CHUYEN PE PHUC HINH VA TRAI PHANG

A. Ly Thuyét
Pinh nghia: Trai phang 12 mé mot hinh 3 chiéu (3D) va trai tat ca cac bé mat cua nd ra mot mit
phing 2 chiéu (2D) duy nhat. Hinh 2D thu dugc goi la hinh trai phang. Hinh nay c6 thé duoc
gap lai theo cac nép (canh) dé tai tao chinh xac hinh 3D ban dau. Phyc hinh 1 nguoc lai cua trai
phang
Ung dung trong giai toan:

. Tinh Dién tich Xung quanh va Toan phan

. Tim Puong di Ngan nhat trén B& mat (bai toan hay gap)

Tinh dung dan cta phuong phap nay vi khi trai phang cac kich thwéc dwgc bao toan

(Trong trng mat thfng Cua da di¢gn, |at quanh canh chi la phép quay — moi doan trén mar do giit
nguyén d¢ dai. Tong chieu dai cua mot dwong di qua nhieu mat khéng doi khi trai.)

B. Bai Tap

Cau 1 [HSG Ha Tinh] Phan trén ciia mot ciy thong Noel c6 dang hinh nén, dinh S, d6 dai duong
sinh | =2m va ban kinh day r =1m. Biét rang AB la mot duong kinh day cta hinh nonva | la
trung diém doan thang SB (tham khao hinh vé). B¢ trang tri, nguoi ta lap mot day bong nhay trén
mat ngoai cua cay thong tur vi tri A dén | . Tinh d6 dai ngan nhat cua day bong nhay.

S

Selution: CeT

Khi Iap day bong tir A dén | trén mét non s& c6 hai huéng, do tinh ddi s
xung nén ta chi xét mot hudng. Trai mot nira mat nén [én mat phang ta
dugc mot hinh quat (nhu hinh v€). B¢ dai ngan nhat cua day bong nhay I

bing Al. Cung AB la ntra duong tron déy nén |, =7(m).
I

, |
S6 do goc Ass:a:§:f=§:>m = /SA2 + 812 = /5(m)
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Cau 2 [DVD] Trong khong gian Oxyz , trén mat dét tring véi mat phang (Oxy), mot con
gian mudn di chuyén tir diém A(-3;3;0) trén mat dat vé véi to ciia minh & toa do diém
B(3;-3;0). Dé tré vé to, con gian phai bo qua mot budce tudng c6 dang hinh hop chix nhat doc
theo truc Oy nhu hinh V&, biét bt tudng c6 d6 cao bang 4(m),(0 <z <4) va do day bang
2(m) (-1<x<1).Con gian c6 kha nang bam dinh va di chuyén d€ dang trén birc tuong thang

dung. Xac dinh quang duong ngan nhat ma con gian cd thé di dé tro vé dugc to (1am tron dén
chit s6 hang chuyc).

2

:

Seludion: CeT

Trai phang: Ta thiy diém A va B déu tinh tién thém 4 don vi
A (-7, 3 0), B(7; 3; 0) = Min=AB =147 +6* =258

Cau 3 [TDM 42] Cho mét hinh ling try tam giac déu ABC.A'B'C’ c6 d6 dai canh day bang 6 va
canh bén bang 24 . Dung maot soi day c6 chiéu dai L quan quanh hinh lang try tir diém A’ dén
diém B nhu hinh v&, sao cho soi day ludn p sat vao cac mat. Hiy xac dinh chiéu dai ngin nhét
cua soi day ?

A C
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Selution: Ce'T
Trai phang nhu hinh:

B, 4 C B
24 i -
D3 tinh dugc: L, = \/152 +(24+343)
6 | 6 N\ 6
Brl A7 C\/Br
b — - = '
15 A
Cau 4 [HXN] Mot ngudi mudn ndi mot day dén nhidu mau sac tir vi tri A dén vi s

tri B trén vat trang tri c6 dang hinh nén véi ban kinh day bang 2 dm va chiéu cao
bang 6 dm. Thiét dién qua truc hinh nén la tam giac chira cac canh SA, SB( S
1a dinh hinh nén); day dién dugc kéo tr A dén mot vi tri M thudc duong sinh B -
SB, sau d6 qua N thudc dudng sinh SA trude khi ¢én B . Biét raing SB =2 dm. Nk_,,/
Tim doan day dién bé nhat dugc dung cho viéc nay(tinh theo dm va lam tron dén : M
hang phan chuc). F eﬁ

Gelution: CeT
Taco: I, = gx chu vi = 2.27&2 =67

| e 67

R 2410

= AB_, =+/SA? + SB? — 2SASB.coS

Mal,. =Ra=a=

- \/(2J1_o)2 +22-222J10.cosx ~8,3 (dm) 4
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Cau 5 [Thay Nguyén Ngoc Hiép — THPT chuyén Lé Quy Pén] -
Mot con kién bo 1én déu quanh hinh try (tr mit day dudi 18n mat day trén), -
bén kinh mat day hinh tru R :8i va chiéu cao hinh tru h=4 . Hoi con

T

kién bo ngan nhét bao nhiéu vong quanh hinh try d¢ doan duong kién di 1a
1 s0 nguyén. pamv—~

Selution: CeT -

Hinh sau khi d3 trai phang:

Biit diu

Chu vi dwong tron

B, Két thac

Goi “diém bat dau” 1a vi tri & mat day dudi cua hinh tru ma kién xuét phat;
“diém két thiic” 1a vi tri & mat day trén cua hinh tru ma kién két thdc hanh trinh di chuyén.

Goi n(n € N*) la s6 vong ma con kién bod duoc trong sudt hanh trinh di chuyén.

Ta trai phang hinh v& bai toan bang céch cit hinh try boi mét duong thang di qua “diém bét dau”
va “diém ket thic”. Ta ky hiéu cac diém nhu hinh v&.

Chu vi duong tron day: AB,=AB, =---=AB, =27R = 27r.8i =%
V1

Tacs: AA =AM == A A =

Khi d6 d6 dai doan duong mdi vong kién di duoc:

/42 3y _[16. 9
d=AB =AB,=--=A_ B, = (Hj +(Zj = F*‘E

Tir d6 suy ra d6 dai doan duodng kién di dugc trong suét hanh trinh:
2
S=nd=n /§+3 T
n° 16 16

A A ‘. , L +
Yéu cau bai toan tuong duong voi 16 < n=4
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Cau 5 [LimC] Chiéu dai ngan nhat cuia soi day dé quan quanh hop qua cé dang hinh hop chir
nhat kich thuéc 2cmx4cmx6cm nhu trong hinh ve 1a bao nhiéu. Bit rang soi day bat dau va
két thac tai diem M va AM =1cm.

Trai phang hinh v& nhu bén dudi.

16 cm

i M' (M)

e

6cm

=

4cm

/ M' Ml]lill = v 162 + 122 = 20

lcm

12 cm

N
A

A
Piém M’ chinh 1a diém M ban d4u. Ta can tim duong di ngan nhat tr M dén M’ sao cho so
day cat qua tat ca cac mat trén hinh v€. Dé thay MM’ ngan nhat khi n6 1a doan thang noi lién tur

M dén M. Tinh duoc MM’ =+/16? +12? = 20
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Cau 6 [DGH] Cho mét toa nha mé hinh dang hinh lang tru dttng ABCD - A'B'C'D’ ¢6 day ABCD
la hinh thang vudng tai A,B c6 AB =40 cm, AD =20 cm,BC =50 cm, AA’ =80 cm . Nguoi ta di
mot duong day tir diém E (ddi xang v6i B qua A) dén lan lugt cac diém M,N,P,Q trén cac
canh trong ung 13 AA’,DD’,CC’,BB’, rbi dén diém F (ddi xang véi A’ qua B') Hay tinh chiéu
dai ngdn nhit caa dudng day theo don vi centimet (1am tron két qua dén hang don vi) ?

A B

D S P

cu.

N

B

E 40 A 20 D 50 C 50

Dé dang tinh dugc: CD = \/402 +(50—20)? =50. Ta c6 chiéu dai dudng day:

L=EM +MN + NP +PQ+QF > EF =\/(40+20+50+50+40)2 +80% =215,40...~ 215
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Cau 7 [TDM42] Cho toa nha d choi c6 dang hinh hop chix nhat véi day 1a hinh vudng canh bang
20cm va chiéu cao bang 100cm . Mét con kién bat dau tir A" di chuyén dén diém A theo cach sé
bam sét vao cac mat xung quanh cua toa nha ludn theo hudng chéch I8n tao véi phuong ngang mot

goc « € (16°;33"). Biét con kién ludn di chuyén véi toc do bang

cm/s. Hay tinh theo phut
ana

khoang thoi gian nho nhat dé con kién bo dén diém A (1am tron két qua dén hang phan trim) ?

D C

100 ¢m

A 20cm B'

Selulion: CeT
Gia sir con kién di n vong quanh lang tru. Con kién di tir A* dén A nén sé vong di phai la sé
nguyén. Ta khai trién (trai phang) hinh lang tru n lan nhu sau:

Al] 80 Al 80 AZ An—l 80 Au

O @ crcireitaniinaa.

v

A r1] A ’1 A ’2 A ’i'.l—]. A ’n

Do con kién ludn di chéch 1&n so véi phuong ngang goc o € (16°;33°) nén:

tan16 <tana=81ﬂ<tan33°:>192<n<4,36:>23ns4

On
A 1/ 80n)? +100? ? ;
At = 0A1 (80n)* @ =>t.<n,=4=>t. ~291phit
0,48n 0 48° n
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Cau 8 [TDM42] Cho hinh lang tru déu ABCD.A'B'C'D’ ¢6 d¢ dai canh day bang 12 va canh bén
bang 60 . DUng mot soi day c6 chiéu dai L quan quanh hinh lang tru tir diém A’ dén diém R nhu
hinh v, sao cho cac doan A’'M, MN, PQ, QR lubn &p sat vao cac mat cua lang tru, doan NP Xuyén
vao bén trong hinh ling tru véi N va P lan luot 1a thm cac mat bén BCC'B’ va CDD'C’, ¢6
AR =10. Hay x4c dinh chiéu dai ngan nhat cua soi day(lam tron két qua dén hang phan mudi) ?

D C

Selution: CeT
Hai diém N, P cb dinh va NP =6+/2, ta trai phing nhu hinh

A=A B C D A=A
e )
10
R
/20
60 /
o —
P

/ﬁw

30:

I
A'=A" B’ ol D' :j_lerAr

L=AM +MN +NP+PQ+QR>A'N+NP+PR

= L =18 +30% + 62 +/18° + 207 ~ 70,4
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Cau 9 [HXN] Mot chi tiéu cuong tir vi tri A muon dén vi tri B dé kiém thirc an. Trong hinh 1a
chi€c hop cd dang lang tru dung véi tat ca cac mat deu la hinh chix nhat, mat tiep xuc véi nen nha
14 hinh vuéng canh CD =4 dm, chiéu cao lang tru bang 2 dm. Biét AH =0,5 dm, DH =3 dm
va AH L CD. Trén bé mit hop c6 chira canh CD thi tiéu cuong di chuyén véi toec d6 0,3
dm/s;phan con lai quing dudng (trir day tiép xdc mat dat) thi tiéu cuong ludn di chuyén 0,4 dm/s.
Vi tiéu cudng gioi toan hinh hoc khéng gian nén né da chon con dudng ngin nhat dé di tir A dén
B, hoi thai gian tuong tng la bao nhiéu giay (lam tron dén hang phan chuc)?

D 4 dm

Gelutien: CeT

Trai mit phang trén ta dugc AB = \/32 +(4+2+0,5)7° =

*trai mat bén cho ra két qua 16n hon nén ta bo qua truong hop con kién di theo mat bén

\205

ABMN ~ ABDE ~ ABKA— oM _BE _BA_ 2

BM BD BK 65

oy /205

= 13 _ NE=BE-BN=2V2®
6/205 13
BE =
13
2 /205 (\/205 B 2«/205]
2 13
t=—138 ~19,7
0,3 0,4

P

4 B
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Cau 10 [HXN] Mot con gian tir vi tri A mudn dén vj tri
B dé kiém thirc an. N6 phai di chuyén dén canh CD rdi
tim cach bo 1én chiéc hop va tim dén vi tri B (B la trung
diém maot canh hinh hop chit nhat nhu hinh v&). Biét rang
AC L AD va AC =2 dm. Tim quing dudng ngin nhat
ma con kién thuc hién khi di tir A dén B, lam tron két qua 2@
dén hang phan tram ciia dm.

Gelulion: CeT
Trai phang nhu hinh . 4 R
B
Taco: AB = /32 +(0,5+ 2+ 4)’ =%.
Céc tam giac BGK,BDM, BEA ddng dang nén: 4
BK _BM _BA_~205_ gy, _6V205 o 4V205,
BG BD BE 13 13 13
— — K G
MK = BM —BK:2 205 ; AM :AB—MK—BK:ﬁ
13 26 )
Y S AM +BK MK
Thoi gian tdi thidu la t . = +—— ~[19,7(s)|. L1 H D
g min 014 O, 3 C 3 f
0,5 | IOSS
49— —— 5 ———E
Cau 11 [SACH 40 PE TSA PTK]
Mot con kién bo tir diém A (cd dinh) Ién diem B (linh B
dong) trén dinh cua bac thang, roi tir B di xuong diém £” £
C (co dinh) nhu hinh v& bén. Biét rang mot 6 vuéng ) !
gach cua cau thang c6 do dai cac canh bang 2 (cm). 7+ =
Goi £ la @6 dai duong di cua con kien. 7 " %
. ! \
a) Gia tri nho nhat cia £° la ..... (cm). z= 71/
7 |
b) Khi £ 1anhé nhét thi AB? = ..... (cm). / /
A c

Gelulion: CeT
Trai phang hinh ta s& duoc hinh vudng AEFC canh 12 va B thuoc EF
Dodé: L=AB+BC = L, < (AB+BC) < B latrung diém EF (d& chang minh)

=L_*=720; AB* =180
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Cau 12 [TDM 42] Cho mét hinh chop déu S.ABCD c6 d6 dai canh day bang 6 va canh bén bang
36. Dung mat soi day c6 chiéu dai L quéan quanh hinh chdp tir diém A dén diém R nhu hinh v&,
sao cho soi day ludn &p sat vao cac mat caa hinh chdp. Biét RA = 2RS. Hiy xac dinh chiéu dai
ngdn nhit cua soi day ?

Khai trién cac mit cua hinh chép vé chung mét mat phang véi mit day nhu hinh, ta dé dang tinh toan cac sé liéu:

Az =4

AC=[26°-2. 62 N _ i3
1
BC =2.cos* [—j =
A 12 180 —2.cos™ (112j
CB=

A 2

CR = \/122 +36%-2.12.36. cos(4 sin~ iz j 187

A,S,C = 4.sin™ (éj = {RD = le2 +36% — 2.12.36.cos(z.sin j =14J'
2 2 2
RCDZCOSI(CR +CD?-DR ]:CO 2153
¥ 2.CRCD 3641871

Dodé L, = AR=AR= \/ACZ +CR? ~2.ACCR.cos(ACB+90+RCD) ~ 36,8
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Cau 13 [Tap chi khoa hoc sé 23 (12-2016) truomng Pai Hoc Péng Thap]

Cho tir dién ABCD c6: AC=AD=BC=BD=1; AB=a ; CD=b. M,N lan lugt la trung
diém caa AB va CD. Tim trén canh AD mét diém P sao cho PM + PN dat gié tri nho nhat.
Tinh gia tri nho nhat do.

Goludion: CeT

Trai tam giac ACD theo truc AD Ién mat phang ABD:

C—>C’5 DC=DC'=b, N—>N'’; PN=PN’

Yéu cau bai toan s& twong duong véi: Tim P € AD sao cho PM + PN’ nho nhét.
= P la giao diém cuia MN’ va AD . Khi do (PM +PN")_. = MN".
D& thay:

Tam giac ABD cand D va M 1a trung diém cia AB = DM L AB

Tam gi4c AC'D can ¢ D va N’ 1a trung diém cia AB = AN’ L DC’

roNTA I AT $TA A a, ' b . ' b2 a2
= Tuagiac AMDN' noitiepcd AM =—;DN'=—;AN'=,/[1-—;MD = ,[1- —
2 2 4 4

Ap dung dinh Iy Ptoleme ta co:

MN = DN'.AM + DM.AN

1
2 2 2 2
2\" 4 2\} 4 4

Vay diém P can tim trén canh AD 1a giao diém cia MN’ va AD .

by4—b® +ay4-a
7 :

Khi d6 tbng (PM +PN)_. = (PM +PN’) . =MN'=

min min
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Cau 14 [Phuong phap trai hinh trén mit phang -Tran Thij Hién]

Cho hinh chép déu S.ABC c6 ASB=30";AB=a. Liy B’,C’ lan luot thuoc canh SB,SC . Xac
dinh vi tri caa B’,C' sao cho chu vi aAB'C’ 1a nho nhat. Tinh gia tri nho nhat dé.

Goludion: CeT

Trai t dién xuéng mat phang SBC nhu sau:

AABS — AABS ; AACS — AA,CS

Khi d6, véi cac diém: B’ SB ; C' e SC

Thi: Py = AB'+B'C'+C'A= AB'+B'C'+C'A, > AA,. Ddu“="xay ra < B',C' € AA,
Do A, A, ¢bdinh = AA, cb dinh

SB,SC ¢6 dinh = Ta ludn xé4c dinh dugc B',C’ thoa man chu vi AAB'C’ 1a nhé nhit.

Khi d6, ta co: ASA, = ASB+BSC +CSA, =3.30° =90" = AA, =~/2.5A =+/2.5A, =2.5A

Xét ASAB c6 AB=a; ASB =30 = SBA=75 (Vi ASAB cantai S)

A= _ABo.sin75° = — a _cosl5 = _a _
sin30 sin 30 2sin15
LB
Tac: sin?15 =2-¢%30 7 2 _ 2-3
2 2 4

2-3

ma 0 <15 <90 = sinl5 >0=sinl5 =,|———
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a a 2a

2\/2—*/§ RS =\/E.\/2_\/§ B
2

= SA=

2a
J3-1

Cau 15 [HSG KHANH HOA] Cho ti dién ABCD c6 ACB =60° va

ACD + BCD = CAD + BAD + BAC = CBD + ABD + ABC =180°.
Goi S la dién tich toan phan cua hinh tir dién ABCD. Hay tim gid tri 16n nhat cua S, biét
chu vi tam giac ABC bang 3.

Vay, gia tri nho nhat cta chu vi AAB'C’ 1A tai B',C’ la giao diém cua SB,SC voi AA,.

Selution: CeT

D D
C2 c3
A B A B
C1
C

Cit tir dién ABCD theo cac canh CA, CB, CD va trai xubng mat phang (ABD) .

Khi d6 AADC——AADC,; ABDC ——»ABDC,; AABC ——>AABC, .

Taco:

CBD + ABD + ABC = C,BD + ABD + ABC, =180° = C,, B, C, thing hang.

CAD + BAD + BAC = C,AD + BAD + BAC, =180° = C,, A, C, thing hang.

ACD + BCD = BAC = AC,D + BC,D =180°. = C,C,DC, |4 tir gi4c noi tiép, do d6
C,DC, =120°, (vi ACB = AC,B = 60°)

Dién tich toan phan cua ti dién ABCD la dién tich ti giac C,C,DC,.

Tacl: Sccpe, = Scec,
Pt CA=x;CB=y= AB=4/x’+y’ —xy
Chu vi AABC bing x+y+4/x’ +y> —xy =3.

Taco: C,C, =2CA=2x;C,C, =2CB =2y;C,C, =2AB = 2/x* + y* —xy .

+ 802003
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, C,H C,C, X +y' —xy
tan60° = —— = DH = = :
DH 2.3 V3

. 1 o1
Taco: Seepe, =Sce,c, +Sc,oc, = E'Clcz .C,C,.sin60° + E'DH C,C,

2 2 2
:J§xy+x +y =Xy (X+y)

NN
2
Ap dung bt dang thuc xy < (x +4y) , ta co:
B=X+y+/X2+ Y =Xy = X+ Y+ (X+y)? —3xy > X+ y+\/(x+ y)? —%(x+ y)? :g(x+ y)

4

NE]

2
=(X+y) <i:Smax:

3B

Chan trai hinh rdi thi ta gp hinh nhé :v
Cau 16 [VTED] Ba tim bia hinh vudng d6 dai canh 40 cm, mdi tim bia duoc cat thanh hai phan
A va B doc theo doan thang noi trung diém cua hai canh ké nhau. Sau d6 sau phan nay cung véi
tAm bia luc gidc déu C do dai canh 20+/2 cm duoc dan va gap lai dé thu dugc mét khéi da dién.

(
b

Thé tich cua khdi da dién nay 1a bao nhiéu bao nhiéu Iit?
Selution: CeT
D& dang nhan ra thé tich cua khéi da dién sau khi gap bang mét nixa thé tich khdi 1ap phuong

V= EVLP _ L 40° = 32000 cm® =32 It
2 2

= x+y<2.Vay S (khi x=y=1).

Tham khdo hinh vé bén duroi:
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Cau 17 [PimaXx] Hinh trai phang cua mot khoi da dién 16i dugc cho nhu hinh v& & bén. Biét rang
cac mat cua khoi da dién nay la cdc hinh vudng, hinh tam giéc déu va hinh tam giac vudng can

c6 canh huyén bang 6. Thé tich cua khoi da dién da cho bang
6/
/

Seluion: CeT
Déi vai dang bai ndy kho nhat chinh 1a tudng twong duoc hinh dang cua khéi da dién sau khi gap
Tiép d6 1a tu duy lam sao dé tinh dugc thé tich cua khéi da dién
O bai nay vi dé cho tam giac vudng can, va tam giac déu nén ta nghi ngay dén viéc dung mot
hinh lap phuong chira khbi da dién can tim
Tur nhitng phan tich d6 ta dung hinh nhu hinh vé sau:
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N2 ]
PR

Khéi da dién chinh la phan dugc t6 ¢am trong hinh
Goi V la thé tich cua khdi da dién can tim

5 3372372
V10 6

Vv
Suy ra V Iapphuong = 4,\/ t{l—dién+ 2.\/ :>V — LP 2 = 2 = 90

Cau 18 [Pé tuyén sinh nim 2012 Truwong trung hoc co sé Nada - Nhat Ban, Ngay 1]
Hinh trai phang caa 2 khéi da dién A va B duoc cho lan lugt nhu & 2 hinh vé bén dudi.

AN
VAVAVA

\/ \/

Néu do dai tat ca cac canh cua A va B bang nhau, thi thé tich caa A gap bao nhiéu lan thé tich
cua B?2.

— 4V

Golulien: CeT
Hai bai trén ta thuong lién tuong dén viéc dua khbi da dién can tim vao khéi lap phuong, tuy nhién
& bai todn nay co veé 16i tr duy nay khong kha thi cho 1am. Vi thé ta lién tuong dén viéc dua n6
vao mot tir dién déu
Tham khdo hinh vé bén duéi:
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Tur day dé dang tim duoc dap an 1a % lan

Cau 19 [NBV] Nhu hinh v&, ¢c6 mét to gidy hinh chir nhat ABCD Vi cac ¢ dai AB =9, AD =4
. Trén doan AB, lay diém E sao cho AE =4, va trén doan DC, lay diém F sao cho DF =5.
N&i hai diém E va F, rdi gip to gidy theo duong EF , sao cho hai nira mit phang AEFD va
EBCF hop véi nhau mot géc 60°.

4 “\._\_ -
/. —— —
/
i
%
N 4
- —
“, - -
, ,"‘. S
- -
‘-'.- ‘.-‘
e JF'
. —
- -
_____ 9 "

Goi B’ 1a chan dwong vudng goc ha tir diém B (sau khi gap) xudng mat phang AEFD, va H la
chan duong vubng goc tir B’ xuong doan AD . Tinh gia tri cia 17B'H .

Gelulion: N\hom NBV
Tra loi: 33
Trong hinh 2. Ké BG L EF tai G
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Hinh 2

Suy ra EF 1 (BB'G) = EF 1L B'G tai G ma BG L EF suy ra tai hinh I, ta c6 3 diém B',G,B
thang hang.
Tai hinh 1, také BG cit AD tai | . Ké EK L DC tai K ,suy ra EF =+/12 +4% =17

1 1 1 20

Ta. Cé: SABEF = SEBCK _SAEFK _SABFC :54—541—544210 = EBGEF :10<:> BG = E
, 10 30
Taco BGB'=60°= B'G=— suyra BB'=—
N J17
Goi J la hinh chiéu vudng géc caa B’ 1én AE, ta dé ching minh dugc goc
KFE = BB'J = sin KFE = sinBB'J = £~ = 4
EF 17
Tac6:BH=AJ=AB-BJ=9-BJ =9-sinBB'J.BB’ :g_i_ﬂ:§
J17 17 17

Vay 17B'H =33

Cau 20 [NBV] Cho t& gidy hinh chit nhat ABCD nhu Hinh 1, véi AB =3, AD = 27 .Goi M 1a
trung diém ciia doan AD . Gap to gidy theo hai duong thing BM va CM sao cho hai diém A va
D tring nhau tai mot diém P nhu Hinh 2. Khi d6, goi 6 la goc giira hai mat phang PMB va
BCM . (Khéng xét do day cua to gidy)

A M D

- e ) Hinh 2
B Hinh 1 ¢ B —

Gia tri cia cos@ bang bao nhiéu? (lam tron két qua dén hang phan trim)
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Gelutior:: NN6m NBV
Tra 19i: 0,78
Ké MN L BC tai N.Khidéké PH L MN (d& chimg minh dugc PH L (MBC))

, . MB 1 PE HE
Ké PE L MB tai E,suyra = MB L (EPH) — cos@ =—(*)
MB 1L PH PE
A A=P 7 [ D
3 —D,
N
3 A
4 A
S g H
B R C

Xét tam giac vuéng AMB c6: AB.AM = BM.AE < 3.4/7 = 4AE = AE = —[7

Taco ABAM - AAEM nen BA_BM._AML 4 VT _ oy 7

AE AM EM 7 EM 4
5 \ . BA EM 7
D& thly AHM = AME va HAM = ABM =BMH nén — = —— = EH = —+/7

AM  EH 12

77

Tir (") tacé: cosf=E- 12 T 78
PE 3J7 9
4
...Hét
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