cau 23. Cho hinh phing D gidi han béi dudng cong y = /x> +1, truc hoanh va cac duong
thang x = 0,x =1. Khéi tron xoay tao thanh khi quay D quanh truc hanh c6 thé tich ¥ bang bao
nhiéu ?

A.V:“?” B. V=21 C.V=§ D. V=2
3 3
Cau24. Cho [ f(x)dx=5.Tinh 7= [[f(x)+2sinx]dx.
0 0
A T=7 B.1:5+%- C.1=3 D.=5+x
Céau 25. Tim nguyén ham F(x) cia ham s f(x)=sinx+cosx thda min F (%} =2.
A. F(x)=cosx—sinx+3 B. F(x)=-cosx+sinx+3
C. F(x)=—cosx+sinx—1 D. F(x)=-cosx+sinx+1
Cau 26.

Mot nguoi chay trong thoi gian 1 gio, vén toc v
(km/h) phu thudc thoi gian ¢ (h) c6 do thi 1a mot

phan cua duong parabol voi dinh 7 (%;8) va

truc d6i ximg song song véi truc tung nhu hinh
bén. Tinh quang duong s nguoi do chay duoc
trong khoang thoi gian 45 phut, ké tir khi bat
dau chay.

A. s=4,0 (km)

B. s=2,3 (km)

C. s=4,5 (km)

D. s=5,3 (km)
Céau 27.
Cho ham sd y = f(x). Db thi cia ham s6 y = f'(x)
nhu hinh bén. Pt g(x) =2/ (x) + (x +1)*. Ménh dé nao
dudi day dang ?

A. g()<g3)<g(-3)

B. g(1)<g(-3)<2(3)

C. gB)=g(-3)<g)

D. g(3)=2g(-3)>g()

Céau 28. Cho F(x)= 21—2 13 mot nguyén ham caa ham sé EACD) . Tim nguyén ham cta ham s
X X

f'(x)Inx.

’ _ In x 1 ’ _lnx 1

A. If(x)lnxdx——(?+§]+c B. J.f(x)lnxdx—?+x—2+c
, Inx 1 , Inx 1

C. J.f (X)lndez—(x—2+?j+C D. J‘f(x)lnxdx=7+§+C
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> Bai tap trac nghiém.
Cau29. Tim nguyén ham ctia ham s6 f(x)=+2x—1.

A [ f(x)dx== (2x HN2x-1+C. B. [ £( x)dx— (2x—1)y2x-1+C.
C. J.f(x)dx=—§\/2x—1+C. D. jf(x)dx=?/2x—1+c.

Cau 30. Tim nguyén ham ctia ham s6 f(x) = cos 2x.

A.If(x)dx:ésin2x+C B.Jf(x)dx=—§sin2x+€
C.If(x)dx:2sin2x+C D.jf(x)dx:—2sin2x+C

Cau 31. Biét F(x) 1a mot nguyén ham ctia ham s6 f(x) = L] va F(2)=1.Tinh F(3)
X

AF(3)=in2-1 B.F(3)=ln2+1 C.F(3)=§ D.F(3)="

Cau 32. Cho jf )dx=16.Tinh I = jf (2x)d

Al=32 B.I=8 C.I=16 D./=4

Cau 33. Biét J. =aln2+bln3+cin5,v6i a,b,c 1a cac s nguyén. Tinh S=a+b+c
x+x

A.S=6 B.S=2 C.§=-2 D.S=0

2
Cau34. Chohamsé f(x) c6 dao ham trén doan [1;2], f(1)=1 va f(2)=2.Tinh I = Jf’(x)dx
1

Al=1 B.]=-1 C.I=3 D.J:%
Céu 35. Tinh tich phan I = J.cos3 x. Sin xdx.
0
1 4 4 1
A I=—=7x" B. [ =-7". C. 1=0. D.[=-——.
4 4
Cau 36. Tinh tich phan 7 = [ x.ln xdx.
1
2 2 2
A.I=§ B. =42 c.r=¢*  p-¢=t
Céau 37. Tinh dién tich hinh phang gidi han boi do thi ham sb y = x* —x va d6 thi ham s6 y = x—x’.
7 B. 2. c. 8 D. I3.
12 4 12°

Cau38. Ki hi¢u (/) la hinh phing giéi han boi d6 thi ham s y=2(x—1)e", truc tung va truc
hoanh. Tinh thé tich V cta khi tron xoay thu duoc khi quay hinh (H ) xung quanh truc Ox.
A V=4-2e. B.V=(4-2e)x. C.V=e-5  D.V=(-5)n

Cau 39. Viét cong thic tinh thé tich V cua khéi tron xoay duoc tao ra khi quay hinh thang cong, gidi
han boi d6 thi ham s0 y = f/(x), truc Ox va hai dudng thang x = a,x =b(a <b), xung quanh truc Ox.

A V= ﬂ‘[ffz (x . B. V= jfz (x)dx. C.V= ﬂ]if(x)dx. D.V= ﬂji‘f(x)‘dx.
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Céau 40. Cho hinh thang cong (H) gidi han boi cac duong y=e*, y=0, x=0 va x=[n4. PDuong
thang x =k (0 <k <In4) chia (H) thanh 2 phan c6 dién tich1a S, va S, nhu hinh v& bén.

Tim k dé S, =25,

A.k:§1n4 B. k=In2

8
C.k=Iln— D. k=In3

3

/
Cau4l. Cho F(x) la mot nguyén ham ctia f(x)=3x?+1.Khi d6 hiu sd F(3)-F(1) bang:
A.28 B. 32 C. 30 D.2
Cau42. Chohamsé f(x)=sinx+>. Khi do:
X
A. Jf(x)dxzcosx+51n|x|+C B. Jf(x)dxz—cosx+51n|x|+C
C. J.f(x)dxzcosx—iz+C D. .ff(x)dxz—cosx—iz+C
X . X
Cau 43. Xét cac ménh dé:
(D f d); =tanx+C
COS X
4x° =3x* -1 s 1
II) | ——F——dx=2x"-3x+—5+C
( )J. x* 3x°
Khang dinh nao sau day ding?
A. (I) ding,(II) sai B. (1) sai, (II) ding
C. Ca (1) va (IT) déu ding D. C4 (I) va (IT) déu sai
Cau 44. Tim nguyén ham clia f (x)=cos2x.
A. If(x)dxzsin2x+C B. If(x)dxz—Zsin2x+C
C. J‘f(x)dxzésin2x+c D. jf(x)dxz—%sin2x+c
Cau 45, Cho ham sb f(x)=— 5+ Khi do
2
x-3 x+3
A [f(x)dx=n —|+C B. [ f(x)dx=In —|+C
C. [f(x)dx=sm[* e D. [ /(x)dr =~ |+c
6 [x-3 6 |x+3

Cau46. F(x)=In|x++/1+x?| 1a mot nguyén ham ctia ham sd:

2x X 1

AT == B0 CI==

Cau47. Cho [ f(x)dx=F(x)+C.Khido, véi a=0, taco:

D. f(x)z +C

V1+x?

A. Jf(ax+b)dx=F(ax+b)+C B. J.f(ax+b)dx:lF(ax+b)+C
a
C. jf(ax+b)dx:aF(ax+b)+C D. If(ax+b)dx:iF(ax+b)+C

10
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Cau 48. Xét cac ménh de:

D J.sin(2x+Ede = —cos(2x+£j+€
4 4

10 _l(Sx—l)”
(I [(5x-1) dv ===+ C

(IH) J'612x+1dx2612x+1 i C

Khing dinh nao sau day ding?
A. Chi (I) va (II) B. Chi (I) va (III) C.Chi (I) va (IIT) ~ D. Chi (II)

Cau49. F(x)= li 12 mot nguyén ham ctia ham sb:
nx

A. f(x):ﬁ_(mlx)2 B. f(x)=—-——C
C. f(x)=mt— D. f(x)=-——+

CInx o (Inx) Inx (Inx)’

Cau50. Cho f(x)=cot’x.Khido [ f(x)dx bang:

A. cotx—x+C B. cotx+x+C C. —cotx+x+C D. —cotx—x+C
Cau 51. Tim nguyén ham F(x) ciia ham sd f(x)=- 5 biét F(E)zﬁ.
sin” x 2 2
A. F(x):x B. F(x)zsinx+§—l C. F(x):cotx D. F(x)zcotx+§
Cau52. Cho f(x)=2a"+x(0<a=1).Khido6 [f(x)dx bang:
A. 2aX1na+2x‘/;+c B. 2¢ +2’C&+c
3 Ina 3
C. 2a +3X\/;+C D. 2a —2X\/;+C
Ina 2 Ina 3
Cau 53. Cho f(x)=e" (1—67’(). Khi d6 If(x)dx bang:
A e —x+C B.e"—x+C
C.e*+x+C D. e +x+C

Cu 54. Cho f(x)=(x+1)e*. Khidd [f(x)dx bang:
A. xe*+CB. (x+1)e"+C  C.(x-1)e"+C D. (x+2)e"+C
Cau 55. Cho f(x)=cos6x.cos2x. Khi do jf(x)dx bang:

A. 4sin8x+2sin4x+C B. %sin8x+%sin4x+C

C. 4sin8x—2sin4x+C D. %sinSx—%sin4x+C

Cau 56. Cho f(x)=cos5x.sin3x. Khid6 [ f(x)dx bing:

A. lcost+i0058x+C B. lcost—icos8x+C

4 16 16
C. 2cos2x+8cos8x+C D. 2cos2x—8cos8x+C
Cau 57. Timhamsé f(x) biét f'(x)=4J/x —x va f(4)=0.
2

A f(x)=4x—x—4 B. f(x)zgx;/;—%+?
8x/x ¥ 40 8xvx ¥ 8

C. f(x)— - D. f(x)— - —
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Cau 58. Tim nguyén ham F(x) clia ham so f(x)= x—iz+2 biét F(1)=2.
X

21 3 1

A. F()C)=?+;+2X_E B F(x)zx—7+2
2 2

C. F(x):x—+l+2x+é D. F(x):x——l+2x+l
2 x 2 2 x 2

Céu 59. Cho f(x)zx.sing.Khi do [ f(x)dx bing:
A. —2xcos£+4sin£+C B. 2xcos£+4sin£+C
2 2 2 2

) 1 )
C. —2xc0s£+sm£+C D. ——xcos£+s1n£+C
2 2 2 2 2

b b c
Cau60. Cho a<b<c, If(x)dx=5, jf(x)dsz.Tinh If(x)dx.

a

c c c

A. j;f(x)dxz—2 B. If(x)dx=3 C. If(x)dx=7 D. jf(x)dsz

a a a

9 3
Cau 61. Biétrang /(x) la ham lién tuc trén R va [ £ (x)dx=9, tinh [ f(3x)dx.
0 0

3 3 3 3
A. J.f(3x)dx=1 B. jf(Sx)dx=2 C. J.f(3x)dx=3 D. If(3x)dx=4
0 0 0 0
3
Cau 62. Gid trj clia | la:
0 COS X
Al B. T c.l D. I
4 2 2
CO
Cau 63. Gid trj cta | cos— dx bing:
0
2 B V2 C.\2 D. 242
2 4
¢ dx 1 :
Céau 64. Néu _[ =—Ina thi gia tri cua a bang:
$2x+1 2
A9 B.3 C.2 D. %
1
Cau 65. Gia tri clua Ixe‘xdx bang:
0
A. 1+% B. 1—Z C. 2+l D. 2—l
e e e e
2 \
Cau 66. Gi tri clia [x° Inxdx bang;
1
A. £1n2 B. 21n2+Z C. 21n2—Z D. 1r12—Z
3 3 4 3 4 4

12
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Cau 67. Két qua cta tich phan [sin’ xcosxdx 1a:

O 0 [ 3

Al B. c.t D. L
4 3 2
¢4
Cau 68. Tinh tich phan [——dx.
1 e
A e?-e B. 2(¢?-¢™) C.e?+e? D. 2(e? +e™)
Cu 69. Tinh tich phan [|cosx|dx.
0
A.0 B. 1 C.2 D. n
Cau 70. Cho f(x)=xe". Khido Jf" )dx bang:
A. 3¢ B. 3¢° +1 C. 3¢* -1 D. &’ +2
Cau 71. Gid tri cua tich phan J‘de bang:
0 X tx—2
A. In12-1Inl10 B. In77-1n54 C.In24-1n20 D. 2(ln77—ln54)
CAu72. Cho [——dx=In13. Tim m, bit m>0.
13x+1 3
A . m=1 B.m=2 C.m=3 D. m=4
)
Cau 73. Tinh tich phan j sin’ x cos xdx . Pap s6 nao sau diy dung?
0
4
Al B. L c.t D. =
3 4 16
Cau 74. Gia tri cua tich phan j bang
@ +1
A B. > c. L D. 1
16 16 16
Cau 75. Tim dién tich S ctia hinh phang gidi han boi cac dudng y=x* va y=x+2.
A. § =9 (dvd) B.S= % (dvd) C. 5= % (dvd) D. S =§ (dvd)
Cau 76. Tim dién tich S cta hinh phang giéi han boi (C): y =x°, truc hoanh va hai dudngx=-1,x=2.
A S-= 177 (dvd) B. S= % (dvd) C. 5= %7 (dvd)  D. S=17(dvdr)
Cau 77. Tim dién tich S cta hinh phang giéi han boi cac dudng: y=x>+x, y=5x va cac duong
x=-1x=1.
7 7 7
A. §=7(dvdt) B. §= 3 (dvdt) C.S= 7 (dvdt) D. S= 5 (dvdt)

Cau 78. Tim dién tich S cta hinh phang gi6i han bdi (C): y =x*Inx, truc Ox va hai dudng
1
x=Lx=¢e3.

A S-= i (dvdt) B. S-= % (dvd) C. 5= é (dvd) D. S—+

OO | W=

13
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Cau 79. Tinh dién tich hinh phéng gidi han boi (C): y= 2;jx’ truc hoanh va hai duongx =-2,x=1.
A. 2In2(dvdt) B. 4In2(dvdt) C. 61In2(dvdt) D. 8In2 (dvdt)

Cau 80. Tinh dién tich hinh phang giéi han boi dudng cong (C): y = %, tiém can ngang cua (C) va
hai duong x=0,x=2. ’

A. In3(dvdt) B. —91n3(dvdt) C. 91In3(dvdt) D. %ln 3(dvdt)

Cau 81. Goi S 1a s do cua dién tich hinh phéng gi6i han béi parabol y=2x”+3x+1 va parabol
y=x"—x-2.Tinh cos(gj .

A. cos(gjzo B. cos(gjz—ﬂ C. cos(gjzﬁ D. cos(gjzﬁ

2 2
Cau 82. Goi S 1a s do dién tich hinh phéng gidi han boi duong: y = xsinx, truc hoanh va hai duong
thang x =0,x = . Khang dinh nio sai ?

A. sin(§j=1 B. cos2S=1 C. tan(§j=l D. sinS=1

Cau 83. Tim thé tich V ctia khi tron xoay tao thanh khi quay hinh phang gi¢i han boi duong y =3/x,
y=0, x=1,x=8 xung quanh truc Ox.
In 937

AV =rm? B. V:T C.V=18,6 D. V:T

Céu 84. Tim thé tich V ctia khdi tron xoay tao thanh khi quay hinh phang gidi han boi duong
y=Altanx, y=0, x=0,x zg xung quanh truc Ox.

2
Av=L B. V=L C.V:ﬂ D, y=Tn2
4 4 4

Céau 85. Tim thé tich ctia khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang gigi han boi
duong y =./x(4-x) va truc hoanh.
A 33—2(dvtt) B. ”T“(dvtt) C. %(dvu) D. an(dvtt)
Céau 86. Tim thé tich V ctia khdi tron xoay tao thanh khi quay hinh phang gi6i han boi duong
y=4-x*, y=0 xung quanh truc Ox.

71 52 8n’

A.V=2n B.V=— C.v D.V=—
82 15 3

Cau 87. Tinh thé tich khéi tron xoay sinh ra do hinh phang gi6i han béi cac duong y = LY
X

y=-x+5 quay quanh truc Ox.
A. 21n(dvtt) B. 12z (dvtt) C. 33 (dvit) D. 8x (dvtt)

14
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CHUONG IV. SO PHUC
% Vandél. Céc tinh chfit ciia s6 phire. ’
Bai 1. Tim phan thuc , phan 40, m6 dun va so phtrc lién hop cta cac so phuc:
a/lz=2—ei b/z= 43 ¢/ z=-5i &/ z=7-i
Bai 2. Tim x, y d& hai sd phtic z = (2x+1) + (3y-2)i, z’ = (x — 2) +(4y -3)i biing nhau.
Bai 3. Bi€u dién hinh hoc clia cdc s6 phic: 4 + 2i, 3 - i, -2i, 3i, 2, -4.
Bai 4. Trén mit phing toa do, tim tap hop di€ém bi€u dién cla s6 phitc z thda mian diéu kién phan
40 bing -2 va phan thuc thudc khodng (-3; 3).
Bai 5. PH KHOI B 2010: Tim tap hop diém biéu dién s6 phuc z théa man: |z—i =|(1+1)z|

Bai 6. Tim phan thyc , phan 40, mddun cua cac sé phirc:
alz=2-ei b/lz=4J3 c/z=-5i d/ 7 i
Bai 7. Tim cac sb thyc x, y thoa mén :
a/ (2x +3y -5) + (x 2y +1)i=CBx+y-2)+ (4x—-y—1)i
b/ (2- 3x) -i5= 2 +(1- 5y)i
/x+2y+3 +(V2x-y)i=2x+y - (x+ 3y
Bai 8. ( THPTQG 2017). Tim tét ca cac s6 thyuc x, y sao cho x* — 1+ yi=—1+2i.
Bai 9. Tim tap hop dlerp biéu dién sb phirc z théa man diéu kién :
a/ Phan thyuc cta z bang (-3).
b/ Phén ao cta z bang (-2).
c/ Phén thuc cua z thuge khoang (-3;2).
d/ Phan thyc va phan 4o thudc doan [-3;3].
e/ |Z|= 2

\ 22
f/ |2/ < 1 va phan 4o thudc {—g,g}

g/ 2<|2<3
h/ ph‘éin thue bang phén ao.
I/ Phan ao bang 3 lan phan thyc . . ‘ .
m/ Tong binh phuong phan thyc va phan 4o bang 1, phan thuc cia z khong am.
n/ |z|§2 va
Bai 10.  Tim s6 phirc z va z biét :
a/ |z|=2 va z1a so thuan éo.
b/ |z|=5 va phén thuc bang 2 1an phén do.
% Van dé 2. Cac phép toan trén sé phirc.
Bai 1. Tinh:
D (2 +3i)(1-2i)
1+2i

1—i \ 2i-1( 5 1
3 4 ——
)(1+2ij L [l iJ

Bai 2. Thuc hién cac phép tinh

+3-4i 2)[(3-21) — (3+ 4i)]?

D (4+50)+(7+9) 5) (4+5i).(5-4i) N (1;,)
D) (6-150)=(2-1) 6 (1+if (1-if (2+1) i
3) (2+3i).(-1+2i) Y 9) (1+i)"

7
4) (\/§+i).(\/§—i) ) 34
Bai 3. Xéc dinh phan thyc, phan o cta cac s6 phc :
1) z=(1-1)—(3-21) + (5 + 61) 2)z= (3 +2i)(7 - 4i)
15
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6—1

3) z= 4)z=(3 202 (4-ip
2+5i
Bai4. Choz=5-3i,tim:
1) 22 2) 1 3) z Az + 22+ 7
zZ

Bai 5. Giai phuong trinh sau trén tap cac sd phuc.
1) (1-i)z+2i-3=0

2) (3+i)z=2z+2i-1

3) (1+i) (2-i)z=8+i+(1+2i)z

4 (1+i)(2-i)z=8+i+(1+2i)z

Bai 6. Giai phuong trinh sau trén tap cac so phtrc.
1) z+32=(1—_2i)2

2) (2-3i)z+(4+i)z=—(1+3i)".

3) (2z-1)(1+i)+(z+1)(1-i) =2-2i,

Bai 7. Giai phuong trinh sau trén tap cac s phirc.

1)(2- 3i)z = (1-)(4 +2i) 2) 2(1 +4i)z — 5 = 6i — Ti(i — 1)z
3)3=f, 2t 4) z+37=3-5i
1+1i 5-3i

Bai 8. ( THPTQG 2017). Cho sé phitc z=a+bi (a,b€R) théaman z+1+3i—|z|i=0. Tinh
S=a+3b.
Bai 9. ( THPTQG 2017). C6 bao nhiéu s6 phirc z thoa mén |z -3i[ =5 va

Z X A 5
l1a sO thuan ao ?

o
Bai 10. (P& Tham Khao Nim 2018) Cho sb phitc z=a+bi (a,b€R) thoa min z+2+i—|z|(1+i)=0
va|z[>1.Tinh P=a+b.

Bai 11. (P& Tham Khao Nim 2018) Xét cac sd phiuc a=a+bi (a,b<R) théa man |z—4-3i|=+/5.
Tinh P=a+b khi |z+1-3i|+|z—1+i| dat gia tri 1on nhat.

< Vin dé 3. Phwong trinh bac hai véi hé s0 thure.

Bai 1. Tim cac can bac hai cia cac so thuc sau: 5;9;1;0;—1;-2;-3;—4;-27;—49.

Bai 2. Gidi cac phuong trinh sau:

1) 3z°+2z-1=0 2) 72 +3z+2=0 3) 927 +8z+10=0
4)322+52=0 5)522+9=0 6) z'+z°—6=0
7zt +722+10=0 8) z*+722-12=0 9z +922+14=0

Bai 3. (PéTham Khao Nim 2018) Goi z, va z, 1a hai nghiém phtc cia phuong trinh 4z° —4z+3=0.
Tinh gié trj ciia biéu thic |z, |+ z, |.

Bai4. ( THPTQG 2017). Ki hi¢u z,,z, 1a hai nghiém phtrc ciia phuong trinh 3z* —z+1=0. Tinh
P=|zl|+|zz|.

Bai 5. ( THPTQG 2017). Ki hi€u z,,z, 1a hai nghiém phtrc ctia phuong trinh z*> +4=0. Goi M,
N lan luot 13 cac diém biéu dién cua z,,z, trén mit phang toa do. Tinh T=0M +ON véi O 13
géc toa do.

Bai 6. Tim phuong trinh nhan hai s6 phitc 1++/2i va 1-+/2i lam nghiém.

Bai7. Choa,b,c R, a=0,z), z> 1a 2 nghiém cua phuong trinh az>+ bz +c¢ = 0.

Tinh z1+z; va Z1.22 theo a, b, c. ’

Bai 8. Cho so phtic z = a +bi, hdy tim mgt phuong trinh bac hai véi hé s6 thuc nhdn z va z

lam nghiém. Ap dung : Cho z = 3-2i , tim phuong trinh bac hai nhan z va Z lam nghiém.
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< ON TAP CHUONG IV.
% CAC CAU HOI TRONG PE THI THPTQG 2017.
> THPTQG 2017- Pé 101.
Cau 1. S6 phirc nao dudi day 1a sé thuan a0?

A. z=-2+3i. B. z=3i. C.z=-2. D. z=3+i.
Céu 2. Cho hai s6 phtic z;, =7-4i va z, =2+3i. Tim s0 phtic z =z, +z,.
A. z=7-4i B. z=2+5i C.z=-2+5i D. z=3-10:

Céu 3. Phuong trinh nao dudi ddy nhan hai s6 phtic 1++/2i va 1-+/2i 1a nghiém ?

A. 22 +2z+3=0 B.z"-2z-3=0 C.z*-2z+3=0 D.z*+2:-3=0
Céau 4. Cho s6 phiic z=1-2i. Piém nao dudi day la diém biéu dién cta s6 phirc w=iz trén mit
phang toa do ?

A. 0(1;2) B. N(2:1) C. M(1;-2) D. P(-2;1)
Cau 5. Cho sd phitc z=a+bi (a,beR) théa man z+1+3i—|z[i=0. Tinh S=a+3b
A s= B. S=-5 C.5=5 D.s=-1
Cau 6. C6 bao nhiéu sd phtic z thoa méin |z-3i|=5 va Zi 1a s6 thuan a0 ?
A0 B.Vosb C.1 D.2
» THPTQG 2017- be 102.
Cau 7.
SH phuc nao sau day co diém biéu dién trén mat phing toa VA
do la diém M nhu hinh bén ? M
Az, =2+i B. z, =1+2i - AR 4
C.z,=-2+¢ D.z =1-2 -
-2 O X
Céu 8. Cho hai s6 phiic z, =4-3i va z, =7+3i. Tim 86 phirc z=z, -z,
A. z=11. B. z=3+6i C.z=-1-10i D.z=-3-6i
Cau 9. Kihiéu z,z, 1a hai nghiém phirc cuia phuong trinh 3z* -z +1=0. Tinh P =|z|+|z,|
A.P:ﬂ. B.P:ﬁ C.p=2. D.P:E.
3 3 3 3
Cau 10. Cho s phiic z=1-i+. Tim phan thuc « va phan 4o b cia z.
A. a=0b=1 B. a=-2,b=1 C.a=1b=0 D.a=1b=-2
Cau 11. Cho sd phitc z=a+bi (a,b € R) thoda mdn z+2+i=|z|. Tinh S=4a+b.
A. S=4 B. 5=2 C.§5=-2 D. s=-4
Cau 12. C6 bao nhiéu s phtrc z théa méin |z+2—i=2v2 va (z—1)* 1a s6 thudn ao.
A. 0 B. 4 C.3 D. 2
> THPTOQG 2017- Dé 103.
Cau 13. Cho hai s phirc z, =1-3i va z, =—2-5i. Tim phan 4o b ctia sd phtic z=z, —z,.
A. b=-2 B. b=2 C.b=3 D. h=-3
Cau 14. Cho sd phic z=2-3i. Tim phan thyc a cia z.
A.a=2 B. a=3 C.a=-3 D.a=-2
Cau 15. Tim tt ca cac sb thuc X,y sao cho x* -1+ yi=-1+2i
A x=—2,y=2 B. x=+2,y=2 C.x=0,y=2 D. x=2,y=-2
Cau 16. Kihiéu z,z 1a hai nghiém phtrc cua phuong trinh z* -z+6=0. Tinh P =ZL+Zi
1 2
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1

A.p-L. B. P=— c.p--L. D. P=6.
6 ) 12 6

Cau 17. Cho s6 phirc z théa man |z+3|=5 va |z-2i|=|z—2-2i|. Tinh |2|.

A. |Z|=17 B. |Z|=\/ﬁ C. |z|=\/ﬁ D. |Z|=10
Cau 18. C¢ bao nhiéu so phirc z théa man |z +3i =13 va ; 1a s6 thudn ao ?

zZ+

A. V6 86 B.2 C.o0 D. 1
» THPTQG 2017- Dé 104.
Cau 19. Cho so phic z=2+i. Tinh [|.

A. |z| =3 B. |Z| =5 C. |Z| =2 D. |z| =
Cau20. Tim sb phutc z théa man z+2-3i=3-2i

A, z=1-5i ) B.z=1+i C.z=575i i B D.zrzl—i
Cau 21. Cho s6 phirc z, =1-2i, z, =-3+i. Tim diém bi€u dién cua so phuc z =z +z, trén mat
phéng toa do.

A. N(4;-3) B. M(2;-5) C. P(-2;-1) D. O(-1;7)

Cau22. Kijhiéu z,z, 14 hai nghiém phirc ctia phuong trinh z> +4 =0. Goi M, N lan luot 14 cac
diém biéu dién cia z,,z, trén mit phang toa do. Tinh 7= OM +ON véi O la gdc toa dd.

A.T=22. B.7=2 C.T=8. D.T=4.
Cau 23. Cho so phirc z théa man |z|=5 va |z+3|=|z+3-10i. Tim s0 phitc w=z-4+3i.

A, w=-3+8i B. w=1+3i C. w=-1+7i D. z=-4+8i
Cau 24. Goi S la tap hop tat ca cac gia tri thuc ciia tham s6 m dé ton tai duy nhat s6 phtrc z
thoa man zz =1 Va‘ 3 +1‘ m. Tim s6 phan tir ciia S.

A. 2 B. 4 C.1 D. 3.

> Bai tip tric nghiém.

Céu 25. Cho sb phitc z =2+ 5i. Tim s6 phtic w=iz+z.

A w=7-3i. B.w=-3-3i. C.w=3+7i. D. w=7-3i.

Cau 26. Ki hidu z,,z,,z,,z, 1a 4 nghiém phuc cia phuong trinh z* —z” — 12 = 0. Tinh tong

=[]+ ||+ [z, ]+[z.]
A T=4 B. T =24/3. C.T=4+2J3. D.T=2+23.
Cau 27. Cho céc s6 phirc z thoa mén |z| = 4. Biét rang tap hop cac diém biéu dién cac sb phirc

=(3+4i).z+i 1a mdt duong tron. Tinh ban kinh r ciia dudng tron do.

A r=4. B. r=5. C. r=20. D. r=22

Céu 28. Cho sb phirc z thoa mén (1 + i)z =3 — i . Hoi diém biéu dién ciia z 1a diém nao trong cac diém
M, N, P, Q & hinh bén? v

A. Diém P. B. biém 0. e e ]

C. Diém M. D. Diém N. = |

Cau 29. Cho s6 phirc z = 3— 2i. Tim phan thuc va phan 4o cta sb phuc z.

A. Phan thyc béng -3 va phén ao bémg -2i. B. Phan thyc bang -3 va phém 40 bang -2.
C. Phan thyc bang 3 va phan 4o bang 2i. D. Phan thyc bang 3 va phan a0 bang 2.

Cau 30. Cho hai s phtc z, =1+4i va z, =2-3i. Tinh m6 dun cua so phtc z, + z,.
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A. |Z, +ZZ|=\/E. B. |Z, +22| =5. C. |Z, +ZZ|=]. D. |Z, +ZZ| =5

Cau 31. Tim s6 phirc lién hop cua s phie z =i(3i+1).
AZ=3-i B.z=-3+i C.z=3+i D.z=-3—-i
Cau 32. Tinh médun cua s phirc z théa man z(2—i)+13i=1

A.|z|=\/§ 5\/_ V34

B.|z|=34 C.|z D.|z|:T
Cau 33. Diém M trong hinh v& bén la dlem biéu dién ctia s6 phuc z. Tim phan
thuc va phan o cua so phic z. y
A. Phan thyc la —4 va phéan 4o la 3. 3
B. Phén thuc 1a 3 va phén do 1a —4i. 19) oy

C. Phan thyc 1a 3 va phan ao 1a —4.
D. Phan thuc la —4 va phan do 1a 3i.

iy

Cau 34. Ki hiéu z, 1a nghiém phuc c6 phan ao duong cta phuong trinh 4z° —16z+17 =0. Trén mit
phang c6 toa d0, diém nao dudi day la diém biéu dién cia sd phic w= iz, ?

won(L2) wan(-L2) can (L) vn L)

Cau 35. Cho s phitc z=a+bi (a,b e R) théaman (I/+i)z+2Z =3+2i. Tinh P=a+b

A.P=i B.P=1. C.P=-1 D_P:—i
2 2
R A1 o x : V10 AT AR o iAo
Cau 36. Xét s0 phirc z théa man (1+2i)|z|= —2+i.Ménh dé nao dudi day dung?
Z
A <|o]<2. Blf>2 clf<i.  DpLlc<?.
2 2 2 2

Cau 37. SO ndo trong cac sd phirc sau 1a sb thuc?
A (V2+43i)-(v2-3i)) B (5+i2)+(5-i2) C.(1+i)+(-1+i) D. (3-2)=(3+2i)
Cau 38. S6 nao trong cac sd phirc sau 1a sb thuan ao0?

A (V3+i)+(V3-i) B.(10-i)+(10+i)  C.(5-if3)+(-5-i3) D. (3+i)~(-3+i)

Cau 39. Tim cip sb thuc x, y thoa mén: x+2y+(2x—y)i=2x+y+(x+2y)i.

1 2 1 1 2
A x=y=0 B.x=—:y=2 C.x=y=— D.x=-—;y=-=
g R T RO
Cau 40. Tim cdp so thuc x, y thoa man: 2x+1+(1-2y)i=2-x—(2-3y)i.
5 1 1 -3 1 5 1 3
A x=—y=— B.x=—;y=— C.x=——=;y==D. x=—;y==
37773 3777 37773 37775
Cau 41. Cho z:i— Chon dap s6 dung.
+i
A.z=1+i B.z=i C.z=- D.z=1-i
Céu 42. Cho z=4+(~i)” +2i**. Chon dap sb dung.
A. z=4i B. z=3-4i C.z=1-4i D. z=-4i
Cau 43. Cho w=3+4i. Tim nghich d4o cta w.
PN O e Y s D. 342
5 25 25 25 25 55
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Cau44. Cho z= tjﬁ + tii . Trong cac két luan sau, két luan nao dang?

A. z 1a sb thue. C. z ¢6 thanh phan thyc va 4o déu khac 0.

B. z 1a 56 thuan do. D. |7 =1.

Cau45. Cho z= (2 +i2)(li_ 2) + (2- i2)51i+ 2) . Trong céc két luan sau, két luan nao dung?
A. z 14 s6 thuc. C. z co thanh ph?m thuc va 4o déu khac 0

B. z 14 s6 thuan ao.. D. zz =%.

Céu 46. Tim cin bac hai ctia s6 phirc z =3+4i.

A. £(2+i) B.i(l+%i] C.+(2-i)  D.x(-1+)

. 241 —-1+3i :
Céu 47. Giai phuong trinh sau: 1—+%z= 2+§l . Chon dép so6 dung.
—1 +1

A. Z=£+ﬂi B. Zzg—il' C. Zzg—ii D. Z=£+ii

5 5 5 5 25 25 25 25
Cau 48. Tim z biét: z+2z=2-4i.

2 . 2. 2 2.
A z=——+4i B.z=—=-4i C.z==+4i D. z=—-4i

3 3 3 3

Cau 49. Tim nghiém phtic cuia phuong trinh: x* —3x+3=0.

A. z=%iig B. z=—%ii§C. z=3+i3 D. z=-3+i\3

Cau 50. Tap hop céc diém biéu dién hinh hoc sb phirc thoa man |z—i+1|=|z+i-2| la dudng thang c6
phuong trinh
A. 6x-4y-3=0 B.4x-6y+3=0 C.2x-3y+1=0 D. 2x—3y+%:0

Cau 51. Tap hop céc diém bicu dién hinh hoc s6 phitc thoa man v2|z+i|=|z +1| 1a dudng tron c6
phuong trinh nao sau day?

A. (x+2)2+(y—1)2=2 B. (x+1)2+(y+2)2
C. (x—1)2+(y+2)2=4 D. (x—2)2+(y—1)2
 Bai tap tu luin.

Bai 1: Tim modun cta sb phic z =1+4i+(1—i)3

4
2

Bai_2: Cho hai s phirc: z, =\3-5i; z, =3-i.Tinh 2 va |2
Zy
L B-4(1+2i)
1-2i
Bai 4: Tim s6 phirc z biét (2—3i)z + (4 +i)z = —(1+ 3i)°
2
Bii 5: Cho s6 phitc z =4 - 3i. Tim ~-=

z

Bai 6: Giai phuong trinh sau (an z): z+27 = (1+5i)’

Z

Bai 3: Tim phan thuc, phan 4o cua sb phirc +(4-3)-(1- i)2013

Bai 7: Tim sé phuc lién hop vo1 binh phuong cua chinh nd. ‘ )
Bai 8: Cho s6 phirc z =x + iy (x, y thugc R). Tim phén thyc va phan ao cua cac s6 phue:
z+i

a)z> -2z + 4 b)

iz—1
Bai 9: Giai cac phuong trinh sau (4n z) :
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a) %z:jifl b) ((2—i)2+3+i)(iz+2il_j=0.
Bai 10:

a) Chimg minh: "' = (=1)* i,k e N;i** = (-1)*,k e N.

b) Gia str z, =i* +i**',k e N. Tinh tong zx + zk:1.

Bai 11: Thuc hién céac phép tinh :

2) 3+, (1+2i) —(1-i)’ 'c)(2+i)3+(2—i)3_
(1+)(1-2i)" ~ B+2) =2+ ~Q+i}-2-i)’

Bai 12: Cho hai sdphiicz=a+bivaz =a +bi , ,

a) Véi dieu kién nao gitta a, b, a, b’ thi tong cua chung 1a s6 thyc ? 50 d0?

b) Cling cau hoi trén d6i véi hituz -z .. 7 L ) .

Bai 13: Trong mat phang toa do Oxy, tim tap hgp diém biéu dién céac s6 phtrc z théa man di€u

kién|z —(3-4i)|=2.

d) 2-i)°

Bai 14: Tim tap hop cac diém biéu dién s6 phiic z théa man dicu kién: 2|z = ‘z —z+ Zi‘
Bai_15: Trong mit phing toa do Oxy, tim tap hop diém biéu dién cac sé phirc z thoa man diéu kién
lz-(5i-2)|=2.

Bai 16 : Xac dinh tap diém biéu dién sé phirc z thoa man :

a) z=a+ai,aeR b)#lésééo
Z—1
Bai 17 : Xéc dinh tap diém biéu dién s phirc z thoa man :
a) 72 1a s6 thuc am b) |z-i+2|+|z+i]=9.
Bai 18: Giai cac phuong trinh trong tap sb phirc:
a)z>?+81=0 b)z2-z+2=0
¢)(z—i)(z2+1)=0 d) (22 +2z)+4 (22 +2)-12=0

< MOT SO PE THI TOT NGHIEP, TUYEN SINH DAI HOC, CAO PANG.

1/ TNPT 2009: Giai phuong trinh : 82> — 4z + 1 = 0 trén tap so phtrc._ i )

2/ TNPT 2010: Cho 2 s0 phttc z1 = 1 + 2i va zo = 2 — 3i. Xdac dinh phan thyc, phan do cta so phuc
71— 27).

3/ TNPT 2011: Giai phuong trinh (1- i)z + (2 — i) =4 — 5i trén tap s phuc.

4/ TNPT 2012: Tim cdc s6 phite 2z + Zva = bidtz =3 — 4i.
z

5/ TNPT 2013: Cho s6 phic z théa mén (1 +i)z — 2 — 4i = 0. Tim s phirc lién hop ciaz.
6/ DPH KHOI D 2009: Trong mpOxy, tim tp hgp diém biéu dién cac so phirc z thoa man diéu kién
|z—(3-4i)|=2
7/ DH KHOI B 2009: Tim s phtic z thoa : |z = (2 +1)| =10 va zZ =25,
8/ DH KHOI A 2009:Goi z; va z2 1a hai nghiém phtic ciia phuong trinh : z2 + 2z + 10 = 0. Tinh gi4 tri
ctia bidu thirc A = |z[" +|2["
9/ CP 2009:Cho s6 phirc z théa man (1 + 1)%(2-i)z = 8 + i + (1+2i)z. Tim phan thyuc va phan a0 cua z.
< 4 4 2 = = I4 X
10/ DH KHOI D 2010:Tim s phire z thoa man =+ 7% +10=0 =2 01 12 13 & thudn 4o,
11/ DH KHOI B 2010: Tim tap hop diém biéu dién s phirc z thoa man: |Z _i| N |(1 * i)Z|
3 1 /4 r va — )2 p— 1
12/ DH KHOI A 2010: Tim phén 4o ciia 6 phire z bigt 2 = (V2 +1 (=20

. NS o 2 . .
13/ CP 2010: Cho s phitc z thoa @ 307 F(4+DZ==(1+3)" 130 JpAn thue va phan do cia z.

2(1+2i)

14/ DH KHOI D 2012: Cho sé phitc z thoa man 207+ =7 =7+80

Tim modun cta s6 phuc w=z+ 1 +1.
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o 2-i .
15/ CP 2012:Cho s phirc z thoa man (1-20)z T (3-1)
mp toa do Oxy.
16/ BPH KHOI D 2013: Cho sb phirc z thoa man diéu kién

_z-2z+1

(1 +1i)(z —1i) +2z = 2i. Tinh médun cta s6 phae '~ 2
17/ CP 2013:Cho sb phirc z théa man (3 +2i)z + (2 —i)*> =4 + i. Tim phan thuc, phin 40 cua sd phirc
w=(1+2)z

z N A <2 4 X .
. Tim toa dg di€m biéu dién cua z trong

18/ PH KHOI B 2014: Cho s phtic z thoa man diéu kien 2230707 =1=9 " 1iih modun cia 2.

19/ PH KHOI A 2014: Cho s6 phiic z thoa didu kign 2 T (2 T97 =3+
Z.

20/ THPTQG 2015: Cho s phtc z thoa man z*+72°+10=0 Tim phan thyc va phan a0 cia z.
21/ THPTQG 2016: Cho sb phic Z=1+2i _ Tim phan thyc va phan 4o cua s phirc W=2z+z.

. Tim phan thyc va phan 4o cta
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PHUONG PHAP TQOA PQ TRONG KHONG GIAN
‘ Bai 1: HE TQA PO TRONG KHONG GIAN.
< BAITAP CO BAN
Bai 1: Tim toa do diém M va tinh [OM] biét:
a. OM =5i+2j—7k
b. OM = -3k
c. OM=—i+ 33
Bai 2: Tim toa d6 diém M va tinh |O—M| biét:
a. MA =2MB v6i A(2;1;0), B(-2;0;1)
b. %m :-%@ voi A(2:1:0), B(-2:0:1)

Bai 3: Tinh goc gitra hai vecto

a. a=(21L4), b=(-6,03)

b. a=(0:0:1), b=(2:0:2)

Bai 4: Cho tam giac ABC biét A(-4;-2;0), B(-1;-2;4), C(3;-2;1).
a. Tinh goc giita hai vecto AB, AC

b. Tinh goc gifra hai vecto AB, BC

Bai 5: Cho a=(m;6;-5), b=(m;—m;—1). Timmdé a Lb.

Bai 6: Cho a= (m;3;-2), b=(m;—m;-1). Timmdéalb.

Bai 7: Xét sy cung phuong cua céac vecto sau:

a. a=(L1L1), b=(22:2); b. a=(24:6), b=(2:40); c. a=(L20), b=(240).

Bai 8: Chirmg minh rang ba diém sau thang hang:

a. 4(1;3;2),B(2;2;3),C(0;4;1)

b. 4(-2;1;0),B(-1;3;-2),C(0;5;-4)

Bai 9: Chiing minh rang ba diém sau khong thang hang:

a. A(1;0;3), B(2;2;4), C(0;3;-2)

b. A(-1;1;2), B(0;1;1), C(1;0;4)

Bai 10:

a. Cho bdn diém A(1;0;0), B(0;1;0), C(0;0;1), D(-2;1;-1). Chimg minh bon diém A, B, C, D 1 bén
dinh mot tr dién.

b. Cho bén diém A(-2;6;3), B(1;0;6), C(0;2;-1), D(1;4;0). Chirng minh bén diém A, B, C, D khong
ddng phang.

Bai 11:

a. Cho ba diém A(1;-2;1), B(-1; 0;1), C(3;2;-5), D(1; 0; -1). Ching minh bdn diém A, B, C, D dong
phang.

b. Cho ba diém A(3;2;6), B(3;-1;0), C(0;-7;3), D(2;-2; 3). Chirng minh bén diém A, B, C, D dong
phang.

Bai 12: Cho ba diém A(3;2;6), B(3;-1;0), C(0;-7;3).

a. Tim toa d6 diém A’, B’, C’ lan luot 1a hinh chiéu vudng goc cua cac diém A, B, C trén céc tryuc toa
do Ox, Oy, Oz.

b. Tim toa d6 diém A*’, B’*, C*” 1an luot 14 hinh chiéu vudng goc cua cac diém A, B, C trén cac mit
phéng toa do (Oxy), (Oyz), (Oxz).

Bai 13: Cho bon diém A(3;-2;-2), B(3;2; ;0), C(0:2;1), D(-1;1;2).

a. Chimg minh bdn diém A, B, C, D 1a bén dinh mét tir dién.

b. Tinh thé tich cta khéi t& dién ABCD.
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Bai 14. Cho bon diém A(1;0;0), B(O;I;O), C(0;0;1), D(-2;1;-1).

a. Chimg minh A, B, C khong thang hang. Tinh dién tich tam giac ABC;
b. Chirng minh A, B, D khong thang hang. Tinh dién tich tam giac ABD.
< BAI TAP TONG HQP

1. Cho 3 vecto a= (2;3;1),13 =(5;7;O),Z =(3;-2;4).

a. Tim toa d6 cta vecto : d =2a—-3b—c.

b. Tim toa d6 vecto x théa min 2x—Sa+b=c.

c. Timy, z & m=(-3;;z) cling phuong a.

d. Chting minh rang: a,b,¢ khong ddng phang.
e. Biéu dién vecto d theo 3 vecto a,b,c.
2. Tim m dé:
a. Ba diém 4(0;3;2),B(1;2;3),C(2;m;4) thang hang.
b. a= (2;3;—4) cung phuong b= (m;—6;8).
.a= (1;m;—2) vudng goc voi b= (m;3;-4).

Tim vecto b cung phuong véi a = (2\/5 ;—1;4) biét

c
3 b|=10.
4. Tim vecto b cling phuong v6i a =(8;-10;13) biét
5. Tim diém M biét:

a

b

c

E‘ =+/37 va b tao v6i Oz mot gbc nhon.

. M thudc truc Ox va cach déu hai diém A, B véi A(2,-4;5),B(-3;2;7).
. M 1a giao diém cta duong thang AB va mp( Oxy).
. M thudc truc Oz va cach déu hai diém C(2:41),D(-3;2;5).
d. M thudc mp(Oxy) va cach déu ba diém A(1,-1;5),B(3;4;4),C(4:6;1).
6. Cho 4 diém A(-2;-3;8),B(21;,7),C(1;4;5), D(~7;—4;7) . Chitng minh rang: ABCD 14 hinh thang.
7. Cho 3 diém 4(2;0;6),B(5;3;3),C(~3;-6;8). Tim toa d6 diém D thudc mp(Oxz) dé ABCD 14 hinh
thang c6 2 day 1a AB va CD.
8. Cho tam gidc ABC c6 A(—4;-1;2),B(3;5;-10). Tim toa d dinh C biét rang trung diém ciia cac
canh AC, BC lan luot 1a M, N va M thudc truc Oy, N thuoc mp(Oxz).
9. Trong khong gian cho vecto 14 =(8;4;1),1B =(2;-2;1). Tim toa d¢ vecto IC thoa mén 3 diéu kién
sau day:
a. ICLIA b. ‘If“ = ‘E‘ c. I4,1B,IC dong phang.
10. Trong khong gian cho 2 vecto 04 = (—3;0;4),@ =(5;-2;24). Tim vecto OE thoa man 3 diéu kién
sau day:
a. ‘@‘ =2 b. O4,0B,0F dongphing c. OEF nam trén mp(Oyz).
11. Cho 3 diém A4(3;2;-3),B(51-1),C(1;-2;1).
a. Tinh gbc trong A cua tam giac ABC.
b. Tim vecto a cung phuong vi 4B va co ‘Zz‘ =AC.
12. Tim vecto x vudng goc véi hai vecto a = (3;2;2),13 =(18;-22;-5); tao v6i Oy mot goc tu va co
x| =14.
13. Tim vecto x cing phuong véi a =(2;1;-1) biét x.a=3.
14. Cho 3 vecto a = (3;—2;4),13 = (5;1;6),2' =(-3;0;2). Tim x sao cho ax=4bx=3,5cx=0.
15. Cho 5:(—1;1;1),13 =(2;0;1). Tim x dong phang voi a,b; vudng goc véi b va xa=17.
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16. Trong khong gian Oxyz cho 4 diém A(-1;3;-4),B(5;0;5),C(1;2;-1),D(1;-1;2).

a. Chimg t6 3 diém A, B, C thang hang va 3 diém A, B, D khong thing hang.

b. Tim toa d G la trong tam tam giac ABD.

c. Trong khong gian Oxyz cho 4 diém A(5,7;-2),B(3;1;-1),C(9;4;,—4),D(1;5;0).

d. Chimg t6 A, B, C, D nam trén mdt mdt phang.

e. Tim toa do giao diém I cua duong thang AC va BD.

17. Trong khong gian cho tir dién ABCD. Biét 4(1;-2;1),B(2;4;1),C(-1;4;2),D(-1;0;1).

a. Tim toa do hinh chiéu vuodng goc H cua A 1én mp(BCD).

b. Tinh d§ dai duong cao xuat phat tir A cua tir di¢gn ABCD.

18. Trong khong gian cho tam giac ABC. Biét A(1;0;2),B(-2;1;1),C(1;-3;-2) . D va E 1a hai diém trén
AB, BC sao cho DA=-2DB;EB=2EC.

a. Tim toa do cua diém D va E.

b. Tinh cos DAE .

19. Cho bon diém A4(1;0;1), B(-11;2),C(=L10), D(2;-1;-2).

a. Chung minh A, B, C, D Ia bdn dinh ctia mot ti dién.

b. Tinh dudng cao cia tam giac BCD ha tir dinh D.

c. Tinh gbc CBD.

d. Tir}h theé tich cua khoi t1'1: dién ABQD va tr d6 suy ra d¢ dai duong cao cua tur dién qua dinh A.
e. Viet phuong trinh mat cau ngoai tiép tir di¢gn ABCD.

20. Cho bon diém A(3:0:4),B(3:6:2).C(0:4;-1),D(0;-2:1).

a. Ching minh A, B, C, D khong dong phang.

b. Tinh thé tich hinh chop O.ABCD va d¢ dai duong cao OH veé tir O cua hinh chép O.ABCD.
c. Tim toa d6 diém M sao cho MC vudng goc véi mp( BCD ) va MC =211 .

21. Cho badiém A(1:1:1),B(5:1:-2),C(7:9:1).

a. Chimg minh A, B, C khong thang hang. )

b. Tim toa d6 chan dudng phan giac trong cua tam giac ABC xuat phat tir A.

c. Tim di@;m M trén truc Ox cach déu A va B.

d. Tim di€m N trén mp( Oxz ) cach déu A, B, C.

< BAI TAP MAT CAU
Bai 1: Xac dinh tim va ban kinh mit cau (S) sau:
a. (x —1) +(y=2) +(z-3) =4; b x?+(y=3) +(z+3) =36; c. ¥’ +y’+27=3.

Bai 2: Xac dinh tAm va ban kinh mit cau (S) sau:

a. X +y +72° -2x-4y—-62-2=0; b. x> +y*+z° —4x+2y+4z+2=0;

C. x’+y’+72°—x-y-z=0; d. 3x* +3y° +3z2° —6x+8y+152-3=0.

Bai 3: Viét phuong trinh mat cau:

a. Viét phuong trinh mat cau (S) biét tam I(2;-1;1) va ban kinh bang 3.

b. Cho ba diém A(1;2;1), B(2;0;1), C(-1;0;-2). Viét phuong trinh mit cau (S) c6 tim 1a diém A va
ban kinh bang d6 dai doan thang BC.

Bai 4:

a. Viét phuong trinh mat cau (S) c6 tam 1a diém A(1;-2;3) va di qua diém B(0;2;-1).
b. Viét phwong trinh mit cau (S) c6 tam 1 gbc toa d6 va di qua diém A(2;-1;9);

c. Viét phuong trinh mat cau (S)cotam la diém M(2;-1;3) va di qua géc toa do.
Bai 5:

a. Viét phuong trinh mit cau (S) c6 duong kinh AB, A(1;2;3), B(-3;2;-1);

b. Viét phuong trinh mat cau (S) ¢6 duong kinh MN, M(1;-2;-3), N(-3;2;1);

c. Viét phuong trinh mit cau (S) c6 duong kinh EF, E(-1;4;-2), F(-3;2;2).
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Bai 6:
a. Viét phuong trinh mit cau (S) ¢6 tam 1(1;2;3) va tiép xtc mat phang (P):2x-2y-z-1=0;

b. Viét phuong trinh mit cau (S) c6 tam I(-1;-2;-3) va ti€p xtic mdt phang (P):2x+2y+z-3=0.

Bai 7:

a. Viét phuong trinh mét ciu (S) qua 4 diém A(2;0:0), B(0;4;0), C(0;0;1), O(0:0;0).

b. Viét phuong trinh mit cau (S) qua bon diém A(1;1;1), B(1;2;1), C(1;1;2), D(2;2;1).

c. Viét phuong trinh mit cau (S) ngoai tiép tr dién ABCD, véi A(3;2;6), B(3;-1;0), C(0;-7:3), D(-
2;1;-1).

Béi 8:

a. Viét phuong trinh mit ciu (S) qua ba diém A(0;1;0), B(1;0;0), C(0;0;1) va c6 tdm thudc mat phang
(P): x+y+z-3=0.

b. Viét phuong trinh mat cau (S) qua ba diém A(7;1;0), B(-3;-1;0), C(3;5;0) va ¢6 tam thudoc mat
phang (P): 18x-35y-172-2=0.

c. Viét phuong trinh mit cau (S) qua ba diém A(1;2;-4), B(1;-3;1), C(2;2;3) va ¢6 tim thudc mit phing
(Oxy).

d. Viét phuong trinh mit cau (S) qua hai diém A(3:1;0), B(5;5;0) va c6 tdm thudc truc Ox.

e. Viét phuong trinh mat cau (S) qua hai diém A(3;-1;2), B(1;1;-2) va ¢6 tam thudc truc Oz.

> Bai tp tric nghiém.

Cau 1: Trong khong glan Oxyz cho 3 diém A, B, C thoa:

OA = 3z+2] OB——l+2]+k oC = ] k.

Xét cac ménh dé:

(1) 4B =(-4;0;1)

(1) AC=(-3;-1;-1)

Khiang dinh nao sau ddy ding?

A. (I) dung, (II) sai B. (I) sai, (II) ding

C. Ca (1) va (IT) déu dtng D. Ca (I) va (II) déu sai

Ciu 2: Trong khong gian Oxyz véi cac vecto don vi i, /,k, cho vecto a =(2;7;-1). Khi d6 toa do

vecto b=k —a 1a:

A. (—1; —7;1) B. (—2; —6;1) C. (—2;—7;2) D. (—2;—7;1)

Céu 3: Cho tam giac ABC véi 4(-3;2;-7), B(2;2;-3), C(-3;6;-2). Diém nao sau day 1a trong tim
cua tam giac ABC.

A. G(—i 19, —4) G (~4;10;-12) C. G(f 1, 4} D. G(4;-10;12)
3 3 33
Cau 4: Cho &:(1;2;3) b= (2;2; 1), =(4;0;,—4). Tim toa d¢ vecto x sao cho x=a—-b+2c.
A. x=(-7;0;4) B. x=(7;0; 4) C. x=(7;4;0) D. x=(7;0;4)
Cau 5: Cho a=(5;7;2) b= (3;0;4), c= (-6;1;—1). Tim toa do vecto 3a-2b+c.
A. (3;22;-3) B. (-3;22;-3) C. (322:3) D. (3;-22;-3)
Ciu 6: Cho vecto a =(1;-3;4). Tim y, z & b=(2;y;z) cung phuong véi a .
A y=6;z=8 B. y=6;z=-8 C. y=-6;z=8 D. y=-6,z=-8
Céu 7: Cho 4(1;-1;3), B(-2;3;5). Vecto nao sau ddy cung phuong véi vecto AB?
A. 6i+8j+4k B. 6i—8j+4k C. —6i+8 +4k D. —6i—8j +4k
CAu 8: Cho ba diém A(2;-1;5), B(5;-5;7) va M (x;y;1). Vi gid tri ndo cia x, y thi 4, B, M thang hang?
A x=4;,y=7 B. x=4,y=-7 C.x=—4y=-7 D. x=—4,y=7
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Céu 9: Cho A4(1;1;1), B(—4;3;1), C(-9;5;1). Khang dinh nao sau day dung?

A. CA=CB B. CA=2CB C. CA=3CB D. CA=4CB

Ciu 10: Cho 4(3;-4;7), B(-5:3;2), C(1;2;-3). Tim diém D sao cho ABCD 14 hinh binh hanh.

A. D(9;5;6) B. D(9;5;-6) C. D(-9;5;6) D. D(9;-5;6)

Cau 11: Cho M (-1;3;2), N(3;4;0), P(0;—1;3). Tim diém Q sao cho MNPQ 14 hinh binh hanh.

A. O(—4;-2;-5) B. 0(—4:2;5) C. 0(-4-25) D. 0(4;2;5)

Cau 12: Cho hinh binh hanh ABCD biét A(3;1;2), B(0;-1;-1), C(-1;1;0). Khi d6 d6 dai duong chéo
BD biang:

A.2 B.4 C.6 D.8

Ciu 13: Cho tr dién ABCD véi 4(3;0;1), B(-1;41), C(6;7;3), D(1;-5;5). Goi G 1a trong tdm tam
gidc BCD. Khi d6 d6 dai AG bang:

A1 B.2 C.3 D. 4
Cau 14: Cho hai vecto a = (2:1;4) va b=a-2j v6i j = (0;1;0). Tich v6 hudéng ctia hai vecto avab la:
A. 15 B. 19 C.21 D. 17
Cau 15: Cho 4(-1;-2;3), B(0;3;1), C(4;2;2). Khi do tich v6 hudng cua hai vecto AB va AC .
A. 25 B. 27 C.29 D. 31
Céu 16: Tinh cosin cua goc giita hai vecto a va b biét a = (8;4;1) va b= (2;-21).
A. l B. Q C. ﬁ D. l
2 3 2 3
Cau 17: Cho a= (1;2;1) va b= (2;-1;0). Tinh cosin cta goc giita cac vecto a—b va a+b.
AL B2 L p. 2
11 11 7 7
Céu 18: Cho tam giac ABC v6i 4(—4;-2;0), B(-1;-2;4), C(3;-2;1). Xac dinh goc BAC.
A. 135  B. 90° C. 608 D. 45°

Céu 19: Cho tir dién ABCD véi 4(1;0;0), B(0;1;0), C(0;0;1), D(-2;1;—1). Tim goc hop boi cdp canh

doi AB va CD.

A. 30° B. 45° C. 60 q i D. 90° 7

Cau 20: Tim trén truc tung nhiing diém cach deéu hai diém A(1;-3;7) va B(5;7;-5).

A. M(0;2;0) B. M (0;-2;0) C. M(0;2;0), N(0;=2;0) D. M (0;1;0), N(0;2;0)

Ciu 21: Xac dinh vecto a cliing phuong véi vecto b=(21;-1) va ab=12.

A. a=(4-22) B. a=(6;3;-3) C. a=(-2-11) D. a=(42;-2)

Cau 22: Cho ba vecto a = (2;3;-1), b= (,-2;3), c= (2;-1;1). Hay xéc dinh vecto x biét x vuodng goc

voia,b va xc=—-6.

A. x=(-3;0;0) B.
a=

Cau 23: Cho cac vecto

x=(0;3;-3) C. x=(0;6;0) D. x=(-3;33)

(3;-15), b= (1;2;-3). Hay xac dinh vecto ¢ vudng goc véi truc Ox va thoa
didukién ca=9, ch=—4.

A. c=(0;2;1) B. c=(0;1;2) C. c=(0;1;-2) D. c=(0;-1;2)

Cau 24: Xac dinh tdm I va ban kinh R ctia mit cau c¢6 phuong trinh:

x*+ Y +22+4x-2y—-62+13=0

A. 1(2;-1;-3), R=1 B. I(-213), R=+14 C.I(2-1;-3), R=+14 D. I(-2;1;3), R=1
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Céu 25: Phuong trinh mit cau tim 1(-1;2;3) va diqua diém A(-2;1;1) la:

2

A (x=1) +(y+2)* +(z+3)* =6 B. (x—1)" +(y+2)’ +(z+3)’ =

C. (x+1)7+(y-2)"+ (2—3)2=36 D. (x+1)° +(y—-2)° +(z-3)’ =

Ciu 26: Phuong trinh mét ciu duong kinh AB v6i 4(4;,-3;7), B(2;1;3) la:

A. (x+3) +(y—1)2+(z+5) =9 B. (x— ) +(y+1) +(z- 5)

C. (x+3)° +(y—1) +(z+5)* =35 D. (x=3) +(y+1)* +(z-5) =

Céu 27: Phuong trinh mit cau dudng kinh AB véi A(%9:;1;3), B(1;5;5) la:

A X2+ 422 +10x+6y+82+29=0 B. x*+ )y +2° —10x—6y—82z+29=0
C.x*+y*+2-10x+6y—-82+29=0 D. x*+y*+22—10x—6y+82+29=0

Ciu 28: Phuong trinh mit ciu di qua 4 diém 4(3;0;0), B(0;4;0), C(0;0,-2) va 0(0;0;0) la:

A xX*+y"+22—6x-8y+4z=0 B. x*+y*+2° -3x—4y+2z=0

C. x*+y*+22 +6x+8y—4z=0 D. x>+ )" +z22 +3x+4y-22z=0

Céu 29: Cho tam gidc ABC véi 4(0;1;1), B(~1;0;2), C(~1;1;0). Khi d6 dién tich tam giac ABC bang:
A. g(dvdt) B. v/6 (dvdt) C. ?(dvdo D. ?(dvdt)

Céu 30: Cho tam giac ABC v6i A(7;3;4), B(1;0;6), C(4;5;,—2). Khi d6 dién tich tam gidc ABC bang:
A. 49 (dvdt) B. 4—29 (dvdt) C. 47 (dvdt) D. 477 (dvdt)

Ciu 31: Cho tam giac ABC v6i A(1;0,0), B(0;2;0), C(2;1;3). Khi d6 dién tich tam giac ABC bang:
A. 36 (dvdt) B. 6v/6 (dvd) C. i(ct dy D i (dvdi)

Céu 32: Cho tir dién ABCD v6i 4(2;3;1), B(4,1,—2), C(6;3;7), D(l,—2,2) . Thé tich cua t& dién
ABCD la:
A. 140 (dvdt) B. 70 (dvdt) C. ?(dvdt) D. 7—60(dvdt)

BAI 2. PHUONG TRINH MAT PHANG
<» BAI TAP CO BAN
Bai 1: Cho ba diém A(1;0;0), B(0;1;0), C(0;0;1).
a. Viét phuong trinh mat phéng (P) qua A vuong goc vai BC.
b. Viét phuong trinh mat phang (Q) qua B va vuong gbc vai AC.
c. Viét phuong trinh mat phing (R) qua C va vuong goc voi AB.
Bai 2: Cho hai diém A(1;2;1), B(0;-2;-1). Viét phuong trinh mat phang (P) vudng goc voi AB tai A.
Bal 3.a. Viét phu’ong trinh mat phang (P) di qua diém M(1; 2; —3) va song song véi gia cia mdi vecto
a =(2; 1,2)Vab =(3;2;-1).
b. Viét phuong trinh mét phing di qua diém A(1;0;0) va chira gia cta hai vecto a = (-1;2;0) va
b= (0;-2;3).
Bai 4.
a. Viét phuong trinh mat phang (P) di qua M(1;2;3) va song song voi mit phing (Q) ¢o pt:
3x-4y—-z-1=0.
b. Viét phwong trinh mat phing (P) di qua M(-1;-2;-3) va song song v6i mit phang (Q) cé pt:
3x-3y-1=0.
c. Viét phuong trinh mp(P) qua diém A(1;1;1) va song song mp(Oxy).
Bai 5:
a. Cho ba diém A(1;0;0), B(0;2;0), C(0;0;3). Viét phuong trinh mit phang qua ba diém A, B, C.
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b. Cho ba diém A(1;1;0), B(0;1;1), C(1;0:1). Viét pt mp(ABC).

c. Cho hai diém A(1;0;1), B(0;2;0). Viét phuong trinh mat phang (OAB).
d. Cho hai diém M(1;0;0), N(0;1;0). Viét phuong trinh mit phang (OMN).

Bai 6:

a. Viét phuong trinh mit phang (P) di qua hai diém A(2;-1;-1), B(1;0;1) va vudng goc véi mit phang
(Q): 2x-y-z-1=0. 7 , 7

b. Viét phuong trinh mat phang (P) di qua hai diém A(1;1;1), B(2;1;1) va vudng géc vo1 mat phang
(Q): 2x-y-1=0.

c. Viét phuong trinh mat phang (P) di qua hai diém A(0;1;0), B(1;0;1) va vudng goc véi mit phang
(Q): 2x-3y-2z-1=0.

Bai 7: Cho bdn diém A(1;1;1), B(1;2;1), C(1:1;2), D(2:2;1).

a. Viét phuong trinh mat phang (P) chira dudng thang AC va song song v6i dudng thang BD.

b. Viét phuong trinh mit phang (Q) chira DC va song song voi AB.

c. Viét phuong trinh mat phang (R) chita BC va song song v4i AD.

Bai 8:

a. Cho bon diém A(1;-2;1), B(-1; 0;1), C(3;2;-5), D(1; 0; -1). Viét phuong trinh mat phéng chura duong
thang AC va BD.

b. Cho bén diém A(3;2;6), B(3;-1;0), C(0;-7;3), D(2;-2; 3). Viét phuong trinh mit phiang chira dudng
thang AC va BD.

Bai 9:

a. Viét phuong trinh mat phang (P) di qua diém A(2;-1;-3) va chira truc Ox.

b. Viét phuong trinh mit phang (P) di qua diém A(2;-1;-3) va chia truc Oy.

c. Viét phuong trinh mit phang (P) di qua diém A(2;-1;-3) va chira truc Oz.

Bai 10:

a. Cho hai diém A(2;1;0), B(-2;-3;4). Viét phuong trinh mat phéng trung truc cua doan théng AB.
b. Cho hai diém A(-2;3;0), B(-2;-3;-4). Viét phuwong trinh mit phang trung truc cuia doan thang AB.
c. Cho hai diém A(2;1;0), B(-4;-1; 4) Viét phuong trinh mat phang trung tryc cta doan thang AB.
Bai 11:

a. Viét pt mp di qua gdc toa d6 va vudng goc v6i hai mat phang 2x—y+3z—-1=0,x+2y+z=0.

b. (P) di qua hai diém A(3; 1; —1), B(1; 3; —2) va vudng goc véi mp (B): 2x —y +3z—1=0.

c. (P) di qua M(1; 0; —2) va vuong géc véi haimp (a): 2x+y—-z—-2=0,(PB): x—-y—-z—-3=0.
Bai 12: Viét phuong trinh mat phang (P) tiép xtc mat cau (S) tai diém M biét
a.(S):x*+y*+722-2x—-2y—2z-22=0vaM(4; -3; 1).

b. (S): x2+y?+ 72— 6x — 2y+4z+5 0 va M(1; 2; 4).

Bai 13: Cho mit cau (S) : x>+ (y — 1 )2+ (z— 1)* =5 va hai diém A(0;2;3), B(0;2;-1).

a. Viét phuong trinh mp(P) tlep xUc vo1 mat cau (S) tai diém A.

b. Viét phuong trinh mp(Q) tiép xtic voi mat cau (S) tai d1em B.

Bai 14: Viét phuong trinh mat phang (P) tiép xtic mat cau (S) va song song v&i mit phang (Q) biét
a.(S):x*+y*+z22—-6x+4y+2z—-11=0va(Q):4x+3z—-17=0.
b.(S):x*+y*+22-2x—4y+4z=0va(Q): x+2y +2z+5=0.

Bai 15: Cho mit cau (8): (x+2y +(y - 1) +2*=26 vamp (P): 2x —y +2z-9=0. Viét phuong
trinh mat phing tlep dién (Q) ciia mit cau (S) biét mp(Q) song song vi mp(P).

Bai 16: Cho mit cau(S) c6 phuong trinh x2 + y2+ z2- 2x - 4y - 6z=0 vamp(P): 2x —y -2z + 1 =0.
Viét phuong trinh mp(Q), biét mp(Q) song song v&i mp(P) va tiép xuc vai (S).

Bai 17. Xét vi tri twong ddi giita hai mat phang sau:
a.(P):2x+3y—-2z+5=0va(Q):3x+4y—-8z—-5=0.
b.(P):x—y-2z+1=0va(Q):4x—-4y—-8z+9=0.

Bai 18. Pinh m, n dé hai mit phing sau song song

a.(Prx+my—-2z+2=0va(Q):2x+4y +4nz—-3=0.

b.(P):2x +y+3z-5=0va(Q): 4mx — 3y —3nz—-2=0.
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Bai 19. Xac dinh m dé hai mit phang sau vudng goc nhau
a.(P)(2m-1x-3my+2z-3=0va(Q):mx+(m-1)y+4z-5=0.
b.P):x+my—-z+2=0va(Q):mx+2y-mz—12=0.

Bai 20. Cho mit phang (P): x — 2y + 3z + 1 = 0 va mat phang (Q): 2x — 4y + 6z + 7 = 0. Chtrtng minh
(P) va (Q) song song.

Bai 21. Cho hai mat phang (P): 3x + 6y —3z+ 7 =0va (Q): x + 2y —z + 1 = 0. Ching minh (P) song
song (Q). | o |

Bai 22. Tinh khodng cach tir diém M(-1;2;-3) l1an luot dén cac mat phang sau:

a. 2x-2y-z-10=0  b. -2x-2y+10=0  c¢. x-2y-2z=0

d. 3x-2y-z+2=0  e.x-y-1=0 f. 2x-3z=0.

Bai 23. Tinh khoang cach tir gc toa do dén mat phang (P): -x+2y-2z-33=0.

Bai 24. Tinh khoang cach tir trung diém cila doan AB dén mp(P): x-y-z-1=0, véi A(1;0;2),B(-1;2;4).
Bai 25. Cho tam giac ABC voi A(1;2;3), B(-1;-2;-3), C(3; -9; 27) va mat phéng (P):2x-2y-z=0.
Tinh khoang cach tir toa do trong tim G ciia tam giac ABC dén mit phang (P).

Bai 26. Cho mit ciu ( S ) ¢6 phuong trinh: x* + > +2z° —2x -4y —62z=0.

a. Tim toa d6 tAm mat cau va ban kinh mat cau;

b. Tuy theo gié tri ctia m, hily xét vi tri trong ddi ciia mit cau (S ) vamp (P ) voi (P):
xX+y—z+m=0.

Bai 27. Xac dinh tim va tinh ban kinh duong tron (C) duoc tao boi mit cau (S) va mat phang (P) cat
nhau, biét:

a.(S): x> +y*+7° —6x+4y-2z-11=0 va (P): 2x-2y+z+1=0.

b. (S): (x—1)" +(y+5) +(z—4)" =324 va (P): 4x-3z-17=0.

Bai 28. (P& Tham Khao Niim 2018) Trong khong gian Oxyz , cho diém M (1;1;2). Héi ¢6 bao nhiéu mat
phang (P) di qua M va cit cac truc x'Ox, y'Oy,z'Oz 1an luot tai cac diém A4, B,C sao cho
0A=0B=0C#0?

< BAI TAP TONG HOP

Bai 1. Viét phuong trinh mat phang (P) néu

a. (P) di qua diém M(3; 1; 1) va c6 mot vecto phap tuyén i = (1; —1; 2)

b. (P) 1a mat phéng trung tryc cuia doan théng ABvéi A(2; 15 1), B(2; —1; 3)

c. (P) di qua diém M(1; 2; —3) va song song voi mdi gia cia hai vecto a = (2; 1; 2), b=(3; 2; 1)
d. (P) di qua M(~1; 1; 0) va song song v6i mat phang (B): x —2y +z— 10 =10

e. (P) di qua hai diém A(3; 1; —1), B(1; 3; —2) va vudng gboc véi mat phang (B):
2x—y+3z—-1=0.

f. (P) di qua ba diém A(2; 0; 0), B(0; —1; 0), C(0; 0; —3).

g. (P) di qua diém A(2; —4; 0) va vudng goc v6i doan thang BC, c6 B(5; 1; 7) va C(3; 1; 5).

h. (P) di qua M(1; 0; —2) va vudng goc voi hai mit phing (a): 2x +y—z—2=0,
B):x—-y-z-3=0.

Bai 2. Xét vi tri twong dbi gitra hai mit phang sau:

a.(P):2x+3y—-2z+5=0va(Q):3x +4y—-8z—-5=0.
b.(P):x—y-2z+1=0va(Q):4x—-4y-8z+9=0.

Bai 3. Dinh m, n dé hai mit phang sau song song

a.(P):x+my—-2z+2=0va(Q): 2x +4y +4nz—-3 =0.

b.(P):2x+y+3z—-5=0va(Q): 4mx —3y—-3nz—-2=0.

Bai 4. Xac dinh m dé hai mat phang sau vudng géc nhau
a.(P):2m-1x-3my+2z-3=0va(Q):mx+(m-1)y+4z-5=0
b.P):x+my—-z+2=0va(Q):mx+2y-mz—12=0.

Bai 5. Cho mit phang (P): 2x — y — 2z — 8 = 0 va diém M(-2; —4; 5). Tinh khoang cach tir M dén mit
phang (P).

Bai 6. Cho mit phing (P): x — 2y + 3z + 1 =0 va mit phang (Q): 2x — 4y + 6z + 7 =0.

a. Chung minh (P) va (Q) song song.
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b. Tinh khoang céach giira hai mat phang (P) va (Q).

Bai 7. Cho hai miat phang (P): 3x + 6y —3z+7=0va (Q): x+2y—z+1=0.

Chting minh (P) song song (Q)

Bai 8. Viét phuong trinh mat phang (P) song song v6i (Q): x + 2y — 2z + 5 = 0 va cach diém
A(2; —1; 4) mot doan bang 4.

Bai 9. Tlnh goc gitra hai mat phang (P):2x+y-2z+1=0va(Q):y-z=0.

Bai 10. Viét phuong trinh mat cau (S) ¢6 tam I va tiép xuc mat phang (P) biét

a. l(1;5;2)va(P):2x+y+3z+1=0

b.I(1;1;2)va(P): x+2y+2z+5=0

Bai 11. Viét phuong trinh mit phang (P) tiép xtic mit cau (S) tai diém M biét
a.(S):x*+y*+722-2x—-2y—-2z-22=0vaM(4; -3; 1).

b. (S): x>+ y*+ 22— 6x -2y +4z+ 5=0vaM(l; 2; —4).

Bai 12. Viét phuong trinh mit phang (P) tiép xtc mat cau (S) va song song voi mit phang (Q) biét
a.(S):x*+y*+z22-6x+4y+2z—-11=0va(Q):4x+3z-17=0

b.(S):x*+y*+22-2x -4y +4z=0va(Q): x+2y +2z+5=0

Bai 13. Tlnh ban kinh duong tron (C) dugce tao bdi mat cau (S) va mat phang (P) cat nhau, biét:
a.(S): x> +y* +72° —6x+4y-2z-11=0 va (P): 2x —2y+z+1=0.

b. (S): (x—1) +(y+5) +(z—4) =324 va (P): 4x-3z-17=0.

Bai 14. Cho 4 diém A(2; 0; 0), B(0; 4; 0), C(0; 0; 6), D(2; 4; 6)

a. Viét phuong trinh cac mat cia tir dién ABCD.

b. Viét phuong trinh mat phéng chira AB va song song CD.

c. Viét phuong trinh mit phang di qua A va song song v&i mit phiang (BCD).

d. Viét phuong trinh mat phang trung tryc cua canh AB.

e. Viét phuong trinh mit cau (S) ngoai tiép tr diéen ABCD.

f. Tinh ban duong tron ngoai tiép tam giac ABC.

> Bai tip tric nghiém.

Ciu 1: Cho mit phang (P) ¢6 cdp vecto chi phuong a =(3;2;1) va b=(-3;0;1). Vecto nao sau day la

vecto phap tuyén ctia mit phang (P)?

A. n=(2;6;6) B. n=(2;-6;6) C. n=(1-3;2) D. n=(1;3;-2)

Ciu 2: Cho mit phang (P) di qua 2 diém 4(4;-1;,0), B(3;1;~1) va song song véi truc Ox. Vecto nao
sau ddy 13 vecto phéap tuyén ciia mat phang (P)?

A. n=(0;1;2) B. n=(0;2;1) C. n=(0;-12) D. n=(0;-2;1)

Cau 3: Cho mit phang (P) di qua 3 diem A(5;-3;4), B(2;-4;1), C(—4;1;-6). Vecto nao sau day la
vecto phap tuyén ctia mit phang (P)?

A n=(-22;-3%-21)  B. n=(-22-321) C. n=(223;-21) n=(22;-3-21)
Ciu 4: Phuong trinh mét phing di qua 3 diém 4(1;0;0), B(0;-2;0), ( 3) la:

A. 6x-3y+2z-6=0 B. 6x+3y-2z-6=0

C. 6x+3y-2z+6=0 D. 6x-3y-2z-6=0

Ciu 5: Viét phuong trinh mit phang (P) di qua diém A(1;1;1) va c6 cdp vecto chi phuong a =(2;1;2),
b=(1;0;3). Dap s6 nao sau day dung?

A x+y+z-3=0 B. 3x+4y+z-8=0
C.x-4y+z+2=0 D.3x-4y-z+2=0

Cau 6: Phuong trinh mit phang (P) di qua 3 diem 4(3;4;1), B(-1;-25), C(L7;1) 1a;
A.3x-2y+6z-7=0 B. 3x+2y+62z-23=0

C.3x+2y+6z+23=0 D.3x-2y-6z+5=0
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Céu 7: Cho 4(0;1;3), B(2;0;-1), C(1;1;0). Tim mdi lién hé giita x, y, z dé M (x;y;z) thuéc mat phang

(4BC).
A. 3x+2y+z-5=0 B.3x-2y+z-5=0
C.3x-2y-z-5=0 D. 3x-2y-z+5=0

Cau 8: Cho 2 diém A(1;3;-4), B(-1;2;2) va goi (P) 1a mat phang trung truc ciia doan AB. Vecto nao
sau ddy 1a vecto phap tuyén ctia mit phang (P)?

A. n=(6;3;-18) B. n=(-2;-1;,-6) C. n=(213) D. n=(-2;-13)

Ciau 9: Cho 4(1;3;-4), B(~1;2;2). Phuong trinh mit phang trung truc clia doan AB la:

A. 4x+2y—-12z-17=0 B. 4x-2y—-12z-17=0

C.4x-2y+12z+17=0 D. 4x+2y-12z+17=0

Céu 10: Phuong trinh mat phang (P) di qua 2 diém A(2;-1;4), B(3;2;—1) va vudng goc voi mat phang
(Q): x+y+2z-3=0 la:

A 1lx+7y—-2z-21=0 B. 1lx-7y—-2z-21=0

C.1lx+7y+2z-21=0 D. 1lx-7y+2z-21=0

Céu 11: Goi (P) 1a mit phang cit 3 truc toa do tai 3 diém A(8;0;0), B(0;-2;0), C(0;0;4). Phuong
trinh cua (P) la:

A+ Xz B. x—4y+2z=0 C. 2+ 2 +2 D. x—4y+2z-8=0
8 -2 4 4 -1 2

Ciu 12: Mit phing (P) di qua M (1;3;-2) va vudng géc véi truc Oy c6 phuong trinh la:

A x-1=0 B. y-3=0 C.z+2=0 D. x-2z-5=0

Céu 13: Mit phang (P) di qua A(3;5,-7) va vudng goc voi truc Oz c6 phuong trinh 1a:

A . x-3=0 B. y-5=0 C.z+7=0 D. 3x+5z-34=0

Ciu 14: Cho A(0;2;-3), B(1;—4;1). Phuong trinh mt phang (P) di qua M (1;3;-2) va vudng goc voi
AB la:

A. x—6y+4z+25=0 B. x+y+z-2=0

C.3x+y+z-4=0 D. x-6y+17=0

Cau 15: Xac dinh gia tri ca m, n dé hai mat phing sau ddy song song: 2x+ny+2z+3=0 va
mx+2y—4z+7=0.

A m=-4n=-1 B. m=4n=1 C.m=-4n=1 D. m=4,n=-1

Cau 16: Xac dinh gia tri ctia m dé hai mat phang sau day vudng goc: 2x+my+2mz—-9=0 va
6x—y—z-10=0.

A.m=-4 B. m=2 C.m==2 D. m=4

Ciu 17: Viét phuong trinh mit phing di qua OA va vudng géc véi mat phiang (P) biét 4(0;2;0) va
(P): 2x+3y—-4z-2=0.

A. 2x+y=0 B. 2x-y=0 C.2x+z=0 D. 2x-z=0

Cau 18: Mt phang di qua hai diem A4(3;1;-1), B(2;-1;4) va vudng gbc v6i mit phang:
2x—y+3z+4=0 cb phuong trinh la:

A. 2x+3y—4z-2=0 B. x+13y+5z-21=0

C. x+13y-5z-21=0 D. x-13y-5z+5=0

Céu 19: Cho hai mit phing (a):x+2y+3z-13=0; (B):2x—y+2z+3=0 va diém A(1;-1;2). Mat
phang chura giao tuyén cua (o), (B) vadiqua A cé phuong trinh la:

A.3x+y+4z-10=0 B. x+y+3z-6=0

C.2x-y+z-5=0 D.3x-y—-4z+4=0
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Cau 20: Cho hai mit phang (o):x+y+z-3=0; (B):x+y+z+5=0. Khoang cach giira hai mit phang

(o) va (B) la:

8
A3 B.5 C.8 D. =
3
Cau 21: Cho mat phang (o):2x+y+3=0. Khoang céach tir truc Oz dén mit phang (o) la
3 3
A.— B.35 C.3 D. >
NG 2

Ciu 22: Cho mit phang (a): x+2y—2z+6=0 va cac diém 4(1;1;0), B(2;0;1), C(5;0;1). Khang dinh

nao sau day dung?

A. Chi d(4,0)=d(B,a) B. Chi d(4,0)=d(C,a)

C. Chi d(B,0)=d(C,0) D. d(A4,0)=d(B,0)=d(C,a)
Cau 23: Tim goc giita hai mat phang (o):x—y+2=0 va (B):2x—y—-2z+1=0
A. 30° B. 45° C. 60° D. 90°

Ciu 24: Cho mt phang (P). Biét hinh chiéu ctia gc toa d6 O trén (P) la diem M (2;-1;1). Viét
phuong trinh mét phang (P):

A x+y+z-2=0 B. 2x—y+z-6=0

C.2x+y+z-4=0 D.3x-y+z-6=0

Ciu 25: Phuong trinh mit cau tam 7(2;1;0) va tiép xtic véi mit phiang (P): 2x+y+52+25=0 la:
A (x=2) +(y-1)+22=25 B. (x—2)’ +(y-1)"+22=30

C. (x=2)" +(y—1)" +2* =25 D. (x—2) +(y-1)° +2* =30

Céu 26: Cho mat cau (S): (x—l)2 +(y—1)2 +(z—1)2 =9 va mit phing (a):x+2y+3z-6=0.Khing
dinh nao sau day ding? ’

A. (a) va (S) khong c6 diém chung. B. (a) tiép xtic véi (S).

C. (a) cit (S) theo mot dudng tron va khong di qua tdm cua (S).  D. (o) di qua tam cua (S).

Cau 27: Cho mit cau (S): x* +)? +2z2 —2x—4y—6z+5=0 vamit phang (a):x+y+z=0.Khang dinh
nao sau day ding? 7 ’

A. (a) va (S) khong c6 diém chung. B. (a) tiép xtic v6i (S).

C. (a) cit (S) theo mot dudng tron va khong di qua tdm cua (S).  D. (o) di qua tam cua (S).

Céu 28: Cho mat cau (S): (x+1)2 +(y—2)2 +(z—3)2 =25 va mit phang (a0):2x+y—-2z+m=0.Timm
dé () va (S) khong c6 diém chung.

A. m<-9 hodc m>21 B.m<-9 hoac m>21 C. 9<m<21 D.-9<m<2l

Céu 29: Goi M, N, P lan luot 13 giao diém ciia mit phiang (a):x+y+z —2 =0 vdi cac truc Ox, Oy,
Oz. Dién tich ctua tam giac MNP la:

A. ? (dvdt) B. ? (dvdt) C.3(dvdt)  D. 243 (dvdt)

Ciu 30: Goi A, B, C lan luot 13 giao diém ctia mat phiang (a):x+3y+2z-6=0 vdi cac tryc Ox, Oy,

Oz. Thé tich cua tir dién OABC la:
A. 6 (dvtt) B. 36 (dvtt) C. 18 (dvtt) D. 12 (dvtt)
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BAI 3. PHUONG TRINH PUONG THANG.
<» BAI TAP CO BAN
Bai 1.
a. Viét phuong trinh tham s va chinh tic ctia duong thang d biét d di qua M(1; 2; —3) va c6 vecto chi
phuong a= (1;-3; 2).
b. Viét phuong trinh céc truc toa do.
Bai 2. Viét phuong trinh tham s6 va chinh tic ciia dudng thang di qua 2 diém A(1;2;-1), B(2;-3;1).
Bai 3. Viét phuong trinh tham s6 dudng thang di qua 2 diém M(4;-2;0), N(0;-2;1).
Bai 4. Cho tam gidc ABC voi A(1;-2;-3), B(-1;2;3), C(-3,-9,15). Viét phuong trinh duong thang d di
qua diém A va trong tdm G cua tam giac ABC.
Bai 5. Cho tam gidc ABC voi A(1;-2;-3), B(-1;2;3), C(-3,-9,15). Viét phuwong trinh duong thang d di
qua trung diém cua doan thang AB va trong tim G cua tam giac ABC.
Bai 6. Viét phuong trinh dudng thiang d qua diém M(1;2;3) va song song voi duong thang d’:

x=1+t
y =2-3t.
z=3+4t

Bai 7. Viét phuong trinh dudng thing d qua diém M(1;2;3) va song song voi duong thang
& x=12 y+23 _z

1 -3 4
Bai 8. Cho ba diém A(1;2;3), B(2;1;-3), C(3;-2;1). Viét phuong trinh duong théng d qua diém A va
song song v&i dudng thing BC.
Bai 9.
a. Viét pt duong thang d qua diém A(1;2;3) va song song truc Ox.
b. Viét pt duong thang d qua diém A(1;2;3) va song song truc Oy.
c. Viét pt duong thang d qua diém A(1;2;3) va song song truc Oz.
Bai 10. Viét pt duong thang d qua diém M(1;2;3) va vuong goc voi mp(P): x -2y -z - 1=0.
Bai 11. Cho ba diém A(1;0;0), B(0;1;0), C(0;0;1). Viét pt dudng thang d qua gdc toa do va vudng goc
mp(ABC).
Bai 12.
a. Viét phuong trinh dudng thang d qua M(1;2;3) va vudng goc mp(Oxy).
b. Vét phuong trinh dudng thang d qua M(1;2;3) va vudng goc mp(Oxz).
c. Viét phuong trinh duong thang d qua M(1;2;3) va vudng goc mp(Oyz).

x=—1+t

Bai 13. Tim giao diém cua duong thang d: {y = -1+t va mp(P):x+y-2z-4=0.

z=-2t
Bai 14. Tim giao diém cta duong thang d: XTH = YTH = % va mp(P):x+y-2z-4=0.
Bai 15. Cho hai diém A(0;2;1), B(1;-1;3) va mp(P): 2x+y+3z=0. Tim giao diém cua duong thing AB
va mp(P).
Bai 16.

a. Cho diém A(-2;1;0) va mit phang (P): x+2y-2z-9=0. Tim toa d¢ diém H 13 hinh chiéu vudng goc
cua A 1én (P).

b. Tim toa d6 diém H 14 hinh chiéu vudng goc cua diém A(1;-1;2) trén mat phéng
(P):2x—y+2z+12=0.

c. Tim toa d6 diém M, N, P 1an luot 1a hinh chiéu vudng goc cta diém A(1;-1;2 ) trén cac mit phing
toa do.
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Bai 17. Cho duong thang d: X3 _ y§4 =2z
a. Tim toa do giao diém coa d va (P). i
b. Viét phuong trinh d’ 1a hinh chiéu vuong géc cta d 1én mat phang (P).

1 va mit phang (P): 3x + 5y —z— 6 =0.

Bai 18. Viét phuong trinh d 13 hinh chiéu vudng goc ctia dudng thang A: x=2_ y: 2_z-l 1én mp
(P):x+2y+3z+4=0.

Bai19. 7 7 o

a. Cho diém A(-2;1;0) va mat phang (P): x+2y-2z-9=0. Tim toa d¢ di€ém A’ 1a diém doi xung cua A
qua (P).

b. Tim toa do diém A’ 1a diém d6i xtng cta diém A(1;-1;2 ) qua mat phang

(P):2x—y+2z+12=0.

c. Tim toa do diém M’, N”, P* 1an luot 13 diém d6i xtmg cua diém A(1;-1;2 ) qua cac mit phang toa do.
x=1+2t

Bai 20. Cho diém A(1;1;8) va duong thang d: 1y =—1+t. Tim toa d6 diém H hinh chiéu vudng goc
z=—t

cua A lén d.

x+3 y-1 z-6

31

vuong goc cua A trén dudng thang d. ) q

Bai 22. Tim toa 6 diém M, N, P 1a lugt 1a hinh chiéu vuong goc cua diém A(2;1;-1) trén céc truc toa

do.

Bai 21. Cho dudng thang d : va A(2;1;-1). Tim toa d6 diém H 1a hinh chiéu

x=1+2t
Bai 23. Cho diém A(1;1;8) va duong thang d: 1y = —1+t . Tim toa d6 diém A’ 1a diém d6i xtmg ctia A qua d.
z=—t
x+3 y-1 z-6

Bai 24. Cho duong thang d : 3 " va A(2;1;-1). Tim toa do diém A’ 1a diém doi
xing cua Aquad. ‘ q ) i
Bai 25. Tim toa d¢ diém M’, N’, P’ lan luot 1a diém doi xtrng ctia di€ém A(2;1;-1 ) qua céc truc toa do.

Bai 26. Xét vi tri twong ddi cia cac cip dudng thiang d va d’ cho bdi cac phuong trinh sau:

x=3+2¢ x=2+t' x=1+t x=2+2t
a.d:qy=6+4tvad':qy=1-t' ; b.d:qy=2t vad':{y=3+4t";
z=4+t z=5+2¢' z=3—t z=5-2t'
x=3—-t x=2-3t x=1+2¢ x=1+3¢'
c.d:qy=4+t vad':qy=5+3t"; d.d:qy=-1+3tvad':sy=-2+2¢".
z=5-2t z=3-6¢t' z=5+t z=—1+2¢'
Bai 27. Tim giao diém cta dudong thang va mit phing:
x=1+t¢ x=12+4¢
a. d: {y=3—t vamp(P): 2x+y+2z=0. b . d: 1 y=9+3¢t va mp(P): 3x+5y-z-2=0.
z=2+t z=1+t
xX=-2+t
c. d: s y=1+2¢t va mp(P): x+2y-2z-9=0.
z=-2t
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Bai 28. Tim giao diém ctia dudong thang va mat phang:
x+2 'y z+3

a. d: x;r3 = yIrl = ZI3 va mp(P): x+2y-z+5=0. b. d: TS, va mp(P): 2x+y-z-5=0.

c. d: x;2 = y;rl = 2_51 va mp(P): 2x+y+z-8=0.

Bai 29. Cho ba diém A(1;-3;0), B(1;-6;4), C(13;-3;0). Chung minh tam gidc ABC vudng.
Bai 30. Cho ba di@m A(-1;1;2), B(0;1;1), C(1;0;4). Chirng minh tam gidc ABC vuong.

Bai 31. Cho ba di@m A(1;0;3), B(2;2;4), C(0;3;-2). Chung minh tam giac ABC vuong.

Bai 32. Cho ba diém A(1;1;0), B(0;2;0), C(0;0;2). Chiing minh tam gidc ABC vudng tai A.

x=1+¢ x=2-2¢t
Bai 33. Chirng minh hai duong thang d: { y =2+3r vad’: { y=—-2+2¢' vudng goc véi nhau.
z=3—t¢ z=1+4¢'
x=5-t x=9+2¢'
Bai 34. Chimg minh hai duong thang d: { y=-3+2¢ vad’: {y=13+3¢' vudng gbc v6i nhau.
z=4¢ z=1-¢'
Bai 35. Tim toa d6 giao diém cua duong thang d va d:
x=1+2¢ x=2+t' x=—1+¢'
a.d:dy=2+¢r vad:{y=1+2¢ b. d: x—21:y-1f-2:Z;4 vad: {y=—t'
z=—1+3¢ z=1+1¢' z==-2+3¢
x=0 x=-2+2t' x=1+2¢
c.d:{y=1 vad:<{y=1 d. d: x;2:y2—1:zl—l vad: {y=2+¢
z=1-¢ z=0 z=—1+3¢'
Bai 36.
x=3+t x=—t'
a. Chirmg minh hai duong thang d: {y=1-¢ vad’:{y=2+3¢" chéo nhau.
z=2+2t z=2t'
b. Chtng minh cac dudng thang sau chéo nhau:
x=-2t x=1-¢ x=1+t¢'
I.d: {y=-5+3t va d’:x—_lzy—_zzi 2.d: yy=2+2t vad’: {y=3-2¢".
z=4 2 2 z=3t z=1

Bai 37. Cho mit phang (P): x — 2y + 3z + 1 = 0 va mat phang (Q): 2x —4y + 6z + 7 =0.
a. Chung minh (P) va (Q) song song.

b. Tinh khoang céach giira hai mat phang (P) va (Q).

Bai 38. Cho hai mat phang (P): 3x + 6y —3z+7=0va (Q): x +2y—z+ 1 =0.

a. Chung minh (P) va (Q) song song.

b. Tinh khoang céach giira hai mat phang (P) va (Q).

x—-2 y-1

Bai 39. Cho diém A(1; 0; 0) va duong thang (d): == % . Tinh khoéang cach tir A dén (d).

2

x-2 y+1 z
2 2
a. Chimng t6 hai duong thang d6 chéo nhau.

b. Tinh khoang cach giita hai dudong thang d; va da.

X
Bai 40. Cho diém A(2;3;1) va hai duong thang: d':{y=2—t' .Tinhkhoang cach tir A dénd’.
z
X
1

Bai 41. Cho hai duong thang d;:
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x=-2t'
Bai 42. Cho hai duong thing d: "T‘lzy—‘f:% vadidy=—5+31".
z=4—t'
a. Chimg t6 hai duong thang d6 chéo nhau.
b. Tinh khoang cach gitra hai duong thang d va d’.
Bai 43. Tinh goc gitra hai duong thang sau:
x=1+2t x=2+t' x=—1+¢'
a.d:{y=2+¢r vad:{y=1+2¢';b.d: xol_y+2 774 o y=—t'"
z=—143 z=1+1' - =243t
x=0 x=-2+2t' x=1+2t'
c.d:dy=1 vad:<y=1 ;o d.od x;2:y;1:zl—1 vad: {y=2+¢
z=1-t z=0 z=—1+3¢'

Bai 44. Tinh goc giita hai mit phang sau:

a. (P): 2x-2y-z-10=0 va (Q): x-3y+4z-1=0 b. (P): x+2y-1=0 va (Q): 3y-2z-5=0.
c. (P): x+2y-z+10=0 va (Q): x+2z-2=0.

Bai 45. Cho dudng thing d: = -1 y—21 _x+3
boi dudng thang (d) va mit phang (P).

< BAI TAP TONG HQP

Bai 1. Viét phuong trinh dudng thang d biét

a. (d) di qua M(1; 2; —3) va c6 vecto chi phuong a = (1; -3; 2).
b. (d) di qua hai diém A(2; 1; 0) va B(0; 1; 2).

c. (d) di qua diém A(3; 2; —4) va song song voi Ox.

va mit phang (P): 2x —y — 2z — 10 = 0. Tinh goc tao

X+2 y-5 z-2
2 3

e. (d) di qua diém A(3; 2; 1) va vudng goc v6i mit phang (P): 2x — 5y + 4 = 0.

f. (d) 12 giao tuyén cua hai mit phiang (P): 2x +y—z+3=0va(Q):x+y+z—1=0.

g. (d) di qua diém A(1; 0; 5) va vudng goc v6i hai dudng thang (di) va (d2) biét

d. (d) di qua diém A(4; —2; 2) va song song v6i dudng thang A:

-1 y-3 z-1 x-1 y-2 z-3
d): == = va (d2): = = :
@)= = ) ==
h. (d) di qua diém A(1; 2; —2), vudng goc va cit duong thang A: ?zyT_lzg
Bai 2. Viét phuong trinh duong thang d biét :
. x=2-t
a. (d) nam trong mat phang (P): x + 2z = 0; cat dudng thing d;: X;lz%zi vady: Jy=4+2t
z=1
b. (d) song song vdi A: gzy_—ll:zT—l’ cat duong thang di: XIFI =%= Z_ll va cit duong thang do:
x=2 y+1 z-1
3 2 -1
c. (d) 1a duwong thang vudng goc chung cia di: x;2=y1—1=z—13 va da: X1—1=y1—3=Z;1
Xx-2 y+2 z

d. (d) 13 hinh chiéu vudng goc ctia dudng thang A: 1‘1 1én mp(P):

4
X+2y+3z+4=0.
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x=-1
e. (d) di qua diém A(0; 1; 1), vudng goc véi di: XT_I =yT_2 =% vacitdy {y=t
z=1+t

Bai 3. Cho tir dién ABCD c6 A(1; 0; 0), B(0; 1; 0), C(0; 0; 1), D(1; 1; 1).

a. Viét phuong trinh duong thang qua C va vudng goc véi mit phang (ABD).

b. Viét phuong trinh dudng thing qua A va qua trong tim tam giac BCD.

Bai 4. Cho tam gidc ABC c6 dinh A(1; 2; 5); phuong trinh ctia hai dudng trung tuyén lan lugt 1a
x-3 y-6 z-3 x—4 y-2 z-2

di: = = va da: = = )

-2 2 1 1 —4 1

a. Viét phuong trinh duong thang chira cac canh ciia ABC.

b. Viét phuong trinh duong phan giéc trong cua goc BAC.

Bai 5. Cho tam giac ABC c6 A(3; —1; 1), B(1; 2; -7), C(-5; 14; -3).

a. Viét phuong trinh duong trung tuyen AM.

b. Viét phuong trinh dudng cao BH.

c. Viét phuong trinh duong phan giac trong cua goc ABC.

d. Viét phuong trinh duong trung tryc ciia canh BC.

Bai 6. Cho bdn diém S(1; -2; 3), A(2; —2; 3), B(1; —1; 3), C(1; -2; 5).

a. Chimg minh S.ABC 1a mét tir dién déu.

b. Viét phuong trinh hinh chiéu vudng goc ciia SA, SB 1én mat phang (ABC).

Bai 7. Cho 4 diém S(1; 2; -1), A(3; 4; 1), B(1; 4; 1), C(3; 2; 1).

a. Chung minh SABC 1a mét tr dién.

b. Viét phuong trinh dudng vudng goc chung ciia SA, BC.

c. Viét phuong trinh duong cao ha tir S cua tr dlen SABC.

» Vi tri twong déi gitra dwong thang v6i diém, mat phang va mat cau.

Bai 1. Cho diém A(1; 0; 1) va duong thang d: 5 :%:%

a. Tim toa do hinh chiéu vudng goc cua A trén d.
b. Tim toa d¢ diém A’ doi xing vdi A qua d.

Bai 2. Cho duong thing d: X=> - y;“ _
a. Tim toa d¢ giao diém cta d va (P). 7
b. Viét phuong trinh d’ 1a hinh chiéu vuéng goc cta d 1én mat phang (P).

Bai 3. Cho duong thang d: X2 yrl _z-1

_ va mit phang (P): 3x + S5y —z— 6 =0.

va diém I(4; 2; —1). Viét phuong trinh mit cau (S) tam I

va tiép xuc vai (d).

Bai 4. Cho mat cau (S) ¢6 tam I(2; 1; 3) va ban kinh R = 3. Viét phuong trinh tiép tuyén (d) cua (S)
biét (d) di qua A(0; 0; 5) thudc (S) va (d) song song v6i mit phang (a): 3x — 2y + 2z + 3 =0.

Bai 5. Cho tir dién ABCD c6 A(1; 0; 2), B(2; —1; 1), C(0; 2; 1), D(-1; 3; 0). Viét phuong trinh mit cau
(S) tiép xuc v6i cac canh cua t dién ABCD.

» Khoang cach va géc.

—2_y-l :% Tinh khoang cach tir A dén (d).
Bai 2. Cho hai duong théng di: x—2=y_+1:E va da: x*_y- 1 Z_+1
-2 2 1 2 4

a. Chimng to hai duong thang d6 chéo nhau.

b. Tinh khoang cach giita hai duong thang d; va da.

Bai 3. Cho dudng thing (d) 1a giao tuyén ciia hai mat phang (P): 3x — 2y + z+ 3 =0 va (Q):
4x -3y +4z+2=0.

a. Chung minh rang (d) song song véi mit phang (a): 2x —y —2z—2=0.

b. Tinh khoang cach gitra (d) va (P).
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Bai 4. Tinh goc giita hai duong thang di: x2—1 _y+2_z-4

Vé@:x+2=y_3=2+4
-1 2 3 6 -2

I y-1 x+3

. va mit phang (P): 2x —y — 2z — 10 = 0. Tinh goc tao boi

Bai 5. Cho dudng thang d: Xl_

duong thang (d) va mat phang (P).

Bai 6. Cho tr dién ABCD c6 A(3; 2; 6), B(3; —1; 0), C(0; —7; 3), D(=2; 1; —1).
a. Tinh goc giita AD va mit phang (ABC).

b. Tinh goc gitta AB va trung tuyén AM ciia tam giac ACD.

¢. Chung minh AB vudng goc voi mit phang (BCD). Tinh thé tich cua t dién ABCD.
Bai 7. Cho tr dién SABC c6 dinh S(1; 2; 1), A(3; 2; 1), B(1; 3; 1), C(1; -2; 5).
a. Tinh goc tao boi SC va mat phang (ABC).

b. Tinh goc tao bdi SC va AB.

c. Tinh khoang cach tir C dén (SAB).

d. Tinh khoang cach tir C d&én canh AB va khoang cach giita SA, BC.

> Quan hé nhiéu yéu t6, hinh chiéu va déi xing.

Bai 1. Viét phuong trinh mit phing chita diém A(1; 4; —3) va duong thing d: *— 2_y+l_z-1

-1 2 37

s . X \ < 2 S 2 1s oy 2 x-1 y+3 z-2
Bai 2. Viét phuong trinh mat phang chtra ca hai duong thang song song di: =3 T2 va dy:
x+2 y-1 z-4

2 3 4
Bai 3. Viét phuong trinh mét phing chira duong thang di: % = y_—21 = ZT_3 va da: XT_I = ll = 214

.. . 2 x-2 y+1 z . 2 x y—-1 z+1 X \
Bai 4. Cho duong thang di: T 5, va duong thang do: 1= 5 4 Viét phuong trinh
mit phang chta di va song song véi da.

s -2 NP 2 x—1 y-2 z+l1
Bai 5. Cho diém M(2; 3; 1) va duong thang d: =TT T

a. Tim toa do ctia H 13 hinh chiéu vudng goc ctia M 1én (d).
b. Tim toa d6 ctia diém M’ dbi xtmg voi M qua (d).
Bai 6. Tim toa d¢ hinh chiéu vudng goc H ciia M trén mit phang (P) va diém M’ d6i ximg v6i M qua
mit phang (P)
a) Biét (P): 2x —y + 2z — 6 =0, M(2; -3; 5).
b) Biét (P): x —y +z—4 =0, M(2; 1; -1).
s . 2R v 2 2 x+1 y-2 z-2
Bai 7. Cho hai diém A(1; 2; —1), B(7; —2; 3) va duong thang d: ==
a. Chimg minh duong thang d va duong thang AB cung thudc mot mat phang.
b. Tim diém I thudc (d) sao cho IA + IB nho nht.
Bai 8. Trong khong gian Oxyz cho 4 diém A(1; 2; 3), B(-2; 1; 0), C(—1; 0; 2), D(0; 2; 3).
a. Ching minh ABCD 1a tr dién. Tinh thé tich ttr dién do.
b. Viét phuong trinh mat phang (o) di qua A, B va vudng goc véi mit phang 2x + 3y — z = 0.
c. Viét phuong trinh mat phéng diqua A va chén céc nura truc duong Ox, Oy, Oz lan luot tai K, M, N
sao cho thé tich OKMN nho nhét.
d. Lap phuong trinh mit cau ngoai tiép cia tar dién ABCD.
e. Tim diém E thugc mat phang (ar): 2x — 3y — z + 2 = 0 sao cho EA + EB nho nhit.
f. Viét phuong trinh hinh chiéu vudng goc cua dudng thing AB 1én mit phing (o2):
x+3y—-z=0.
g. Tinh goc tao boi duong thang AB va mit phang (BCD).
h. Lap phuong trinh mit cau c¢6 tdm thudc mat phang Oxy va di qua ba diém A, B, C.
i. Viét phuong trinh mat phang di qua C, song song voi Oy va vudng goc véi mit phang
(03): x +2y —3z=0.
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> BAI TAP NANG CAO.

x=1+t x=0
Bai 1: Viét phuong trinh duong thang d qua A(1;1;0) va cat hai duong thang d, :{y=—t , d,:{y=0

z=0 z=2+t'
X =t
bép s6: d: y=t.
z=0
x=—1+3t x=2+2t'
Bai 2: Viét phuong trinh dudng thang d qua diém A(-4;5;3) va cat 2 dt d, :{y=-3-2t, d,{y=-143t
z=2-t z=1-5t'
X =—4+6t
Pap s6: d: {y=5-6t .
z=3-2t
x=1+2t

Bai 3: Viét phuong trinh duong thang d qua M(2;1;0) cit va vudng goc véi duong thang d’: Jy=—I+t.

z=—t
Xx=2+t
Dap s6:d: {y =1-4t.
z=-2t

Bai 4: Viét phuong trinh dudng thang d qua M(1;2;-3) cét va vudng goc véi duong thang d’:
x=—1+2t
y=2-t
z=-2+3t
x =1-26t
Dap s6: d:{y =2+t
z=-3+17t
> Bai tip tric nghiém.
Ciu 1: Cho 4(1;3;-4), B(2;1;-5). Duong thing qua 2 diem A, B c6 vecto chi phuong 1a:
A. a=(-484) B. a=(1;3;-4) C. a=(2,-5) D. a=(3;4-9)
x=1+¢

Ciau 2: Tim toa d6 giao diém cta duong thang d: {y=2-3¢ va mp(Oyz).
z=3+t¢
A. (,2;3) B. (0;52) C. (0;2;3) D. (0;-1;4)
Ciu 3: Cho diém A(1;4;-7) va mat phiang (P): x+2y—2z+5=0. Phuong trinh dudng thang di qua A
va vudng goc voi (P) la:

A x+1 y+4 z-7 x-1_ y-4 z+7

B.
1 2 -2 1 2 -2
C. x—lzy—4:z+7 D. x—lzy—4:z+7
1 2 -7 1 2 2
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x =3t
Ciu 4: Tim hinh chiéu ctia diém 4(2;-1;3) trén dudng thang d: <y =-7+5¢.
z=2+2t
A. (0;-7;2) B. (3;—2;4) C. (-3;-12;0) D. (6;3;6)
Ciu 5: Cho hai duong thang chéo nhau: P yl ! 223 vad': xrl = y;2 = 2_12 .
Tim khoang cach gitrad va d’:
1 5 2 3
A.— B.— C. — D. —
Ji4 J14 J14 14
x=1+mt x=1-¢
Cau 6: Tim m dé hai duong thang sau cit nhau d: { y =1 vad’: <y=2+2¢
z=—1+2¢ z=3-¢

A.m=1 B.m=0 C.m=-1 D. Khéng ton tai

Cau 7: Cho mit phing (P) ¢6 cdp vecto chi phuong a =(3;2;1) va n=(-3;0;1). Vecto nao sau day la
vecto phap tuyén ctia mit phang (P)?

A. n=(2;6,6) B. n=(2;-6;6) C. n=(1;-3;2) D. n=(1;3-2)

Céu 8: Phuong trinh mit phang di qua diém A(1;2;3) va song song véi mat phang (P): x+2y-3z=0

la:

A. x+2y-3z-4=0 B. x+2y-3z+7=0

C. x+2y-3z+4=0 D. x+2y-3z-7=0

Cau 9: Cho ba diém A(3;4;0), B(1;5;3), C(2;-3;1). Mat phang di qua A va vudng goc véi BC c6
phuong trinh la:

A. x+8y-2z-35=0 B. x+y+2z-7=0

C.2x—y+z-2=0 D. x-8y—-2z+29=0

Céu 10: Cho ba mit phiang (P): x+y+2z+1=0; (Q): x+y-z+2=0; (R): x—y+5=0.

Trong cac ménh dé sau, ménh dé nao sai?

A. (P)L(Q) B. (Q) L(R) C. (P)//(Q) D. (P)L(R)

Céu 11: Mit phang di qua M (2;-1;2), song song vdi truc Oy va vudng goc voi mat phang
2x—y+3z+4=0 c6 phuong trinh la:

A x+z-4=0 B. 2x+3z-10=0 C.3x-2z-2=0 D. 3x+2z-10=0

Cau 12: Cho 4 diém 4(2;0;0), B(0;1;0), C(0;0;3), D(1;2;a). Tim a d¢ 4 diém A, B, C, D clng thudc

mot mit phang.

A.a=2 B.a=9 C.azg D.az—g
2 2
Ciu 13: Phuong trinh mit ciu tim 7(2;1;-1) va tiép xtc v6i mat phang (a):2x—y—2z+1=0 la:
A X+ 427 +4x+2y-22+2=0 B. X2+ ) +22 —4x—2y+22+4=0
C. x> +y* +22—4x—2y+22+2=0 D. x> +y* +z7 —4x-2y+2z-2=0
x=1-2¢
Céu 14: Cho duong thang d: {y=3r , d c6 vecto chi phuong 1a:
z=3-4t
A. a=(-2;-3;4) B. a=(1;0;3)
C. a=(4;-6;8) D. a=(-2;3;4)
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x=3—t

Cau 15: Mt phing di qua diém 4(2;1;3) va vudng goc v6i dudng thang d: | y =1+2¢ ¢6 phuong trinh la:
z=5+7t

A x+2y+7z-25=0 B. x+2y-7z+17=0

C.x-2y-7z+21=0 D. x-2y+7z-21=0

Céu 16: Tim toa d6 giao diém cia dudng thing d: lezy—Hzi va mit phang

(a):3x+2y+z-1=0.

A. (-110) B. (~1;0;1) C. (1,0,-1) D. (1,-1;0)

Cau 17: Cho duong thang d: XT_lzy—jLzziz(m #0) va mit phang (o):x-3y+6z+4=0. Tim m dé

m f—

d song song vai (o).

A.m=-3 B.m=3 C. m=-1 D. m=1
x=t

Cau 18: Cho hai duong thang d,:{y=—1-4¢ va d, %:yT—l Z+52 Goi A 1a duong thang di qua
z=6+6t -

M (1;3;5), vudng goc vdi ca d; va d,. A c6 vecto chi phuong 1a:
A. a=(14;17;9) B. a=(14;-17;9) C. a=(14;17;-9) D. a=(-14;17;9)
< ON TAP TRAC NGHIEM HiNH HQC TQA PQ TRONG KHONG GIAN

Caul: Cho (S)1a mat cau tam I(2; 1; -1) va tiép xtic v6i mit phing (P) c6 phwong trinh:
2x — 2y —z+ 3 =0. Khi do, ban kinh cua (S) la:
1 4
A. 3 ‘ B. 3 ’ C. 3 D. 2
Cau 2: Mitcau co tam I(1; 2; 3) va tiép xuc voi mp(Oxz) la:
A, X’ +y +7°-2x-4y-6z+10=0 B. x’+y +7 -2x-4y+6z+10=0
C. X’ +y' +22 +2x+4y+6z-10=0 D. x*+y +z° +2x+4y+62-10=0
Cau3: Goi () lamat phéng cit ba truc toa do tai 3 diém M (8;0;0), NO; -2; 0),
P(0; 0; 4). Phuong trinh ctia mét phang () 1a:
A. §+_12+§=0 B. §+_ll+§=1 C. x—4y+2z=0 D. x—4y+22-8=0
Ciu4: Cho duong thang d di qua M(2; 0; -1) va ¢ vecto chi phuong a(4;-6;2) . Phuong trinh
tham s ctia duong thang d 1a:

x=-2+4¢ x=-2+2t x=4+2¢ x=2+2¢
A (y=-06 B | V=-3 C. (y=-6-3 p. V=7
z=1+2¢ z=1+t¢ z=2+t z=—1+t
Cau5: Cho 3 diém A(0;2; 1), B(3; 0; 1), C(1; 0; 0). Phuong trinh mit phang (ABC) la:
A. 2x-3y—-4z+2=0 B. 4x+6y—-8z+2=0
C. 2x+3y—-4z-2=0 D. 2x-3y—-4z+1=0

Ciu 6 : Trong khong gian Oxyz cho hai diém A(0;0;-3), B(2;0;-1) va mat phéng (P): 3x-8y+7z-
1=0. Goi C 12‘1 diém trén (P) dé tam giac ABC déu khi d6 toa do diém C la:
-2 -2 - -13

A O —) B. C(7i7i5 e A T) D. C(1;2;-1)
Ciu 7 : Cho A@, a; @}, B(10;=2;4); :::Em —4; 0); D (=2; @3 2) thi t& giac ABCD 1a hinh:
A. Thoi B. Binhhanh  C. Chir nhat D. Vuodng

Ciu 8 : Phuong trinh mit phang qua giao tuyén cua hai mat phang (P): x-3y+2z-1=0 va (Q): 2x-+y-
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A.
Cau9:

A.
Cau10:

A.
C.
Caull:
A.
Caul13:

A.

C.
Cau 14:

Cauls:

Ciu18:
Ciu19:
Ciu 20 :

Cau22:

Cau 23:

3z+1=0 va song song voi truc Ox la

x-3=0 B. 7y-7z+1=0 C. y-2z+1=0 D. 7x+y+1=0
Tim toa do diém M’ 14 hinh chiéu vuong goc cua diém M(2; 0; 1) trén al ; ! = % _Z ; 2 .
M’(1; 0;2) B. M’ (2;2;3) C. M’(0;-2; 1) D. M’(-1; -4; 0) i
Cho bon diem A(1,1,-1) , B(2,0,0) , C(1,0,1) , D (0,1,0). Trong cdc m¢nh d€ sau, ménh dé
nao dung?
ABCD Ia hinh thoi B. ABCD la hinh chir nhat
ABCD la hinh binh hanh D. ABCD la hinh vuéng
Cho mat phang (P) x-2y-3z+14=0. Tim toa d§ M’ do6i xing v&i M(1;-1;1) qua (P).
M’(1;-3;7) B. M'(-1;3;7)  C. M’(2;-3;-2) D. M’(2;-1;1)
Tim phuong trinh ctia duong thang d di qua diém M(2;0;-1) ¢6 vecto chi phuong
a=(4-6:2)
*+2_y _z-1 B, X2_r_zt1

2 3 1 20 31
x+2 y _z-1 D x—4 y+6 z-2

4 -6 2 ) 2 -3 1
Cho 2 duong thangd, :{y=2+3tvad, :{y=5+6t.

z=3+4¢ z="T7+8t

Trong cac ménh dé sau, ménh dé nao dung ?
d 1d, B. d,//d, C. d =d, D. d,,d,chéonhau
Cho hai diém A(2,03) , B(2,-2,-3) va duéng thing A: *— 2_ yTH -2,
Trong cac ménh dé sau, ménh dé nao dung ?
Ava AB la hai duong thang chéo B i i
nhau " A, Bva A cung nam trong mot mat phang
T iac MAB can tai M véi M .
(Zarlno%lac can tal M vol D. A va B cung thuoc dudng thing A

Trong khong gian véi hé toa d Oxyz, cho hinh chép tam giac déu S.ABC, biét
A(3;0;0), B(0;3;0), C(0;0;3). Tim toa d6 dinh S biét thé tich khdi chop S.ABC bang 36.

S(9;9;9)hoac S(7,7,7) B. S(-9,-9;-9)hodac S(-7,-7,-7)
S(—9;—9;-9) hodac S(7,7;7) D. S(9;9;9)hoac S(-7,-7,-7)

Mit phang ndo sau day chira truc Oy?

2x—-y=0 B. -2x+z=0 C. —y+z=0 D. -2x-y+z=0

Goi (P) 1a mat phang di qua M(3;-1;-5) va vudng goc voi hai mit phang (Q): 3x-
2y+2z+7=0 va (R): 5x-4y+3z+1=0

2x+y-2z+15=0 B. 2x+y-2z-15=0 C. x+y+z-7=0 D. x+2y+3z+2=0
Tén tai bao nhiéu miat phang (P) vudng gbc v6i hai mat phang (a): x+y+z+1=0 ,
(B) : 2x-y+32z-4=0 sao cho khoang cach tir gbc toa do dén mat phing (P) bang+/26
0 B. 2 C. 1 D. Vosé

Trong Oxyz cho A(3:4;-1), B(2;0;3), C(-3;5;4). Di¢n tich tam giac ABC la:

7 B. “1362 C. —V3279 D. —J§_9

Mit phang () di qua M (0; 0; -1) va song song v6i gia ciia hai vecto a(1;-2;3) va 5(3;0;5).

Phuong trinh ctia mat phang (@) la:

Sx-2y—-3z-21=0 B. 5x-2y-3z+21=0

10x—4y—6z+21=0 D. -5x+2y+3z+3=0

Mit phéng (P) tiép xtc v6i mat cau (8 (5 = 13 4 (y 3% + (z — 2}¥ m 48 tai diém
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A.
Cau?24:

Cau32:

Cau 33:

Ciau 34 :

Cau3s:

A.

M(7; -1; 5) ¢6 phuong trinh la:

_ 6x+2y+3z+55= 3xty+z-
6x+2y+32-55=0 7 B. 0 q C. 29=0 :
Cho d 1a duong thang di qua di€m A(1; 2; 3) va vudng goc vo1 mét phang
(a):4x+3y—7z+1=0. Phuong trinh tham s6 cta d la:

D. 3x+y+z+22=0

x=1+3¢ x=-1+8¢ x=1+4¢ x=—-1+4t
y=2-3t B y==-2+6t C. <y=2+3 D y=-2+3t
z=3-T¢ T olz=-3-14¢ z=3-T7¢ Colz=3-7t

Cho 4 diém A(3; -2; -2), B(3; 2; 0), C(0; 2; 1) va D(-1; 1; 2). Mt cau tdm 4 va tiép xtc véi
mat phang (BCD) ¢6 phuong trinh 1a:

(x+3)+(y=-2)*+(z-2)* =14 B. (x+3)+(y-2)+(z-2)’=14
(x=3)+(y+2)+(z+2) =14 D. (x-37+(y+2)°+(z+2)’ =14

Hai mat phang(a): 3x +2y—z+ 1 =0va(@):3x+y+11z—1=0

Trung nhau B. Vuodng goc véi nhau.

Song song v&i nhau D. Cit nhau nhung khong vudng goc voi nhau;

Cho cac diém A(1; -2; 1), B(2; 1; 3) va mit phing (P) : x —y + 2z — 3 = 0. Puong thang AB
cAt mit phéng (P) tai diém c6 toa do:

(0;=51) B. (0:;51) C. (0;=5-1) D. (0;5-1)

Cho mat phang (P): 2x + 3y +z— 11 = 0. mit cu (S) c6 tam I(1; -2; 1) va tiép xuc véi (P)
tai H. toa d0 tiép diém H 1a.

H(2;3:-1) B. H(543)  C. H(123) D. H(G3:1:2).

Cho diém M(2;3;-1) va dudng thang 4.~ I 4_ _21 - ; > toa d¢ hinh chiéu vudng gbc
cua M trén (d)

H(4;1;5) B. H(2;3;-1) C. H(1;-2;2) D. H(251)

Cho céc diém A(1;2;0) , B(—3;4;2) . Tim toa d6 diém I trén truc Ox cach déu hai diém A, B va
viét phuong trinh mat cau tdm I, di qua hai diém A, B.

(x+1) +(y=3Y +(z=1)> =20 B. (x+1)’+(y-3)+(z-1)*=11/4
(x=32+y"+z2=20 D. (x+3)*+y*+z°=20

Cho hai mat phang (P): 2x+y-z-3=0 va (Q): x+y+x-1=0. Phuong trinh chinh tic duong
thang giao tuyén cta hai mat phing (P) va (Q) la:

x1:y+2:z+1 B x+1:y 2:Z—1
2 3 1 o2 3 1
x_y-2_z+l p, X-y+z_z-1
2 3 1 2 3 -

Cho hai diém A(1;2;2), B(5;4;4) va mat phéng (P): 2x +y—z+6=0. Toa do diém M nam
trén (P) sao cho MA2 + MB2 nh6 nhét.

M(-1;3;2) B. M(1;-1;3) C. M(-1;1;5) D. M(2;1;-5)

Goi H 14 hinh chiéu vudng goc ctia 4(2; -1; -1) dén mit phang (P) : 16x— 12y — 1524 =0.
Tinh d¢ dai cua doan thrflng AH.

i B2 2 p. !

25 5 25 5

Cho mit cau (8) x*+y*+7°-2x-4y-6z = 0. Trong ba diém (0;0;0); (1;2;3) va (2;-1;-1) thi ¢6
bao nhiéu diém nam trong mit cau (S)

0 B. 1 C. 2 D. 3

Cho (P): 2x —y +2z—1=0va A(1; 3; -2). Hinh chiéu cta A trén (P) 1a

H(a; b; c). Gidtrictiaa—b+cla:

2 3 2 3

—. B. —. . Tz D. ——.
3 2 ¢ 3 2
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Cau36: Cho mit phang (P):2x —2y —z—4 =0 vamit cau (S): x>+ > +2z° —2x—-4y—6z-11=0.
Ban kinh dudng tron giao tuyén la:
A. 3 7 B. 5 C. 2 ~D. 4 )
Cau 37: Cho diém A(2;—1;1). Phuong trinh méat phang (P) di qua diém A va cach gbc toa do O mot
khoang 16n nhét 1a
A. 2x+y-z+6=0 B. 2x+y+z-6 C. 2x—-y+z+6=0 D. 2x-y+z-6=0
X Y 4 2 x=1 y-2 z+
Chu 39 : Cho diém 1(3,4,0) va duong thang A: T T
tam I va cat Atai hai diém A, B sao cho dién tich tam giac IAB bang 12
A, (x+3)+(y+4)+2°=5 B. (x-3)+(y—-4)+z"=25
C. (x+3) +(y+4) +2z°=25 D. (x-3)+(y-4)Y+z"=5
Caudl: Cho mat chu () x? + y? + 27 = 2x— 22 =0 va mit phing (P): 4x+3y+1=0. Tim ménh d&
dung trong cac m¢nh dé sau: ’
A. (P) cat (S) theo mdt dudng tron B. (S) tiép xtc véi (P)
C. (S) khong co6 diém chung v6i (P)  D. (P) di qua tdm cua (S)
< 2 NP 2 x+1 y z4+2
X+2y+tz—4= ==
Chu 42 : Cho mat phang (P) : x + 2y + z—4 =0 va duong thang d : 5T
duong thang A nam trong mit phang (P), dong thoi cat va vudng goc voi dudng thang d 1a:

1 - K \ - A J4
. Viét phuong trinh mét cau (S) co6

.Phuong trinh

x—=1 y+1 z-1 Bx—l_y—l_z—l
5 -1 2 s 2 3
x—1 y-1 z-1 x+1 y+3 z-1

A.

C. D.
5 -1 -3 5 -1 3 ‘
Caud43: Cho bon diem A(-1,1,1), B(5,1,-1) C(2,5,2) , D(0,-3,1). Tim ménh dé dung trong cac ménh
dé sau:
A. Badiém A, B, C théng hang B. A, B, 7C, D la bén dinh cua mot tir dién
C. A, B, C, D lahinh thang D. Badiém B, C, D thang hang.

CAu 44 : Cho mit ciu (S): (x=1)> +(y+3)* +(z—2)* =49 phuong trinh nao sau day la phuong trinh
ctia mit phang tiép xtc véi mét cau (S)?
A. 6x+2y+3z-55=0 B. 2x+3y+6z-5=0 C. 6x+2y+3z=0 D. x+2y+2z-7=0
Ciu 45: Cho mit cau (S) c6 phuong trinh x? + y* + 2> =3x =3y —3z = 0 va miat phang (P) : x+y+z-6=0
Nhén xét nao sau day la dung
A. Tam mat cau (’S) 1a1(3,3,3) B.  (P) cit mat cau (S) theo duong tron (C)
C. Mat cau (S) tiép xuc voi (P) D. Mt cau (S) va (P) khong c6 diém chung
Cau 46 : Cho tam giac ABC c6 A(1;0;0), B(0;-2;3),C(1;1;1). Tim phuong trinh mat phang (P) chira

A, B sao cho khoang céch tir C téi (P) bang %

A. x+y+2z-1=0 hodc -2x+3y+7z+23=0 B. xt2y+z-1=0 hoac -2x+3y+6z+13=0
C. x+y+z-1=0 hoac - D. 2x+3y+z-1=0 hodc 3x+y+7z+6=0
23x+37y+172+23=0
Caud7: ChoAd(-1;2;3),B(0,1,-3). Goi M la diém sao cho AM =2BA. Tim toa do diém M .
A, M=% 4;18) B. ME49) Co MN(L;0-9) D. M{(=1,9;9)
Cau 48 : Cho hai diém A(-3; 1; 2) va B(1; 0; 4). Mit phang di qua A va vudng goc véi dudng thing
AB ¢6 phuong trinh la:
A, 4x+y+2z+7=0 B. 4x-y+2z+9=0
C. 4x-y+22-9=0 D. 4x-y—-2z+17=0
Cau49: Cho tr dién ABCD c6 A(2;3;1), B(4;1;-2), C(6;3;7), D-5;-4;-8). B0 dai duong cao ké tir D
cua tr dién la
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A.
Cau 50 :
A.
C.
Causl:
A.
Caus2:
A.
Caus3:
A.
Cau 54 :
A.
Caus5:
A.
C.
Cau 56 :
A.
C.
Cau 57:
A.
Cau 59 :
A.
C.
Cau 60 :
A.
Cau 6l :
A.
C.
Cau 64 :

4
695 B ¥ c p. 43
5 5 7 3
Cho mit phang (P) : 2x +y - 2z - 1 = 0 va duong thang d : sz =l2 _z+3 . Phuong trinh
mat phang chia d va vudng goc véi (P) 1a
S5x+y +8z+14=0 B. x+8y+5z+31=0
x +8y+5z +13=0 D. 5x+y+8z=0 i
Vecto nao sau day vuong goc véi vecto phap tuyén cua mat phang 2x - y —z =07?
n=(1;2;0) B. n=(2;1;1) C. n=(2:1;-1) D. n=(0;1;2)

Cho mit phang (g): 8x — 3y — z — § = € va dudng thing ﬁ;% - Eli- ‘v':—?. Goi () 1a

mit phang chira d va song song vé&i (&) . Khoang cach gitra {a) va () la:
9 2

8 g

— B. — C. — D. —

v13 +14 14 14
x=6_y-2 _z-2

Cho mit cau(S): (x—1)* +(y—2)* +(z—3)* =9 va duong thang A : 5 5

Phuong trinh mat phang (P) di qua M(4;3;4), song song v&i duong thang A va tiép xtc véi

mat cau (S)

x-2y+2z-1=0 B. 2x+y-2z-10=0 C. 2x+y+2z-19=0 D. 2x+y-2z-12=0

Néu mat phang (o) qua ba diém M(0; -1; 1), N(1; -1; 0), va P(1; 0; -2) thi n6 c6 mét vecto

phap tuyén la:

n=(1;2;1) B. n=(1;2;-1) C. n=(2;1;1) D. n=(1;1;2)

Mit cau tam I(1; -2; 3) tiép xtc v&i miat phang (P) : 2x —y + 2z — 1 = 0 ¢6 phuong trinh :

(x=1)*+(y+2)+(z-3)*=3 B. (x+1)’+(y-2)+(z+3)* =3

x+D)*+(y=2) +(z+3)*=9 D. (x-1)’+(y+2)>+(z-3)"=9

Trong khong gian voi hé toa do Oxyz, cho mat phang (P): x+ y+z+1=0.

Viét phuong trinh mat cau c6 tam 1(1;1;0) va tiép xtc vai mp(P).

(x+1) +(y+1)+z =3 B. (x+1)+(y+1)+z =3

(x-1)Y +(y-1) +2? =3 D. (x-1)+(y-1)+2"=3

x-12 y-9 z-1
4 3

Toa d6 giao diém M cua d : va mit phang

(P):3x+5y—-z-2=01la:
(1; 1; 6) B. (12;9;1) C. (o1 D. (0;0;-2) 7
Cho A(1; -1; 0) va B(-2; 0; 1). Phuong trinh méat phang trung truc (P) cua doan thang AB
la:
-6x + 2y +2z—3=0 B. -3x+y+z+3=0
-6x + 2y + 2z + 3=0 D. 3x+y+z-3=0 )
Cho mat phang (&) : 2x + y + 3z + I = 0 va dudng thang d c6 phuong trinh tham so:
x=-3+t¢
y =2 —2¢. Trong cac ménh dé sau, ménh dé nao dung?
z=1
d cit(a) B. d//(a) C. dc(a) D. d1(a)
Cho hai diém A(5,3,-4) va diém B(1,3,4) . Tim toa d6 diém C € (Oxy) sao cho tam giac ABC
can tai C va c6 dién tich bang 85 . Chon cau tra 16 dung nhat
C(-3-7,0) va C(-3,-1,0) B. C(3,7,0) va C(3,-1,0)
C(3,7,0) va C(3,1,0) D. C(-3,-7,0) va C(3,-1,0)
Cho diém M(3; 1; 2). Phuong trinh ciia mat phang di qua hinh chi€u cia M trén céc truc toa
do la:
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A. 3x+y+2z=0 B. 2x+6y+3z—6=0
C. 3x-y-2z=0 D. -2x-6y—-3z—-6=0

Cau 65: Cho diém A(2;1;1) va mit phang (P): 2x —y + 2z + 1 = 0. Phuong trinh mit cau tdm A tiép

xuc v6i mit phang (P) 1a:

A, X212+ (y—-1P2+(@z-1)*=9 B. :(x-2P+(y-1P+(@z-17*=5
C. :(x-2P+@{y-1P+@z-1*=4 D. :x-2P>+(y-1)+(@z-172=3

Ciu 66 : Cho hai diém A(1; 0; -3) va B(3; 2; 1). Phuong trinh mit cau duong kinh AB 1a:

A, X +y +7°-4x-2y+2z2=0 B. x’+y +72°-2x-y+z-6=0
C. xX>+y +7° +4x-2y+2z=0 D. xX’+y +2z"-4x-2y+2z+6=0
Cau 67 : Cho ba diém A(2;1;-1); B(-1;0;4);C(0;-2-1). Phuong trinh mat phéng nao di qua A va
vuong goc BC

A. 2x-y+5z-5=0  B. x-2y-5z-5=0 C. x-3y+5z+1=0 D. 2x+y+z+7=0

Cau 68 : Cho diém M(2;3;-1) va dudng thing 4. *=4_¥—1_ 2=5 Phuong trinh mp (P) qua M va
1 ) 2

vuodng goc voi dudng thang d 1a.
A. x-2y+2z-16=0 B. x-2y+2z=0 C. x-2y+2z+16=0 D. x-2y+2z+6=0
Cau 69 : Mat phéng nao sau day cit céac truc toa do Ox, Oy, Oz lan luot tai A, B, C sao cho tam giac
ABC nhan diém G(1; 2; 1) 1am trong tam?
A, 2x+2y+z-6=0 B. 2x+y+2z-6=0
C. x+2y+2z-6=0 D. 2x+2y+6z—6=0
Cau 70 : Cho ba diém A(3; 2; -2) , B(1; 0; 1) va C(2; -1; 3). Phuong trinh mit phing di qua A va
vuong goc voi BC la:
A. x—y+2z-5=0 B. x+y+2z+3=0 C x—-y+2z+3=0 D. x+y+2z-1=0
Cau71: Cho AQ,1,-1) va (P): x+2y-2z+3=0. (d) 1a dudng thang di qua A va vudng goc véi (P).
Tim toa do0 M thudc (d) sao cho OM = )

A. (1;-1;-1);(5/3; 1/3; 1/3) B. (1;-1;-1);(5/3;-1/3; 1/3)
C. (1;1;-1);(5/3; 1/3; -1/3) D. (1;-1;1);(5/3; 1/3;-1/3)
Cau 72 : Cho hinh hdp ABCD.A’B’C’D’ biét: A(1;0;1), B(2;1;2), D’(1;-1;1), C(4;5;-5). Thé tich
khdi hop 1a:
A. 6 B. 7 C. 8 D. 9
Cau 73 : Cho dudng thang d: x2—1 = % = Z;2 va diém A(2;5;3). Phuong trinh mat phang (P) chira d

sao cho khoang cach tir A dén (P) 16n nhét 1a

A. x—-4y+z-3=0 B. x+4y+z-3=0 C. x+4y+z+3=0 D. x-2y+z=0
Céu 74 : Cho hai diém M(0;—1;2) va N(-1;1;3). Phuong trinh mat phang (P) di qua M, N sao cho
khoang cach tir diém K (0;0;2) dén mit phang (P) 1a 16n nhat 1a

A. x—y+3z-7=0 B. x+y-z+3=0 C. x+y+2z+3=0 D. —x+3y-z+3=0
Cau 75 : Phuong trinh mat phfmg (P) di qua diém M(1;2;3), cét cac tia O, Oy, Oz tai A, B, C sao cho
biéu thirc ! + ! + ! c6 gia tri nho nhat.

OA* 0OB*> 0C?
A. (P):x+2y-3z-4=0 B.(P): x+2y+3z+14=0
C. (P):x+y+3z-12=0 D. (P):x+2y+3z-14=0

Cau 76 : Phuong trinh mat phrfmg (P) di qua diém M(9;1;1), cét cac tia Ox, Oy, Oz tai A, B, C sao cho
thé tich tr dién OABC c6 gié tri nho nhit.
A S X 2 B. —+=+==1 C. —+=+==1 D. 422010
9 3 3 27 9 3 27 3 3 27 3 3
Cau 77 : Cho cac diém A(l;—1;2>,B (2; 1;1),6’ (O; 1; 3). Viét phuong trinh duong théng d nam trong mat
phing (ABC) sao cho d cit va vudng goc véi truc Ox.
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Tz =2 =3t =3 z=0
Acd:jy=t B.d:{y=t C.d:{y=t D.d:{y=t
z=0 z2=0 z2=0 z=3
Cau 78 : Cho 4: X;I = y;—l = 2_2. Tim phuong trinh duong thang d’ 1a hinh chiéu vudng goc cua d
trén (Oxy).
x=0 x=-1+2¢ x=-1+2¢ x=1+2¢
A.jy=-1-t B.iy=1+¢ Ciy=—1+t D.qy=-1+¢
z=0 z=0 z=0 z=0
CAau 79 : Cho bén diém A(1,0;0),B(0;1;0),C(0;0;1), D(1;1;1) Trong cac ménh dé sau, ménh dé nao sai ?
A.Bbn diém A, B, C, D tao thanh mét t&r dién B.Tam giac BCD déu
C.4AB 1. CD D.Tam giac BCD vuong can

Ciau 80 : Cho hai mit phang (a):x+2y-z-1=0 va (B):3x-y-z=0. Xéac dinh gia tri cia m dé
dq: x—1 zy—2=
m+1 m-1 2-m

A.m= % B.m= 1?5 C.m :% D.Khdng c6 gia tri cia m

vudng goc véi giao tuyén clia (o) va (B).

Cau 81 : Trong khong gian Oxyz, cho ba diém A(2,-5,1), B(0,-1,2), C(1,0,3). C6 bao nhiéu mat
phang di qua gbc toa d6 O va cach déu ba diérp A, B, C.

A.l B.3 C.4 D.V6 s6 ‘

Cau 82 : Trong khong gian toa 40 Oxyz , cho diem A(0;1;1), B(1;0;-3),C(-1;-2;-3) va mat cau (S) cd phuong
trinh: x%+y% + 7% —2x+2z-2=0. Tim toa do diém D trén mt cau (S) sao cho tir dién ABCD c6 thé tich 16n
nhat.

A.D (1,0:1) B.D[Z;-f;-lj C.D(_—l;i;_—sj D.(I; - 1; 0)
3 3 3 3 33

% CAC CAU HOI TRONG BE THI THPTQG 2017.

> DE 101.

Ciu 1. Trong khong gian voi hé toa dd Oxyz, cho mit phang (P):x -2y +z—5=0. Diém nao duéi day
thudc (P) ?

A. 0(2;-1;5) B. P(0;0;-5) C. N(-5;0;0) D. M (;1;6)
Céu 2. Trong khong gian v6i hé toa do Oxyz, vecto nao sau day 1a mét vecto phap tuyén clia mat
phang (Oxy) ?

A. 7 =(1;0;0) B. k(0;0;1) C. j(-5;0;0) D. 7 = (1;1;1)
Céiu 3. Trong khong gian voi hé toa d6 Oxyz, phuong trinh nao duéi day 1a phwong trinh mét phang di
x—1 _ y+2 _ z-3 9

qua diém M (3;-1;1) va vudng goc v6i dudng thang A :

-2 1
A.3x-2y+z+12=0 B.3x+2y+z-8=0
C.3x-2y+z-12=0 D. x-2y+3z+3=0

Céu 4. Trong khong gian v6i h¢ toa do Oxyz, phuong trinh nao dudi day 1a phuong trinh cua duong
thang di qua di€ém A4(2;3;0) va vuéng goc voi mat phang (P):x+3y—-z+5=0 ?

x=1+3¢ x=1+¢ x=1+¢ x=1+3¢
A.y=3t . B.{y=3 . C.iy=1+3 D. < y=3t
z=1-t z=1—t¢ z=1-t z=1+t¢

Céu 5. Trong khong gian v6i hé toa d6 Oxyz, cho diém M (1;-2;3) . Goi / 1 hinh
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chiéu vudng goc cua M trén tryc Ox. Phuong trinh nao dudi day 1a phuong trinh mat cau tam 7, ban
kinh IM ?

A, (x=1)+y"+2° =13 B. (x+1)*+y* +2z° =13

C. (x=1)2+3y"+22 =13 D. (x+1) +y* +2* =17
Céu 6. Trong khong gian v6i hé toa d6 Oxyz, cho diém M (-1;1;3) va hai dudng thing

: x3—1 =2 ; 3.2 1_1 , A XTH = % = iz . Phuong trinh nao dudi ddy 1a phuong trinh dudng thing di
qua M, vuéng goc voi A va A’.

x=—1-¢ X =—t x=—1-t¢ x=—1-t

A. Jy=1+t¢t B.{y=1+¢ C.iy=1-t¢ D.{y=1+t¢
z=1+3¢ z=3+t z=3+¢ z=3+¢
x=1+3¢
Cau 7. Trong khong gian véi hé toa d6 Oxyz, cho hai duong thang d, :{ y = —2+1¢,
z=2
dZ:xT—lzy_-i-f:g va mit phang (P):2x+2y -3z = 0. Phuong trinh ndo dudi day la phuong trinh
mat phang di qua giao diém cua d, va (P), dong thoi vudng goc véi d, .
A 2x—y+2z+22=0 B. 2x-y+2z+13=0
C.2x—y+2z-13=0 D. 2x+y+2z-22=0

Céu 8. Trong khong gian v6i hé toa d6 Oxyz, cho mit cau (S): x> + y* +z° =9, diém M (1;1;2) va mit
phang (P):x+y+z-4=0.Goi A 1a dudng thang di qua M, thudc (P) va cit (S) tai hai diém 4, B sao
cho 4B nho nhat. Biét rang A c6 mot vecto chi phuong 13 i(1;a;b). Tinh t=a—b

A T=-2 B.T=1 C.T=-1 D.T=0

> DE 102 w

Cau 1. Trong khong gian v6i h¢ toa dd Oxyz, cho diém A4(2;2;1). Tinh d6 dai doan thang OA.
A. 04=3 B. 04=9 C. 04=+5 D. 04=5

Céu 2. Trong khong gian vdi h¢ toa d6 Oxyz, phuong trinh nao dudi déy la phuong trinh cua mat
phang (Oyz) ?

A.y=0 B. x=0 C.y-z=0 D.z=0
Cau 3. Trong khong gian voi hé toa do Oxyz, tim tit ci cic gia tri m dé phuong trinh
x> +y* +28 —2x—2y—4z+m =0 1 phuong trinh ctia mot mét cau.

A.m>6 B. m>6 C.ms<6. D. m<6
Cau 4. Trong khong gian vdi hé toa do Oxyz, cho ba diem 4(0;,-1;3), B(1;0;1), C(-1;1;2). Phuong
trinh nao dudi day la phuong trinh chinh tic ctia duong thang di qua A va song song véi duong thang
BC?

x=-2t
x  y+

A. y=—1+t B. x—2y+z=0 C.—2=T= D. —=

—_
N
=1
(98]
IR
o ||
—
N
|
—_

z=3+t¢

Ciu 5. Trong khong gian v6i hé toa do Oxyz, cho hai diém 4(4;0;1) va B(-2;2;3). Phuong trinh nao
dudi day 1a phuong trinh mat phang trung tryc cta doan thang 4B ?

A.3x—y-z=0 B.3x+y+z-6=0

C.3x—y—z+1=0 D. 6x-2y-2z-1=0
Céu 6. Trong khong gian v6i hé toa do Oxyz, cho mat cau (S): (x+1)°> + (y—1)> + (z+2)* =2 va hai
x-2 y z-1 x_y_ z—-1
T R T
mat phang ti€p xuc véi (S), song song voi d va A ?

duong thing d : . Phuong trinh nao dudi day la phuong trinh cia mot
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A. x+z+1=0 B. x+y+1=0 C. y+z+3=0 D. x+z-1=0

Cau 7. Trong khong gian véi hé toa 4 Oxyz, cho diém A(1;-2;3) va hai mat phang
(P): x+y+z+1=0, (Q): x—y+2z-2=0. Phuong trinh nao dudi day la phuong trinh duong thfmg di
qua 4, song song voi (P) va (Q)?

x=-1+¢ x=1 x=1+2¢ x=1+¢
A.qy=2 B.{y=-2 C.iy==22 D.y==2
z=-3—t z=3-2¢ z=3+2t z=3—¢

Cau 8. Trong khong gian voi hé toa do Oxyz, cho hai diém A4(4;6;2) va B(2;—2;0) va mit phing
(P):x+y+z=0.Xét duong thing d thay dbi thudc (P) va di qua B, goi H 1a hinh chiéu vudng goc
clia A trén d. Biét rang khi d thay d6i thi # thudc mot duong tron cb dinh. Tinh ban kinh R cua
duong tron do.

A. R=+6 B. R=2 C.R=1 D. R=3
> DE 103
Céu 1. Trong khong gian véi hé toa d6 Oxyz, cho mit cau (S): (x—5)* +(y—1)* +(z+2)* =9. Tinh ban
kinh R cua (S).

A. R=3B. R=18 C. R=9 D. R=6

Cau 2. Trong khong gian v&i hé toa do Oxyz, cho hai diém A(1;-2;-3), B(-1;4;1) va dudng thang
x+2 y-2 z+3
1 a1
doan thing 4B va song song véi d.

X y—1:z+1 x:y_—ZZﬂ c.* y—1:z+1 Dx—lzy—1:z+l

d

. Phuong trinh nao dudi ddy 1a phuong trinh ctia dudng thang di qua trung diém

11 2 1 -1 2 1ol 2 1 -1 2
Cau 3. Trong khong gian vdi hé toa do Oxyz, cho diém M (3;—-1;-2) va mat phang
(a0):3x—y+2z+4=0. Phuong trinh nao dudi day la phuong trinh mat phang di qua M va song song
voi (a) ?

A.3x+y—-2z-14=0 B.3x-y+2z+6=0
C.3x—y+2z-6=0 D.3x-y-2z+46=0
Cau 4. Trong khong gian véi hé toa d§ Oxyz, cho hai vecto d(2;1;0) va b= (-1;0;-2). Tinh cos(c’i,l; )
Ly 2 I 2
A. cos(a,b)zg B. cos(a,b)z—g
Lo 2 - 2
C. cos(a,b)z—g D. cos(a,b)zg

Céau 5. Trong khong gian v6i hé toa 40 Oxyz, cho diém 7(1;2;3) va mit phang (P):2x—2y—z-4=0.
Mt cau tim [ tiép xuc voi (P) tai diém H. Tim toa d6 H ?

A. H(-1;4;4) B. H(-3;0;-2)
C. H(3;0;2) D. H(1;-1;0)
x=2+3t
Cau 6. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang d :{ y=-3+7 va
z=4-2t¢
, x—4 y+1 =z . \ fe AALTa \ \ 2 A < 2 ,
d": ST T Phuong trinh nao dudi day 1a phuong trinh duong thang thudc mat phang chura
d va d', ddng thoi cach déu hai duong thang do.
A.x—3:y+2:z—2 B.x+3=y+2:z+2
3 1 -2 3 1 -2
C.x+3:y—2:z+2 D.x—3:y—2:z—2
3 1 -2 3 1 -2
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Cau 7. Trong khong gian vdi hé toa dd Oxyz, cho hai diém A4(3;-2;6), B(0;1;0) va mat cau

(S): (x=1)* +(y—=2)* +(z—3)* =25. Mat phang (P):ax+by+cz—2 =0 di qua 4, B va cit (S) theo giao
tuyén 1a duong tron c6 ban kinh nho nhét. Tinh T=a+b+c.

A. T=3 B.T=5 C.T=2 D.T=4
> DE 104
Céu 1. Trong khong gian v6i hé toa do Oxyz, cho mit cau (S): x> +(y+2)* +(z—2)* =8. Tinh ban
kinh R ciia (S).

A. R=8. B. R=4. C. R=2V2. D. R=64.

Céu 2. Trong khong gian véi hé toa do Oxyz, cho hai diém A4(1;1;0) va B(0;1;2). Vecto nao dudi day 1a
mot vecto chi phuong ciia dudng thang AB ?

A. b =(-10,2). B. ¢ =(1;2;2). C. d=(-112). D. a=(-1;0;-2).

Cau 3. Trong khong gian vdi hé toa do Oxyz, cho ba diém M (2;3;-1), N(-L1;1) va P(;m—1;2). Tim m
dé tam gidc MNP vudng tai N.

A. m=-6. B. m=0. C.mz—fl. D. m=2. ‘ ’
Cau 4. Trong khong gian vé1 h¢ toa do Oxyz, cho diém M (1;2;3). Goi M, M, lan luot 1a hinh chiéu
vudng goc cua M trén cac tryc toa Ox, Oy. Vecto nao dudi day la mét vecto chi phuong cua duong
thang MM, ?

A. i, =(1;2;0). B. u, =(1;0;0). C. i, =(-1;,2;0) D. i, =(0;2;0)

Céu 5. Trong khong gian v6i hé toa do Oxyz, phuong trinh nao dudi day la phuong trinh mat phang di
qua diém M (1;2;-3) va co6 mot vecto phéap tuyén 7 = (1;—2;3) ?

A x—2y+3z-12=0 B. x-2y-3z+6=0

C. x—2y+3z+12=0 D. x—2y-3z-6=0
Cau 6. Trong khong gian voi hé toa d0 Oxyz, cho hai diém A(1;-1;2), B(-1;2;3) va duong théng

x—-1 y-2 z-1
1

A. M(-10;-3) B. M(2;3;3) C. M(l;z;—gj D. M(—%;—%;—%)

Céu 7. Trong khong gian voi he toa dd Oxyz, phuong trinh nao dudi ddy 13 phuong trinh mit cau di
qua ba diém M (2;3;3), N(2;—1;—1), P(=2;—1;3) va c6 tAm thudc mit phang (a):2x+3y—z+2=0.

A X +y* +2° —2x+2y—22—10=0 B. X’ +)y +2° —4x+2y—-62z-2=0

C.X’+y +2° +4x-2y+6z+2=0 D. X’ +)y" +2° - 2x+2y-2z-2=0
Céu 8. Trong khong gian véi hé toa dd Oxyz, cho ba diém A4(-2;0;0), B(0;—-2;0) va C(0;0;-2). Goi D 1a
diém khac 0 sao cho DA, DB, DC dbi mét vudng goc voi nhau va I(a;b;c) 1a tam mat cau ngoai tiép t
dién ABCD. Tinh S=a+b+c.

A. S=-4 B. §=-1 C.§5=-=2 D. §=-3

. Tim diém M (a;b;c) thudc d sao cho MA> + MB* =28 biét ¢ <0.
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