HEN NHAU O CONG TRUONG PAI HQC

SKILL. TRUY HAM TiNH DIEN TiCH

BAI TAP TREN LOP

Cau 1:

Cau 2:

Cau 3:

Mot ho gia dinh thiét ké mot khu vui choi 16n cho gia dinh ¢6 dang hinh chit nhat véi chiéu
rong va chiéu dai lan luot A AD =40 m va AB =50 m. Trong d6, phan duoc t6 mau dam 1am
noi trong hoa, phan con lai dé lam san choi. Mdi phan trong hoa c6 duong bién cong 1a duong
cong (C) va cac canh cua hinh chix nhat. Biét méi diém M trén duong cong (C) ludn c6 tich
khoang cach dén céc canh AB, AD biang 20 m. Sé tién chi phi dé trong hoa 1a 200.000 d trén
mot mét vudng, s6 tién lam san choi 1a 350.000 d trén mot mét vudng. Sé tién ho gia dinh can
dung dé 1am san choi 14 bao nhiéu triéu géng ?

D

&

A ' B

Hinh v& dudi day cho biét mot mién D (dwoc t6 dam) nam trong hinh vudng canh bang 4. Mién
D nay gom nhung diém c6 khoang céch téi tim hinh vuéng nhé hon hoic bang khoang cach téi
canh gan nhat caa hinh vuéng. Tinh dién tich mién D (két qua lam tron dén hang phan chuc)

1

4
Nguoi ta thiét ké hoa van trén nhimg vién gach lat san hinh vuéng d6 dai canh bang 1 mét voi
phan gitra 12 mot bong hoa gi6i han boi duong cong (L). Biét rang néu M,N lan luot 14 hai
diém nam trén hai canh k& nhau cia hinh vudng va MN =1m thi MN cit (L) tai diém P sao
cho PM =2PN . Khi 4y dién tich ctia bong hoa (phan gach soc) trén mdi vién gach ndy la bao
nhiéu mét vudng (Iam tron dén 2 chir sb thap phan)?

Anh Shiper 1



HEN NHAU O CONG TRUONG PAI HQC

Cau 4:

Cau 5:

A B

MGt vién gach It nén nha c6 dang hinh vudng véi hoa van duoc thiét ké boi mot hoc sinh 16p
12. Xét hinh phang c6 dién tich S, duogc tao thanh béi cac duong cong (L), (L,) va mét canh

vién gach, trong d6 duong (L) 1a tap hop céc diem M théa mén MA = J2d (M, A) (Alatrung
diém mot canh vién gach; A 1a duong phan giac goc phan tu thir nhét theo hinh v&); (L,) doi
xtng véi (L) qua truc Ox. Biét vién gach nay c6 kich thuéc canh bang 40 cm, tinh tong dién

tich S, +S,+S,+S, valam tron dén hang don vi cua cm?.

(Lo/{
S3 [4) S
/5\

Nguoi ta tao mot 16i di xung quanh mét san choi hinh lyc gidc déu ABCDEF tam O gigi han
béi cac canh cua luc gidc va mot duong cong kin (L) (nhw hinh v&). Néu diém M thudc canh

cua luc giac vatia OM cit (L) tai diém N thita ludn c6 MN =2m. Biét ring OA=8m. Dién

tich cua 16i di d6 bang bao nhiéu mét vudng (Iam tron dén hang don vi).
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Cau 6:

Trong mot cudc thi sang tao cac chi dé lién quan dén Ky niém 50 nam ngay mién Nam hoan
toan giai phong, tai hé thong truong Nguyén Khuyén, Lé Thanh Tong, mot em hoc sinh dén tir
I6p 12B1 d4 dat giai dac biét véi mot thiét ké vo ciing doc dao. Em hoc sinh nay dé thiét ké bé
mat caa mot chiéc dong hd treo tuong bang su két hop giira lich sir, my thuat va toan hoc.
Phan trong cia mat dong hoé 1a hinh vudng c6 canh bang 2dm, noi day luu giir hinh anh cua
chiéc xe ting 390 cua bo doi Viét Nam tién vao dinh doc 1ap. Phan ngoai ciia mat ¢ong ho la
dudng tron ¢ ban kinh bang 2dm. Puong cong trung gian c6 tén (L) la tap hop tét ca diém P
sao cho néu ké tia Ot bat ky cat hinh vuéng va duong tron lan luot tai M,N thi P la trung
diém MN (O 1a tam duong tron). Tim dién tich hinh phang gi¢i han bai duong cong (L) theo

don vi dm? va lam tron dén hang phan tram.

BAI TAP VE NHA

Cau 1:

Cau 2:

Bac An c6 mot manh dat hinh vudng ABCD canh 40m. Manh dét ciia bac rat phi hop dé trong
hoa mau vi bén trong c6 mot ao nudc ty nhién duoc gidi han boi cac dudng cong (L), (L,) va
ba canh cua hinh vudng (xem hinh v&). Biét rang dudng cong (L)) 1a mot nhanh cua parabol
nhan diém E (trung diém AB) lam dinh va di qua diém F véi F e AD va 4AF = AD.
Duong cong (L,) 1a tap hop tat ca diém M sao cho khoang cach tr M dén tam | bang voi

khoang cach tir M dén canh AB . Tinh dién tich con lai caa manh dat ma bac An co thé trong
hoa mau va 1am tron dén hang don vi cuia mét vudng.

Mot lap trinh vién tao mot trod choi. Trong trd choi d6 c6 mot ving dét hinh chix nhat ABCD ¢
d6 dai cac canh AB=80m va AD =40m. Mot con séng nam bén canh ving dat do voi AD Ia
bd séng. Mot giéng nude khoan dwge dat tai diém | nam trong hinh chit nhat, cach cac canh
AB,BC,CD 20 mét va cach canh AD 60 mét. Nhan vat trong game khi dén cing dat nay can
phai di chuyén dén giéng nuéc hoic by song dé lay nude. Lap trinh vién mubn td may mot
phan cua ving dit d6 sao cho khi ding trong cling t6 may nay, nhan vat di chuyén dén giéng
nuée dé lay nude nhanh hon so voi dén bo song. Dién tich ving t6 mau d6 1a bao nhiéu mét
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Cau 3:

Cau 4:

vudng? (Gia su rang khi di chuyén, van téc cia nhan vat khong ddi; 1am tron két qua dén hang
don vi)

Séng

Nguoi ta tao mot 16i di xung quanh mét san choi hinh tam giac déu ABC tam O giéi han boi
cac canh cua tam giac va mot duong cong kin (L) (nhu hinh vg). Néu diém M thudc canh cua

tam giac va tia OM cét (L) tai diém N thi taludn c6 MN =2m. Biét ring OA=6m thi dién

tich cua 16i di d6 bang bao nhiéu mét vudng (Két qua Iam tron dén hang don vi)

N

Nguoi ta thiét ké 1 dai song trén nhimng vién gach lat san hinh chir nhat ABCD ¢4 kich thudc
lan luot 12 AB =160cm, AD =80cm bang hai duong cong (L)(L) va cac canh hinh chit nhat
nhu hinh vé trén. Biét rang néu M 1a diém thudc duong cong (L) thi MA= V5d (M:BD) va

néu N 1a diém thugc duong cong (L) thi ND = V5d (M:4) v6i A 1a duong thing qua A va
song song voi BD . Hei dién tich cua dai song d6 trén mdi vién gach nay 1a bao nhiéu centimet
vudng (1am tron két qua dén hang don vi).

D C

(L1)

(L2)
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Cau5: Ngudi ta thiét ké hoa vin trén nhimg vién gach lat san hinh vudng ABCD c¢6 d6 dai canh 1a 1

mét voi phan ¢ giita 1a mot bong hoa gidi han boi duong cong kin (L) Biét rang néu M Ia

diém thudc (L) thi tich khodng cach tir n6 dén hai duong chéo cua hinh vudng bang tich

khoang cach tir n6 dén hai canh AB, AD hoidc CB,CD . Dién tich ctia bong hoa trén mdi vién
gach nay la bao nhiéu centimet vudng (1am tron dén hang don vi).

D

A

(L)

C

B

Cau 6: Cho tam giac déu ABC c6 canh bing 4, trong tdm O va mot hinh tron tam O ban kinh bang 1
Ké tia Ot bét ky cit duong tron tai M , cit mot canh tam giéc tai N (OM,ON ciing huéng).
Goi P la trung diém ciia MN . Khi tia Ot quay quanh géc O thi tap hop cac diém P (trung
diém MN ) tao thanh hinh (H). Tinh dién tich hinh (H) do.

A

A

B

C

Cau7: Ngudi nghé si vé mot bong hoa trén mot miéng bia hinh vudng ABCD tam O biang mét duong
cong kin (L) rdi td mau cho bong hoa ¢ giira. Phan bén ngoai duong cong nay cua hinh vudng
thi khong t6 mau (minh hoa nhu hinh v&). Néu diém M thudc canh cia hinh vuéng ABCD va
tia OM cdt (L) tai diém N thi MN =2dm. Biétrang AB=8dm thi phan duoc nghé si dé

trang c6 dién tich bang bao nhiéu centimet vudng? (Két qua 1am tron dén hang don vi)

A

N

M

(L)

C
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Cau 8:

Cau 9:

Cau 10:

Mot bon hoa tai mot cong vién duoc ngudi Ky su thiét ké theo cach that dac biét. Mo hinh nay
dugc xay dung tir mot hinh tron va mét hinh lyc giac déu cuing tim O ¢6 bén kinh va canh lan
luot 1a 2,5m va 4m. Ngudi ta x3y dung dudng cong (L) chinh 1a tap hop tat ca diém P sao
cho khi ké tia Ot bét ky cat duong tron, luc giac lan luot tai M,N thi diém P déi xing voi
M qua N. Phan bén trong dudng tron ngudi ta trong hoa véi chi phi 200 nghin/m?*; phan
ngoai duong tron va bén trong luc giac ngudi ta trong ¢ véi chi phi 100 nghin/m?; phan bén
ngoai luc gidc va bén trong duong (L) thi ngudi ta It gach dé tao 16i di voi chi phi 300 nghin/
m? . Hay tinh tong s6 tién nguoi ta phai bo ra dé 1am bon hoa nhu trén theo don vi triéu dong
(1am tron dén hang phan chuyc).

MGt vién gach hinh vudng c6 canh bang 60cm; hoa vin chinh trén bé mit vién gach 1a duong
cong (L), nd la tap hop bén dudng cong nhu hinh V&.

(L)

; C
Nguoi thiét ké cho hoa van dd chon A, B, Q, D Ia 4 trung diém cua 4 canh vién gach; sau do
dung cac duong cong (L) | tap hop tat ca diém M sao cho:
Max{MA, MB, MC, MD} - Min{MA, MB, MC, MD} =40 (cm)
Néu kéo dai cac duong cong nay thi ching cit nhau tai 4 diém bén ngoai vién gach tao thanh
hinh (H) khép kin. Tim dién tich hinh (H) thuoc bé mat vién gach theo don vi cm? va lam
tron dén hang don vi.

MGt vién gach hinh vudng canh 60cm c6 hoa vin bén trong 1a bon duong cong nhu hinh vé.
Gid sir bén dinh vién gach 13 A, B, C, D. goi duong cong (L, ) 1a tap hop cac diém M théa mén
MC = MA+50 hoac MA=MC +50.
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Cau 11:

Cau 12:

A

(L1)

(L2)

(L1)

B

o
Khi quay dudng cong (L;) quanh tdm vién gach hinh vuéng d6 mot goc 90° ta dugc duong

cong (L,). Goi (H) Ia hinh phang gisi han bai cac dwong cong (L), (L,) va céc canh vién

gach. Tinh ti s6 dién tich cua (H)so véi dién tich cua vién gach va lam tron dén hang phan

tram.
Ong Béch c6 mot miéng dét hinh chir nhat ABCD véi chiéu dai 80 m, chiéu rong 40 m. Trén
manh dat ay c6 mot 16i mon EF (xem nhu duong thang) véi % = % = % Khong biét tir bao

gio & khu vuce nay dd c6 mot hd nude ty nhién, va mot phan hd nude do thuéc manh dat ma éng
Béch dang so hitu. Ky la thay duong cong (L) bao quanh hd nuéc chinh 1a tap hop cac diém M
sao cho d(M, AB)xd (M, EF)=\/§ m?. Hay tinh dién tich hd nudc trén phan dat nha 6ng

Bach va 1am tron dén hang don vi ciia mét vudng.
80 m

46}-0,1.

(@

A .
A Ho nwoc

E ’ D
Anh Shiper Toan c6 mét cai vuon dang tam giac ABC canh bang 40+/3 . Anh muén chia cai
vuon d6 thanh hai phan. Phin mot ding dé trdng rau va ki hiéu 13 hinh phang (H ) phan hai

dung d¢ trong hoa. Biét hinh phang (H ) 1a tap hop céc diém M ndm trong tam gidc déu ABC

va théa mén d(M,AC) >10+ MB.
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Céu 13:

M

A C

Hay tinh dién tich phan trong hoa theo don vi mét vudng (két qua 1am tron dén hang don vi)?

Cho hinh vudng ABCD canh bang 4. Goi M 14 tap hop cac dém thoa mén véi céc tam giac
vuong c6 dinh cta hinh vubng ABCD nhan AC lam canh huyén. Tich khoang cach tir M dén
canh huyén AC va mét canh goc vudng bang khoang cach tir M dén canh goc vudng con lai.
Tap hop cac diém M tao thanh duong cong (L) nhu hinh vé&. Hay xac dinh di¢n tich phan t6
dam S nhu hinh vé& (phan t6 mau cam chira tam hinh vudng & giita). Két qua 1am tron dén hang
don vi).

A D
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SKILL. TRUY HAM TiNH DIEN TiCH

BAI TAP TREN LOP

Caul: Mot ho gia dinh thiét ké mot khu vui choi 16n cho gia dinh ¢6 dang hinh chit nhat véi chiéu
rong va chiéu dai lan luot A AD =40 m va AB =50 m. Trong d6, phan duoc t6 mau dam 1am
noi trong hoa, phan con lai dé lam san choi. Mdi phan trong hoa c6 duong bién cong 1a duong
cong (C) va cac canh cua hinh chix nhat. Biét méi diém M trén duong cong (C) ludn c6 tich
khoang cach dén céc canh AB, AD biang 20 m. Sé tién chi phi dé trong hoa 1a 200.000 d trén
mot mét vudng, s6 tién lam san choi 1a 350.000 d trén mot mét vudng. Sé tién ho gia dinh can
dung dé 1am san choi 14 bao nhiéu triéu dong ?

D

&

Loi giai
Tra loi: 683

&

B r

o=

A=0
Gén h¢ truc toa dd Oxy nhu hinh v&, mdi don vi twong g v6i Im. Goi M (X, y) theo bai ra ta

co

Xy=20= yzz—)?,(x>0)

Phuong trinh duong DC :y =40

Phuong trinh hoanh d6 giao diém 2—)? =40 & X =%

Dién tich cta hinh chit nhat ABCD 1a S =40.50 = 2ooo(m2) .
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50
Dién tich phan san choi 1a S, = J.
1

2

20

40-=
X

dx:1888(m2).

Dién tich phan trong hoa 12 S, =S S, =112(m?).
Chi phi can dé 1am khu vui choi 16n 1a T =112.200000+1888.350000 = 683.200.000..
Cau2: Hinh vé& dudi day cho biét mot mién D (dwoc to ddm) nam trong hinh vudng canh bang 4. Mién

D nay gém nhung diém cd khoang céch toi tam hinh vuéng nhé hon hoic bang khoang cach téi
canh gan nhat caa hinh vuéng. Tinh dién tich mién D (két qua lam tron dén hang phan chuc)

1

4
Loi giai
Pap an: 3,5

vy

_________________

Goi hinh vudng c6 canh bang 4 14 ABCD va gén hé truc toa d Oxy nhu hinh V&.

Do vai trd cua cac duong cong nhu nhau, gia st M (X; y) la mot diém thudc duong cong (C)

cta mién D nhu hinh V&,
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Ta c6 khoang cach tir M t6i O la MO = /x> +y?.
Khoang céch tir M t6i canh AB cua hinh vuong la d (I\/I ; AB) =y-2]|
Khoang cach tir M téi O bang khoang cach tir M téi AB nén

VE+yE=ly-2

1.
Sy=—-X+1
y 4

: 1 . \
Hoanh d¢ giao diém cua Parabol y = 2 x* +1 va dudng thang OB( y= X) (thudc goc phan tu
thir nhat) 12 nghiém ctia phuong trinh
BETCIVI
4

S X +4x-4=0
x=-2-22
= L =—2+242
Parabol y = —% x> +1 cat duong thing OB( y= X) tai diém E thudc goc phan tu thir nhat nén
X. =—2+232 =y, =—2+2V2.
Dién tich hinh phing gi6i han béi Parabol, truc OX , truc Oy va dudng thing X =—2+2J2 1

2422
S, = j e dx=8_4\/E
' 4 3

0

Dién tich tam giac OEH 13 S, =%OH.EH =%yE.xE =%(—2+2J§)2.

8-4V2 1(_2+2\/§)z _ —10;8«/5.

Dién tich cta E mién D 14 S,=S,-S, = —=
8 3

. . N -1 2

Di¢n tichmién D 1a S =8.5; = S.L&/_ ~3,5.

Ngudi ta thiét ké hoa van trén nhitng vién gach lat san hinh vudng do dai canh bang 1 mét voi
phan gitra 12 mot bong hoa gi6i han boi duong cong (L). Biét rang néu M,N lan luot 14 hai
diém ndm trén hai canh ké nhau cta hinh vuéng va MN =1m thi MN cét (L) tai diém P sao
cho PM =2PN . Khi 4y dién tich ctia bong hoa (phan gach soc) trén mdi vién gach nay la bao
nhiéu mét vudng (Iam tron dén 2 chit s6 thap phan)?
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A B

Loi giai
Pap an: 0,39
Trudc hét ta g0i ba dudng cong thanh phﬁn cua (L) lan luot 13 L,,L,, L, nhu hinh v&. Tiép dén
ta &p hé truc toa d6 Oxy sao cho D tring gdc toa d6 vd AD,CD lan luot tring véi Oy, Ox va
don vi trén méi hé tryc 1a 1 mét
Goi M (;0),N(0;b),a,beR" 1a hai diém thudc Ox,Oy sao cho MN =1m
Khi 4y ta c6: MN? =a” +b® =1 vagoi P(X,;Y,) 1a diém thudc dudng thang MN sao cho

théa man PM = 2PN , khi 4y P nim gitta M,N néntacd PM +2PN =0

: Xy 2% _a, Yy +2yy 2b  2y1-a?
Suyra: Xp =—M——MN=—ry =M "N _""_
3 3 3 3 3
o a’ 4(1-a%) 4(1-9x,° 1

Khi ay ta co: szzg;ypzz ( 9 )= ( 5 P ):ypzz §_Xp2
y
A B

N(0;b){

D C T

‘\/ M(a; 0)

S1

Suy ra phuong trinh dudng cong Ll:y=2,%—x2 va LlﬁOX=(%;....j
Tiép dén d€ thay rang khi P(X,;Y,)e L, thi P(y,;X,)eL, tirc 2 duong cong L, va L, déi

2
Xtng voi nhau qua duong thang ¥ = X D& thay y=2 é_xz = X = é_yT

1 X

Thé nén ta suy ra phuong trinh duong cong L:y= ‘/5—7 va L,nOx = (% j
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Cau 4:

Giai phuong trinh hoanh d6 giao diém, ta suy ra: LnL =L m{y = x} = {i\/_ j
3v5

Khéng can tim phuong trinh duong cong L,, dé dang thdy hai duong cong L, va L, d6i xtng

Vv6i nhau qua dudng thing trung truc caa CD nén suy ra LNk, = (%,j .

wlnN

Goi S, ladi¢n tich hinh phing gidi han boi L,Ox,x = %,

1 2
‘/——x dx + 1/5—)(de=(m2)

Goi S, ladién tich hlnh vudng tao béi hai doan thang vudng goc véi Ox,Oy tir diém LNL,

X = 1vaL Oxx_lxz
3 2

N w0 |

Khi dy ta suy ra S =

N | 00 | N

2
. .z 2 4
va 2 truc Ox,0y, khi ay: S :(_j =—(m?).
g NG s ™)

Goi S, la di¢n tich hinh phang phan khong gian ngodi phan gach soc nhung van bén trong hinh
vudng ABCD , khi 4y ta suy ra: S, =4S, +8S,. Vay dién tich can tim bang

S=1-S,=1- 4— j / —x2dx + 1/1 X—x =O,386...z0,39(m2)
9 4

MGt vién gach It nén nha c6 dang hinh vudng véi hoa van duoc thiét ké boi mot hoc sinh 16p
12. Xét hinh phang c6 dién tich S, duoc tao thanh béi cac duong cong (L), (L,) va mét canh

,\,\._\!_.w\.\,

vién gach, trong d6 duong (L) 1a tap hop céc diem M théa mén MA = Jad (M, A) (Alatrung
diém mot canh vién gach; A 1a duong phan giac goc phan tu thir nhét theo hinh v&); (L,) doi
xtng véi (L) qua truc Ox. Biét vién gach nay c6 kich thuéc canh bang 40 cm, tinh tong dién

tich S, +S,+S,+S, valam tron dén hang don vi cua cm?.
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v /

A/ M

3 7 \<A =
(L2)

Toadd A(20; 0) va phuong trinh A:x—y=0.

Goi M (X; y) latap hop céc diém thudc duong cong (L,).
Ta co: MA=\/§d(M : A)<:>1/(x—20)2+y2 :ﬁ%

& X2+ y? —40x+400 = X* + y* —2xy < Xy =20x—200 < |y

~20x- 200
==

~ 20x—200

Giao diém giita (L) véi Ox thoéa hé phuong trinh y X = x=10.
y=0

20
Ta c6: sl+sz+s3+s4=4sl=4.2jwdmcmz.
X
10

Cau5: Nguoi ta tao mot 16i di xung quanh mét san choi hinh luc giac déu ABCDEF tam O giéi han
béi cac canh ciia luc gidc va mot duong cong kin (L) (nhw hinh vé). Néu diém M thugc canh

ca luc giac vatia OM cat (L) tai diém N thitaluén c6 MN =2m. Biét ring OA=8m. Dién

tich cua 16i di d6 bang bao nhiéu mét vudng (Iam tron dén hang don vi).

L&i giai

Tra loi: 104

6.
4 4

az\/g _ 82\/§ =96\/§(m3).

Ta c6 do dai luc gidc déula a=0A=8m nénsuyra S,,.oer = 6.
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Chon hé truc toa do Oxy sao cho toa do cac dinh la O(0;0), A(4\@; —4), B(4\/§; 4) va don vi

trén mdi hé truc toa do 1a mét.
Xét diém M thuoc dean thang AB (vi tinh d6i xung ta s& nhan Ién séu lan két qua nay)

Ta co: M(4\/§;m)e[AB],N (xy), trong d6 ~4<m<4,x>43, suy ra ON =[x +y?
Tir day ta c6 dugc: OM =ON —MN = /x> +y* - 2.
Tiép dén goi H,K lan luot 1a hinh chiéu vudng géc caa M, N [én truc hoanh.
S . VXY
Theo dinh Ii Ta-lét, ta cd: ON _OK _ NK - X y _t , dat t=x* +y?
OM OH MH "4J3 [fi2yy? 2 t-2
2X

X—4+/3

Phuong trinh tuong duong: 4+/3t = x(t—2) <:>t(x —4\/5) =2x&st=

2
Ma t =/x* +y? nénsuyra(L):yzi\/tZ—xz=J_r\/( 2:\@} —X?
X_
oy X (1) p(eE 5] v OB - v X (L)~ (5 5
Khi do: OA.y——\@m(L)—P(S\@, 5) vaOB.y_ﬁm(L)_Q(S\@,s).
X_ZZ\@:J_rx<:>X=2+4\/§:(L)mOX=R(2+4\/§;O).

Ta c6: S, =%.OP.OQ.sin 60° =%.OP2.sin 60" = 25\/3(m?).

Va (L)nOx <

2+4:3 2
Dign tich caa I6i di la: 6| 25v3+ [ 2J{ 2x j — x*dx |~96v/3 ~103,903(m’) ~104(m”)
573 X— 4\/§
Cau6: Trong mot cudc thi sang tao cac chu dé lién quan dén Ky niém 50 niam ngay mién Nam hoan
toan giai phong, tai hé thong truong Nguyén Khuyén, Lé Thanh Tong, mot em hoc sinh dén tir
I6p 12B1 d4 dat giai dac biét véi mot thiét ké vo ciing doc dao. Em hoc sinh nay da thiét ké bé
mat caa mot chiéc dong hd treo tuong bang su két hop giira lich sir, my thuat va toan hoc.
Phan trong cia mat dong hoé 1a hinh vudng c6 canh bang 2dm, noi day luu giit hinh anh cua
chiéc xe ting 390 cua bo doi Viét Nam tién vao dinh doc lap. Phan ngoai cia mat ddng ho l1a
dudng tron c6 ban kinh bang 2dm. Puong cong trung gian ¢6 tén (L) 1a tap hop tat ca diém P
sao cho néu ké tia Ot bat ky cat hinh vudng va duong tron lan luot tai M,N thi P la trung
diém MN (O 1a tam duong tron). Tim dién tich hinh phang gi¢i han bi duong cong (L) theo

don vi dm® va lam tron dén hang phan tram.
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HEN NHAU O CONG TRUONG PAI HQC

Xét hinh v& sau véi O 1a tm hinh vudng va tia Ox di qua trung diém H ciia mot canh hinh
vubng, goi ¢ 1a goc hop boi tia Ox v tia Ot vai @ e [0; ﬂ .

1
——+2
OM +ON _cosp  _1+2cosg
2 2 2008

Ta co: r,=0P =

. X 14, 1+2cos<o
Dién tich cua duong cong (L) 1a: S=8-=|(r ) d =4 dm

BAI TAP VE NHA

Caul: Bé&c Ancé mot manh dat hinh vuéng ABCD canh 40m. Manh dat cua béc rat phu hop dé trong
hoa mau vi bén trong c6 mot ao nudc ty nhién duoc gidi han boi cac dudng cong (L), (L,) va
ba canh cia hinh vudng (xem hinh v&). Biét rang duong cong (L) 1a mot nhanh cua parabol
nhan diém E (trung diém AB) lam dinh va di qua diém F véi F e AD va 4AF = AD.
Duong cong (L,) 1a tap hop tat ca diém M sao cho khoang cach tr M dén tam | bang véi

khoang cach tir M dén canh AB . Tinh dién tich con lai caa manh dat ma bac An co thé trong
hoa mau va 1am tron dén hang don vi cia mét vudng.
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HEN NHAU O CONG TRUONG PAI HQC

Cau 2:

Yy

Dung hé truc toa &6 Oxy nhu hinh v&, don vi trén mai truc 12 10m.
(L)) co dinh E(O; 2) vaqua F(1; 0) nén parabol twong tng la y =-2x*+2 (x>0, y>0).

Goi M (x; y) latap hop céc diém tao nén (L, ), ta co:

Ml =d(M, AB)<:>\/(X—2)2+(y—2)2 :|x| S X —A4x+4+y* -4y +4=X°
& —4x-4y+8+y* =0 x:%yz—y+2.

1
Di¢n tich tam gidc cong AEF trén thyc té 2 S, =107 [(~2x* +2)dx = 4_‘?) m?.
0

Dién tich hinh phéng giéi han béi (L,) véi ba canh AD,DC,CB la
HE! 3200
S, =40° ~10° (— 2_ +2jd =2 2,
) ! SV Y2y ==

Tong dién tich ma bac An c6 thé trong trén manh dt hinh vuéng 1a S, +S, =1200 m®.

Mot lap trinh vién tao mot trod choi. Trong trd choi d6 c6 mot ving dét hinh chix nhat ABCD ¢
d6 dai cac canh AB=80m va AD =40m. Mgt con sdng nam bén canh ving dat d6 véi AD la
bd séng. Mot giéng nude khoan dwge dat tai diém | nam trong hinh chit nhat, cach cac canh
AB,BC,CD 20 mét va cach canh AD 60 mét. Nhan vat trong game khi dén cing dat nay can
phai di chuyén dén giéng nudc hodc bd song dé lay nudc. Lap trinh vién mudn t6 may mot
phan cua ving dit d6 sao cho khi dirng trong cting td may ndy, nhan vat di chuyén dén giéng
nuéc dé lay nude nhanh hon so véi dén bo séng. Dién tich ving t6 mau d6 1a bao nhiéu mét
vudng? (Gia s rang khi di chuyén, van toc cia nhan vat khong d6i; 1am tron két qua dén hang
don vi)

o~

Séng

Loi giai
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HEN NHAU O CONG TRUONG PAI HQC

Cau 3:

I I(;\\\5U x

Séng

Goi M (x;y) la diém thudc quy tich thoa man thi taco IM <d(M;AD)

Mat khac: IM =,/(x—20)2+y2 suy ra ,/(x—20)2+y2 §|x—80|<:>(x—20)2+y2 s(x—80)2

Tur d6 suy ra y* <—120x + 6000

Dién tich vung t6 mau nhu hinh v&. Khi d6 S = 40.% + %(50 - %j = 17200 ~1956.

Nguoi ta tao mot 16i di xung quanh mét san choi hinh tam giac déu ABC tam O giéi han boi
cac canh cua tam giac va mot duong cong kin (L) (nhu hinh vg). Néu diém M thudc canh cua

tam giac va tia OM cét (L) tai diém N thi taludn c6 MN =2m. Biét ring OA=6m thi dién

tich cua 16i di d6 bang bao nhiéu mét vudng (Két qua Iam tron dén hang don vi)

N

Loi giai
s s a’\3
D¢ dai canh tam gidc déu la a = OAV3 =643 suy ra S,g. = e 273

Chon h¢ truc toa do Oxy sao cho toa do cdc dinh 1a A(=6;0),0(0;0),B(3-3v3),C(3,3V3)
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HEN NHAU O CONG TRUONG PAI HQC

Vi tinh d6i xing cta (L) nén ta chi can xét phan cia (L) nam trong goc phan tu thir nhat va
thir tu cta hé truc toa do (Két qua s& nhan ba phan nay)

Goi M(3;m)eBC,N(x;y) voi (—3\/§Sms3\@,x>3):>ON = x> +y?
Khi d6 OM =ON —MN = /x* + y* -2

Goi H,K lan luot 12 hinh chiéu vudng géc caa M, N Ién truc hoanh

_OK _NK _ x_y] X+ y? t
Theo Thales, t X_D_ LI Y vl
0 Thales, 2¢O o\ =0R ~MH 3 |m|_ Jay 2 1-2 ( <4y
oA=x(t-2)=t(x-3)= 2x<:>t=— Sy=tJt?—x? =+ x 3

Tac6: OB:y=—/3x(L)= (4 4\/_) OC:y=+3xn(L)= (44\/_) )N Ox =(5;0)

Suy ra OE = OF = ,[42 +(4\@)2 =8= Sor =%OE.OF.sin120° =164/3.

5 2
Vay dién tich cua 16i di 1a: S = 3[16\/§+ jz /(2—’(3j - xzdx} — 273 % 59,9768 m? ~ 60 m?.
X_
4

Cau4: Nguoi ta thiét ké 1 dai song trén nhitng vién gach lat san hinh chir nhat ABCD ¢6 kich thuéc

lan luot 12 AB =160cm, AD =80cm bing hai duong cong (L)(L) va cac canh hinh chit nhat
(L) g MA=15d (M;BD)

nhu hinh V& trén. Biét ring néu M 14 diém thudc duong cong
(L) gy ND =5d (M;4)

song song véi BD . Hei dién tich cua dai song d6 trén mdi vién gach nay la bao nhiéu centimet
vudng (lam tron két qua dén hang don vi).

D C

néu N 1a diém thugc duong cong véi A 1a duong thing qua A va

(L1)

(L2)
A B

Loi giai

Dap an: 2026

Dau tién chon hé truc toa do OXY sao cho toa do cac diém 12
A(O; 0)’ 8(16; 0) .C (16;8)' D (0;8) voi don vi trén moi hé truc toa do 1a decimet.
Taco: BDX+2y-16=0=A:Xx+2y=0 (i quatoa do A tring géc toa do).
Xét diém M (X; y)e(Ll),OS x<16,0< y§8, khi 4y ta co:

MA:JEd(M;BD)@ x> +y? =(x+2y—16)2 <3y +4(x—16)y—32x+256 =0
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HEN NHAU O CONG TRUONG PAI HQC

- —2(x—16)4_r\/x2 —8Xx+64

Phuong trinh tuong duong véi: 3

Nhan thay duong cong (L) ¢4 AD tai tung do dwong bé hon do dai AD =8 tic y(0)<8 nén
- —2(x—16)—m

suy ra phuong trinh duong cong 3

Xét didm N(x;y)e(L,),0<x<16,0< y£8, ta c6:

ND =+/5d (M;A) < x* +(y—8)" =(x+2y)" < 3y? +4(x+4)y—64=0

| —2(x+4)£/x* +8x+64

Phuong trinh tuong duong véi: 3

Nhan thay duong cong (L) ¢4 AD tai tung d6 dwong bé hon do dai AD =8 tic y(0)<8 nén

(L )_y_—2(x+4)+\/x2+8x+64
2)" -

suy ra phuong trinh dudng cong 3

Do (Ll) NOX= (8; 0) nén ta suy ra dién tich phan dai song iy bang:

S_]3-|—2(x—16)—\/x2—8x+64_—2(x+4)+\/x2+8x+64|dx+1j9 2(x+4)+ VX +Bx+64 |
0‘ 3 3 ‘ 3

8

Ma do ta xét don vi trén mdi hé truc toa d 1a 1 decimet = 10 cm tirc mdi don vi dién tich trén

N 2 2 e 1en , £ A oA , X N , ey .
hé truc toa do Oxy bang 10° =100cm® don vj dién tich thuc té nén dién tich can tim c6 gié tri
bang:

S, =100 =2025,8 ~ 2026(cm’)

Cau5: Nguoi ta thiét ké hoa vin trén nhimg vién gach lat san hinh vudng ABCD c¢6 d6 dai canh 1a 1
mét voi phan ¢ giita 1a mot bong hoa gidi han boi duong cong kin (L) Biét rang néu M Ia
diém thudc (L) thi tich khodng cach tir n6 dén hai duong chéo cua hinh vudng bang tich
khoang cach tir né dén hai canh AB, AD hoic CB,CD . Dién tich ctia bong hoa trén mdi vién

gach nay la bao nhiéu centimet vudng (1am tron dén hang don vi).
D c

(L)

Lo gidi
Pap an: 6232
Chon hé truc toa @ Oxy sao cho toa d¢ cac diém 1a A(0;0),B(L0),C(L1),D(0;1) vadon vi

trén moi truc toa do 1a mét.
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HEN NHAU O CONG TRUONG PAI HQC

Cau 6:

Yy

DI c
N ;
' 7

5
8
(D)
s
. (L
s
8
8
s

Il \\
A NB oz

AC:x-y=0 3 BD:x+y-1=0

Khi ay ta lan luot c6 phuong trinh duong thing

Vi tinh ddi xtmg, ta chi can xét (L) gan truc hoanh nhit (sau d6 ldy két qua nhan voi bon).
Véi M (xy)eL,0<x<10<y<1x-y>0,x+y-1<0, khi 4y ta c6 phuong trinh sau:

x=y| [x+y-1

d(M,AC)d(M,BD)=d(M,AB).d(M,AD) < |X|. =| .

( )-d( )=d( )-d( )= [X[.|y] N R
— _ 2

<:>xy=(x Y)(;('i‘y 1) yz—(2x+1)y—x2—x=0:>y=2X+1i28X +1

2
Déi chiéu voi hinh vé ta ¢o y(0)=0nénsuyra L:y= 2X+1_;/m

2x+1—\/8x2+1]
2

1
Suy ra dién tich can tim 1a: S =12 —4J'( dx =0,6232
0

Ma mit khac don vi trén mdi truc toa do 12 mét tirc ing voi mdi don vi dién tich trén mat phang
Oxy no tuong tmg bang 1m? = (100)2 cm? =10*cm? trong thyc té nén ta suy ra dién tich can
timcé giatrila: S, =10°S ~ 6232(cm2)
Cho tam gidc déu ABC c6 canh bang 4, trong tam O va mét hinh tron tam O bén kinh bang 1
Ké tia Ot bét ky cit duong tron tai M , cit mot canh tam giéc tai N (OM,ON cing huéng).
Goi P la trung diém ciia MN . Khi tia Ot quay quanh géc O thi tap hop cac diém P (trung
diém MN ) tao thanh hinh (H). Tinh dién tich hinh (H) do.

A

A

Giai:
Pap an: 4,8
- Biat hé truc (Oxy) nhu hinh vé duéi day:
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HEN NHAU O CONG TRUONG PAI HQC

Cau 7:

-t (01.01)=p > ¢ <[ 07 |

243

- Vi AABC la tam giac déu — BK = =2J3 50K ==.BK e

ABA3
2

W

-Vi P la trung diém ciia MN cho nén ta c6: MP = PN =

oK _,

2
23
oK _, 3,
-Tacé: OP=OM +MP =1+ COS((") =1+ COS(Z’)
23
z ™ 3 1
: 7 3, cos
- Vay dién tich can tinh la: S =65, =6.% J.OPZ iy %J- 1+ (;o)
0 0

MN _ON-OM _ cos(¢)
2

dp~4,8

Ngudi nghé si vé mot bong hoa trén mot miéng bia hinh vuéng ABCD tam O bang mot dudng

cong kin (L) roi td mau cho bdng hoa & giira. Phan bén ngoai dwdng cong nay caa hinh vudng

thi khong t6 mau (minh hoa nhu hinh v&). Néu diém M thudc canh cia hinh vuéng ABCD va
tia OM cét (L) tai diém N thi MN =2dm. Biét ring AB=8dm thi phan duoc ngh¢ st dé

trang c6 dién tich bang bao nhiéu centimet vudng? (Két qua 1am tron dén hang don vi)
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HEN NHAU O CONG TRUONG PAI HQC

A C
~N

M

N
(L)
B D
Loi giai
y
A C

R

Chon h¢ tryc toa do Oxy, sao cho A(—4;-4),B(—4;4),C(4;4),D(4;—4) va O(0;0).

Phuong trinh canh AB: x =—4

Vi tinh d6i xtmg ctia ABCD va mién phang duoc gisi han boi (L) nén ta chi can xét phan to
Mau nam & géc phan tu th hai, phia dudi duong thang BD 1y = —x.

Goi diém M (—4;m)e AB va N(X;y), véi -4<m<4;-4<x<0va0<y<4.

=ON =/xX*+y*> VaOM =ON +2=/x*+y* +2.
’2 2
Lai c6 ON __Jx+y _ X X4y =— 2X4.
X+

OM [x¢yy? 12 4

) 2x ¥, 4x? )
=Y =~ - X'=>y=t [—e-X".
X+4 (x+4)

2
Xét phuong trinh 4x 2—x2=—x:>x=—4+\/§ (Vi -4<x<0)
(x+4)
\ N 4%° 2
Vaphuong trinh |———-X"=0=>x=-2.
(x+4)
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HEN NHAU O CONG TRUONG PAI HQC

Cau 8:

. —44-2 -2 Ax2
Suy ra dién tich hinh phang S, = J' (=x)dx + J' ~—x* |dx (dmz)
4 —4+2 (X+4)

Viy dién tich phan khong t6 mau duoc tinh theo don vi centimet vudng (1am tron dén hang don
vi) a: S =8.5,.100 ~ 4384 (cm?)

Mot bon hoa tai mot cong vién duoc ngudi Ky su thiét ké theo cach that dac biét. M6 hinh nay
dugc xay dung tir mot hinh tron va mét hinh lyc giac déu cuing tim O ¢6 bén kinh va canh lan
luot 1a 2,5m va 4m. Ngudi ta x3y dung dudng cong (L) chinh 1a tap hop tat ca diém P sao
cho khi ké tia Ot bét ky cat duong tron, luc giac lan luot tai M,N thi diém P déi xing voi
M qua N. Phan bén trong dudng tron ngudi ta trong hoa véi chi phi 200 nghin/m?*; phan
ngoai duong tron va bén trong luc giac ngudi ta trong ¢ véi chi phi 100 nghin/m?; phan bén
ngoai luc giac va bén trong duong (L) thi ngudi ta Iat gach dé tao 16i di véi chi phi 300 nghin/
m? . Hay tinh tong s6 tién nguoi ta phai bo ra dé 1am bon hoa nhu trén theo don vi triéu dong
(1am tron dén hang phan chuyc).

: 4
Goi H Ia trung diém mét canh luc giac, ta c6: OH = % = 2\/§ .
Dit ¢ 12 goc hop boi tia Ox va tia Ot (xét trén goc phan tu thir 1 ).
Tacoon =" _ 28 Liom_2s.
COSQ COSQ
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HEN NHAU O CONG TRUONG PAI HQC

Vi P d6i xtmg véiM qua N nén OM+OP _ 5\ = 0P = 20N —OM = 43 -2,5=r,.
2 CoS ¢
Dién tich hinh phang gii han boi dudng cong (L) la:
13 2 2 \
S, =12><Ej(r¢) do~ 71,7 m? (Luu vio A).
0
. N R . N . 4°
Dién tich hinh tron: S, = 7.2,5° =2ST7T m?; dién tich hinh luc giac: S, =6. f = 24/3 m?.

Chi phi bo ra cho bon hoa nhu trén la:
5, %200+(S, -8, )x100+(S -, )><300 ~15172 (nghin ddng)~ 15,2 (tridu dong).

Cau9: Mot vién gach hinh vudng c6 canh bang 60cm; hoa vin chinh trén bé mat vién gach 1a duong
cong (L), nd la tap hop bon dudng cong nhu hinh v&.

(L)

-B ..D

C
Nguoi thiét ké cho hoa van da chon A, B, Q, D Ia 4 trung diém cua 4 canh vién gach; sau do
dung cac duong cong (L) la tap hop tat ca diém M sao cho:

MaX{MA, MB, MC, MD} - Min{MA, MB, MC, MD} =40(cm)
Néu kéo dai cac duong cong nay thi ching cit nhau tai 4 diém bén ngoai vién gach tao thanh
hinh (H) khép kin. Tim dién tich hinh (H) thuoc bé mat vién gach theo don vi cm? va lam

tron dén hang don vi.

Dung hé truc toa do Oxy nhu hinh V&, ta xét nhanh phai cua (L) v6i M thude (L) thi co:
MaX{MA, MB, MC, MD}—Min{MA, MB, MC, MD}=40<:>|MB—MD=40|.

2 2

Khi d6 M thudc nhanh hypebol X—2—§=1 (a>0, b>0); trong d6 2a=40=> .
a
Hypebol nay c6 hai tiéu diém B, D néntacé ¢=0D =30=b? =c?—a’ hay |b®=500|.

2 2 2

. . X y . . X
Ph trinh hypebol 1a — ——=—=1; chon nhanh hypebol y =10y/5-,/—+1, y>0.
wong rinn Ayp 400 500 on nhnh hypebol y =10V5 200 Y
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Cau 10:

Dién tich cin tinh 1a S = 60> -8 j 1045 - ‘/—+1 dx ~ 732 cm?

MGt vién gach hinh vudng canh 60cm c6 hoa vin bén trong 1a bon duong cong nhu hinh vé.
Gid sir bon dinh vién gach 13 A, B, C, D. goi duong cong (L, ) 1a tap hop cac diém M théa mén
MC = MA+50 hoac MA=MC +50.

A

(L)

(L2)

Khi quay duong cong (L) quanh tam vién gach hinh vudng d6 mét goc 90° ta duge duong
cong (L,). Goi (H) la hinh phang gisi han boi cac dwong cong (L), (L,) va céc canh vién

gach. Tinh ti s6 dién tich cua (H)so véi dién tich cua vién gach va lam tron dén hang phan

tram.
Loi giai
y
D
» | MC=MA+50
Ta co diém M thoa méan <:>|MA—MC|=50=2a.
MA = MC +50

Do d6 tap hop diém M 1a hypebol (L,) c6 do dai truc 1én 2a =50 = a = 25 (cm)
(L,) co tiéu cy 2c= AC =60v2 = c =30v2 cm; b? =c? —a® =1175.
Xét hé truc toa dd Oxy nhu hinh v&, phuong trinh chinh tic (Ll)

2 2

2
AN A N y2=1175.[2X—52—j

25° 1175
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2
Xét mot nhanh cua (Ll) thudc goc phan tu thir nhat co y=5\/ﬁ,/zx?—l (x>25;y>0).

\ 2 , N X y
DPuong thang CD ¢6 phuong trinh ——=+——~==1 ha =30\/§—X.
8 Tne phuong it o072 T30z Y

2
Xét giao diém ciia CD véi nhanh (L, ): 547 2%—1 —30v2 - X => X~ 27,32 (luu vio A).

Dién tich hinh (H ) bang dién tich vién gach trir tong dién tich bén goc vién gach (mdi goc
dugc gidi han boi duong cong va hai canh vién gach).

A 2 3042
Do vay Sy, =602—8[j5JE,/2X—52—1dx+ | (SOﬁ—x)dezZSOZ cm? (luu vao B).
25 A

C s S
Tisé cantinh1a " = 5~ 069,
ABCD
Cau 11: Ong Bach c6 mot miéng dat hinh chir nhat ABCD véi chiéu dai 80 m, chiéu rong 40 m. Trén
A s ; . AE AF 3 R 2
manh dat ay c6 mot 16i mon EF (xem nhu duong thang) véi B _AD 4 Khong biét tir bao
gio & khu vuce nay dd c6 mot hd nude ty nhién, va mot phan hd nude do thuéc manh dat ma éng
Béch dang so hitu. Ky la thay duong cong (L) bao quanh hd nuéc chinh 1a tap hop cac diém M
sao cho d (M, AB)xd (M, EF)=+/5 m?. Hay tinh di¢n tich hd nudc trén phan dit nha dng
Bach va 1am tron dén hang don vi ciia mét vudng.
80 m

8y

6 8
Dung hé truc Oxy nhu hinh vé véi A trung goc toa do O, don vi trén moi truc [a 10 m.

Phuong trinh EF I3 g+%=l<:>3x+6y—18=0©x+2y—6=0.

>

Goi M (x; y) latap hop diém thoamén d (M, AB)xd (M, EF)=+/5 (*).
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x+2y 6|

5

(*) twong duong véi |X|- =\/§<:>X|X+2y—6|=5 (do x>0)

Véi y %(5— x+6j thi y'=—— ~1<0, Vx>0 (logi vi db thi (L) c6 diém cuc tri).
X X

Véi y=%.(—§—x+6j thi y'=— 1, y'=0= > =1= x =5 >0 (nhan).
X X X

2

Phuong trinh hoanh d6 giao diém gitra (L): y =%~(—§— x+6] véi Ox:
X

=1

S L 30 bx—5-0e| 7.

2x 2 X=5

5
Dién tich hd nudc thudc phan dat nha dng Bach la: S =107 xj%»(—i— x+6jdx ~198 m?.
X
1

Cau 12: Anh Shiper Toan c6 mdt cdi vuon dang tam giac ABC canh bang 40+/3. Anh muén chia céi
vuon d6 thanh hai phan. Phan mot dung dé trong rau va ki hiéu 1a hinh phang (H), phan hai

dung dé trong hoa. Biét hinh phing (H) latap hop cac diém M nam trong tam giac déu ABC

va thoa mén d,, »c) 210+ MB.
B
M
‘ : C
Hay tinh dién tich phan trong hoa theo don vi mét vudng (két qua 1am tron dén hang don vi)?

Loi giai
Pap an: 1736
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Cau 13:

-Taco: dy, o, 210+ MB & d 2 MB voi A//AC

-10
-bit BM =a(m)—> MC = 40\3-a a(m)
- Taco: BH =60(m),BE =50(m)— Bl =25(m)

(M,AC)

) 0(40v3-a
- Ap dung dinh 1i Tl MK _MC MK _40\3-a Q(m
BH BC 4043 4043
‘ 60(40v/3-a
- Cén bang khoang cach ta c6: MK =10+ MB eg=10+a —>a =M
4043 404/3+60

- Vay Spos =Spaec — S(H) = Ssnec _(Svang +Syanh ) = Srnec _(SABMN + S(P)MNI )
2
40+/3
— Spon = ( \/;) v [ 2;/— 2[25 \/_Ja]~1736( ?)

Cho hinh vuéng ABCD canh bang 4. Goi M 14 tap hop cac dém thoa mén véi cac tam giac
vudng c6 dinh cta hinh vuéng ABCD nhan AC lam canh huyén. Tich khoang cach tir M dén
canh huyén AC va mot canh goc vudng bang khoang cach tir M dén canh goc vudng con lai.
Tép hop cac diém M tao thanh duong cong (L) nhu hinh v&. Hy x4c dinh dién tich phan to

dam S nhu hinh vé& (phan t6 mau cam chtra tam hinh vudng & giita). Két qua 1am tron dén hang
don vi).

A D

Giai:
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y
A D
DAY
Yo
C
B XN X0 X
-Taco: AC:y+x—-4=0
2
Vo +% 4 A% =% _

- D& thay d(M‘AC).X0 =Yy, &

X =Y, >y, =——m—2=f(x
oY N (x)

4
- TaCh: Siuny = Saaco —4 [ (X)dx—2.5 (1)

XN

4%, — X}
-Ma x, =y, ©—F——=x, > X, *1,29 > STO(A)
V2 +x,,

4
-Vay S, :16—4_[ f(x)dx—2.A% ~ 4
A
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